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LOI NOI PAU

Qua hai @ minh hoa 1 va minh hoa 2 ciia B4 Gi4o duc vi Dio tao céng bo trong nim
2017 chiing téi thay ring bai thi mon todn cé 50 bai todn, tric nghiém trong sé d6 ¢ khodng
20 bai todn & mitc d9 van dung v van dung cao. Dé dat mic 8 di€m trd 1én hoc sinh cdn phai
that viing kién thidc co ban vi thanh thao cich gidi cac bai todn & miic vin dung vi vin dung
cao. Chinh vi thé trong cudn séich nay, ching t6i giéi thiéu dén quy doc gid va céc em hoc sinh
rét nhiéu dang bai tép tric nghiém & miic 4 ndy nhim gitp cicem trang bi cho minh nhitng
ki niing va kinh nghiém tridc ki thi quan trong sép t6i.

Lai khuyén ctia téc gia 1a trudc khi sit dung cudn séch nay cic em hoc sinh cin phai cé
nén tang co ban t6t tif sich gido khoa va cic dang bai tap co ban § séch bai tap, khéng nén véi
vang stt dung ngay cudn sich ndy. C6 thé truy cip Facebook tic gia Tran Cong Diéu d€ dugc
hoi dép tryc ti€p voi thdy qua dia chi: https://www.facebook.com/THAYDIEU29 hodc qua
facebook tic gid Nguyén Vin Quang. Cac em hoc sinh c6 thé tim doc thém hai cudn sich sau
day mét cubn & miic d¢ nén ting v mét cudn dé luyén tap giai dé

> TIEP CAN 11 CHUYEN DE TRONG TAM GIAI NHANH TRAC NGHIEM TOAN.

> MEGA LUYEN BE THPT QUOC GIA 2017 MON TOAN.

Mét vin dé€ nita ching toi cling muén nhdn manh cho quy ban doc 4 cudn sach 6 rit
nhiéu bai todn thuc t&, day 12 dang bai tap xust hién méi trong ndm nay. Véi su da dang bai
t4p trong cuén sach ndy thi day qua that [a mét cudn séch t6t dé cic em hoc sinh mong mudn
dat tlf 8 diém tr¢ 1én va gido vién tham khao.

Cudi ciing xin gii 16i cdém on dén téc gid clia cic bai todn ma chiing t6i ¢6 sit dung trong
cudn sich nay. Dl di réit ¢§ ging nhung chic chin khéng thé trénh khéi sai sét, rit mong
nhan dugc sy gbp ¥ tii quy ban doc gin xa. |

TPHCM, 13-2-2017
Cactacgia
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Chiidé 1. Cac bai toan thucté ingdung  Cha dé 4.Tim gia tri cia tham s6 48 ham

dao ham dé giai 56 ¢6 cuc trj théa méan cac yéu t6 dic
+ Dinh nghia dao ham cda ham s6 tai biét

mot diém, + Khainiém cuc tri ca ham sé
& Céc quy tic tinh dao ham. + Diéu kién can dé ham 56 6 cuc tri
+ Binh nghia GTNN, GTLN < Didukién d0 dé ham s o6 cuic tri

3

% Phuong phap tim GTNN, GTLN
+ Bat déng thic Cauchy cho2va 356

)

» Baitap ap dung

+ L& gidi chitiét

.,

+ Baitap p dung Chii dé 5. Tim gia tri ciia tham 56 dé hai
Loi gidi chi tiét ham s giao nhau théa man cac yéuté
dacbiét

*
g

Cha dé 2, Tim gi tri cha tham s6 dé ham
s6 don diéu trén mién % Cac budc bién ludn theo m vé s8

. ¢ dung GTNN, GTLN cira ham s6 giao/diém cla ham s& va théa méan
trén .tép 88 gidi quyét bai toan cac diéu kién vé tinh chat hinh hoc

2o

tim gi4 tri ctia tham s6 d& ham s6 phang Oxy
don diéu < Baitapapdung
%+ Stdung phuong phap tam thitc bac + L& gidi chi tiét
hai dé tim diéu kién cta tham s6 Ché dé 6, Tim gia tri cda tham sé dé tiép
<+ Baitap dp dung tuyén ciia ham s& théa man cic yéu td
didc biet

% Leigidi chitiét
Chi dé 3. Giai va bién luén phuong trinh,
bat phwong trinh dya vao ham s§

ot

- Cac dang todn tim gia tri cda tham
s& dé tiép tuyén clia ham sd thoa

. man cac yéu 19 dac biét

& Kién thitc co ban yeutodac bi

S

» Baitap dp dung

+

< Baitap dp dung

, + Lo giai chitiét
» Lo gidi chi tiét g

Pé on tap chuong 1
+ Ligiai chitiét
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“CAC BAI TOAN TH | J%C_TE

ITNG DUNG DAO HAM })E GIAI

Dau tién xin nhic la1 cac kién thuc vé dao ham day 1a phan klen thu:: trong
chuang trinh todn THPT l6p 11 hockiIL '

m so tai mot diém

Cho harn s6y=17f (I)xac dinh trén khodng (a;b) va diém %, € (6;b) néu ton tai gidi han
L T~ )

hitu han thi gidi han d6 dugc goi la dao ham claham s§ y = f ( ) tai =
Ty T — ;1;0

Ky hiéu: y'(xo) = lim =) - A=) hoic f/ (zu)

T, T — E

Luu y: Néuham s8 c6 dao him trong khodng (a;6) thilién tuc trén khoing d6 nhiing ngugc
lai thi chua chic ding,

Chiy: u = u(z), 9= 'u(m)

o(uifu), =o' +v.

w) uw.v—vi.u (k) ko' N
| = V|| =——vGiiv=(.
v fu2 v ?

o(u.'u), = u'v + w'va (k'u)’ = ku'.

{C)=0 (Cla hing s6)

W=rn e
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Tiép theo xin trinh bay cich tim GTNN, GTLN cta ham s6 mét bién bing dao ham, diyla
phén ki ning cuc ki quan trong dé dng dung giai cdc Bai toan thuc t&,

Cho ham s§ ¥ = f{x) xdc dinh trong K ( doan, khoang, niia khoéng ).
+ Néu c6 x € Ksao cho f(x) < f(sco), ¥z € K thi f.(:co)dutc_m goi 14 gia tr 1én nhit cha
ham s6 f (m)trén khodng K. Ki hiéu: maxy = f(z,)
+ Néu ¢6 z, € Ksao cho f(sc) > f(xo), Ve € K thi f:(:ﬂo)dIch goi 1 gid tri nhé nhét cha
‘hamsé f (z) trén khodng K. Ki hiéw: miny = f(z,) '

Bai todn 1: Tim gié tri 16n nhdt, gi4 i nhé nhdt cita ham 6 trén khodng K-

Phuong phdp: Lip bang bién thién trén khoang K rdi nhin trén d6 dé két luin max, min
Bai todn 2: Tim GTLN-GTNN ctia ham s§ y = f(z)trén dogn [a:0]:

Phutong phip 1: Lap bing bién thién trén doan d6 va két Iuin

Phuong pbép 2:Néu ham 56 f(x) lién tuc trén doan [a;b] thi ta ¢6 cdc budc 1am nhu sau:



??‘-"T_ié’p@nph@ngphdp Vi vin dyig ci

L. Tinh dao ham ctia ham s6 y = £(x) da cho.

2. Tim cic diém Ty5 53 T, trén doan [a;b], taido f ’(:c) = 0 hosic f ‘(a:) khong xéc dinh.

3. Tinh: f(a);f(:nl);f(xz);...;f(a:n);f(b).

4. Tim s6 Ién nhit Mva s6 nho nhét m trong céc s6 trén (& budc 3).

Khidé M = Iflab.?{f(a:), m= Iimbr]lf(:c)

a; @;

Chi y:

l. Hims§ y= f (x) lién tuc trén doan [a,; b] thi ham s§ f (m)luc‘m ton tai gid tri 16n nhét, gid
tri nhd nhét va tit ci céc gid tri trung gian nim gida gid tri nhé nhét va gid tri 16n nhit ciia him
s6 f(z)trén doan do.

2. Néu d¢ bai khong cho r5 tim gid tri 16n nhét va gié tri nhé nhét clia ham s6 trén khodng,
doan n2o ¢6 nghia I3 ta di tim GTLN va GTNN cfia ham s trén tip xdc dinh ciia ham s8 do.
min f (:ﬂ)= fla)
max f(z)= f[b]
min f (:r)= f[b)
war fej=1lo)

Ngoai ra hoc sinh cdn phai trang bj thém mét s6 kién thiic vé cc bét ding thiic co ban d&
gidi quyét cic bai ndy nhanh hon:

. 3. Tlnh dao ham v'. Néu ¢’ > 0,vz € [a;b] = [

4. Tinh dgo ham 3. Néu ¥’ <0,V € [a;8] = [

Hais6: Véi A, B >0 talubncé A+ B > 2VAB,diubingxdyrakhi A= B,
- Bas6:Véi A,B,C >0 taludbncd A+ B+ C > 3¥ABC, ddubingxdyrakhi A= B =C.

Tiép theo déy chiing ta sé cling di vio giai quyét cac bii toan thuc t€ sii dung cac kién thic
vita hoc & trén.

SR T




: Mot cong ty bt dong sdn c6 50 cin hd cho thué. Biét ring néu cho thué médi cin ho véi
gid 2.000.000 dong mdi thing thi moi cin hd déu c6 ngudi thué va ¢if méi l4n ting gid
cho thué méi cin h¢ 100.000 ddng mbi théng thi cé thém 2 ciin hd bibd tréng. Mudn c6
thu nhip cao nhét, cong ty d6 phai cho thué véi gid mdi cin hd 1a bao nhiéu?
A.2.250.000 B. 2.350.000 C. 2.450.000 D. 2.550.000

> Mot cda hang ban buéi Doan Hing cira Phii Tho véi gid ban méi qua 13 50.000 déng.
Véi gia bén nay thi cita hang chi ban dugc khodng 40 qud budi. Cita hang nay dy dinh
giam gid bdn, udc tinh néu clia hang cd gidm mébi qua 5000 d6ng thi s6 budi ban dugc
ting thém la 50 qud. X4c dinh gid ban dé clra hangdé thu dugc lgi nhuén Ién nhit, biét
rang gid nhap vé ban ddu mai qua 1a 30.000 déng
A. 44.0004 B. 43.0004 C.420008 D. 41.0004

I Mot xe khach di tit Viét Tri v& Ha Noi chd t5i da dugc 11 60 hanh khach mét chuyén,

Néu mét chuyén chd duge m hanh khdch thi gid tién cho mdi hanh khich dugc tinh 1

2
[300 - -5-221—} déng. Tinh s6 hanh khach trén méi chuyén xe € nha xe thu dugc Igi nhugn -

mdi chuyén xe 14 16n nhit?
A.30 B.40 .50 - D.60

3 Mot cong ty chuyén sin xudt thimg phi nhin dugc don dit hang véi yéu cdu 13 thing
phai chtta dugc 167(m® ) mdi chiéc. Hoi chiéc thing phai cé kich thudc nhu thé nao dé
5an xudt ton it vat liéu nhit?

A R =2(m):h = 4(m). B. B =4(m);h =2(m).
C.R=3(m);h=4(m). D.R:4(m);h=4(m).

ia dinh 6ng Thanh nudi tém véi dién tich ao nudi 13 100, Vy tdm vita qua ong nudi
vdimitdolai (Icg / m?|tom giéng va téng san higng tém khi thu hoach dugc khodng 2
tén tém. Véi kinh nghiém nuéi tdm nhiéu nim, éng cho biét cif thi gidm di (200 / m?)
tom gidng thi téng sdn higng tém thu hoach dugc 2,2 tdn tdm. Viy vu t6i dng phai tha
bao nhiéu kg t6m gi6ng d€ dat sin Iugng tdm cho thu hoach 12 16n nhat? (Gia si khoéng
c6 dich bénh, hao hut khi nudi tém gidng).

A. 3::”—0@ B. 70kg C. 72kg D. 69kg




Tidp ciin phuong phap vé vén dyng cao tron

fBat6: DO gidm huyét 4p cha mot bénh nhan dugc do béi cong thitc G (x) = 0,025z (30 :c)

-~ trong 46 (mg) va z > 0 14 lugng thudc cén tiém cho bénh nhén. D& huyét ép giam

nhiéu nhét thi cin tiém cho bénh nhin mdt liéu lugng bing bao nhiéu:

A. 15 mg. B. 30 mg. . C.40mg. D. 20 mg.
 Sau khi phat hién mot bénh dich, cie chuyén gia y t€ udc tinh s6 ngudi nhiém bénh ké
tif ngay xuft hién bénh nhéan ddu tién dén ngay th t1a G () = 45¢% — t*, (két qua khio
sat dugc trong 10 théng vita qua). Néu xem G '(t) la t6c d6 truyén bénh (ngudi/ngay)
tai thoi diém ¢ thi téc d§ truyén bénh 16n nhét s& vao ngay thi:
A.25 B.30 C.20 D. 15

: Hing ngay, myjc nudc clia con kénh 1én xadng theo thily tridu. Dé siu A (m) ciia mulc nude

trong kénh tinh theo théi gian t(h) trong ngay cho boi céng thiic A = 3cos T E] +12.
: A r, k] A Y rd el p) a & X 6 3

Khi nao myc nude ctia kénh 12 cao nhét v6i thoi gian ngén nhét?

A.t=10(h). B. t =14(A). C.t=15(h). D. ¢ = 22(h).

(D€ minh hoa Qudc gia 2017): Cho mdt tim nhém hinh vudng canh
12¢m. Ngufdl ta cat & 4 gbc clia tdm nhom d6 bén hinh vuéng bing
nhau, méi hinh vudng ¢6 canh bing = (cm), rdi gdp tdm nhém lai nhu
hinh v& duéi diy d& duge mot ci hop khoéng ndp. Tim z d€ duge mot
cai hdp c6 thé tich 16n nhit.

A.z= 6(cm) B. z = 3(cm)

Cz= 2(cm) D.z= 4(cm) —

12

» Cudn séch gido khoa ciin mot trang chi ¢é dién tich 1a 384cm?. Lé trén va dudila 3em,
1€ trdi v 1€ phai 13 2 ¢m. Kich thudc t6i vu cla trang gify?
A.Dii 24 em,rdng 17 cm. B. Dai 30 cm, rong 20cm.
C.Dai 24 cm,rong 18 cm. D. Dai 24 cm,réng 19 cm.
BBaiTH Trong t4t ca cic hinh chit nhat ¢6 chu vi bing 16cm thi hinh chit nhat d6 c6 dién tich
1én nhat bing bao nhiéu?
A. 36cm? B. 20cm’ C. 16cm? D. 30cm?
Mot man dnh hinh chii nhit cao 1,4 mét va &3t & d6 cao 1,8
mét so v&i tdm mat (tinh ti diu mép dudi ctia man hinh). 14
Dé nhin rd nhat phai xdc dinh vi tri diing sao cho goc nhin B)
16n nhit. Hay x4c dinh vi tri 6? Biét ring géc BOC nhon. 3.

A A0=2,4m B. A0 =2m A&. ................... o
- CAO=26m D.AO =3m

Batiss Mot cong trinh nghé thuat kién tric trong céng vién thanh ph6 Viét Tri c6 dang 12 mét
toa nha hinh chdp t& gidc déu noi ti€p mot mit cdu céd ban kinh 5(m). Todn bo tda nhi
d6 dugc trang tri cic hinh 4nh lich st v tigng anh hiing, do viy d€ 6 khéng gian réng
bén trong tda nha ngudi ta d4 x4y dyng tda nhd sao cho c6 thé tich 16n nhat. Tinh chiéu
cao cita toa nha dé.

A.h:%g(m) B.hzi%(m) c.h=—2—§-(m) D.h=§(m)

3 3




BESEE Khi nudi c4 thi nghiém trong hé, mot nha sinh hoc #i nhan thiy ring: Néu trén mdi don
vi dién tich ca mét ho ¢6 n con ca thi trung binh méi con cd sau mét vu ¢an ning la
P(n) = 480 — 20n (g) Haéi phai tha bao nhiéu con c4 trén mét don vi dién tich clia mit
ho dé sau mot vu thu hoach dudc nhiéu cé nhit?
A.14 B.13 - C 12 ' D.11

el
7

PBALA5: (Trich tit lugn vin thac si Nguyén Vin Bao): Mot khiic gb tron hinh v
tru cdn xé thanh mat chiéc xa c6 tiét dién ngang 1a hinh vudng va A ;

4 miéng phu nhu hinh vé&, Hay xéc dinh kich thu6c cla cdc miéng iz _______ ' A
phu dé€ dién tich sit dung theo tiét dién ngang la :lc’m nhit. Biét
dudng kinh khic gb la d.
A.R@ngMd,déi'?_—‘h_Td_ B-Réng‘/a_&'@d,déi 7--«/1—7:(1.
16 4 15 4
C.R@ngMd,dgﬁ V7~\/1_7d' D-Réng‘/éz_s"/id,dai 7—4\/ﬁd_
4 13

6: Nha Long muén xéy mét hé chida nuéc cé dang mot khdi hop chii nhit c6 ndp day cb
thé tich bing 576m’. D4y hé la hinh chil nhit cé chiéu dai gap doi chiéu rong. Gid tién
thué nhéan céng @€ xay hd tinh theo m?* 1 500.000 d6ng/m?. Hiy xéac dinh kich thuéc
ctia hé chia nudc sao cho chi phi thué nhan cong li it nhét va chi phi d6 12 bao nhiéu?
A.Rong 6m, dai 12m, cao 8m. Tién: 216 triéu
B. Rong 6m, dai 12m, cao 8m. Tién: 215triéu
C. Rong 6m, dai 12m, cao 8m. Tién: 214 triéu
D. Rong 6m, dai 12m, cao 8m. Tién: 213 triéu

WESii7: Mot cong ty chuyén sin xuit container mudn thiét ké céc thiing g dung hang & bén

trong c6 dang hinh hép chit nhét va khéng cé ndp, cé day 13 hinh vuong. Thing gb ¢6

thé chita dugc 62,5m>. Hai cdc canh ciia hinh hdp chii nhit ¢é d6 dai & bao nhiéu dé
tdng dién tich xung quanh vi dién tich mit ddy ctia thiing 12 nhé nhit?
5J_

J’

A. Canh bén: 2,5m, canh déy: 5m B. Canh bén: 4m, canh déy:

C. Canh bén: 3m, canh day: 5J~ - D. Camh bén: 5m, canh ddy: —— 2

PBEIE; Tim dién tich 16n nh#t clia hmh chii nhat néi tlep trong nifa dudng tron ban kinh R,
néu mét canh ctia hinh chit nhit ndm doc theo duding kinh ctia hinh trén ma hinh chii
‘nhit d6 ndi tiép? '

A.2R? B.5R? CR D.3R*

B3 (D& thi thit THPT Viét Tri 1dn I): D& thiét k& mét chiéc bé c4 hinh hdp chit nhit c6 chiéu
cao 4 60cm, thé tich 12 96.000cm’, ngudi thg ding loai kinh dé st dung lam mit bén c6
gid thanh 70.000 déng/m?® v logi kinh d€ lam mt ddy c6 gid thanh la 100.000 déng/m?,
Chi phi th4p nhét d€ hoan thanh bé ¢4 1&:

A.83.200.000 dong  B.382.000 déng C. 83.200 d6ng D. 8.320.000 déng



Ngudita 'ml_ié’n mg vang cho mét cdi hdp cé ddy 1a hink vuéng khong cé nip cé thé tich
chifa duigc 4dm’. Tim kich thudc ctia thimg dé higng ving ma 13 #t nhét. Gia st d¢ day
ctia 18p ma tai moi noi trén mit ngoai hdp la nhu nhau:

A. canh ddy: 2dm, cao: 1dm B. canh day: 2dm, cao: 2dm
C. canh ddy: 1dm, cao: 2dm D. canh ddy: 2dm, cao: 3dm

BB Ong Thanh nudi c4 chim & mot céi ao c6 dién tich 1a 50m?2. Vu trudc dng nudi véi mét
d6 14 20 con/m? vi thu hoach dugc 1,5 tin ca. Theo kinh nghiém nudi cd clia minh thi
cd thd gidm di 8 con/m’ thi méi con ¢4 khi thu hoach ting Ién 0,5 kg. Viy vu téi éng
phéi bao nhiéu con ca giéng d€ dugc téng ning suit khi thu hoach 13 cao nhit? Gia st
khong c6 hao hyt khi nubi.

A.512 con B. 511 con C. 510 con D. 50%con

WEB&22 Ngudi ta cdn 1am mét hop theo dang mét khéi ling tru déu khéng nép vdi thé tich 16n
nhdt tit mét miéng tn hinh vuéng c6 canh 13 1 mét. Tinh thé tich cla hép cin lam.

AV =2 dm? B.V = > dm? cv="am D.V =2 dm?
27 27 27 27

Mot ngudi ndéng dén ¢ 3 tAm 1udi thép B40, mbi tdm dai ¢ (m) va mudn rio mdt ménh
vidn doc bé séng c6 dang hinh thang can ABCD nhu hinh vé (bd séng 13 duding thing
DCkhéng phii rao). Hbi 6ng ta cé thé rao duge manh vudn ¢6 dién tich 16n nhat 13 bao
nhidu m??

A B

[

C. \/Eaz D. 3\/56:2
4

2
i A. 302 B. 5\/5_‘3 5

PEAIZE Mot cong ty mudn im mot dudng Sng din tif mét diém A trén by dén mot diém B
trén mét hén ddo. Hon dio cich by bién 6km. Gid thinh d€ x4y dudng Gng trén bo a
50.000USD méi km, va 130.000USD m&i km dé xay dudi nuée. B 1a diém trén bo bién sao
cho BB vudng géc v6i bo bién. Khodng cach tlii A dén B 12 9km. Vi tri C trén doan AB’
sao cho khi ndi 6ng theo huéng ACB thi s6 tién it nhdt. Khi d6 Ccich A mét doan bing:
A.9%m B. 6,5km C. 5km D. 4km

Bai 25: Mot gia dinh can xéy mot cdi bé midc hinh tru ¢6 thé chda dugc 150m? cé déy dugc
lam bing bé tong, thanh lam béng tén, bé mit lam bing kinh. Tinh chi phi thip nhat
cdn diing € xay bé nudc d6. Biét gid thanh vit liéu lam bing bé téng ¢6 gid thanh I
100.000d6ng/m?, lam bang ton R 90.000 déng/m? bé mit 1am bing kinh 4 120.000
dbng/m?. (S§ tién d€ xay dugc tinh 1y gid tri lon hon gén nhit v6i s6 tién tinh todn trén

I thuyét),

'7 A. 15.041.0004 B. 15.040.0004 C. 15.039.000d D. 15.038.000d




- BBEIE C6 mot tim gd hinh vudng c6 ¢4 dai canh 13 2m; Cét tdm g do6 thanh t4m gb c6 hinh
dang la mot tam gidc vudng sao cho téng clia mét canh tam gidc vudng va canh huyén
ctia tdm gb tam gidc vudng d6 bing 1,2m. Hai canh huyén ciia tdm g6 tam gidc vudng
d6 béng bao nhiéu d€ hinh tam gidc vudng c6 dién tich 16n nhdt.

A.0.8m B.0,9m C.1lm : D.1,1m

7i Anh Tuin mudn xiy dung mét hé ga khéng cé nip day dang hinh hop chit nhat c6 thé
tich chia ddgc 3200cm’, ti s6 gifta chiéu cao va chiu rdng cta hd ga bing 2. Xac dinh
dién tich ddy cia h& ga d€ khi xay hé tiét kiém duge nguyén vat lidu nhit.

A. 170cm? B. 160cm? C. 150cm? D. 140cm?

Mot trung tdm thuong mai béan 2500 ti vi méi ndm. Chi phi giii trong kho 13 100.000 d8ng
mét cdi ti vi mdi ndm. D€ dit hang chi phi ¢6 dinh cho méi 14n dit 14 200.000 déng cong
thém 90.000 d6ng méi cai ti vi. Trung tim nén dit hang bao nhiéu l4n trong méi nim
va moi 1an bao nhiéu céi d€ chi phi hang t6n khoila it nhit Biét ring méi l4n dit hang
vé chi c6 mét ni¥a trong s6 d6 dugc trung bay & ciia hang.

A. Dt hang 25 lin, mdi l4n 100 ti vi B. Pt hang 20 lin, m&i lan 125 ti vi
C. Pt hang 10 ln, méi lan 250 ti vi D. Dt hing 50 14n, méi 1n 50 ti vi

B2i29; Mia ndy cong ty sach dinh ra 2 cudn tric nghiém ILy vi Todn v6i gid san xudt [3 200.000
nghin d6ng va 300.000 nghin dong. Khi d6 ham lgi ich clia ching 13 u(x; y) = x"*y"*
v4i %, ¥ 14 36 lugng hai cudn sdch dugce in ra. Nhung ban quén tri chi déng y dua ra s8
tién 300.000.000 triéu d6ng. Theo ban phai sén xudt s§ lugng nhu thé nao d€ dat doanh
thu cho cong ty sach cao nhit? '

3 3 -5 3
A. (?9?]6 triéu. B. (@]6 triéu. C (-?%1]6 triéu. D. [%)6 triéu.

1B3i30: C6 hai cdy cot dyng trén mit d4t 1an lugt cao 1m va 4m, dinh cla hai ciy c6t cach nhau
5m . Ngudi ta cin chon 1 vi trf trén mit ddt (ndm gitta hai chin cét) d€ giing day néi dén
hai dinh ¢t d€ trang tri nhu hinh dudi. Tinh d6 dai ddy ngdn nhat.
A. V41, B.+/37. |
c. V29. D. 34/5. 5

Ty

LY

1

TBe

i; Cho hinh hdp chit nhit ABCD.A'B'C’'D’ ¢6 téng dién tich tdt ci cac mat 1a 36, dd dai
dudng chéo AC” bing 6. Hdi thé tich ciia hinh hdp lén nhét 13 bao nhitu?

A8 - B2 C. 8\/5 D. 2443.

PBAiSE Mot ca si c6 budi didn am nhac c6 gid vé da thong bio 12 600 d6 Ia thi sé c6 1000 ngudi
ddt vé. Tuy nhién sau khi d4 c6 1000 ngudi ddt vé yéi gid 600 d6 la thi nha quan li kinh
doanh ctia ca si nay nhén thdy, cd véi mdi 20 dé la gidm gid vé thi s& thu hiat thém 100
ngudi mua vé nén dng quyét dinh md ra mdt chudng trinh giam gid vé. Tim gia vé phu
hgp d€ c6 dugce s6 tién vé thu vao 1a cao nhit vi s& tién d6 1a bao nhiéu?

l‘mL——---
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E,Btalf

37; Do nhu cdu s dyng, ngudi ta cin tao ra mét ling try diing cé d4y 13 hinh vuéng canh

A

'-’éﬂg@pmmgpmp va vén dyng cao tror

A. 400 d6 1a/ v¢, 56 tién thu vao 12 800 000 d6 la.
B. 400 dé Ia/ vé, s6 tién thu vio 13 6400 000 &6 la.
C. 100 d0 la/ v¢, 56 tién thu vao 13 11 000 d6 la.
D. 100 d6 la/ vé, s§ tién thu vao 12 110 000 d4 la.
: Bdc ndng din mudn Fam mét hang rio tréng rau Hine 1o
hinh chit nhét c6 chiéu dai song song v&i hang j
tudng gach. Bac chi lam ba maét hang rao bdi vi
mat thi tv bic tin dyng luén by tiudng. Bic dy 4
tinh s& dliing 200m ludi sit d€ 1am nén todn bo

hang rao dé. L l
Dién tich dét tréng rau 1dn nhét ma béc c6 thé T >

rac nén la: B tuong x

A.1500m. B. 10000m”.

C. 2500m*. D. 5000m.

: Mot ngudi c6 mét dai ruy biang dai 130cm, ngudi d6 cén boc dai
ruy bdng nay quanh mét hop qua hinh tru. Khi boc qui, ngudi nay
ding 10cm ciia déi ruy bing dé thit no & trén nép hop (nhu hinh

v& minh hoa). Hoi dai ddy ruy bing c6 thé boc dugc hop qua cé thé

tich 16n nhit 14 13 nhiéu ?

A, 4000w cm’® B. 10001 em®
C.2000m cm?® D. 16007 cm?®

Thé tich nuidce chia mét bé boi sau # phiit bom tinh theo cong thiic v(¢) :1%5 308 —-tg (0s£<90).
T6c d6 bom nuide tai thoi di€m f duge tinh béi v(t) = V '(t). Trong cac khing dinh sau,
khang dinh nio ding.

A. Toc 49 bom gidm tli phit thi 60 dén phat thit 90.

B. T6c dd bom luén gidm.

C. Toc d6 bom tang tif phut O dén phit thi 75.

D.Ca A, B, C déu sai.

PBaI3E; Khi sén xuft v lon sifa bo hinh try, cic nha thiét k& luén dit muc tidu sao cho chi phi

nguyén li¢u lam vo lon 2 it nhdt, téc 13 dién tich toan phan cha hinh try 13 nhé nhit.
Muén thé tich khdi tru dé bing 2 va dién tich todn phdn phén hinh tru nho nhiét thi ban
kinh ddy gin s& ndo nh4t?

A.07. B.06. C.08. D.0,5.

a va chiéu cao k, c6 thé tich 1m®. V6i a,h nhu thé ndo d€ d& tén nhiéu vit liéu nhat?

A.a=1h=1. B.ﬂ!=l h=% C.g:l,’h-_‘i. D.a=2h=2.

3;
1




i Cho mét tdém nhém hinh chit nhit ABCD ¢6 AD =60cm. Ta gip tim nhom theo 2
canh MN va PQ vao phia trong dén khi AB va DC triing nhau nhi hinh vé d€ dugc
1 hinh ling try khuyét 2 ddy. Tim x d& thé tich khéi ling try 16n nhit?

B M g c M
4 x N e‘ x D N Ol S P
_,E . §lem : i
A x=20. B. x=30. C. x=45, D. x=40.

PBaiSHE Mot sgi day kim loai dai 60cm dugc cit thanh hai doan. Poan day thi nh4t u6n thanh
hinh vuéng canh 4, doan day thit hai uén thanh dudng tron ban kinh r. D€ téng dién
tich cita hinh vuéng v4 hinh tron nhé nhét thi ti s6 £ nao sau day dang?

A2 B.3. C.4. ’ D. 1.

PBIAE Trong mot cudc thilam d6 ding hoc tip do tridng phit dong, ban An da nhd bs lam
1 hinh chép ti gidc déu bing cich 14y 1 ménh ton hinh vuéng ABCD c6 canh bing 4,
cit manh ton theo céc tam gidc cAn AEB; BFC;CGD;DHA; sau @6 gd cic tam gidc
AEH;BEF;CFG; DGH sao cho 4 dinh A,B,C,D triing nhau nhu hinh vé. Thé tich lén
nhét cia khéi td gidc déu tao dugc la:

AL g &
36 24"

ez D. 42°
54 81"

BBaEAE Trong cac hinh tru néi tiép hinh ciu ban kinh R, hay tim hinh try cé thé tich 16n nhit.
3 3 8zR®
A, 47R° B. 7R c 77k p. 878
33 33 33 3V3
Cho s8 duong m . Hay phéan tich m thanh téng clia hai s6 dudng sao cho tich ciia chiing
12 16n nhit. ‘

AT B. M ¢z D2
5 4 3 2
PEAi#3] Tim hai s8 c6 hiéu 13 13 sao cho tich clia chiing Ia bé nhit.
A-Bu1B B._183w3 . Bu2 D. 13 65
2 2 4 4 5 5 6 6



Tiép cin phuong phip va vin dung

i Hay tim tam gidc vudng c6 dién tich 16n nh4t néu téng ctia mot canh géc vudng vi canh
huyén béng hing s5 2 {2 >0).

A _d . _a _2a
.maxS(:r;) = —— khi AB-E, Bc_?

by ol

[al}]c 5\/2— khi AB —g, BC:%.
zia ] 4J" khi AB= BC=~2~3£.
I[nz;}]: f/— kthB:%, BC=%.

i Cho mjt tam gidc déu ABC canh . Ngudi ta dung mét hinh chit nhat MNPQ cé canh
MN nim trén canh BC, haidinh P vi Q theo thit ty nim trén hai canh AC vA AB ciia
tam gidc. Xdc dinh vj tri ctia dim M sao cho hinh chit nhét ¢6 dién tich 16n nhét va im

gid tri 16n nhét dé.a . o
A. 1[1;?](5(:0) :5[3] =— B. I[EETS(SC):S[E]= —
c Iﬁ%Ts(m) ~s[2)- “/58 . D T;%Ts(x) -s[2)- ‘/f;z .

f Cho parabol (P}: y =" va diém A(~3;0). Xdc dinh diém M thudc parabol {P) sao
cho khoang cich AM 12 ngin nhét va tim khoing cdch ngén nhét d6.
A.M,(-1;3); AM, =+7. B. M, (-1;1); AM, =+/5.

M, (-2:1); AM, =+5. D. M, (~2;3); AM, =1L,
§ Mot tap chi duge ban vdi gid 20 nghin ddng mdt cudn. Chi phi xuft ban x cuén tap
chi (bao gom: liong cén b, cong nhan vién, gidy in, ...) duge cho bdi cong thic
C(x)=0,0001x* -0,2x+10000, C(x) duoc tinh theo don vi van déng. Chi phi phat
hanh cho mdi cuén 12 4 nghin déng,
1) a) Tinh t8ng chi phi T(x) (xuit ban va phét hanh) cho x cudn tap chi.

T|x

b) Tis6 M(x) I dugc goi 14 chi phi trung binh cho mét cuén tap chi khi xudt ban
x

x cubn. Tinh M(x) theo x va tim s8 lugng tap chi c4n xu4t ban sao cho chi phi trung
binh I3 thip nhit.
2) Céc khoén thu bao gém tién béan tap chi va 90 triéu nhan duge ti quang cdo va sy trg
giap cho béo chi. Gid sti s6 cudn in ra déu dugc ban hét.
a) Chiing minh ring s6 tién lai khi in X cuén tap child L(x)=-0,0001x? +1,8x—1000.
b) Héi in bao nhi¢u cudn thi ¢é Iii.
c) In bao nhiéu cuén thi 13i nhiéu nh4t? Tinh s6 tién l3i.

| IS




BESEET Mot hanh lang giGia hai tda nha c6 hinh dang cfia
mdt hinh ling try ddng. Hai mit bén ABB'A'va
ACC’ A’ 13 hai tdm kinh hinh chi nhit dai 20 m,
rong 5 m. Goi x (mét) la d6 dai canh BC.

a) Tinh thé tich V cta hinh lang tru theo x.

b) Tim x s2o cho hinh ling try cé thé tich I6n nhit % B

va tinh gid trj l6n nhit d¢.

Cho hinh vudng ABCD véi canh ¢6 do dai bing 1 v cung AB 1a mot phén tu dudng
tron tim A, bén kinh AB chifa trong hinh vudng. Tiép tuyén tai diém M clia cung BD
cit doan thing CD tai diém P va cit doan thing BC tai diém Q. Ditx=DP vay= BQ.

PBaAE:

a) Chiing minh ring: PQ* = +y* -2x—2y+2 va PQ=x+y. Tii d6 tinh ¥ theo x.
b) Tinh PQ theo * vatim x d& PQ c6 do dai nho nhit.

B3i50; Mot ngon hai ddng dit & vitri A cich by bién mét khodng AB=5 (km). Trén bd bién
c6 mét cdi kho & vi tri C cdch B mét khoang la 7 (km) Ngudi canh hai ding cé thé
chio d6 tit A dén diém M trén by bién véivan téc 4 (km/h) rdidibo dén C véivin
t6¢ 6 (km/h). Xéc dinh v trf cia diém M &€ ngudi 46 dén kho nhanh nhit.

5157 Mot hinh chép ti gidc déu ngoai ti€p hinh cau ban kinh a.
4a°x*

a) Cht’ing minh réing thé tich cfia hinh chépka v = + trong d6 X 13 chiéu cao cha

b) Vi gid tri ndo ciia X, hinh chép ¢6 thé tich nho nhit.
31837 Mot soi déy kim logi dai 60 (cm) dugc cit thanh hai doan. Poan day thii nhét dugc uén

thanh hinh vudng, doan th hai dugc udn thanh vong tron. Phai cit sgi day nhu thé nao
dé téng dién tich cha hinh vuéng va hinh tron 12 nhé nhit.

F?”‘i-: Ngudi thg cdn lam mot bé c4 hai ngin bang nhau, khong c6 ndp & phia trén véi thé tich
1,296 m®. Ngudi tho ndy cit cic tdm kinh ghép lai mét bé ca dang hinh hop chii nhat véi
3 kich thu6c mbi ngin la a, b,c nhu hinh vé. Hoi ngudi the phii thiét ke cic kich thude
a, b, ¢ bang bao nhiéu d€ d& tdn kinh nhét, gia st d6 ddy clia kinh khéng dang ké.

A, a=36m; b=0,6m; c=0,6m "
B. a=2,4m; b=0,9m; c=0,6m 4

C. a=0,9m; b=12m; c=06m '
D.a=12m; b=12m; ¢=09m |

b



e v,

Tiép cin phutong phip vicvan dung:

BEATSA: Mot vat chuyén ddng ¢6 phuong trinh 13 S (t) = 40sin [vrt + %],(t (s)), quing dudng
tinh theo don vi la mét.
a. Tinh vin t8c cira vt chuyén dong tai thoi diém = 4(s).
b. Tinh gia t5c ctia vt chuyén dong tai thoi diém t=6(s

).
F Mot vit roi tut do c6 phuiong trinh chuyén déng 1a (¢) = 5¢%,(¢(s)), 46 cao tinh theo

don vila mét.
a. Tinh vin t6c clia vat roi ti do tai thoi difm ¢ = 6(5).
_b. Sau thoi gian bao 4w thi vét roi ty do dat van t6c 50(m/s).
PEaisel Mot vat chuyén dong c6 vin téc dugc bifu thj bdi cong thicla v (t) =5t + Tt (t (s)),
trong d6 U(t) tinh theo don vi (m/s).
a. Tinh gia t6c cha vét tai thei diém ¢ =2(s).
b. Tinh gia t6¢ ciia vat tai thdi diém vén t6¢ chuyén dong clia vat bing 12 m/s.
Y8357 (DEKSCL THPT Viét Tri)
Mot chit diém chuyén dong theo quy luat S (t) =143 - ta,t(s). Van tbc 'U(m / S)
clia chuyén dong dat gié tri 16n nhét khi ¢ bing bao nhiéu. '
A t=4. B.t=3. Ct=2 D.t=1.

s8] Hang ngay, muc nude cha mot hd thily dién & mién Trung 18n va xung theo lugng
nuidc mua, va cic sudi nude d6 vé hé. T lic 8h sdng, dd siu clia myc nudc trong ho
tinh theo mét va l1én xuéng tinh theo thoi gian ¢ (gi®) trong ngay cho bdi cong thdc:

3
h(t) = 24t + 5¢t° — % Biét rang thong béo cho céc ho din phai di ddi trude khi x3 nude
theo quy dinh trudc 5 git. Hoi cin thong bio cho hé déin di dét truée khi xa nude 14 lic
mdy gi¢. Biét ring myc nudc trong hé phéi lén cao nhit méi x3 nudc.
A.15h B. 16h C.17h D. 18h
1597 (D€ minh hoa Qudc gia 2017 )

Mot 6 t6 dang chay véi vin t6c 10m/s thi ngudi 14i dap phanh, ti thei diém ds, 6 t6
chuyén dong cham dén déu v6i van t6c v(t) = —5¢ +10,(m / s), trong d6 t 11 khodng
thdi gian tinh bang giay, ké tli lac bit ddu dap phanh. Hai tii ldc dap phanh dén khi diing
hdn, 6 t6 con di chuyén dugc bao nhiéu mét?
A.02m B.2m C10m D.20m

2 Mét con ca héi bai nguge dong (tli noi sinh sdng) dé vugt khodng cach 300km (t6i

ndi sinh san). Vin téc dong midc la 6km/h. Gid st van t8c boi clia ¢4 khi nudc diing




yén la v km/h thi ning lugng tiéu hao clia cé treng thi gian t gi¢r cho bdi cong thiic
E(v) = cv™, trong d6 c 14 hing s6 cho trudc; E tinh biing jun. Van t3c boi clia c4 khi
nudc ding yén d€ ning ligng clia ¢4 tiéu hao it nhit bing bao nhiéu?

A. 9km/h B. 6km/h C. 10km/h D. 12km/h

 (Trich tir lugn vin thac si Nguyén Van Bdo):

Chi phi vé nhién liéu clia mét tau dugc chia 1am hai phdn. Trong d6 phdn thi nhit
khéng phu thudc vao van tdc va bing 480 ngan déng/gid. Phén thit haj ty [é thuan véi
lap phuong ciia vén t6c, khi v = 10km / h thi phdn thi hai bing 30 ngin déng/gis. Hay
xéc dinh vin t6c cia tau d€ t8ng chi phi nguyén ligu trén 1 km dudng 13 nhd nh4t?
A. 10k/m B. 15km/h C. 20km/h D. 25km/h
BE3IEZ: Mot vt roi ty do véi phdong trinh chuyén dong 5 = % gi*, trong d6 g=9,8m/s’ vat
tinh bing gidy (s). Van téc clia v4t tai thoi diém ¢ =5s bing:
A. 49m/s. B. 25m/s. C. 10m/s. D.18m/s.
YBaTEs: Mot chit diém chuyén dong thing theo phuong trinh § =7’ -3¢ +4¢, trong d6 ¢ tinh
bang gidy (s) vi § dugc tinh bing mét (). Gia téc cla chit diém Kic # =25 bing:
A dm/s". B. 6m/ s> C. 8m /5% D. 12m/ s>,
RBai8E; Cho chuyén dong thing x4c dinh bai phuong trinh § =#° 4312 —9¢+27, trong d6 ¢ tinh
bing gidy (s) va S dugc tinh bing mét (M) . Gia téc cira chuyén dong tai thoi diém van
t6c trigt tiéu la: .
A. Om/s. B. 6m/s". C. 24m/ s, D. 12m/5".
gBates: Mot chat diém chuyén dong theo quy luat S —% %rz +2¢-100, { tinh theo gidy; chét

diém dat gid tri nhd nhit tai thoi diém:
A t=1. B.t=16. C.t=5. D. #=3.

FB3IGEE Mot vat dang chuyén dong voi van tSc 10m /s thi ting tc véi gia téc a(t) = 3t +12(m/ s°).
Héi quéng dudng vit di dugc trong khoang thoi gian 10 gidy ké tit ltic bit d4u ting t6c?
A. 11100, B, @ . c. 400 p. %%,

FESE7: Mot vét chuyén dong véi van tdc v(t) (m/s), co gia tdc v'(t) = -ti—l(m /5%). Vn t8c ban
ddu ca vitla 6m/s. Van téc clia vt sau 10 gidy 1a (lam tron két qui dén hang don vi):
A 14m/s. B. 13m/s. . Cllm/s. D.12m/s.



W Ghichicoaer:

Goi z1a gid cho thué thyc t& cfia mdi cin hd, (z: déng; z > 2000.000 d6ng).
Ta c6 thé 13p lndn nhu sau:

arasesmassrnnsran

Tang gid 100.000 ddng thi ¢6 2 cin ho bj bo trdng.
Tang gia x—2.000.000 dong thi c6 bao nhiéu cin bi bd tréng?
Theo quy tic tam xuft ta 6 s6 cén bi bé tréng la:
2(x—2.000.000) _ x=2.000.000,
100.000 50.000

Do d¢6 khi cho thué vdi gid x d6ng thi s cin h cho thué la: :

_x=2000000 x oo

50.000 50.000 i

Goi F(x) 1 ham Igi nhugn thu dugc khi cho thué céc cin ho, (F («): déng). }

Ta ¢b F(z) = [~

siurkssidnnann

L ci90lz=— a® +90z (bing s6 cin ho
50.000 50.000 :

cho thué nhan véi gié cho thué méi cin hd).
Bai todn tré thanh tim gia tri 16n nhét cha F (x)=-
diéu kiénz > 2000.000.

¥ +90x véi
50.000 :

Fi(a)= _25.;00“90

z+90=0 <« z=2.250.000

1
Fla)=0e ~ 25.000

Ta lap bang bién thién: .
X 2000.000 2.250.000 oo
Fi(x) + 0 .

Iznax
F(X ) / \

Suy ra F(x) dat gid trj 16n nhat khi z = 2.250.000.

Vay cong ty phdi cho thué véi gia 2.250.000 ddng mbi cin ho thi dugc
l4i I6n nhat,

Chon A,

m Sau khi tim dugc F(x)=-

Sasasaddadrbrrraaanearananantuntntnnt

x*+90x ta khong cin

atersinnsaans

50.000

phai di khdo sit va vé bang thién nhu trén. D& d4 cho bén dipé4n x ta dung
phim Calc cia MTCT dé thay lan igt cdc gid tri vao, cdi ndo lam cho F ( )
16n nhét chinh 12 gid tri x c4n tim. :




-—--————-P4u tién ding phim Alpha nhap vao W R

sau d6 bim Calc titng d4p én suom L +9l]:<

] Matk & 2 Mash A

A7 50000 Eoooah- +90X
2250000 101250000

Goi = la gid ban thyc t& chia méi qua budi DoaniHimg, (z: ding; :

30.000 < z < 50.000 d6ng).

Ta ¢6 thé 14p ludn nhu sau:

Gid 50.000 ddng thi bin dugc 40 qua budi

Gidm gid 5000 déng thi ban duoc thém 50 qua.

Gidm gid 50000-x thi ban dugc thém bao nhiéu qua?
Theo quy tic tam xudt s6 qua budi ban thém dugc la:

(50000 —x).—— 0 _ 1 ——(50000-x)-
5000 100

Do d6 S8 qua budi ban dugc tuong ting vdi gid ban x

1.

40 + E(E’O 000 — m) —ﬁm + 540.
Goi F( ) 12 ham 1gi nhudn thu duge (F (x): déng).
. 1 1 ; :
Ta cé: F(x) = [—ﬁz + 540](m — 30.000) = —mxz + §40x ~16.200.000

Bai toan trd thanh tim gid tri 16n nhét cta

Fl)= —ﬁz“’ + 840z — 16.200.000 v&i diéu kién 30,000 < z < 50.000

méi

F'(x) = —%z + 840.
F'(a:) =0 “315'“" +840 = 0 & z = 42.000

Viham F () lién tuc trén 30.000 < z < 50.000 nén tacd: F(30.000) =0
F(42.000) = 1.440.000

F(50.000) = 800.000

Vay véi = = 42.000 thi F(z) dat gid tri 16n nhét.

Vay dé cita hang d6 thu dugc 191 nhudn 16n nhét thi gid ban thuc té clia
qua budi Poan Hung 1 42.000 dong.

Chon C.

Goi z 13 s6 hanh khdch trén méi chuyén xe d€ s§ tién thu dugc 1a lén

nhit, (0<z < 60)

2 |

Goi F (=) a ham loi nhun thu duge (F (z): déng).
$6 tién thu dulgc:




Tiép ciin phuong phip vavin dung cao

300 — —553-] =90.000z — 15002” + 245

F(s)=

Bai todn trd thanh tim x dé F(z) dat gid tri 16n nhét.

F '(:c) = 90.000— 3000z + ?:cz

> Ghi chi ﬁ@a em -

5 =120 (o)
90.000 — z* )
F'z) =0« 3000z +—=a" & | Py
Lap bang bién thién
x 0 40 60
Fix) + 0 -

F(x) / \

Viy dé thu dugc 8 tién 16n nhit trén mdi chuyén xe thi xe khdch dé

phai chd 40 ngudi.
Chon B.
DEsiE
Do thuing phi ¢6 dang hinh try nén:
16
V,, = nR%h =16n meh=—p, (1)

Dién tich toan phén cia thiing phi ta:
Sy, = 27R* +2nRh = 2nR(h + R), (2]

Thay (1) vao (2) ta duigc: Sp, = 27TR[R +R] [1}? +R2]

8, _2w{—%9-+2R] :;(R -8).

47 3 _ .
8y = OﬁR—(R ~8)=0& R=2
Béng bién thién.
R 0 2 Foo
S(R) -

S(R) \ /

Vay d€ san xuft thiing phi sao cho tdn it vat liéu nhét thi R = 2
vachiéucaola h = 4( )

Chon A.




§6 kgtoém gidng ma éng Thanh da tha vu vita qua: 100.1 = 100 (kg).

Goi z (0 <z < 100) 1a 56 kg tom can tha it di trong vy tom t6i.

Khéi lugng trung binh 1 (kg/m?) tdm gidng thu hoach dugc:

2000 : 100 = 20(kg). :

Khi gidm 0,2 (kg/m?) tém gidng thi sin hugng tdm thu hoach ting
thém 14 2 (kg/m?)

Goi F (z) I3 ham san higng tém thu duge vu téi (F (x) 1 kg).

Véy san ligng tom thu hoach dugc trong vy t6i c6 phuong trinh
tdng quit la:

F (a:) = (100 - a:) 35 3

20+§x = 2000 + =z — =22,
8 2 8

Bai tr& thanh tim = d€ F(z) 16n nhat.
35 3

Ta cé: F'(g_r;) =22_ 24
2 4
F'(m)=0®§—5--§3:=0®m=m.
2 4 3
Lap bang bién thién
70
— +oo
X 0 3
Flx) + 0 -

Fmax .
F(x) / \

Véy 6ng Thanh vu t&i phai thé s6 kg tom gidng la:

100 — 13@ = % ~ 78.67 (kg).
Chon A.

QI Lim sz ta 6 thé tim ham F'() v tim duge hé 6 %

Ta c6 th€ hiéu don gian nhu sau: néu ta khéng gidm s6 ligng tom
giong thi sdn lugng tém thu hoach dugc la: 100.20 = 2000(kg) tom.

Néu ta giam s§ 7 (kg) t6m giéng thi s6 tom giéng c4n tha la 100 — z
va s6 kg tom thu hoach duge 1a: (100 - :c)(ZO + mz:) kg. Theo gia thiét
tom giéng giam 0.2 (kg/m?) thi 1007 gidm z = 20kg san lugng thu dugc
12 2200kg. Ta c6 (100 - 20}{20 + m20) = 2200 <> m = g..

Tacé: G(z) = 0,0250* (30— ) = 347 ~ L 42
PR
G‘(m) = g:c -4—?;)9:2




Tiép cin phitong phdp v vine

. __CJ'(:,:);O o Esr; _.rimz PO z=0 (Loai)
27 40 z=20 (t/m)
Lap bang bién thién
X 0 20 hhind
G(x) + 0 -

/ a
G(x) \

Dua vio bang bién thién thi bénh nhin cin tiém mét liéu thudc 20 mg.

Chon D,
Ta cé:
G'(t) = 90t — 3¢°.
G"(t)=90—6t.
G"(t) =04 906t =04 t=15.
Lép bang bién thién:
t 0 15 Foo
G*(t) _ + 0 -

675

G() / \

Vay t6¢ 46 truyén bénh 16n nhét sé vio ngay tha 15
Chon D.

sin Eﬁ—+£ =—£sin zr—t+E .
3 3

6 2 6 3
: h'=0@—Zr—sin[w—t-i—z]:0®t=—2+6k,(kez )
; 2 |6 3 (+)
O déy ta chi cin xét mot s6 gid tri
k 1 2 3 4
t 4 10 16 22
Lap bang bién thién:

Ta suy ra dugc b dat gid tri 16n nhét khi 7 =10(4).
Lau y: Ngoai cich trén ta c6 thé lam nhu sau

# Vi ~1< cos

LS <1=9<3cos] 4T +12 <15.
6 3 6 3




Vay dé h Ién nhét thi cos[%t-f—-g] =l&t=-2 +12k,(k € Z(+))

Vay d€ h16n nhit v6i thoi gian ngdn nhdt thi ¢ = 10(A).
Chon A,

Khi cit tdm nhém hinh vuéng va gap thanh

cai hop thi d6 dai canh cla cdi hop 1a: 12 — 24..
Ta co:

V= Sh=(12-2) ¢ = 4° ~ 482" + 144c.

véi 0 < z < 6.

Bai todn trd thanh tim ¢ d€ V' 16n nhét.

Ta cor «
] \ 12
V =122° - 96z + 144.
' T =
V=012 -9%s+14=0% I
Lap bang bién thién
X 0 2 6
V{x) + 0 -

128
Vix) / \

Vay dé thé tich hop 16n nhét thi z = 2(cm).
Chen C.

Goi chiéu dai clia trang chit }a (cm), (z>0).

Chiéu rong ctia trang chit 13 384 (cm)
x

Chiéu dii clia trang gifiyla z + 6 (cm)
Chiéu réng clia trang gidy la 384 +4 (cm)
: z

2304
z

Di¢n tich trang gidy: § = (¢ +6 )[@+ 4] = 408 +4dz +
T

Bai toan trG thanh tim x d€ S dat gid tri nhé nhit,

TacéS'(:r)=4—2324.
m .
gy 2304 |z=24 (¢/m)
S(x)—0¢>4-— - _04:9::_24 (logi)

L |




BT

s b

Pl

L@p bang bién thién :
X 0 24 +oo } Ghi chd ciaem
S(x) : 0 " =

S i

Véy kich thudc t6i uu cha trang gidly c6 chiéu dai la 30cmva chidu i

rongla 20 c¢m.

Chon B.
Goi d9 dai hinh chit nhét d6 13 = em. Chiéu rong hinh chit nhit d6 1a:
(8 - x) om :

Suyrad <z <8.

Dién tich clia hinh chil nhit @6 1a: § = ¢(8 — 7} = 8z — 2%,

Bai todn trd thanh tim x d€ § dat gid tri 16n nhit.

Tach: § =8—2z. § =008-2z=0&z=4

Viham S(z), liéntuctrén 4 < 2 <8, tac6 $(4) =16, 5(8)=0.

Ta két luan: hinh chit nhét d6 c6 dién tich l6n nhit bing 16cm?, :
Luu y: Bai nay ta con 6 thé sit dung If thuyét ctia 16p 10, gia tri nhd

nhit cla parabol véihés6 ¢ <Othi §_ = —% =5 —21] =16.
Chon C, “ ¢
Bé EY
Dit dd daicanh A0 = :c(m), (x > 0).
Suy ra: 14
BO = 3,24 4 22,00 = /10,24 + 2. s

Ta sti dung dinh i cosin trong tam gidc
OBC'tacé:
c0s 5O = OB>+0C* — BCG* _ (8,244 2%)+ (10,24 + 4*) - 1,96
2080C 2J(3, 24+2°)(10,24 + 22
_ 5,76 + z°
\/(3,24 +22)(10,24 + 22 '

ATTTTTTTTEE R 8]

— 2
VigocBOCnénBaitoantrdthanhtimz dép (w) = 576 +0
2 2
dat gid tri nhé nhit, J(3,24 tz )(10,24 +z )

Dit (3,24 + :1:2) =1t >3,24).

| .




I 53 .
't + 95t 95t+63

SuYIaF 1} t+7 25,# t+7

Ta di tim ¢ d€ F(t) dat gi tri nho nhat.

2% +7
25.J4(t +7) — (25t + 63)| — et
25t+63 1 t+7) - )2\/5(”7)

F t)=25J£(t+7)_55 t(t+7)

p [so(t +7t)- (st +es)(2t+7)| 1| ggroau

e 2t(t+7)‘/t(t+7) % 2t(t+7)\/t(t+7) '

F'(t)=0®t=9.

Bang bién thién
t 3,24 9 Fea
F(t) - 0 +

O N

min

'Thay vao dét ta cé:(3,24 + mz) =0& 1= % & 2= 2,4m.
Viy d€ nhin r6 nhdt thi A0 = 2,4m.
Chon A.

Goi d9 dai canh day, chiéu cao clia hinh chép tit giac dﬁu lan lugt 13

zva h,(z>0,h >0, m).

Dyng mit phing trung tryc clia 1 canh bén cit truc day & O, vay Ol

tim mit cdu. Ta ¢6 OS = bm, nén O = h — 5, v6i I'la giao clia 2 duiding
chéo ddy. Vi tam gidc OIC vudng nén ta cé:

|

IC =OC*—0I* = 1/ h 5 o e \/10h A2
© 7= 20h —2h%,(5 < h < 10).

Ta c6 thé tich cia khéi chép tit gide déu:

v(h)=Bh== [\/20h 2h2] =%(2Oh2—2h3). |

Bai toan trd thanh tim h d€ V(h) dat gid tri nho nhit.
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. Tiép cin phueomg phdp vi vin

V’(ﬁ) = %(4011 — 68?).

v'(r)=0 @l(40h—6h2) —0eh=2
3 3
Béng bién thién,
h 5 20 10
3
Vi(h) + 0 -

Vmax
Vih) / \

Véy chiéucao d61a b = %(m) ‘
Chon A.

don vi dién tich.
Taco F(n) = (480 —20m )n — 480n - 20n°.

D€ sau mot vu thu hoach duge nhiéu c4 nhat thi cin ning cita it con
¢4 trén mdt don vi dién tich clia mit hé 12 16n nhit,

Bai todn tré thanh tim # € N sao cho F (n) dat gid tri 16n nhat.

F'(n) = 480 — 0n.

Fn)=04480-40n=0 o n=12.

Hoc sinh tij 14p bang bién thién.

Véy phai tha 12 con c4 trén mét don vi dién tich cfia mit hé d€ sau
mdt v thu hoach dugc nhiéu ci nhit.

Chon C.

Chi y: Bai trén cdc em ciing c6 thé sit dung gid tri nhd nhét cia ham
s6bic2 @ timran.

Goi chiéu rong va chiéu dai cia miéngphuldn |, _—
lugtla ,y. Pudngkinh clia khiic gd 14 d, khi d6 tiét ¥ N
dién ngang ctia thanh xa ¢6 d6 dai canh I % va o
df2-+2) S

d
<y < —.
V2

Theo dé bai ta dugc hinh chii nhit ABCD nhuy

hinh v&, theo dinh Iy Pitago ta c6:

0<z < BN

e




2
1
2$+i +y° =d° @y:—\/dz—sz—é 2z.
%

V2

Do d6, miéng phu c6 dién tich 1a:

d(Q—@).

§(s)= 2 Vi —8a® — avfodn v6i 0 <z < —

%

Bai tr& thanh tim = d€ S(x) dat gid tri 16n nhét.

z (—8:.: - 2\/§d)
V2 — 827 — 42da

1
J2
—162% — 632dz + d°

Joat — 8ot — a2z

S’(m) = \/42 — 8% — 4\/5&3; +

2
§'{z) =0 ¢ ~162° 2z +d =06 —16[3] - 6\/5[3] +1=0
34 - 342
T = e .
16

Bang bién thién:

X \[3_4 — 3\/2_ (2 - \E)

0 16 4
S'(x) + 0 -

Sm

Chon A.

miéfc,(:c >0,y>0h> O,m).

Tacéy-=2®yx23:.
: 576 _ 288
3(2:1:) 2

Thé tich hé chita nude: V = ayh b=~

Ty

Dién tich c&n x4y dung hé chifa nuéc:

8 (z) = 20y + 22h + 2yh = 2z (22) o 28 2(2m)@ =ap7 4 178
7 7 z

Dé chi phi nhan cdng 1 it nhit thi dién tich cin xiy dung 2 nhé nhét

ma van dat dugce thé tich nhu mong muén.




LT et

Téép céin phuong phép va vin dung

Bai todn trd thanh tim = &€ §(z) nhé nhit.

‘ ) . i PGhichucaaem
§(o) = 4a? + 1728, :
T
S(a)=0e8c- "2 00z
T

Bang bién thién

X 0 6 Foo

S(x) : 0 +

S(X)l \S/

Vay kich thi6c ctia hé 1a: rong: 6m, dai 12m, cao 8m, dién tich cin
x4y: 432m?,

Chi phi it nh4t 13: 432x500.000 = 216.000.0004.

Chon A,

Vi
Goiz,h lin higtla dé dai canh ddy hinh vudng, chiéu cao ciia thing
g5, (I >0,k >0, (m))

Thé’ﬁchthﬁnggé:V:xzh@hz g

T

Dién tich xung quanh va dién tich mit déy cfia thing 1a:

@25 _a 250
= z

V625
S

S( )_a: +4zh = 3* + 4z 22

Bai todn trd thanh tim x d€ S(x) nho nhit.
$/e) =20 - 22

T
S’( )—~0¢>2 —2%:0@3;:5.

Bang bién thién:
X 0 5 0,6
S(x) - 0 +
S(x) \ /
Smin

Viy d€ téng dién tich xung quanh va dién tich mit day cha thimg la
nhé nhit thi canh déy I 5m va chiéu cao 2,5m.
Chon A.

| I




kinh ctia hinh trén (0 < z < B).
D6 dai canh con lai ciia hinh chit nhit 13: 2V R? — 2.
Ta c6 dién tich cita hinh chit nhat 1a: S (z) = 22VR? — 2.
Bai todn trd thanh tim x d€ S dat gia tri lén nhit.
227 2R’ 47
\/R2—:c2 x/Rz—xz ‘

S’(a:)=2 R?— 2% —

Goi = 13 do dai canh cita hinh chit nhit khong nim doc theo dudng |

2 2 z= *R—\/“_?‘ (t/m)
S’(z)=0@m=0@2R2—4$2=0© 2
R -2’ T= —ﬂ (Lom’)
Lip bang bién thién: 2
X )
0, 9 R
Sx) + 0 -

w |7 \

Vay dién tich 16n nhit cda hinh chii nhétla R
Chon C.

Dién tich cha ddy hopla: § = % = ?—66—22) = 1600cm® = 0,16m".

Goi chiéu dai canh ddy ctia hép la =, (:s >0, m)

Chiéu réng ciia hop 1 O’Eﬁ.

Goi F(z) 14 ham chi phi dé 1am bé c4.

Chi phi d& hoan thanh bé c4: ,
F(z) = 0,16.100.000 + 2.0,62. 70.000+ 2.0,6.0’—;6. 70.000

— 16.000 +840007 + 5240
- _
Bii todn trd thanh tim = &€ F (z)dat gié tri nho nhit.
F'(z) =84.000 - 134240.
T
F'lz) =0 81000- 22 — 0 1= 2= 0,4
T 5




Tiép cin phutong phdp va vina

-— - Bangbién thién:

X 0 0,4 too

F(x) - 0 +
F(x)
\ E min /
Véy chi phi thip nhit d€ hoan thanh bé c4 1: 83.200 déng.
Chon C.

Goi d dai canh déy ciia hop 14 2,(z > 0, dm).
Chiéu cao ciia hop }a k,(h > 0,dm). S(x) 1a dién tich cia hop cén
ma (dm?).
Ta ¢ khéi Itgng cin ma la: m = (P, .4} $(z) = C.8 ().
: V6i C 12 hiing s6, P,,,,, 12 khéi higng riéng clia ving,
: Ta c6, khéi lugng vang cin ma ti 1¢ thudn véi

Thétichhop: V = 22k e h= L = &

2 2°
3 €T X
! S(sc)=4xh+$2=-l—6+x2.
x

Bai todn trd thanh tim z d€ S (z) dat gid trj nh nhét.

§(e)=-28 12z
€T

S‘(z)=0ﬁ—%+2xr0®$=2.
x

Lip béng bién thién;
b ¢ 0 2 +o0
: S(x) - 0 +

! S(x) \S- /

Vay @€ tiét kiém nhét Jugng vang c4n ma thi chéng ta phai sin xust
h8p c6 kich thudc canh ddy: ¢ = 2dm, cao: h = ldm.
: Chon A.

86 cé giéng ma 6ng Thanh da tha trong vu vita qua l:

50.20 = 1000 (con).

Khéi lugng trung binh mbi con c4 thinh phém trong vu vita qua la:
1500 : 1000 = 1,5(kg).




canh ddy ca hop 1a (1 - 2:5) dm. Vay thé tich ctia hop
13V = z(1 — 2z)° dm?

Goi s6 c4 gidng cin tha it di trong vu nay la: = (con), (z > 0).
Theo dé bai, gidm 8 con thi mi con ting thém: 0,5 kg / con.

Viy gidm z con thi méi con ting thém: 0,0625z kg/con.

Tong 6 lugng cé thu duge & vy nay:

F(z) = (1000 — £)(1,5 + 0,0625z) = —0,0625¢” + 61z + 1500.
Bii todn trd thanh tim @ @€ F(z) dat gid tril6n nhit,

Ta cd:

F'(z)=—0,1252 + 61.

F(z)=0¢ —01250+61=0 & o = 488.

Lép bang bién thién: .
X 0 488 1000
F(x) + 0 -

B
F(x) / \

Viy 6ng Thanh phai thd s6 cd gidng trong vu ndy 1a: |
1000 — 488 = 512 comn.
Chon A.

1
Khi dé chiéu cao ciia hép 1a zdm [0 <z<g|va

Tac: V'=1- 8z + 12z

Phuong trinh V/ = 0 ¢é nghiém = =

Lap bang bién thién:

X 0

\4 +
v

Vay thé tich cn tim La: ¥ = %dm%
Chon A.




LML | BRI S B MR ke siie s sETe

Tiép cén phuong phdp va v

AB =a,AA'= h,CD = z. Ta c6; i P Ghichi ciaem

2
h%[”"?] =a? = 3¢ + 2ax — 2° = 4R®

:>,}3a2 +2ax— 32 =2h

S=a;m.h=a:$.\/3a2+2&w—mz=i\/(3a——a:)($+a)3
\/E\/ z+a z4+a z+a
=——,/(3¢ — z). : .
4 3 3 3 )
r+a z-+a z4+a
<\/2“7 3a—z+ 5 + 3 + 3 “_\/EaQ
- 4 4 4

Tacé BC = VBB + B'C* =36+ &*,AC =9—1.

Goi F (m) 12 ham chi phi x4y ding duong 6ng nude tit ACB.
Tacé F(z) = 130.000V36 + 2* + 50.000(9 - z) (USD).
Ba todn trd thanh tim @ sao cho F/(z) dat gid trj nho nhét.

F’(x)zwm—S0.000.
V36 4+ 22
F’(z):O@Mwwooo:o@mﬂ 36 + z°
V36 +
o
®m2=%®$=§=2,5. a(i%

Bién
Viham F(x) lién tuc trén doan
[0;9] nén ta co:

B xkm C (9x)km A

F(o) = 1.230.000,F(9) ~ 1.406.165,F[§] = 1.170.000.
2

Vay chi phi nho nhét khi C cich A bing 9%km — 2,5km = 6,5 km. .
Chon B.

Goi r{m),h(m) lan luiot 1a bén kinh dudng tron ciia ddy bé va chiéu
cao clia bé,
v _15

Tacd V =nr?h & h = , >




2
ok

Goi F{r] 1 ham chi phi xay dyng bé& niéc.
y dung

Ta cé: F(r) =100.000%7% + 90.000.277h + 120.0007r°  220.000 r

— 220.000772 4 27:000.000
T
Bai tosn trd thanh tim d& F(r) nho nhdt. -
F'(r) = 440.00077 ~ 27.000.000
'f'2 .
Fllr)=0s 440,000, — 27000000 _ o ?g/@
re 117

Bang bién thién:

0 5[675 ' +oo

1w
F - - .

Vay chi ph thip nhétIa F ,s/f—l'@] ~ 15.038.287,97 déng.
Chon C, " I

huyén. Vicanh AB, AClanhunhaunéntac6thédit AB = z, (0 <z < 0,6).
Khi d6 canh huyén BC = 1,2 — z Canh géc vudng con lai 1a:

AC = 1/(1,2~—:1:)2 ot = 1,442 4z.

Ta c6 dién tich tam gidc ABG: §(z) = %3\/1,44 —2,4z.
Bai todn trd thanh tim = d€ S(x) dat gid tri 16n nhit:

S,(x)zéf———l,44_2j4x_1 1,2 _1[1,44—3,653}

2 L4404z 2| L44—24z
§'(z)=0414-362=0 Sz=04

Bang bién thién:
X 0 0,4 : 0,6
S'(x) + 0 -

Smax
S(x) / \

Véy canh BC = 0,8m.
Chon A.
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B AR T KA ST s il e 1

Goi 2,34 14n higt 14 chiéu rong, chidu dai, chiéu cao cha hé ga,

(9: >0,y >0,h> O,cm).

Tacd P g p—op
i

Thé tich hd ga: V zyh &y _¥ 1600.
.'Eh ;132
Dién tich can xay ding hé ga la:
S(z) = oy +20h +2h =2 1000 | 500z +216802
z* T
_ 1600 +dz? 4 6400 — 447 + 8000‘
z T T
Bai todn tr& thanh tim = &€ ${z)nhé nhat.
(oA o 8000
S (x) =8z — O
§'(2)=0s 8z -@:0@33:10.
T
Bang bién thién
X 0 10 teo
S'(x) - 0 +
St \ /
Smin

Viy chiéu réng ciia h6 ga 14 10cm, chiéu dai la 16cm.
Viay dién tich déy hé ga nhd nhit13: § = 10.16 = 160cm
Chon B.

Goi z 1a $6 lugng ti vi ma trung tdm dit méi ldn (z > 0, c4i).

$6 14n dit hang méi nim ciia trung tm: 2200

Chi phi cho mbi 14n 3t hang: @(200 000 +90.000z)

56 lugng ti vi trung binh gtti trong kho Ia —, chi phi luu trong kho

tudng ung: 50.000z.

Goi F(x) 13 ham chi phi ma trung tdm dé phai tra.
Ta ¢é:

Fz)= 25;)0 (200.000 + 90.000) + 50.0002

_ 500.000.000
T
Bai todn tr§ thanh tim = d€ F(z) nho nhét,

-+ 225.000.000 + 50.000z.




F, (x) _ _500.000.000 o0
xr
P(g)= 0 e - 22000000 | 50,000 =0 & 2 =100
Béng bién thién ‘
x 0 100 2500
F(x) - 0~ +

o \Fm /

Vay trung tim phai dit hing 25 14n, mbi l4n 14 100 c4i ti vi.

Chon A.
kBai2y;

Ta cé ham 1gi ich 13 u(x;y) = x"*y"*, décho gon ta diit a= Yx,b= Jg;

Vi ban quén trj chi ddng ¥ dua ra s& tién 300.000.000 triéu déng nén
suy ra:

200.0004° +300.000b* = 300.000.000 < 24° +3b* = 3000 (*).

Liic ndy ta ¢é u(x,y)=v(a,b)=ab, ta cin tim gi4 trj 16n nhét ciia
biéu thic ndy.

Tach: (%) e @ +a° +b° + 52 +b* = 3000 2 532

s
3
= ab< 3000

El

Do d6 doanh thu cao nhit 1a [MT
Chon A. 5

FBAT0;
Dit CD =, x>0. Ta tinh dugc DE=/5*~(4-1) =4,
Tacd AC+BC=vE+1+f(4-2f+16 = f(x)

Khidé f'(x)=— -4
X+l 2 —8x+32 ,

Gidi phuong trinh f'(x)=0, ta thu dugc x=% vi fim duge
min f(z) = \/;l—l |

Chen A,

Dit a,b,¢ 1a kich thudc hinh hop thi ta ¢6 hé:

2(ab+bc+ca)=36 ab+bc+ca=18 ab+bc+ca=18
2 2 2 At 2 2 2 = :

a4+ +ct =6 a+b +c°=36 a+b+c=62

Cén tim GTLN ctia V =abc

N




Tiép ciin phurong phip va vin dung

e +yz+zr=9

T Dt a= a2, b=yv2,c= 242 thicé hemai { Y T T ; o
e aa . er s e x+y+z=6 : }Ghlch_u__cuaem
Dén day chin dugc mién clia tling bién vi : :

{y+z=6-x

Y 2>
yz=9-x(y+z)=9—x(6—x) va (y+z)" 24yz
nén (6—x) 24[9-x(6-x)| & x(4-x)20¢ 0<x <4

Tuongty O<y,z<4

Ta ¢6 V = 242xyz = 242x [9—x( 6— x)] , dén day khao st ham s6
nay tim max,

GTINIa V=82,

Chon C.

600—20x mjt ngudi.

S8 ngudi mua vé sé la: 1000 +100x
Khi d6 s6 tién thu dugc sé la:
F(x) =(600—20x)(1000+100x) = —=2000x" + 40 000x + 600000
Ham s6 béc 2 c6 hé s8 a =~2000 < 0 ta s 4p dung két qua di dugc
duta ra d6 1o ham s5 sé dat gid trj 16n nhét tai x =2 = ——0000__ g
adola sh sé A =—— =
o gt idn nhat i 2a . 2.(-2000)
: Khi d6 £(10) =800000.
Chon A.

Dé bai cho ta dit liéu vé chu vi clia hang rao la 200m . Tl d6 ta sé tim
dugc méi quan hé giiia x v 7, dén day ta c6 thé dua vé ham s6 mot bién
theo x hoic theo » nhu sau:

Ta ¢6 x+2r =200 & r =100~>. Ti daytacor>0= x<200

2

Dién tich d4t rio dugce tinh bai: f(x)= x.(lOO —%]= -%HOOX.
¢ 2
i XéthamsS f(x) =—%+100x trén khoang (0;200).
* Dén déy 4p dung quy tic tim gid tri 16n nhét, nhd nhat cia ham s&
trén doan nhu & phdn ly thuyét trén thi ta c¢6 phuong trinh:
J(x) =0 —x+100=0 < x=100.

T 46 ta c6 f(100)=5000 1a gia tri I6n nhit cia dién tich d4t rao
duac.
Chon D.




Goi z(cm);y(cm)ldn higt 12 ban kinh ddy va Chié‘l# ctia hinh try
(z,y > 0;z < 30).

Dii ddy duy bing con lai khi da thit no la: 120cm

Tacd 2z+4)4=120 y=30—-2z

Thé tich khéi hop qua l: V = n2y = 77*(30 — 2z)

Thé tich V 16n nhit khi ham s8 f(z)} = 2*(30 — 2z) vdi 0 < z < 30
dat gia tri 16n nhat.

f'(z) = =62 + 60z, cho f'(z) = —6z" + 60z =0 =2 =10

Lap bang bién thién, ta thiy thé tich dat gi4 trj }6n nhit 1a:

V = 10007(cm?).

Chon B.

itz _i
10 100
vir=2i 3 oy o0 khit=0, £=60
5 100 .
Dua vio bang bién thién ta ¢6 ham s6 V' déng bién trén (0;60)
nghich bién trén (60;90).
Chon A.

Xétham V'= £ (0<£<90)

Tacé S, =S, +28,=2xrl+27r* (1)

V=7z~r’*1=2:>1=i2
r

Thay vao (1) 5:,, =é+2m2 = f(r)
r
F(r) =~ +47r; f(r)=0 khi r gin bing 0,68,
t
Chon A.

V=azh=1=nz=\/I
h

S=dah+24* =2 427 = f(a)
a

f'(a)=—%+4a

Ddu “=" xdyrakhi a=1.
Chon A.




Tiép cdn phutong phdp va vin

Goi m, 12 6 dai duding trung tuyén d&i véi canh NP
- Dién tich tam gidc ANAP =S5, ,,

2 o
Tach m, = |2 ~O0=2) _ o5y en

4

V =hm, NP

Xeétham f(x) =260z —900(60—2x) = f'(x)=200=2%) _» =00
2 2602 —900

f'(z)=10, f(z) — max khi x=20.

Chon A,

60—a
T

@ (60—af a 30 a , . 308
L2 (=22 4 =0 khi g =2
16 :¥a =f® 8 = Z?I:)f (x) e w+4d

Suyra E:-ﬂ-._:él.
r 2n(m+4)

Chon C.

C=2nr=60-g=sr=

S.'m+Sk1 =

Goi h 1a chiéu cao hinh chép, x 13 d6 dai déy, I 13 trung diém EH

2
SI= h2+0,25x2=\/z—3£:>h= L L
Vi 40,25 2 2 2\ V2
2

V=—1—h.x
3

Xét f(x)=x". %{%—x}

2

—a

. ﬁ'x a  ax , . 3

=~ ————— - kh = e—

fi(x) > ax+2x 5 Jimf(x) Okhi a 5
-

g (b

i A b i

1
SV=oi24= —= —.
3V T3 81

ﬂ'[\ﬁ]saa =4a3

Chon D.

Ki hiéu chiéu cao, ban kinh ddy va thé tich clia hinh try néi tiép hinh
cduldnlugtla k, r va V. Khi d6: V = hnr?.

2 2 3
V‘1r2=R2—h—=>V=hfc Rz—h— =7r th_h_ .
4 4 4




wwr ... Baitodn trd thinh tim gid tri 16n nhét ctia him s6

V{k)= (hkz—l‘—-J he (0;2R).

S

Tacé: V'(h)=z| R* - SZ J=O<:>h=
Bang bién thién:
h 0 2R 2R

J§

Vf

47:R3
v

3
T BBT, suy ra max V' = V[gR] Akt

(o) NN

Véy hinh tru néi tiép hinh cdu bdn kinh R ¢ thé tich 16n nhét khi

3

chiéu cao ¢dia nd bing == 2R Khi d6, thé tich khéi try 1a 4zR .
NCR 33

Chon A.
yEia

(Saaaleng

Cho m > 0. Pit x 1356 thi nhit, O<x <m, sGththaila m—x.
Xét tich P( ) (m x) xe (O;m).Tacc’):

P'(x)=-—2x+m:0¢)x=%.

Bang bién thién:
x 0 m m
2
P (x) T 0 —

| T

. ,
Tit BBT, ta c6 nga.xP(:c) = P[g] = mT‘ Vay phén tich ™ thanh
tBng hai s5 2 ’
Chon D.

Goi mét trong hai s phai tim 14 x, tacoé s6kiala x +13.

Xéttich P(x)=x(13+x).Ta 0 P'(x)=2x+13=0 éx-—-—%.




Tiép ciin phuong phdp vavin dung

Bang bién thién:
—o0 13 4oo
* 2
P’ (x) - 0 +
Foo +oo
P(x) \ 169 /
Tii BBT, ta ¢ mmP = [——] = —@ Vay tich hai s6 1a bé

nhitkhimotsgla -2 vas ki ?a
Chon A,

Ki hiéu canh géc vudng AB 1A x, xe (O;%}
Khi d9, canh huyén BC =a—x, canh géc vudng kia la

AC=+BC* - AB? =\f_(u—x)2 —x% =+a* - 2ax.

Dién tich tam gidc ABC 12 $ (x)= %x\/az —2ax, xe (o;g]. Ta c6:

(a 3x) a
s’ — = x=—,
(=)= 2Va? ~2ax 3
Bang bién thién:
0 a a
! ' 3 2
5() + 0 =
a?
Tit BBT, suy ra maxs(m)—i Khi AB=2, pc=22
‘ , suy [D;%] 0 3 3

Chon A.

Dit BM =x; xe[ 2]tadﬁ(}cl\/ﬂ'\f a—2x; QM= x\/3.
Dién tich hinh chit nhat MNPQ 13
S(x)=MN.QM=(a—2x)x\/§=\/§(ax—2x2).

Ta co: S'(x):«/g(a—4x)=0<:>x=£~

h Ghi chii cdaem:




0

=
- IV
N =

N / e \

Tl BBT, suyra S(x) dat gid tri 16n nhit tai diém x = —Z- va gia trilon

B

nhét clia dién tich hinh chif nhat I max §(z) = §|=>{= -
Chon C. [O;E]

Goi M(x; xz) 1a mdt diém bat ki clia parabol {P).

Ta c6: AM? =(x+3)2 +x* =x* +x* +6x+9, Khodng cich AM dat
gid tri nho nhit khi va chikhi f (x) = AM? dat gid tri nhd nhit,

Xét f(x)=x*+x"+6x+9 '

= f'(x) =42 +2x+6=(x+1)(4x" —4x+6) =0 > x=-1.

Bang bién thién:
X —co -1 +oo
(=) - 0 +

f(")m\s/ )

Dya vio BBT, tasuyra f (x ) dat gid tri nhé nhét tai difm x=-1va
f(~1)=5. Do 6, khoang cich AM dat gia trj nhé nhit khi M nim &
vi tri clia diém M, (—1;1); AM, = \/g

Chon B.

1) a) Tong chi phi cho x cudn tap chi la:

T(x)=C(x)+0,4x =0,0001x* +0, 2 +10000.

b) Tac6: M(x)=0,0001x+222% 10,2 véi x=1,2,..  (§)

Taxéthams6 ¥ = M(x) trén khoing (0;+) (trong d6 M(x) dugc
x4c dinh bdi cong thiic (6) véimoi x > 0) va tim x>0, trong d6 ham s§
M dat gi4 tri nhé nhit trén (0;+eo).

L]




Teép cin phutong phdp vavin

Tacé: M'(x)=0,0001- 222 o < » = 10000.
X
Béng bién thién:
x 0 10000 Fee
M'(x)

_ o R
M(x) \ 2’2/

T BBT, suy ra min M (:c) =M (10 000) = 2,2. Viy chi phi trung

05400
binh cho ¥ cudn tap chi thédp nhat khi x=10000 (cudn). Chi phi cho
mdi cudn khi d6 14 2,2 van déng =22000 (déng).

2) a) Tong s6 tién thu dugckhiban x cuén tap chi (X nguyén duong)
12 2x+9000 (van déng).

S6 tién 14i khi bdn x cuén la:
L{x)=2x+9000-T(x)=-0,0001x +1,8x—1000.
b) C6 lai khi L{x)>0, tic La:
0,9-+0,71 0,9+40,71
-0,0001x* +1,8x—1000>0 = 0’0081 <x< 3,0001
€ 9000-,/71000000 < x <9000 +,{71000000 -
Vi % Iy gid tri nguyén dudng va 9000 -,71000000 ~ 573,85 va
9000 +4/71000000 = 17426,15 nén 573 < x < 17427.
¢) Taxét ham s8: L (x) =~0,0001x" +1,8x ~1000; x& (0;+o) va tim
x>0 détai dd L(x) dat gid tri 16n nhit trén (D;+oo).
Tacé: L'(x)=—0,0002x+1,8 =0 < x =9000.

Bang bién thién:
x 0 3000 oo
L’ (I) + 0 —

L(x) / T \

Tit BBT, suy ra e L(z) = (9000} = 7100. Vay muén lai nhiéu
U;+o0

nhdt thi phdiin 9000 cudn.
Khi d6 tién 1ai thu dugc la: 7100 van déng =71000000 (d6ng)




a) V'=5x/100—x2 (m*); 0<x<10.
b) Hinh ling tru.c6 thé tich 16n nhét khi x = 5v2 (m)

v aV = V(5J§) =250 (m?).

1-x
=—— 0<x<l,
3y 1+x

11
= ;

Poan thing PQ c6 d6 dai nhé nhit khi ¥=v2 -1,

bit x=BM, 0<x<7. Khi d6, AM =+/x* +25, MC=7—x.
x*+25 7-x
Thoi gian ngudi canh hii déng ditit A dén C1a T(x) = o

(gi0), 0<x<7.
Ham s§ T dat gid tri nho nhét tai didm x =25 ~ 4,472 (km).
PBAETE '

Ao r]

a) Mit phing di qua dudng cao SH ciia hinh chép va trung diém M
clia mét canh ddy cit hinh chop theo tam gidc cin SMN va cit hinh cdu
theo hinh tron tim O, ban kinh 4 noi tiép tam gidc SMN.

C6 thé tinh thé tich hinh chép theo x va @ =SNH. Sau d6 sii dung
dang thic x =a+50 @& tim hé thic giifa 4, x va .

Ta c6 HN = zcotey MN = 2z coter. 'Thé tich hinh chép la:
V= —MN2 SH = :c 3 cot? &
3 3
Ta tinh cot’ & theo a v *.
T ding thyic:

2_
SH=0H+80=2z=qg+ :sinzazl—coszazw—?ﬂx—'

22!
cos o (a:—a)

0082 o 0,2

cota= sina N $($—2a).

b) Canchuy V xdc dinh khi x> 2a.

T d6 suy ra cong thiic cin chitng minh,

D¢ dai canh hinh vuéng 13 x= T‘l (cm). Poan day dugc udn
x /

thinh hinh vuéng 12 220 _33 6 (cm). Ban kinh duomg tron 1a
30 a+4
(cm).

z+4

|

=




Tiép cin phueong phdp va vin

Poan déy dutgc usn thanh vong tron c6 do daila -
Fi4
30~-#r 30
<,

7264 (cm).

Tacéd: dx+22r=60= x = ; 0<
z
Téngdiéntichhinhvudngvahinhtronla S =22 + %% = 77 -+~ 1 (30 ;rr)
Dé thiy S dat gid tri nhd nhét tei diém r = — 0,
7 n+4
PR
V =2(abc)=1,296
Taco: §=2(ac+bc)+ab+2ac +bc+ab =4ac+ 3bc +2ab (1)
Theo dé bat V =2(abc)=1,296
S abc= ﬂ (2)
125

Bii todn trd thanh tim 4,b,¢ @& S, v&i didu kién (2)
T (1) ta co:

dabc  3abc  2abc
5= + +

b a ¢
_ 811,81 1 , 81

42—
125 b 125 4 125 ¢

81 4 3 2 432
—+—+= 3
125 b a ¢ 125 abc

81 24
1253 81
125
Déu “=” x3y ra khi:
P
4,320 4
b a ¢ b
c=—
2

3
Thay vao (2): == 3b b ﬂ<::>ib—=ﬂ@b:1,2-
4 2 125 8 125

Vay 2=0,9,c=0,6.
Pap an C.




a)Taco ’U(t) = 5"(15) = 40[7rt +§] cos |t +§] = 407rcos[7rt +§]

Viy v(4) = $'(4) = 401rcos[41r +§] = 4Dw%=20n(m /s).
b) Ta ¢od

s

wt+ 3 = —407° sin

alt)=v'(t)= —401:[71'1& + —;5] sin

4
3

Vay a{6) = +'(6) = —402” sin[67t + %] = —407° % = —20V3r° (m / sz).

Tacé v(t) = §'(t) =10t

Vay vin t6c tai thoi diém £ = 6(s) 12: v(6) = 5'(6) = 10.6 = 60,(m / s}
b. Vay dévantéc clia vt roi ty do dat 50(m/s) thi: 50 = 10¢ < ¢ = 5(s).

a) Tacc')a(t) = v'(t) = 10t + 7. Vay gia t6c ciha vat tai thoi diém ¢ =2(s):
a(2) = v‘(?) =102+4+7= 27(m / s2)‘

b) Vit tai thai diém vin t6c chuyén ddng cia vit bing 12 m/s:

t=1 t/m
v(t)=12¢}5t2 +Tt=12 & :2—2,4(2()@))

Veit= l(s) :a(l) = v’(l) =10+7 =717(m / 32).

Tacs v(t)=§'(t) =6t —3t*.

v'(t)=6—6t.
v‘(t)=0®6—6t=0¢>t=1.
Lap béng bién thién:
T 0 1 +oo
v'(x) + -0

v(t) / ek \

Véy vén téc clia chuyén dong dat gid trj [6n nhdt khi ¢ = 1.
Chon D.




:
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Tiép cin phutong phdp viz virie

Ta co:

h'(t)-—-24+10t—t2.

t= -2 |(Loai
h'(t)=0®24+10tmt2 =0 i 1 ((t/m%
Lap bang bién thién
T 0 12 +oo
K() + 0 -

/ hma.x \
h(t)

Vay dé myc nuéc Ién cao nhét thi phai mét 12 gi¢. Viy phii théng
béo cho dan di ddi vao 15 gi¢r chiéu ciing ngay.
Chon A,

Taco v, = IO(m/s).

Gia t6c ctia 6 t6 chuyén déng chim din déu: a = 'U'(t) =-3.
Tai théi diém 6 16 ditng lai thi van t6c bing 0,

Tacé vy’ — 4’ = 28 & 0-10° =2(-5)S & § =10(m)
Vay 6 td con c6 thé di duoc quing dudngla 10 m.

Chon C.

Luu y: Bai ndy con c6 thé 4p dyng tich phan d€ tim quing dudng di
chuyén ctia 6 16 khi diing lai.

Vin téc clia con ¢4 khi boi ngugc dong: v — 6 (km / h),(’u > 6).

300
Thi gian con ¢4 boi tit noi sinh séng dén noi sinh san; ¢ = (h) .

v—16
Néng lugng tiéu thy ctia con ca khi boi tii noi sinh séng dén noi sinh
san:
3
E(u)=cv3ﬂ)—=c300v (J)
v—6 v—6
Bai toan trd thanh tim vdé E(v) dat gid tri nhd nhit.
Tacod
= (v):ctr2 900 _ s 300 _ 300cv’ g v |
v—6 (1)—6)2 v—6 v—6
2
E'(v)=0¢>300w 3-— |=0e3-—Y wpov=09
v—6 v —6 v—6




Bang bién thién

x 6 9 Hoo
Elx) + 0 -

E(x) \Emm /

V4y vén téc bdi clia cd khi nudc diing yén dé ning hIqmg chia ¢a tiéu
hao it nhét bang v = (km / h)
Chon A.
{EIED Dai v6i bai nay s& ¢6 rt nhiéu em tim nhim ham
3 300
E(v)=c{v—6) ——(). va sé tim duigc chon v = 6km / h d61a Chon

v-6
sai hoan toan vi vin tdc v trong biéu thiic £ ('U) = cv®t 1 vén t6c thyc

clia con cé khi di chuyén, con t 13 thoi gian con cé boi €l noi sinh séng

dén noi sinh sdn dng v6i vin tdc cha con ¢4 da trit di van tée dong nude.
yasien:

Goi x (km/h) 14 vin t6c ctia tau. Théi gian tau chay quang dudng
1kmla }. (gi®). :

Chi phi tién nhién liéu cho phan tht nhat 1a: £.480 (ngan déng).

z - ‘

Khi van t6c v = 10km / h thi chi phi cho quing dudng 1 ki & phin
thret hai L3 io 30 = 3 (ngan d6ng). Xét taivan téc = (km / k), gol ¥ (ngin
d6ng) chi phi cho quang dudng 1km tai vin tc T thi chi ph1 cho quéng
dudng 1km tai vin t6c %, tacd: y = kz’. '
343
1000 .

VaytSng chiphitién nhiénliéucho 1km dudngla: £ (m) 280, 13(’;00 :

X

Bii todn trd thanh tim = d€ P(z) nhé nhit.

Tacé 3 = k10° @k—% Suyray=——
1

Ple)= "@ * 1%9;:0

P(z)=0 4:;0 1%00_0@53:20.
P'(s)= 960 11085;

P'(20) = g-g-g- + %

Suyra P( ) dat cuc tifu tai =z = 20. .
Viay vin tdc clia tdu z = 20 (km / h).
Chon C.




Tiép c@n phutong phdp vivin

v=38'= gt nén tai thoi diém ¢ =5s. Van téc cha vit la: }Ghrchucua em - "
v=9,8.5=49m/s. :
Chon A,

a=8§"=6t—6 nén tai thai diém ¢ =25 thi gia téc ctia chit diém la:
a=62—-6=6m/s".
Chon B.

v=8'=324+61-9 ; a=S"=6t+6

t=1
Tai thoi diém vén t6c bi triét tiéw: 37 +6:-9=0 c)[t_ 30)
V61 £ =1 thi gia t6c cha chuyén doéng 1a: ¢ =6.1+6=12m/ 5",
Chon D,
t==2(1
S'=z3—3r+2=0<_:>[t_1 @

Viy chit diém dat gia tri nhd nhit tai ¢ =1s.

Chon A.

a(t) =3t ++¢

Vi) =alt) 5 S()=w@)
Theo dé bai ta cé: vin t&c ban dau lx 10m /5

I AU bt L T A B I S

:=>v(t)=%t2+%-t3+10 (m/s)
S(t)"—lt3+—1—t4+10t (m)
2 12
5 Quiang dudng vt di dugc trong khoang thai gian 10 gidy k& tit kic
| bét ddu ting t6c : S(10) =%Qm.
Chon C.
Vén t6c clia vit sau 10 gidyla V=6+7=13m/s
Chon B.
i
|
J



Cho ham s6 y = f(z,m), m la tham s6, c6 tip xéc dinh D.
« Ham s§ f déng bién trén D < 3’ > 0,Vz € D.

« Ham s6 f nghich bién trén D < ' < 0,Vz € D.

Tit d6 suy ra diéu kién cda m.

3p D € giai quyét bai todn tim gia tri

e Li thuyét nhic fai:
Cho bat phuong trinh:
f(x,m) 20VreD s f(:r:) > g(m),Va: elDo minf(:c) > g(m).

zel

Cho bét phuong trinh:

f(x,m) <0VzeDs f(x) < g(m),Vw €Ds Ii:léagcf(x) < g(m).

Phtiong phdp: D€ diéu kién d€ ham s6 ludn dong bién hoic nghich bién trén tip xac dinh

(hoc trén tiing khodng xdc dinh) ctia ham s8 y = f(z,m), ta thuc hién cic budc nh sau:

— Budc 1: Tim tdp xdc dinh cla ham sé.

- Budc 2: Tinh y. D€ ham s6 dong biény’ > 0,vz € D, (y’ <0Vzre D) thi ta sit dung If thuyét

nhic lai phén trén.

N

— BuGc 3: Két luan gid tri chia tham s8.

Chit - |

+ Phutong phép trén chi sit dung dugc khi ta c6 thé tach dugic thanh f(z)va g(m) riéng biét.
+ Néu ta khong thé tich dugc thi ta phai sit dung déu;clia tam thiic tam thic bac 2.

é’u kién clia tham sé:

» Li thuyét nhic lai:

1) y' = O chi xdy ra tai mét s& hitu han diém.,
2)Néu y' = az® + bz + ¢ thi:

a=5b=0 a=b=0

c=0 c<0
y'Z0VZER & Y'<OVzER &

a>0 a

{ASO {ASU



[ R
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3) Dll’lilll v ddu ctia tam thiic bic hai g(z) = az® + br + ¢

+ Nén A< 0 thi g(z) ludn ciing d4u véi a.
+ Néu A =0 thi 9(z) luén ciing du véia (ritz = ——2b—
1]

* Néu A> 0 thi 9(z) ¢6 hai nghiém z,, 2, va trong khong hai nghiém thi 9(z) khéc d4u véi

a, ngoai khodng hai nghiém thi g{z) cing ddu véi a.

4) So sanh cdc nghiém T,,T, clia tam thic bac hai 9(z) = ax® 4 bz + ¢ v6is6 0

A>0 A>0
o, <z, <0&{P>0 <z <z, &{P>0 oz, <0<z, & P<0
5<0 S>0

5) D& ham 53 y = az” + bz’ + ez + d c6 49 dai khoing déng bién (nghich bin) (2,;2,)

bang d thi ta thyc hién cic budc sau:
a=0
+ Tim diéu ki¢n d€ ham s6 c6 khodng déng bién va nghich bién: AS0 (1)
*Biénddi |v, — z,| = d thanh (z, + 7, — 42z, =d®  (2)
« St dung dinh li Viet dva (2) thanh phuong trinh theo m.
» Gidi phuong trinh, so v6i diéu kién (1) d€ chon nghiém.




BAI TAP AP DUNG

EBaE Tim tdt cd cdc gid tr thyc clia tham s6 m sao cho ham s6

y= _éza +22° + (2m + 1)z — 3m® + 2 nghich bién trén R?

Am<2 B.ms-2. cmz-2. D.m <53,
¥BS37 Tim tét ci chcgid trthyccliatham s m sao chohams6 y = ma® ~ 32” + (m - 2)59 —3m+2
nghich bién trén R. :
TAm<2 B.m<1 Cm>-1 D.m<-1
Grps w2 i s 5 x omon o M FL 2
33 Tim tdt ca cc gid tri thuc cha tham 56 m sao chohiam s6 y = ludn dong bién
% +m

trén tiing khoang xdc dinh clia né. _
A.m <1hoicm=>-1 B.m<—-1lhojem>1
Cm<2hojcm=-1 D.m<2hoicm=>1
FEIFEE Tim tét ca cdc gid trj thyc chia tham s6 ™ sao cho ham s6
I 2 ) 7Y
Y= gmx — (m — 1).1: + 3(m — 2)m + 3 dong bién trén [2,+oo).

A.m2-23-. B.m <1 cm>-1 D.m<—1.

Baiss (PHKA,AL - 2013).
Tim tat ca cdc gid tri thuc cha tham s6 7 sao cho ham s6 ¥ = —z* 4+ 32% +3mz —1 nghich
bién trén khodng (0; +eo).

A.m<l1, B.m<-1 Cm>-1 D.m<0.
JHal63 (D€ minh hoa 2017)
Tim t4t c céc gid tri thyc clia tham 6 m sao cho ham s6 y = tanz =2 déng bién trén

tanz —m

khoang {0:
e

A.m <0Ohoicl<m<2 B.m<0
Cil<m<2 D.m>2

jBai7a Tim t4t ca céc gid trj thuc cGa tham s& ™ sao cho ham s6
y=1° —mz’ —(2m? — Tm +7)z + 2m — 1){2m — 3) dong bién trén khoing (2; +oo).

A—1<m<? B.—l<m< C_lecm<? D.-lem<d
2 2 - 2 2 2
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TXE: D=R.

Tact: y' = 2" + 4z +(2m +1).

A =2m 4+ 5.

Ham s6 nghich bién trén R khi va chi khi:
y’ﬁO,VzER@A’SO@mS—g.

Chon B,

'fXD: D=R.

Tacé: ¥ = 3mz’ — 6z +(m——2).

Ham s6 nghich bién trén R khi vi chi khi:

y' = 3ma? —6$+(m—2)§0,$ c R.

THl:m=0,khidéy =—-6z—-2<0,z<cR.

y=-6-2<0&z> —%kh(‘)ngthéaményéu cdu dé bai vz € R.
Vay m = 0 khong théa min.
TH2: m# 0. D& ham s6 nghich bién trén R :

m<0

! <
) <oVzeR & A=9—3mm—2)<0

m <0
m <0

9 Sim=-1 &m< -1
~3Im" +6m+9<0

m>3
Chon D.
TXD: D= R\ {—m}

2
m_—12 . Ham s3 déng bién trén ting khodng xdc
(z+m) e 1

dinhkhi ' >0,Vz=—-mem’-1>0«
m>1
Chon B.

Bao ham: y' =

ans

TR

wddadrbburrrbianbnnrra

asanrnasean




Tacé: ¢ = ma’ —2(m—1):c + 3(m—2).
Ham s8 déng trén [2; +oo) thi:
y >0 m’ -2(m—1)z+3(m-2)>0Vze3 +oo

#m($2—2$+3)+2$—620®m> 6- Va:é’?—}-oo)
-2 +3
bt f (z) 26 2:_]_3 Vze[2 +oo) ta di tim gid trj Ién nhét ciia ham:

f(x),Vm € [2,+oo).
Ta co

f’(z) 22 —12z+6 Yz 6[2 +00)
(a: —2$+3)

N 2s* —1224 6 z=3+6
f(z)—0®(x2_2m+3)2 0® z=3- \/_(loaz)
Ta co: f(2)=§,f(3+\/6_)= —

Viy d€ ham sd dong bién [2;+oo) thi: max f (x)
Chon A, <)

S

, lim f(m):

=+

11
w o
1A
3

Tacé: y = —3z* + 624 3m.
Ham s8 nghich bién trong khoang (0; +oo) thi:
y <0« -3z +6z+3m<0Vw€(U+oo)
] -—2a:>m\'/a:€(0+oo)
bat f( )—a; —2:1:,Va:€(0 +oo) tadltlmglatrmhénhatcuaham
f(z),‘v’a: 6(0,+oo).
Taco: f’(m)=23—2.
fllz)=0e20-2=0sz=1
Tacé: £(0)=0,f(1)=-1, lim flz) = +oo.

Vay d€ ham s6 nghich bién trong khoang (0; —5—00) thi:

[ﬂin]f(m)zmﬁmg—l.

' Chgli B.

Dit £ = tanz, v6i z e[O;iE = te(01).

Fiim 6 d4 cho trd thanh tim tham s6 m d€ham s6 y = :Laang

bién trong khoing (0;1).

s ||
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Tiép céin phuong phip va vin

—m + 2
(t=mf"
D€ ham s6 dong bién trong khoing (O; 1) thi:
{y'(t)>0®[—m+2>0§{m<2
t=m ng(O;l) m¢(0;1

Tacdy (t) =

1<m<2

)c}mSO

Chon A,

Tacé: y' = 32° — 2max — (2m® — Tm + 7).

Ham s¢ déng bién trong khoang (2; +OO) thi ta xét 2 tridng hop sau;
THI: Ham s6 lu6n dong bién trén R :

A'<0&m' +3(2m? —Tm+7) <0 & m —3m+3 < 0,(VL).
Vay khéng c6 gia tri ndo clia m d€ ham s6 luén déng bién trén R.
TH2: Ham s6 déng bién trong khoing (2; +oo).

A'>0em’ —3m+3> 0,(VmeR).

Gid st -’»"1;932,( z <$2) 13 hai nghiém cfia phuong trinhy = 0, d&

him 53 d8ng bién {2+o0) thi:

S <2
<5, <2& _2—”
(2, -2)(z, —2) > 0 & 2,2, — 2[5, +3,) + 4> 0,(1)

Theo dinh l Vi-ét ta cé;

m.
T, 2, =
5 . 2)
—2m" +Tm~-T7
e, =———
| 3
Thay (2) vao (1) ta dugc:
(m <6
1—9m? _
sz@ +4>0& —2m> +3m+5>0
m<6 5
& F&-1<m<—.

Viyvli —1<m< g thi ham s6 d6ng bién trong khoang (2; +c>o)
Chon A. |




 GIAIVA BIEN LUAN PHU@NG TRE i
BAT PHUONG TRINH DUA «VAO HAM so it

o Kién thiic co ban

Cho f(x) 12 ham s6 xac dinh vi lién tyc trén D, thi:

( ( ) vimoizre D & g(m) > Teagcf(x).
(m) 6 nghiém khl va chikhi ¢ (m) 2 min fx).
g(m) véimoi z € D & g(m) < min f(x).

g (m) ¢6 nghiém khi va chi khi ¢ (m) = max fix).

IV

f

v

T

)<
fe) <
()
(=)

 BAITAPAPDUNG

FESIFE Tim tdt ci cic gid trj thyc clia tham s ™ sao cho b4t phuong trinh
mNz2 — 22 +2 4+ m+ 2z — 2% <0 conghiém z €[0;1+\/—3-}.

A.mgé B.m< -1 C.m2§ ' D.m<0.

pEaZ:: (Dé thi tuyén sinh PH, CD khéi B - 2004):
Tim t4t ca cac gid tri thic clia tham s6 m sao cho phuong trinh

m[\/1+3:2 —\ll—xz +2

Am<+2-1 B.2-1<m<1 Cm>1 D.m<1.

N +\/1+a:2 —N1-a? cénghiém.

355 (Dé thi tuyén sinh DH, CD khéi A - 2007):

VB

Tim tét ca cdc gid tri thuc cha tham s6 m sao cho phuong trinh

3z —1+myz +1=2¥2" —1 (1) cé nghiém.

A.m<«/§—l B.\/E—1<m<1 C-1<m —:1; D.m<-1
BaiA (Dé thi tuyén sinh Pai hoc, Cao dang khéi B - 2006!

Tim céc gid tri thuc clia 7 € phuong trinh P +mz+2=2z+1cH2 nghiém thyc

phén biét. -

Am<9 B.ng C-l<m D.m<7

} & (D¢ thi tuyén sinh Dai hoc, Cao ding khdi A - 2008)
Tim céc gié tri cira tham s8 ™ d€ phuong trinh sau c6 dung hai nghiém thyc phén biét

Y20 +oz +26 -z +2V6 — o = m,(m  R).

A 26 +246 <m<3v2 +6 B.2v6+3¥6 <m<3V2+8
CVo+246<m<32+6 D.V6+46<m<3/2+6
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Bpt@m[\fccz—2z+2+1]+x(2—z)50®m5\/2—$ﬁ——-2-5_,(1)
- —-224+2+1
Détt:xl:vz — 2242 =2 —2p =4 —2.

Taxdc dinh di€u kién ciia t:
Xéthamss t = Va* ~ 22+ 2 véiz € 01+ V3], ta i tim diu kién
rang budc cta ¢,
z—1

Tachi t'= ———=———— '=0z=1.
Vz? — 2542

Vayvéixe[o;1+J§] hil<t<e
2_

Khi d6: (1) m < £ =2 véi t € [1,2].
t+1

-2 .
vai t € [1;2]. Ta cé:
t+1

r B2 42
(t) T+

Do d6, yéu cdu clia bai todn trd thanh tim m dé(1) cé nghiém ¢ € [1;2]

Xét ham s f(t) =

> 0,Yz € [1;2]). Viy ham s6 f ting trén [1;2].

S m< fél[?;;c]f(t) = f(2) =§.

Vay m < % thi phuong trinh ¢6 nghiém,
Chon A,

bK: z ¢ [-1;1].

bit t = \/1 + 22 —\/1-—:1:2. Véi z € [-L1], ta xéc dinh diéu kién
cla tnhu sau :

Xéthamsé ¢t = y1+2° —v1—2? véi z € [-11).
Ta cé:
x :c[ 1—z2+\}1+w2]

. T
= + =
Vi+z? iog V1ot

Tacé t{-1) = v2,t(0) = 0,(1) = V2.

t chot'=0&z=0.

L P Ghichacdaem.
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Vayvéi o € [~11] thi ¢ € [0;\/5].

Tut=vi+z —Vl-2? > W1-gf =2 ¢,
Khi d6, phuong trinh da cho tuong duong véi:
£ +t42
+2 .
Bai todn tr& thanh tim m dé phuong trinh —- 722 _ 1 4 ng.
t+2
hiém t € [O; \/5]

m(t+2)=—t2+t+2©

2
Xeét ham s6 £(t) = —t—%” véite [O;\EI.

t+
Ta cé: f1(8) = <0Vte[0 f]
(t+2)
Suy ra: II[la:'}!(_]f(t)_f(O)“‘l Tnn]f(t)-—- (x/—)=\/§—1.

Bay gig, yéu cau Bai xdy ra khi:
min f() <m < ma.xft)@\/— 1<m<l,

teaJE] [of]
Vay véi V2 —1 < m <1 théa mén yéu ciu dé ba.
Pap s6 B.

Diéu kién xdc dinh clia phuong trinh: z > 1
Khi do:

©3J +m 2, +m=2 a:——l(z)
z+1 z+1
2 .
Datt—" (t>0) J \/—- <lnént¢ < 1.
:J:,'+1 z+1 z+1

Viyvoiz >1thi 0<t<1.
Khi dé, (2) < 3t* +m =2t & —3¢* + 2t = m,(3)
Bay gios bii todn trd thanh tim m d€ (3) c6 nghiém ¢ € [0;1).
Xéthims6 f(t) = —3t* +2¢ trén khoang [0;1). Ta c6
1
"t)=—6t+2,f{t)=00 —6t+2=0t=".
7)ot +2r/() -

t
0

i | +

W |olw|m
!

0 -1
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Tiép ciin phuong phdp vé vin

Viyvei -1l <m < % thoa mén yéu cdu dé bai.

Ch()_n C.

1

Tacéd: Vz° + mz + =2:1:+1(1)¢)- EZ_E *)

3zt 4z —1=mz (2)

Nhin xét:
z = 0khodng phii 1a nghiém ctia (2). Do vay, ta tiép tuc bién ddi:
xz—%
*
=
©) 32% + 43 -1
=m (3)
z
Bai todn tr& thanh tim m & (3) ¢6 2 nghiém thuc phén biét:
1
T€E —§;+oo] \ {0}
2 —_ 1
Xétham sé f(z) = 3 tde-1 véi T € —5;4—00]\{0}. Tacé:
T
3z° +1 1

@) = = > 0,Ye €|-Z3+c0|\ {o}.
BBT:

|t

2 0 +oo
f(x) + +
+oc0 400
0 14 / : /
2

Véyvéi m > g thi phuong trinh da cho ¢6 2 nghiém thuic phan biét.
Chon B.

Piéukién: 0 < z <.
D3t vé tréi cita phuong trinh 13 f(z),2 € [0;6]-
Ta co:




Dit:

ufe) = | - e | (e = | ==
{#(zm) %/(s—z)] ol

Ta thiy u(2) = v(2) =Q0,z€ (0; 6) =f (2) = 0. Hon niia u(:c) ~U (:c)
cung duong trén khodng (0;2) va cling 4m trén khodng (2; 6).

56(0;6).

Ta c6 bang bién thién:
x |o | 2 6
f@ | | ; 0o - i
322 +6 |
0 / \
26 +246 412 + 23

Vay voi 2v6 +246 < m < 3V2 + 6 théa min yéu ciu 48 bai.
Chon A.

L« ||



Tiép cin phuong phdp v vin dung cad.

TIM GIA TR] CUATHAMSO o
DE HAM so COCYCTRI THOA MAN CAC YEU TO DAC BIET

Gid siham s6 f Xécdinhtréntip D(DCR) vaz €D

1) z,1a di€m cyc dai cha § néu ton tai khodng (e;b) C Dvaz, € (a;b)sa0 cho f(z) < ez,
Vz € (a;:0)\ {z,}-

Khi d6 f(z,) dugc goi 12 gid tri cyc dai (cyc dai) cha f.

2) 7,14 di€m cyc tidu ca f néu t6n tai khoang (a;b) € Dva z, € (a;b) sao cho f(z) > f(z,),
Vz € (a;00\ {z,}-

Khi d6 f(z,) dugc goi la gid tri cuc tidu (cyc tiéu) cia f.

3) Néu 2, 1a di€m cuc trj cha f thi diém (z,; f(z,)) dugc goi 1a diém cyc tri chia d6 thi ham

56 €0 cuctri

R

Néu ham s6 f ¢6 dao ham tai Z, va dat cyc tri tai diém d6 thi f'(z,) =

Chity:Ham s6 f chicd thé dat cuyc tri tai nhiing diém ma tai d6 dao ham bing 0 hoic khéng
¢ dao ham.

Dinh Ii 1: Gid sit ham 6 f lién tuc trén khoang (a;b) chiia diém z, va c6 dao ham trén
(@d)\ {z,}

1) Néu f'(z) d8i ddu til 4m sang duong khi = di qua z, thi f dat cyc tiéu tai .

2) Néu f'(z} d6iddu tit duong sang am khi z di qua x, thi f dat cyc dai tai z,.

Dinhli2: Gid st ham s8 f c6 dao him trén khoang (a;) chiia diém %y, f'(zy) = 0 vacb dao
ham cép hai khac 0 tai diém .

1) Néu f"(:.co) < 0thl f dat cyc dqi tai %,.

2} Néu f"(z,) > Othi f dat cuc tiéu tai z,.

* Kién thiic cdn nho:

1) Khoang cich gifia hai diém A, B: AB = J(:r —z,F +{yy —y,)

2) Khoang cach tii diém M(x,; y,) dén dudng thing A: ax+ by + c=0:

a0, ) = 920 by +4
at + 5




3) Dién tich tam gidc ABC:

—_— 2
$= %AB.AC.sinA - %\/ABZ.A(F _(4B20)
4) Tich v0 huiéng cita hai véc to ¢b = ab, + a,b,v6i a = (a;;0,);6 = (B38,).
Chity: ab=0ca 1b

BAITAP AP DUNG

B Tim t4t ca cAc gid tri thuc ciia tham s6 m saochohamsé ¥ = (m + 2) 2 + 32 + mz —5
c6 cuc dai, cuc tidu.

A (-3-2)u(-21)  B.(-3-2) C-l<m  D.(-21)

. 2 2
PES [PHDI2): Tim m déham s§ y = -3-.@-3 — maz? —'2(3m2 - 1)1: +3 <6 hai diém cyc tej

z,, 7, sao cho 2,7, +2(9;1 +a;2) =1.

2

A.m= B.m=5 C-l<m D.m="7

3

e g A ra ’ k] rd Fd 1 .4 1
& Tim tét ca cic gid tri thyc clia tham s6 m déhams6 y = —z° — mz® +mz —1 dat cuc

tri tai hai diém z,, z, sao cho: |m1 - le > 8.

1+J§ m21+2\/§ m21+2\[6_1 m21+2~/ég
2 B. i D.
1— 64 1- 63 1— 61 1—+/65

< m < m<
2 "= 2 2 2

m >
A.

m =<

P 4 P o , 1
Tim tét ca cac gid tri thuc cha tham s m dé€ ham sd § =%mac3 —(m -1z +3m- 2)$+§ dat
cuic tri tai hai diém x, x, sao cho: 7, +2z, =1.

A.m=§hoécm=2 Bm=3 Cm=-5 . D.m=2
[PHBI12] Tim tit c3 cic gid trj thyc cha tham s6 m d€ 46 thi cfia ham s

y=2° — 3ma’ + 3m’ o6 hai diém cuctri 4 va B sao cho tam gidc OB c6 dién tich bing 48.
Am=2 B. m = +2 Cm=-2 D.m=43 '

5 Tim tdt ca cdc gid tri thyc chia tham s8 ™ sao cho'd6 thi clia ham 8
y=2* —2mz* + 2m + m* c6 3 dim cuc tri tao thanh 1 tam giac co dién tich bing 4.
A.m =316 B, m = 17 Cm="318 D. m = 19

i [DHBO07] Tim t4t ca cdc gid trj thuc cia tham s6 m sao cho d6 thi ciia ham s

y=—z° + 32 + S(m2 - l)a: —3m” — 1 ¢6 cuc dai, cuc tiéu vi cdc didm cuc tri ciia d8 thi
ham s6 cich déu gde toa d6 O.

A.m,—__l B.m=il C,m=il D.m:l
2 3 2 2



T

Tiép cdin phutong phip va vin

Tim tét cA cic gid trj thuc clia tham s6 m sao'cho d6 thi claham s6y = — z° + 3ma® — 3m -1
€6 cyc dai, cyc tifu ddi xiing v6i nhau qua dudng thing d : z + 8y - 74 = 0.
A.m=4. B.m = 3. C.m=2. ~ Dom=1

Tim t4t ca cdc gi4 trj thyc ctia tham s6 ™ sao cho d8 thi c¢iia ham s§

g = (m + 1) zt —mz® + g- chi c6 cyc ti€u ma khéng ¢o cuc dai.

A.m=0 B.-1<m<0 Cm=2 Dm=-1
[DHBI1] Tim tit c& cdc gi4 tri thyc cta tham s6 ™ sao cho d6 thj cfia ham sé
y=z— 2(m + 1):,"2 + m ¢ ba di€m cyc tri 4, B, C sao cho 04 = BC; trong d6 O Ja
gOctoa d9, 4 1a diém cyc trj thudc truc tung, B va ¢ 13 hai diém cuc tri con lai.
A.m=0 B.m=2—+8 Cm=2 D.m=2£+8

(PHAL2] Tim m € d6 thi ham s6 ¥ = =* —2(m +1)2* + m? ¢6 ba diém cuc tri tao
thanh ba dinh ctia mét tam gisc vudng.”
Am=0 B.m=-2 Cm=2 D.m=1

@3 Tim tét ca cdc gid tri thuc chia tham s8 m sao cho d6 thi ciia ham s8
4
y= -"’—64— —(3m + 1)2? +2(m + 1) ¢6 3 diém cyc tri tao thanh mét tam gidc ¢6 trong

tém la g6c toa d6 O.

A-m=l B.m:l C.m:l D.'m,:l
2 3 4 5

(D€ minh hoa mon Todn 2017). Tim tat ca cic gid tri thuc ctia tham s m sao cho d6 thj

clia him s6 y = z* — 2ma® + 1 ¢6 ba diém cuc tri tao thanh mét tam gidc vubng cin.
l’t.m=—~i B.m=-1 C.m:—l- D.m=1

Yo ¥
Tim tét ca cic gid trj thyc ciia tham s& ™ sao cho d6 thi cfia ham s6
y=2*—2ma’ +m’ —m ¢4 ba diém cyc tri tao thanh mét tam gidc ¢6 mot géc bing 120°.
1 1 1

1
— B.m=-— Cm=— D.m=—
o " " ¥

3§ Tim tat ca cdc gid trj thyc clia tham s 7 sao cho d6 thi ciia ham s6

Am=

y=z"-2maz’ + 2m + m* c6 ba diém cuc tri tao thanh mét tam gidc déu.

Am=13 B.m=3%9 c.m=313 D,m=%/-lz




Tacoy'= B(m -1-2):52 + 6z +m.
Khi d6 y' 13 tam thiic bac hai c6 A'=-3{m’ +2m—3). Him s6 c6
cuc dai, cuc tifu khi va chi khi:
m+2=0 |[m=-2 m s —2

A>0 Tlmteom-3<0” _3<m<1®m§(—3;—2)u(—2;1)

Vay m € (—3; —~2) U (—2;1) théa man yéu ciu bai todn.
Chon A,

Tacod y' = 22% — 2ma —2(3m2 —1) = 2(3:2 —mz — 3m’ +1),
D€ ham s6 6 cuc dai, cuc tiu thi phuong trinh y'= 0 ¢6 hai
nghiém phén biét. '
213
m>——

13 (1)
213
< R ——
13
%y, z, 1a cdc nghiém cha y' (3) = 0 nén theo dinh Iy Vi-ét, ta co:

T, tz,=m

Tacd A=13m*-4>0

gz, =—3m’ +1. :
Do do: x1x2+2(x1 +m2):1 i
mo=10
o -3mii2m+l=le-m*+rm=0s 5.
) 3
Dai chiéu vdi didu kién (1), ta thiy chim = 3 thoa mén yéu cdu bai toan.
Chon A.

m =

TXP: D =R.
y':$2—2m:c+m.
Ham s6 ¢6 cuc dai va cyc tidu thi 3’ = 0¢é 2 nghiém phén biét 7,
z, khi va chi khi:
m>1
A>0em-m>0e ()

m< 0’
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Tiép ciin phutong phip v vin dung c

Tacslr, ~ 5, 28 (3, -2,) 264 & (3, +2,) — 42,3, > 64,(1).

i P Ghichicaaem

T, +z, =2m
Theo Viet, ta cd; | * 2
T,.T, =m

Thay vao (1) ta dugc:

(2m)’ —4m > 64 & 4m® —4m 6420 & 1_2\/%,(3)

1+ /65

m =
Kéthop (2) va (3) ta duge 2\/— thoa mén bai toan.
Chon D. m< 1 “2 65
VBE
TXD: D=R.

y'=mz® —2(m — )z + 3(m - 2).

Ham s6 ¢6 cuc dai va cyc tidu thi ¢’ = 0 c6 2 nghiém phén biét 2;,
%, khi va chi khi:

m = m=0

A'=(m—1)2—3m(m—2)>0© —2m® +4m+1>0

m =0
12— 26,
—<m< {*)
2 2
Theo dinh li Viet va theo dé bai, ta cé:
' A —1
m1+:c2=_(ﬂ._) (1)
m
3(m—2
<ml_g;2=L_.2 (2)
m
T+ 2z, =1 (3}
Tit (1)va (3), tacora, = =% 4 2™
m m

'Thé vao (2), ta dugc: [3"” — 4] {m=0)
1

——

2—m]: 3(m—2)

m m

2
&3m’-8m+4=0% 3 (théa(™).
2

{l

Véy gid tri cin tim la: 7 = = hosic m = 2.

Chon A,

m
m
2
3




=0

. - _ 2 _ _ T (&
Tacé y' = 3z Gmx—Sx(a: 2m),y U] z=m"

D4 thi ham s6 c6 hai diém cyic tri khi va chikhi 2m = 0 m = 0.(1)
Khi 6, cic diém cuic trj cta 45 thi ham s6 1 A (0;3m° ), B (2m;—m?
Ta cé:

. aﬁl.(o;3m3)=>OA=3|m3], )

eTathiy Ac Oy = OA=0y= d(B,OA) = d(B,Oy) = 2|ml (3)
T (2) A (3) suyra 8, = -+ OA-d(B;04) = 3.

Do d6: Sp,p =48 & 3m* = 48 & m = £2 (thda min (1)).
Vay m = £2 thda mén yéu ciu bai todn.

Chon B.

Tacd y' = 42° — 4maz =4z(m2—m).
r=10
)

D& ham $6 ¢6 3 cuc tri thi phuong trinh 3’ = 0 ¢6 3 nghiém phén

y’=0<=>4m($2—m)=0©

biét nén phuong trinh (*) ¢é 2 nghiém phén biét khac 0. Pi¢u ki¢n tuong
duong m > 0.

Goi 3 di€m cuc tri clia ham s6:
A{m* + 2m); B(Jﬁ;m“ —m? 2m) ; C(—\/;z;m‘f —m? 4 2m).
Goi H (0; m* —m? + 2m) 14 trung diém BC.
2
AH = (—m2)2 = m?, BC = ,}(2\/5) =2Jm
Vi 3 diém cuc tri luén tao thanh 1 tam gidc cin tai dinh A, nén

1
Saase =3 AHBC & omi2Nm =4 & m* =16 ¢ m = ¢6.

Vay voi m = ¥/16 thoa man yéu céu bai toan.
Chon A.

Tach y' = —34° +6a:+3(m2 -1) = —3(3:2 — 97 —m? +1).
Pé&ham s6 ¢6 cuc dai, cuc tiéu thi phiong trinh ¥' = 0 ¢6 2 nghiém

phén biét.

Tach: A'=mi A'>09 m=0. (1)
Khi d6 y' = 0 ¢ cdc nghiém [a: z =1+ m = toa d6 cic diém cuc
tri cia d6 thi ham s6 [ A(l— m;—2—2m3) v B(1+m;—2+2m3).




[ Tiép cin phuong phdp v&v@ndsﬁg
Ta c6:

O_A:(l-— m;—2 — 2m3) = 04 = (1 — m)2 + 4(1 + m3)2;
03(1+m;—2 +2m3) = OB = (1 +m)2 +4(1—m3)2_
4 va B cich déu gic toa d6 khi va chi khi:
OA=0B& 0A* = 0B®
& (1-m) +4(1+m3)2 =(t+m) + 4(1— m3)2

m=10
E —dm+16m® =0 < 1-

m = iE

A LY. o Al A o 2 1 ki - A A
Bdi chi€u véi diéu kign (1), ta thdy chi m = + = théa man yéu ciu
bai toan, 2

Chon C.
3 D=R
. 9 , =0
o Yy =—3z"+6mz; ¢y =0 & .
z= 2m

Ham s8 ¢6 cuc dai, cue tidu khi va chi khi phuong trinh ¥ =0 ¢6
hai nghiém phén biét, diéu nay tuong duong v6i m = 0.

Hai diém cyic tri a A(0;— 3m — 1) ; B (Qm; 4m? - 3m - 1).

Trung diém I ciia dogn thing ABla I (m; 2m® — 3m - l).

Vecto AB = (2m;4m®); mét vecto chi phuong ciia dudng thang d1a
w=(8-1).

Hai di€m cyc dai, cifc tiéu A va B d6i xiing v6i nhau qua dudng thing
dkhi va chi khi:

Ted m+8(2m® —3m —1) =74 = 0 "
A8 Ld% |15~ s
Chon C.

Ta xét hai trudng hop sau day:

e mtl=0& m=—1.Khidéy=a;2+g=>H=‘ams<‘)’chic6c1_Ic
tiéu (z = 0) ma khong c6 cuc dai = m = —1 thoa mén yéu cdu bai todn.

e m+lx 0 < m = —1. Khi 46 ham s6 da cho I3 ham bac 4 ¢6

m
2(m+1)

Ham s6 chi ¢6 cyc tifu ma khong c6 cic dai khi va chi khi ¥' ¢6
diing mét nghigm va d6i dédu tif 4m sang duong khi = di qua nghiém nay.

$2— .

y'= 4(m—|—1):£3 —2mz = 4(m+l)x




4m+ﬂ>0
Nghia la: m & —1<m<0.

<0

2(m +1)
Két hop nhiing gid tri m tim dugc, tacd —1 < m < 0.
S~
Chon B.

Tacé ¥' = 42’ —4(m +1)a: = 4x[m2 —(m-l—l)].
Ham s8 ¢6 3 dim cuc tri khi va chikhi y' = 0 ¢6 3 nghiém phin

biét.

h(z)=2"—(m+1)=0 c6 2 nghiém phin biét khic 0 <
m+1>0em> -1, *)
z=10 A(O;m)
Khidé, tacoy' = 0 {z=—Jm+1=> B(—\/m—-l—l;—m2—m—1).
z=Am+1 C’(\/m_-l-l;—;m2—m—1)
(Vivaitrd clia B, C trong bai 1a nhu nhau nén ta cling c6 thé gid sii:
B( m+1;—m2—m—1), C(— m+1;—m2—m—1)).!

Tach: OA(0m) = 04 = |m; Eé(zxfm +1;o) = BC = 2m +1.
Do dé: :

OA=BCo |m|=2m+1e m® —dm—4=0,(A'=8)

Sm= 2:|:\/§ (théa man (*)).
Viym=2 ++/8 thda man yéu ciu bai toan.
Chon D.

Taco y‘=4x3-—4(m+1)$=4z[z2m(m+1)l-
)
D6 thi ham s& ¢6 3 diém cyc tri khi va chikhi ¥'cé 3 nghiém phin
biét khi d6 phuong trinh t(a:) =0 ¢6 2 nghiém phén biét khac 0 nén:
m+1>06m>~1. (¥
r=10
. Khido, tach:y'=0 Jz=—ym+1.

z=+m+1

Suy ra cac di€m cuc tri cia 6 thi ham sé 1a

A(G;mz), B(~\/m +1;,—2m— 1), C(\/m +1;—2m — 1).

Tathdy A € Oy, B va C d6ixiing nhau qua Oy nén tam gidc ABC
cén tai A Do d6 tam gidc chi ¢6 thé vudng tai 4.

||
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Tiép ciin phutong phdp vi vin dyng cio o

Ta cé: E = [— m+1;—(m+1)2],ﬁ = [\/m+l;—(m+1)2]

. P Ghichicaaem
=>AB.AC=(m+1)4—(m+1) :

Tam gidc ABC vudng khi va chi khi ABAC =0
@(m+1)4 _(m+l)=0¢} (m+l){(m+1)3 —1]: 0

m+1=0 m:_l A3 L LY ’
mal=1" S » két hgp vdi diéu kién (*) tacé m = 0.
Chon A.

y'=:1:3—2(E‘mfz+l):c=m(:e:2 —(6m+2) )

y’=0@$(x2—(6m+2))=0@

Déham s8 ¢6 3 cyc tr thi phudng trinh 3’ = 0 ¢6 3 nghiém phan
biét nén phuong trinh (*) ¢d 2 nghiém phan biét khéc 0. Diéu kién niong
dvong 6m+2> 0 m> -3

Goi 3 difm cuc trj ctia ham s8: A(O;Qm + 2);
B(\/Sm +2;-0m? — dm + 1); C(m\/ m+ 2;—9m? — dm + 1).
Theo cong thifc trong tim ta ¢é:

1
T, +z,+z, =3z 0=0{t/m m=—
AT Ep T 0 o (2/) o 3
Yat¥p tYe =3y, —-18m* —6m +4 =0 m 2

Vay véi m = 1 théa mén bai todn.
Chon B.

Bai13i v =4z° — dmz = 43:(3:2 - m).
=0
2% = m(*)

DéE ham s6 ¢6 3 cyc tri thi phuong trinh ' =0 ¢6 3 nghiém phan
bigt nén phuong trinh (*) c6 2 nghiém phan biét khéc 0. Diéu kién tuong
duong m > 0.

¥ =O@x($2—m)=0@

Goi 3 diém cyc tri cia ham s6:
Afo;1)s B(JE;sz +1); c(_\/r?z;e,m? +1).
E = (\/7;;3m2),A—6 = (—\/5;37112)

Vi3 diém cyc tri chia ham triing phudng trén ludn tao 1 tam gidc cin
tai A, nén tam gidc ABCvuodng tai A,

| I




. "lm=0
Tacd ABAC =—-m+Im* =0
) m

il

1 .
Vay vl m = T théa man bai todn.
9

- Chon C.

y' =dg® —dmz = 43(32 - m).
z=0
T = m(*)

D& ham s6 c6 3 cuic tri thi phuong trinh ¥ = 0 c6 3 nghiém phén bigt
nén phuong trinh (*) ¢ 2 nghiém phén biét khdc 0. Pi¢u kién tvong duong
m > 0.

Goi 3 diém cuc tri clia ham sé: A (0; m? — m); B(JE; —m);C’ (—x/r;; w-m).

75 =) 76 = ]

y'20%$($2—m):0©

Theo bai ra ta cé;
- AR A _ 4 3_
cos(AB;AC)= il.gAﬁ. = mtm = m3 1=cosl200
‘ABHAO’ mt 4 mafmt +m M +1
3_ +
PR 1=-~-£<:)3m3=1¢)m*—-_—}-.

m® +1 2 3
1
Vay v6i m = —= thdéa min bai todn.
{3

Chgn A.
TX®:D=R.
— dmzx
z=0
2 __ AN
- =m (%)

Ham 3 ¢6 cyc dai va cyc tifu thl ¢’ = 0 ¢6 ba nghiém phan bigtvay’
d6i dn khi x qua céc nghiém d6 <> phuong trinh (*) 6 hai nghiém phén
z=0=>y=m*+2m
s=tm = y=m—m?+2m’

P8 thi ham $6 c6 mot diém cuic dai la A(0,m* + 2m) va hai diém cyc
tigula B(—m,m? - m? + 2m); C(m;m* —m? + 2m).

biét khic 0= m > 0. Khidé: y'=0 &

AB=AC
Céc diém A, B, C lip thanh mét tam gidc déu @{AB—BC’
& AB*=BC* & m+m* =4m & m(m® -~ 3) =0- -

Vay m = 3 (m>0)
Chon A.

7




Teép ciin phutong phip va vin dung

Dé bién luin theo m vé 56 giao diém chia hai ham s6 va thoa man cac diu kién vé Itinh chit
hinh hoc phing Oxy thi ta lam cdc budc sau:

- Budc 1: Tép xéc dinh.

- Budc 2: Phuiong trinh hoanh d4 giao diém va dua vé dang; f (m, m) =g (sc, m) < F (z, m) = 0.

Su dung biét thiic A, hodc dua vé phuong trinh tich d€ bién luan s6 giao diém cta hai ham s6.

- Budc 3: Dya theo yéu cdu cha d€ bai ma ta s dung cic cong thiic bién ddi ciia hinh hoc
phang nhu: Véc to, tich v6 huéng, khoang cich, hinh chiéu, diém d6i xtng,...

- Budc 4: Gidi va két ludn gid tri ctia tham s6 m.

BAITAP AP DUNG

m—=x
Tim tét ca céc gid trj thuc ctia tham s§ m sao cho dé thi cia hAm s§ ¥ = P (H,) va

dudng thing d: 2z + 2y —1 = 0 giao nhau tai hai diém cling véi géc toa do tao thanh
mét tam gidc c6 dién tich1a § = g

Am=3 B.m=% C.m=2 D.m=1

B Tim tit c& cdc gi trj thic ciia tham s6 m d¢ d6 thi ciaham s y = —— (H) va dutomg
thing (d): y = z + m giao nhau tai 2 dim phan biét thuge 2 nhanf khic nhau ciia d6
thi sao cho khoéng céch giita 2 dim d6 }a nho nhét. Tim gi4 tri nhd nhit d6.

A.m=4vé\/£ B.m=%vé\/£ C.m=0v€n/3§ D.m=—1vé\/£

Nhén xét: D6i céc bai khodng cach nhu bai 1 va 2, thi c6 cach nio tinh khoéng cich AB
nhanh nhit khong?

Chiing ta khdng dinh 13 cé.
b
That vy, ta c6 bai tdng quét: Cho him s y = z:j__ y va dudngthing y = mz + n, (m = 0).

Goi A, Bla hai diém ma dudng thing cit ham s8, Gid sii A(x;y,), B(x;y,) 1a 2 giao diém, khi 46
X, X, 12 2 nghiém phuong trinh: f (a:) =mz +n, (1)

AB = \](931 -z, +(y, —y) = \/(3:1 —z, ¥ + (m (:cl - xz))z = \/(1 + mz)(xl ~ 1z,
= ‘/(1 + 7'{32)((5:I +z,f - 4:01332) = %J(l + m2)A.

Vi A duge tinh tit pt (1).

+ Néu AB nhé nhét thi A nho nhit.




Ta c6 thé xét bai tip sau déy:

pBaie Tim tit ca céc gid tri thuc cla tham s6 m sao cho 46 thi clia ham 0y = z+l (H)va
dudng thing (d) : y = 2z + m giao nhau tai hai diém phén biét A, B thubc hai nhinh
khéc nhau. X4c dinh m d€ doan AB c6 d9 dai ngan nhit.

A m=35 B. m=—-3 C,m=0 D.m=-1

2 N ” 3 s Iy : L] 2 A s oa Y & 29: - 2 4+ 4
Tim tit cd cdc gid tri thyic chia tham s6 m d6 thi cia hAm s8y = P Ty (H) va dudng
z

thing d: ¥ =22 +m giao nhau tai 2 diém phan biét A, Bsao cho AB= /5.
m =10
m=—-2"

Am=4 B.m=3 Cm=10 D.

- ~1
* Tim t4t c& céc gid tri thic clia a va bsao cho dé thi ctia ham séy = h (C’ ) va duong
thing (d): ¥ = az + b giao nbau tai hai diém phan biét, ddi xiing nhau qua dudng thing
(A z—2y+3=0. '
6 =2 a=—2 a=-2 a=-—2
A'{b:—l B.{b=_2 c’{b;—S D.{=_4

2z

- Tim tit ca cdc gid trj thic ca m sao cho d6 thi cla ham s6y = +11 (C’) va dudng
thang (d): y = mz + 3 giao nhau tai hai diém A, B sao cho tam gidc OAB vuodng tai O.
(Ola gbc toa d0) '

Am=3£y5  Bm=3-v5  Cm=3+¥3  D.m=2%+5

Tim titci cic gid tri thyc clia m sao cho dd thicta ham s6y =2 +2ma” + 3(m— Dz +2 (C)
va dudng thing A:y=—z+2 tai 3 diém phan biét A(0;2); B; C sao cho tam giic
MBC 6 dién tich 2v2, véi M(3;1).

A0 B.|" C. p.|™ =2
m=3 m=3 m =2 m=23
Tim tit cd cdc gid trithycchia m saochod6thiciahamséy = %33 - —z+m + (C.)

cit truc hodnh tai ba di€m phan biét cé hoanh dd z,%,,%; thdéa min dleu kién
xl +a."2 +z3 > 15.

m<0
‘Im>1

m < —1
“lm>1

m<—1
lm>2

m < —1
m>4

A.

DEAI93 Tim tit c cac gid tri thuc chia m sao cho d6 thicliaham s y = 2°* — 32° —9z + m (C,)cdt -
truc hodnh tai ba diém phén biét véi cdc hoanh d 1ap thanh cp s6 cdng.
A m=11 B.m=10 Cm=9 D.m=38

]
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Hoanh d¢ giao diém A, B clia d va (H,) |2 cdc nghiém clia phuong
trinh:

- 1
;TT=—:E+E®2£2+m+2(m—1)=0,m::—2 (1)
Phuong trinh (1) ¢6 2 nghiém z;, 7, phén biét khic —2
A=17-16m >0 m <
& .
2(-2f —2+2m-D=0" | .1

Ta co:

AB = '\/(5'32 - 1)2 +{y, - yz \/“ V — )
= \Exj(% + 3:1)2 —dzz, = %_2— V17 —16m.

1
E.

\/_ — 17 —16m =%@m—— (thda man).

Khodng cach tit gbctoa d0 O déndla ), =

MI)-—I

QI

SuyraS,,.; = 5 hAB =
Chon A.

VB
Phuong trinh hoanh d¢ giao diém:

2z

x_

DE (d) cit {C) tai 2 difm phé.n biét thi phuong trinh hay (1) ¢6 2

A= 16
nghiém phén biét khic 2 & 4 W; + Ym (2).
=

E)

2=$v+m<=>:c2+(m— 4)$~2m=0,(1).

Gia st A(mlgyl),B(:n2;y2) 1 2 giao diém khi d6;, z, 1z 2 nghiém
phuong trinh (1).

Theo dinh li Viet ta ¢ |51 to=4- m(g),

7z, = —2m

=% +my, =1, +m

Pé A, B thudc 2 nhanh khdc nhau cha d6 thi thi A, B nim khac
phia déi v6i dt = -2 = 0. A, B nim khéc phia d6i v6i dt z-2=0
khi va chi khi (xl —2)(;-;2 —2) <0 hay z,z, —2(:::1 +:r:2)+4 <90 (4)
thay (3) vio (4) ta dugc - 4 < 0 ludn ding (5). Mt khic ta lai ¢6

D YT T LTI

P Ghichi ciaem




AB= J(a: —-:c) +(g,r1 yz) —J2m +z) — 82,3, (6).

Thay (3) vao (6) ta dugc AB = V2m® +32 > V32 véyfAB= J?.—z nhd
nhét khi m = 0 (7). Ti (1), (5), (7) tacé m = Ovi AB= /32 thod min,
Chon C.

D¢ duang thing (d) ludn cit ( C ) tai hai diém phan biét thi phuong
trinh hoanh d6 giao diém
moimva T <l<uz,

lx +1=(z — 1}{2x + m) cd hai nghiém phén biét r, <l<uz,

r=1

+i = 2g +m c¢6 hai nghiém phin biét véi |
x H

2 R
@{% Fm=3)z=m=1=0 (*) o hai nghiém phan biét 7, <1<,

z=1

A>0 - A=(m+1 +16>0 Vm
<07 ) =24+(m-8)-m-1=-2<0
Vay v6i moi gid trj clia m thi dudng thing (d): y = 22 + m luén cit :
(H) tai hai diém phan biét A, B thudc hai nhanh khéc nhau,
Goi A(z;2%, +m), B(z,;2z, + m) 4 hai giao diém giita (d) va (H).
(%:%; 13 hai nghiém ca phuong trinh (*))

Tact: AB = Jm -z )2 + (2(5»"2 —z)f

5(x, ~ z,) \/5 (x +z 43713;2)
Theo Vi-éttacé AB — 5,/5[(111 +1)° +1s} > 2.
AB_ =2sem=—1

Viy m = —1 12 gid tri cdn tim,
Nhan xét: Viy ta ¢6 thé tinh theo cong thiic tinh nhanh G trén:

AB =§\f(1+7m=%~/s_a=§\/5[(m+1) +16].—> min

khi A — min. iy m = 1.
Chon D

Phuong trinh hoanh dé giao diém:
2x2+ma:+m+2=0(m::—l) ( )
(d) cit (H) tai 2 diém phin biét & Phuong trinh (1)c62 nthem phén

biet khic - lc’{m;lsm 16 > 0(2)

76 ||




Tiép cin phuwong phip v vin dung

Goi A(x;;y,) va B (x; y,) 1a giao diém gitta (d) v (H). Ta c6 z,%, la

2 nghiém cha PT(1). P Ghi chi ciaem
AB = %J(I +2%A = %\/5/_\ = %\/5(:# —8m— 16) =5
2 m =10
om —-8n—-20=0&
m=—2
‘Théa man (2).
Chon D.

Phuiong trinh ciia (1) dugc viét lai: 4 = %x L3

2
Dégiaodiém dsixtingqua (A), thi (A) L (d) & a.% —-1sa=-2

Suy ra dudng thing (d): ¥y = —2z + b.
Phdong trinh hoanh d5 giao diém giita {d) va (C):

r—1

= -2 b 2 _(bh— — =0.
. T+0e 22" —(b—-3)z-(b+1)=0 (1)
bé (d) cit (C) tai hai diém phan biét A, B khi va chi khi (1) c6 hai
nghiém phan biét

SA>S0S B +2+17>0= Ve R

Goi I'la trung diém clia AB, ta cé
T,+z, b-3
Q_‘,‘Iz =
2 4

b+ 3
yI:—QmI—{—b:—z_-

ViA, B d6i xiing qua (A)nén trung diém I thudc vao duéng thing
(D), ta cé:
b—3

%2 +3=09 — = (p+3)+3=0&b=-1.

a == -2
Vay 1 thda méin yéu ciu dé bai.
Chon A.

Phuong trinh hoanh d9 giao diém:

2m+11=mx+3,($¢1)¢>mx2—(m—1)$—4=0,(1)-

{d) cit d6 thi ham s& (C) tai A, B khi va chikhi phuong trinh (1) cé
2 nghiém phan biét khic 1, nén:

2$+11=mm+3,(m::1)®m$2H—(m—l)m—4=0,(l).
m—-

mP=(m-1).1-420




m =0

m=0
A0 ollmc-7-43

D=0 |m>—7+443

OA L OB & OAOB=0& 4%y +(me, +3)(mz, +3)=0
& (m® +1)(z, 25 )+ 3mlz, +2y)+9=0,2).

* + e — M
Theo Vi-ettacé: | ? m ,(3)
z, I, = _4
A ™B m

Thay (3) vao (2) ta dugc: m?—6m+4=0m= 3:|:\[g.
Viyvéim =3+ \/g thoa mén yéu ciu bai todn.
Chon A,

Phueng trinh hoanh d¢ giao diém cia d6 thj véi (A) Ia:
2 +2mz® +3m -z +2=—-z+2
z=0=>y=2
S, 2
¢ +2mz +3m—2=0/(1)
Dudng thing (A} cat d6 thi ham s8 (C) tai ba diém phan biét A(0;2),
B, Cthi phuang trinh (1) ¢6 hai nghiém phéan biét khéc 0, khi va chi khi:

: m> 2
A'>0 mP—3m+2>0 {ime<1
=
g(0)=0 3m—2=0
ng

Goi B(g;l;yl)vé C’(;r-z;yz), trong d6 1, %; 1a nghiém cla (1);
y}_ = _$1+2 va 'yl 2—932 +2

Tacéh=d(M;(A))=Eﬂ¢BG=wﬂz%=

M BC? = (3, — 5, + (3 — ) = 2, + 3 — 4
=8(m*® - 3m +2)

4

m=10

S 2 =
uy ra 8(m* —3m + 2) =16 & 3

m =0
Viy 3 thda mén yéu ciu bai todn.
m =

s ]
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Tiép cin phuong phip vis vin dung ciwo

1 .
—ws—mxz—m+m+§=0®$3~3mx2—32+3m+2=0

} Ghi chi cia em

@(m—l){a:z+(1~3m):c—3m—2]=0 )
z=1
= 2 +(1-3mz-3m—2=0 (2)

(C,} cit truc Ox tai ba diém phan biét thi phuong trinh (1) ¢6 ba
nghiém phén biét khi va chi khi (2) c6 hai ngiém phén biét khac 1.

2 2 :
3 2)>0 3 2 >0,V :
=(1-3m) +43m +2) > - m°+2m+3 m©m¢0(3).5
9()=—6m¢0 m o0 :
Gidsiix, = 1; x, x, 12 nghiém ctia (2).
Tach o + 2, =3m -1 =7, = ~3m —2.Khi d6:
o+ + 2] >15 e (2, + 5,0 — 222, +1>15
5 ) m < —1
SBm -1 +23m+2)-U>0em —1>0< (4)
m>1
Tit (3) va (4) ta c6 gid trj cdn tim Ia: | < 1,
Chon B. m>1

Phuong trinh hoanh d6 giao diém: 2° — 32> — 9z + m =0 (*).

Gid sit (C)) cit truc Ox tai ba diém phén biét c6 hoanh d6
Ty By (8 <2, <2)thi 5%, %l nghiém cta phuong trinh (*).
Khi dé: :.:3 —32° - 9z+m=(z— 7 )(z — ,)(z — z,)

-z, + 1, +3:3):r +(mz, +z,7, + 2,2 )T — T, 7,7,
>z +x2 t+z,=3 (1)
Ta ¢o:
%> T3 1p thanh mot cip s6 cong khiva chikhi 2, + 2, = 2z, (2)

Thé (2) vao (1) ta dugc: z, = 1, thay vao phuong trinh (*) ta dugc:
m=11.

Voim=11:(*) & 2* - 32" 95 +11= 0% (z - )(z® -2z —11) = 0

2, =1-2V3
& |z, =1 =z, +z, =2z,

z, =1+ 2\/5

Viy m =11 thoa yéu ciu.

Chon A,




1% Viét phuong trinh tiép tuyén A ciia (C) : y = f(z) tai diém M, (2,55,
Néu cho 2, thi tim y, = f(z,) ,

Néu cho ¥, thi tim z, 13 nghiém cila phuong trinh flz) = y,.

Tinh y' = f'(z). Suy ra y'(z)) = f'(z,).

Phuong trinh tiép tuyén A Ia: y — 3, = f' g}z — 7))

PERGang: Viét phuong trinh tiép tuyén A cia (C) : y = f(x) biét A c6 hé s6 goc k cho tride.

« Céch 1: Tim toa do tiép diém.

Goi M(x; y,) la tiép diém. Tinh £’ (x,).

Acéhésbgock= ' (x)=k(1)

Gii phuong trinh (1), tim ditgc x, vA tinh y, = f(x,). Tit d6 viét phuiong trinh cita A.
« Céch 2: Duing diéu kién tiép xic.

Phuong trinh dudng thing A c6 dang: y =kx + m.

= ks
A tidp xiic véi (C) khi va chi khi hé phiiong trinh sau c6 nghiém: {f(z) +m

r@=x O
Gidi hé (*), im dugc m. Tt d6 viét phuong trinh ca A.

Chii y: Hé s6 goc k ctia tiép tuyén A ¢ thé dugc cho gidn ti€p nhu saw:

+A tao vdi chiéu duong truc hoanh goca thi k = tana

+A song song vdi dudng thingd:y=ax+bthi k=a

+A vuéng géc véi dudng thingd:y=ax + b (a#0) thi k= _L
3

=tanq

+A tao vdi dudng thing d: y = ax + b mét géc o thi ‘l—k:}:—
+ie

3 Viét phuong trinh tiép tuyén A cda (C): y = f{x), biét A di qua diém Alz,;y,).
o Cdch I: Tim toa d6 tiép diém.

Goi M(x; ,) I tiép diém. Khi d6: y, = flx,), ¥, = ' (x,).

Phuong trinh tiép tuyén A tai M: y - y, = £ (x J.(x - x)

A di qua A(z ;y,) nén:y, -y, = £ (x).(x, -x) 2)

Gidi phuong trinh (2), tim dugc x,. Tit d6 viét phtiong trinh cita A,

o Céch 2: Diing diéu kién tiép xic.

Phuong trinh duéng thing A di qua A(z;y,) vacéhésé géck:y -y, =k(x-x,)

A tiép xiic v6i (C) khi v chi khi hé phuong trinh sau ¢6 nghiém:



Tiép ciin phuong phip vévin di

 [f@=ka-s, 4y,
P =
Gidi h¢ (*), tim dugc x (suy ra k). Tit d6 viét phuong trinh tiép tuyén A.

*)

d Tim nhiing diém trén dudng thing d ma tit d6 c6 thé vé dugc 1, 2, 3, ... tiép tuyén
v6i d6 thi (C): y = f(z) '

Gidsid:ax+by+c=0.M(x;y,) e d

Phuong trinh dudng thing A qua M c6 hé s6 géck: y =k(x - x,)) + Y

f(@) = Kz - z,)) + 3, @

[ =k L

~ Thé'k ti¥ (2) vdo (1) ta duoc: fx) = (x - x )& +y, (O

— 56 tiép tuyén cita (C) vé tir M = S6 nghiém x ciia (C)

A tiép xaic v6i (C) khi hé sau c6 nghiém:

Tim nhiing diém ma tif d6 c6 thé vé dugc 2 tiép tuyén véi d6 thi (C): y = £(x) va 2
ti€p tuyén d6 vuong géc véi nhau

Goi M(x,; y,,).

Phutong trinh dudng thing A qua M c6 hé s6 géc k: y = k(x - X+ Vi

A tiép xiic vdi (C) khi hé sau c6 nghigm; |10 = H% = Tyy) + 1y 1
fi(z)=k (2)

Thék tir (2) vao (1) taduge:  fix) = (x-x,).0(x) + Yu (C)

Qua M vé dugc 2 tiép tuyén véi (C) = (C) ¢6 2 nghi¢m phin biét x, X,.
Hai tiép tuyén d6 vudng goc véi nhau & £ (x ).f7 (x,) = -1

Tix do tim duoc M.

Chii y: Qua M vé dugc 2 tiép tuyén véi (C) sao cho 2 tiép diém nim vé hai phia véi truc
hoanh thi {(C) €6 2 nghié¢m phan bi¢tx; x,
f(z)-f(z,) <0

j Tim gia trj tham 6 ma tiép tuyén clia ham s& théa man céc tinh chit hinh hoc Oxy

Ta stt dung cdch viét phuong trinh tiép tuyén cia cdc dang trén

fl@)=k (2)
St dung cdc cong thife co bén cira hinh hoc Oxy vé cong thiic khodng cdch, d6 dai, véc ta...

A tiép xtic v6i (C) khi hé sau c6 nghiém: {f (2) = Kz —2,0) + v W

i
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+2 Tim tit ca cAc gid tri thuc clia m sao cho d6 thi ctia ham s§.

b

y=z* +(1~2m)s* +(2—m)z+m

+ 2m — 5 (C) 6 tiép tuyén tao vdi duorng thing d:
x+y+7=0 gbc o, biét cosa =

Nﬁl—‘
&=

: 1
A.mS—Zhoécmzl. B.mg—lhoécm>—3-
C.mg—éhoécmzl. ' D.mg—-é—hoécmz—l-.

z
: Tim tdt c& céc gid trj thyc clia m sao cho d6 thi chahaim s§y = —— (C) va dudng

z—
thing d:y=2z4+m giao nhau tai hai diém phén biét A, B sao cho tlep tuyen ctia (C)
tai A va B song song véi nhau, _
Am=—1 B.m=-2 Cm=-3 D.m=——4

= Cho diém A (0 m),tim tat ca cac gia tr thyc clia ™ dé tit diém A ké dugc hai tiép tuyén

téiham 86 y = 1 (©) sao cho hai ti€p diém tuigng Ung nim vé hai phia truc Ox
m -

9 2

-2 _z _=

A{ <m B jTg<m c{"g<™
m =1 ‘

7 p.I=5<m™
m =1

7

m =1

% A ks Fa . A A . h I i x -
Tim tit ci cac diém M thudc d6 thi ham s6 ¥ =

C'} sao cho tiép tuyén tai
2z +2 ( ) P Hyen

{C) tao véi hai truc toa d6 mét tam gidc cé trong tAm nim trén dudng thing
= ~4z. ' '

1 3 35 o1 35
A'M__;__ :M——;— B-M2;" 3M -y
M- (g M)
1 35 1 35
CM(3=), M(-=2;2 DM5—M'——
G M55 ( 3) -3 2)

2 (KSCL CHV) Tim tit c& cdc diém M thudc d6 thi ham s6 y = 2z

-3 x
" (C’) sao cho tiép
tuyén tai M véi (C) cit cdc duding tiém cin cia (C) tai A va B d€ duong tron ngoai tiép

tam gidc IAB c6 dién tich nho nhat, véi I'1a giao diém ciia 2 tiém cin

AMP%%M@@ &MP%WM@@
2 2

C. M(1 1) va M(3;3). QMFQ%M@@



Tiép cin phutong phip viivin

2r—-1

Tim tit ca cic diém M thudc d6 thi haim sé ¥ = - (0 ) sao cho khoang cich tir
diém J(~1;2) t4i tiép tuyén cha (C) tai M 14 16n nhit,

A. M(—1+\/§;2—\[§),M(~1—\/§;2+\/§)
B.M(O;-l),M(_l_Jg;2+ Jg)

C M(2 1),M[1;%].

+1

D. M(o;—l),M(z; 1)

2z _23 (C’) sao cho tiép tuyén tai M

Bai771 Thm t4t cd céc di€m M thudc d8 thi ham s8 y =
: R

cta (C) cdt hai tiém cdn ctia (C) tai A, Bva c6 d6 dai AB ngin nhat .

A M(3; 3), M[O;g} B. M(3; 3), M[4;g].
C. M[S; z], M(x1). D. M(3; 3), M(1;1).

BBALE:S Tim 4t cA céc gid trj thyc clia tham s6 m sao cho him s6 ¥ = 2° - 3z + 1 (), dudng
thing (d) 'y =mz +m 4+ 3 giao nhau tai A(—l; 3), B, C vatiép tuyén clia (C) tai B
va Cvudng géc nhau.

: | 3428 N
e eI
; A. B.

—3-22 ~2-242
; m=——""" m=—— 1%
3 3
—41+ 22 5422
"t .| 3 _
i C. ,

—4-22 —5_22
: Mm=——-— m=——-
i 3 3




y' = 32% +2(1—2m)z + (2~ m).
Goi k12 hé s6 gbc ctia tiép tuyén, phuiong trinh tiép tuyén y = kz + b.
Suy ra tiép tuyén cé vécta phdp tuyén n—; = (k;~1), dudng thing d ¢ vécto
phap tuyén ;1.2. ={D

Tacd:
— 3
Inl'nz oL -1 o 12k -2k +12=0 & tr
COS Y = =717 —_— = — = .
‘”1 n, V26 V2 11 k, =§

Pé ham s6 (C) c6 tiép tuyén thda min yéu ciu d€ bai thi it nhit mot
trong hai phudng trinh: y' =k, (1) hodc vy =k, (2) b nghiém thyc x.

3x2+2(1-2m)x+2—n»a=é

Nghia la: 2
?:Jncz+2(1—21m)x+2—m=g
’ 1 1
A >0 [gmi_om-1>0 |mS<-mm2c
1=5 o 4 2
[ >0 |4m*-m—-32>0 3
A2— = mg—z;m21

1
omsS——hoicm > l.
4 2

"~ sl 1 o 1 T - A~ » A %y
Viyv6i m < —— hodc m > 3 thoa man yéu céu dé bai.

Chen A.
Phuong trinh hoanh d6 giao diém:

2 - — 1=
m+1:2x+m® 22° +(m—-3)x-m—-1=0 (1)
z—1 =1

Dé ham s6 (C) va dudng thing d giao nhau tai 2 difm phin biét A, B
thi phuiong trinh (1) ludn c¢é hai nghiém phén biét khac 1 khi va chi khi:
A=(m-32+8m+1D)=(m+1°+16>0,¥mecR
g(l) =—-2={

Viy ham s6 (C) v dudng thing d luén luén giao nhau tai 2 diém
phan biét A, B. |
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Tép ciin phutong phap vivvin duig ca

Goi 7,2, (% = 2, )l4n lugt 1a hoanh d6 clia A va B tht 75,1 | L

nghiém clia phuong trinh (1). W Ghichi ciia em-
Theo Vi-et: z + 1z, = %(3 —m) (*), tiép tuyén A, A tai A, Bea i

ham §8 (C) c6 hé s6 goc lin luot la:

2 2
klzy](.’ﬂl):——-—vs‘ik =yr($):—
(931—1)2 2 2 (2___1)2
2 2
Theodébai: A / /A, <k =k < — =—
l// 2 kl 2 (1_1_1)2 (332_1)2
5 -l=g¢,-1 |z ==,(L)

@ -1=(-1)Ve s 1oy 41
1 2

Thay (*) vio (2):-;—(3—m)=2(:)m=—1.

Viy m = —1 thda min yéu cdu bai toan.
Chon A.

Phuang trinh tiép tuyén qua A (0; m) ,c6 dang y = kz + m, (1)
biéu kién c6 hai tiép tuyén di qua A:

2 rsm (2)
x-1
-3 — (3) 6 hai nghiém ¢ = 1

(x-1)°
Thay (3) vao (2) va rit gon ta dugc:
(m—12® —2m+z+m+2=0 (4)

mo=1 mel
DE(4) ¢6 2 nghiém 11a: =
@ co2nghibmz =11 (/) = 320 @ (4
A'=3m+6>0

Goi hoanh d¢ tiép diém z;; , la nghiém ctia (4), tung 46 tiép diém
. z +2 z, +2
lay, = 1 1Yy =
T, —

T, ~1

DE hai tiép diém nim khéc phia ciia truc Ox 1a:
(z; +2)(z, +2)
(&~ (g, -2)
2,7 + 2z, +1,)+4 9m +6 2

<0 <& m>-=.
Tz, — (2, +2,) +1 -3 3

Yo, <0< <0&

*
So véi diéu kién ( ) viy{ 3 <™ thod man diéu kién bai toan.
m=1

Chgn B.




(vl
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Tacéd: 3 = 1 =
(m+1)
Goi M [a; a_l]e(c),(a¢—1) 12 di€m cin tim. GoiAtiépmyén
2042
véi {C) tai M, ta c6 phuong trinh A:
a—1 1 a—1
Ay=f —a)+ >y= z—a)+
y=rle)le—a) etz (a+1)2( ) 2(a+1)

2
Gor 4 =0n =] -E=2 1

2
B=0yn A= B O;M _Khi d6 A tao véi hai truc toa
2a +1)°
, , ; |
dd A OAB c6 trong tam la: G|~ 2 2a 1;a 2 21
6 6(a + 1)
2 _ _ 2 _ 1
DoGednen—4%2071, @ Bl edm—
1  ° 6(a +1) (a+1)
a+1=§ a=_§
-
1@' 3
a+1:-——- g =——
2 2

(iA, B+# 0néna?-2a-1+#0).

1 1 3 3 35
Véia=—= “Llo S sie=—-2= M2,
Gia 2:>M( 5 2),vdia i ( 5 2)

Chon A,
Tachd: ¢ = ~ 1 =

(z-2)

— -1
Giasit M| 22 =31 ¢ (€),0 = 2, (@) = ——

a—2 a—12
Phuong trinh tiép tuyén v6i (C) tai M c6 dang :

-1 2 —
Ary= S{z—a)+ 2 3.
((1—2) a—2

Toa d¢ giao diém A, Bciia (A) va hai tiém cén la:
A[2;MJ; B(2a-%2)
a—2

S, +%y 2+2-2

@ =TI I
i

Tathdy | 2 2 M, suy ra M 1A trung diém
Yg+¥ys 20-3 '
clia AB. 3 a_9 I

Mit khac { (2; 2) va tam gidc IAB vudng tai I nén dudng tron ngoai
tiép tam gidc IAB c6 dién tich




Tidp cin phutong phdp visvin dung cii trong

el \ ;
20-3 1 : ,
S= IM2= —22 _ 2 = -+22+ 22 H B P
" 7|(a )+[a—2 ] m|(a-2) (a—2 T }Gh:chucuaem
{Theo Bdt Co si)
1 a=
Déau “=" xéy rakhi (o — 2)° = =
-2 = el
Do 46 ¢6 hai diém M cin tim 12 M(l; 1) va M(3;3).
Chon C.
Tacéd ¢ = 3 —
($+1)

20 —1
GiésfiM[a; :
a+1

} €(C),a = —1, thi tiép tuyén tai M vdi (C‘) cé
2a—1
T—a)+
(a +1)2( e
z—a)—{(a+1*(y—2)-3+1)=0.
Khodng cach tit I(—1;2) t&i tiép tuyén la:
d_|3(~—1—a)—3(a+1)| 6o +1 6

forfar1) ﬁ+w+W=J

9

1

phuong trinh: y =

(a + 1y ta+D

+{a + 17 22@:6,véyd£\/g.

Theo bit dang thitc Cauchy (

a

Khoang céch d 16n nhét bing /6 khi:
=(a+1) @(a+1)2 —3&a=-1%43.

(a+ 17
Viy c6 hai dié’mM:M(—1+J§;2—J§) hoé<;M(-1-J§;2+«/§).-
Chon A.

Taco y':—(z_z)i.

GiésﬁM[a;2a_3]6(0),ar—2.Tac6:y'(a)=— 1 5 -
a-— a—2)
Tiép tuyén tai M ¢6 phuong trinh: A y = — 1 5 :c—a) 23
(a—2) a—2
Giao di€ém cha A véi tiém cin dingla: A[2;2 + 2 2]
a‘--n

Giao diém ctia A véi tiém cén ngangla: B (Qa -2 ;2)

Tacd: AB® = 4f(a—2) + _
o)




a~2=1 a=3
&>

Dé’u“=”xéyrakhi(a—2)4=1#a 59— _1

Vay diém M can tim c6 toa 46 1: M (3; 3), M (1;1).
Chon D. '

Taco y' =32 - 3.

Phuong trinh hoanh d$ giao diém ca (C) va (d):
ms—(m+3)x—m—2=0¢)(m + 1)(3:2 —:r—m—2)=0
z=-1,y=3

<~
2 —z-—m—2=0(*

Pé€ ham s6 (C) cét d tai 3 diém phan biét thi (*) ¢6 2 nghiém phin
biét khédc -1, nén:

A>0 m > ——
f@ﬂzoﬁ

Gid st Tp3%¢ 1a nghiém cita (*), hé s6 goc ciia ti€p tuyén:
2 2 '
ky =3z — 3k, =3z, — 3.
Theo gia thiét:
kpky = =16 (32}~ 3)(322 - 3) = ~1& 9m’ +18m +1=0

~3+2V2
"=
-~
—3-22
m=———
3
_—3+2V2
Vayvoi | 3 thoa méan yéu cdu bai todn.
—3-2V2
m=——
3
Chon A,

R
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Tiép ciin phutong phdp va van d

PEON TAP CHUONG I

Cho tam gidc vuéng ABC 6 d6 dai canh huyén bing B
5 (don vi 46 dai). Ngudi ta quay tam gidc ABC quanh
tryc mét canh géc vudng dé sinh ra hinh nén, véi kich
thudc nao ciia tam gidc ABC thi hinh nén sinh ra ¢é ’

thé tich 16n nhit?
A x
2 5
A-x=5\/:, =—. B.x=3,y=4
39"
C.x=\/1_0,y=\/ﬁ. D. Két qua khac.

Mot hop khong nip dugc lam tif mét manh céc tdng theo hinh
mau. Hop c6 déy Ja mét hinh vuéng canh x(cm), chiéu cao I
h(cm) va ¢6 thé tich 1a 500(cm®). Hay tim d6 dai canh ctia hinh | |*
vudng sao cho chiéc hop dugc lim ra tén it nhién liéu nhit:
A Scm, ~ B.10cm.

C.2cm, D. 3cm,

% Huyén c6 mét tdm bia hinh tron nhy hinh v&, Huyén
muén bién hinh tron d6 thanh mot hinh céi phéu =
hinh nén. Khi d6 Huyén phai cit bd hinh quat tron

£ A
AOB r6i dén hai ban kinh OA va OB lai véi nhau. // ’

Goi x 12 géc & thm hinh quat tron ding [am phéu., &

Tim x dé thé tich phéu 16n nhdt? ¥
A. ﬁ”. B. %, ¢z D.Z,
3 3 2 4

& Sau khi phét hién ra dich bénh vi rit Zika, cic chuyén gia s& y t€ TP. HCM uéc tinh
s6 ngudi nhiém bénh k€ tii khi xuit hién bénh nhin diu tién dén ngiy thi t Ia
f(1)=15¢ —£*. Taxem f'(t) la tdc do6 truyén bénh (ngudi / ngay) tai thei diém t. Téc
d6 truyén bénh sé 16n nhét vio ngiy bao nhidu?

A. Ngay thii 10. B. Ngay tht 15. C. Ngay thi 20. D. Ngay tha 25.

g C6 mét manh @it hinh vudng ABCD canh 4. Ngusi ta cin lam mot céi trai cé day la

hinh thing ABCM véi diém M thudc canh AD vA AM=x(0<x<a). Dung cai cit

vudng géc véi mp( ABCD) tai A, gia st dinh cot la S, chidu cao ¢t 13 y,(y >0). Néu

x*+y* =4?, gia tri 16n nhét cfia thé tich trai dang chép S.ABCM 1:

N B V3 c@V3. p. £33 .
3 8 24 32




Cho mét t& gify hinh chil nhét véi chiéu dai 12¢m’ v chiéu rong 8cm . GAp goc bén phai
clia t& gidy sao cho sau khi gép, dinh ctia géc 46 cham ddy dudi nhu hinh v&. Dé d6 dai
nép gip la nhé nhit thi gid tri nho nhét d6 bing bao nhiéu?

A B
¥ X
E |8
X
.
D F c

A 6V5. B. 6+2. C.6. D. 6v3.

Cén phai d4t mét ngon dién & phia trén va chinh gitta mét cai ban hinh trdn ¢é bin kinh
a. Héi phéi treo & d¢ cao bao nhiéu d€ mép ban dugc nhiu 4nh sing nhit. Biét ring
sing

r2

cuding d6 sing C duogc biéu thi bdi cong thitc C=k (o 1a gc nghiéng giita tia

sang va mép ban, k 1a hing s6 ty 1é chi phy thudc vao ngudn sang).

Ak=2, B2 C h=2. Dt

2 2 -2 2.

Mot ngudi nong dan ¢6 15000000 déng d€ lam mot cai hang rio hinh chit E doc theo
mot con song (nhd hinh vé) d€ lam mot khu @4t ¢6 hai phin chii nhét d€ trdng rau. P8i
v6i mit hing rao song song v&i bd séng thi chi phi nguyén vatliéu 1a 60000 déng mdt
mét, con ddi véi ba mit hang rao song song nhau thi chi phi nguyén vit liéu 1a 50000
d6ng mot mét. Tim dién tich 16n nhét cta dét rao thu dugc.

—_— — —

77

A. 6250m°. B. 1250 m>. : C. 3125m?. D. 502,

pBi9 Cong ty mi ph&m chudn bi ra mét miu sin phim dudng da méi mang tén Ngoc Trai
vdi thiét ké la mot khéi cdu nhu vién ngoc trai khéng 16, bén trong 1a mét khéi try ndm
trong nita khéi cdu d€ dung kem dudng, nhu hinh vé (hinh anh chi mang tinh chét minh
hoa). Theo du kién, nha sén xut c6 dy dinh d& khéi ciu c6 bén kinh 13 R=3v3 cm.
Tim thé tich Ién nhét ciia khéi try dung kem dé thé tich thuc ghi trén bia hép 12 16n nhit
(v6i muc dich thu hit khédch hang).




LT N U AR ity 0 0

BBET Mot cai Sng c6 dudng kinh khéng dang ké dugc mang

Tiép ciin phuong phip vavmdwg

A. Sdrem® B. 187 cm’®. C. 1087 em’® D. 45z cm’.

Mot cdi muong dugc goi 1a ¢6 dang “Thity ddng hoc” néu véi dién tich thiét dién ngang
xéc dinh thi chiéu dai dudng bién giéi han 12 nho nhét. Ngudi ta cin xdy mét cai muong
dan nudc véi thiét dién ngang 14 hinh chit nhat ¢6 2m*. Hay x4c dinh kich thudc cha
mutong dén nuéc trén d&€ muong c6 dang “Thay dong hoc™?

A. 1m v 2m. B. %m va 4m.
C. gmvé. ém. D. gm vadm.
2 3 3

BBREHE Khi sdn xudt hop mi tom, cdc nha san xuft luon &€ mot khodng tréng nho nhé 3
duéi ddy hop d€ nudce chay xubng dudi va ngim vio thé mi, giip mi chin. Hinh vé
dudi moé té cdu tric cha mot hdp mi tém (hinh vé chi mang tinh chit minh hoa).
Thé mi tém ¢é dang hinh tru, hop mi tém c6 dang hinh nén cut dugc cit ra bai hinh
nén ¢ chiéu cao 9cm va bin kinh ddy 6cm . Nha sin xudt dang tim cach dé sao cho
thé mi tém c6 thé tich 16n nhét trong hép véi muc dich thu hut khach hang. Tim
thé tich 16n nhét 46?

AV =36z B. V=54x C. V=487 D.v=""g

tli mot hém 8 sang mot cai hém 4m (hinh vé). Hai
chiéu dai dai nhit cda c4i 6ng la bao nhidu?

A.1242, B. 4(1+%/Z).

3 3
C. (1433 D. 4(1+322)2.

8m

4m




3 Mot hop dung chocolate bang kim loai ¢6 hinh dang lic m& ndp nhu hinh vé duéi day.
Mot phin tu thé tich phia trén cita hdp duge rai mét I6p bo s@ia ngot, phin con lai phia
dudi la chiia ddy chocolate nguyén chat. Véi kich thude nhu hinh v&, goi x = x,, 13 gid trj
lam cho hép kim loai c6 thé tich I6n nhdt, khi d6 thé tich chocolate nguyén chiét ¢6 gid
trila V. Tim V.

6-x

A.48 dvtt. B. 16 dvtt. C. 64 vit. D. %%am.

P83 Mot nha dia chit dang & vi tri A trong sa mac, cich con duding thing 10km( AN =10km).
Trén con dudng thi xe clia nha dia chét c6 thé chay vdi van tdc 50km /hnhing trén sa
mac thi né chi chay dugc véi van t¢ 30km/ k. Nha dja chit mudn dén mét tram xing
&vitri P dé1i€p thém nhién lidu & vi tri xudi theo dudng 25km (NP = 25km). Tim théi
gian ngdn nhat d€ nha dia chit dén dugc vi tri tram xéng P.

a

W P (Tram xdng?

A. 44 phit. B. 45 phut. C.46phat. D. 47 phit.

M2t ldo néng chia d4t cho con trai d€ ngudi con canh tdc riéng, biét ngudi con sé dugc
chon miéng d4t hinh chi nhit ¢6 chu vi bang 800m. Hoi anh ta chon méi kich thudc
cia n6 bing bao nhiéu dé dién tich canh tic 16n nh4t?

A.200mx200m . ~ B. 300mx=100m. C. 250mx150m. D. Chon khac.



2
1 1 1 B
V. =—=8, h=—gx’y==.1(25-12).
=gttt =g Ay =25y )y
f(y)=(25-y*)y=—y° + 25y
. 5
Ffy)=-3y"+2B5=0y=—r
Y ¥ Nz
Bang bién thién 2 ¢
¥

0

Ln

5
B
FAS)) + -
SO} max

500 b

amum e amw e e 1

V=x*h=500=h="o

x2
2000
x b

S=x’+4xh=x>+

flx)=x* +—2000
x

S fi(x) =22 200 (< (0;105))
X
flx)=0=x=10

x o 10 10:/5

J(x) \ /'589
300

=» x=10 (thda man).
Chon B.

wwsdsssrrrisansaanaas

asssssnunnne

Aaaaasssdbbrtbrrirnanann

asasasnns

aeaseaneesasssestEEEnban

T

RibbtirasebhenTne

P Ghichi caaem .




V=lrr2h
3

RP=h'+ 7% =const = v’ = R* ~ I? 12
=V = Zmh(E ~ 1) = ()

1 p2 L .3 | 2
f(h)zg"'th—Eﬂh; f'(h)=-3~7rR —Th

=>f'(h)=0¢>h=-\%

=>Vmax <=>h:£:>7‘=—‘/5R
V3 3

Chu vi duding tron day hinh nén la 27zr = Z?R
Ta co: 3
2r——27R

f(t)=15¢ ¢
£(£)=30t -3 =-3(t-5)' +75<75
f'(t) =75e1t=5

AM=x=DM=a—x s

1 1
Spen =4 —E(a-—x)a=5a(u+x)

y= [2 _ 2 |
Vs ascm =%‘SA'SABCM =%a(a+x)va2 ~x* """"" B '
Xét ham s6: Ny T\ :
f(x)zu(a+x)\:‘a2-x2 ,XE [O;a] ¢

x=-a
flx)=0e




Tiép ciin phuong phdp va vin dung cao'

-
| _ a3 :
= Ve © 2= 9 Z= Vs apoar = 3 } Ghi chi cdaem

| Chon B,

EF=x,EC=8_x

[ > A B
}1 = FC = x*~(8—x)

¥
—J16x—64
EF CF
AADF ~ AFCE(g.¢) = FE - CE
CE(g8)= % AD . :

EF.AD  8x b r  C
FC  J16x~64

3
y=AE="AF*+EF? = \/ X _—,J 16x
M 6x—

AF=

l6x—64

16x° .
fx)= o € (0;8)

: , 48x* (16x - 64)-16.16x°

| f(x) - 20z 0)

1 (16x—64)

f f(x)=0 e 768x° -3072x* —256x° = 0
©512x° -3072x" =0 x =6

BBT:

yﬁ\/—:'y = fom =108 = 643

Chon D.

R?- &’ + K (Dinh Iy Py-ta-go)
_h
}a2 + h2

=>C=k31na=k h

R Va® + h? (a2 + hz)

Xétham f{h)=

>

B

- h
sinag =—=

ARl AT e

——— (h>0)
()

k
.I




(2 +a ) o3 \/a e

F(0)=
(a +h2)

fB)=0e (h2+“2)3 =31 Na* +h* I +d” =31 ¢¢h=532/§-

BRT:

.
FRO))

f /max\

_af2 _a2
f(h)m@h— 2sc= kf() @h==
Chon B.

E@rﬁ

Phén tich ta dét cc kich thudc clia hang rao nhu hinh vé:

—_ =

— 4 )
/. 1. /
L
Tt d€ bai ban d4u ta ¢é duge mdi quan hé sau:
Do béc noéng dan tra 15000000 d6ng d€ chi trd cho nguyén vit liéu
va dd biét gi thanh tling mit nén ta c6 méi quan hé:
3x.50 000 + 2y.60000 = 15000000
& 15x+12y =1500
_ 1500-15x _ 500—5x
12 4

Dién tich chia khu vudn sau khi d4 rao dugc tinh bang cong thuic:

200-5x 1(—5 2 +500x)

flx)=2xy=2x.

Céch 1: Xét ham s6 trén modt khodng, vé bang bién thién va két luin
GTLN:

Xét ham s8 f(x)=%(—5x2 +500x) trén (0;100)
f'(x)=%(—10x+500), f(x)=0ex=50
Ta c6 bang bién thién:




Tiép cdn phuong phip vé viindy

<10 50 100
gt + 0 -
6250
ﬂx) / \
Céch 2: Nhdm nhanh nhu sau: Ta biét ring A~ g*(x)< A véi moi x,

nén ta c6 th€ nhim nhanh dugc:
5 0 T
flx)=2 (=" +100x) = > (= +2.502-2500+2500)

- g,[zsoo ~(x-50] <6250

Hodc bé&m mdy tinh ph4n giai phuong trinh bic hai va 4n bing nhiéu
lan mdy sé hién nhy sau:

o
e =

Véy ta c6 két qua ciia bii toan.
Chon A,

Phan tich: Py Ia mot Bai thuc t&
dua trén ing dung: khdi try noi tiép nia
khéi ciu. Tz ¢6 mit cit cfia nita khéi ciu
dung mi phdm véi cdc kich thude dugc
thé hién trong hinh vé sau:

Y tudng cita bai nay dua trén kién
thic ching ta d3 hoc 12 tim GTLN -
GTNN clia ham s6 mot bién trén 1
khoéng (doan). § déay c6 hai bién @6 13  va k. Do d6 ta sé tim cach d&
dua vé mét bién, dua bién nay theo bién kia. O day tdi sé dua r theo h.

Ta nhén théy theo dinh ly Pytago thi r* = R? —?

Khid6 V,,=Bh=nr’h=n(R* k) h=n(-h*+R* k)

Dé thé tich khéi tru 16n nhét thi f(h)=-k>+R%E ¢6 GTLN trén
{0;R).

)= b 4 D? _R_

f(R==83r+R*=0h N 3

Ta ¢6 béng bién thién (di nhién trong khi lam bai thi tric nghiém,
ban doc khong nhit thiét phai vé bing bién thién lam gi. Tuy nhién t6i vé
§ day d¢€ gidi thich 16 cho ban doc hiéu.)




R
k|0 X R
B
fth + 0 -
.fi" R\
fn) e 3 \
Ma A R f(3)=—33+(3\/§)2 3=54.Vay V. _ 5d.
V3 Com
Chon A.
pBaLD:
Cich 1:
Chiéu dai dudng bién la:
2x+z=f(x) (xe(0;2) ® § =20}
X
f’(x)=2—-5—2
fx)=0ex=1 %

Vay kich thuéc muong 13 1m va 2m.
Céch 2: -

Dién tich thiét dién ngang: x.yy =2
Chiéu dai dudng bién: x
x+x+y=2x+y22/2xy =4
Ddu “=" xdy ra khi va chi khi: ¥

xy=2@ x=1-
2x=y y=2

Ciéch 1:

Goi do dai IA=x (0<x<6). Khi do:
r=6-x;
Goi KI=R
BO AO BO




Tiép ciin phuong phip vi vén dyiig:cao

9x

SuyraV._=#r’R=m(6-x)7.=

Y1a Ve, 6 } Ghichicitaem
Hinh try 6 thé tich lén nhét khi ham sé:

y=(6-x). 2= 9" 2 > —18x* +54x dat GTLN

y'=%x2 —36x+54

y'=0©%x2—36x+54=0 @li

Béng bién thién:

Vay x=2 suyra V =48x.
Céch 2:

. |BK=x (0<x<6)
* {Xéﬁ=a (0<a<90°)

h=BK.tang =%‘E

r=6-x

3
>V=mrth=rn(6- x)zg?x—ﬁ: {6—x}6- x)2x<7[§) =487

3

Diu“="xdyra <> x=2

Chon C.

8=y .sina

8m
4=y, cosa N

3 4
- +
sine cosa

—Beosa  4sing

sin® o cos® o 4

?,’1+19'2=y= 2

—8cos® @ + 4sin® o

sin? a..cos® @
y'=0¢ —8cos’a +4sin’a = 0 & (tana)’ =26 a = 0,899
8 4

= - +
51n ¢ Cos&

Chon D.

=16,64.

Yinax




Thé tich cGa hop: V, =(6-x).(12-2x)x

=V, =%.(6—x).(12——2x).x=%.(6—x).(6—x).2x ;

. .3 3(12Y
Ap dung BDT Cauchy ta c6: Z.(6—x).(6——x).2x < 213 1= 48.
Céch 2; '
Thé tich cia hdp: V, =(6—x).(12— 2x)x = 2x(6 — x)*
Thé tich phdn chocolate nguyén chét:

3 3

f(x)= VD =ZV=EX(6—'X)2

2
=6

f'(x)=§[(6—x)2—2x(6—x)]=0@3x2~24x+36=04:}[x
2 : x
Vy(6)=0 ; V,(2)=48 (V,(2)>V,(6))

Viy thé tich phdn chocolate 16n nhdt: V, =48 khi x=x,=2
Chon A.

dén

Goidoan NMlax= MP =25x &
AANM vubng tai:
N = AM =+10* +* 10
Khi d6 thoi gian d€ nha dia chit
tram xing [a: .

i
10% +x* +25—x N x M I P

30 50
Thoi gian T ngén nhét khi ham s5 , = Y10 +x* 252 40 TN
30 50
. 5x—3x* +10°
150.4/* +107

Y =0=35x-3vx*+10° =0 =2 x=7,5

T=

Bang bién thién

Viy T = %(h) = 46 phit.
Chon C.




Tép cidn phuong phdp vavin o

Goi chifu dai va chiéu rong chia miéng d4t ln Luot la:

x(m), y(m) (x,y>0)

Dién tich miéng d4t: S=xy

Theo dé bai thi 2(x+y) =800 hay y=400-x.

Do d6 S =x(400 ~x)=—x*+400x véi x>0

Pao ham: $'(x)=-2x+400.Cho y'=0 & x=200

Lap bing bién thién ta duoc: S, = 40000 khi ¥ =200=> y =200

Keét lugn: kich thudc clia miéng dat hinh chii nhat 12 200mx200m
(12 hinh vudng)

Luu y: c6 thé ddnh gid bing BDT Cauchy.

Chon A.

|



pBaEE TU mot manh bia hinh tron

Mot kién tric st mudn thiét ké mot kim ty thap Ai Cap c6 dangla mét hinh chép td giac
déu ngoai tiép mot mit cdu c6 ban kinh bing 67 /DE tiét kidém nguyén lidu x4y dung thi
kién tric su d6 phai thiét k€ kim tu thdp sao cho c6 thé tich nhd nhit. Hay tinh chiéu
cao cha kim tu thap d6?

A.12m. B. 18m. C. 36m. D. 24m.

et

% Cho hinh tru (T) c6 bén kinh va chiéu cao thay d8i; (T) c6 hai dudng tron day (O)

254

va (O°) sao cho ¢6 mét hinh vuéng ABCD néi ti€p trong hinh try (T) (trong d6 A, B
thugc dudng tron (O) va C,D thudc dudng tron (O7)). Biét hinh vuong ABCD 6
dién tich bing 400cm®. Thé tich 16n nhdt V_ cha hinh try (T) 1a2

S8
A, — S000mE B.V,, = 800073,
v = 800(:#8 ' BV = 800(?\/5 ‘

% Mot ngon hai ding dit tai vi trf A cach bd bién mét

khodng AB=>5km . Trén bd bién c6 mét cdi kho § vi
tri C cach B mot khoang 1a 7km . Ngudi canh hai
ding c6 thé cheo do tii A dén diém M trén bo bién
v&ivan tdc 4km/ h r6idibo dén C voivintsc 6km/h
{xem hinh v& & duéi day). Tinh d6 dai dogn BM ¢
ngudi d6 dén kho nhanh nhit.

A_J7_4 g 29

— -E.

4
C. vJ29. D. 24/5.

¥ Bardid Mot cong trinh nghé thuat kién triic trong cong vién cé dang 1a mot tda nha hinh chép

ERIE

ttt gidc déu ngoai tiép mét mit ciu cé ban kinh 1a 5m. Toan b tda nha d6 dugc trang
bi hé théng diéu hoa lam mét do vay dé tiét kiém dién ngudi ta dd xdy dung toa nha sao
cho c6 thé tich nho nhét. Tim chiéu cao toa nha nay.

A.50 =20m. B. 5O0=19m. C. SO=18m. D. SO=17m.

ban tdm O, kinh R=4cm,
ngudi ta cit ramét hinh gbém 1
hinh vudng v4 4 hinh chii nhit
bing nhau. Cic hinh chit nhat
cé kich thuéec 1a x(cm) va
y(cm). Tim %,y d€ dién tich
hinh dugc cit ra 11 16n nhét.




A AR LSRR NSRRI D 0 s Yy,

SALTE L

L% A AR

Tiép ciin phuong phdp va vin dung,

6% Mot xuding co khi nhin lam nhiing chi€u thing phi véi thé tich theo yéu ciula 2z m’
méi chiéc. Hoi thung phai ¢6 kich thudc thé nio &€ tiét kiém vat liéu nhit?

AR=1mh=2m B. R=1m,h=3m C.R=3mh=2m D. R=lmh=4m

75 Mot nha mdy dy dinh san xudt mét loai thiing hinh try cé chiéu cao 1a F, ban kinh day
la 7. Biét ring chiphf sn xuft cho mdi thing nhut vy dugc x4c dinh theo cong thiic:
C =57r* +60zrh . Hiy xdc dinh 7,1 sao cho thing c6 thé tich mong mudn 1a 1125¢m®
v6i chi phi sdn xuit 13 thip nhat?

1532 s he D 1532 6

Ar=DEpp=—1T_ B.r= h=
T il ECE
3 3
c, 152 ., 7 0,12 ., 8

pBAIE: Mot soi déy cing dai Im duge cit thanh 2 doan, 1 doan dugc cudn thanh hinh tron,
doan kia thanh hinh vuéng. Tim d6 dai mi doan néu tdng dién tich hinh trén v hinh
vuong la nhd nhat?

A. Cudn thanh hinh tron: x= id m, cudn thanh hinh vuéng: —é—m
i+7 4+

5
B. Cudn thanh hinh trom:; x = Lm, cudn thinh hinh vuéng: ——m
4+ 4+

€. Cudn thinh hinh tron: x =~ m, cudn thanh hinh vuéng —>—
447 ' 4+

- 4
D. Cuén thanh hinh tron: x = ="z, cudn thanh hinh vudng: ——
4+ 7 4+rx

m Mot chuyén xe bus ¢d siic chita t6i da 13 60 hanh khach Néu 1 chuyén xe ché duge
X hanh khéch thi gié cho mdi hanh khéich 3—— $. Tinh s8 hanh khdch trén méi

chuyén € thu dugc trén méi chuyén lgi nhuin ldn nhéi?
A. 40 hanh khéch B. 45 hanh khach C. 50 hanh khich D. 55 hanh khich

FEEEE Nguoi ta mudn lam mot cai hinh hop chit nhat khéng c6 nip c6 chiéu dai day gip doi
chiéu rong va c6 thé tich 10cm’. Gid st gid tién v4t liéu lam déy thing 12 10.000 déng/m?
va vét liéu lam mit bén 13 5.000 d6ng/m>. Hay xédc dinh kich thuéc ciia thiing dé chi phi
clia thiing nhé nhit.

A.Daila 24(15/4) rong i (15/4) cao lary = S/W
B.Daila 23/(15/4) rong 14:33f{15/4) caolary = 6/3(1574).
C.Daila 23f(15/4) romg i (15/4) cao Lary=7/3f{1574) .
D.Daila 2.3/{15/4) rong12:43/(15/4) cao la:y=8/3f(15/4).




B Chio hinh trit i tiép trong hinh cfu bén kinh r. Xéc dinh chiéu cao va ban kinh dé
hinh try ¢6 thé tich 16n nhit, '

2/3r 6 RN

Ah==g =37 BArTgin=g
C.h=2\/§r;r1:—{6—r D.h%SJgr;rl=£%
5 5 3 3

12 Cho niia hinh cdu ban kinh 7 khéng d8i. Mt hinh nén c6 chiéu cao #, ban kinh déy
la r,. Héy xac dinh h va r, @€ dién tich xung quanh ciia hinh nén 12 nhé nhat biét ring:
mit ngoai ctia hinh nén tiép xtic cia mat cdu va 2 dudng tron ddy 1a ddng tdm va cling
thudc 1 mit phing.

V6

A.TI =7T=}h=‘\/§1‘

B. r1=§r=>h:\/§r

C.r’1=gr=>h=\/§r

D. r1=%r=>h=wfgr

823 Ngudi ta mudn ma vang cho mot cai hop o6 day hinh vudng khong nip cé thétich 1a 41.
Tim kich thudc ciia thiing d€iugng vang ding ma 14 it nhit? Gia st 46 day dmm clialép
ma tai moi noi trén mit ngoai hdp la nhu nhau.

A.Canh déy hop x =2, chiéu caohdp s =1. B.Canhdéyhép x =3, chiéucaohdp h=2.
C.Canh déyhépx =1, chi€ucaohdp h=1. D.Canh &dyhdpx=3,chiéucaohdp h=3.

FBARHE Gid st mot hing hang khong vin chuyén 8.000 lugt hinh khich méi thing véi gid vé
1 triéu d8ng mdt luigt. Hang hang khéng mudn ting gid vé, tuy nhién bd phin nghién
ctiu thi trudng cho biét cii ting gid vé thém 20 nghin déng thi higng khich hang gidm
di 100 ngudi. Xic dinh gié vé thich hop d€ doanh thu clia hing dat I¢gi nhudn cao nhat,

Khi xdy nha méi chti nha muén xiy mét bé nude sach bing gach va xi ming cé dang
hinh hop diing ddy 13 hinh ch@ nhit c¢6 chiéu dai d gdp hai 1dn chidu réng r va khong
3
¢6 nap, chiéu cao # va cé thé& tich 4" i ¢6 kich thudc ciia hé nude sao cho chi phi
3 .

thap nhit I

A.r:]_,d=2’h=—%. B.r=:l,d=g}h=6.
3 373

C. r=%,d=1,h=~§~. D. Mt két qua khac.
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Theo dinh ly Ta-1ét:

St Ip h—6 6
—— <:> PR —
50 OH h OH

[

=0oH="" so-n om=“%
h—6 , 2

Mt khic:

oi — __S00M 6h

2
& alh—6) =12 h2+% & a(h? —12h + 36) = 144

2 144R®  144h

= =
2 2 h—86 2
\/SO + OM 2‘jh2+a

= a = =
R*—12n h-—12
V=l. 144h.
3 h-12
h2
r hz_‘_.
Xeét flh) =~y
h{h —24) h={(
filf)=————= fR)=0c
W= = FW=0e) T
Béng bién thién:
h 0 24
FRG) - 0 +
FAC)
min

Chon D.




Ké BM 1 AB vacit (O) tai M, néi MC.
Khids: OA=0M=+, MC=h
Hinh vuéng ABCD cé:

$=400cm® = AB=BC=20cm
Goi chiéu cao hinh tru:
(T):MC=h=x (G<x<20)
= MB* =20" - x*

= AM? =207 +20° —x* =800 —x*
800 — 22

Suy ra MO? =1 =

Tacd: V,, =nr’ h= x.%(SOO —xz).x

Vir) 16n nhét khi him s6 y =(800—x*).x dat GTLN

_20V6
3

y'=-3x"+800 ; y'=0&-3x"+800=0&x

Béng bién thién:

Goido daidoan BM Ia x (0<x<7)
Khi d6 ta c6: MC=7-x ; AM =% +5
Suy ra thdi gian d€ ngudi canh hdi ding dénkhola: T=

Vx'+5
4

7—x
+_
6

Nguoi canh hi ding dén kho nhanh nhdt khi T nho nhdt, suyreham | -

. VxP 45 T—x
) y=T+

T dat GTNN
y,_6x—4\/x2+52
24+ x* 4+ 57

y =0 6x—4? +5' =0 x =25




Tiép cin phutong phip vé vin dy

Bang bién thién: — - -

y(x)

i 0 +
0 \ /
- Ymin

Vay d6 dai BM =245,
Chon D,

x”’&i—"ig
Goi I la tam mit cau noi ti€p, mit clu tiép
xtc vdi mit (SAB) tai E, suyra E thudc SH.
bit SO =x, xét hai tam gidc vudng déng
dang SEI vi SOH ta cé:

I S o SOIE=SEOH & 5x= (SH—EH)é-B—

HO 50 2

=(sH-om)28 AB [Jsoz AF
SuyraxAB—5(2,,/x’+Af +AB)

ABﬂ

=10 x3+T=(x—IO)AB
x—10
1 100S0*

=V SOAB2 —_—

S.ABCD (SO 10)
Xét £(x) 100x2 x)=0

t = =
A= S

2_
©ﬂ=0@x=20.

(x—10)

Viy chiéu cao cita tda nha 1a: SO = 20m.
Chon A.

Buidng tron dudng kinh 2R = 8cm
= AC=8cm= AB=—> =42 y
V2

Dién tich hinh dugc citra la:
2
(4\/5) +4xy =4xy+32

i

[¢]

N

B Ghichi caaem -




Xét tara gidc MNP: NP? = MP* - MN®
=yt =8 (42 +2x) = —4x* —16/2 x 432

= y=24-%" -4\/_x+8
Flx)=dx24 -2 —4N2x+8 +32= 82— —4/2x +8+32 (D<x<2)

@) = S\—a* — N2z +8 — — ta(2 + 42)

\/—:c —4\/§m+8
i s Jsz-3\

filzy =01z =S5 o= 5

Do thiing phi ¢6 dang hinh try kin hai ddu nén:
Goi R: la ban kinh d4y thung (m)
h: 14 chiéu cao cia thiing (m)

DKXP: R,h>0
Taco:V, =R =2z <k =%(*)
Dién tich toan phin cia thiing la:
S, =2zR{h+R){**)
Thay (*) vao (**),tacé:
5, =27R %+RJ=2::(3+R2

R R

- iz Ax

S, :271:( = +RJ = (R3—1)=-1f2—2~(R——1)(R2+.R+1)

Cho S;p =0,tacé:R=1
R 0 i +00

I~

v
Viy ta can ché tao thiing véi kich thuée: R=1m,h =2m.
Chon A.

Thé tich mi thing :V = rh=1125= h = 12
zr
Chi phi: C = 57r* +60xrh = 5xr* + 607y 1125 =5zrl + 67500
ﬂ'T e

Tinh dao ham: C' () =10zr - 00

2

¥




Tiép ciin phutong phdp vivindy

f 3
C'(T):Q'fr:>102‘:':r3=6'7500«::>r=3.67ﬂ.:15\/5
z i

1532 5
Véii 1= c(r)=3375.%/21'.%/}vah—%%
3 .

» | 0 _IfT“ﬁ o
Z
cE ], AN

2z // \m / \\

Tt bang bién thién, suy ra:

15%2

5 :
Véi:r=—"—~—vi h=-—— thichi hi san xudt a thdp nhét va bing :
ir Yaix P P £

Cc(r). =33754¥x

Chon A.

Goi x 1a chidu dai clia doan day i
cudn thanh hinh tron (0<x<1)—>
chiéu dai doan day cuén thanh hinh
vubng la: 1-x

Chu vi hinh tron véi R 1a bén

kinh: 2zR=x= g =%

r .
Dién tich hinh tron: S, =zR*= :—
v

2
Dién tich hinh vudng: S, = [%}

2 (1-xY (4+z)x*-22x+
Tong ditfentichzhinh:S:sh+sim=4£_+(1 x] .,( 7)x Wt
b3

4 16x
(4+:r)x—7z

8z

S'=

S'=0e=x=

(T/m)

S”=%£>O Vx

T
=>x= la diém cyc ti€u chia ham s6 S(x)
4+rx :
Vay t8ng dién tich hinh tron vé hinh vudng 14 nhd nh# thi chiéu dai doan

déy cuén thanh hinh tron i x=4—’im, cudn thanh hinh vuéng %m
+ T




Goi * 12 s6 hanh khac trén méi chuyén xe d€ tién thu dugc 12 lén
nhat (0 <#<60)

$& tién thu dugc la:
2 2
t 3 £ . 3, 3t
F(t)=[3-——[t=9%——t"+ = F'(t)=9——t+
() ( 40J 20 1600 () 10 1600
Cho:F'(t)=0@[t:4O *)
t=120(L)
RO 1 0 40 60
Béng bién thién: 7o " 0 -
F) 160

TN

Két Indn: Véy dé thu duoc tién 16n nhat thi s6 khach trén méi chuyén
xe 12 40 hanh khéach.
Chon A.

pBSiT;
Goi §: chi phi, x: chifu rdng, 2x: chiéu dai, y: chifu cao.
Tt gid thuyét dé bai ta cé:
§ = 2xx.10000 + 2 (xy + 2xy ) 5000 = 20000x" +30000xy.
Mf?lV=2x2y=10'-—->yr=£2 i
X
Suy ra §=20000x* + ?:0000.E = 20000x” +
X
150000

150000
X

§'=40000x -

§'=0 e 400007 - 2200 {
’ 15
Viydaila 2. 3/ rong la: af caola: y= —5~
\/ T{

Chon A.

VBTE
Goi # 13 chiéu cao chia hinh try.
7, Ia bén kinh day ctia hinh tru.
Ta cé: -g 2 +rr =7
Theé tich hinh tro 1a:

2 3
V=nrlh=x R
4 4

3

Keéthim V (k)= -7




Tiép ciin phutong phip vévin dung cq

3z

=V (B)=mr-2E g
4

2\/51'
3

V’(h):min'rr2 —§£h2=01:>h2=§1-=>h=
4 3

Dé thiy diém p = Z\ET {a difm cuc dai cha ham s6 V(h) va tai

h= 2fr thi V(1) dat gia tri 16n nhit. Vay, thé tich hinh tru 16n nhit khi

va chi khi hzz_s\/gr__)rlz;\é—gr-

Chon A.

Ap dyng hé thiic higng trong
tam gidc vudng ta cé:
1,11 _1_1 1

—_—_—t— == ==
r12 h2 _r2 hZ r2 ?:12

Goi 1 1a dudng sinh clia hinh nén ta cé:

2
t.F ¥
2 _ 12 2_( 1) 2 _ 1
=k Y =t =5
?’1 -~ T1 -t

2
. 1,
:')12_1—
2 2
Vh -7 s
2xr

Vdy dién tich xung quanh ctia hinh nén l&: § = 2ml =
2

Ta xét ham: h=r
2zr®
5(,—)=_1
t fr2_,2
"
4
.
T e S
1 1
JER: 37‘12(7’22——72)—1‘14
=8'=2 ! =
r2_¢? 2_ 2y a2
1 (1’1 —-r ) Tl —-r

;%S’:O@Bf(rff'—rz)—rf =0

@2q‘—3r12r2=0=>:f=%r2=>13=?6r=>h=\/§r

Vay dién tich xung quanh cda hinh nén dat gid tri nhd nhat khi
= ﬁr =h=+3r-

2
Chon A.

Goi: 214 canh clia ddy hop (dm); h 1a chiéu cao ctia hop (dm); S (x)1a
dién tich clia phin hop cén ma (dn*)

} Ghicht ciaem




Tacé: m=(P,,, 4).5(x)=kS(x) k=Hing s6 (v6i P,,,,: khdi ligng

riéng cia vang)

Suy ra: khdilugng m ti1é thudn v6i S(x).
Ta ¢b; ,'S(;vc)=f~1txh+:x:2 (1)
VaVexth=teh=—2 (2)

x?

Tix. (1) va (2), ta cé: S(x) x +E

Léy dao ham 2 vé: 5*(x) = 2x __1__6._2x 165 (x)=2+22
x X X

=2
Cho §'(x)=0 2" ~16=0= 1

Voi x=2,tact: S (2):0 = S(x) dat cyc tidu tai x=2= Khéi
57(2)=6

lugng m ciing la nhé nhat.

hoép

Véy dé€ tiét kiém nhit lugng vang cin ma thi chung ta cdn san xudt

voi kich thuéc: {x 2
Chon A.

X:giatién ting thém (nghin déng) = S6khach gidm di %.100 =5x
Lgi nhuan: (1000+x)(8000-5x) = f(x)

f'(x)=3000-10x

= fi{x})=0=x=300

x | o 300 1600
P + -
S max

TN

Vay gia vé thich hgp 13 1300 (nghin dong).

|

5=5 +5 =2r2+2hd+2hr=2r2+6hr=2r2+6r.—2—=2r2+E
44 37 r

r
=2r2+3+2233"2r2.3.2=6 |
ror rr

Dau “=" x&y ra khi va chi khi

I S S |
r

=>d=2~—.>.h=g

Chon A.
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Mgt tém ton hinh chit nhét c6 chu vi bing 8, ngudi ta «—>
£4p tdm tén theo cdc dudng nhut hinh v& d€ tao ra hinh E :; i
hop chii nhat. Véi kich thudc ndo cia x,¥,z thi thé i o
tich hinh hép chi nhét 1 160 nhit. i ; P
A,2x=2y:z=~§—. B.x:y:%véz=2. E' fl '
: -—
Xty

Cx= =§v‘a z:é. D. Két qué khic.
Y73 2

pBacZi Mot chiéc lon hinh tru Jam tif cac miéng kim loai chita dugc 1 lit T
chit 1éng & trong, nhung nha sin xuft muén téng dién tich cc M
miéng kim loai cdn dung Id nhé nhit. Khi d6 kich thudc ciia chiéc
lon sé nhu thé nao? _ h
A. Dién tich ddy lon bing :/Edmz .

4

B. Tdng dién tich cic miéng kim loai 1a327zm? .
C. Duong kinh déy lon 12 fj’gdm.

7
D. Thé tich ciia Ion bing 1m°.

PRI DE do chidu cao h (khoang céch cao nhét tit dinh dén mit d4t) clia cng Parabol clia
trudng Dai hoc Bich Khoa Ha N¢i, ngudi ta tién hinh do khoang céch L giiia hai chan
cOng dugc L=9m. Ngudi nay thdy ring néu diing cach chan cbng (gdn nhét) 0,5m thy
ddu cham c8ng, biét ngudi nay cao 1,6m . Tinh chiéu cao  ciia céng Parabol.

625 648 639 652

ch=—im. L h=—m. h=—""m. D.h=—-
A} m B.h 85m Ch 91m 93m

B2 Chiéu dai bé nhit ciia c4i thang AB d€né c6 thé tua vao tusmg 4
AC va mit ddt BC, ngang qua <ot &3 DH cao 4m, song song
va cach tdong CH=0,5m la;

A. Xépxi 5,4902. B. X&p xi 5,602.
C. Xdpxi 55902, D.Xédp xi 6,5902.

T B

Mét cita hang banh nhé vao dip 1& khai triong dat ra gid nhuasau: Néu 1 gt khach
trong quén ¢6 4 khach hang thi gid cho méi ngudi sé Ia: 3——”—] (D6 1a). Hoi véi lugng

30

khich bao nhiéu thi cita hang thu dugc lgi nhuin 16n nhit?

A.10, B. 20. C.15. D. 23.

% Mot ngudi tho xiy, mudn x4y dung mot bén chida nudc hinh tru tron véi thé tich 1a
150’ (nhut hinh v& bén). Déy lam bing bé tong, thanh lam bing ton v ndp lam bing
nhom. Tinh chi phi thdp nhit d€ bén chda nude (lam tron dén hing nghin). Biét gid

| EE




thanh cdc vit liéu nhu saw: bé tong 100 nghin dong mét m?, ton 90 nghin déng mot m”
va nhom 120 nghin déng mot .

A.15037000 déng.  B.15038000 déng.  C.15039000 déng.  D.15040000 déng.

i Mt cong ty kinh doanh thuc phim udc tinh ring 6 tién thu vao & viéc kinh doanh rau
dugc tinh x4p xi bing cong thic A(x) = x> —29000x+1000100000 va tién 1ai dugc tinh
bang cong thic g{(x)=1000x+100000 v&i x la s6 tién cho mdi kg rau. Tim x d€ s6
tién vén bo rala it nhit. ,

A. 15000 déng. B. 30000 déng, C. 10000 d6ng.- D. 20000 déng,

i85 Trong giai doan tii ndm 1980 d&n ndm 1994, ti 1¢ phan trim nhitng ho gia dinh & My cé it
nhit mét ddu mdy video (VCR) di dugc mé hinh héa bdi ham sé sau: V()=

1+74.e -0,6¢
trong d¢ ¢ 1a thoi gian duge tinh bing nam 0<¢< 14 Thoi diém ma con s VCR tang

nhanh nhét gin véi gid tri ndo nhét sau day?
A.t=14, B. £ =10. C =9 D.t=7.
~2x+3

3 Duding thing di qua 2 diém cyc tri cta dd thi ham s8y= hop v6i 2 truc toa

-1
d¢ 1 tam gidc c6 dién tich Sbing : *
A.5=15 B.5=2 C.5=3 D.5=1
}EAAG Tim m @€ phuong trinh ™ ~me* +3~m=0c6 nghiém.,
A mz22 Bm>2 C.m<3 D.m>0

% Cho ham s6 y=x"—2x* +(1—m)x+m c6 46 thil (C). Gié trj cia m & (C)cit tryc
hoanh tai 3 diém phén biét x;,x,,x, sao cho xf +x+x <4l

1
A.m<l1 B. —Z<m<1 C-—%<m<1 D-%<m<1

m#(}

JB3TZ Cho ham s6 y={x—m)’ —3x+m*(1). GoiM Ia diém cyc dai ctia &6 thi ham s6 (1) dng
v6i mot gid tri m thich hgp d6ng thdila di€m cyc tiéu chia d6 thi ham 8 (1) ding v6i mét
gia tri khac cia m. S6 diém M théa min yéu cdu dé bai la:

Al B.2 C3 . D.0

13: Tim m d€ d6 thi ham s6 y=x"—3mx* +1 ¢4 hai diém cyc trj A, B sao cho tam giac
OAB ¢6 dién tich bing 1 (O 2 géc toa d9).
Am=+1 B.m=3 Cm=1 Dom=-1

BBaiJ4: Tim t4t cA cdc gid tri cla tham s& msao cho bat phuong trinh sau cé tip nghiém 1a

FESREAER

(—o0;0]: 2"‘“+(2m+1)(3 \/—) (3+J_) <0-
1

A. mS—E. B.mSE. C.m_<—;-. D.m<—%.

P83S Cho ham s5 y-——x (C) Tim' m d€ dudng thing (d): y=mx-m—1 cit (C) tai hai
diém phén biét M, N sao cho AM?® + AN?dat gi4 trj nhd nhét véi A(-L 1),
Am=-1 - B.m=0 Cm=1 D.m=2



H

Chuvihen =2(2x+2y+z)=8

b

|

S 2x+2y+z=4
Vin = Sda‘y. chiéu cao z

1f 2x+2y+2

1
=yzx=—2x2yz<—
YEXE XY RS T
3

1(4Y _16

3] 27
Diu"=" xay ra ®2x=2y=z=§
Chon A,

+V=1@»;rz'.rz.h=1=>h=i2

+ 8, =2nrh+27r*

2
=4 277 =1+1+2m‘2 >332x
r r ¥

|

>
+
=

h
DH "__# 2 1 2 1
au = xayrae-—=2mr < r=3— e
2%
=>2r=3i- N
r
Chon C.
Gid st phaongtrinh: y = ax” +bx +c
x1+x2=--E A
Theo Vi-et: a
C
X, ==
b a /Sl Xz\
- xzz—z (x2=9)=> 9a+52=0
=0 (Dox,=0) V=& +hx
Ma A %% thude dé thi (d& bai)
32
9 +b= = —_—
e LT, s oY s
LU TN 288 77785 Tes F T w5l 2 T es
4 5 |b="o
85
ChonB

e

} Ghichif ciia em

|



bit CB=x,CA =y khi 46 bang cach A

xét cac tam gidc ddng dang ta c6 hé thiic: D
1 4
—+—=1
2x y
Bii todn quy vé tim min clia x° + 37,
2x—-2-f’7_0
Giai hé x =y=2x CTH
4a
2y——-2~—0
Y
Dodéhéms6datmi:1taix=g;y=5hayABmin-—-%.
Chon C. '

. 3
$6 tién ctia hang thu dugc 1 a{S -%]
Ap dung BDT Cauchy ta cé:
£ 4
<10|2] =23
4, 128

a 3 3
l3-Z| =102 [3-&
”( 30) 10( 30)
D#u “=” xdy rakhi va chikhi = =3-2 & 2=22, 5,

10 30

Vay ciia hang c6 23 khach thi sé thu lgi nhuin cao nhit.
Chon D.

i

Tacéd: V =150m° = ¥l = —— 150 = 7rl
¥
Gid tién d€ xay bén nudce la:
90.10°. 2711 +100.10°.zr* +120.10° 72

=10%.90.2771 +220.10% z+*

03.M+103.220.m2

=1
-
Ap dung bt déng thitc Cauchy 3 s6:

90.150 150 90.150

22071 + ———233/2207.(90.150)* ~15038,3
Véy gid tién khoang béng 15038000 dong.
Chon B,

Kh1 d6 6 tién vOn b ra sé dugc tinh bing cong thic:
F(x) = h(x)— g(x) = x* —30000x + 1000000000
= (x—15000)" + 775000000 > 775000000
Déu bang xay ra khi x =15000.
Chon A.

=




10, U AR e b L 5

Tiép ciin phuong phap vi vin dung

75
14 7467958
Pé f(t) —— min: 1+ 74.|—

b hichiciaem

DEV(t) = max thi f(f) =1+ 74.e™ %% —, min

t 1 14
=14 74.[—6]

e’ e’

Vi ( ] Ia ham nghich bién.

Vay t=14 thi V(#) ——max .
Chon A,

Ta c6 két qué : Néu 46 thi ham s6 ¥ = (_xj ¢6 diém cuc tri (x,;y,)
L _wx)
thl yo - v,'(xa)
* Suy raphudng trinh dudng thing di qua 2 diém cuc tri 13 y=2x-2 (d)
* (d) cdt 2 truc toa do tai 2 diém A(0;-2), B(1;0) nén dién tich tam

gidc OAB bing 1.
Chon D,
P
£ +3
Dit t =¢%, £ >0. Bién d6i phuong trinh vé dang o
2
Khio sétham f(t) =——,t>0tacé f()=2. Suy ram=2

l
Chon A. (dung casio de tim nhanh hon)

Phuong trinh hoanh d9 giao di€m cita (C) va truc hoanh la:
x=1
X —x-m=0

m#0

(C) va tryc hoanh cit nhau tai 3 diém ph & 1
m>——

x3~2x2+(l—m)x+m=0 I=N

Ta co:

HHx 45 <46 (n+x) -2, +l<d o 1+2m+l<d e m<l

Chon B,

Tacc')y'=3(x—m)2 =3,y =6{x—m)
, x=m-1
Suyra y —0@[x2m+1 .
V‘1x=x1=m—I,y’(m—1)<Onénha‘1msé'datajcdaitai:x=x1=m—1
vagidtricucdaia y, =m® —3m+2.
T!iongtu ta ¢d ham s6 dat cyc tiéu tai x=x, =m+1 vi gid tri cuc
tidula J"z—m —3m-72.




Ta gi4 sti diém M 13 diém cyc dai clia d6 thi ham s6 ing véi gid tri m,
va la di€m cuc tidu ing chia d6 thi him s6 tng véi véi gid tri m,.
m—1=m,+1

Tu YCBT suy ra hé phuong trinh
YRR {Mf—3m1+2=m§_~3mz—2

Gidi hé ta tim dugc nghiém m, = ; m, =—%vé suy ra ton tai duy
nhdt mét diém Af (% —Z) thoa bai todn.
Chon A.

Tacod y'—3x2—6mx=3x(x—2m).Dé’dﬁthihémsécéhaidié’m
cuctrithi m=0.

Khi d6 hai diém cuic tri clia d6 thi him s6 13 A(0;1) va B( 2m; —4m® +1),
Goi H 12 hinh chiéu vudng géc clia diém B 1én truc tung, ta c6 BH = !Zml

Digntich cta tam giic OABIA § = BH.OA = |oni

Theo débdi S =1néntacd = ,2m| 1suyra m==x1.Viym = £1
Ia gid tri ¢in tim.
Chon A.

Phuong trinh da cho tuong duong: : '
2m+(2Zm+ 1)(#} +[3+2J§] <0(1)-Pate= [3 +2\.[5- ] >0 ta dugc:

2m+(2m+1) +1<0& f(t) =1 +2me+2m+1<0(2).

Bitphuong trmh (1) nghiém diing Vx < 0 nén bét phuong trinh (2)
¢ nghiém 0 <¢ <1, suy ra phuong trinh 7(¢)=0 ¢6 2 nghiém 2,2, thda
f(0)<0 {2m+1$0 {mS—-O,S

tISO<1<t2@
F)<0  [4m+2<0  |m<-0,5

Viym< —% thoa man.

Chon D.

Phuong trinh hoanh d9 giao diém ciia (C) va (d):
x x#1

—=mx—-m=-l

1-x {m.x2 —2mx+m+1=0(1)

(d) cat (C) tai hai di€m phén b1et © (1)c6 2 nghiém pha.n biét khéc 1
om<b

Goi I Ia trung diém cia MN = I(1;-1) ¢6 dinh.

Tach: AM® + AN? =2A1" + MN?

Do AM?+ AN® nhé nhét @ZMN nho nhit

MN 2—(Jc x Y (l+m)* ——4m—i>8 Diu = ”xayra Sm=-]
Viy min(AM®+ AN®) =20 khi me—1

Chon A,




Tiép cfin phuong phap vivin dung

177 Hai difm M, N thuéc hai nhanh ciia d thi y = 3——~— . Khi d6 d@¢ dai doan thing MN
ngén nhit bing?

A.8 B.4 C. x, <3 D. 842.
Péhams6 y=x'(m-x)-m ddng bién trén khoang (1;2) thi gid trj cira m phai la:
Am=22, B.mz=3, C2<m<3. D. Vi meoi m.
% Ham s y=(x"—2x+m+1)" 6 tap xéc dinh & R khi

Am<-lhoicm>0 B.m=0 Cm>0 D.0<m<3
; Trén sin bay c6 mét mdy bay cft cinh trén duong bing d (4 trai sang phai) v bit du
ri mat dat tai diém O. Goi (P} 12 mit phing vudng géc véi mit d&t va cit mit d4t theo
gizo tuyén la dudng bing d ciia méy bay. Doc theo dudng bing d cach vi tri mdy bay
cét cinh O mot khodng 300(m) vé phia bén phai c6 1 ngudi quan sat A. Biét méy bay
chuyen déng trong mit phing (P) v 6 cac y cha méy bay xdc dinh béi phuong trinh

y=xv6ix 13 d6 doi cta mdy bay doc theo dudng thing d va tinh ti O). Khodng céch
ngin nhit tif ngudi A (ding c6 dinh) dén méy bay la:

A. 300(m) B. 100+/5(m) C.200(m) D. 1004/3(m)

i Chohams6 y= 2x _14 ¢4 46 thi (C) diém A4(-5;5). Tim m & dudngthing y =-x + m
x

cit dé thi (C ) tai hai di€ém phén biét M va N sao cho ti gidc OAMN 13 hinh binh hanh

(Ola gbc toa d9).

A m=0 B.m=0;m=2 Cm=2 D. m=-2

{ Mot mdy tinh dugc 14p trinh d€ vé mét chudi cac hinh chit nhit & goc phén tu thi nhit

clia tryc toa d6 Oxy, ndi tiép dudi dudng cong y=e™ Hbi dién tich 16n nh4t ciia hinh chi

nhét cd thé duge vé bing cach 14p trinh trén.

A.0,3679 ( dvdt) B. 0,3976 (dvdt) C. 0,1353( dvdt) D. 0,5313( dvdt)

/-4 Ban An la mot hoc sinh 16p 12, b8 ban 12 mét thg han. BS ban —
dinh Iam mét chiéc thiing hinh try tif mét manh tén ¢6 chu vi - .
120 ¢m'theo cach dudi day:

Béng kién thitc da hoc em gitip b6 ban chon manh tén dé lam dugc chiéc thiing c6 thé
tich 16n nhét, khi d6 chigu dai, réng clia manh ton lan lugt 1a:

A. 35cm:25¢m B. 40cm;20cm C. 50¢m; 10cm D. 30cm;30em

BESEE Cho ham s6 y=x —%x’ 6 d4 thila (C).Tim tit ci nhitng diém trén d6 thi (C) sao cho

hé s6 goc clia ti€p tuyén v6i db thi (C) tai nhiing diém d6 14 gié tri 16n nhét cia ham s6:
o(x)= 4x2+3
4 +1

s



B. [—?1;—1); (i;ﬂ]
2 3’27

D. (—;—;0]; (-2;-10})

2 4

3

2 4

d [_ﬁ._wﬁ} [ﬁ;ﬂ )

pBaY Cho ham s6 y=x*-2mx*+1—m, Dinh m d& 46 thi ham s& trén cb ba diém cyc tri tao
thanh tam gidc nhin géc toa d6 lam tryc tam.
A1 B.O C1l D.2

JEATHTE Nha Nam c6 mét chiée ban trén ¢é bén kinh bing V2 m. Nam muén mic mét béng
dién & phia trén va chinh giffa chiéc ban sao cho mép ban nhin dugce nhi€u 4nh séng

nhdt. Biét ring cudng d6 sdng C clia bong dién dugc biéu thi bt céng thiic C=c Sl;a

(oula goe tao béi tia sdng t6i mép ban v mit ban, ¢ 1a hding s8 tf 1¢ chi phu thudc vao
ngudn sang, I la khoang cach tii mép ban téi béng dién). Khodng cach Nam cin treo
béng dién tinh tit mdt ban 1a:

A.1lm B.1,2m C.1.5m D.2Z2m

PR Cho x va y12 hai s6 thuc duong thay d8i sao cho:i x*—2x+4y* =0. Gid tri 16n nhét cha
tich xy gén nhét véi 56 nao? '
A.0,5 B.0,6 C.07 D.038

T t)

4% Cho ham s8: y=x* —2(m-2)x* + m* ~5m+5. Vi gid tri nao cta m thi 6 thi ham s6
c6 cuc dai va cuc tiéu, d6ng thai cac diém nay tao thanh mot tam gidc déu:

Am=2-3 B, 2—/3 C.3-2 D.3-32

73} Cho ham 8 y=x"+mx+2 ¢6 6 thi (C ). Tim m dé 46 thj (C ) ¢it truc hoinh tai mét
diém duy nhit. '

A m>=3 B. m<-3 C.m>3 D. m<3
2 i
PESE Gid tril6n nhdt cia hAm s6 f(x)= 23111—x la:
' sin* X 4 cos* Z
2 2
A.0 B.4 cs8 . D.2

Duding day dién 110KV kéo tli tram phat (diém A) trong dét lién ra Con Dao (diém
C). Biét khoéng cich ngin nhit tit C dén B la 60km, khodng cich tii A dén B 12 100km,
moi km day dién dudi nude chi phi 1& 5000 USD, chi phi cho méi km déy dién trén b&
12 3000 USD. Héi diém G cich A bao nhiéu d€ mic day diéntit A dén G ritli G dén C
chi phi it nhat. _

A. 40km A. 45km A. 55km A. 60km

Lo |



i
A

P Ghi chii ciia ém

PP

n

2 2
MN2=(m+n)2+(E+§] 2 (2 mn)* +64 2Ji.l =4(mn+ﬁ)2 64;
m n m n mn :

= MN 2 8. Két ludin MN ngin nhit bing 8.
Chon A.

iz o 4 8 o
Gid st x,, <3,x, >3,khido M(3—m;3-—], N[3+n;3+§J véimn>0
m

P

WarteruvsasaaaLassaun

Vi y'=—3x2+2mx=—x(3x—m);y’=0<:> x=0vx, =%

Vihés(")'a<0nénx1=0<1<2S2Tm=x2<:>m23
Chon B,
Diéu kién: :
¥ =2x+m+1>0Vre RS A<D - (m+1]) <0 m>0
Chon C.
Xéthé truc Oxy véi gbctoado O la
vi tri mdy bay r&i mat dat, truc Ox cgust
trung v6i dudng thing d va chiéu
dudng hudng sang phai, truc Oy vuéng
goc v6i mit dat. .
Goi B(;*) (:20) 1 toa db cila ——s—r Lt |
miy bay trong hé¢ Oxy. Toa d6 ciia .
ngudi A Ia 4(3;0). .

Khoang cdch tit ngudi A dén may
bay B bing 4 =Jm. Suyrad’ =r*+1 6649 = f(2).

f'(H =4 +2t—6.

f{H=0st=1.

Lap bang bién thién, ta thiy 4° = £ (¢) dat gia tri nho nhét bing 5 khi
t=1. Vay khodng céch nhé nhét 1 100:/5(m)

Chon B.

cassassdnn




Do cic diém Ova A thudc dudng thing A: y =—x néndé OAMN A
hinh binh hanh thi MN = 04 =52

Hoanh d6 cba M va N la nghiém cla pt:
2x—4

(4)

=—xt+tmex +@-mx—(m+4)=0(x=-1)()

x+1
Vi A=m’—2m+25>0,Vm, nén (1) luén c6 hai nghiém phan biét,
ludn cit (C’ ) tai hai diém phén biét.
Gid sl %, %, 14 nghiém ctia (1)ta ¢6: {x‘ tEH=me

xx, =—(m+ 4)

Goi M (x;—x, +m), N(x,;—x, +m)
= MN? =2(x,—x,)" =2[ (%, +x,)" —4xx, | = 2m" ~4m+50
m=2
m=0
+m =0 thi O, 4, M, N thdng hing nén khong thod man.
+ m = 2 thod min.
Chon C.

MN=5\/5=>2m2—4m+50=50<:>[

Dién tich hinh chii nhét tai

I

diémxa § = ze™ N
S'(x)=e7(1-x) S N N
S =0 x=1 Gl N e

Dya vio bang bién thiéntacé ~+:7-

Smax = ¢ =0,3679 khi x=1 e

Chon A. cand

et ]

Goi mdt chifu dai 1A x(em}(0 < x < 60), ’
khi @6 chiéu con lai la 60—x(cm), gia su —_
quén canh c6 chiéu dai la x lai thi ban kinh :

day la r=%;h=60—_x. Ta cé:

—x® +60x°

4x '
Xét ham s6: f(x)=—x" +60x*,x € (0;60)
x=0
x=40

Lip bang bién thién, ta thdy f(x)=—x"+60x*,x€(0;60)16n nhit khi !

V=nr?h=

F(x)=-3x*+120x; f'(x)=0 &

x=40. Khi 46 chiéu dai la 40 cm; chiéu rong 1a 20 cm.

Chon B.




Tigp ciin phuvng phdp v.vin dung cao

2
+
*Tim gia tri 16n nhat cha ham sé: g()i)=4xx4—+1:Ji
+3
-Ditt=x2,vé’it20.tac6hém56 g(t)=‘ttt—+1—;
6t+4 . 1
_ —*. ? = =_2‘t=_;
g (t1+1)2 18(1)=0 &t=-2; 2
- Talai c6: lim g(#)=0; lim g(*) =0, bang bién thién ctia ham s&:
t 7 -2 0 l oo
2
g:(t) a 0 + 0 —_

g(t)

V2

- Vay gid tri 1dn nhét clia ham 56 12 £(x) = 4, dat dugc khi x = iT

* Tim cdc diém thudc 46 thi (C)

-Tacod:y =3x* - x, gid stt diém M, (x,, f{x ))& (C), thi hé s8 goc tiép
tuyén cia (C) tai M, 1 £(x,)=3x2 - %,

- Vay 3}‘:0 XO =4 suyrax =-Lix = — tung d6 tiong dng f{(-1)

( )=
+ C6 hai diém théa mén gia thiét { % —%J [% %g)
Chon B.

PESFGE v'=4x’—4mx, v6i m>0 thi d8 thi ham s8 cd ba cuc tri 1a:
A(0,1-m), B(Vm,1-m-m?}, C(~/m,1-m-m?).
m=0
Theo d€ bai: (Yéﬁ= 0 |m=—1
Chon C, m=1

Goi h 12 46 cao ciia bong dién so véi
mit ban (h > 0); P 12 bong dién;

12 hinh chiéu clia P 1én mit ban.
MNE dudng kinh cfia mit ban. (nhy hinh
vé), Ta ¢d sine = L va B =" -2, suy ra

1;_2 (I>V2). w

cudng 36 sdng: C() =¢

> Ghi chid cia em




"

C'(D)=0e1=6(I>+2) :
Lép bang bién thién ta thu dugc két qua C 16n nhét khi /=6, khi

dé p=2
Chon D.
1 .
Tacod xz—-2x+4y2=0<:>y=5\:'2x—x2 {(do y>0), suyra:
xy=%xv‘2x—x2

1
Xét ham s6 ;;’(Jc)=5x\/'2x—x2 xéc dinh trén (0;2);

| _\}6:1:2—4533_,
9'(e)=——

3
_4 23;3_3;4’9 (:c):(}#:f,':E

3
Viy g(x) ciing la xy dat gid tri 16n nhétkhi x = 5 va GTLN cua xyla:
2
13 L3 (3).328 e
22y 2 2
Chon B,

=0
Tach: y'=4x° —4(m-2)x; y'=0 x2
x=2-m

Ham 8 ¢6 CD, CT <> PT f"(x) =0 ¢6 3 nghiém phén biét &>m <2

™

Khi 36 toa d6 cic diém cyc tri la: .
A(O,m2 —5m+5),3(\/2—m;l—m),C(—JZ—m;l—m)
= AB =( 2——m;=—m2+4m—4);§6=(—m;=—m2 +4m-—4)

Do AABCludn cintai A, nén bai thod man khi 2{ =60’ = cos:i =é

=01:)m=%:—~3./§

S6 giao diém ctia d6 thi (Cm) vdi Ox 12 s8 nghiém clia phuong trinh:
P 4mx+2=0
THI: m = 0 ludn ¢6 1 nghiém.




A ok

Tiép cin phusong phdp vévin dung

THZ:m =0
2
m=—x"—Z= F(x}(¥)
x
3
f'(x)=—2x+iz=—"2(x2"l)o=>x=1
X X

Ta ¢6 béng bién thién ctia fx) nhu sau:

x —o0 0 1 o0
f'(x) + + 0 -
7o) e E

/ /

56 nghiém phuong trinh (*) 14 58 giao diém cia d6 thi ham f(x) vi
dudng thangy =m.

Dua vao bang bién thién ta thdy m>-3 thi phuong trinh (*) ¢6 1
nghiém duy nhat.

Chon A.

2sin® x 2sin’x  4sin’x

TXD: D=R,tacd f(x)=

= =T
sin* % toos* S 1-Lgipy 2-sin’x
2 2 2

Dt sin® x =7 (£ €[0;1]), ham s6 tr& thanh g (¢) =
tact g'(r)=

4t .. )
— 2v01te[0,1],

. > 0¥t €[0;1], suy ra him 58 dong bién trén [0;1], vay

max f(x)=max g(t)= g (1)=4, xay ra khi t=1=>x:%+k7r(k€Z)

xR ;]

Chon B.
3
PR Ca
Goi BG = x (0<x<100)
= AG=100—x
Ta Cé: “\
GC=VBC* +GC* =Jx* +3600
B \ G A

Chi phi mic ddy dién theo giai thiét la: '
£(x)=3000.100~ x)+ 500075 + 3600

Khio sit ham ta duge x =45
Chon B.

: P Ghichucoaem




CHUONG 2.

BAI TOAN VAN DUNG CAO CHUYEN BE
HAM SO MU, LOGARIT

EENNEENEEENENNEENNEENNENNNNN N NN NNNNENNESRNNEMEHMNHEIHMNRIHMNH:EHNHJE®:E}JEH;N;:}JEJR}E/

Cha dé 1. Tinh 58 chi¥ s8 chia mét s6 tunhién

% Phén nguyén cla mét s

&

x3

Céng thic tinh $6 cac chil 56 clia mdt s6 tu nhién

&

&

» Baitdp ap dung

» Lo gidi chi tiét ‘
Chii @@ 2. Cac dang bai todn l3i suat
% Laidon
+ Laikép
< Baitap ap dung
> Lai gidi chi tiét
Chi dé 3, Cic dang bai toan khic
» Baitap ap dung
» Hudng dan giai
+ Bé ontap chuong 2
L&t gidi chi tiét



BAIT ,‘,AN VAN DUNG CAO
CHUYEN DE HAM SO MU, LOGARIT

G chuong nay nhung bai todn vin dung cao sé roi vao cac dang bai Lai Sudt, dang bai
tinh s6 chit s8 clia mot s6 .

“TINH $O CHU $6 CUA MOT SO TU NHIEN

Sau day ching ta cling ngluen cltu mét tng dung ctia Logarit trong viéc tinh & cac chif s6
ctia mot s6 tu nhién.

Ddu tién xin nhéc lai kh4i niém thé nao 12 phin nguyén clia mot s6.

gl
Xét 56 thuc A, s6 nguyén l6n nhét ma khéng vilgt qué A ngudi ta goila phan nguyén clia
A vakihigula [A]

Nhu viy dé thay: [A] <A< [A] +1,

p Ty

i Jna__-n

r.ua mot s6 ty nhién:

Xét sty n}uen A hién thoi dang biéu dién duéi dang mii, hay mot dang ndo &6 ma ta khong
dém dugc cic chif s6 ctia né. Gid sit A c6 n chi 56 thi ta c6 cong thitc sau day: n = [lg A] +1.

Trudckhidivao chiing minh, toi mudn nhiclaicho quy ban doc cdch phan tich mét s6 t nhién
ra dang téng liiy thita cfia co' s6 10, vi du 423 =4,10* +2.10+3, 5678 =5.10% +6.10% + 7.10" + 8.

Chiiing minh:

Gid st 86 ty nhién A c6 n chit s&:

- -1 -2 -3

A=aa a6 ,.0 = = 10" +a 10" +a 00" 4.+ a,.

Suy ra log(A) = log(an.lon"l + an_l.IO"'2 + an_2.10“_3 +..+ “1) < log (wn) =n, vi
log(A) =log (aﬂ.lO""1 + an_l.l[)”_2 + an_z.l(]”_?’ +...+ “1) > Iog(an.lﬂn_l) >n-1.

Tit hai diéu ndy ta cé n—1 < log(4) < n « log(4) < n <log(4)+1.

Gitia log(4), log(4) +1 chi c6 duy nbét mot s6 tu nhién 16n hon log(4) &6 1a [log{4)] + 1.
Viy n = [log (A)] +1.

Sau day ta cling st dung cong thiic trén d€ gidi mét s& bai todn sau:




BAITAP APDUNG

pBail= SO nguyén t6 dang M, = 27 ~1, trong d6 p 12 mot s nguyén t8, duge goi 1a s6
nguyén t6 Mec-xen. 886 M., dugc phit hién ndm 1999, Hoi ring néu viét s& 46 trong
hé thdp phén thi ¢ bao nhiéu chil s&¢

Trich Dé thi thit Chuyén Hung Yén Iin 2 - 2017
A. 2098960 chil s6. B. 2098961 chit s6.
C. 6972593 chit s5. D. 6972592 chik s5.

FEIZ Ngudi ta quy udc lgz va logz 1A gid trj clia log,, «. Trong cdc linh vyc ki thuét, lgz
dugc stt dung khd nhiéu, k€ ¢ mdy tinh cim tay hay quang phé. Hon niia, trong todn
hoc, ngudi ta stt dung lgz d€ tim s6 chii s6 clia mét s6 nguyén duong nao d6. Vi du sd
A c6 1 chit s6 thi khi d6 n = [1g 4| +1 v6i [Ig A] 14 s6 nguyén 16n nhét nhd hon hodc
bing A.Hdis8 B=2017"" c6 bao nhiéu chi s6?

A. 9999 chil sd. B. 6666 chii sb. C. 9966 chil sd. D. 6699 chil s6.

BBIBE S6 nguyén t6 dang M, =27 —1, trong d6 p 1a mot s6 nguyén t6 dugc goi 14 s6 nguyén t6
Mec-sen (Mersenne Marin, 1588-1648, ngudi Phap).
- O-le phat hién M., nim 1750
- Luy-ca (Lucas Edouard ,1842-1891, ngudi Phép) phét hién M., nim 1876.
- M 305 dudc phét hién ndm 1996,
Hdi ring néu viét ba s8 d6 trong hé thép phén thi mbi s§ ¢ bao nhiéu chi s6 ?
A.10;39; 420921, B.10;49;42092, C.10,69; 420923, D.10;59;4209. -
BEIEE 56 p=2""" -1 1a mét s6 nguyén t6. Hoi néu vidt trong hé thip phén, s§ dé ¢6 bao
nhiéu chi s6? '
A. 227831 chit s6.  B.227832 chit 6. C. 227834 chits6.  D.227835 chii sé.
FEa Dau nam 2016, Curtis Cooper va cic cong sy tai nhém nghién cifu Dai hoc Central
Mis-souri, My viia cng b8 s nguyén t8 16n nhit tai thoi diém do. S8 nguyén t6 nay la
mot dang s6 nguyén t5 Mersenne, ¢6 gia trj bing M =2"%"" -1, Hdi M ¢6 bao nhiéu

chi s6¢
A. 2233862 chii sd. . B. 22338618 chi¥ sd.
C. 22338617 chil sd. D. 2233863 chit s6.

%2 Nhi todn hoc ngudi Phép Pierre de Fermat 13 ngudi d4u tién dua ra khéi niém s6 Fermat
F,=2" +1 véi n 13 s6 nguyén duong khong 4m., Fermat dy dodn F, I s nguyén t6,
nhung Euler d3 chéing minh dugc Ey hop s8. Hiy tim s6 chit s6 cia F,.

A. 1243 chii s6. B. 1234 chii sé. C. 2452 chii s6. D. 2467 chii s6.



Barly

Déu tién ta cdn biét: 6 tu nhién A 6 n chits§ thi n=[log A]+1.

Ta can tinh 2% _1 ¢6 bao nhiéu chi s6, ta thiy ring 2% _1
va 2%7% chic chin $& c6 cling s8 chit 56, né gidng nhuw 1a 213 va
213~1 6 cling 3 chil s8 viy.

Tie 1ap ludn trén ta di tinh 58 chir s8 cia 27* bing cng thikc
n= [log A:|+1 . Ap dung ta dugc:

n=[log2*™% |+1=[6972593.10g 2]+1=2098960.

Chon B.

Ap dung cong thiic n = [lg A] + 1d€ tim cac chits6 cliasf A.
Tacé: log B = log 2017 =201710g2017 ~ 6665

Véy B ¢6 6666 chii sé.
Chon B.

LR |

Gid stli s6 nguyén t§ M, =27 —1 viét trong h¢ thap phan cé n chi
s6 thi 10" < M, <10" hay 10" <27 <10" (vi 27 khéng chita thita s&
nguyén té 5 nén 27 <10")

Suyra:lglo™! < 1g2f < lgl0 hay n —1< plg2<n

Thay p =31, ta dugc 31.1g2 = 9,33.....

Suyra 5=10

Viy s6 nguyén t6 M, viét trong hé thip phan c6 10 chit s6.

Lam tuong ty ta thdy s8 M,,, ¢6 39 chit s3 , s8 M 5000 €6 420921
chit sé.

Chon A.
BB

Ap dung cong thitc n = [lg A] +14d€ tim céc chit s6 clia s6 A.

p= 9780 g log(p + 1) — log 27598

& log(p -+ 1) = 756839.log 2 & 227831,24 .

sakrsurrans

asasssrrbrrran
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Vay s6 P nay c6 227832 chitsd.
Chon B.

Ap dung cong thite 7 = [lg A] + 146 tim céc chil $6 chiasé A.
Ta c6: log M = log 272! — 74207281.10g 2 ~ 22338617
Do d6 M c6 22338618 chit s6.

Chon B.

Taco F, = 2% +1.
Suy ralog F, = log 92 = 983, log 2 = 2466 . Suy ra F,, ¢6 2467 chit s6.
Chon D.



S8 tién lai chi tinh trén s6 tién g6c ma khong tinh trén s6 tién 13i do s& tién gc sinh ra.
Céng thic tinh lai don: V. =V, (1+7.n)

Trong do:

V,.: $6 tién ca v6n Ian lii sau n Iy han;

Vo: Tién gii ban dau;

7: 86 ky han tinh lai;

7: Ldi sudt dinh ky; tinh theo %

La $0 tién lai khong chi tinh trén s6 tién g6c mé con tinh trén s8 tién 1 do tién gdc @6 sinh

ra thay d6i theo tiing dinh k.

a. Lai kép, giti mot ldn: T, =T, (1+7)"
Trong d6:

T.: S6 tién ca vén 13n Jai sau 7 ko han;
Ty Tién glii ban day;

1: 86 ky han tinh lag;

7: Lai sudt dinh ky, tinh theo %

b. Lai kép lign tyc: T, =T;.e™

Trong d6:

T,: 86 tién ca vén lan I4i sau ™ ky han;
T5: Tién giii ban déu;

71 86 ky han tinh lai;

7. Lai sudt dinh ky, tinh theo %

¢. Lii kép, gii dinh ky.

e Truong hop giii tién dinh ki cudi thing,

Cit cudi méi thing giti vao ngin hang m triéu, lai sudt kép % (thang hodc nam).
Hdi sau n (thdng hodc nim) s6 tién the dugc 1a bao nhiéu?

Ngudi ta chiing minh dugc s6 tién thu duge la:

ﬂ=-’;[(1+r)”-1]

|




1 Chua gii m

2 m m(1+r)+m
3 . 2

: m(1+7)+m m(1+7) +m(1+r)+m
n 1

m(1+r) +...+m(1+r)+m

Viy sau thang n ta dugc s6tién T = m(1+r)'H +.+m(l+r)+m=m (1+r)ﬂ'+...+(1+r)+1],

ta thdly trorig ngoécla téng n sd hang ca cp s6nhan ¢ u, =1, u, =(1+ r)"_l , g=1+r.Tabié

rdng S =u, +..+tu = ul.q 1 nénT, =f1_|:(1+r)“ ._1]_
g-1 r -
%;; Cti cudi mdi thang gifi vio ngn hang  triéu, i sudt kép r% (thing hoic nim). Sau

n (thang hodc ndm) s6 tién thu dugc 12 A triéu. Hoi s6 tién glii mdi thang m 1a bao nhiéu?
Ar

(1+7) -1

Ngudi ta chiing minh dugc s6 tién cin giii méi thang la: m =
Chiing minh.
Ap dung Bai todn 1 ta c6 s6 tién thu dugc 1A T, =ﬂ[(1+r)'f —1], ma dé cho s tién d6
chinh }a Anén A -——[(1+r) —l] em =A—:.

(1+7) -1
3:; Cli cusi mdi thang gifi vao ngan hang m triéu, 13i sudt kép' r% (thdng hodc ndm). Sau
n (thing hodc nim) s6 tién thu dugcla A triéu. Héi s6 thang hodc ndm # la bao nhiéu?

Nguoi ta chiing minh dugc s0 thing thu dugc dé bai cho la:n=log, (ﬂ-i- 1]
. m

Chitng minh.
Ap dungbai todn 4 ta c6 s& tién thu dugela T = E[-(-_H ") _1], ma dé cho s& tién d6 chinh
r
12 A nén A-—[(1+r) —1:|@m=—é:—@(1+r)”=£+1@n=lag1+r Ar 1)
r (1+r) -1 m

Nhu vay trong trudng hop mdt nay ta cdn nidm viing cong thiic Bai todn 1 tii d6 co thé
dé dang bién d8i ra cic cong thiic & Bai todn 2, Bai toan 3.

¢ Truong hop giii tién dinh ki ddu thing.
piaitoand: Ct ddu méi thang giti vio ngin hang m tridu, 13i suft kép % (théﬁg hoédc ndm).

Héi sau n (thang hodc ndm) s6 tién thu dugc 12 bao nhiéu?

Ngudi ta chning minh dugc s6 tién thu dugcla: T, = -ﬁ[(l +r)" -1] (1+ r)
r



Tiép cin phuong phdp vévin dung cao

Chiing minh.
'Ta xay dung bang sau; :
B R
1 m m(1+r)
2 m(1+7)+m m(1+r)z+m(1+r)
3 m(1+r)2+m(1+f)+m m(1+r)3+m(1+r)2+m(1+r)
" m(1+r)"+...+m(1+r)

Viy sau théng 7 ta dugc s6 tién:
) (1 + r)" -1

T, :m(1+r)" +..+m(1+7) =m[(1+r)” +...+(1+r):|=m(1+r .

2y Cd ddu méi thang giii vio ngan hang m triéu, 13 sust kép 7% (thdng hodc nim).
Sau 7 (thdng hodc ndm) s6 tién thu dugcla A tridu, Héi s6 tidn gi mdi thing m 1a
bao nhiéu?

Nguoi ta chiing minh duge s6 tién cdn gii mdi thang 1 m = Ar
(er)|(2+7) 1]
Chiing minh. ,
Ap dung Bai todn 1 ta c6 s6 tién thu dugc 1 T, =E[(1+r)“— l(1+r), mé dé cho s&
" :
tién dé chinh 13 A nén A=E[(1+r)"—1](l+r)4:)m: —.
r (1r)| (L) -1]

PEEITGERS: Ctt ddu mébi thang gti vio ngin hing 7 triéu, 1ai sudt kép % (thdng hodc nim) . Sau
7 (thdng hodc nim) s tién thu dugc 11 A triéu. Hoi s§ thang hodc nim 7 1a bao nhiéu?

Ngudi ta chitng minh dugc s6 thang thu duge 6 bai cho 1 n= log,.. [%7+ 1}
m(l+r
Chiing minh., ‘
ApdungBaitodn I tacd sétién thu dugcla T = n [( 1+r) - 1], ma déchosdtién d6 chinh
r
—Aln—— = (1 +r)" =£+1 Sn=log [ilf--[»l].
(1 + r) -1 m m

Nhu véy trong trudng hgp mot nay ta cdn nim viing cong thitc Bai todn 4 tif d6 c6 thé
dé dang bién déi ra cdc cong thitc & Bai todn 5, Bai toan 6.

12 Anén A= [(1+r) -—1]4:>m=
r

¢ Tritong hgp vay ng va trd tién dinh ki ddu théhg.

Bartoang;, Vay ngan hing A trigu dong. Ct ddu méi thing (nim) trd ngin hang m triéu, lai
sudt kép 7% (thang hoic nim). Héi sau (thang hodc nam) s4 tién con ng 13 bao nhiéu?
(1+7)" -1
) —

Ngli(‘ﬁ ta chiing minh dugc s6 tién con ol T =A(1+ r)n —-m(l+r




Chiing minh.

Ta xay dung bang sau:
Thang | Péu thing Cudi thing
1 A-m (A-m)(1+r)= A(147)—m(1+7)
2 | A(t+r)-m(Lr)—m A7) —m(1+7f —m(147)
3 A(?Hr)z-—m(l-l—rr')2 —m(1+r)—m A(1+r)3~—m(1+1‘)3—m(1+r)2 —m(1+7)
" A(l-&-r)"-m(1+r)“—...—m(1+r)2—m(1+r)

Véy sau thang # ta con ng s tién: :
T, =A{1+r) —m(1+1) —...—:rr.',(1+r)2 ~m(l+7)=A(1+7) —m[(1+r)ﬂ +...+(1+r):|'

(1+r) -1

=A(1+7) —m{1+7)

o Trudng hop vay no va tra tién dinh ki cudi thdng.

ditoands Vay ngan hing A triéu d6ng. Ct d4u méi thang (nim) trd ngin hang m triéu, lai

suit kép % (thdng hodc nim). Héi sau n (thing hodc ndm) s tién con ng 12 hao nhiéu?

_ ‘ . (1+7) -1
Ngudi ta chiing minh dugc sé tién conngla: T, = A(l-l— r) —m(1+r)————

Chiing minh.

Ta x4y dyung bing saw:
A(l+r)=m
2 A(l+7r)-m A(t4r) =m(147)-m
B | A em(ier)-m | Q) -m{ier) - m(1r)-m
n A(1+r)n—;m(1+r)ﬂ_1—"“m(1+r)_m

Viy sau thang 7 ta con ng s& tién:
1

T, =A(1+r)"-—m(1+r)"_1—...—m(1+r)—m=A(1+r)"—m[(1+r) +...+(1+r)+1]

w (14r) -1
L
-
Sau diy ching ta ciing tim hiéu viéc dp dung cic 1y thuyét trén vio cc bai todn tinh toan

tién lai, tién ng phai tra nhu thé nao?



Tiép cin phuong phdp va vin dung

~ BAITAP AP DUNG

Mot nguoi mudn gii tiét kiém & ngin hang va hi vong sau 4 nim cé dugc 850 triéu déng
d€mua nha. Biét ring I4i suft ngin hang méi thang trong thai diém hién tai 13 0,45%. Hbi
ngudi d6 mdi thang phai giti vio ngan hang t3i thiéu bao nhiéu tién d€ da 6 tién mua
nha? (Gia sit 56 tién méi thing 13 nhu nhau va l4i suit trong 4 nim 13 khong thay déi)
A.15,833 triéu déng. B. 16,833 triéu déng.

C. 17,833 triéu d6ng. D. 18,833 triéu dong.

BBSiZE Mot ba me Viét Nam anh hiing dugc hudng s6 tién 1 4 triéu déng trén mt thang (chuyén
vao tai khoan ciia me & ngén hang vio ddu thing). Tl thang 1 nim 2016 me khong di rit
tién ma d€ lai ngan hang va dugc tinh l4i sudt 1% trén mét thing. Pén du thing 12 nim
2016 me rat toan by s& tién (gém s6 tién cha thang 12 va 6 tién d3 gifi tii thang 1). Hai
khi d6 me linh v& bao nhiéu tién?(két qua lam tron theo don vi nghin déng).

A, 50 triéu 730 nghin dong B. 50 tri¢u 640 nghin dong
C. 53 triéu 760 nghin déng D. 48 tri¢u 480 nghin dong

Trich Dé thi Hoc ki I Chuyén Luong Vin Tuy Ninh Binh

JESE3E Ong A vay ngén han ngan hang 100 triéu d6ng, v6ilai sudt 12% trén niam. Ong mudn
hoan ng cho ngn hang theo céch sau: sau dling mot thang ké tif ngiy vay, 6ng bit dau
hon ng; hai 14n hoan ng lién tiép cach nhau diing mot thing s6 tién hoan ng & méi ln
la nhu nhau va trd hét tién ng sau diing ba thang ké tii ngay vay. Héi, theo cich d6, s&
tién m ma dng A phai tra cho ngin hing theo cich d6 1 bao nhiéu? Biét ring, l4i sust
ngin hang khéng thay ddi trong thdi gian éng A hoan ng.

3 1,01Y’
A 1000 s dong) 8 mOU (e dong)
3 (1L01) -1
3
120.(1,12
Cm= 100.1,03 (triéu dong) D.m= (—3)~ (triéu d6ng)
(L12) -1
Trich P& Minh hoa 1 Nim 2017

4 Ong A mong muén s& hitu khodn tién 20.000.000d vao ngay 2/3/2012 & mét tai khoan
13i sudt nam 12 6,05%. Hoi éng A cdn d4u tu bao nhiéu tién trén tai khoan ndy vio ngiy
21372007 @€ dat dugec muc tidu dé ra?

A. 14.909.965, 25 (dong) B. 14.909.965,26 (d6ng)

C. 14.909.955, 25 (déng) D. 14.909.865, 25 (d6ng)

2 Ong Tudn giii 9,8 triéu déng tiét kiém v6i 1ai sudt 8,4% /nim va lai sudt hiing nim dugc
nhdp vao v8n, Hai theo cich dé thi sau bao nhiéu nim éng Tuin thu dugc t8ng s& tién
20 triéu dong (biét ring lai sust khéng thay d6i).

A.9 nim B. 8 nim. C. 7 nam. D. 10 ndm.

| 135




: Ong Tudn gl tiét kiém v6i 14i sudt 8,4%/nim vz‘aﬂfléi Vhring nim dugc nhip vao vén. Hoi
sau bao nhiéu nim éng Tudn thu dugc gip d6i s& tién ban dau:
A.8 B.9 C.6 D. 10
* Anh A mua nha tri gié ba trim triéu d6ng theo phuong thic trd gép. Néu cudi mdi
thang, bit d4u tir thing thd nhét anh A tra 55000004 va chiu 14i suft s6 tién chua trd 1a
0,5%/thdng thi sau bao nhi¢u thdng anh A tra hét 6 tién trén.
An=64 B.n =60 C.n=65 D.n=64,1

M{t nguoi dugc linh liong khai diém la 700.000 d/ thing, Ct ba ndm anh ta lai dugc
ting ldong thém 7%. Hbi sau 36 ndm lam viéc anh ta dugc linh tit ca bao nhiéu tién.

A.450788572 B. 450788900 C. 450799972 D. 450678972

Ba Hoa giii 100 triéu vao tai khoan dinh ky tinh i kép voi 14i sudt 13 8%/nim. Sau 5 nim
ba rut toan bo tién va diing mot nita d€ stia nha, s6 tién con lai ba tiép tyc dem glii ngan
hang trong 5 ndm voi ciing i sudt. Tinh s6 tién 13i thu dugc sau 10 ndm.

A. 81,412tr B. 115,892tr C. 119 D. 78tr

10: Mot ngiidi 14n d4u gii vio ngén hang 100 triéu déng véi ki han 3 théng, 1i sufit 2% mét
quy theo hinh thiic i kép. Sau ding 6 thang, ngudi d6 giti thém 100 triéu ddng véi ky
han va 14i sudt nhu trudc d6. Tong s6 tién ngudi d6 nhin duge 1 ndm sau khi giii thém
tién gdn nhét véi két qué ndo sau day?

A. 210 tridu. B. 220 triéu, C. 212 triéu. . D.216 tridu,

1: MOt ngudi gii ti€t kiém véi lai sudt 8,4% /nim va li hang nim dugc nhip vao vén. Hoi
sau bao nhiéu ndm ngusi d6 thu duge gip ba & tién ban ddu?
A9 B.14. C.8. D.7.

% Mot ngudi ghii vio ngan hang 100 tridu d6ng véi 1ai suft ban ddu 4% /nim va 14 hing
ndm dugc nhép vao vén. Cd sau mét ndm lai sudt ting 0,3%. Hoi sau 4 nim tdng 8 tién
ngudi dé nhin dugc gin nhét véi gid tri ndo sau day?

A, 119 tridu. B.119,5 triéu. C. 120 triéu. D. 120,5 triéu

ngin hing m¢t khoan tién tién tiét kiém nhu nhau hing nim gin nhat véi gié tri ndo
sau ddy, biét ring 4i suit ctia ngdn hang 1a 8% /nim va lai hang ndm dugce nhap vio von.
A. 2535 triéu. B. 251 triéu. C. 253 trigu. D, 252,5 triéu.

VERFIE Mot nguoi gtfi 15 triéu d6ng vio ngan hang theo thé thitc 14i kép ki han 1 quy, véi lai sust
1,65% meot quy. Hoi sao bao lau ngudi giti ¢6 it nhit 20 triéu ddng (bao gém ¢a vdn lan
141) tif 56 v6n ban ddu ? (Gia sii 1ai sudt khong thay d6i).
A. 16 quy B. 18 quy C. 17.quy D. 19 quy

Bai 5% SG tién 58 000 0004 gui tiét kiém trong 8 théng thi ldy vé dugc 61 329 000d. Lai suit
hang thing 1a? :
A.0,8% B.0,6% C.0,5% D. 0,7%

)



Tiép ciin phuong phip va vin dung.c

23k Co gido day vin giii 200 triéu ddng loai ki han 6 thdng vio ngin hing véi lai sudt 6,9%
mot ndm thi sau 6 nim 9 théng hoi ¢ gido day van nhédn dugc bao nhiéu tién ca v6n vi
Iai biét rang c6 gido khong rit [ & t4t ¢a céc ki han trudc vi néu rét trude ngéan hang
s& tra 14 suft theo loai 1i sust khéng ki han 12 0,002% mét ngay (1 thang tinh 30 ngay).
A. 471688328,8 B. 302088933,9 C. 311392005,1 D. 321556228,1
FEEE Mot ngudi mudn sau 4 thing c6 1 ty ddng d€ x4y nha. Hai ngudi dé phai gilii méi thang
14 bao nhiéu tién (nhu nhau). Biét 14i sut 1 thang Ja 1%.

1 3 2 1 &
AM== ¥ 48 B.M= ¥ d6ng)
5 (17 déng) 1,01+(1,01)" +(1,01)° +(1,01)° (7 dong
3
1.(1,01
C M= J’% (t;r dﬁng) D.M= —(‘-3—) (t}} déng)

BBAETEE Mot ngusi giti vio ngin hang 100 triéu déng v6i ki han 3 théng, 131 sust 5% mdt quy theo
hinh thiic 14 kép (sau 3 théng sé tinh 14i va cong vao gbc). Sau diing 6 thang, ngudi &6
gui thém 50 triéu ddng véi ki han va 14 sudt nhu tridc d6. Cho biét 6 tidn ca gbc va lai
dugec tinh theo cong thic T= A(1+7)’, trong d6 A 12 56 tién giti, r 14 1ai suft va n 14 56
ki han giti. Tinh t6ng s& tién ngudi d6 nhan dugc 1 nim sau khi gti tién.

A. 176,676 ~ triéu d6ng B. 178,676 = triéu déng
C. 177,676 = triéu d6ng D. 179,676 =~ triéu d6ng

PBIEHE Mot nguoi giti tién vao ngan hang mat sé tién 14 100.000.000 déng, ho dinh giti theo ki
han7 ndm véilai sust1a 12% mot nim; sau mai nam khéng nhén 13 ma d€14i nhap vén
cho nim k& tiép. Tim " nhé nhit d€ s6 tién lii nhén ddec hon 40.000.000 dong.

A.5 B.4 C3 D.2

JBEEE Ong Tusn vay ngin han ngan hang 100 tri¢u dong, voi lai sudt 0,85% / thing. Hop dong
voi ngin hing éng A sé hoan ng trong 7 théng: Sau ding mét thang ké tif ngay vay,
ong bt dau hoan ng; hai l4n hoan ng lién tiép cach nhau diing mét thang, s6 tién hoan
n¢ & méi 1an 1a nhu nhau va bing 11,589 triu dong. Tim 7.

A. n=8thing B.n=9thing C.n=10thing D.n=11thing
m T 1é ting d4n s6 hang ndm & Viét Nam duoge duy tri & mic 1,05% . Theo s6 liéu chia

T6ng cuc Théngké, dan s6 cia Viet Nam nim 2014 13 90.728.900 ngudi. Voi tée d6 ting

dén s8 nhu thé thi vao nim 2030 thi dan s§ cla Viét Nam la bao nhijéu?

A, 107232573 nguoi.  B. 107232574 ngudi. C. 105971355 ngudi. D.106118331 ngudoL

i Mot ngudi giti ngan hang 80 tri¢u d6ng theo hinh thitc 14 don vdi 1 sudt 3%/ quy. Hoi
sau it nhét bao lau, 6 tién thu v& hon gip ridi s6 tién vén.
A. 52 théng, B. 51théng. C. 49 théng. D. 50 thang.

: Mot ngudi giti 15 triéu déng vao ngan hing theo thé thiic lai kép ky han 1 quy véi 1ai
sudt 1,65% mot quy. Hi sau bao lau ngudi d6 c6 dugc it nhit 20 tri¢u dong ci vén lan
14i tit s& v8n ban ddu?

A.4 ndm 9 théng, B. 4 ndm 3 thdng. C. 4 ndm 8 théng, D. 4 nam 6 thing.

7



E Mot ngudi giti ngén hang 100 triéu dong theo hinh thitc 1ai don véi lai sust 8% /nim.

Hoi sau 3 nim, téng s3 tién thu vé 14 bao nhiéu?

A.16 triéu ddng. B. 24 triéu déng. C.116trigudong.  D.124 tri¢u dong.

FENE Mot ngudi vay ngan hing 100 tri¢u déng vdi lai sufit hang nim la 12% nam. Sau théng

d4u tién, mdi thang ngudi d6 déu tra 10 tridu déng. Hoi sau 6 thang ngudi d6 con n¢
ngin hang bao nhié¢u? '
A.41,219 triéu déng. B. 43,432 triéu déng. C. 40,600 triéu dong. D. 44,632 triéudéng.

yBa26! Mot ngudi mudn mua chiéc Samsung Galaxy S7 Edge gid 18.500.000 dong clia clia han
Sakz6; g g Galaxy geg g g

Thé gi6i di dong dé ting ban gii ngay 20/10 nhung vi chua da tién nén ngudi d6 da
quyét dinh chon mua hinh thic trd gép va trd trude 5 triéu ddng trong 12 thang, vdi lai
sudt 1a 3,4%/ thang. Hai mbi théng, ngudi dé sé phai tra cho cdng ty Thé gidi Di dong
s& tién 1a bao nhiéu? =

A. 1554000 triéu déng. B. 1564000 tri¢u déng.

C. 1584000 triéu dbng. D. 1388824 triéu dong.

¥BiZ7 Anh A mudn x4y mét cin nha. Chi phi xiy nha hét 1 ti d6ng, hién nay anh A ¢6 700 triéu

dong. Vikhong mudn vay tién nén anh A quyét dinh giii s6 tién 700 triéu ddng vao ngén
hang v6i 1ai sudt 12%/1 ndm, tién l4i cha ndm tride duge cdng vio tién gée clia ndm sau.
Tuy nhién gid x4y dyng ciing ting mbi nim 1% so vdi ndm trudc. Hdi sau bao lau anh A
sé tiét kiém da tién xay nha? (két qua &y gin ding dén 1 chi s6 thap phan)

A.3 nam 6 thing. B. 3 ndm 7 thing. C.12nim 6 thang.  D.3 ndm 9 thing.

)BiIZE Ong A giii 150 tridu d6ng vao ngan hang theo thé thitc 1ai kép ki han 1 nim véi 14 sudt

xe [5%; 7%] nim. Sau 4 ndm éng ta rit tit ca tién ra vA vay thém ngn hang 40 triéu
déng ciing véi 1 sudt %, Ngan hang cin Idy 1ai'sudt * bao nhiéu d€ 3 nim nifa sau
khi trd ngan hang, s& tién ciia éng A con lai nhd nhit (gid st 131 suft khéng thay d6i).
A x=6%. B.x=7%. C. x=5%. D.x=6.5%.

FB3i2% D€ mua bo sa lon, éng Bach phai lya chon: hodc phai trd ngay 3.900.000 dong hodc tra

4.400.000 dong sau 2 ndm.
Vi lai sudt hién gid 1a 6%, 6ng Bach nén chon gidi phdp nao ?
A. 3.900.000 dong. B. 3.600.000 d6ng. C. 4.000.000 dong D. 3.700.000 déng .

BB&EE Ong Bach cén thanh toan cac khodn ng sau:

10.000.000 ddng thanh todn sau 2 nim

20.000.000 déng thanh todn sau 5 ndm

50.000,000 d6ng thanh todn sau 7 nim

Tinh thoi gian thanh todn cho khoén n¢g duy nhét thay thé 99.518.740 d6ng (khoan n¢
ndy c6 tién vay ban diu bing t8ng tién vay ban ddu ctia ba khodn ng trén), voi mic lai
kép 4,5%.

A.10.77 nim, B.11.77 nam C. 1277 ndm D.13.77 nim



Tiéh ciin phuong phap vévin dung cao’

i Ong Béch thanh todn tién mua xe bing cic ky khoan nim: 5.000.000 d6ng, 6.000.000
déng, 10.000.000 déng va 20.000.000 déng. K khoan d4u thanh tosn 1 nim sau ngay
mua. V6i 1ai sudt 4p dung 12 8%. Hoi gid tri chiéc xe 6ng Bach mua l4 bao nhiéu?

A.32.412.582d6ng.  B.35.412.582déng.  C.33.412.582 déng.  D.34412.582 déng.

B83B7 Trong vong 4 nam, ong Bach gilii vio moét tai khoan 1ai sudt 8% véi cdc khoan tién 14n
lugt 1a: 5.000.000 ddng, 6.000.000 déng, 10.000.000 déng, 20.000.000 déng. Ngay sau.
khi gii khodn tién cudi cing, téng s6 tién trong tai khoan ciia éng Bach la bao nhiéu?
A.44.096.960 ddng.  B.46.096.960 dng.  C.45.096.960 déng.  D. 43.096.960 ddng.

JBEES3 Ong Bach quyét dinh d4u tu méi nim 3.000.000 d6ng vio mét tai khodn tiét kiém trong
vong 4 ndm. Khoan ddu tién duge ddu tu vio thing 7/2006
Léi sudt nim trén tai khodn nay 1a 3,75%. Vo thdng 7/2010, 6ng Bach s hitu bao
nhiéu tién?

A.13.136.254 d6ng. B.13.692.033 déng.  C.12.892.033d6ng.  D.13.892.033 dong.

FEIBE Ong Bach quyét dinh dau tut méi nim 3.000.000 déng vao mot tai khoan tiét kién trong
vong 4 ndm. Khodn d4u tién duge ddu tu vao thing 7/2006. Lai sudt nim trén tii khodn
nay 14 3,75%. Thuc ra, éng ta ¢ thé ddu tu 750.000 ddng mdi quy va ngan hang déng ¥
tinh I4i sudt tich liiy theo quy. Héi khoan tién 6ng ta s& hitu vio théng 7/2010 3 bao nhiéu?
A.12.998.136 dong.  B.13.869.146 dong. C.12.892.033ddng.  D.13.892.033 ddng.

PEIZE Biét ring ti 1¢ lam phép hing nim ciia mét qudc gia trong 10 nim qua 13 5%, Nam
1994, néu nap xing cho mot 6t6 1a 24,95$. Hoi nim 2000, tién nap xang cho 6to d6 14
bao nhiéu?

A.33,44 % B.44,44 § C4433 8. D.35,44 $.

WASEE Mot sinh vién dugc gia dinh gui vao s6 ti€t kiém ngin hang 12 90 triéu ddng vdi lai sust
0,9%/thdng. Néu méi théng sinh vién d6 déu rit ra mot s§ tién nhu nhau vio ngay ngan
hang tra Jai thi hang théng anh ta rit ra bao nhiéu tién (lam trén dén 1000 déng) dé
diing sau 4 ndm dai hoc sé vita hét s6 tién ¢4 vén ln 1ai

A. 2317000. B. 2417000. €. 2340000. D. 2298000.

3/ Ong Bach du tinh mua tra chdm mét chiéc xe gén may biing cach trd ngay 2.200.000
déng ti€én mit, 3.800.000 ddng cudi nim sau vi 5.300.000 déng cudi nam ké tiép. Biét 14
sudt 4p dung 14 6,24%, hoi ring gi chiéc xe bao nhiéu?

A.10472500d6ng  B.12472500d6ng  C.9 472 500 ddng D. 11 472 500 ddng

j Ong Béch mua chiéc xe gid 10,5 triéu. Mt cong ty tai chinh &€ nghi éng Béch tra ngay
1.800.000 dong tién mit, 2.900.000 déng cudi 2 ndm ti€p theo vA 2.000.000 déng cudi
cac nam thi ba va thi tu. Biét 1i sudt 4p dung 1a 5,85%, hoi ong Bach sau bdn nim con
n¢ bao nhiéu tién?

A. 3,55 triéu ddng B. 2,50 triéu déng C. 4 triéu dong D.2 tri¢u dong




9 Mot ngudi g 9,8 triéu dong tiét kiém vdi l4i sudt 8,4% /nam va i suft hing ndm dugc
nhip vio vin. Hoi theo cich d6 thi sau bao nhiéu nim ngudi dé thu dugc tong s6 tién
20 tridu dong (biét ring l3i sudt khong thay déi). -

A.9 nim B. 8 nfim. C.7 nam. D. 10 nim.

Ong Bach dy dinh d4u tu khodn tién 20.000.000:d6ng vio mét du 4n v6i lai sudt ting
dan: 3,35% trong 3 nim dau; 3,75% trong 2 nidm ké tiép va 4,8% & 5 nam cudi. Tinh gia
tri khodn tién 6ng Bich nhén dugc cudi ndm thi 10. ‘

A30 triéu B.40 triéu C.25 triéu - D35 triéu

bBaldl: Ong Bach gii vao tai khodn 7.000.000 d6ng. M4t nim sau dng rit ra 7.000.000. Mot
nim sau ngay rit ong nhin duge khodn tién 272.340 déng. Tinh lai suét ap dung trén
tai khodn 6ng Bach.
A.3,75%. B.2,75% C.1,75% D.4,75%

NS Mot ngudi giti 10 triéu dong vao ngan hang theo hinh thiic 1ai kép véi 1ai sust 0-93%
ngay, Hoi sau it nhét bao l4u, ngudi d6 [ai dugc hon 2 triéu déng?
A.611 ngay. B. 608 ngay. C. 610 ngay. D. 609 ngay. .

Bai43; Ban Binh gi tiét kidm s& tién 58000000 d6éng trong 8 thing tai mot ngén hang thi nhin
duge duge 61329000 dong. Khi d6, [4i sust hing thang Ia:
A. 0,6%. B. 6%. C.0,7%. D. 7%.

JBAIH: Ong Viét mua nha tri gid ba trim triéu déng va vay ngan hang theo phuong thic tra gbp.
Néu 6ng Viét mudn trd hét ng trong vong 5 ndmi va tra ldi véi mic 6%/ nam thi mdi
thang ong phdi trd bao nhiéu tién? (lam tron dén nghin ddng).

A. 5935 (nghin d6ng). _ B. 1500 (nghin d6ng).
C. 4935 (nghin dong). D. 6935 (nghin ddng).

-

pBi#5: Anh Quang vay ngin hang 100 triéu déng, véi laiisudt 1,1% /thang. Anh Quang mudn
hoan ng cho ngén hang theo cich: sau diing mét thang ké tii ngay vay, anh bat diu hoan
ng, va nhitng 14n tiép theo cich nhau dling mét théng. S8 tién hoan ng & mai 1an la nhu
nhau va trd hét ng sau ding 18 thdng ké tif ngay vay. Hoi theo cach 46, téng s6 tién lai
mé anh Quang phai tra 1 bao nhidu (lam tron két qué dén hang nghin)? Biét ring, lai
suit ngin hang khéng thay d6i trong sudt thdi gian anh Quang vay.
- A, 10773700 {ddng). C.10774000 (déng). B. 10773000 (dong). D.10773800 (déng).

Anh A mua nha tri gid ba trim triéu dong theo phuong thiic tri gép. Néu anh A muén
tra hét ng trong vong 5 ndm va phai trd 14i véi mtic 6%/ nim thi mbi théng anh A phai
tra bao nhiéu tién? (lam tron dén nghin déng). Biét réing anh A hoan ng cuéi moi thang.
A.5935000 (dong) B. 5900000 (d6ng) C.5940000 (dong) D. 5930000 (dong)

PERAZ Mot sinh vidn 4 mua méy tinh x4ch tay theo hinh thic tra gép vdi gid tién 20 tridu
dong, mic 14 sudt 1,2% /thang trong nim ddu tién, méi thang anh A phai tra 800 ngan
ddéng, ci gdc va 14i. Sau mét ndm i sudt lai ting 1én 13 1.5% /thing vianh 4 phaitrd 1

|



Tidp ciin phutong phdp vis van dung cao o

triéu déng ci g6c va 13l méi thing (trd thing cudi). Hai sau t6i da bao nhiéu thing anh
4 tra hét ng (thing cuéi tra khong qué 500 ngin déng).
A.25 thang, B. 26 thang. - € 27 théng. D. 28 thang.

FBAIZE: Ban Phuong gfit vio ngin hang 2 triéu d6ng véi k han 3 thang (téc 1a sau 3 thing s6
tién Iai sé dugc cong vao tién géc va tinh lai ky han méi). Goi 7 14 s6 tién ban Phuong
s€ nhén dugc sau 3 néim. Tinh m biét ring 14i sust mdi théng 1a 0,48%?
A. m=2.10°(1+36.0,0048). B. m=2.10°(1+36.0,0048)’ .
C m=2.10°(1+36.0,0048)" . D. m =2.10°(1+36.0,0048)"

B3i49; Anh Qudc c6 400 triéu déng vi khéng dd tién d€ mua nha, nén anh ta quyét dinh giti
tién vao ngin hang vao ngdy 1/1/2017 &€ sau &6 mua nha véi gia 700 triéu dong, Hoi
nhanh nh4t d&€n nim nio anh Quéc &4 tién mua nha. Biét rdng anh Qudc chon hinh
thie glii theo ndm véi 14 sudt 7,5% mot nam (lai suit niy khéng d6i trong cic nim
gui), tién 1ai sau mét nam dugc nhép vio vén tinh thanh vén giti méi néu anh Quée
khéng dén rit va ngan hang chi trd tién cho anh Quéc vio ngay 1/1 hiang ndm néu anh
Qudc mudn it tién.

A. 2023, B.2024, C.2025, D.2026.

BBai50;: Mot bic ndng dan vita ban mét con trau dudc sé tién 12 20.000.000 (déng). Do chua cin
diing dén $6 tién nén bac ndng dan mang toan b s6 tién d6 di giii tiét kiém loai ky han
6 thang vao ngin hang v4i 141 suit 8.5% mét nim thi sau 5 nim 8 thing Bac nong din
nhén dugc bao nhiéu tién ca vén lin 14i. Biét ring Bic néng dan d6 khong rat ca vén 1in
& tdt ca cdc dinh Id trudc va néu rit trie thdi han thi ngin hang tra ldi suit theo loai
khéng ki han 0.01% mét ngiy (1 thing tinh 30 ngay)

A. 31802750,09 (vnd) B. 30802750,09 (vnd)
C. 32802750,09 (vnd) D. 33302750,09 (vnd)

JBAIST: Bit ring khi d6 vio trudng dai hoc X, méi sinh vién cin nép mét khodn tién lic nhép
hocla 5 triéu déng. B6 me Minh tiét kiém d€ ddu méi thang déu giti mét $6 tién nhu
nhau vao ngén hang theo hinh théic 13i kép. Hai méi thang, ho phai gl s6 tién la bao
nhiéu (lam tron dén hang nghin) d€ sau 9 thing, rit ca g6c 1in 1ai thi duge 5 triéu
dong, biét 14i suft hién tai la 0,5%/ théng.

A. 542.000 déng, B. 555.000 dé6ng. C. 556.000 do6ng. D. 541.000 déng.
Trich d€ thi hoc ki 1 THPT Phan Dinh Phiing HN

DBai52 Ong B giti vao ngan hang s tién 14 120 triéu déng véi 14i suit dinh ky hang niim 1a 12%
trén ndm. Néu sau mdi nim, 6ng khong dén ngin hang 14y 1ai thi tién lai s cong dén vao
v6n ban ddu. Hoi sau diing 12 nim k€ tit ngay giti, s6 tién 1ai L (khéng k& vdn) dng sé
nhin dugc la bao nhiéu? (Gid sii trong thi gian d6, lai suit ngan hang khong thay d6i).
A. L =1210° [(1,12)12 - 1] (VND). B. L =12.107 [(1,12)12 + 1] (VND).

C L =1210%(112)" (VND) D. L =12.10.0,12 (VND)
Trich gé thi hoc ki I $& Lim Déng




GiA sit ngudi nay glii tién & thoi diém f nao do, ké tit thoi diém nay
sau 4 nim (48 thing) dng mudn ¢6's6 tién 850 triéu. Nhu vay rd rang ta
c6 thé coi day Ja bai todn gt tién dinh ki d4u thing.

Ap dung Bai toan 5 ta c6 s6 tién phai giti mdi thdng Ia:

Ar

(1) (4r) 1]

Theo dé bai: #=48 thing, r=0,45%= ’_,
2000

m=

tién thu dugc: 850

tri¢u dong.
850000000
Thay vao: m= - =7 = 15,833 tri¢u déng.
9 9
1+ |1+ -1
2600 2000
Chon A. L .
92000
pEE

Ta ¢6 cong thiic tinh: téng s6 tién A thu dugc, néu ban dau glii vao a
d6ng, tit ddu thang sau glii thém a déng (khong d6i) vao diu mébi thing
voi L3 sufit 1% trong # théng: A = a'+£(1+ r)[(l +r) - 1]

r

Ap dung : v6ia = 4 triéu ddng, r = 1%, n=11 (ti d4u thdng 2 dén

cudi thang 12}

A= 4020/000 (1419 (1+1%) 1]+ 4000000 = 50730012, 05
(°] I '
Chon A

Lai sudt 12%/ 1 nim hiong tng 1%/thang nén r = 0,01 (dovay ngan han).

86 tién goc sau 1 thang la: T+Tr—m= T(1+r)— :

$6 tién gdc sau 2 thing la:

[T(1+7)-m]+[T(147)-m]x-m =T(1+7) -m[(147)+1]

S6 tién gdc sau 3 thing la: T(1+1‘)3 —m'[(j{-}-r)z +1+r+1] =0
T(1+r)  T(+r 7 108

Do d6 m= n = 7= (triéu dong).
-1 lLor-1+7
Chon B. (1+r) +1+r+1  (14r) =1

e




Py -

Tiép cin phurong phdp vit van

Goi V, la lugng v6n cin ddu tu ban ddu, lugng von sé duge diu tu }Gh’ chd ‘cﬁr_d em
trong 5 nim nén ta cé: 20.000.000 =V, *(1+0,0605)° :

=> V, = 20.000.000*(1+0,0605)° =14.909.965,25 4.
Chon A

Goi P 1456 tin giti ban ddu. Sau 7 nim (ne N), s6 tién thu dugc la:
P,=P(1+0,084)" = P(1,084)".
Ap dung v6i 8 tién bai todn cho ta dugc:

20 = 9,8.(1,084)" <« (1,084)" = 93% & n=log, {%] ~ 8,844,

Vi n 14 6 ty nhién nén ta chonn =9,
Chon A.

Goi a2 6 tién ban ddu ma ngudi dé giti vio ngan hang van (ne N)
12 56 ndm ma s6 tién nhin dudgec ting gip doi.
Theo cong thic i4i kép, ta c6 phuong trinh:
8,4

n T
271
a[1+"166] =2”’[ﬁ] "

Vi lai sudt dugc tinh theo ndm nén phai dén cudi nim ngudi dé méi
nhén dugc tién. Do d6, n=9.
Chon B.

Goi 56 tién anh A ng ban ddu Ja M, 14i sudt hang théngla r%, 6 tién
hing théang anh ta phii tra 12 a.

Vi d€ bai ndy c6 thé coila “ngudi no tién ng vio du thing”,

Ngui ndy tri hét ng, nghia las M (1+7) 2| (1+7) -1]=0

r

"Thay s& rdi bAm Shift Solve s& tinh dugc n =64 véi;

M = 300000000, r =0,5%, a =5500000

Chon A.

u, =700.000x36
Tit diu nim th 4 dn hét nim thi 6, anh ta nhén dugc:
1, =700.000(1+7%)x 36




Tt diu ndm thii 7 d&n hét nam thid 9, anh-ta nhin dugc:
u, =700.000({1+7%)" x36

Tii ddu nim thii 34 dén hét nim th 36, anh ta nhan dugc:

Uy, =700.000(1+7%)" 36
Vay sau 36 nim anh ta nhén dugc téng s& tién 1a:
Uy by i,

12
1—(1+7%)
— 700000 x 36 x —— 7 — 450788972,
1-(147%)

Chon A.

Sau 5 ndm ba Hoa rit dugc tdng s6 tién 14: 100(1+8%)° =146.932
triéu

Suy ra s tién 4ila: 100(1+8%)° —100=L,

Ba diing mét niia d€ sifa nha, niia con lai giii vao ngan hang,

Suyra sé tién ba gii tiép vao ngin hang 1: 73.466(1+8%)° = 107.946
tri¢u. Suy ra s6 tién ldi la 107.946—-73.466=1L,.

Viy s tién 1ai ba Hoa thu dugcsau 10nam1a: 3, L=L, + L, =81,412tr
Chon A,

3 thang la 1 quy nén 6 thang 14 2 quy v 1 nim dng véi 4 quy.
Sau 6 thang ngudi dé ¢6 tdng s6 tién 1a:100.(1+2%)* =104, 04tr
Ngudi dé giti thém 100 tr nén sau t8ng s& tién khi d6 la:

104,04 +100 =204, 04tr

Suy ra s6 tién sau 1 nim nifa 1a: 204, 04(1+2%)* = 220¢r

Chon B.

S6 tién sau n nam gap doi s6 tién ban ddu ia: _
3P =P(1+0,084) & P =log, ,;, 3~ 13,6 = 14 nim
Chon B.

BB

« . 4
Namthd I T =100} 1+—
1 100

Nam thtIL: T =7 [ 14 23
2=4 100

14 ||




Téng s6 tién nhin dugc sau 4 nim 1a: T=T, =119
Chon A.

Cubinimthi I T, =a+am=a(1+m)
Pau nam tha I1:
T, =a(1+m)+a=a[(1+m)+1]

[(1—_}_)*—1][(1+m) 1] ——l:(l+m)2 —1]

Cudi nam thi II:
T, =%[(1+m)2 —1]+%[(1+m)2 ~1]m =%[(1+m)7‘ -1](1+m)

Suy ra cudi ndm thiin: T, =£[(1+m)” —1:'.(1+m)
m

(Trong dd a la s& tién ban diu, m 13 l3i suit, n 13 56 thang)
Ap dung: T=2.1000tr,n=6,m=0,08 = a = 252, 5¢r
Chon D,

Cach1:

Téng s6 tién von Ian lai sau k (quy [3):

2 8=15(1+1,65%)" =15.1,065

lgS—-1gi5
lg1,065

lg20 —1g15
121,065

Véy sau 18 quy ngudi d6 ¢6 it nh4t 20 triéu déng

Céch 2:

P =P+ r)*, P =20tr, P = 15tr

=1g8 = 1g(15.1,065") = k=

Thei gian ¢ 20 triéu < k = =2 17,6 =18 (quy)

=20 =15(1+0,0165) = 1,0165" = §=> n = log, 0165% 18
Chon B.

61,329 =58(1+4)® (ql4 14 sudt)”

61,329 61,329
o (1+g)f =202 1 ~_-_%3/.H.’_<:> =8
(1+4) =3 o (l+g) o3 q

61,329
8




Ki han 6 thang nén méi nidm cé6 2 ki han

0,
=5 Lai sust m&i ki han Ia: 7= %" =3,45%

6 nim 9 thang = 81 thing = 13.6 + 3 thing = 13 ki han + 3 thang
$6 tién cb gido thu dugc sau 13 Kila: T, = 200(1+3,45%)"

56 tign cb gido thu dugc trong 3 thang tiép theo la:

T, =200(1+3,45%)".0,002%.3.30

Viy s& tién c6 gido nhin dugc sau 6 ndm 9 thing la:

T=T, +T, = 311,3920051

Chon C.

2k

I
¥
k3

Goi T, 13 56 tién thu dugc & cudi thang #, x 13 s§ tién thém vio méi thing.

Ta ¢é:
{15 =x(1+1%)=1,01x

L=T +x+(I,+x).1%=(T, +x).1,01
=T,=(1,01x+x).1,01=1,01"x+1,01x
SuyraT =1,01x+1,01°x+...+1,01"x
Sau 4 thang bing d4u thang thd nhit dén cudi thang
=T, =101x+1,0x+1,0*x+1,01*x =1

1

X =
1,01+1,01* +1,01° +1,01*
Chon B.

Sau 6 théng (2 quy = 2 i han} ngu&i d6 6 s tién:
T, =100(1+5%)* =110,25 triéu 7

Sau khi giii thém 50 triéu thi s6 tién trong ngan hang 13: T, =T,+50
Suy ra s& tién thu dugc sau 6 thing niia d€ tron 1 ndm a:
T, =T,(1+5%)* =(T, +50)(1+5%)"

Véy tong s tién thu dugc sau 1 nim la:

- T=T,=(T, +50)(1+5%) = 176,68

Chon A.

et

Ta c6: 8 tién 1a > 40.000.000
= $6 tién 131 va v8n > 140.000.000




Tiép cin phutong phap vivin dung G,

S6 tién nhén dugc sau n ndm: 100.000.000%(1,12)"
Theo dé bai ta cé:

100.000.000x(1,12)" >140.000.000

<1,12">1,4

&Sn>2,97=n=3

Chon C.

. {(1-r)' -1 x (1+0,85)" -1
Tﬂ = ﬂ(l‘l‘?’) —m[—r—] = 100(1‘{'0,85%) —11,589[_W
=n=89%9=2n=9

Chon B.

16
x= 90728900.(1+ »110%5} = x=107232574.

Chon B.

Goi x 1a s6 quy € thu vé s6 tién hon gdp rudi vén %.80 = 40]

Vi hinh thitc ldi don nén ta ¢6: 80.3%.x > 40 < x >? =16,(6)

Suy ra x phdi béng 17 quy
Vay 50 thang cin la: 17.3=51 thing
Chon B.

Ta c0 s6 tién thu duge sau £ quy la T=15(1+1,65%)
Theo € bai ta cé:
4

T220 = 15(1+1,65%) 220 < (1+1,65%) 25
Log ca s6 % hai v€ ta duge:
log,(1+1,65%) >log, =
3 39
e tlog,(1+1,65%) 21
3

1

t2——— 176
log, (1+1,65%)
3

Suy ra s0 quy t5i thi€u: ¢ =18 quy = 4 nim 6 thang
Chon D,

L1225

Lii don nén ta cé:

} Ghichticaem

]:0




Téng $6 tién sau 1 nim =100+ 100.0,08 =108 (tri¢u)
2 ndm =108 +100.0,08 =116 (trién)

3 nim =116+100.0,08 =124 (triéu)

Chon D.

S8 tién con ng sau 7 thang: A(1+7)" —-a.(l—+ﬂ;1
-
Trong dé:
A : 50 tién ng bang 100 triéu
715 suft 1 thang bing %: 1%
a: s0 tién trd mdi thang béng 10
n=6 LY
1 & 1+ﬁ -1
S6 tidn con ng: 100) 1+— | —10. =44,632 triéu.
100 1
Chon D. 100

Goi A I s8 tién con lai c4n phai trd ban diu, x 14 8 tién cin trd méi

théng, r 14 14i sudt mdi thang.

|

Goi T, 14 s8 tién con lai c4n phai trd & cubi thang 7
Ta co:
T =A(l+r)-x

T, =[ AL+ x)=x J(1+7)—x= A(1+r) —x[(1+7)+1]

= A(1+r) ——-—x[(1+r)2 _l]

'x[(1+r)3—1]

(1+r)—x=A(l+r) -

T - ALrf - x|:(1+r)2 —1]
r

x [(1 +r)y - 1]
T =A(l+r)' ——=
"
S tién ngudi d6 cdn trd trong 12 thing la:
A=18500000-5000000=13500000
x[(1+3,4%)” -1]

Suyra T,, =13500000(1+3,4%)" - -

= x =1388823,974
Chon D.




Tiép ciin phuong phdp v vina

m B e T S

Goi V, 12 t8ng s6 tién vit liéu sau # nam, T, 12 t8ng s6 tién thu duge >Gh’d7” C”ae .-
sau # nam. :
Tacé: V, =1t
V,=W1+1%) 4
V, =1{1+1%).1%+11+1%) =1(1+1%)*
=V =1(1+1%)" 4
S48 tién thu ddgc sau 7 nim: T =0,7.(1+12%)" ti
Dé xay dugc nha thi & ndm thi # this8 tién anh thu dugc phai bing
80 tién vat liéu
=T =V,
< 0,7.(1+12%)" =1.(1+1%)"

1-12% Y 1

<:) =
1+1% 0,7
1
0,7

<:>, n= lOg 1+12%
1+1%

Chon A.
WEATE:
$6 tién ciia ong sau 4 nim 12 150(1+x)"

56 tién clia dng ng ngan hang sau 3 nam tit khi rit tién 1a: 40({1+x)".

~3,5=3 nim 6 thing.

Sau khi trd ngan hing s6 tién éng con lai £ (x)=150{1+x)" -40( 1+x)

Ta ¢ f'(x)=600{1+x)’ ~120(1+x)" 20. V& bang bién thién thiy
f{x) nhé nhit tai x = 5%,
Chon C,

Hién gid clia 4.400.000 ddng tra sau 2 nim la:

V, =4.400.000.(1,06) " =3.915.984,34 déng > 3.900.000 déng. Do
d6 6ng Bach nén chon gidi phdp tra ngay 3.900.000 dong.

Chon A

Goi n 14 s6 nim xac dinh thoi gian thanh todn cha khoan ng duy

nhdt. Sy tuong duong gita nhém 3 khoan ng va khodn ng duy nhét:
9,951874.1,045™ =1.1,0457 +2.1,0457° +5.1,0457 = 6,194774
Ta dugc: 9,951874 = 6,194774.1,045"




L&y logarit 2 vé& ta dugc:
1n9,951874 = In6,194774 + n.1n1,045

"= 1n9,951874 — In6,194774

~ 10,77 nim.
In1,045

Chon A

Gia tri chiéc xe 1a:
V,=51,08"+6.1, 087%+10.1,087 +20.1,08™ =32.412.582 ddng
Chon A

S6 tién trong tai khodn can tim la:
V,=5.1,08"+6.1,08” +10.1,08+ 20 = 44.096.960 {dong).
Chon A

Ta ¢6 so d6 trong phdn 1f thuyét vé 14i suit tién giii theo thé thiic lai
kép, trong d6 gid tri c4n tim 12 gid tri nhin dugc & V.
Ap dung hé thiic di dugc chiing minh ban d4u ta ¢é:
1,0375* -1
V, =3.000.000(1+0.0375)~———

~13.136.254 46
0,0375 dong
Chon A. :

iz .
Trudc hét, ta cdn tim 131 sudt quy £, tudng duong voi 1ai sudt nim
4
3.75%. Ding hé thiic ta duge (1+£,) =1,0875 & ¢ =0,9246%

1,009246" —1

V,; =750.000.(1+0,009246) =12.988.136

0,009246
Tacé: A(1+r)" =24.95(1+0,05)" =33,448.
Chon A

Sau thang thi I: A(147)—-a

Sau thang thit IL: [ A(1+7)—a](1+r)—a= A(1+r) —a[(1+7)+1]
Sau thang thi IIL .

[AL+7? —a[ (4 )+ 1]](1+7)a= A+r) —a[ (142 +(1+7)+1)

A(L+r) —a[ (142 (1) +...+1]=A(1+r)"-é[1.——--11_((11:’2;] i




Tép cin phung phip v vin dung

Sau thdng thit n: = A(1+r)" - a[(l—ﬂkr};l:l } Ghi chi ctia em

Rﬁthé’t:(:)0=A(1+r)"_a[(1+r) _1}@51: Ar(l+7)

(I+r)' -1
Véi A: s6.tién giti, r: 1ai thdng, a: s tién rit ra, n: s8 thing
Ap dung: A=90.000.000, r =0.9%, n =48,

Chon A,

¥

Goi x1a gié ciia chiée xe:

m, i, 1an Iugt 4 s6 tién cdn tra con lai cudi nim thit nhét va nim

thi 2

x - 2200000 = m, x = 10472500,77
Tacd 3m, (1 +6,24%) - 3800000 = m, < {m,= 8272500,77
: m,(1+6,24%) - 5300000 = 0 m,=4988704,819
Chon A.

B

Sau khi tra ngay 6ng Béch con ng lai: § 700 000 déng

Sau 2 nim Ong Bach ng lai: 8,7(1+5,85%)-2,9=6,85 triéu déng
Sau nam thit 3 éng Béch ng lai: 6,85(1+5,85%)-2=5,25 triéu
Sau ndm thit 4 dng Bach con ng lai: 5,25(1+5,85%) -2~ 3,55 triéu d6ng,
Sau 4 nim 6ng Bich vin chua tra hét ng.

Chon A.

Goi P la s8 tién giii ban d4u. Sau # nam (n € N), 6 tién thu dugc la:
F,=P(1+0,084)" = P(1,084)".

Ap dung véi s§ tién bai todn cho ta dugc:

20=9,8.(1,084)" + (1,084} = 52% & n=log, g, {%] ~ 8,844.
Vi 7 [ 56 tu nhién nén ta chon 7=9.

Chon A,

s
E,:Batf.. }3
e

86 tién dng Bach thu dugc trong 3 nim diu:

3
T,=20000000(1+3,35%)
56 tién dng Bach nhan dugc trong 2 nim 1iép theo:

T,=T, {1+ 3,75%)2




Viy s0 tién 6ng Bach thu dugc sau 10 ndm la:

3
T=T,=20000000(1+3,35%) .(143,75%) . (1+4,8%) =30043052,9
Chon A, '

§6 tién Ong Bach nhin dugc sau 1 ndm: A(1+?’) , trong d6 A 1a s8
tién ban déu, r la 1ai sudt

Sau do6 6ng rit s6 tién bang s6 tién ban ddu nén s tién con lai trong
ngan hang: A(1+r)-A=Ar

Sau 1 ndm ong nhin dugc s6 ti€n 272.340 déng
272340 |r=0,0375=3,75%
700000 2[ ~ 1,087 <O(L)

Suyra Ar(1+7)=272340 < #(1+1)=
Chon A

fT:‘i‘_?‘_“_E{
Sau n ngdy ngudi ny dugc s6 tién 10{1+ 0.0003)".
Do d6 10{1+0.0003)" -10=2 < n = 608.

Chon B,

FRads:
Lii duge tinh theo cong thic ldi kép, vi 8 thang sau ban An méirat tién.
Ta ¢ cong thitc tinh lai: '

58000000(1+x)° = 61329000 < (1+x)° = 1329 o 14x= 18/ ;333

58000
x= 8/61329 ~1=~0,007=0,7%
58000

Chon C.

Goi x la 6 tién ma 6ng Viét phai trd mdi ndm.

Ap dung cong thie:
Ar(l+r)" 300.10°0,06.(1+0,06)°

e r.( :-r) _ 300.10°.0,06 (15+0 06) ~71218920,13 (d6ng).
(1+47) -1 (1+0,06) -1

~ Suy ra s6 tién 6ng Viét phai trd méi théng la:

g= &%%2&1_3 =5934910,011 (dong)

= 5935 (nghin d6ng).
Chon A.




Tiép cfin phurong phdp vévin durig

S6 tién m anh Quang phai tra hang thing la:
_100.0,011.(1,011)"
o (oern)®o1
Téng s tién 1ai anh Quang phai trd I
(m.18-100)10° = 10774000 (déng).
ChonC

¥aas

Thay vio cong thitc: M(1+7)" —%[(1+r)" —1] =0

}thchua}a Em e

0°.

m

V6i M =300000000, 7 =6 (%/nim), n = 5. Tim a (tién tra hang nim);
Vay tién trd hang thng sé 4p dunig céng thiic:

M(1+r)"—1r£[(1+r)ﬂ—1]=0

V6i b 1a tién trd hang thang,
Két ludn: 86 tién phai tra hang thdng 14 5935000 (d6ng).
Chon A

o312
7, =20000.(1+1,2%)" - 800,[%]

1,2%
=12818,25087.
7: $6 tién con ng sau 1 nim.
$6 tién phdi tra tiép theo trit thang cubi cling {# : thing):
0y _
T, =T,(1+1,5%) —1000.[&’5@—1] <500
> (1
Diung Table = #=15
Véy s6 thang phai trd: 12415 =27,
Dap an C.

Ky han 3 thing nén sau 3 ném ta c6 12 ky han suy ra s tién cé dugc
sau 12 ky han 1 m =2.10°%(1+36.0,0048)" .
DPép an D.

58 tién c6 dugc vio ngy 1/1/2018 1a 400(1+7,5%) triéu déng.
S8 tién c6 duge vao ngay 1/1/2019 la:
[400(1+7,5%)].(1+7,5%) = 400(1+7,5%)" triéu déng.




Suy ra sd tién sau » nim giii l 400(1+7,5%)” triéu déng. Vi cin 700
triéu mua nha nén ta ¢é phuong trinh 400(1+7,5%)" =700 < n=1log, o5 ﬂ
=7,74. Vay sau tdm ndm anh Qudc ¢6 thé mua dugc nha tic 1a nh
nhét d&n nim 2025 anh Quéc ¢ thé mua dugc nha. '

Chon C, '

b

Mot ki han 6 thang 6 14i sudt 1a 6= 00 Sau 5 nidm 6 thang

{c6 nghiala 66 thang ttic 1a 11 ky han), s6 tién ca vén lan 14i bic néng dan
11 :

nhén dugc la: A= 20000000.[1 +%} (vnd). Vi 5 ndm 8 théng thi c6

11 ky han va du 2 thdng hay du 60 ngay nén sé tién A dudc tinh l4i sudt.

8.5% 4.25
1

khong ky han trong 60 ngay 1a:

11
B= A.?—'{%.ﬁo = 120000.[1 +%] (vnd). Suy ra sau 5 ndm 8 thdng

sd tién bac nong dan nhan duge la:

425" 425\
C = A+ B =20000000.J1+ =2 +120000.|1+=2
A [+100] * [+100}
= 31802750,09 (vnd)-

Chon A. !

Djt r =0.5, A="5.10° d6ng. Ctt ddu thang glii tiét kiém 7 triéu:
Vay sau thang 7 ta dugc s6 tién: .

- . (1Y 1
m(1+r) +...+m(1+r)=m[(1+r) +...+(1+r)]=m(1+r)---—-m——( H;) .
Theo dé A=m(1+r)(1+r) -1:»m= Ar ——, thay s6
ta dugc ddp 4n A. r (1""')[(1‘”) _1]

Chon A.

1
I, =12.107.0,12
I, =(12.107.0,12 +12.107).0,12 = 12.10".1,12.0,12
Vay sau hai ndm thi tng s6 tién 13i 1a:
L +L,=12.10".0,12+12.10".1,12.0,12 = 12.10".0,12.2,12
=12.10"(1,12-1)(1,12+1) = 12.107.(1,122 - 1)

Tuong t nhu vay ta sé cé dugc sb tién lai nhan duge sau 12 nim la:
L=12.107 [(1,12)12 - 1]
Chon A.

|




Tép cin phitomg phip Vi vin dng cao trong

-CAC DANG BAI TOAN KHAC
Ngoai nhung Ung dung trén ta con 6 thé si dung Ham s6 Mu, Ham s Logant
trong viéc tinh dan s6, tinh lugng khi, tinh d6 PH. ..

~ BAITAP AP DUNG

Theo du béo, v&i miic tiéu thy ddu khong d6i nhu hién nay thi trit lugng ddu ciia nude A
s& hét sau 100 nam niia. Nhing do nhu ciu thuc t€, muic tiéu thu ting lén 4% méi nim.
Hoi sau bao nhiéu nim s6 ddu duy trit clia nidc A sé hét.

A n=41 B.n=42 C.n=43 D.n=41,1

Biét thé tich khi CO, nim 1998 1a V {m*). 10 nim tiép theo, méi nim thé tich CO,
ting m%, 10 nim tiép theo nia, thé tich CO, méi nam ting n%. Tinh thé tich Co,

ndm 20167
Ay (100+m)” (100+7)" g, (100+m)" (100+n)"
10% 10%
(100+m)" (100+n)" 100+7m)" (100-+ )’
Cv . D. V( " "
1036 1020

BA3:% Bit réing ndm 2001, dn s8 Viét Nam 12 78.685.800 ngudi va 11 1¢ ting dan 6 nidm dé
12 1,7%. Cho biét sy ting d4n s6 dugc udc tinh theo cong thiic. $= A" (trong dé Ala
dén s6 cBa nam ldy lam méc tinh, $13 dan s6 sau Nnam, rla t11é ting dan s6 hang nim).
¢t ting din 56 v6i ti 1¢ nhu vay thi dén nam nao din s8 nudc ta & miic 120 triéu ngudi.
A.2026 B. 2022 C.2020 D. 2025

m Métlon nudc soda 80°F dtige dua vio mét mdy lam lanh chita d4 tai 32°F . Nhiét d6 clia
soda & phut thit t dugc tinh theo dinh lust Newton bi cong thic T(t)=32+48. (0,9)*.
Phai 13m mat soda trong bao l4u @& nhiét d6 [a 50°F ?
A. 1,56 B.9,3 C.2 D. 4

BaI5E Cudng d6 mot trin dong dat M (richter) dugc cho bdi cong thitc M = log A —log 4,
v6i A la bién 46 rung chin t8i dava A, 12 mot bign d6 chusn (hing s6). Pdu thé ky 20,
mot tran déng d4t & San Francisco ¢ cudng d6 8,3 d6 Richter. Trong cling nim d6, trin
déng ddt khiac Nam My c6 bién 46 manh hon gdp 4 J4n. Cudng 46 cha tran dong d4t &
Nam My la:

A.8.9 B.33.2 C.2075 D.1

B3 Gid st 6 Iutgng mot by rudi tai thési diém ¢ so v6i thoi diém t=01a N{t) = Ne*, N,
1a s6 lugng bay rudi tai thi diém £=0, k 13 hing s6 ting trudng clia bdy rudi. Biét s6
ligng bdy rudi ting Ién gdp d6i sau 9 ngay. Hai sau bao nhiéu ngay biy rudi c6 800 con,
biét ring N, =100?

A.27 B.27,1 C.26 D.28
| 155




% Gid sit n= f(t)=n,.2' 1 56 lugng c4 thé trong mot dém vi khudn tai thoi diém ¢ (gid),
513 $6 higng cd thé lic ban ddu. T6c do phat trién vé s6 lugng chia vi khudn tai thoi
diém ¢ chinhla f (t) . Gid st mAu thii ban d4u clia ta ¢é 1, =100 vi khuin. Vay t6c do
phit trién sau 4 gid 1a bao nhiéu con vi khuén?
A. 1600 B.1109 C.500 N D.3200
FE3i32 Cho phuong trinh phan tng tao thanh Nito (IV)Oxit tit Nita {II) Oxit va Oxy 1
2NO+0Q, ELA NN O, . Biét ring day 1a mét iahén ing thuan nghich. Gia st x,y
lan lugt 13 néng d6 phéan trdm cta khi NO va O, tham gia phin dng. Biét t6c d6 phéan
ting héa hoc cfia phan ing trén dugc xéc dinh v = kx?y, v6i k 1a hiing s8 ctia téc d6 phan

ting. D€ tdc d9 phin Gng xdy ra nhanh nhat thi ti s4 gitia 1
14
al B.2 cl D.3
2 3
PEATE Cac lodi cdy xanh trong qué trinh quang hop sé nhin dugc mét lugng nhd cacbon 14

(mot ddng vi cha cacbon). Khi mdt bd phin cia ciy bi chét thi hién tugng quang hgp
cha né cling ngung va nd sé khong nhéan thém cacbon 14 niia. Lugng cacbon 14 ctia b
phén 4 sé phan hity mét cich chdm chap, chuyén héa thanh nito 14. Biét ring néu goi
P(t)14 s6 phin trim cacbon 14 c6n lai trong mot bd phan clia mét cjy sinh trudng €it ¢
n3m trudc diy thi P(¢) ddgc tinh theo cong thiic: P(+)=100.(0,5)"® (%)
Phan tich mdt mau g tit mét cong trinh kién tric cd, ngudi ta thiy lugng cacbon 14 con lai
trong méu gé d6 la 65%. Nién dai clia cong trinh kién tric d6 gén véi s6 nao sau day nhat:
A. 41776 nim B.6136 ndm C.3574 nim D, 4000 nam

- 1

BBEF0; Cho phin ting héa hoc N,O, — 2NO, +EO2 & noi cé nhiét d6 45°C, cdc nha héa hoc
nhan thdy sy bién thién néng do mol/l cta N,O; theo théi gian ludn ty 1¢ thudn véi
néng d6 mol /1 cha N,O, v6ihé s6 ty 1é k =—0,0005 . Hoi sau khodng théi gian bao lau
thi ndng 46 mol /1 ctia N,O; bing 90% gid tri ban dau.
A.Khodng 211 gidgy.  B.Khoang 301 giay.  C.Khodng 102 gidy.  D.Khoang 527 gidy.

¥BAHIE: Trong todn réi rac, khi tim ki€m mét phén tl trong mét tap hop c6 # phin t& 4a sép xép
ting din bing thuit todn tim kiém nhi phén thi trong trudng hop xdu nhit, 46 phuic tap
cla thuét todn duge tinh bing ¢ (log n) véi logn = log, n. Vay dé phiic tap clia thuét
todn tim kiém nhj phén trong trudng hgp xéu nhét khi tim kiém phén td trong tap hgp
A={1,2,3,4,5,6,7,8,9,10,11,12,13,14,16,17,19,20,21}

A.8(log, 20). B. 6(log, 19). C. 0(log, 18). D, 6(log, 21).

BBSE Nang luong clia mot trén déng dit dugc tinh bing E=1,74.10°10" véi M 12 4o
16n theo thang d9 Richter. Thanh phd A xay ra mét tran dong d4t 8 do Richter va ning
higng clia n6 gép 14 I4n tran ddng A4t dang xay ra tai thinh phé B. Héi khi d6 d6 16n
clia trdn ddng d4t tai thanh phé B 12 bao nhiéu?

A.7,2 db Richter. B. 7,8 dd Richter. C. 9,6d6 Richter, D. 6,946 Richter.



Tiéh ciin phuong phip vixvin dung.cas

83 Chu ky bén 1 clia chat phéng xa Plutonium Pu™ 14 24360 nim (tic 13 mét lugng
Pu™ sau 24360 nim phan hiy thi chi cdn mét nita). Su phan hiy dugc tinh theo cong
thitc §= Ae", trong d6 A 1a lugng chit phéng xa ban d4u, 7 la ti 18 phén hiiy hang nim
(r< 0) £ 12 thoi gian phéan hiy, S 13 lugng cdn lai sau thai gian phan hity £ . Hai 10 gam

* Pu™ sau bao l4u con lai 2 gam?

A.46120 nam. B. 82235 ndm. C. 57480 ndm. D. 92042 nim,
¥BHIE Trén méi chiéc Radio FM déu c6 vach chia 48 ngudi diing dé dang Chon séng Radio
cdn tim. Vach ngodi ciing bén tréi va bén phai tuong Ging véi 88 MHz va 108 MHz. Hai
vach cdch nhau 12¢m . Biét vi tri clia vach cach vach ngoi cling bén trai dem thi cé tin
s8 F=ka" MHz v6i k va a 13 hing s6. Tim vi tri cda vach ling véi tdn s6 91MHz &¢
bit séng VOV Giao Théng Quéc Gia.
A. Céch vach ngoai cing bén phai 8,4723cm
B. Cach vach ngoai ciing bén trai 1,9243cm .
C. Céch vach ngoai ciing bén phai 10,0358 cm |
D. Céch vach ngoai cling bén trdi 2,0567 cm
MEaisE S6 Iuong déng vt nguyén sinh tang trudng voi t6c dd 0,7944 con/ngiy. Gid st trong
ngay déu tién, s6 lugng déng vat nguyén sinh 14 2. Hoi sau 6 ngay, s6 Iigng dong vit
nguyén sinh 1a bao nhiéu?
A. 37 con. B. 21 con. C. 48 con. D. 106 con.

16 E. Coli (Escherichia coli} 1 vi khudn dudng rudt gy tiéu chay, daun bung dit déi. Cd sau
20 phut thi s8 lugng vi khusn E. Coli lai ting gép ddi. Ban ddu, chi c6 60 vi khun E. Coli
trong dudng ruét. Hoi sau 8 gid, s6 lugng vi khuin E. Coli 14 bao nhiéu?

A. 1006632960 vi khudn. B. 2108252760 vi khudn.

C. 158159469 vi khuin. D. 3251603769 vi khudn.

pBATE Mot ngudn am dit § O dng hudng trong khong gian cé céng sust truyén am P khong
doi. Biét ring cudng d¢ am tai mot diém cich nguén mot doan R 1a I =

R va muc
4

cudng dé am tai di€m dola L= J.'n:)gIi Ben véi Iy 1a hing 8. Nhu viy cé thé thiy ring
R luén ty1e v6i 10777 Ap dyng tinh ‘cht nay dé tinh muc cudng d6 4m taj trung diém
M ciia doan thing AB biét miic cudngdé amtai A, B lanluotla I, =204B, L, = 604B
va O niim trén doan thing AB.

A.L, =25,94B. B. L, =25,6dB. C. L, =26,1dB. D, L,, =20,6dB.
EBAEE Chu ky bén rd cla chit héa hoc 2°Ra 1a 1590 nim, tiic 1a o sau 1590 nim thi khéi

lugng ctia Z'Ra gidm di mot nita. Ban d4u khéi hugng ciia 2 Ra 1a 100mg. Hbi sau
1000 ndm thi khéilugng Z°Ra con lai 1a bao nhiéu?

A.65mg. B. 78 mg. C. 43mg. D. 68mg.




BBES: Cho mot lugng vi khufn bit ddu véi 500 con va phat trién v6i van tdc tf 16 thuin voi s§
lugng. Biét sau 3 gid, c6 8000 con vi khudn. Hoi sau'4 gid, s6 hiong vi khuén la bao nhiéu?
A. Khoing 463521 con. B. Khoing 40235 con.
C. Khoang 20159 con. D. Khodng 322539 con.

PBAII: Theo s6 lidu thuc t&, dan s& thé gidi nim 1950 12 2560 tridu ngudi, con nim 1950 1 3040

triéu ngudi. Ngudi ta du dodn dén s6 thé gidi phy thude vao théi gian f theo ham sé mi
P(t)=ae" v&i a,b 13 hing s6 va d6 bién thién ctia P(t) theo théi gian ty & thuin véi
P(t). Hiy dy dodn dan sd thé giéi vao ndm 2020.

P
6000+ e

20 a0 ]

A. 8524 triéu dan. B. 5360 triéu dan. C. 7428 triéu dan. D. 3823 triéu dan.

I: Khodng 200 nim trudc, hai nha khoa hoc Phdp 13 Clo-xi-ut v Cla-pay-rong da thiy

ring 4p lyc P clia hoi nudc (tinh bing milimet thily ngén, viét tit 1d mmHg) gay ra khi

no chiém khoéng tréng phia trén ciia mit nudc chiia trong binh kin tinh theo cong thic:
k .

P =ga.10v2

Trong d6 t 13 nhiét d C clia nuéc, a va k I3 cdc hing s8.Cho biét k =2258,624

a) Tinh a biét ring khi nhiét 46 ctia nuéce 1a 100°C thy ap luc clia hoi nuée 12 760 mmHg

(tinh chinh x4c d&n hang phin chuc)

A.86318841,3,52,5. B.86318841,3;50,5.

C.86318841,3;152,5. D. 86318831,3:51,5.

b) Tinh dp lyc ¢ha hoi nudce khi nhiét dd clta nude 1a 40°C (tinh chinh xdc d&n hang phan chuc).

A. = 52,5 mmHg. B. = 52,3mmHg. C. =53,5mmHg D. = 55,5mmHg.
FBaiZ3% Mot loai ciy xanh trong qud trinh quang hgp sé nhin duge mét lugng nhd cacbon 14,

Khi mét bd phin clia mdt ciy niao d6 chét thi hién tugng quang hop ciing ngung va

n6 sé khong nhin thém cacbon 14 nfia. Lugng cacbon 14 clia bd phén dé sé bi phén

hily mét cach chém chap, chuyén héa thanh Nito 14. Biét ring goi P(t) Ia 8 phén tram

cacbon 14 con lai trong mét bé phén chia mdf cay sinh trudng tif t ndm trddc day thi P(t)

dugc tinh theo cong thic P(t)= 100.(0.5)% (%) . Phan tich mét miu gb tit mét cong

trinh kién trac gb, ngudi ta thiy lugng cacbon 14 ¢dn lai trong miu gb d6 1a 65%. Hay

x4c dinh nién dai cha cdng trinh kién tric do.

A. 3574 nim. B. 3754 nim, C.4573 nam. D. 5437 nam.



Tiép cdn phuong phip vévin dung cao o

JBaiZs Ap sust khéong khi P (do bing mmHg) suy gidm md so véi @4 cao x (m), tic P gidm theo
cong thic: p=P, ¢, trong d6 P, =760mmHg 13 4p suit & muc nudc bién (x=0), i Ia
h¢ 8 suy gidm. Biét ring & d6 cao 1000m thi 4p sust clia khong khi 1a 672,71mmHg .
Hobi dp sudt khéng khi & d¢ cao 3000m 14 bao nhiéu?

A. 530 mmHg B. 350mmHg C. 430mmHg D. 340mmHg

pBai24: Ty 1é ting din s6 hang nim & Viét Nam duy tri & mic 1,06%. Theo s8 liéu ciia Téng cuc
théng ke, dan s8 Viét Nam nim 2014 13 90.728.600 ngudi. Véi téc do ting dan s6 nhu
thé thi vao nidm 2050 d4n sé Viét Nam la:
A. 160.663.675 ngudi B. 132.161.875 ngudi
C. 153.712.400 ngudi D. 134.022.614 ngudi
Trich D€ thi Hoc ki I THPT Lutong Thé Vinh Ha Néi
PBAI25: Sit dung cong thic L = 10 lgfi » hay tinh gin diing, chinh x4c dén hang don vi, d6 16n

- cox L 0L
dB clia &m thanh ¢6 ti s§ — va dién vio bing:
0

I
STT - Loai 4m thanh 1 Do l6n (L)
i
Ngudng nghe 1
2 Nhac ém din 4000

3 Nhac manh phéc ra tit loa 6,8x 10°

4 | Tiéng méy bay phan Iyc 2,3x 10"
5 Ngudng dau tai 10"

PBSiZ6: Trén mit ciia méi chiéc radio déu c6 céc vach chia dé nguoi st dung dé dang chon diing
song radio cin tim. Biét ring vach chia & vi tri cich tin cting bén trdi mét khoang d (cm)
thi dng véi tin sé F = ka? kHz, trong d6 k va a 13 hai hiing 6 dugc chon sao cho vach tan
cting bén trdi Ung v6i tdn s§ 53 kHz, vach tin cling bén phai ing v6i tin s§ 160 kHz v
hai vach nay cach nhau 12 cm. '

a) Hay tinh k va a (1am tron dén hang phédn nghin).
Ak=53,2=1,09 B.k=52,a=1,096 Ck=53,a=~1,069 D.k=53,a=1,196
b) Gi st da cho E gidi phuiong trinh ke? =F véidn d.

A~ 25,1191g F — 43,312 B.= 25,1191g F — 43,412
C.=~251901g F — 43,312 D.22 25,1191g F — 43,321
c) Ap dung két qua cau b, hay dién vao 6 tréng trong bang sau (két qua chinh x4c dén

hang phén trim)

F (kiz) 53 60 80 100 120 140 160




B Nim 1994, ti 1¢ thé tich khi CO, trong khéng ki 12 %. Biét ring 1 1¢ the tich khi
CO, trong khong khi ting 0,4% hing ndm. Héi nim 2004, ti 1& thé tich khi CO, trong
khéng khi 1a bao nhiéu? :

A. 373.10°. B. 363.10°°. C. 38310 D. 353.10.
pEaZE: Biét ring ti 1¢ gidm dan s hing nim clia Nga [2 0,5%. Nim 1998, din s6 chia Ngala 146
861 000 ngudi. Hoi ndm 2008, dén s5 clia nudc Nga la bao nhiéu?

A. 139 699 000 ngudi, B. 140 699 000 nguoi.

C. 149 699 000 ngudi. D. 145 699 000 ngudi.

PEES T3 1¢ gidm d4n s6 hing nim déin chia I-ta-li-a 1a 0,1%. Nim 1998, dén s6 clia I-ta-li-a 1a
56 783 000 ngudi. Hoi dan s nudc nay vao ndm 2020 (22 ndm sau d6)?

A. 55 547 000 ngudi. B. 54 547 000 nguoi.
C. 52 347 000 ngudi. D. 53 547 000 nguoi.

FES30 Cho biét chu ki ban ri clia chdt phéng xa Plutoni 12 24360 ndm (tifc 1 mét Iugng Plutoni
sau 24360 nim phén hiy thi chi con lai mét nita). Sy phan hity dugc tinh theo cong thiic
S=Ae", trong d6 A 12 lugng chét phéng xa ban ddu, r 14 ti 1¢ phan hay hang nim (1<0),
t I3 thai gian phéan hity, S 14 lugng con lai sau thdi gian phén hity t. Héi 10g Plutoni sau
bao nhiéu nim phan hiy sé con 1g?

A. 80922 nam. B. 100922 nim. €. 99922 nim. D. 88922 nim.

pBIIE Theo dy bdo v6i muic tidu thu ddu khéng d8i nhu hién nay thi trit ugng déu clia nudc

=]
A s& hét sau 100 nim niia. Nhung do nhu cdu thyc t€, miic tiéu thu ting lén 4% méi

nim. Héi sau bao nhiéu nim s8 ddu du trii cia nuide A sé hét

A. 39 nim. B. 40 nim. C. 38 ndm. D. 41 nim.

jB3i32: Cédc nha khoa hoc thyc hién nghién ctiu trén mot nhém hoc sinh bang cich cho ho xem
mét danh sdch céc lodi dong vit va sau d6 kiém tra xem ho nhé duge bao nhiéu % mai
théng. Sau t thdng, kh3 ning nhé trung binh cfia nhém hoc sinh tinh theo cong thiic
M (t) =75 —20In (t + 1) .t > 0 (don vi %). Hoi khodng thoi gian ngin nhét bao lau thi
56 hoc sinh trén nhé dugce danh sich d6 duéi 10%?

A.Khoang 24 thang B. Khodng 22 thing
C. Khoang 25 thing D. Khodng 32 thang

FBS5% Ti e ting dan s6 hing nim ciia Viét Nam 13 1%. Nam 2010, dan s& nudctala 88360000
ngudi. Sau khodng bao nhiéu nim thi dan s6 nuéc ta s&1a 128965000 ngudi? Gia sirtile
ting dédn s6 hang nim 1a khong thay déi.

A.36. B.37. C.38. D.39.

BBE¥ Ap sudt khong khi P (do bing milimet thity ngin, ki hiéu I mmHg ) suy gidm mi
s0 v6i d6 cao ¥ (do bing mét), tiic 1a P gidm theo coéng thic P=F,.c*. Trong d6
P, =760mmHg 1a 4p sudt & muc nudc bién (x=0), i 12 hé s suy giam. Biét ring & 46

BT
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Tiép cian. phutong phdp Vi v

a0 1000y thi dp sudt clia khong khila 672,71mmHg . Hoi 4p sust khéng khi & d¢ cao
30007 12 bao nhiéu (lam trén két qua cusi ciing dén hing don vi)?
A. P=531mmHg. B.P=530mmHg. C.P=528mmHg.  D.P=527mmHg.

Nam 1994, ti I¢ khi CO, trong khéng khi 13 _é_ Biét rang ti ¢ thé tich khi CO, trong

khéng khi ting 0,4% hang nam. Hai nim 2016, ti 18 thé tich khi CO, trong khéng khi
la bao nhiéu? Gid sit ti 1¢ ting hang nim khdng d6i. Két qua thu dugc gén v6i s6 nao sau

day nhit?
A 391 B. §9_? ' ¢, 7907 . p.7908
10° 10 10¢ 10°

1

“»:.'f_'-f-y-b
paiao,

Dé€ xéc dinh mét chét ¢6 néng d6 pH, ngudi ta tinh theo cong thic pH = log; Pl
trong d6 [H"] 12 néng dd ion H*. Tinh néng do pH clia Ba(OH )2 (Bari hidroxit) bil't
ndng dd ion H* 1a 107 M.

A pH=11, B.pH =-11. C.pH=3, D.pH ==

B8 Nguoi ta tha mot 14 béo vie mét hé nudc. Kinh nghiém cho thdy sau 9 gid, béo sé sinh
s6i kin ca mét hd. Biét ring sau mdi gi¢, lugng 14 béo ting gép 10 14n ligng 14 béo trude
- d6va t6c dob ting khong d6i. Hoi sau mdy gid thi s& 14 beo phi kin ; mit hé?
g. 10" C.9-lg3. D. 2.
3 Ig3
B8: DE dam bao diéu kién sinh s8ng clia ngudi dén tai thanh phd X, mét nhém cic nha
khoa hoc cho biét véi cic diéu kién y té, gido duc, co sé ha tdng, ... ctia thanh phé thi
chinén c6 t6i da 60.000 ngudi din sinh séng. C4c nhi khoa hoc cling chira ring d4n s6
dugc uéc tinh theo cong thitc S = Ae™, trong d6 4 1a dan s8 ctia nim duoe lay lam méc
tinh, § 1a dan s6 sau 7 ndm v / 1a ti ¢ ting dén s& hing ndm. Biét ring vao diu nim
2015, thanh phé X' c6 50000 nguoi dn va ti 1é dan s6 12 1,3% . Hai trong nim nio thi
dén 6 thanh phé bit ddu vigt ngudng cho phép, bit rang 8 liéu chi dugc y vao dau
mbi ndm va gi thiét ti 1 ting dan 56 khong thay déi?
A. 2029 B. 2033 C.2034 D. 2035

A.3.

E Theo t8ng cuc théng ké, nim 2003 Viét Nam c6 80 902 400 ngudi va ti 1é ting dan s6 1a
1,47%. Néu ti 1¢ ting dén s6 hing nim khong ddi thi ndm 2016 Viét Nam sé ¢é 6 ngudi
khoang bao nhiéu:

A.97802732. B. 96247183. C. 95992878, D. 94432113.

i Khi mét kim loai duge 1am néng dén 600°C, d6 bén kéo ciia né gidm di 50%. Sau khi
kim loai viigt qua ngudng 600°C, néu nhiét &6 kim loai ting thém 5°C thi d¢ bén kéo
ctia né gidm di 35% hién cé. Biét kim loai nay c6 d6 bén kéo 13 280M Pa dudi 600°C
va dugc sl dung trong viéc xdy dung cic 1o cong nghiép. Néu miic an toan t8i thidu d6
bén kéo cha vét litu nay Ia 38M Pa, thi nhiét 46 an toan t3i da ctia 1o cong nghiép bang
bao nhiéu, tinh theo d Celsius?

A. 620, B. 615, C. 605, D.610.

Trich D¢ thi Thi ldn 1 THPT Kim Lién Ha Noi




pEad
Miic tiéu thy ddu hing nim cta nuéc A theo di bdo Ia M thi higng
déu clia nuéc A 13 100M,

Miic tieu thu ddu theo thuc t€ la:

Goi ¥, 1a lugng diu tidu thy nam tha 7:

Nim thit 2 i x, = M+4%M = M(1+4%) =1,04M

Nim th¢nl x, =1,04""M

Tong tiéu thu trong ”* ndm la:

X 4%, + %, +ot+x, =M+1,04M+1,04° M +...+1,04"" M
= (1+1,04+1,04° +...+1,04" ) M = 100M
©1+1,04+1,04 +...+1,04" =100

%}" =100. Giai phuong trinh bing lenh SOLVE dugc n=41.
Chon A. _
E:
10°
'Thé tich khi CO, niim 2008 la: Vo, =V| 1 +%_

Thé tich khi CO, nim 2016 la:
10 3 10 : 8
i 14 # _V(100+m) (100']'?1) ‘

100 100 10%

Vs =V 1+

120000000 1

120000000 = 78685800.e" %% = N =1In — | ~
78685800 | 0,017

Chon A

Nhiét d6 soda con laila 50°F nén'tacd:
T(t) =50 & 32+48.(0,9)' =50 < (0,9)" =_;:

log cd 56 0,9 hai vé ta dugc:




Ta'e“bc@nphuongphdp ViL Vit dll

lo—go,g(O, 9)5 = iogolrgrg o= 1og0,9§_ ~ 9,3
Chon B.

Tacd: M = logA—log4, = logi.

4
4w

- San Francisco: M, = 8,3 = log—%

Trén dong 84t &:

) A
-Nam Mj: M, = log =2 (2
y: M, g 2)

A

Bién d6 6 Nam My gdp 414n San Francisco nén: A, =44, = f =4

Lay (2) - (1) ta dugc:

A o™ 4

M,—-83=log—2 —log—L =log—2% = log4
’ 4 A A

= M, =log4+8,3~89
Chon A.

FEdES
2NC=N0.e9"@egff:z@gk:mz@k:hl?z

800=100.6% & 8=¢" e kf = [n8 e t = 18 _ 18
k In2

Chon A.

Br

%]

Tacéd: f'(t) = (n,2")' = n,-21n2

Vay t6¢ d6 phat trién cfia vi khudn sau 4 gio 1a:
f'(4)=100.2%1n2 ~ 1109

Chon B.

Goi tla théi gian phan dng khi d6:

1

9 =27 ngay.

TSc 46 phén ving x3y ra nhanh nhit (vm) khi £=0 vikhi t=0

néng dé céc chit NO vi O, 16n nhit.

Mav= k-ley (v6i X ¥ Jandng d6 NO va O, theo dé)

Viy d& Ynax thi néng 4 NO va O, phai bing néng d¢ ban déu:

X x
Duya vao phuong trinh, ta cé: ¥ = 5 = ; =2
Chon B,

i P Ghichaciaen




Lugng cacbon 14 cdn lai trong miu g6 1a 65% nén ta c6:
it
P(t)=100.(0,5) =65
3
& (0,5)7% = 0,65

Log cd 86 = hai vé ta dugc:

o N =

log,(0,5)5% = log, 0,65
2 2

& —— = log, 0,65
5750 &1

& t=57501og, 0,65 ~ 3574 ndm.
Chon C. z

Goi ¥, lanéng d6 N,O, & thoi diém ¢, x landng d6 N,O; ban dau:

T o yf—x=kx® y, =(k+1)x
Ay =0,9x  |y,=09x (1)

Vi su bién thién néng dé mol/l cia N,O; theo thdi gian ludn ti 1&
thusn v6i néng do mol/l ctia N,O; nén: ¥, =(k+1)'x (%)

Thay (1) vao (*) ta dugc: 0,9x=(k+1)'x

& 0,9=(k+1)
Log co s8 0,9 hai vé ta dugc:
logy, 0,9 = log, 4(% + 1)
& 1=tlogy,(k+1)

1

=— =211
log, o(k +1)

Chon A.

Tap hop Acétit cd 21 phintd = n=21
Viy d6 phic tap chia thuit toan tim kiém nhij phin trong trudng hop
x4u nhit trong tép hop A la: d(log, 21)

Chon D.
Thinh phd A ¢6 M =8 nén E, =1,74.10".10"*°

Thanh phé B ¢6 trdn dong dit v6i 46 lon M =M, va nang hiong
E, =14F, nén:




Tiép cin phuong phdp vé vin diing
1,74.10%.10"*™ =14.1,74.10%,10"43 : o
o 14.10%4Ms _1glus k.;_Ghi-Ch_t'i'c,ﬂqem' S
Log co s§ 10" hai vé ta dugc: :

10g, s (14.101'44%) = log, ., 10743

& My ~T,2
Chon A,
FE0E:
m= m0.2"/T
&2=102"T
@ LT
5

o -;—t = log, 0,2
&t =—log, 0,2.7 ~ 57480
Chon C.

Batid
F=ka*
Ta ¢6: lic & 88MHz thi 88 =k.4" = k=88

Lic & 108 MHz thi 108=884% == 1{]‘%

d
= 91=28841 ;—Z =>d=1,9642 (cich vach bén trii) (cm)
=12-d=10,0358 (cich bén phéi) (cm)
Chon C.
Ngay thi nhit: 2 con
Ngay tht 2: 2+2.0,7944 = 2(1+0,7944} con
Ngay thi 3: 2(140,7944)% con
Suy ra ngay thd n: 2(1+0,7944)™' con
Véy ngay thi 6: 2(1+0,7944)*! ~ 37 con
Chon A

1 chu ki nhén d6i: »=100%

8 gi6s = 480 phiit = 24 chu ki

$6 lugng vi khudn: 60.(1+1)* = 1006632960
Chon A,




M I trung diém AB=>2R,, =R, +R,
Do R tilevdi 1072 = 2.10™% =107 +107°

107t + 1073

= L, = —2.log = 2,598 = 25,948

Chon A.

. 1
Sau 1590 ndm khdi higng gﬁ Ra ¢on lai: 5.100 =50
-t
Sau thi gian ¢ nim khéi lugng 5 Ra conlaila: m, =100,250
=100

Sau £ =1000 nidm khéi lugng g" Ra conlaild: m=100.21% =65 mg
Chon A.

Tacé: N,=N,.e"

Tai thai diém £ =3 ta cé: 8000 =500 < 16=¢"°

In hai vé ta duge: Inl6 = ne? e hif=r3er= In16

"Tai thoji diém £ =4 ta c6: N =500 = 20159
Chon C.

$& dan tai thoi didm £ =1950 La: Py =" =2560 (1)

S& dn tai thai diém £ =1980 1a: P, s, =a.e" =3040 (2)

ae"™ 3040 3040 }g
24170 2560 16
19 1, 19

In haivéta dugc: Ine® = ln-g S 3p=lh—==b=—.In— (¥ :
16 18 30 16

Ly (2)/(1) ta dugc:

5.in 22 2560

5.
Thay (*) vio (1) ta dugc: ae  1® =2560=a = 5

651n—
16

Vay s6 dan tai théi diém £ =2020 la: e
By = 2.e"™ = 3823 triéu ngudi

Chon D

2288 624
a) Tacd 760=4.10 #73
2258,624

=a=760.10

=1 =86318841,3
Chon A.




Tiép ciin phuong phip vavin dung cao

2258624
by P=2863188841,3:10 422 =525 mmHg.

Chon A.

} Ghi chi ctia em

Thay gia tri clia P(t)=65 ta dugc:
1

vy i
100.| " = 65 & 250 — 100
2 65

t 100} In100—1log65 2—log6b
5750 2 N

65 log2 log2
st= 5700[ﬂ95_ ~ 3574

Trudc tién tim i tif ding thitc: 672,71 =760.¢" (i = -0,00012)
Tii d6 p=~760.e™*™" = 530,23mmHyg .
Chon A

Bai toan tuong td dang todn 1ai kép nén cb thé st dung cong thilc
A, =a(l+m)" v4i A 1ass dan tai thei tiém 71, & 13 56 dan tai thei diém
déu, m 2 i 1€ ting din s§ ty nhién (khong d6i) va n 1a thoi gian tif lic
dau dén lic cén xét. Ap dung cy thé vao bai todn trén:

A =a(l+m)" =90278600(1+1,06%)" 2™ = 132616875

Chon B

I
Véi 7= 4000 lam tron két qué t6i hang don vi ta duge 36 dB
0

Vi Ii =6,8.10° ta dugc L=88 4B
0

I
Vi 7= 2,3.10" ta dugc L=124 dB

0

i
Véi 7= 10” ta duoc 130 dB

0
I
STT Loai 4m thanh T Do 16n (L)
4
1 | Ngubng nghe 1 0
2 |Nhacémdiu 4000 36




3 Nhac manh phdc ra tif loa 6.8x 10° 88

5 Ngudng dau tai 10% 130

a) Thay vio cong thitc F = ka*
V6i d=0=>53=ka" =k

1
Véi d =12 = 160 = ka™? = 532 = o Jﬁ%’:m:(%]“ ~1,09

b) Ta céd

kot = F = of =€—=>d1ga=1g%
d= L(1gF —lgk) =25,119(1g F - Igk) = 25,1191g F' - 43,312
lga

¢} Khodng céch tii vach tin cling bén trdi dén vach tuong dng:
+60kHz : d ~ 25,1191g60 — 43,312 = 1,35¢cm

+80kHz : d ~ 25,1191g 80 — 43,312 = 4,49cm

+100kHz : d ~ 25,1191g100 — 43, 3126,93cm

+120kHz : d =~ 25,1191g120 — 43,312 = §,91cm

+1405Hz : d = 25,1181g140 — 43,312 = 10,60cm

+160kHz : d ~ 25,1191g160 — 43,312 = 12cm

Két qua ta ¢d bang sau:

F 53 60 80 100 120 140 160
d 0 1,35 | 449 [693 | 891 | 10,6 | 12
i
Niim 2004 ti 1¢ thé tich khi CO, trong khéng khi 13:
358.1,004" -
oF = 37310
Chon A

Nim 2008, din s6 clia nudc Nga la 139 699 000 ngudi.
Chon A

Ve
Dén s6 ciia I-ta-li-a vio ndm 2020 1a: 55 547 000 ngudi.
Chon A
REE
A

Ta c6 Ae?30r 5 =r=—1n2:24360
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10" =1 & ¢t = —10 _ 8999 :
-
Chon A.

Goi A la trit lugng diu, x Ialugng d4u sit dung nim dau tién.
Tac6A=100x, :

Qua ndm thi 2 tr& ligng ddu tiéu thy la x(l +r)

Qua ndm thd #+1 trit lugng déu tidu thu la x(1+7)"

Viy téng luigng diu tiéu thy trong n+1 nam

x| L+(Ler)+ (1) 4 (L4r) 1) .

Do @6 ta c6 phutong trinh:

x[1+(1+r)+(1+r)2 o177 +(1+r)"]—100x =0

1—(1+1f)’hq
o ——— =100 =@ n=40.

—F
Theo bai ra ta cé:
75—201n(t +1) <10% < ln(t - 1) > 3,25 & t > 24,79.
Khoing 25 thang.
Chon C,

Goi 7 13 s6 ndm dén s§ nudc ta ting tii 88360000 — 128965000
Sau " nim dan s6 nudc Viét Nam [a: 88360000(1,01)" , Theo dé:

" 128965000 )
88360000(1,01)" = 128965000 & 7 = log, | -20909000 | oo /ey

(o) " Oghf’l[ss:sﬁoooo] (ndm)
Chon C,

o 1 672,71
Theo dé ta ¢6 672,71=760" & § = ——Ip -2~

R _ 1000 760
Vay P=760.2"" =~ 527mmHg
* Luu y: Néu cac em lam troén két qua ngay ti Kic tinh 7 thi sé cho két
qua cudi ciing I 530mmHg nhu vay sé khéng théa min yéu cdu bai toan.
Chon D.

Tit 1994 dén 2016 1a 22 niim. Vay ti I¢ thé tich khi CO, nim 2016
358.1,0042 391

trong khong khi la —_—
g & 10¢ 108

Chon A,




Goi t 1456 gis 14 béo phitkin 1 mit ho.
3

Lugng 14 béo ¢y mit hd 1a: 10°.

9
= Lugngl4 béo % mit hé La: }g_
10° 10°
].Ot :T# t = 10g10?= 9—"].g3-
Chon C.
FBaids:
Tacd: §=de”
= 50000.¢>"*" < 60000

=nsl4,025=n=14
Vay trong nim 2029 din s6 thanh phd sé vugt ngudng cho phép.
Chon A.

Viéc tinh s6 dan sau 13 ndm v6i ti 1é tang dan s6 13 1,47% tuong
duong v6i cac bai todn lai sudt ngin hang

= s§ dan =80902400.(1+1,47%)" = 978027732.

Chon A.

pEaidG:

& 600°C d6 bén kéo cha kim logila 140MPa = DB ( it &n phu ndy
d€ gon tinh todn phia sau). Cd ting 5°C thi d bén keéo giam 35% DB
con 65% DB.

Sau 7 lin ting 5°C thi d¢ bén kéo con (65%)" DB
38
Theo dé: (65%)" DB 238 = n<logi = 3,02

Do &6 nhiét d t5i da Ia: 600°C+3.5°C =615°C.
Chon B

o




Tiép ciin phutong phap vavin dung.cio

PE ON TAP CHUONG 2

BBIEE Mot chét diém chuyén dong theo phuong trinh s=¢' —4¢ (trong d6 s tinh bing m va
t tinh bing gidy). Thdi diém vén t6c chét diém bj triét tidu 1a: '
A.t=1n2 B.t{=2In2 C.t=1n3 D.{=2In3

¥BAT2:E Trong mot ban hop ca, coi moi ca s d&u hét véi cling cudng d6 4m va coi cling tin s6. Khi
mét ca si hdt thi mic cudng d9 4m 13 684B. Khi ca ban hop ca ciing hét thi do duge mitc
cudng d6 4m 1a 804B. Tinh s6 ca si ¢6 trong ban hop ca d6 biét miic cudng &6 am L duge

tinh theo cong thic L = 10 log;:rJL trong d6 I 1 cuding d6 4m va I 1a cuding d6 4m chudn.
a
A. 16 nguioi. B. 12 ngudi. C. 10 nguoi. D. 18 ngudi.
P23 Mot ngudn am dit & O ding huéng trong khong gian ¢6 cong sudt truyén am P khong
d6i. Biét rang cudng 46 4m tai mot diém cich nguon mtdoan R 12 [ =

va mtic
cddng d6 4m tai difm d6 14 L = log f Ben vai Iy 12 hiing 8. Nhu vay cb tﬁe thay ring
R Tudn tj 1 véi 10™2, Ap dung tinh chit ndy d€ tinh mtec cudng d6 am tai trung diém
M ctia doan thing AB biét miic cudng dd dmtai A, B lanhigtla L 4 =20dB, L, =604B
vd O ndm trén doan thing AB.

A. L, =25,94B. B. L,, =25,6dB. C. L, =26,1dB D. L,, =20,6dB.

JEslEE Ban Diing xin b3 mua cho ban 1 c4i méy tinh. Nhuing méi thang bd ban Diing chi cho
ban 3.000.000 ddng d€ tich tién mua mdy tinh. Nhung ban Diing khéng muén ché doi
dé tich d€ du tién d€ mua. Ban quyét dinh mugn ngan hang 20.000.000 dong dé€ mua
mdy vdi l4i sudt 1,2% . Héi véy bao nhiéu thang ban Diing diing s6 tién ctia b cho sé
tra hét no ngan hang?

A6, B.7. C. & D. 9.

357 Hai nim sau ban Lan sé vao dai hoc, dy kién chi phi cho méi nim hoc dai hoc cfta ban
Lan la 10 triéu déng, ngay tit lic ndy ba me Lan c4n phai c6 k& hoach giii tién vio ngan
hing dé c6 dt s6 tién cho ndm hoc d4u tién ciia Lan, néu biét ring lai suit ngan hang la
7,6% /ndm (theo thé thiic 14i kép), thi s8 tién t5i thidu ma ba me ban Lan phai giti ¢6
thé1a gia tri ndo trong cic gid tri sau day?

A.8,637. B. 8,737. C. 7,637 D, 7,937.

Mot sinh vién A mua mdy tinh xdch tay theo hinh thiic trd gop v6i gid tién 20 tricu
ddng, mtic 14i suft 1,2% /thang trong nim dan tién, méi thing anh A phai trd 800 ngan
d6ng, c& gbc va 14i. Sau mot nim i sudt lai ting 1én 14 1,5% /théng v anh A phai tra 1
triéu dong ca goc va ldi mi thing (trit thing cudi). Héi sau t6i da bao nhiéu thing anh
A trd hét ng (théng cudi tra khong qua 500 ngan déng).

A.25 thang. B. 26 thang. C. 27 thang. D. 28 thang.
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= DE dim bio diéu klen sinh song clia nglidl dan ta1 thanh phé X, mét nhém céc nha
khoa hoc cho biét véi cic dieu kién y té, gido duc, co s& ha tdng, ... cha thanh phé thi
chi nén cé t6i da 60.000 ngudi dan sinh séng. Cdc nha khoa hoc ciing chi ra ring dan s6
dugc udc tinh theo cong thiic S = Ae™, trong d6 A 14 dén $6 clia ndm duge ldy 1am mée
tinh, S 12 d4n s6 sau 7 nim va 7 13 t11¢ ting d4n 'sd hing nim. Biét ring vao dsu nim
2015, thanh phé X c6 50000 nguoi dn va ti 1é ting dan s6 13 1,3% . Hoi trong ndm nio
thi din s& thanh phd bit du vigt ngudng cho phép, biét ring sd liéu chi dugc 1dy vao
d4u méi nidm va gia thiét ti 1é ting dén s6 khong thay d6i?

A.2029 B. 2031 C. 2035 D. 2046
% Tim m d€ phuong trinh e* ~me” +3—m =0 c6 nghiém:

Am=2 Bm>2 Cm<3 D.m>0
pB3I% Phuong trinh (2 +3 )x + (2 -3 )x =m (1) c¢6 nghidm khi:

A. me (—s;5) B. me (—oo;5] C. me (2;4e) D. me [2;+00)
PG Chox, »,z 13 che s8 thuc thoa man 2* =3 = 6. Gié trj biéu thlic M =xp+ yz+xz la:

A0 B.1 C.6 D.3
PESEE Cho alog 3 + blog 2 + clog5 =5, véia, bvac la céc 3§ hitu ty. Céc khing dinh sau day,

khéng dinh nao diing?

Aa=b B.a>b C.béa D.c>a>bh
JEREZ Cho phuongtrinh 57 +2me+2 _ g2 +4ma+2 _ 42 _ 9pp0 _ 0, Tim m dé phuong trinh vo nghigm?

Am>0 B.m<1 C. Khong cé m. D.[m>1

m<0

RBALAE: Tim t4t ca cac gid tri thuc cita tham s6 ™ sao cho bét phuong trinh sau cé tip nghiém
I (—0;0]: m2 +(2m+1)(3-V5) +(3+5) <o0-
' 1

'A.ms—l. B.msl. C.m<£. D.om<——.
2 2 2 2

; Cho biét chu ki ban ré clia chat phéng xa Plutdni Pu™ 14 24360 nim (tdc 13 mét lugng
Pu? sau 24360 nim phén hity thi chi con lai mét nita). Su phéan hity dugc tinh theo cng
thic S = Ae", trong d6 A 1a lugng chit phéng xa ban ddu, r 1 i 12 phén hity hang nam
(r<0), t 1a thdi gian phan hay, S 13 lugng con lai sau théi gian phin hiy t. Hdi sau bao
nhiéu ném thi 10 gara Pu™® s& phan hity con 1 gam ¢6 gid tri gin nhét v&i gia tri ndo sau?
A. 82135 B. 82335 C. 82235 D. 82435

5 Cho phuong trinh: m2® ~55+6 4 91" — 9 96~52 'y (1). Tim m &€ phuong trinh c6
4 nghiém phén biét.

1 . 1 1
A.me(0; 2)\ {8 256} B. me(0; 2)\ {7 256}
Cme(oz)\{ L } D.me(OZ)\{ 1 }
6°256 | 5256
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Rt T T T RO p——

Tacoé S=¢' -4t suyra p=5"=¢' 4.
Vén t6c triét tiunghial v=0c¢' =4 o t=1nd =2In2.
Chon B.

I
Tacéd: L= 1010g§—1= 68val = 1010gI—" =80.1, =nl =n="x

0 0 1
(Vai 1 lasé cast)

I I I
L -5 =10 IogI—l - lf}log?"— = 1010g1—n

0 0 1
I L-L 8068

>n="2=10 ® =10 0 =310 ~186.

2.10—0,51‘_M . 10—0,511,5 +10—0,5L4
L,, =20,6dB.

Thiét ldp cong thiic:

U=A

U =BU_ +C
Ta dét U, =kV,_ +1 khi &6 ta cé:

Ta dvia vé dang:

KV, +1=BkV,_ +Bl+C oV, =BV_ + (B~LI+C

_ ~C

bity B+l vay déy s6 chuyén thanh:
k=1
C
‘/I—A+__B_1@V”= A+_C___ Bn-l
V. =BV 5-1
SU, = 4+ |p-C
? B-1 B-1

Rasagssddribrranraas

A4dbbtbrreaasetenasennnnn

aassenennuuas

tetrbbrranannan

PPEYYITT] AuLstenansannannsessar

asemsvnmnann

asrsbikEbEEEbanennnn

B Ghichicigern”

|



. Véy ta thay s6 vao:

= = ZOOOOOOO—M .(1,012)"_1+M
" 0,012 0,012

U =0=n=7,990075331.

Vi bao nhiéu thang tuong Gng véi bdy nhiéu s6 14n tinh I3i.
Véy tacd n—1=7 lan tinh i

Chon B.

)

Goi 56 ti€én me Lan cin giii 1a m, tién 14i theonam 1a 7.
Sau ndm thi nhat thi s6 tién gbc va lai: m(1+r)
Sau nidm thi hai thi s6 tién gdc va lai: A=m(1+r).(1+7)=m(1+r)f
Véip= 26 19
1000 250
A=10000000 déng

10000000
m=—————0

2

=8637249 doéng.

(1+1,2%)2 -1
1,2%

T, =20000.(1+1,2%) " —800.{
=12818,25087.

T} : $& tifn cHn ng sau 1 nim.

S6 tién phai tra tiép theo tril thing cubi cting (7: thng):

{1+1,5%)" -1

xA ]< 500

T, =1;(1+1,5%)"—1000.[

Ding Table = n=15
Véy 8 thdng phai trd: 12+15=27.
Chon C.

= 50000.¢>°*" < 60000

=>ns14,025=n=14

Vay trong ndm 2029 din s8 thanh phd s& vigt ngudng cho phép.
Chon A.

- 2
Pit t=¢*, ¢ > 0. Bién d6i phuong trinh vé dang: ! p :f

]




Tiép cin phuong phip vivin dung

#+3

t+1
Chon A.

(1) c6 nghiém khi (2) c6 nghiém duong.

Khio satham f(t)=——,t>0 tacd f(©)22.Suyra m22

P Ghichi ciaem

Dit r=(z+J§)’,t>o,phuongtrmh da cho thanh: 2 —~ms+1=0 (2)

Do tich 2 nghiém =1 nén suy ra (2} ¢6 2 nghiém duong.

m>0
Chon D,

2
—4>
@{m 4_0<:>m22

M=0
Khix,p,z#0ta 3t 2°=3" =67 =f suy ra Z:k;,Szk’,ﬁzk—z.

L~ 11
Do 2.3=6nén k* &’ =k ¢ hay =

y zZ
Tidésuyra M =0,
Viy can chon ddp 4n A,

Tacé alog,3+blog, 2+clog,5=5

& log3°2°5° =5 ©3°2°5° =6° =3°2°5"
: a=hb=5
Doa, b, c 12 céc s6 hitu tj nén c=0

{ Chon A.

YEIIZ:

Bai12:
Phuong trinh tuong duong:

(x2 +2mx+2) = (2x2 +4mx+2)

Tit d6 diéu kién d€ pt v6 nghiém 1a C,
Chon C.

Phuong trinh d cho tiong duong

AL

5O (o 4+ 2+ 2) = 5 (002 4 e 4.0)
Do ham f ( t) =5'+¢ ddngbién trén R nén ta co:

2m+(zm+1)(3;2‘@J +(3+2‘/§] <0 (). Dau_[

2m+(2m+l)%+t<0(=> f(#)=0+2mt+2m+1<0(2). Bat phuong trinh

Khi mét trong ba s X, 7,2 biing 0 thi cic s6 con lai bing 0. Khi d6

1 1

] >0 tadugc:

() nghiém diing Vx <0 nén b4t phuong trinh (2) c6 nghiém 0 < <1,
suy ra phuong trinh f(¢)=0 c6 2 nghiém 7,2, thda £, <0 <1<t,:

1o



{f(O)SO {2m+150 {m <-0,5
f—1 =

= Vaym< 1 thoa man,
F)<0  |4m+2<0  {m<-05 2
Chon D,
Vi Pu® ¢é chu ki ban rd [a 24360 nim nén e?¥% = s = l=> r
=—0,000028 A 2

= Cong thiic phén rd clia Pu®°1a § = A.g~h0000st
'Theo gia thiét: 1 = 10. e-*®0%23y t ~ 82235,18 nim.
Chon C.

Bt

Viét lai PT (1) dudi dang :

m2x‘-5x+6 + 21—::2 =065 L

= m2x2—5x+6 + 21—x2 — 2x’-5x+6+1—x2 +m

o m 2::2—5:+6 + 21—x2 = 2::2-—51-:-6 21—::1 +m
= 2x2—5x+6

Pit: L V> 0. Khi d6 PT tuong duong véi :
y=2""

mutv=wv+m<{u-v-m)=0

_ pP-5xt6 _J x=3
@[ ad P | x=2
v=m |o* = .
T2 = men
Dé (1} ¢6 4 nghiém phan biét < (*) c6 2 nghiém phin biét khic 2
va 3.
m >0 m>0
(*)@ 2 1.2 .
1-2"=log,m z-=1-log,m
Khi d6 diéu kién la:
(m>0
m=>0 m<?
1-log, m>0
87200l Ll eme@\i L
l1-log,m#4 8 8256
1-log, m+#9 m;ﬁi
256
Vay véi me(O;Z)\ l,i théa diéu kién dé bai.
8 256
Chon A,

i |




EBEIE S6 gid tri nguyén clia tham s8 m sao cho bét phuong trinh:
log5+log(x”+1) 2 log(mx” +4x +m) nghiém dfing véi moi x thudc R ?
AD B.VmeZvam=3 (.1 . D.2.

¢
e rere 17

pBai2s: Trong vatli, suphénrd chia cdc chit phdngxa duge biéu didn bai congthic:m(t}=m, >l
trong d6 m, 1a khéi lugng ban d4u ctia chét phéng xa (tai thoi diém t = 0% T lachuki
bin ra (tdc 12 khodng thdi gian d€ mét nita khdi lugng chat phong xa bj bién thanh chét
khdc). Chu ki bén ré clra Cacbon “(' 14 khodng 5730 ndm. Cho trudc miu Cacbon cé
khéi lugng 100g. Hoi sau khoing théi gian t thi khéi lugng con bao nhiéu?

E 1 3730
Am{t) = 1002 7 B.m(t) = mo.[_]
2
;gg; 1002
C.mft)= 100[5] D. m(t] = 100.¢ 57
2
- 7
MBS Trong vatld, suphén riclia cicchit phongxadugcbiéu diénbdicong thic:m(t) = m, [é] ,

trong d6 ™, 12 khéi lugng ban déu clia chét phong xa (tai théi diém t = 0); T Ia chu ki
ban ra (tic 1a khodng thoi gian d& mét nita khéi Iugng chat phong xa bi bién thanh chat
khdc). Chu ki ban rd ctia Cacbon ¢ 1a khodng 5730 nim. Nguidi ta tim dugc trong mét
mau d6 ¢ mét higng Cacbon v xic dinh duge né da mét khoang 25% higng Cacbon
ban ddu cta nd. Hdi miu d6 ¢8 d6 c6 tudi 13 bao nhidu?

A. 2378 nim B, 2300 ndm C.2387 nim D. 2400 n3m

PBAIZE Mot nghién ciu cho thiy mét nhém hoc sinh duge cho xem cung mét danh sich cacloai
déng vat va diigc kiém tra lai xem ho nhd bao nhiéu % mé&i théng. Sau t thing, kha ning
nhé trung binh ctia nhém hoc sinh duge cho bai cdngthiic M (t) =75-20 ln(t + 1) A>0
(don vi %). Hai sau khoédng bao 14u thi nhém hoc sinh nhé dugc danh sach d6 dudi 1092

A.24.79 thing B. 23 thang C.24 thing D. 22 thang

FEBE Mot ¢dng ty vifa tung ra thi tniding san phim mai va ho t§ chic quang cio trén truyén

hinh méi ngay. Mét nghién ciu thi trudng cho thdy, néu sau x quéng cédo dugc phét thi
160

1 + 496—0.0151

dugc phit t6i thifu d€ s6 ngudi mua dat hon 75%.

A. 333 B.343 €. 330 D. 323

sG % ngudi xem mua sin phim la P(z) = & 2 0. Hay tinh s§ quing céo

pEsEE Ong Nam giti 320 triéu d6ng & hai ngan hang X va Y theo phuong thitc 131 kép. S6 tién
thi nhit giti & ngan hang X véi 13i sudt 2,1% mot quy trong théi gian 15 thang. $6 tién
con lai glii & ngin hang Y vé&i 11 sudt 0, 73% mét thdng trong théi gian 9 thang. Téng igi

|



tlic dat dugc & hai ngén hang 12 27507 768,13 (chua lam tron). Hoi s8 tién dng Nim lin
lugt gtii & ngan hang X va Y la bao nhiéu? ;

A. 140 triéuva 180 tridu B. 180 triéu va 140 triéu.

C. 200 triéu va 120 triéu. D. 120 triduva 200 triéu.

Tim s6 nghiém clia phuong trinh: log,, (2.7c2 +x—1)+log,,, (2x-1)" =4(1).
A0 B.1 C.2 D.3.

i Ngudi ta tha mét 14 béo vio mét ho nude. Kinh nghiém cho thiy sau 9 git béo sé sinh
sdi kin ca mit hd. Biét ring sau mdi gi&, luong 14 béo ting gap 10 ldn lugng 14 beo tride
d6 va téc 46 ting khong d6i. Hai sau mdy gid thi s6 14 béo pha kin 3 c4i hé ?

A.3 B.Eg_ C.9-log3 D.i.
3 log3
3% Mot ngudi vay ngan hang 40 triéu déng d€ mua mot chiéc xe véi 1ai suft 1a 0,85%/thang
v hop déng thoa thuan 13 trd 500 ngan d6ng moéi thang. Sau mot ndm midc 1ai sudt clia
ngén hang dugc diéu chinh 1én 14 1,15%/thang va ngudi vay mudn nhanh chéng hét ng
nén da thod thuén trd 1 triéu 500 ngan ddng trén mét thang (tri thing cudi). Héi phai
mét bao nhiéu ldu ngudi 86 mdi trd dit ng. _
A. 31 thang B. 43 thdng . C.30thing D. 42 thing

0: Huyén A ¢6 100 000 ngudi. VOi mic ting dén s6 binh quén 1,5% ndm thi sau n nim dan
8 $& vugt 1én 130 000 nguoi. Héi n nho nhat 13 bao nhiéu?

A.18 nim B. 17 nim C. 19 ndm D. 16 nim

Cho biét chu kj ban ri ctia chét phéng xa Plutoni Pu?* 14 24360 nidm . Su phin hity dugc
tinh theo céng thiic § = A.e™. Trong d6 A 1 s6 higng chét phéng xa ban ddu, r 12 j 1&
phan hily hing nam (r<0), t | thei gian phén hity, S 1a ligng con lai sau thoi gian phian
hity t. Héi 10 gam Pu® sau bac nhiéu nim phén hiry sé con 1 gam

A. 80922 nim B. 24360 nim C. 35144 ndm D. 48720 nam

Goi S, 1a tip nghiém ciia bit phuong trinh 2.27 +3.3" ~6" +1<0.

Goi S, Ia tip nghiém cta bit phuong trinh 27* < 4.

Goi S5 Ia tap nghiém clia bat phuong trinh log, (x-1)<0. .

Trong c4c khing dinh sau, khéng dinh nao dﬂ%’xg khi néi vé mdi quan hé gitta cic tap
nghlém SpSz: Sa ? :

A S cS,cS,. B.S,cS,c8,. . CS§cS5cS,. D. S, 5, CS;.

3: Bac B giii tiét kiém s tién ban déu la 20 triéu dong theo ky han 3 thang véi 13i sudt
0,72%/théng. Sau mét nirm, bac B rit ca von 14n 1ai va giti lai theo ky han 6 thang voilai
sudt 0,78%/thdng. Sau khi giti dugc ding mét ky han 6 thing do gia dinh cé viéc nén
béc giti thém mét s6 thang niia thi phai rit tién trude kj han ca gbe lan 1ai ddgc s6 tién
14 23263844,9 déng (chua lam tron). Biét ring khi rit tién trude théi han lai sut dugc

178 |l



Téép cin phitong phdp vievin dung aCniiier

tinh theo ki sudt khéng ky han, tic tinh theo hang thing. Trong mot 8 thdng béc giii
thém 13 sudt la;
A.0,4% B. 0.3% C.0,5% D. 0.6%

BY Cho ba 56 duong a, b, ¢ d6i mdt khéc nhau va khéc 1, Xét cac khing dinh sau:

(1) log? 2 = log? &;
c “b

(ID) logi blogi c= 12

log; a ;
(I1I) Trong ba s6 logza %; logi £t—; logi s Iudn ¢é it nhit mot s6 16n hon 1.
H ;€ ad
Khing dinh nao dang?
: A, Chi (T) va (II) B. Chi (I} va (III)
C.Chi(D) D. Ca (1), (IT) va (1I)

}}Ti_; C6 gido Lién ra trudng xa qué lap nghiép, dén ndm 2014 sau gdn 5 ndm lam viéc tiét
kiém dugc x (triéu déng) va dinh dung $6 tién d6 d€ mua nha nhung trén thyc t€ ¢b gido

phdi cén 1,55x (triéu dong). C6 quyét dinh gii tiét kiém vio ngan hang voi lai sudt la

6,9% /nim v6i lai hang thang nhap géc va co khong rit trude ki han, Héi nim bao nhidu
c6 mua dugc cin nha d6, biét ring ché nha d6 vin bén gid nhu ci.

A. Nim 2019 B. Nim 2020 C. Nim 2021 D. Niim 2022

3

¥

%
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B4t phuong trinh xac dinh véi moi x thude R khi:
mx’ +4x+m>0 VYxe R

m>0 m>0

=3 om>2

A<0  |4-m*<0 (1)
Bét phuong trinh nghiém ding véi mei x thude R khi:
5x° +52 mx* +4x+m, Vxe R
& (5-mx’—4x+5-m=0 VxeR

S5-m>0 m<3$5

= & m<3 (2)

A<O —m® +10m—21<0 . _
T () va(2)tadigc 2<m=<3, me Z=>m=3, Vay cO 1 gid tri m.
Chon C.

Theo cong thic m(t) =me™ taco:
100 n2

m(5730) = ? = 5(} = 100.8_k'573u = k= % suy ra:

_I2,
m(t) = 100e 50
Chon A.

EEE
Gia st khoi ligng ban ddu ctia méau d6 8 chida Cacbon Ia 7%, tai
thdi diém t tinh tli thoi di€m ban dédu ta cé:
3
o - 57301n|>

-2, 3 ~2E o
m(t) =me 73" & % = mye 5735 & t=— "1~ 2378(ndm)

Chon A.

.. Theo cong thiic tinh ti 1¢ % thi can tim t théa min:
75-20In(1+¢) <10 & ln(t+1) > 3.95 & £ >24.79

Chon A,
i
. 100
Ta cd P(x)=mg;275¢>x2333
Chon A.




IS A R S LT aaes e

Tiép ciin phutong phip va.vin dgng cib

Téng 6 tién ca vén va lai (1ai chinh 13 loi téic) dng Nam nhén dugc }G’" chicdaem- - -

tit c3 hai ngén hing 13 347,507 76813 triéu déng,. :
Goi « (tri¢u déng) 1A s6 tién giti & ngan hang X, khi d6 320— 2

(triéu dong) I3 56 tién glii & ngan hang Y. Theo gia thiét ta c6:

{1+ 0,021)° + (320 — z)(1 + 0,0073)° = 347,507 76813

Ta dugc z = 140. V4y 6ng Nam giri 140 tridu & ngin hang X va 180
triéu & ngan hang Y.

Dap an A,

AT

1
Diéukién: 1¥7 3. Phuong trinh:

x#1
log, 2 1 z—1
" 10-;5-1 (23 - 1) ) +2log, (25 - 1) =4
I%HA%—Q+bgH@+Q L
& log, ., (2$ _21) +2log,_,, (gz 1) —4

1 —
@1+m+21€)g$+1(22—1) —4(3)

Dit £=log,,, (2x—1), khi &6 (3) viét thanh:

1 t=1
2t+?-3=0<:)2t2—3t+1=0=> ol
2
log,, (2x-1)=1 b l= 21 x=2
log,.,(2x~1) =%<=> [Jﬁ:zx—1<=> x=%
Chon C.
pEsiE

Goi t la thdi gian cic 14 beo phit kin % céi hé. Vi tc d¢ ting khong
d6inén, 1 gi& ting gép 10 lAn nén ta c6 10° = %10” ©t=9-log3. Pépan

cdn chonla C,

Ta c6 cong thiic tinh lugng tién con ng khi tra gép duge 7 thang véi
méi thing trd khoan tién 14 a, 14i sudt 7% va s& tién ng ban ddula A d6
I A{1+7) —-E[ 1+7) —1]

(ter) =] (14

Sau 1 ndm (12 thdng) con no la:
500000

40000000.(1+0,85%)2 —
( b) 0,85%

[(1+0,85%) - 1]=37987647 = A,.




Liic ndy ngudi vay ngan hang tra méi thing m, =1.500.000 d6ng, lai
suit r, =1.15%, s0 tién ng 12 A,. Sau thing  hét no nén:
(1+7,) -1

f

A (1 tn )n —H
- Vay phai qua thédng 43 mdi hét ng.
Chon B.

ﬁ—}: 30,105
e

=0&n =logl+ﬁ[

Ap dung cong thiic S, = A(H—ﬁ)‘) =n= log(lﬁ](%)trong do A
=100 000;r = 1,5; 5, =130000.

Suyra n=17,6218.

Chon A,

Theo gia thiét ta cé
é =4 624360.1' P 824360.)'

N | =

V6i A=10 gam, goi t 1a thoi gian phan hity d€ con lai S=1gam ta c6
phuong trinh:

36!

F
1=10e" < 0,1=¢ " 75
3

& t=80922 (ndm).
Chon A.

225433 -6"+1<022°+33 +1<6" & 2[%) +3.(%] +(—;—) <l

Diing tinh don diéu cfia ham s8, suy ra §) = (2;+e0)

27 <4 o -x<2 0 2<x= 8, = (24}

log, (x-1)<0& (x~1)21 x22=5 8, =[2;+e)

P

=85 cf,cs,

Chon A.
120

Gt dugce 1 ndm coi nhu giti dugc 4 kj han 3 thang; thém mét ky han
6 thang s6 tién khi d6 [a: 20000000.(1+0,72.3:100)' (1+0,78.6:100)

Gi4 si 1ai suft khong ky han 14 A%; glii thém B théng khi d6 s6 tién
13: 20000000.(1+0,72.3:100)" (1+0,78.6:100)(1+ A:100)" = 23263844,

Luu y: 1< B<5 va B nguyén duong, nhip may tinh: -

20000000.(1+0,72.3:100)" (1+0,78.6:100)(1+ A:100)° —23263844,9

|




Tiép ofin phutong phap vivvin dung cao trong

Thitvéi A=0,3-16ithit B tii 1 dén 5, sau d6 lai thit A=0,5 r6i thit i
Btit 1 d&n 5, ... of nhu vy dén bao git két qua ding béng 0 hodc x4p xi } Ghi chil cia em
bing 0 thi chon :

Kétqui: A=0,5B=4
Chon C

+ log? 14 = (log b—log 0)2 = (log ¢—log 6)2 = log? E.
¢ . [ 3 o a “ b
Khing dinh (I) diing.

: + logiblogl c = —
@ log’ a

< logblogl clog’a =1

& (Ioga blog, clog, a)z =1

& (log, a) = 1. Khing dinh (I1) diing,
+ Theo khing dinh (I) ta cé:

b a
1OgZE=10822;I°g2aE—1 og) — log —=log} —
b 2 fe ;a Za b

- Suy ra log? E log log E = log? é.logﬁ E.logi % = 1 (theo cau b).
: ¢ e 3

N A a ¢ b a b
Doa,b, cdoxmotkhacnhaunencacsé‘—;:— 22228 Suy

B b be c¢a a
racic s 10& 7 108;,, ; log, — déukhéc 1.

-
Tacﬁngco
(a—bf+(a—c)2+(bﬁc)z¢0®a2—bc+b2—ac+cz—ab¢0.

Suy ra it nh&t mét trong ba s8 &® — be; b° — a¢; ¢ — ab khac 0. Do

A AR ST B 2 b e

g e v

d6 it nhit mot trong ba s6 log, — ; logb log -~ khac -
; ¥

Khi d6, trong ba 56 log_ ~ 3 log 02 Iog - luon cd it nhat motsd khac 1.
R 2 C 2 @ b 2 . p
Ma log’ e log; —.log’ —=1. Do d¢ khing dinh (IIT) diing,
b <€ Lt
Chon D.
é YEZEID:
Tién i sau n (nim) tiét kiém la: *»
Theo gid thiét ta c6
%,=1,552 = (1,069)" = 1,55 = n =log, 44y 1,55 = 6,56

Vi #n€ N do d6 sau 7 nim c6 gido Lién mua ddgc nhi, nim 36 I
2021, dp 4n C.

Chon C.

= x.(1+0,069)" = (1,069)" x

U s

G N S



1 1
B3LEE V6i a> 0,4 =1, cho biét: t=a"""*;v=a"""' Chon khing dinh ding :

S L _1 1
A u=al—log,v B u=a1+lug,£ C u=al+iogcv D u=al—lug,v
yBaI2:2 Tim tit ca cac gid tri thuc ctia tham s6 m d€ phuong trinh
log2 x +log, ¥’ —3= m(log2 x2 —3) ¢6 nghiém thudc [32+c0)

A. me('l;\/ﬁ].2 B. me[tv/3), C. me[-14/3). D. me(—3:1].

Mbt ngudi no dem giii tiét kiém & mot ngin hang véi lai sudt 1a 12% nam. Biét ring cl
sau m&i mét quy (3 théng) thilai sé dugc cdng dén vio v8n gbc. Hoi sau t6i thiéu bao
nhiéu nim thi ngudi 6 nhan lai dugc s6 tién (bao-gdm ¢ vén lan lai) gdp ba 14n s6 tién

ban diu.
A.8 B.9 C.10 D. 11
K55 C6 bao nhiéu gié tri ciia tham s6 m dé phuong trinh m.2¥ %6 + 21 =225 4 ¢
3 nghiém phan biét.
Al B. 2 C3 D. 4

Mot bac ndng dan viia ban moét con trau dugc sd tién 14 20.000.000 (d6ng). Do chua cin
diing dén s§ tién nén bdc ndng dan mang toin bd s6 tién d6 di gui tiét kiém loai ky han
6 thing vao ngan hang véi lai sudt 8.5% mdt ndm thi sau 5 nim 8 thing bdc néng din
nhan dugc bao nhiéu tién ca vén lin l3i. Biét ring bac néng din d6 khong rit ca vén lan
1ai t4t cd c4c dinh ki tritéc va néu rut trude thoi han thi ngin hang tra 13i suét theo loai
khéng ki han 0.01% mdt ngay (1 thang tinh 30 ngay).

A. 31802750,09 dong. B. 30802750,09 dong.
C. 32802750,09 déng. D. 33802750,09 dong.
SN z
FBAI6E Tap cAc gié tri chia m d€ bit phuang trinh bgﬁzx = m nghiém dtng véi meoi x > 0 Ja:
log; x—1 '
A.(—oo;1] B. [1; o) C.(-52) D. [0;3)
JEIFE Gia st p va q la cac 8 thuc duong sao cho: log, p =log,, g =1log,(p+¢). Tim gid tri
cia £7
q .
4 8 1 1
A B.< C 5 (1+43) D. ~(1++5)
FESEE Tap nghiém ciia bét phuong trinh: 371 +3<3° 4357
A 2<x, B.1=x=2, C 2<x<7, D 2<x<4.

= Tim cac gid trj cia m dé phuong trinh: v3* +3 +v5-3" =m ¢6 2 nghiém phén biét:
A B+s<m<a B.22<m<4d  C2W2Z<m<B+S5Dm>22
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1 1 1 1 . . , 5 5
= + + 4.+ . Bi€u thiic rat gon ctia A I3
]«:}g‘zi b logu2 b Ioga3 b loga2 b
2n(n+1) B, 2n(2n+1) C. n{n+1) D. n(n+2)
3.log’ log” 2.log! 3log!

BfE Ong A giii tiét kiém 100 triéu dodng giti vio ngin hang véi lai suft 5% mot nim. Ong B
cling dem 100 triéu ddng gii vAo ngin hang véi l4i sudt li % moét thang, Sau 10 ndm,
hai éng A va B cing dén ngan hang rit tién ra. Khing dinﬁ nao sau day la dung ? (Luu
¥ ti¢én l4i duge tinh theo cong thiic l4i kép vi duge 1am tron dén hang hang triéu)

A. $6 tién cia hai éng A, B khi rit ra 1a nhu nhau.

B. Ong B c6 s6 tién nhiéu hon dng A 13 1 triéu.

C. Ong B ¢6 s tién nhiéu hon éng A 1a 2 triéu,

D. Ong B ¢6 s tién nhiéu hon éng A 1 3 trigu.
BT Gidi phuong trinh: 57 — 57 % — 124,

Az=4 B. z=2 Cz=5 D.z=8
P Tap nghi¢m ctia bt phuong trinh: 81.9%2 +3*= —%.3”;“ 2013

A. 8 =[L4e) {0} B. S =[1;+0).
C.5 =[0;+e0). D. §=[2;+e)U{0}.

BBIIE Cho (un) la cp s6 nhan v6i s6 hang téng quat u, >0;u #1.Khi d6 khing dinh nio
sau day 13 ding?

A loguk_1 2007 3 loguk_1 2007 — loguk 2007 B. lc)gui=+1 2007 B IOg“H 2007 — ioguk 2007

log, 2007 " log, 2007 —log, 2007 log, 2007 log 2007 —log 2007

k41 s kel Uy U By
C. loguwl 2007 _ IOgukH 2007 — Ioguk 2007 D. loguk_1L 2007 _ Ioguk 2007 - loguk_1 2007
logquNl 2007 loguk 2007 - Iogui‘_1 2007 logul=+1 2007 Ioguk 2007 — loguk+1 2007

m Trong mét ban hgp ca, coi moi ca s déu hat véi cidng dd 4m va coi cling tdn s6, Khi mot
ca si hat thi cutng d¢ 4m 1a 68dB. Khi ca ban hgp ca cing hat thi do duge miic cudng
d6 dm la 80dB. Tinh 6 ca si c6 trong ban hop ca d6, biét mic cudng d6 &m L dugc tinh
theo cong thiic L = 1010ngi {trong d6 I 1a cudng d6 am va I 13 cuding d6 4m chudn)

0
A. 16 ngudi B. 12 ngudi C. 10 ngudi D. 18 ngusi

8 Su ting trudng clia mdt lodi vi khusn duge tinh theo cong thic f(x)=Ae™, trong d6
A 1a 56 lugng vi khuén ban d4u, 7 1a tj 1¢ ting trudng (r>0), ¥ (tinh theo git) 1a thoi
gian ting trudng. Biét s6 vi khu&n ban ddu cé 1000 con va sau 10 gi& 13 5000 con. Hoi
sao bao lau thi 56 higng vi khuén ting gép 10 l4n.

A. 51020 (gib) B. 5In10 (gid) C.10log;10 (gi&)  D.10log, 20 (git)



T gid thiét suy ra: Jog, 7= I———-l——.lo !

—log,u ° 1-log,u
| I-1
]_()g‘z v= ;_loga a4 = = = Oga U
1-log, ¢ 1-log,t __ 1 ~log, u
‘ 1-log,u

< —log, vlog, u=1-log, u < log, u{l—log,v)=1-

1

1 TTeny
@logu=——"—u=qg"%"

1-log,v
Chon D.

Diéu kién: x > 0. Khi d6 phuong trinh tuong duong:
\/Iogg x—2log, x—3=m(log, x~3)_

bit t=log, x voi x> 32=log, x =10g,32=5 hay {>5.

Phugng trinh ¢ dang «#* - 2¢ 3= m{t=3) (*).
Khi d6 bai toan dugc phét bidu lai 1a: “Tim m d€ phuong trinh (*)

¢6 nghiém £>5”

Véi t>5 thi:
(*) & Jt=3).(t+1) =m(t -38) & VE-3.(F+T-mt-3)=0
SJt+t1-mit-3=0em= Ll

t—3

. F+1 4 o 4 4
T —  =14+—— Vi t>5=1<1+—<1+——=3 hay:
aco = 1+1‘__3 it> +f._3“ +5_3 ay

t+1 t4+1
T<—<3=21<,J— <43
e
Suy ra 1< m<+/3. Viy phuong trinh c6 nghiém v6i 1<m< /3.

Chon A.

Goi s8 tién ngudi d6 giti 1a A, 1 sust mai quy 12 0,03. Sau n quy; tién

ma ngudi d6 nhan dugcla: A(1+0,03)".

yebt &> A(1+0,03)" =3A < n=log ,, 3=37,16
Viy $6 ndm t6i thiéu 13 xdp xi 9,29 ndm. Viy ddp dnla C.
Chon C.




Tiéh ciin phutong phip v vin dung cai
YR
Pt & m(z"’ ~Sx=6 _ 1) 4+ (1 - z""”‘ﬁ) -0

o (2x2—5x—6 _ 1) (m _ 21—-):2 ) =0

2x2—5x+6__2:0 x:2

= - lx=3

2_I =m 2
2 = (¥)

THI: () C6 nghiém duy nhét (nghiém x =0) > m=2.

TH2: (*) C6 2 nghi¢m phin biét trong d6 c6 mot nghiém 13 2 v
nghi¢m con lai khic3 = m=2",

TH3: (*) C6 2 nghiém phan biét trong dé c6 méot nghiém la 3 va
nghiém con laikhic2 = m= 2%

Vay, c6 3 gia trj ciia m thda man.

Chon C.
RS
Mot ki han 6 théng c6 1ai sust la S_f;‘i.s - %. Sau 5 nim 6 thing

(c6 nghia la 66 thang ticla 11 kj han) , s5 tién ¢ von 14n I3i b4c néng dan
11 '
nhin dugcla: A= 20000000.(1 +%] .
Vi5 ndm 8 thing thi ¢6 11 kjr han va du 2 thing hay du 60 ngay nén
56 tién A dugc tinh 14 sudt khong ky han trong 60 ngay I:

11
p=a 2% g 120000, 1432 | . Suy ra sau 5 nidm 8 thang s4 tién
100 100

bac néng dan nhan duge la

11 n
C=A+B=120000.[1+%J +20000000.[1+%J ~31802750,09 (d6ng)

Chon A.

Khi dd ta co

zm (%)

i
Ni-1 _
Bét phuong trinh ban d4u cé nghiém véi moi x > 0 < (*) nghiém
ding véimoit > 1

Xét ham s8 fm:JTtTT trén (L+eo)
t-2
)=——
() )
F)=0e =2

} Ghi chii ctigem

|




lim f(t)=4ec lim f(z)="too

=300 [

BBT

. 1 2 -

() o
+oo ) +eo
f8) ~——: /

T4 BBT ta c6 két ludn bét phuong trinh c6 nghiém véimoit> 1 & m<1 |
Chon A.

Dit: t=log, p=log,, g =log, (p+g) thi:

p=9,¢g=12",16 = p+g=9"+12' (1)

Chiahaiv&cfa (1) cho 9 taduge: [%T =1+[%j,dét x=(-j =459 '
dua vé phuong trinh: d E

xz—x—1=0<:>x=%(1+\/§) do x>0,suyra i
Chon D. ?

(1+J§].

1
2

.
Didukién: x=1.
Tacé: 37551 4 3237 4357 3T 19337 3377 <0
& (3 -3)(3%-3)<0
+ Véi x=1: thod min;
s V6 x>l o3 e firlsielsx<,
Viy nghiém ciia bt phuong trinh 1a: 1<x<2
Chon B.
PK:x <log, 5
Pit f(x)=V3 +3+v5-3" vdi xslog,5
ray- 3 ¥in3 n3(V5-3" -3743)
(x)= il = .
W43 25-3 2V +3)(V5-7)
f(x)=0@V5-3" ={3"+3 > x=0,
lim f(x)=~3++5

Béng bién thién:

|




x oo ' ) ~ log,5
f(x) + 0 -
4
V3+4/5 242

= 1b+ lb +..+ lb ={142+..+n) lb

log), log, log®,
_n(n+l)

2.log’
Chon C.

Sau 10 nim:
- 36 tién chia ong A 6 duge: 100.000.000(1+5%)1°= 163.000.000.
(1am tron dén hang tridu)
- ~Sétién clia ong B cé duoc: 100.000.000(1+5/12%)"® = 165.000.000.
(lam tron dén hang triéu)
Chon C,

log

a

- t = 25(tm)
bt t=5x;t>0—m—»5t—T—124:0¢>5t2—124t—25=0¢> . 1(1)
Khidé 5*=25&x=2 5
Chon B,

DKXD: x> 0.

BPT di cho 81%+3".3~5 —2-.3.32& >0

34335 _g3k 5

@(3"—35)(342.345)20

3 -3520 M F+23550, Vx20.)

Jx =1 l:xZI
=

x=0

Jx <o

@3*235®x2\/§@[

. P Ghichicaem




Vay tap nghiém ctia BPT dé cho Ia S = [L;4+e0) U{0}.
Chon A.

Vi (”n) Jacdpsdnhénnén vl =u,_ 4,
= 2l0gyg;7 U, = 1085017 %y + 1085y, Uy
" B 1 _ 1 1
log 2007 log, 2007 log, 2007 log, 2007
% k-1 k41 (]

Suy r

log, 2007 log, 2007 — loguk 2007
k=1 . k=1

log 2007 log, 2007 —log, 2007
k1 k e+l

Hay

Chon A.

Goi ;1 lan lugtJa cdéng d6 4m clia m§t ngudi vi chia n ngdoi.

I
TacéI =nl =>n=—"=
" Il

I I
Taco I =10log-L = 68, = 10log-* = 80;
¢ 0

I
Khidol, — I, = 1010gI—" =80
7 Loh § 1
n:I—"zlo 1o =10°% =~ 15,89

1
Véy c6 16 ca st

Chon A.

Goithdigiancantimla t.

Ta cé: 5000 = 1000, e nénr = 1.

10

In10 10Inl0
Do d6, 10000 = 1000, e suyrat= —— =
Y r In5

Chen C.

= 10log, 10 gid.




CHUONG 3.

BAI TOAN VAN DUNG CAO NGUYEN HAM,
TiCH PHAN

‘............O....Q...000.0.0.....OO...I.......OOG

Chii dé 1. Cac bai toan nguyén ham
+ Binhnghta

% Tinh chat cda nguyén ham

.
B

Bai tap ap dung
L& giai chi tiét

-

Chui dé 2. Cac bai toan tich phan
% Binh nghia
+ Tinh chat cta tich phan
+ Baitdp ap dung
< Loigidi chi tiét
Chi dé 3. Ung dung tich phén tinh dién tich, thé tich
+ Diéntich hinh phdng
+ Thé tich khéi tron xoay
; + Baitap ap dung
+ Lo gii chi tiét
Chii dé 4. Ung dung tich phan giai bai toan vat Iy va bai toan thuc té
% Baitapdpdung
=+ Lo gidi chi tiét




AN VAN DUNG CAO NGUYEN

Cho ham s6 y = f{x) xac dinh trén tip K (khoang, ntia khodng, doan cita R). Néu ta c6

ham s6 F(x) x4c dinh trén K sao cho F'{x)= f(x) thi F{x) dugc goi la nguyén ham ctia ham
$6 f(x) trén K.

Pinhli 1. Néu F(x) }a mét nguyén ham ciia ham s6 f(x) trén K thi v6i méi hing s6 C,

ham s6 G(x)=F(x)+C ciingld mét nguyén him clia f(x) trén K.

Pinh 1i 2. Néu F(x) 1a mot nguyén ham clia ham s8 f(x) trén K thi moi nguyén ham ca

flx) trén K déu c6 dang G(x)=F(x)+C vdi Clahingsd.

Pinh li 3. Moi ham s f{* ) lién tyc trén K déu c6 nguyén ham trén K.

- _[f'(x)dx = f(x)+C vdi Cla hing s6.
- [Kf(x)dx =k[ f (x)ix v6i k 13 hing s6 khac 0.
- [ feoxgto] flodx = | f(x)ix+ [ g{x)x

Bang nguyén ham :
Chui y: cong thite tinh vi phan cia f(¥) 1a d[f(x)] = f'(x)dx

foax=c j0d5=

jdx=x+C jdu=u+C

_[x"’dx =Ei—1x""1 +C(ar#-1) _[u"dx =ﬁu“+i +Cla=-1)
j%dx=ln|x]+c Iidu=lnlu‘+c




Tiép ciin phutong phdp va vin dity

Je"dx:e‘ +C fe“du=e"+C
g a* v a*
Ia dx—hm+C ja éu_lna-'-c

Jcosxdx:sinx+C

jcosudu =sinu+C

‘[sinxdx =—cosx+C

Jsin udu =—cosu+C

du=tanu+C

I cos*x de=tanzx+C -f cos™u

I

Chéng ta s cting tim hi€u mét s& bai todn Nguyén Ham & miic d6 vin dung sau déy:

du=—-cotu+C

dx=—cotx+C J

sin® x sin*u

BAITAP AP DUNG

7
& Biét _f( costx~sin® x) sindxdr=—% 2% L C i o a s0 nguyén. Tim a?

a

Aa=6 B.a=12 Ca=7 D.a=14

BEREZS Bist J.-Sde =aln|sinx—cosx|+C voi @ 12 56 nguyén. Tim 42
sinx —cosx
Aa=1 B.a=2 C.a=3 D.a=4
‘ tan® =

; 7
Tim mot nguyén ham cta 1+4. 7 biét nguyén hiam nay bing 3 khi x= e

2
(tan2 g - 1]

A. ! +3 B. 1 +3 Ctanx + 2 D. cotx+2
cos’x sin? x ,

(%)= x +In|2sinx — cosx| 1a nguyén ham ciia:

AS inx - cosx
sinx + Scosx

sinx + 2cosx SINX - Cosx
B, 2202 T oUes | Obalat kil

sinx+ 3cosx

D 3sinx + cosx

2sinx —cosx 2sinx —cosx

» 1 1
1et 3 dx:—
(25% ~ 20x +4) a(5x—2)

Aa=4 B.a=100 C.a=5 D.a=25

LAy 1 A A LY ?
=+C v6i 4 14 58 nguyén. Tim a2

j Biét j—H—xdx=Eln[2x—7l+C vdi a, b la cic s6 nguyén. Tinh S=a+5?
2x*-5x-7 b

A.S=4 B.S=2 c.5=3 D.5=5

§ Biét J(sin2x—cost)2 dx:x+%cos4x+C V@i 4, b 13 céc 56 nguyén. Tinh S=g+b?
AS=4 B.S=2 C.5=3 D.§=5

|




dx;atan%-&-c v6i a, b 1a céc s nguyén. Tinh S=a+b?

1+ cosx
AS=4 B.S=2 C.5=3 D.5=5
Biét jmdx=%tan(x—§J+C vdia, b lé'céc sd nguyén. Tinh S=a+b?
AS=4 B.5=2 C.5=3 D.5=5

); Cho f(x)=85in2(x+%). Mét nguyén ham F(x) cha f{x) théa F(0)=8 L

A.dx+2sin 2x+16r—]+9. B. 4x—251’n(2x+§)+9.’

C. 4x+251’n(2x+%]+7. D. 4x—25in(2x+%]+7.

PBaiTH Cho f(x)=1+Ix|. Mot nguyén ham F(x) clta f(x) théa F(1}=1 la

2

e+ L mixzo
Ax*+x+1 . B. 22 2 .
x—"?+c2 khi x<0
. |
%—wc1 khix20 —x*+x+C, khix20
C. D. '

: 2
2 * _x i e
% =24 C, Wi 2<0 xm G ki x<0

N 2 - 1
: Biét P(x) la nguyén ham ctia j5x+—8x24dx vii 0<x<1 va P(—z-]= 26. Gia tri nhé

nhét cfia F(x) I x* (1-x)
A 24, B.20. C. 25, D. 26.
)Baii3: Khi tinh nguyén ham S S nguoi ta dit t=g(x) (mot ham bidu dién
(2x+1)(x+1)°
theo bién x} thi nguyén ham trd thanh IZdt. Biét g{4)= %, gid tri clia g(0)+g(1)
la:
A 346 p.1+V6 ¢ 2+6 p, 2+3V6
2 2 2 2
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Dit F (x) = J(coszx —sin® x)°.sindxdx  ta co:
F (x) = J (cos®x —sin’ x)°.sindxdx = J {cos2x)°.2 sin2x.cos2xdx

= ZJ'L"os6 2x.s8in2xdx

Dit t =cos2x = dt = -2 sin2xdx

7 7
Vay F(x)=—[tdt - “%Jr C= __cos7_2x_+ c.

. . |sinx~cosx)"  gimx+cosx

Vi [In,smx—cosx|+C] = ( _ ) == nén
SINX—COSX  SINX—C0SX

Sitx + cosx

Nguyén ham ctia =
sifnx —cosx

Ia In]sinx - cosx[ +C.

Chon A.

tan® - 2tan£
flx)=1+4. =1+ 2| =l+tantx=

2 2
X 2 X cos°x
tan® 2 —1 1+tan >

Nguyén him cia p (x) = fanx +C

Tacoé F g =3@tan§+C=3¢:)C=2=>F(x)=tanx+2

Chon C.

Ta chi cdn dao ham clia F(x), 161 sau d6 quan sat két qué ding.

. 2sinx—cosx)’ 2cosx+sinx  3sinx + cosx
10 ()1 B e vsins 3
2 sin—cosx 2sinx—cosx  2sinx—cosx

.. o L. . 38IMX+cosx
= F(x) 12 mét nguyén ham ciia 222 T 905%

Chon D.

2sinx —cosx

arrnsssansrnnans

EEsssrnnrann

sassmBsassdbraiErren

e

akredtinninnr

SasEsaasesnsas sttt rran cesnnnas

assnsstrbirann

} Ghichdcdaem




Chui ¥ néu chiing ta bién déi:

(255~ 202+ 1)’

j————l-—sdx= j (25x2—20x+4)—3dx= +C
(250" —20x+4) -
14 sai 14m, diéu sau day méi dang:
. 257 ~20x+4) "
[(25% -20x+4] 3d(25x2 —~20x+4}= (—x—_:;)w
Trorlai ba, ta s& bién d6i biéu thiic (2537 ~20x +4)° védang (ax-+b)’
nhu saw:
| ! S = ! cdx=[(5x-2)" dx
(25x* -20x+4) " (5x-2)
-5
I NV S
5 25(5x—2)
Chon D.
pedia

Ta quan sit miu c6 thé phin tich dugc thanh nhén td, sit dung
MTCT b4m gidi phuong trinh bac 2: 2x* —5x~7 =0 thdy ¢6 hai nghiém

b x=-1, x=%. Ap dung cong thitc ax* +bx+e=a(x—x,)(x-x,) véi
%y, %, Ja hai nghiém ta 6 2x* -5x -7 =(x+1){2x-7).

Do do:

-5x-7 2x-7

1+ +1 1 1 | l.
I3z a dx:j( a )dx=j dx2olnfze-7|+C |

x+1)(2x-7
Chon C.

T
n+l

+C thitacé:

Néu 4p dung ngay ‘[t"dt =
n

(sin 2x —cos 2.7c)3

_[(sz'n 2x—cos 23c)2 dx= +C. Déy 1a mét bién d6i

sai 14m nhu d4 tiing phan tich & BAi 5. Ta phéi khai trién (sin2 x~cos2x)’
d€ xem thit:

J.(sin2x—r2052x)2 dx = I(l—sin4x)dx = x+%cas4x+C

Chon D.

- RESEI
B
: L




Tiép ciin phusong phdp vivin dung ca

Chua thé &p dung céc cong thiic nguyén ham co ban duge, ta quan i > Ghichicdaem
r =z b - b r <~ o 2. x A A :
sat mau va thdy ring c6 thé bién d6i 1+cosx =2 cos® ) dya trén cong

1+
thiic ha bic cos® = ﬂ. Do dé:

2 .
1
I1+cosx dx=j

Tathdyring ;1 § .o dods S=3.
Chon C.

dx=tan£+C
260325 2

Jﬁdxzj L dx=J 1 <X
st ex 1+cos[§-—2x} 2c052(§—xJ

=—1tan Z x +C=1tan x-Z lic
2 4 2 4

Tathdyrang a=1, b=2 dodé 5=3.

Chen C.
LT

Ta cén phéi tinh J f(x)dx= JS sin’ [‘x+%}ﬂx, déu tién phai si
dung cdng thiic ha bac ¢é bién ddi f (x) nhu sau:

"2 . I—COS! 2x+% I
f(x)stm x+ﬁ =8

2

f(x}=4—4cos(2x+§J:>F(x)=4x—25in 2x+§J+c

f(0)=81:>—25in(§]+(2=8®c:9
Chon B

x2
. x+—+C, khix=0
Taco f(x)={1+xkhzx20 P(x)= 2 1

=
1-x ki 2
% ki x<0 x—i‘2~+c2 i %<0

» 1.,
1 x+—-—fkhixz0
Theodé F(1)=1=C, =—— dodé F(x)={ 2 2 :
2 x .
Ch(‘)n B. x—'?+C2 khz x<0




Ta co:

P(x)=J5x2+8x—24dx=j

9x? a-4(x2 —2x+1)
x2 (1——x) x? (1-—3:)2

I R Y O S
(1—x]2 x* x (1-x)
Vi F -1— =26 néné-+—9-+~+C=26<:>C=0.
2 1 ( 1)
—_ 1__
2 2

Lﬁcnéy}‘(x)=é+( 9 véfi0<x<1.SﬁdungMTCTb5mMode

dx

x (1-x
7 chon Start 0 End 1 Step 0.1:

B | Fed |
1l | ERFon ul "n.a| 2518
g 0. | 5 5 g5
E| O.21 3. B 0, o 2b
0.5
Quan sit bang gia tri ta thdy gi4 tri nho nhét cta F (x) 1225 xay ra
khi x=0.4.
Chon C

pBaiT3:
D6i vai bai nay hoc sinh cdn phai ndm duge ki thuat d6i bién khi tinh
nguyén ham. Hoc sinh cdn phai du dodn phép dit 4n phu, ddu tién ta thdy
nguyén ham c6 thé bién ddi thanh:
1 1

dx
j\/(zx+1)(x+1) J2x+1
Do d6 ta dit:
t= zx:llz;dt= dx <::>2dt=—~—dx—-—
x 2(x+1)2\/2x+1 (x+1)2 2x+1
x+1 x+1
Vi véy suy ra J- ! dx = jZdt .

J(Zx +1)(x+1)°
Tuy nhién day 1A mét 10 gidi sai, ching ta c6 thé thay khi dit
2x+1 dx dx

1 +C=dt= & 2dt =
x 2(x+1)2 2x+1 (x+1)2 2x+1

x+1 x+1

t=

v6i C 12 hing s6, két qua vin khéng thay d6i. Vi viy chinh xdc & déy la




Tiép cin phuomg phdp Vi vin dung cao trong

Wz, -

2x+1 5 _3 :
t=1lx+1 +C:g(x).'1'heodeg(4)—£ nénsuyra C=0. }Ghichucr}aem

Cudi cling ta duigc g(x) = 2::11 viviy g(0)+3(1)= 2+2\/g

Chon C

Chii y:Bai toin nay hoan todn c6 thé ditng MTCT dé chon két qua,
ta cd:

jzm:jJ ! dx::»t:lj ! dx

(2x+1)(x+1)° 27 Jex+1)(x+1)

_lp 1
27 Jax+1)(x+1)

= g(x) dx

Do d6 g(x) 14 nguyén ham ctia L !

2 \/(2x+1)(x+1)3

3(0)-s(0)=[2—1

2 Joeen)rra)

,8uy ra

=5(0)-]

Va:

g(1)-5(4)=

Ny |

’1x+g(4)

1
\/(2x+1)(x+1)3

1
———x

(2x+1)(x+1)3
t1 1

) 12 \/(2x+1)(x+1)3

St dung MTCT ta bém:

1 1 1
= 'fx+g(4)+ =

12 J(2x+1){x+1) !2 J(2x+1)(x+1)3

la két qua C.

1
2

P Crmmm— pul

=g(1)

:ix+g(4)

4x+g(4)




| dmh nghla, va dmh Iy can ban cla thh phan

Choham s§ y = f (x) thoa:
- Lién tyc trén doan [a; b] .
- F(x) languyén ham clia f(x) trén doan [a;b]. .

Licd6 hiéusd F(b)- F(a) dugcgoilatich phantii 2 dén p vakihigula Jf )dx=F(b)~F(a)
Chiiy:
- g, b &ugc goila 2 cin ciia tich phan.

- a=b thi jf x)dx =0,

- a>bﬂujf dx_—jf Jdx.
b
- Tichphsmkhongphuthuocvaoblenso,tlicla j flx I f(t)dt=F(b)-F(a)-

a

b c b
[ fex)dx = [ f(x)ax+ | flx)dx véi a<e<b.
: a , £
- [Kftxddx=k[ f(x)dx véi k Ta hing s6 khéc .

b b b
- [[Fo2g0]dx = flox [ gx)ax
Chu y: D€ tinh tich phan tif 2 dén b, ta tién hanh tim nguyén ham rdi sau 46 thay cin vao
b
theo céng thic If(x)dx =F(b)-F(a)

BAITAP AP DUNG

Mt lan nita xin nhéc lai ring day 12 cudn séch dé cip dén cdc bai toan van dung va van dung
cao nén trude khi sif dung sach nay quy ban doc cin c6 kién thiic co ban t6t. Bay gid ching ta
cting nghién cftu cac bai todn tich phin kha khé:



T

a3 Xét tich phin A= I

Tiép ciin phuong phip va vin ding

Néu 4 13 mét s6 théa mian cic didu kidn sau: ae [g,gg] va _[cos(x+a2)dx =sina thi:
Aa=zx B. a=r C a=2/x D. a=+27

# Goi 5 14 t8p hop tdt c& cdc s6 nguyén duong k théa mén didu kién Jln dx<e—2.
Khi dé:

A.s={1} B. s={2} C. S={1,2} D. 5=0

e 8

1
5 3sin’ x—2cos” x -2

dx . Bang cach dit ¢ =tanx , tich phan A duoc

bién déi thanh tich phan nio sau day.

1 1 1 1 1 1 1 1
A. B. C. £ D. dt
J152— # Jt2+4dt !tz—zd ;|,.t2+2
3 ;
BIE Dt t-tan— thi [= I dx dugc bién d8i thanh ZJ f(t)dt. Hay xac dinh f(¢):
¢ cos % ' 0
A f(t)=1-28*+¢ B, f(t}=1+282 +¢* Cr(H)=1+# D.f(t)=1-+

S Biét _{[f(x)dng va -If(t)dtzg Tinh ]:f(u)du

g. 14 L7 p, 16

15 15 15

1 2
— dx=a. Tinh gi4 trj cia 1=j1: dx.

x
0

B. I=1-a, C. 1=§— . D. I=l+a.

2
T Dit I, = [sin®dx . Khi do:
0

A L.<I, B.I,.>1. CrI,.=2I. D.I.=1,.

1 1
Cho I =_fx2(1—-x2)"dx va J, =Ix(1—x2)"dx. Xét cc cau:
0 0

I < 1 v6imoi 7.
T 2An+1)
(2) ], > véimoi 1.
J 2(n+1)
(1 <] = 2i D) veimoi 7.
A.(1) ding. B. (1) v& (2) ding.
C. T4t ca déu sai. D.Ca (1) va (3) dung.




1
Biigi Tim s6 én duong & nhd nhit, thoa man - =0.
| Tim s6 nguyén g nh# -0[2x-+k
A k=3 B k=4
C. k=1 ‘ D k=2

FEITE Cho f(x),g(x) 1a cic ham lién tyc trén [a;b].

AR

(1) Vé&i moi s6 thucy, ta cé: yz_[bfz(x)di+2yj:f(x).g(x)dx+_[bgz(x)dx20.
a a

b b b
(2) [ | ) f(x).g(x)dx] <] . fix)dx.f ) g (x)dx .
Trong hai khing dinh trén: o
A.Chicé (1) dung. - B. Chicé (2) dung.
C. Ca hai khing dinh déu dung. D. Cé hai khing dinh déu sai.
Cho f(x),g(x) 14 cc ham lién tuc trén [a;b] ,

Y€ .
flx)=0,Vxe [a;b] va mim <M, Vxe [a, b].

Cin cii vao gid thiét 86, mot hoc sinh lap luén:
(1) Ta cé bét ding thic
g(x) 2(x) ) 2
0| = em | M—=2— | f*(x),Vxe|ab|. (*
(f(x) I Flx) f [ ] ©
(2) Bién d8i, (*) tr§ thanh
0.<.—gz(x)+(M+m).f(x).g(x)—M.m.fz(x),Vxe[a;b].

(3)Suyra | : gZ(x)dHM.ij < (M+m)] E F(x).g(x)dx

Lip luén trén:

A. Dung hoan toan. B. Sai tit (1).
C. Sai tit (2). D. Sai tit (3).
{i% Cho hai ham f(x),g(x) ciing d6ng bién v lién tyc trén [a;b], voi a <b. Khi d6, xét ba
khing dinh sau day:
b b b
(1) Vxe[a;b] tacé ja fladx <[ fodxs | flo)ix
@ [0 f(=)ax<r ().

(3) Ton taix, [a;b] sao cho f(xu)=bLJ'bf(x)dx.
: -a'a

Céc khing dinh ding trong 3 khing dinh trén la:
A. Chi (1) va (2). B. Chi (2) va (3).
C. Chi(1) va (3). D.Ca (1), (2) va(3).

[ |



Tiép ciin phuwong phdp vévin

o e e [ Khi f(x) 2 g(x)
Ta dinh nghia max[ f(x),g(x)]= {g(x) Khi g(x)> ()

Chof(x)—x2 vag(x)=3x-2.

Nhu thé Imax[f(x) g(x)]dx bang:

1 2
A, jxﬂdx B. [#%dx+|[(3x-2)dx.
0 1
C. _[(3x—2)dx. : D. 15.
]
F 4 2
cox’x cox’x
¢ Biét t I=
' Bié "; —dx =m. Tinh gié tri caa j 3
A.T—m. B.—+m. C.z+m. D.E—m.
4 4
i B35 Cho [ = »vO1 m>0. Tim cic gid tri cita tham s6 m dé€ 7>1.
j\/‘ 8
A.0<msl. B.m>l. C.lSmsl. D.m>0.
4 4 8 4

BSALEE: Cho m 12 mot s6 duong va /= [(4*In4—2*In2)dx. Tim m khi 7=12.
Q

A.m=4, B. m=3. C. m=1 D.m=2




[ 2 : 2 a . : 2 ;2 s
JCOS(x-!-ﬂ )dx@SIn(X"‘a )0=SITIH<:>SIH(R+LI )—‘Slﬂﬂ =sna
0

2
= 2cosﬂ.sin£= 25in£.cos£(1)
2 2 2

T 3z a |zm 3z . A .
Vi ae «2-,_2“ nén EE Z’T =>sm§>0,v:_ay:

a+24a° a a+2a a
(1) & 0§ ———— = (05— & C08————— (05— =}
2 2 2

2 a ﬂ2 Si?’l =0
sin—=0< 2 =) 2
2 2

.
e 2sin

Vi k€ Z nén(1) khoéng thda man voi mei 4€
dap 4n vao (1) thay déu khong thoa. -

P&ivdi (2):vi ae E;S?ﬁ nén chon I=1 licdé a=~27,
Chon D

o

(vl

I=] ik g
Tx
Ta dung phuong phap tich phan tiing phén, dit:
u=1nE=Ink-—lnx =du =—}~dx
x x
dv=dx=>v=x

:lflenE e+jdx=eln£—lnk+(e—1)
x[1 4 e

Vay J‘ln—]-gdx <e—2¢ elnE—Ink+(e—l) <e-2

1 x e
@e(lnk—l)—lﬁk«i—l@(e—l)lnk<e—14:lnk<1
& k<e mi k 1a s6 nguyén duong nén chon ke {1,2}

Chon C.
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A el e

Tiép can phuong phdp vicviin dung,

. : D henseiaen
Ta cé: 35m2x—ZCoszx—2=coszx(3tan2x—2——2—) i } S
cos’x

= coszx[?,tcm2 Jc—2~-2(1+1f¢m2 x)] = coszx(mn2 x—4)

1
cosx (tan2 x— 4)

Viy A= dx, Mc nay @t ¢t =tanx va d6i cin ta

(=] SR Y

bat i = tanizc— =

x=0=1=0; x=+;£=>t=1

Viy 1=j(1+t2)2.2dt:2j(1+2t2+t4)dt:>f(t)=1+2t2+t4
o 0

Chon B.
jf(u)du=jf(u)du+jf(u)du
e | f(u)du=jf(x)dx=§ v j f(u)duzj F(e)ar=3

Chi ¥: tich phin khong phu thudc vao bién sé.

1 2 1 2 1
St dung phén tich [~ ds+ [~ dr=[x%x hoic méy tinh
21te nl+e 5
cdm tay d€ kiém tra két qua.
Chon C,




. _ T
Khi 0<x<§ thi O<sinx<1.Do @6 véi O<x<—2—'tac6:

simx<sin"x = j‘sirfz""1 xdx <
Chon A. o

o Y 1
sin" xdx, técla: I, <I,

Ot |y

Chi (1) va (3) dting. Khing dinh (2) sai.

x

2 ] 2
Tadit x = cost détinh J/, = ISfﬂf (1— COSZt) costdt = _fsin"""“tcos tdt
0 0

el sin®™ 2| 1
sin td(smt) 2= :
2n+2 1 2(n+1)
Nhu vy khing dinh (2) sai. Ngoai ra, d€ thiy ring véimoi x< [0,1]
1

2(n+1)

ol...—..wl:q

, x<x’ nénsuyravéimointacéf, <J, =
Vay (1) v (3) ciing ding.
Chon D.

VkeN', Vxe[0;1], 2x+k>o,dodoj >0, Vke N".

2x+k
Suy ra s nguyén duong & nhé nhét thoa minbairala £=1.

Chon C.
HELG
Voimotsd thucytacd: 0 < [y.f(x)+g(x)]2
=y fAx)+2y. f(x).g(x)+ g*(x) tli d6 suy ra (1) ding:
b b b
21 fA(x)dx+2 .g(x)dx Hx)dx=0
v frodcr2y] fogoic | g

Vi vé€ trédi clia bit ding thidc trén 13 tam thiic bac hai d6i véi ¥, nén
theo dinh thic vé ddu clia tam thic bic ha.i, ta o

A'=(j‘f(x).g(x).dx)2—jf deg }dx <0

(j:f(x).g(x).dx)z sjf2 dxj'g )dx ((2) dtng).

Chon C.

Lap luan ding hoan toan. Bat ddng thic sau ching dugc goi la bat
déng thtic Diaz.

Chon A.

o |
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Tiép cin phuong phdp vé vin dung

W Ghiciiictaem

Chi (1) va (3) ding. Khing dinh (2) sai.
Do tinh déng biénnénVa <x<b tacs f(a)= f(x)< £ (b)), tic la:

& b b

jf(a).dxsjf(x).dxsjf b).dx

Vay (1) diing. Suy ra:(b—a) jf dxs({b-a).f(b)
Do f(z) lién tuc trén [a;b] nén tbn ta_ti X, € [a;b] sao cho:

f(x).dx. Vay (3) cling diing,

B oy

Hoanh d6 giao diém cta hai dudng thing 1a x=1 va x=2.

Xét 2 —(3x~2) vavé bang xét ddu dé xem trén dogn ndo thi f(x)=x*
va g(x)=3x~2 ham nio c6 gid tri 16n hon:

X 0 i 2
x*-3x+2 + 0 0

Do d6 jzmux[f(x),g(x)]dx = J;xldx+_|-i(3x—2)dx
Chon B.

5

z 2 x
St dyung phan tich: I CO.S:;_XX dx+ _[ TOS; = J cos’xdx =1
- + -

( stt dung MTCT dé tinh J cos*xdx =r).

cox’x
—dx=7—m.

Dodd I= J
Chon A, !

Tinh tich phan theo tham s6 m bing cich dit £ =+2x+m , sau d6
tim m ti bt phuong trinh 7 >1.
Chon A.

Tinh tich phan theo tham s6 m ta dugc I:j(4‘]114—2‘1112)dx
g
:(4* _2‘): =472, sau 36 tim m tif phuong trinh [ =12.

Chon D,




y = f,(x)

Néu ta c6 hinh phing gi6i han béi céc duong ¥~ £(%) (trong d6 f,(x), f,(x) lién tuc
x=a

x=b
5
trén doan [a;b] ), thi dién tich $ dugc tinh theo cong thic S= _”f1 (x) -f, (x)ldx.

y=f(x)
Quay quanh truc Ox: Cho hinh phing giéi han béi céc dudng fz . (trong d6 f{x)lién
x=b
tuc trén doan [a; b] ) quay quanh truc Ox, ta dugc khdi tron xoay. Thé tich V, cliakhéi tron xoay
2

b
dugc tinh theo cong thiic V_ = n’j[ f (x)] dx.
e x=f(y)

Quay quanh tryc Oy: Cho hinh phing giéi han béi cac dudng Oy ( trong d6 f (v)

R
lién tuc trén doan [a;b] ) quay quanh truc Oy, ta diigc khéi tron xoay. Thé tich V, cliakhéi tron
4

b
xoay dugc tinh theo cong thic V, = 7:_[ [ f (y)] dy.

BAITAP AP DUNG

(1) Cho y = f(x) 1a mdt ham lién tuc trén doan [u;b] thi di¢n tich $(H) ciia hinh thang
cong H gi6i han bdi d6 thi ham 8y = f(x), truc hodnh va cic dudng thing x =4 , y=b dugc

cho bdi cong thitc S(H) = Ji fx)dx.

(2) Néu f(x) < O trén doan [a;b] va f(x) lién tuc trén [a; b] thi ¢é dién tich hinh K

|



A A BTN R AR 8L A AT e 4

Tiép cin phuovg phdp viivin ¢

gidi han boi d6 thiham s8 ¥ = f (x), truc hoanh va céc duting thing x=4; y=b dugc tinh theo
b

cong thite S(K)= [~ f(x)dx.
a

Trong hai khing dinh trén:
A. Chicé (1) dung. - B. Chi c6 (2) ding,
. €. Ca hai khing dinh déu dung. D. Ca hai khing dinh déu sai.

2 Dién tich hinh L tao béi d6 thi him s6 y=f(x)=x"-1, dudng thing x =2, truc tung
va truc hoanh 13:
A.3,5 (dvdt). | B. 2,5 (dvdt).
C. 1,5 (dvdt). D. 6 (dvdt).

BB Dién tich mién gi6i han bdi hai dudng y=x*-1 vay=3 1a

A 32 B 15, C.11. : D. 10.
3 4

% Goi H 1a hinh tao béi d6 thi him s6 y=4—x*, dudng thing x = 3, truc tung vi truc
hoanh. Khi d6, dién tich cfia H 1a:

AL B 19 c. 23 D. 4.
2 3 3

% Goi N 1a hinh phing x4c dinh bai d6 thi ham s§ y=sin’ x(v4i 0Sx <) va truc Ox.
Dién tich hinh N 1a:

AZ, B. D.27.

u:-.! ]
')
3

(1) Choy, = £, (x) v y, = f, (x) 12 hai ham s lién tuc trén doan [ 4;5]. Gid st @ va 3,
Vol a<@< f<b, A cic nghiém clia phuong trinh f,(x)- £, (x)=0. Khi d6 dién tich
ctia hinh phing gi6i han bai 2 dudng thing va d6 thi ciia ham s6 dugc cho bdi cong thiic

S=[%1x)- £ (=) 4] ﬁlfl(x)—fz ()] Z,l £.(3)- £ (x) .
I



(2) Ciing v6i gia thiét nhu (1), nhung:

j (fi(x)-5 fI (x)-f, (= dx+jﬁ — fo (%)) ax].
A. (1) dting nhung (2) sai. B.(2) diing nhung (1) sai.
C. Cé (1) v (2) déu dung, D. C (1) va (2) va déu sai.
K2 Dién tich ciia hinh phing gidi han bdi duong ¥ =%, truc hodnh va dudng thing
y=4-x la:
A.5. B.3. C.4 D.6.

FEiBZ Goi M 1a hinh phing gi6i han béi cac duong x=0, x=1, y=0, y=5x*+3x"+3.
Di¢n tich hinh M 1a:
A.5. B. 10. C.6. D. 12.

N ]
B ai9:

2 Goi H 12 hinh phing gi6i han bdi truc hoanh va cic dudng y = E, x=a, x=3a (a>0).
Dién tich hinh H la:

2
A 7. B. 24%. C % D. 2.
. : 3
WESEIE Dién tich hinh phing gidi han bdi cdc dudng y=¢*, y=e™, x=11a:
1
A.2e. B. 3¢. Cet—-2 Doy lo1.
€

KERTE O hinh bén dudi, ta c6 parabol y =—x* +4x~3 va cac tiép tuyén clia né tai cic diém
M,(0;-3) vAM,(3;0). Khi d6, dién tich phin gach chéo 1&:
A. 1,6 B. 1,35. C.2,25. D.2,5.

F 3

FE31% Goi K 13 hinh tao bdi @6 thi ham s6 y =x° —x* —2x trén doan [—1;2} vi truc hoanh.
Khi d6 dién tich cia K bing:

4 1 25 37
A 2 (avar). B. = (dvdt). C. £ (dvdr). D. == (dvdt).
= ) 5 (dvdt) 3 (dvdt) T )

T



Tiép cin phuong phip va vin di

# Goi N 1a hinh phing gi6i han béi cic dudng y=x?+1,x +y=3. Dién tich hinh N .1
A.5,1. B. 4,5. C.6,25. D.4,75.

Goi M R hinh phéng gidi han bdi d6 thi cfia ham s6 ¥ =sinx trén doan [O; 27:] va truc
hoanh. Dién tich hinh M 1a:

A 6. B. 4. C 8 D. 10.

g Xét hai phat biéu:
(1) Cho hai ham y = f(x)vay = g(x) c6 d6 thi cit nhau tai hai diém A, B. Gid sit a, b
tuang ling 1 hoanh d¢ céc giao diém A, B (vdi a<b ). Khi dé dién tich hinh phing nim
b
gita hai d6 thi &y bang S(M)=[ (f(x)-g(x))dx.
(2) Gia sit $(x) 1a dién tich thiét dién ctia vat thé bi cit béi mit phang vudng goc véi truc
Ox tai di€m c6 hoanh d6 x. Khi d6, thé tich v (B) cla phdn vit thé gii han bai hai mat
b
phang vuéng géc v6i Ox tai cac diém a va b 13 V (B) =J S(x)dx.
a
Trong hai phat biéu trén
A.Chi c6 (1) ding. B. Chi cé (2) ding.
C. C4 hai phét biéu déu ding. D. Ca hai phét biéu déu sai.

Goi K 14 hinh gi¢i han bai parabol y=2—x*va dudng thing y=—x. Khi d6, K c6
dién tich bing: '

A. 4,5 (dvdt), B. 4,11 (dwdt).

C. 3,5 (dvdr). D. 4,55 (dvdt).

Dién tich hinh phing gic'ii han boi hai dudng y=x>—2x+3 vi y=5-x Iy;
A.85. B.3,5.

C. 4,5 D.5,5.

E Goi P 1a hinh phing gi6i han béi cic dudng y =x? +2,y =3z, Dién tich hinh P 1a:

; A2 B 3. cl. D. 4
e 5 7 6 5

| an




hthla

A.345. B.2,5. C.4. D. 4,25.
)83 Goi Q 12 hinh phing gidi han bdi dudng y = 4x—x* v tryc hoanh. Dién tich hinh Q 1a:
AL B.3. c. 12 D. 32
9 7 27 3

¥BarzE Dién tich hinh phing gi6i han boi d6 thi ham s§ y=x* va dudng thing y=2x la:
a3 B. 2% (o D2
2 15 3 3
}BaiZ2i Goi d 1 tiép tuyén clia d6 thi him s6 y =Inx tai giao diém cha do thi d6 véi truc Ox.
Dién tich clia hinh tam gidc tao bdi hai truc toa d6 va dudng thing 4 dugc xic dinh bai

tich phén:
A. _[llnxdx. B. j X C. j.(x—l)dx. D. j(x_l)dx.
0 0
yE3i23; Tinh dién tich ctia hinh phéng gidi han béi cac dudng x= 72: , X=X, Y= 0:, Y=cosx,
Ta dugc két qua: . o
A.6. B.2. ' C.3. D, 12

Y8838 Goi H 12 hinh phing nim gifia hai d6 thi cdc ham s6 f (x)=x"—3x va g(x)=x. Khi
d6 H c6 dién tich bang:

A.s. B.12. C.32. D. 40.
JESE Dién tich hinh phang gi6i han bdi hai dudng parabol y = x* —2x+2 vi y=~x* —x+3 I&:
A2 B.3. C. 15, D.125.
8 4
FB3E6E Tinh dién tich ctia hinh phing gi6i han bai truc hoanh va dudng cong y x (x 1)(x-2).
Ta dugc két qua:
A.S. B. 10,2. -3l D. 1,5.
)E37: Dién tich hinh phing gi6i han béi duding thing y =6 va dudng cong y=2x"—x*-8x+1 I
A B% B, 2401 C.1445. D.255.
12 - 96
B32E Trong mit phing Oxy, dién tich ctia hinh phing gi6i han béi cdc dudng y =2x%,x=y*
dugc tinh bang tich phan:
1
Eny !
A. _[(sz—x)dx B. j(\/;—sz)dx.
) .
iﬂ .
N : 1.
C [ (x-22%)ix. D. [(22? —x)dx.
0 0

|



Tiép can phutong phdp vavan'a

178: Mot mién duigc gidi han bdi parabol y =3+x—x*va dudng thing y=2x+1. Dién tich
clia mién d6 la:

A 3. B.4,5. C.3,5. D. 4.

Goi Q la hinh phing nim gitia hai dudng fx=x*-3x—8 va fo{x)=x—8. Dién tich
hinh Q la:

A. 8. ' B.12. C.14. D. 20.

¥BAEE Goi H 13 hinh phéng gidi han bdi parabol y=-x*+6x-8, tiép tuyén tai dinh ctia
parabol ndy va truc tung. Dién tich hinh H la:

A.8. B. 8,5. C. 9 D.9,5.

FBii3% G hinh bén, ta c6 parabol y=x"~2x+2,
tiép tuyén véi né tai di€m diém M(3;5).
Dién tich phan gach chéo 1a:

A.9. B. 10.
C 12 D. 15.

PEIRY, Goi K 1a hinh phing gi¢i han béi dudng cong ¥ =" —3x v tiép tuyén véi duding cong

nay tai diém c6 hoanh d6 x = % Dién tich hinh K la:

A3 B. 31 c9. D, 27,
5 7 16 64

t Tinh dién tich ctia hinh giéi han bai dudng cong c6 phuong trinh x =y va dudng
thangy =x-2 . Két qua la:

A.15, : B.2,5. C3. D4.

3% Dién tich cfia mién dugc gidi han bai hai dudng cong y =cosx vi i =sin2x trén doan

[0; E:l 1a:
2

A.0,3. B. 0,4. C.05. D. 0.6.




% Dién tich clia hinh elip nhd hinh vé la : ’
A.ab. _ a
B. wab. ' /
C. rna'b*,
b o -
D, #&’b
2 2

3137 Hinh phing gi6i han bai cic duodng y=f(x), x=4, x=b, y=0, quay xung quanh
truc Ox tao thinh mot vit thé tron xoay T . Thé tich cha T 1a:

b
A. V: yzdx. Y
'! y=f(x)
b A
B.V =rxfydr. ' /
b ] —
C V=ﬂ"[y2dx- o a b x

D.V= Zﬂ'j ydx.

FBEE Goi G 1 hinh phing gidi han bdi dudng cong y :%x2 —2x+2 vi cAc tiép tuyén vdi
dudng cong xuft phat tit diém M (g, —1} Dién tich hinh G la:

B 31, c.2. p. %

A = . =
47 16 64

® |0

¥ Goi O 1a hinh phing gi6i han bdi truc hoanh v duéing parabol y =5x—x*. Cho Q
quay quanh truc Ox, ta nhin dugc hinh tron xoay cé thé tich bang :

A. % _ B. 1667 . C. 1267. D. 122.97.

§Bata0] Cho hinh phing gi6i han bi truc hoanh va dudng y = 2x—x°. Thé tich clia vét thé tron
xoay khi cho hinh hinh ndy quay xung quanh truc Ox la:

2 16 10 3
A.—jz'. B-_ . C. - D. -7
3 - 15” 21 4

E Tinh dién tich hinh phing gidi han bdi cic dudng cé phuong trinh y =—4-x* va
x* +3y =0. Ta dugc két qua:

A 43 B. 47 . 73 D, 27-43
3 5 3 3

|



Tiép cin phuong phdp va vini

Goi H 12 phin mit phing hitu han dugc gi6i han bdi hai truc toa do, dudng thing x=1
va dudng cong c6 phuong trinh y =1+, Thé tich khéi tron xoay do H sinh ra khi
quay quanh truc Ox la:

A, g,, B.2,. ¢, D.27.

31 Goi M Ia hinh phing gidi han béi cac dudng y = ,y =0,x=1,x=4. Thé tich hinh
tron xoay khi M quay quanh truc Ox I

A 6r. B. 127. C.157z. D. 4r,

fBSTAE Khi quay hinh phing tao bi d6 thi ham s6y = V(x> 0) va cac dudng thingx=0,x=4
xung quanh truc hoanh, ta dugc khéi tron xoay c6 thé tich Ia: '
A . B. 27. C. 8x. D. 14r.

5% Dién tich ciia hinh phéng gidi han bai duding thing y = x+4 v parabol y = x* —2x +4 Ix:
A.4,5. B.5.6. C54. D.52.

B Goi D 12 mién dugc gidi han béi cac dudng y=-3x+10,y=1,y=x> vA D nim ngoai
parabol y =x*, Khicho D quay xung quanh truc Ox , ta nhin dugc vit thé tron xoay c6

thé tich la:
A 117. B. %% .. . 127, D. 25
5 3

|
A
Nl

R ey ‘A HC

3 - T T ¥ _;_ T L ] T \ T -

d Goi H 1 hinh phing giéi han béi truc hoanh, truc tung, dudng thing x=1 va duong
congy =x*+1.Cho H quay quanh truc Ox ta nh4n dugc hinh tron xoay c6 thé tich bang:
A5z, B. 67. 2, p.1,

14 2
i Cho hinh phéing gi¢i han bai truc hoanh, truc tung va cac dudng x =7,y =sin’x.
Thé tich clia vt thé tron xoay khi cho hinh ny quay xung quanh truc Ox li:

A% B, 22 c. 2z p, 37"
8 15 8 8




RB3IAE: Tinh thé tich clia vat thé tron xoay sinh ra -4
: Y Y
béi phép quay xung quanh tryc Ox clia
hinh giéi han boi truyc Ox va dudng 1
y=sinx(0<x < 7). Ta dugc két qui:

AT
2 4 . . -
. 0 z "T\ X
o D% ' 2
6 2

)] Cho dudng cong cé phuong trinh, trong d6 g () 12 ham s6 lién tuc trén doan [e:d].
Xét hinh gidi han bdi dudng cong x = g(y) , dudng thingy =¢, y=d Vi x=0. Quay
hinh d6 xung quanh tryc tung x =0 ta dugc mét khéi tron xoay c6 thé tich bing:

d d L] d
A7 j gl(x)dx. B. 7:[ g(y)dy. C. ﬂzf g(x)dx., D. xjgz( y)dy.

i Goi K 1 phén mat phing dugc gi6i han bi hai truc toa 46, dudng thing ¥ =1 va dudng
2 .
cong c6 phuong trinhy = X Khidé, dién tich hinh K Ia:

Jxt —xf

A 7. B. Z. C.
2

D.

wj«‘-t
e |

" Cho hinh phéng gi¢i han béi truc hoanh, truc tung va céc dudng * =1,y =xe* Thétich
clia vét thé trdn xoay khi cho hinh nay quay xung quanh truc Ox la:

A. %ﬁe*. B. 27(e+1), C. 7(e—3). D, 27(e+3),

% Goi Q 1a hinh phing gi6i han béi tryc hoanh va dudng parabol y =—3x" +3x+6. Cho
() quay xung quanh truc Oy, ta nhén dugc hinh tron xoay ¢6 thé tich bing:

A.10,5x. B. 667 . . C. 68,97 D. 72,9%.
i Tinh thé tich ctia khéi tron xoay sinh ra bdi phép quay xung quanh truc Oy cia hinh giéi
han béi dudng hypebol x = 2 , dudng thing y =1,y =4 va x=0. Ké qua tinh dugc a:
¥

A 3x. B. 5x. C.8r. D. 10z

¢ Cho hinh phing gi¢i han béi truc hoanh, tryc tung va céc dudng y = %, y=sinx. Thé
tich clia vit thé tron xoay khi cho hinh nay quay xung quanh truc Ox I

A z(n-2). B. %t 9. C.Zir ). D.%,,._1,
8(7:: 2) 2(7! ) 3(7: 2)

JBEi56 Cho hinh phing gi6i han bdi truc hodnh, truc tung vi cic dudng y=cosx, x =2

SRR A

Thé tich cha vat thé tron xoay khi cho hinh nay quay xung quanh truc Ox la:

A3 B, 167" . (r+2)%. D, A7 +1)
7 15 8 4



Tiép cin phuong phdp va van dy

& Cho duong cong c6 phuong trinh  —

x=g(y) trong dox=g(y) la mot y
ham sé lién tuc trén doan [ﬂ; b].
Néu hinh gi6i han béi cac dudng
x=g(y),y=a,y=b vd x=0 quay
xung quanh truc Oy thi thé tich V
clia vét thé tron xoay sinh ra duogc
tinh theo cong thic:

AV =}y2dy.

B.V= Jz’jyzdy .

b -

CV= 271'.[ ydy. 0 b

» [}
D.v= n'f xdy .

¢ 2 .2

B; Thé tich vit thé trdn xoay sinh ra bdi hinh elip x_z + %2_ = 1khi elip ndy quay xung quanh
truc Ox la: 2
As. B. 13. 2o D. 22.
3
FB3S% A. Cho D 1a mién kin gi6i han béi y 1
cacdudng y = \/J_c,y =2-xvay=0,
Dién tich clia mién D 14
Al B.3. M
2 2
C % . D. 8. !
7 O P : X

Bei3] B. Cho D 1 mién kin gi6i han béi céc dudng y = Vx,y=2-x vay =(. Thé tich vat thé
tao thanh khi ta quay D quanh tryc Oy la:

A. 327 B 7% c. o7 D. 2%
15 4 3 4

) Tinh dién tich S clia mién phéing gidi han bdi cac dudng

y=sin*+sinx+1y=0;x= [);x:g._

A.S_—_% B.S:%r. Cs={47+3) D Motaspsskhic.
3
Tinh di¢n tich S ciia hinh phing giéi han bdi cdc duong y = ;y=0; x=0;
4 T+cosx
X =— .
2
As=Z. B.S=1. . cs=Z D.s=1,
2 4 3

| 27




1 x

y=x2e%, x=1, x=2, ¥ =0 khiné quay xung quanh truc Ox I3:

A. 27e’. B. 37’

A 2z(lnt x—2In2+1).
C. z(ln2+1).

pBated: Goi M 1a hinh dugc sinh ra béi

phép quay xung quanh Oy cla
hinh gi6i han boi cic dudng
y=%z, ¥y=2, y=4vax=0.
Thé tich clia hinh M la:

A 6r.

B.12xz.

C. 27,

D. 47°.

FBES Goi M 1a phin mit phing hitu

A

W

han dugc gioi han bdi hai truc toa
dd, dudng thing x=1 va dudng

cong c6 phuong trinh y = o
Thé tich khéi tron xoay sinh ra khi
quay M quanh truc Oy la:

A ziln3.

B. zin4.
- C.0,27.

D. zin2.

pRateo: ‘Thé tich vat thé tron xoay sinh

ra khi quay hinh phéng gi6i han
béi cdc dudng y =2x* vay =x°
xung quanh truc Ox Ia:

A F B, 1237
12 17

C. 47zet. D. né’.

B. #(ln2~lnd+1),
D. 7*(In2-3).

Yy A

E Thé tich clia vt thé trdn xoay sinh ra bdi céc hinh phing gidi han bdi cac dudng

¥ Goi M 13 hinh phéing tao bdi tryc hoanh va cic dudng y=Inx,x=1x=2,y=0.Khi
cho hinh M quay xung quanh truc Ox. Ta dugc khéi tron xoay c6 thé tich 1a:

X
Y
1.
172 -
O X
c.”. D. 2567
4 35



Mot dong dién xoay chiéu i = I, sin( z?ﬁt +¢) chay qua mét doan mach ;é dién tré thudn
R. Nhi¢t ligng (3 tda ra trén doan mach d6 trong thdi gian mét chu ki T 1a:

2 RIZ
A 320, B, —¢

2
o, C. 0T, D. HRI_T
2 2 4 2
Dudng cong trong hinh vé bén cé phuong trinh ¥ = x° Cho A(1;1) vi B(0:1). Goi H
13 phén gach chéo.
x:-
Khi cho hinh H quay xung quanh truc Ox, ta dugc khdi tron xoay c6 thé tich la
AZ B.Z. ¢z Dz
3 ‘ 4 5 6
% Thé tich khdi tron xoay do hinh phéng gidi han bai cac dudng y=x’,x=3" quay quanh
truc Ox la:
A3z B. 3% .3z p. 3%
19 16 13 10°
Tinh (bing ¢m’) dién tich phan gi6i han béi parabol c6 phuong trinh y=x" vi duéng
thangy =1.
A8,z B. 16,2 ey D. 1.
3 3 3 3

i Tinh dién tich phdn mit phing gi6¢i han bdi hai duong bifu dién ctia cac ham s6
y,=x"-4 vi Y, =2x— 1%

A. 9 dvdt,

B. 36 dvdt. C. 18 dwvdt. D. 9 dvdt.
4 Dién tich cia hinh phang gidi han béi cac dudng y = iz,y e*vax=1]x
Al s 2,13 C. 5e. D. 8e.
2 e 2

& Thé tich khdi tron xoay do hinh phing gidi han bai cic dudng y —l, y=0x=1va
x=a {a>1) quay quanh truc Oy la:

A

|



E Dién tich phan mit phirig duge gidi han bdi cac dudng thingx=1,x=2, truc Ox va
dudng congy = 1 B o -

Al,7. B. 1,10 c 1,7 D. 1;,16.
43 379 373 19

FB575 Goi H la phin mit phing gidi han béi duding thingy = mx v6i m <2 va parabol (P) c6
phuong trinhy =x(2-x). H ¢o dién tich:
2
a (2-m) é2—5m) _

g, (2-mp(5m-2) '

6
c.(2-m’ p. (m=2)"
6 6
FB3E76: Dién tich hinh phing dugc gi6i han béi cic dudng y = l-l-%’ y :é— La:
. x .
AZ B.Z+1. ¢, D%
2 2 6 6

B3I Goi S, la dién tich clia mit phing gi6i han boi dudng thing y=mx véi m<2 va
parabol (P) c6 phutong trinh y=x(2—x). Goi S, I dién tich gi¢i han bsi (P) va Ox.

Vési tri s6 ndo cita m thi S, =%52?
A 2-4. B.2+32. c% o1
4

¥E3TE Cho hinh thang cong (H) gidi han bdi cic dudngy = e, y=0,x=0va x=In4. Dudng

thing x =k (0<k <Ind)chia (H)thanh hai phin c6 di¢n tich 12 S, va S, nhu hinh v&
bén. Tim k @€ 5, =25, .

A.k=-§—1n4. Bi=In2. C.ic=1n§. D.k=1n3.

Trich D€ Minh Hoa 2 Nam 2017
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Z O hioh bén, ta c6 dudng parabol y* =4xva dudng thingy =x. Cho phin gach chéo
quay quanh tryc Ox, ta nhin dugc hinh tron xoay c6 thé tich bang:

AL, B. 32 .. C. 107,
7 3

Y Y:X

& EEPRERA d y=\/4_x.

v

AB%E Ong An c6 mot manh vidn hinh elip c6 do dai
truc 16n bing 16m va 6 dai truc bé bing 10 m.
Ong muén tréng hoa trén mét dai dét rong 8mva
nhén truc bé cla elip Iam truc d6i xiing (nhu
hinh v&). Biét kinh phi d€ tréng hoa 13 100.000
déng/m’. Hbi dng An cin bao nhiéu tién d€ tréng
hoa trén dai d4t d6 ? (S8 tién dugc lam tron dén

hangnghin.)

A7.862.000 déng.  B.7.653.000 dong. C.7.128.000 &6ng.

D. 1lx,

®m

B S
Trich Bé Minh Hoa 2 Nim 2017

D. 7.826.000 déng,

PREBE Duong cong dugc cho bi phuong trinh x = g(y), voidao ham g'(y) 13 ham lién tuc,
goim, n (m < n) tuong ung 14 tung d¢ cic diém M va N thudc dd thi x =g(y). Pd

dai dudng cong x =g (y) tit diém M t6i diém N 1a: [y/1+(g(y)) dx. Ap dung tinh do

dai dudng cong y =2 ti (1,1) dén (\/5;2)
A.1.07. B. 1.06. C1.

D. 2.

Dudng cong dugc cho béi phuong trinh x=g(y), véi dao ham g’(y) 1 ham lién

tuc, goi m, n (m<n) tuong ing I3 tung d6 cic diém M va N thudc d6 thi x = s(y).
D¢ dai duong cong ¥ =g () tit diém M t6i diém N Ia: _Hl+ dx Ap dung tinh

do dai dudng cong x =y tit (1;1) dén (4;2)

A.1.07. B.7.27. C.72,

D. 2.

| m




Pudng cong dugc cho bdi phuong trinh ¥ = g(x), véi dao ham g'(x) 12 ham lién tuc,
goi m, n (m<n) tiong ting 12 hoanh d¢ cic diém M va N thudc dd thi ¥ = g{x}.
Do dai duong cong y = g(x) tit diém M 161 diém N 1 | [1+(g(y)) dx. Tim do dai

m

ciia duding cong y =4x° tit diém (0;0) dén diém|(2;4v2). Tich phan cén tinh dé gidi

Bai nay la:
&2 '

A | 19xdx, B. [1+9xdx.
o 0

a2 2 .
C. [ Vi+axldx, D. [Vi+4dx.
0 0
JRAEE Tinh do dai dudng cong y = ﬁxs’ z
hoanh d) b=1. Kétquala:

-1 tirdiém A c6 hoanh d¢a=0dén diém B c6

=4 82 .2 p. 14,
6 4 2 3
B rees saor N 2 .ty P 5 1 1 T ¥ 2
£ Tinh dién tich hinh phing gi6i han bdi céc dudng y=——, y=—75—, ¥==, x=—
sin® x cos” x 3 6
Ta dugc két qua:
A. ﬁ_g}. B. Z,"/_E_l.
3 4
c 2245 o N3
3 4

B3B! Cho d6 thi hai ham 55 y =|x” ~1] , y =|x|+5 nhu hinh v&, dién tich hinh phing giéi han
bdi cic dudng y = le _-1‘ vay= Ix| +5 la

A73. B. 73,
6 3

N

[ |



inh dién tich hinh phang gidi han béi Y 1
cac dudng:
y=x"-2x+2,y=2"+4x+5,y=1
A3 B. 7 -
4 4
c.2 D.?
3 4
y =1
2 1/2/ 1 X'
Tinh dién tich gici han bdi cac dudng y4
y=|x2— x+3|,% =3 trong mit phing
toa d9 Oxy. Ta ¢6 két qua:
A.6. ¥=3 M N
B. 10.
C s
D.12.

thingx=-1,x=1 I3

Di¢n tich hinh phing gigi han b&i d6 thi ham s§y =

X

L 2

VR

4
RE truc hoanh Ox v céc dudng

A. 6, B. 37. C. 2rx. D.x.

Paraboly” =2x chia hinh phing gié6i va

han bé&i dudng tron x? + y2 =8 thanh

hai phén. Dién tich hai phin d6 1a:

A. 2;'r+i vé6x—£. A
3 3

B. 7 va 157

2 2 Q : /B

L, 22 :

C. Eva iy ¢

3 3

D. 2;'1:+g va 67;—3.
3 3




B Cho parabol (P) c6 tiéu diém F 2;—% vA dudng chudn D ¢6 phuong trinhy = —Z.

Dién tich hinh gi6i han béi (P) va truc Ox [
A2 B2 .l D.2.
3 3
BRIAZ Gia st ham s6y =x* —2x+2 ¢d d8 thi 1a dudng cong (P). Goi (d) 12 ti€p tuyén véi (P)
tai diém M(3;5). Dién tich hinh phing gidi han béi (P), (d) va truc Ox fa:
A. 4 B.2. C.5. D.3.

FBIRESE Thé tich vit thé tron xoay do dudng tron x* +(y - 2)2 =1 quay quanh Ox c6 gié tri:
Al17%, B.97%. C.47°. D. %

55§58 Dién tich hinh phing gidi han bdi elip: ¥ 4 ¥ -1 va dudng trén ¥* 437 =9 dugctinh
phang gl P: —+ 1 g Y
bdi cong thitc ndo sau day? 9 4 :

3 3 3
A.%?‘\fg—xzdx_ B.%I,,‘g_xzdx. c.§J ’9—x2dx. D‘4J 9__x2dx'.
® o 0 ) -3

BB Goi V. va V, , 1an lugt ia thé tich khéi tron xoay tao nén bdi phép quay hinh elip
2 2
j:—z +%2_ <1 (a<b)xung quanh tryc Ox, Oy . Hoi khing dinh nao dudi day dding.?

AV, >V, B.V, <V, cVv,=V, D.V,2V,
x ¥ x y

B31%8] Trong hai khing dinh sau, khing dinh nao dtng:

' b b
(1) Néu f(x)<g(x),Vxe[a;b] thi] f(x)dx < [g(x)dx.
(2) N&u f(x) =z g(x),Vxe [a; b]
b b
vanéu Vx,e[a;b]: f(x,)# g(x,) thi Jf(x)dx> jg(x)dx.

A. Chi ¢6 (1) dang. B. Chi c6 (2) dung.
C. Ca hai khang dinh déu dung. D. Ca hai khing dinh déu sai.

|



Chi 6 (2) dung, (1) ding néu thém gia thuyét f{x) > 0trén doan [4;5]
Chon B

Ta thdy f(x) < 0 trén [0 ; 1] vd f(x) > 0 trén [1 2] Doth1
f{x) gém hai phan: phan nim duéi truc hoanh (L,) va phin nim trén |

truc hoanh (L, ), do do S(L) = s(L) +S(L,). Tacé

W
o
i
p—
Il
Sy
—
[
=

()
~—

Dién tich mién cin tinh la:

z 1 8 8 32
= _zd = 4‘——3 = —_—— - — — _
S:[M x* )dx (xsx} (8 SJ (8+3] 3

Chon A

Ta xéc dinh dugc hoanh d¢ giao diém clia d6 thi ham s y=4-x

vii truc hoanh trén doan [0 3] la x=2. Diéntich cin tinh I _”4 x *dx,

chiing ta c6 thé tiép tuc vé bang xét diu ctia 4— x? trén [0 3] de tinh, tacé |

23

16 7
(4-x*)dx+ |(2* —4)dx =
J o J(x =T
hit y: 38 tinh _ﬂ4—x2,dx tabiét ring x =2 la nghiém clia y =4-2?
0

Vi truc hoanh trén doan [0 ; 3] nén c6 th&€lam nhu sau

”4 x'dx ”4 xldx+”4 x|dx +

Chon C

4 x)dx

j(4 x? dx’

T




Ap dung cong thic tinh dién tich hinh phing ta c6:

S= Ism wdv= J-l cos2xdx=%(x_szr122x),, 7

¢t 2

Chon A

Chuy ringvaimoi xe (e B), £,(x) - f,(x)=0vavi f,(x) va f,(x)
déu lién tyc trén khoang (a; 8), nén f,(x) — f, () git nguyén ddu.
Néu f,(x) — f,(x) > 0 thitacé:

Jinta el
Néuﬁ( ) —f,(x} < Othitacé:

j|f1 (x)|dx= j(f2 x))dx =

ﬁﬁ p%

)

Vay trong moi trli(‘mg hgp ta déu co:
8
J14 ()7 ()= (1 ()= 12 ) s

Tuong ty nhu thé d6i véi 2 tich phén con lai. Vi vdy, hai cong thiic
(1) va (2} 1a nhu nhau.
Chon C

V& &6 thi ba dudng thing y = x, y =0, y =4 —-x vatim cic giao diém:

% éxﬁAmm

y_
{y=4 ¥ = B(2;2)
y=x
xz 2 x2 4
Tit d6 S=B[xdx+.!(4—x)dx=?o+(4x_7]2 =4.
Chen C .

Tacé 5x'+ 3x*+ 3 > 0 trén doan [0;1].

1
Vay: S =J(5x4 +3x? +3)dx = (x5 +x° +3x)|; =5
Chon A ’
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Tiép ciin phutong phip v vén:

Ta ¢6 x=0 14 hoanh d¢ giao diém ciia hai dudng cong. Dién tich
1

cin tim L3 I(e"+ e"‘) = (e” + e")lo
0

=e+—1——2.
e

ChonC

Tacé f'(x)=-2x+4= f(0}=4, f(3)=-2

Phuong trinh tiép tuyén tai diém M, (0;3) la:

y+3=4(x-0) ey = 4x-3

Phuong trinh tiép tuyén tai diém M, (3;0) la:
y=-2(x-3)=-2x+6

Giao diém clia hai ti€p tuyén trén c6 hoanh dd thod man phuong trinh:

4x -3=-2x +6@x=%

Dién tich phai tim la:

3
.2[
0

w

(4x—3)—(—-x2+4x-3)|dx+j.

3
2

(-2x+6)—(—-x2 +4x—-3)ldx

(x2—6x+9)dx=2=2,25
4

x=0
Phuong trinh hoanh d¢ giao diém x° —x* -2x=0 & [ )
X=
D4 thi gdm hai phén, phdn nim trén truc hoanh Ung v6i x thudc
doan [-1; 0] v phén ndm dudi truc hoanh ng véi x thudc doan [0; 2] .
Do do:

S=°(x3_x2_2x)dx+j'(x2+2x_xa)dx=%+§=% (dvdt)




6 B~ +1-p=e)- s -2m00 [T

S= Jl'|f1 (Jc)~--f2 (x)|dx=j£]x2 +x—2|dx=‘j;(x2 +x—2)dx

2 3 2x
T 2%
S= .Hm x|dx=j_gin xdx + j.(—sin x)dx=—cosx|0 +cost =4
0 0 =

Chon B

Ci hai déu sai, vi gia thuyét.
Bai (1), phai gia thuyét thém: f(x)> g(x) véimei xe [2:b]
Bai (2), phai gid thuyét thém: S(x) 1a mot ham lién tuc trén doan

Trudc hét ta tim hoanh d6 cdc giao diém béng cich gidi phuong
trinh 2 -x* = -x ., Suyra x=-1 va x=2, trén doan [—1;;2] d4 thi ham
s6 f(x)=2-x* ndm trén d6 thi ham s§g(*)=—x. Tit d6 dién tich cin
tim la:

2

j(f(x)"g(x))dxzj[(z"'x—xz)dx

-1
2 L3

2pe XX
2 3

Z
=4,5 (dvdt)

-1

Chon A

Hoan toan fuong ty Bai 16, xin danh cho ban doc.
Chon C

|



Tiép cin phuong phdp véxvin dung

Bt f,(x)= 2, £ (x) = O.tacs: : P-Ghichaciaem -
fl(x)—fz(x)zxa=0<:)x=06[-1;2:| :
Dién tich phai tim 1a:

1 2 0 2
S= [ 1A whte= [lehas= [|ehrs [l
-2 1 -1 0
= j X dx
!
ChonD
pBa
Hoan toan tuong tu Bai 16, xin danh cho ban doc
Chon D

AV

= 4,25

+ jfdx
0

=0
Phuong trinh hoanh d6 giao diém **=2x & , dién tich cin :
tinh Ia: =2 :

4
S=£’|2x-x2[dx=§.
Chon C.

Toa do giao diém cia 6 thi y=lInx v6i truc Ox 1a nghiém ctia hé
phuong trinh: :

y=lnx x=1
o
y=0 y=0
Ta c6 y'=(1nx)’=%, y'(1)=
Vay phudng trinh cda tiép tuyénla:y - 0= 1(x -l e y=x1

1

2
Dién tich phai tim 13: § = J‘|x lldx J' 1 x)dx ( X .y
ChonD 0 2 ) 2

Trén doan I:-—g ;z}, phudng trinh cosx=0 c6 cic nghiém; :

x_"ﬂx_jr
1 2’2 2

z
2

Viy: 5= j'lcosx|dx f|cosx|dx+ “cosx,

N,;. e

cos xdx! + J' cosxdx|=
_x
2

wla

2

Chon C

2

[



Hoanh 9 giao diém cita hai d6 thila x=0, x=2 va x=-2.
G 2

Ta c6 S(H)= J‘(xS—3x—x)dx+j(x—x3+3x)dx=8

Chon A N ?

i

Tuong ty bai 24, xin danh cho ban doc.
Chon A

Ta cod x(x—l)(x—2)=0 & xe {0,1,2}

5= jg x(x—l)(x—2)idx=;”x(x—~1)(x-2)ldx+j|x(x,—-1)(x—2)ldx

2
I x —3x7 +2x +J(x3—3x2+2x)dx|
[ 1
4 t 4 2
=(x——x3+x2] +(x——x3+x2] ==
4 4
0 1
ChonD

Phtong trinh hoanh db giao diém:
x=-1
6—(2x3—x2-—8x+1)=0@ 5

r==
2

5

g= ﬂs 2% —x? —8x +1)|abc~2421

Chqn B

Phuong trinh hoanh d% giao diém c6 hai nghiém 13 x=0, x= —5\]1-;

1

Diéntichcin timla: §= I (\/— ~2x )dx
Chon C

Ta tim giao di€m cla hai dudng da cho bang céch gidi phuong trinh

hoanh d¢ giao diém:
3+x-x =2x+1<:{x=_2.
x=1

Trén doan [21] tacé 3+x—x* 22x+1, do dé:

|
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Tié cin phutong phép vix viin duiig

e [ 1

2)abc: 23:—135--1):3
2" 73,

Tacé filx) - fix) =2°- 4x = x(xz— 4) =0ex=-2,x=0x=2
Dién tich phai tim la:

$= ﬂxa—é:xldx:hxs —4x]dx+j|x3 -4 dx = T(x3—4x)dx‘+ T(xa —dx)dx
% A ) ) )

= [x—4—2x2J0 + [x—4—2x2]2 =8
4 " 4 A

Ham s§ y=—x*+6x—8 c6hésd <0 nén parabol tp xubng. Hoanh

d¢ dinh clia parabol 13 x = _b _% =3, phuong trinh tiép tuyén ciia

2a

parabol tai dinh 14 y=y'(3)(x-3)+y(3)=0(x-3)+1=1.

Do d6 dién tich cin tim 1a _”1 —-x +6x— 8)|dx 9 (st dung MTCT

dé ra két qua).
Chon C

Dit f,(x) = xX*-2x +2.Tacod f,(x} = 2x-2, f,(3) = 4.
Ti€p tuyén ctia parabol da cho tai diém M(3;5) c6 phuong trinh
¥-5 = 4(x-3)=>y =d4x-7

Dit jg'(x)—4x—7 Dién tich phai tim L

_:':.|f1 (x)— J.| x —2x+2) (4x- ldx
)'dx=-:[(x-—3)2dx=((x%3)] =9

-1
Tiép tuyén cha dudng cong tai diém x = > ¢6 phuong trinh

S AT DN SV
¥ 4 5 b




Tiép tuyén nay cit dudng cong tai diém c6 hoanh d6 x=1 viy dién tich
hinh phéng K la:

1
_[ —2x+1—x3+3x a’x=—2—z
4L 4 4 64
7
ChonD

Yy

B
IHE
Q D 2 4 e
E

Tacéx=y" & y=Vx . Ta tim giao diém céa y é\/;véy=x—2 L
y=—x

béng cach gidi hai phuong trinh Ve=x-2 va —fx=x-2. Suy ra x =
¥*~4x + 4 hay x=1vi x=4. :

Tit d6, ta cé: 5= [_[J_dx s AABC':] {”—\/_|dx+S AABC)J

3 1
=gx2§ 242 ,0m +1=E—2+E+l=£=2,5
3 3 |, 2 3 3 2 2
Chon B
Ddu tién gidi phuong trinh cosx = sin2x trén [o;f:l.
2
cosx =0 x==
Ta cé: cosx = 2sinx cosx & | 1 2
smsz x=£
T 6 Hid
3 2
Suy ra dién tich c4n tim béng: J'(cosx—sinzx)dx J'( sin2 x— co2 x} dx
0 ] % )
1 ¢ (1 2
sinx+- cosx || +| —cos2x— smx
2 . L2 x
6

1+1—l + 1—1+1+-1— =1=O,5.
2 4 2 4 2) 2

ChonC

|
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Tiép can phutong phip va vin diwig

2 2 R AT
Phuiong trinh elip la 3‘—+';:— =1. Dién tich cdn tim la: $=45, (5, i } Ghichd coaem
1a dién tich cia mét phén tu elip) tng v6i ¥2 0 nén S, dugcgidihanbai

dd thi ham s6 y_h\/a -x? (0<x<a) dudng thing x =0 vi tryc Ox.
Do dé:

S=4‘T2«J z—xzdx=4éj- a® —x*dx
09 a3
Y « 2
Tacé f\/az—xzdx=ﬂTa suyra S =zab.
0

Chon B

Theo cong thitc sach gido khoa thi chon C diing,
Chon C

Phuong trinh dudng thing di qua diém M g 1Ha y=kx —gk -1

dudng thang néy tiép xtic vé&i parabol khi va chi khi k = ~1 hodc k=2.

Véi k——1 tlep diém c6 hoanh d¢x, = 1; véi k=2, tiép didm c6
hoanh d6 x, =

Phuong trinh tiép tuyén tai M, (1, %J lay= —x+§ .

Phuong trinh ti€p tuyén tai M, (4,2) ay=2x-6.
Vay dién tich hinh phing la:

. '? (——x —2x+2J—(—x+%]

Chon A

4
atx+j
5

(%x2—2x+2)—(2x—6)}dx=§

2

Tacé 5x-22 =0 @{’C:g. Viy thé tich phai tim 1
xX=

V= Tn’yzdxz ﬂi(Sx—xz)z dx = ﬂ'j.(Zsz -10x* +x4)dx
0 ¢ 1]
,,[2529%]@
3 2 5 o 6 :
Chon A. E A




2x—2* =x(2—x)=0=x=0, x=2
v =n}(2x—x2)2dx=ﬁj(4x2 ~4x® —'x‘)dx
0 (L

2

-2 3—x4+£ _ Lz
3" 5) 7 15
Chon B
Tacé:
Bl 2 N 2
5= —x—~+«l4—x2 dx—Z‘[[—-{—\/ﬁL—xZ}dx
B
5 5
NE
=2j 4—x2dx—3x3\3=2j 4—x2dx—&
: 9" b —7J 3
3 z
Dit x=2sintsuyra S=8 jcos%dt-z—;/_?’- ~4{(1+ cos2t) dt—%
0 Q

=[4t+2sin2:]‘§—%—3— Jters

Chon A

(dvdt)

%—}x ( st dung MTCT').

Tuong i bai 42.
Chon B

4
Taco V =ﬂjxdx= 8x.
Chon C 0

Hoénh d6 cc giao diém ciia parabol y = x* —2x+4 va dudng thang

y=x+4 la:

X-2x+d=x+4x -3x=0&
9.
2

S=}|x243xldx=
0 .

Chon A .

|
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Tiép ciin phuong phip vévin dufig.

Goi v, v, lan higt 12 thé tich do tam gidc cong ABH v tam gidc P Ghi chii ciia em’

gidc HBC’ tao nén khi xoay quanh Ox, phin dién tich dugc bifu dién
qua 44 thi sau:

Véy=V=V1+V2=;aT[( ) 12]dx+;:j[ “3x+10)" }u 67 (dvtt)
Chon B 1

: %
Tacd V =z |sin® xdx= Jr_[l—msz—x dx=" x_stx H =z
; 2 2 2
Chen A
Theo cong thiic séch gido khoa chon D diing.
ChonD
Ap dung cong thiic tinh di¢n tich hinh phing ta c6:
1 2
S= '[ _L)d Z.
o]Vt —x® 4
‘o1
Thé tich cdn tinh: V = n'j(xe ) =3 = e’
Chon A
[
=-1
Phuong trinh hoanh d giao diém —3x* +3x+6=0 < l:i o

Thé tich cén tinh V = :zj 352 +3x+6)dx 72,97
ChonD

o5 —

e T T T S R O SO



&

z
4
0

(=R N ]

I T
Tacod: V =z |sin®xdx = E
0

“3li3 e

Chon B

(1—cos2x)dx = E(x— sin2x )
2 2

Tacd V =z | cos? xdx=(7r+2)%.

Oy |

Chon C

Taco: V= frjyzdx= szz—i(az ‘xz)dx - 2r7b* {azx—i)ﬁ
—-a &

aZ
)= E.'rrabz

Hoanh d¢ giao diém ciia hai duding thingy=x,y=2-xla x, = 1,

Ta ¢6 D=B+C, trong d6 B la mién kin gidi han boi cic dudng
y=\/;, x=1y=0 vid C A mién kin gidi han b&i cic dudng
y=2-xx=Ly=0

1
Dién tich mién B = [Vzds = % (dvdb).
3]

Dién tich mién C = % (dvde)

Vay dién tich mién D 13 % (dvdt).
ChonC




L A A,

A A 1B

[T

BT LB Bl AL A 180 i i et e

Tiép ciin phutong phdp vévin ding

b§M(0;1), N(1;1), P(2;0). Goi V, 14 thé tich cha vit sinh ra } Ghi chil ciia em’
khi quay hinh thang OMNP quanh truc Oy (xem hinh & Bii trén - 59),
V, 1a thé tich clia vét thé sinh ra khi quay phdn mit phing giéi han béi
cac dudng y=\/; ,x=0, y=0, y=1,va V 1a thé tich cin tim, ta co:

V=V-v,
: 327
v, =77 (@vit),V, =2 [y2dy=Z (avtt). Do d6 V =""" (vt
3 Y5 15
Chon A
M
Ap dung céng thitc tinh dién tich hinh phing ta cé:
3
S= J-(anz x+sinx+1) dx.
0
Chon B
], 3 1
Ap dung céng thiic tinh dién tich hinh phingtaco S= J dx,
o 1+cosx

ChonD

g s )
s
)

Ap dung cong thic tinh thé tich khi quay hinh phéng xung quanh
trucOxtac6 V= nj'(x%ﬁ)z dx = me*.
ChonD !

Ap dyng cdng thiic tinh thé tich khi quay hinh phing xung quanh
2

truc Oxtaco V= Ej(lnx)z dx = 7e?.
Chon A !

4

Tacé: V =z [2ydy=(my*)|s =12
2

Chon B

Phiong trinh y = e
+x

Got V lathé tich cdn tim, tacd V =X + Y, v6i X 14 thé tich hinh

tuong duong véi x* = 1
Yy

. N . 7,
tru tron xoay bin kinh ddy bing 1 vi chiéu cao bing % taco X = o v




1 1
Y=l—1@dy=2n|ln2—=|
S peofre)

Vay V =ﬂ:(ln2—%]+§=ﬁln2 {dvtt)
Chon D '

= T T
Tacéd: Q= J'Rizdr = ijoz sin® (—%f—rt + 77:) dt
0 0

1 COSZ(Z” t+7£')
o T 2 ‘W1 RE
= RI? T =& t_i '22_”_1:4.;; i B o
0 [— 2 A=\ T 0" 2

1

Chon D

Ta 6 ¥=3? e yx=y. Phuong trinh hoanh d6 giao diém
= 2
Jx=x @[x S Trén [0;1] ta ludn c6 (\/;) 2(::2)2 do dé thé tich
x=

V=ﬁ_1[(J;)2dx—x_i(x2)2dx.

Chon D

Phuong trinh hoanh d6 giao diém x* =1+ x =21, do d6 dién tich
cdn tinh 1&:
1
s=j|x2-1|f;ix=E
b 3
Chon C

s ||




Tiép ciin phuong phip vé virdy

|
|

=-1 Y Ghi chii ciia e
Phuong trinh hoanh d6 giao diém x* —4=2x—»* @l:x ) do dé » P CNULC L
x .

LT IO SRR T L LI

dien tih cén inh 1 )
T ) x= j|2x —2x-4|dx =9
Chgn D
Phuong trinh hoanh d¢ giao diém % =e" @ e =1 x=0 vay:
' e
; 1 1 2x ! 2
5 =.[ -lzx —e|dx = .[(6‘2" ~e)ax| = [e +e”‘) _e 13
5 5 2 R €
Chon B
Ap dung cong thric tinh thé tich khi quay hinh phdng quanh truc Ox
ta co:
2 z 2
Goi S 13 dién tich cén tim, ta c6: § = ‘[ ~dx= j
1 x(l-l-x ) 1 X 1+x

17 d(xa) d(x’) td(x*)
“I 2(1+x°) 3[J © _J-1+x3}

i

i
i
3
3
£
g
3
a
3
g
H
i

1 2 [ 1 16
=] =—In-— (dvdt
g‘ 3 n1+x3 1 3 " ( )
Chon B
Goi dién tich cin tinh 13 S, ta c6 S = j—d““h”‘
Ditu=1+lnx,khi x=1thiu=1, x=¢ thiu=2, du =ldx
. X
2 3
_ 12212 2
s_!«/de_[gu ]1_5(2«/5—1)
: Chon C



1
dx T .
Tinh tich phan | —— bingcachdit x=tanz, 1€ (——;——) hodc ¢
;[ I+x 2°2

. thé st dung mdy tinh cim tay d€ tim két qua.

Chon A

Ta tinh S, trude, phuong trinh hoanh d6 giao diém:
0
2
Ta tinh S,, phuong trinh hoanh d6 giao diém:

2
x(Z—x)=0@|:§: do dé S, =_[|:|2x—x2|=—§.

mx =2x—x* ®x2+(m—2)x={)@[x=0 ,do dé:
x=2-m

271

5,= T\zx—xz — iy = T(‘xz +{2-m)x)dx = [‘%ZW]

3
SN e

(Chi §: muén dudng thing cit parabol tai 2 diém phén biét thi trong
tinh huéng ndy parabol phai ¢ phan chtfa dinh nim trén duong thing).
Chon A

[H

WBEiE
Ta b e i O L
acd Sl—B[e dx=e =€ -1, 8, = _k[e x=¢'| =4-e.
Do d6 51=252@e*—1=2(4—e*)¢>e’°=§=3@k=1n3._

Chon D

béi cac dudng: x=0, x=4, y=0, y=x) quay xung quanh truc Ox va

V, 14 thé tich vit thé sinh ra b&i “hinh thang cong” (giéi han béi cic
dudng: x=0, x=4, y=0, ¥y =2x) quay xung quanh truc Ox. Ta cé
V = V,-V,,dodoé:

32

4 4 xa 4
V= ﬁj4xdx—ﬂjx2dxzﬁ 2x2 -
0 9

30 3

Chon B




-

Tiép cin phuong phdp v vén dungeao

Vi :
Chon hé truc Oxy c6 gdc toa do tai tim ca Elip. } Ghichiciaem =
Khi d¢ Elip nay c6 phuong trinh: :

2

51’1——
64 25 ’ 2
y =-5 I_x_
64

4 2
Dién tich cén tinh $=2 [ 5,1 —icadx ~76.529.
—4

Do d6 56 tién can 1a 76.529% 0.1~ 7.653 triéu déng.
Chon B

Tacby= X e x= \/;::UCM?_\/_

Do d6 d¢ dai can tinh I3 _[ 1+—~—dy 1.06.
ChonB 4y

Do di cén tinh 1a j\/1+2 dy =727

Chon B
Faags
Cung cén tim Ia phén ciia ditding cong nim trong géc vudng thii nhat.

3 1
Tacé y=2x* nén ¥ =3x%. Do dai cung cin tim béing:

_T 1+y’2dx=j'\/1+9xdx.
1] Q

ChonD
BATRA:

Tac f(x) =222, suy ra(f’(;:c))2 =8x. Tl d6 thay vao cong thiic
1
ta dugc T = {+/1+8xdx. D8i bién u=1+8x ta cé: Khi x=0=u=1,
0
khix=1=u=9.

1% 12 29 13
Viy: T=—Vudy = =242 =22
4 8-!“ 83"

1 6
Chon A




SLE 00

-pE _
7 :r]

Dé thiy sin’x<cos” X Vxe z;z va sin“x Zcos* x,Vxe|—;—
6 4 43
Do d9 dién tich hinh phing cin tim la:

x

S= j( 1 L )dx+J( 1 de
SIT‘l X COS p COS X Sl?’l X

3 4

= (—cotx—tanx) };+
%

43 43 _,_ 83

=2+ + -2=
3 3 3

Chon A

IER L

(tanx + coDc)

Phuong trinh hoanh d6 giao diém |x - 1‘ |x| +5 & x=13 (thitra

nhin hinh ta thdy c6 hai giao diém ).
Do 36 dién tich cin tinh Ja:

j;“x]+5-—bx2 —1"&1:( =_3‘[(|x|+5—|x2 —-ll)dx

(Ta bd dugc tri tuyén d6i ngoai cing vi d6 thi ¥ |x|+5 G trén
y jx —1| ). Lic nay chi cin bdm médy tinh ta ra két qua B

Chon B

Hoanh d6 giao diém clia hai parabol & cho la nghiém clia phuang trinh:

-2x+2=x"+4x+5 ,chotax:%.
Parabok: (P):¥ = x*—2x +2 ¢6toa d6 diém cyc tiéu 13 (1;1) vd
Parabol: (P ): y = x* + 4x + 5 ¢ 6 toa do diém cuc tiéu 12 (-2;1)

Dién tich cin tinh la:
2
2

S=_j(x2+4x+5)dx+ (x2—2x+2)dx=§

B | e

—~(x*—4x+3),1<x<3
Tacs: y=|x* ~4x+3= (¥ -dx+3)1<x
P —4x+3,x<lvxz3

Dé thdy hoanh d6 giao diém clia hai dudng dd cho la x=0, x=4
cac tung d6 tuong ingla y =3,y =3.

|




1iép ciin phutong phip vicvan dung cab

Dién tich cén tim 1: § = dién tich hinh chit nhatOMNP - S,, trong dé: o o
i 3 4 B Ghichi ciaem
5= _[(x2~4x+3)dx+j—(x2—4x+3)dx+j(x2—4x+3)dx

0 1 3

= 2.(%—2+3)+(~3+6~3+%—2+3]:3%=4 {dvdt)

Va dién tich hinh chfi nhat OMNP =34=12 (dvdt). Vay S=8
{dvdt).

Chon C.
Chi )? sau khi tim dugc hoanh dd glao di€ém x =0, x=4 tacé dién

tich §= _[|3—|x —4x+3|Px j x —4x+3Ddx bdm mdy tinh dugc

ketquala&
1
Got S 1 dién tich cin tinh ta cé: S = j T dx
3x +1
1 1
j J' fx de=2 f‘x dx = 4]
xt +1 x+1 X +1 x* +1
1
Détu=x2,suyradu=2xdx,vé8=4f ——du=4I,
i +1
.y 1 ) dt
Dé tinh I=I ——du, ta lai dit u=tant, ta ¢ du= 53
LUt (cos 1)

Khin=0thit=0, khiu:lthitz%v‘a:

: :
Fia
I= = =— viy § =& (dvdt).
;!- tan® t+1 cos’t ! 4 7

ChonD
Chil y: c6 thé diing MTCT dé tinh nhanh két qua.
PE
Duding tron x* + y> =8 ¢6 tam O ban kinh 242
Dé thiy duong tron nay cit truc hoanh tai diém A(2+2;0) va it
parabol y* = 2x §2diém C, B d6i xting nhau qua Ox, v6i B(z-z)
GoiSladién tich tam gidc cong OAB tacé: S = J\/de+ I\ZS xdx

Taco: J x/ﬂdx—

Detmhjx,/S xtdx tadity = 2\/_51”;Z<;<§




Lic d6, dx = Zﬁcostdt NEI 8= 8sin*t =~/8cos’t = 2\2cost
Tii d6:

"

242 % 2 %
| V8-x"ax=] 2v2cost.2:2costdt =8 [costdt =8 1+cos2t o 2
’ A % H
) 2

Viy S=zx 3

Dién tich phdn con (OABC) 1a 28 = 27 +§

Dién tich phan con lai ¢in tinh bing dién tich hinh tron trit di 25, tdc
14 bing 8%—2%—% - 61:—% (dvde).
Chgn A,

Parabol la tip hgp nhiing diém céch déu tidu diém va dudng chuin.
Do d6 difm M (xy) & (P) khi v& chi khi:

2 v
(x—2)2+(y+%J =(y+g} & y=x"~4x+3. Phlidng trinh hoanh

d6 giao diém clia parabol (P) v 6i tryc hoanh Ia x¥*-4x +3 = 0,
cho ta hai nghiémx=1,x=3.
Goi S 12 dién tich hinh phing gi6i han boi ( P) va truc Ox thi:
3

s=j’(0—(x2—4x+3))dx=j(—x2+4x—3)dx
= |:2)4:2 —);—3—317] =% (dvdt).

1

ChonC

V6iy=x"-2x+2 ,tacédy=2x-2,
y'(3) = 4, dinh (diém cyc tiéu) cha
parabol 1a (1; 2). Phtiong trinh tiép
tuyén tai diém M(3;5) la:
y=4x-3)+5=4x-7.

Tiép tuyén nay cit tryc tung tai
diém (0; -7) va cit truc hoanh tai

diém A Z;o .
4
Goi S 13 dién tich cin tinh ta cé:

S=j(x2—2x+2)dx—d¢(AAMc)+dt(A0AB)
0

EED




AT ke L

Tiép cin phutong phap vivin dimg cao

g NP, :
_fx 2 1 7 17 N
= (?-x +2 } —E(S—Z]S‘FEE;' b--Ghi'Chiquaem'
o :
=9-9+6-24 8 o 2 _ 5 avay
8 8 8
ChonD
pER

|y B O |

1 7
= 16xjdl—x2dx = ltisirvlims2 xdx =4r*
\] 0
Chon C
DBai g4

Dﬁa vao tinh chét d6i xdng cta elip va dudng tron thi phai cé:
3 3

§= 4](\/9—38 —§J9 —x* ]dx = %ng —xdx
0 0

Chon B

2
z 2 y2=b2(1_z_J
Jc—+y—-—-1<:-.:~

2 2 2
@ b x2=a2(1_y_)
b
4 a 2 3 a )
°Vx=2ﬁjy2dx=2;rsz I_x_ dx = 27b? x_"x_z :475615 =4mzbb
0 0 a 3a 3 3
0
b b 2 3 b
4 =Vz=2”IIde=2ﬁazf 1-L | gx =22 y_.y_2
’ 2 ol B )\,
_4zba®  drab .
3 37
Vib>a nén Vx>Vy
Chon A

Khéng dinh (1) ta c6 f(x) < g(x),Vxe [2:b] nén d6 thi g(x)cao
hon d6 thi f(x) trén [a; b]. Do 6 dién tich tao béi d8 thi g(x),
truc hoanh va hai dusng thing x=a, x=b 16n hon dién tich tao
bdi dé thi £(x), truc hoanh vi hai dudng thing x=4, x=b nghia [a

IZf(x) dx<jzg(x)dx. Khing dinh (2) ciing dting.

ChonC




L -.UNG DUNG TicH PHAN GIAL BAI ToAN VAT.LY
VA BAI TOAN THUC TE |

Luuy 1. M6t chdt diém chuyén dong trén truc Ox vdi vin téc thay ddi theo thoi gian v = f (t)
(m/s). Quang duéng chit diém chuyén déng trén truc Ox tit thoi di€m ¢, dén thei diém ¢, 1

s=zf(t)dt.

Luuy2. Dién tich () 13 nguyén him ciia cuding 46 dong dién i(¢) tai thoi diém ¢ (s) nghia
lag= jidt .

Mot dam vi khudn tai ngdy thé ¥ ¢6 s lugngla N(x). Biét ring N'(x)=
d4u s6 lugng vi khufn 14 5000 con. Vay ngay thi 12 sé hiong vi khuén 1a?
A. 10130, B.5130. C.5154. *D. 10129,

pBAIZ: Mot 6 t6 dang chay déu vdi van t6c 4(m/s) thi ngudi ldi dap nhanh; tit thei diém do,
6 t6 chuyén d¢ng cham din déu véi van téc v{t)=-5t+a(m/s), trong d6 ¢ 1a khoing
thai gian tinh bing gidy, k& ti lic dap nhanh. Hbi tii ldc dap phanh dén khi diing hén 6
td di chuyén dugc 40 mét thi van téc ban ddu 4 12 bao nhiéu?
A. =40 B. a=80. C. a=20. . p.a=25

" Trong qua trinh lap rap ton cho mot mainha,
ngudi cdng nhan da vo tinh cit tAm ton di y 1
theo nhu hinh vé dudi day. Héi dién tich phan
ton ma ngudi cdng nhén dé cit héng la bao
nhiéu, biét ring ho da khdo st dudng cit hu
cédanghamsd y= f{x)=x"+2x+1.
A.5=81.75 {(dvdt)
B. §=74.25 (dvdt)
C. 5=79.35(dvdt)

=78.69 (dvdt)

I Ngudi ta san xuft mot chiéc cdc bing cichixoay mién phing gifla ¥ =2x" v
y=x+1 (x20)quanh tryc Ox. Hay tim thé tich vat li¢u cin di &€ lam nén chiéc cO¢
nay. Biét don vi dola cm.

A.V=4.7(cm3) B. V=4.817(cm3) C. V=4.527(cm3) D. V=4.327(cm3)
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Tiép ciin phuong phdp vé vin dung cdo |
E@i;g:ﬁ Ngudi ta chiing minh dugc néu lyc [3 mot gid tri bién thién ( nhu nén, 16 xo ) va duoc
xéc dinh bdi ham F(x) thi cdng sinh ra theo tryc Ox tif 4 t61 b 1a A= [ F(x)dx. Ngudi
ta tién hanh thi nghiém nén 16 xo dang & trang thai tu nhién di 1(m) xuéng con
0.75(m). Hay tim céng cia 1o xo khi biét hing s616 xola k=16N/m.
AO05(N/m) - B. 0.6(N/m) C. 0.7{N/m) D. 0.8(N/m)

% Ngudi ta tién hanh thi nghiém kéo cing mét chiée 10 xo bang mét Iyc 40N dékéo cing
mét chiét 10 xo ¢6 d6 dai ty nhién tit 10(em) dén 15 (om). Hay tim cdng sinh ra khi
kéo 16 xo tir do dai 15 (cm) dén 18 (cm).

A.1.357] B. 1.457 C. 1.56] D. 1.65]

:2 S6 higng d4m vi triing & ngay thit ¢ xdc dinh bsi N(2) véi N (t) =%. Biét rang
ngdy ddu tién ddm vi tring c6 2500 con. Tinh s6 lugng dam vi tring & ngay thi 20
(lam tron két qua dén hang trim).

A.11459 con. B. 8959 con. C. 10000 con. D. 3284 con,

Bai8" Gid st mot vat ti trang théi nghi khi #=0(s) chuyén déng thing véi van t6c
v(t) = t(5 n.t) (m/s). Tim quing dudng vit di dugc cho t6i khi né duing lai.
A 12 B. 125, ¢ 125, .12,
8 7 9
# M6t chét di€m A xufit phat tit vi tri O, chuyén dong thing nhanh din déu; 8 gidy san
né dat dén van t6c 6m /s, Tu thdi diém dé nd chuyén déng thing déu. Mot chit diém
B xuét phat tlf cing vi trf O nhung chdm hon 12 gidy so véi A va chuyén dong thing
nhanh dén déu. Biét ring B dudikip A sau 8 gidy (ké titlic B xust phat). Tim vin t6c¢
clia B tai thoi diém dubikip A. .
A.25m/s. B. 46m/s. C. 24m/s. D. 47m/s.

PBAITE: Mot 6 to xust phatvdivintéc o, (t) =2{+10 (m / s) sau khi di dugc mét khoang thoi gian
t, thibdt ngd gip chudng ngai vit nén tai x& phanh gip véivin téc v, () =204t (m/ s)
va di thém mét khoang thoi gian t, nifa thi diing lai. Hoi xe d4 di dugc quing dudng
bao nhiéu mét.

A. 57m. B. 104m. C. B0m. D. 125m.

s Mot vat chuyén dong cham dan véi van tdc EJ( t) =160~-10¢ (mf’ 5). Hai ring trong 3s
trude khi diing hin vit di chuyén dugc bao nhiéu mét?
A. l6m. B. 130m. C.170m. D. 45m.

* Hoc sinh l4n dau thi nghiém “tén lita ty ché” phong tit mit &4t theo phuong thing ditng
v6i vin t6¢ 15m /5. Héi sau 2,55 tén lia Ién d&n do cao bao nhitu? (gia sit bd qua siic
can gid, tén Iifa chi chiu tic déng ciia trong luc va gia t6c trong tridng 12 g=9,8m/s%)
A. 61,25m. B. 6,875m. C. 68,125m. D. 30,625m,

§ 247




ESE Vi khudn HP (Helicobacter pylori) gy dau da day tai ngay thi m v6i s8 luong1a F(m),
biét néu phét hién sém khi s6 lugng vi khuin khong viigt qué 4000 con thi bénh nhén
s& dugc cu chita. Biét F'(m) = 1000
2m+1 :
15 ngay bénh nhén phét hién ra bj bénh. Hoi khi d6 c6 bao nhitu con vi khuén trong da
day (l4y x4p xi hang thip phén thi hai) vi bénh nhin cé cliu chiia dugc khong? .

vi ban ddu bénh nhén c6 2000 con vi khudn. Sau

A, 5433,99 va khong ciu duoc. B. 1499,45 va ciju dugc.
C. 283,01 va ctiu dugc. D. 3716,99 va cliu dugc.

 Gid st sau ¢ nam, du én ddu tu thi nhit sé phat sinh 1oi nhuén véitdc dé P (t) =2 4+50
trim d6 la/nam, trong khi d6 du 4n ddu tu thi hai phét sinh loi nhuan véi t6c d6
P, (t) =200+ 5¢ trim dé la/nim. Tt Wc bit ddu dén lic t6c ¢ phat sinh loi nhuén cha
du 4n hai bing t6c d% phét sinh lgi nhuin ctia dd 4n mot thi lgi nhuin ctia du 4n hai

hon duy 4n mét bao nhidu?
A. 1690 trim do. B. 1695 trim do.

C. 1687,5 trim do. D. 1685 trim do.

| Mot vit chuyén ddng véi van téc 10(m/ s) thi ting ¢ véi gia téc a(t)=3t+1" (m/ s7).
Tinh quang dudng vit di chuyén trong khoang thi gian 10 gidy k& tit ldc bat déu ting téc.
p, 1450 .

A. 3600m. g. #3900 c 1750,
Chon B. 3 3 _
* Ngudi ta tdc dung mét luc cé dd 16n F (x) =+42x -1 vio mot cuc d4 ting. Tinh cong
sinh ra tit hic ndy, biét vit ndy di chuyén mét doan tit x=1 dén x = 5.

A.8,67 donvi B. 7,68 donvi C.: 8,96 donvi D. 9,68 donvi

: Mot 6 t6 dang chay déu vé6i van t6c 10(m/s) thi nguoiléi dap nhanh. T théi diém dé,
6 t6 chuyén dong chim d4n déu véivén téc o(#) =5t +10{m/s), trong d6 ¢ lakhoang

théi gian tinh bing giy, ké tit lic dap phanh. Hai tit kic dap phanh dén khi ditng han 6

to con di chuyén bao nhiéu mét?

A. 0,2m. B. 2m. C. 10m. D, 20m.

4000
_ 1+0,5t
phéng lic ddu ddm vi tring ¢6 250.000 con. Sau 10 ngly s6 lugng vi tring trong can
phong 14 (14y xdp xi hang don vi): .
A. 264334 con  B. 257167 con C. 258959 con D. 253584 con

: Mot d4m vi triing ngay thi £ ¢6 s6 ugngla N (t). Biétring N'(t) = , mét can

{ Goi h(t)cm la myc nude & bén chifa sau khJ bom nudc dugec ¢ gidy. Biét ring
h(t)= %fo-l-_S va lac dau bon khong cé nuée. Tim mic nude & bdn sau khi bom nuée
duge 6 gidy (1am tron két qud dén hang phén trdm):

A. 2,33cm. B. 5,06cm. C. 2,66cm. D. 3,33 cm.



Tiép cin phutong phip vitvin dung cao

20

BEZT Mot hat proton di chuyén trong dién trudng 6 biéu thitc gia t6c (cm’ /5) 1 a(t) =

2
(1+2¢)
v6i ¢ tinh bang gi4y. Tim ham vin t5c ¥ theo ¢, biét ring khi £ =0 thi v=30cm/s.

20

A 10 B. 10 .5 c(1+26°+30. b2 410,
1+2¢ 142t 142t

BBREZE Mot thiing ruou 6 ban kinh cc déy 13 30cm, thiét dién
vudng goc véi truc va cich déu hai déy la dudng tron 6
bén kinh Ja 40cm, chiu cao thiing rugu la 1m. Biét ring
mit phang chita truc va cit mat xung quanh thiing rugu 1a
cdc duding parabol, hoi thé tich cfia thiing rugu (don vi lit)
13 bao nhiéu?

A, 425,21,
B. 4251621
C. 2125811
D. 212,6l.

PBAIZZE Mot 6 t6 dang chay véi vin t6c 18m/s thi ngudi 14i ham phanh. Sau khi him phanh, 6 t&
chuyén chim dén déu véi van t6c v(t)=—36t+18(m/s) trong d6 ¢ Ia khoang théi gian
tinh béng gidy ké tit hic bt ddu ham phanh. Hai tif Kic ham phanh dén khi dling han, 6
t0 con di chuyén bao nhiéu mét?

A.3,5m, B. 5,5m. C. 4,5m. D. 6,5m.

PE3ZE Mot chat diém chuyén ddng trén truc Ox véi vén t6c thay d6i theo thai glan v = f(¢)
(m/s). Quéang dtio‘ng chét di€ém chuyén dong trén truc Ox tit thoi diém ¢, dén thoi

diém ¢, la s = f f t}dt . Tinh quang duding chét diém d6 di duge ti théi di€m t=1s

dén thoi diém t2 =25, biét ring v(t)=30-5t(m/s).
A.32,5m. B. 22,5m, C. 42,5m. D. 52,5m.

BEEZE Mot chit diém dang chuyén déng v6i van tc v, =15m/s thi ting van tdc véi gia tdc

a(t ) £+ 4t ( mis ) Tinh quing dudng chit diém d6 di dugc trong khoang théi gian
3s ké tii luc bat ddu tang vén téc:

A.67,25m. B. 68,25m. C. 69,75m. D. 70,25m.
BEAZ5E Mot vién dan dugc bin 18n theo phuong thing ditng véi vin t6c ban ddu 29,4m/s. Tinh

quéng dudng vién dan di dugc tit lic bin lén cho t6i khi cham d4t, bidt gia tdc trong
tridng 1a 9,8m/s%:

A.88,2m. B. 44,Im. C.22,05m. D. 176,4m.

DEIEE Mot chiée xe hoi dang di chuyén v6i vin téc 54 km/h thi phét hién phia trudc ¢é 1
chudng ngai vit trén duding cdch khoang 20m, nguai I4i xe quyét dinh him phanh, gia




sti sau d6 xe chuyén ddng cham din déu vdi phuong trinh vén tdc v = —6¢ + 15 (m/s):
Khi xe ditng hin thi khoang cich giita xe va chudng ngai 1a bao nhiéu?
A. 1,35m. B. 1,25m. C. 1,45m. D. 1,15m.

75 Mot cong ty c6 2 dudn ddu tit 12 @ va @, . Gid st sau mét thoi gian ¢ nam thi dy 4n thu
nhat phét sinh lgi nhuin véit6c dé 12 Q, ( t) =100+£* (traim d6 la/ndm) va dy 4n thi 2
phdt sinh 1gi nhudn v6i tdc d6 12 O, (¢)=15¢+284 (trim d6 la/ndm). Tinh lgi nhudn
vigt thyc t€ tii Iic ban ddu t6i khi téc 36 sinh 1gi nhuan dy 4n thi 2 vugt bang du 4n

dau tu thit nhat.
A. X8p xi 5243,83 (tram do la). B. X4p xi 4243,83 (trim 46 la).
C. Xap xi 4143,83 (triim d6 la). D. X4p xi 4144,83 (trim d6 la).

pBaiZ8: Thoi gian va van t6c ciia 1 vat khi né dang trugt xudng trén mit phing nghiéng c6
L gl g g phang nghieng

2 i i
md&i lién hé theo cong thic: 1= | 203 dv(giay). Chon goc thoi gian 14 ldc vét bit ddu
_3y )
chuyén déng. Hay tim phuong trinh vén t6c clia vat:
20 20 20 20
Av=—- B.v=—t-—=
3 3 ,‘e."il - 3 3 631
20 20 20 20 20 20
C. v=——-———=hodcv="rt+—p= D.v=—+-
3 3 e3t OaCV 3 3 ,‘eSr v 5 3 fe3r

: Tap doan ddu khi Viét Nam PVC dy dinh d4u tu mét khu sin xufft, ché bién dau tho tai
Quéng Ngai. Gid sl sau ¢ ndm dau tu, du 4n ddu tu 18n mét sé phét sinh 1gi nhuén véi
téc do P, ( t) =50+¢* tram ddla/nim, tiép sau dé du 4n 1an Vhai sé phét sinh lgi nhuan

véit6e dd P, (t) =200+ 5¢ trim doéla/n3m. Biét sau thdi gian + ndm thi té¢ d§ lgi nhuin

cia dyf 4n hai bang mét niia véi téc 49 lgi nhuin véi dy 4n mét. Tinh lgi nhudn vugt
thuc t€ cho khodng thoi gian trén.

A.6674,6 do B. 6576,4d0 C. 5676,4 d6 D. 6679,4d6

: Trong gi®h thyc hanh mén Vat Li. Mt nhém sinh vién da nghién cfiu v& su chuyén
dong cla cac hat. Trong qua trinh thyc hanh thi nhém sinh vién nay dd phét hién
mot hat proton di chuyén trong dién trudng véi biu thuc gia tdc (theo em/s”) I
a=-20(1+2¢)”. V6i ¢ dugc tinh bing gity. Nhém sinh vién di fim him vin tc v
theo £, biét ring khi £ =0 thi v=30m/s". Héi biéu thiic ding14?

Av= 10 +25 lem/s* B. v= £+20 em i 5
1+2¢ 1+¢

Cov= 10 +10 |em / 8 D. v= 10 +20 [em/s?
1+2¢ 1+2¢

' Nguoi ta té chiic thyc hanh nghién ciu thi nghiém bing cich nhu sau. Ho tién hanh
quan sdt mét tia lita dién bidn tit mit d4t 1én vai van t5¢ 15m/s. Hai bifu thiic vin téc
chia tia li3a dién 1a?

Av=-98t+15 o B. v=-98t+13

C.v=98t+15 D. v=-98{-13

|



Tiép cin phutong phap vé.vin dung cao tiong

PBAET; Ngudi ta t6 chiic thyc hanh nghién ctiu thi nghiém béng cich nhu sau. Ho tién hinh
quan sat mét tia lita dién bin tif mit ddt bén 18n vdi van t6c 15m /5. Hoisau 2,5 gidy thi
tia lita dién d4y c6 chiéu cao la bao nhiéu?

A.6.235(m) B. 5.635(m) C. 4235(m) D.6.875(m)

PBaIZE; Mot vat chuyén dong c6 phuong trinh v=5+at{m/s). Hai sau thoi gian 5 gidy thi vit
chuyén déng quéing dudng 132
A.147,5(m) B.157,5(m) C. 137,5(m) D.127,5(m)

Trong mach mdy vi tinh, cudng do dong dién (don vi mA ) 1a mot ham s8 theo thoi gian
f nhut sau:7=0.3-0.2¢. Hai tdng dién tich di qua mét diém trong mach trong 0.05(s)
12 bao nhigu?

A.0.013(mC) B. 0.014({mC) C. 0.01475 (mC) D. 0.016(mC)

PBSISE Hiéu dien thé di qua tu dién c6 dién dung 8.5(nF) it trong mach thu séng EM gin
bing 0. Néu cudmg do dong dién i = 0.042¢ (mA) nap vao tu. Tim hiéu dién thé sau 2us

A.9.22(uV) B. 988(nv) C. 9.55(nV) D. 9.44(nV)

B3i36¢ Trong mach cic may tivi, cdo‘ng d9 dong dién (don vi mA) 1a mot biu thic ham s6 theo
thyi gian ¢ cho nhui sau:i = 0.5-0.1¢. Héi dién tich di qua mét diém trong mach trong
théi gian 0.03(s) 1a bao nhiéu?

A.0.024(mC) B.0.015(mC) €.0.017{mC) D.0.016(mC)

' Mot vt chuyén déng véi van t6c v(t) = 1~ 2sin 2¢ (m /). Tinh quing dung 5,(m) ma
vit di chuyén trong khodng thoi gian i thoi diém =0 (s) d&n thoi diém ¢= T(S)'

A.S:EE-—I. B_S=3_ﬂ-. C.S=3—E+1. D.S=£.
4 4 4 3

BB3IIE Mot nha sén sudt tim lop kim loai bing ton ¢6 chifu rong 28inch va cao 2inch, bé mit
tdm lop dugc dan bing méy theo chuong trinh may tinh 14p trinh trudc ma tép hop cac
diém trén bé mit tdm lop déu thudc d6 thi ctia hiam s8 y= sinZX | T moét tdm phoi
kim loai phing c6 chiéu dai W. Tinh chiéu dai cn thi&t clia té’m7phc“)i kim loai dé€ ché
tao dugc tdm lgp theo yéu cdu trén, biét ring 49 dai chia dddng cong y = f(x) trén doan
[a;6] duoc xc dinh bi cong thitc L= [1+[f ' (0)]dx,




PEEBT Mot vien dan dugc ban 1én theo phuong thing déng véi van téc ban dau la 25m/s . Gia
t6c trong trudng la 9,8m/ s’ Quing dudng vién dan di dugc tii lic bin 1én cho dén khi
cham 44t la:

3125 3125 125 6250

B.s=—""m ——m.

. , 8 . Cs=—m. , 8=
98 49 49 49

9t x6 nudc bi ri ¢6 trong lugng 5N dugc ning 1én khéng trung 20(m) véi tdc do <6
dinh. Biét luc nang x4 nudc 12 x véi x la khoang tif x6 nudc t&i mét ddt. Hoi cong sinh
ra khi ta bé qua trong ligng x4 nude biang?
A.20] B. 25] C. 30] D. 35]
: Mot nha nghién cffu udc tinh rang sau f gio ké tit Oh dém, nhiét d6 ctia thanh phé Hé

2

Chi Minh dugc cho b&i ham C(t)=40-§(t-10)2 (d6 C) v6i 0<t<24 Nhiét d6
trung binh ctia thanh phd tii 8h sdng dén 5h chiéu la
A 31° B. 31,33° C.33,47° D. 33,33°

: Bén xe Quyét Thing quyét dinh sé d4u tu mot khu Trung tim thuong mai Quyét Thing
Mart tai trung tdm Thi trdn Van Gi&, huyén Van Ninh, tinh Khanh Hoa. Gid st nhu sau
nim d4u tu, Igi nhudn phét sinh trong 14n d4u tu d4u tién véi téc do 1a B (n)=2n" +5
tram do6la/nam, ti€p sau d6 la du 4n ddu tu lan thi hai thi phét sinh 1gi nhuén ¢6 téc d6
P, (n) =20n+170 trim déla/nim. Tinh lgi nhudn vugt thyc t€ cho khoédng théi gian
trén, biét sau thoi gian 7 nim thi t6¢ d6 1gi nhudn cta lan d4u tu hai gép 10 Iin téc d&o
loi nhudn 14n dau tién.
A. 345 tram 46 B. 456 trim do6 C. 567 tram d6 D. 678 trim d6

i3: Mot hat electron c6 dién tich am1a 1,6.107°C. Ngudi ta tién hanh téch hai hat electron
ti 1pm dén 4pm. Héi cong sinh ra 1a bao nhiéu?
A.1,2.107] B.1,728.107%] C. 1,928.107%] D. 1,38.107%]

T'=0.001#* —0.28* +25. Véi t1a gitrva dugc tinh tit lic gifta trua (~12<¢<12). Héinhiét
d6 trung binh ctia ngay hom dé la bao nhiéu?
A14.7°C B. 13.7°C C. 15.7°C D. 16.7°C
BAi45; Qua theo doi dién bién sin xu4t Iia gao § huyén V tif d4u nim dén nay, t8ng san luong
lta ciia huyén V dang ¢ vy Hé-Thu dugec mod ta bdi Ty, (x)=175x" +275 (tin) va chi
bing 75% so véi chi tidu ca vy Poéng-Xuan T, (x) =100x* +400x+900 (t4n). Tinh
san lugng thuc té trong thdi gian sdn xudt, biét ¥ 13 s& thang san xudt (1 <x< 12).
A. 6780 tin B. 5670 tin C. 4560 tin D. 3300 tin

VBAl%E; Vi khuén HP (Helicobacter pylori) gay dau da day tai ngay thit m véi s6 lugngla F(m),
biét néu phdt hién sém khi s6 lugng vi khufn khéng vugt qué 5000 con thi bénh nhin

4000
513 va lan ddu di khdm bénh nhén ¢ 2550 con vi

sé dugc citu chita. Biét F'(m)=

s |



Tiép can phuiong phap visvin dyng
khuin. Sau 15 ngay bénh nhén di khém lai. Héi khi &6 c6 bao nhidu con vi khusn trong
da day va bénh nhén ¢6 cftu chita dugc khong?

A. 50508 va khéng ciiu dugc. B. 14499 va citu duoc.
C. 62283 va khong cdu dugc. D. 7346 va khéng cdu duoc.

b

Cong ty A cé mot dit 4n déu tu, sau thoi gian.# ( nim } ké tut khi bt ddu du 4n nay cho
loi nhudn K(#) va téc d sinh loi nhugn 1a K'(#)=100(£ +*) ( triéu déng/ nam ).
Tinh lgi nhudn cong ty A thu vé tii dy 4n nay & nam thi 10.

A. 2833 triéu. B. 28333 triéu, C. 283333 tridu. D. 283 tridu.

DB3i48: Nhip trung tam ciia ciu Cdng Vang tai San Francisco ciia My dai 1280 (m). Chiéu cao
cta toa thp 1a 152(m) tinh tir mat dudng. Hoi cép treo chinh gitta hai tda thép c6 chidu
dai 1a bao nhiéu? Biét ring mét cap treo ty do cé hinh dang day chuyén. Dang téng qué

a (e“" +e™ )

2

cta ddy chuyén nay I3 t6ng ctia hai ham s6 ma y =

1280m

Nhip trung tam ctia cdu Cong Vang

A.1320(m) " B. 1323(m) C. 1325(m) D. 1327(m)

pBEEE Néu luc 1a mot gia tri bién thién (nhu nén })(‘) xo0) va dugc xdc dinh bdi ham F ( x) thi
cbng sinh ra theo truc Ox tiatdibly A= IF (x)dx {don vi la Jun (7)). Mot con lic 1o
x0 dang & trang thai ty nhién thi dai 1m va khi bi nén bi mét Ic thi né chi con 0,65cm,
biét d6 cling chalo xo1a k = 16N / m. Hay tim cbng sinh ra lic nay. Cho biét néu hic F
dung d€ kéo cing 16 xo di mét khodng x don vi so véi trang thai ban ddu cha 1o xo thi
Fcddang F =kx,v6i k 13 36 ciing 16 xo.
A 1] B.0,5]. C.0,98]. D.06]T

7] Jak80; Ngudi ta dit vao doan mach mot hi¢u dién thé xoay chiéu u = u, sinz?ﬁt . Khi do6 trong
mach c6 dong dién xoay chiéu i =1, an[Z?yzt + (0) vGi @ 1a d6 léch giia dong dién va
hiéu dién thé. Hay tinh céng cda dong dién xoay chiéu thuc hién trén doan mach dé
trong thoi gian mét chu ki

A, UOIO

ur
Tcos @ B. u;ID Tcosp C U—f:'QTcosqa D. —~;—°Tcosgo

| 253




] T . (=
FES51L Ngudi ta tién hanh mét thi nghiém. Cho mét dong dién xoay chiéu 1=1, sin (?H o
chay qua mét mach c6 dién trd thudn R. Hay tinh nhiét lugng Q tda ra trén mach do
trong thoi gian chu ky T.

2 2
ARL, Ry, c o, p. X
2 3

3

i Mot nha nghién cttu khoa hoc d tién banh thic nghiém nhu sau. Ong udc tinh ring
sau thoi gian ¢ gi¢ k& ti lic Oh dém, nhiét d4 ctia mot thanh phé nio dé cho béi ham

C(t)= 3—2(1‘—-13)2 ,0<t<24 Hiy tinh nhiét do trung binh cfia thanh phé gitta 6h sang

va 4h chiéu.

A.-5.22°C B. 4.22°C c.—3ﬁ22°c D. -2.22°C

¥ Mot cong ty s& hitu mot loai mdy, biét rang sau thai gian tnéin thi né sinh ra doanh thu
R(t) o6 t8c 46 doanh thu 1aR’{#)=5000-20t" d6 la/ ndm. Bi&t chi phi boat dong va
chi phi bao dudng clia may sau ¢t nam1a C (1‘) c6 téc @6 1a C'(t)=2000+10¢* 6 la/
nim. Héi sau bao nhiéu nim thi may khong con sinh 13 nita. Tinh tién lai thyc sinh ra
clia mdy trong khoang thdi gian tit I bat ddu dén khi mdy khong con sinh l14i.
A.10000 d6 B. 15000 6 C. 20000 g6 D. 2500046

i Mot ngudi ban tap héa nhin mét kién hang gém 10.000 kg gao va s8 gao sé ban hét
trong vong 5 thing, véi téc dé 2000kg / thing. Néu chi phi luu trit 13 1 cent / kg / thing,
thi ngudi d6 phai trd bao nhiéu chi phi kuu tril trong vong 5 thdng,

A5d6la B.10dola C 15461 D. 20401a

7353 Tai mdt nha mdy nao d6, ngudi ta uéc tinh ring khi san xuit va ban q sin phim thi doanh
thu c4n bién 13 ~44+4000(LISD/ dvsp va chi phi cin bién Ia 29— 1200{USD/ dvsp.
Biét ring khi sin xudt vi ban ra 5 don vi sén ph&m thi1gi nhuan thu dugcla 50000 (USD).
Hiy biéu dién ham lgi nhuin va nha sin xudt nén san xudt bao nhiéu san phém &€ loi
nhuén thu dugc 12 16n nhit va tim lgi nhudn l6n nhit d6.

A.P(866,7) B. P(886,7) C. P(863,7) D. P(888,7)

=k i ? : 1 =+, i =t
Av==ve™ B.o=ve™ Qo= D.v=—vue™

WB3EST Mot luc 1200N nén 1 xo tii chiéu dai ty nhién tit 18(cm) xudng con 16(cm). Hbi cong
sinh ra 12 bao nhiéu néu ta tiép tuc nén 16 xo tit 16{cm) xudng 14(cm).

A.3600(N/m) B. 3700(N /m) C. 3800(N/m) D. 3900(N/m)

|



Tiép ciin phutong phdp vé vin dung

WBAIZE: S6 Tugng vi khudn HP (Helicobacter Pylori) c6 trong da day clta m6t ngudi bénh sau

»_ 1000
thdi gian t (ngay) 14 1 (t) ,trong 6 [ = %13 Mot ngudi bi dau da day do vi khudn

HP gay ra. Khi di khém l4n thit nht, bing cich xét nghiém biét dugc ngudi nay c6 2550
con vi khuén HP trong da day nhung Iic ndy co thé chua phat bénh. Biét ring néu trong
da day ngudi bénh c6 trén 50000 con vi khusn thi ngudi bénh sé & tinh trang nguy hiém.
Hoi néu sau 15 ngay ngusi d6 méi di kham lai thi trong da day cia bénh nhén nay c6
bao nhiéu con vi khuin va bénh nhan c6 dang trong tinh trang nguy hiém khéng? Néu
<6 thi s6 luong vi khudn HP &4 vugt qui ngudng an toan la khoang bao nhiéu con?
A.Khong. B. C6; 433con. C. C6; 733con. D. Cé; 533con.

: MOt vat thé dang di chuyén xudng trén mét mit phing nghiéng c6 phuong trinh biéu
difn métlyc tiled s = j Tl—vdu Tim vén téc U Ia ham s6 theo ¢ néu nhu vit bit ddu

di chuyén tit trang thai nghi.

Ao=20(1-¢") B.v=15(1-¢") C.o=10{t-¢") D. v=5(1-¢")
sin (th)

2+ cos(7t)

Cong sudt dién p tao ra tit mot dién trd nio d6 x4c dinh bai:p = 3_[
Vi t 1a thei gian. Hay biéu dién p 12 mét ham s6 theo .
3 3
=—(In(2+cosmt) |+ K =——{In(3+cosxt})+ K
Ap==(in( ) B. p=——{in( )

C,p=—%(ln(2+cosart))+K D. p=%(ln(3+cosmf))+1<

i 2 +4
PBaisT; Mot vat chuyén dong véi van téc v(t)=1,2+ 13 {m/s). Quing duéng vat d6 di duoc

trong 4 gidy dau tién bing bao nhiéu? (Lam trén két qua dén hang phan trim).
A.18,82m. B. 11,81m. C. 4,06m. D.7,28m.

PEAI62: Ban Nam ngdi trén mdy bay di du lich thé gi6i va v4n tdc chuyén déng cia may bay la

v(t)=3t"+5(m/s). Quing dudng miy bay di dugc tit gidy thi 4 dén gidy thi 10 la:
A. 36m. B. 2521 €. 1134m. D. 966m.




'Iheo bairataco:

[N (w)x= [220 dx = 2000.0nfx 41 +.C
Ta co:

N(x) =2000.1n1+C =5000

= C=5000

= N(x)=2000.In|x +1|+5000

Ngay thit 12: N (12) =2000.1113 + 5000 = 10129,9,
Chon D.

Khi xe ditng thi van téc bing 0 = -5t +2=0 & t=§
Ung dung tich phén ta cé:

§= j|v|dt j|—5t+a[dt j (-5t +a)dt= —§t2+at

=-20 (logi

S—d0me i-40|” (loai)
10 2=20

Vay a=20m/s.

Chon C.

~ s |

Ta c6 phan ton cat hong duge bifu dién sau day:
¥

X
Theo kién thic tich phéin 43 hoc, ta c6: Dién tich j f
Ap dung, ta cé:
1 CoE
X 4
S = -!(x3 +2x+1)dx= Z+x2 +x It =81,75 (dvdt).
Chon A.

[ETE1




AR b s e AR v e

Tidp ciin phusong phdp vavin

Phuong trinh hoanh d$ giao diém:
=1
23 =x+1 25" —x-1=0¢ (2x+1){x-1)=0 @[x 05
x=-0.
Vigia thuyét x20 néntachon x=1.
Nhu vay thé tich vét lidu dugc tinh béi:

V= fr:[[(x-r-l)z —(2x2)2jdx = x.:{(xz +2x+1—4x4)dx

3
I ) | =23—E=4.817(cm3).
3 5 o 15

Chon B.

Chat y: trén 0;1] ta cé =412 22° nén ta c6 thé phé tri tuyét ddi

(w + 1)2 - (2$2 )2 .

Tacd: F=16x,

0.25
]

025
Viy nén céng A = J' 16xdx=8x"| ~ =0.5(N/m).
0

Chon A.

Ta quan sét hinh sau:

Khi chi€c 16 xo bi kéo thém mét dogn x(m) so véi d¢ dai t nhién

thi chiéc 10 xo tac dung lai véi mot hic f(x)=kx.




Khi kéo cing 1o xo tit 10(cm) dén 15 (cm)thi né din ra mét doan
5{cm)=0.05(m). Lic ndy, ta cé: '

f(x)=kx=f(0.05)=40 :;0.05k:40:>k:§-gg=800

Do d6 f(x)=800x va cong sinh ra khi kéo 16 xo til 15 (cm)dén
18 (cm)la; '

0.08 xz o
A= [ 800xdx =800=—|"" =156 ].
005 2 205
Chon C,
1
Ta c6 N(f)=f§%dt=5001n|2t+8|+C. & ngay thi nhit c6

2500 con vi tring nén N{(1)=5001n[2.1+8/+C = C=1348, do d6
N (20)=5001n2.20 +8|+1348 = 3284 con.

Chon D,
pRaiEE
t =0 (logi
Vatding laikhi v=0=#(5-1)=0 s )
Suy ra thoi gian vat dila 5s. -
i 5 5 125
Ung dung tich phin tacé: S= _Hvldt = j|t(5—t)| dt = < ™
0 [

Chon D.

A xudt phit tai t=0

B xudt phattai =12

A gip B tai £=20

Tit 0s dén 8s A chuyén dong nhanh din déu nén:
0=b 3

=gaf+b= =—t.
a=h {6=u.8+b:>v" 1
8
Quing dudng ma A di duogc la: sA=I%tdf+6.12=96.
0

Vi B chuyén dong nhanh din déunén v, =mt+n tai £=0, v, =0
suyra n =0 do d6 vy, = mi

8 3
=:>sB=jmtdi‘=m—1L2 =32m =96
0 2 0
=m=3
=v, =3t
Do d6 v, (8)=3.8=24.
Chon C.

-




Tiép ciin phuong phdp va vin diing

Ban du chay véi vin t6¢ v, trong khodng théi gian £, va khi } Ghi chd cta em
phanh 6 t6 chuyén d¢ng sau khodng thoi gian £, thi xe ditnglai, tai théi
diém phanh xe thi o, (=)
v (t)=2t,+10=20 ¢ =5. |
Khi xe diing hin thi 2, (#,})=20-4t,=0< ¢, =5,
Tacé: v(t)=s"(t)=s= _[v(t)dt
Quiéng dudng ma xe di dugce la:

=20 ciing chinh 1a van téc cubdi clia v,,do d6

4=5

s= | (2t+10)dt+‘2f5(20—4t)dt=125(m).

Chon D,

Khi vit diing hdn: 160-10t =0 ¢ =16,

Quéng dudng vit di chuyén dugc trong 165 1a:

S=|" (160-10¢)dt (m)

Quiéing dudng vét di chuyén dugc trong 135 ddu la:
5,=[°(160-10¢)dt (m)

Quéng dudng vit di chuyén dugc trong 3s trude khi ditng han 1
S5-8,=45(m).

Chon D,

v=0,+gt=15+9,8¢

25
Sau 2,55 tén lita 3 d6 cao la: S= _[0 (15+9,8t)dt =68,125m.
Chon C.

86 con vi khu#n sau 15 ngay bi nhiém bénh la:
5 1000
2m+1

2000+ | dm =3716,99 (con) = citu duoe.

Chon D.

Bdu tién ta phai hiéu ring lgi nhuan 2 nguyén him ciia téc do phat
sinh lgi nhuan.

Khi du 4n ddu tu thit hai c6 téc d6 sinh lgi nhusn bang dy 4n d4u tu

t=15(tm)
thit nhit thi:#> —5¢ - 150 =0 (¢>0
4t thi: 42 —5¢ (t> ) @[t=—10(1)




Lgi nhuan dy 4n hai hon dy 4n mot la:
[(200+5¢)at - [ (£ +50)dt = 1687,5.
0 0

Chon C.

i

Quiing dudng mdt vat di chuyén trong khodng thi gian tif thoi diém

t =1,(s) dén thoidiém ¢ =¢(s) v6ivan tdc v(f) m/ s dugc tinh theo cong .

thic s= [¥(#)dx. & day vn t6c ¥({) 12 nguyén ham clia gia tSc a(t).

Chon B.

B
A

fes
Trude khi gidi bai todn nay, ching ta cin luu ¥ diéu sau. Trong Vit :
Li, cong dugc hinh thanh khi mét Iuc téc dong vio mét vét va gy ra sy di :

chuyén, vi du nhu ddy ban, i xe dap,... Néu c6 mét luc bién thién, thay déi ; .

ta diing tich phan dé tinh céng sinh ra Iiic nay. Ta s€ diing cong thic sau:
b
W= J‘F (x)dx
O day, F(x) lalye.

Ap dung vao bai. D€ giai quyét Bai ndy, tacdn tinh: [ = JVZx —1dx.
Dit u=2x-1= du=2dx. !

Rl ws

s 26
1 3

Vay ta dugc: du—d I—5«/2 id —15 éd _12
Iy .-7-— X = —.1[ x— x—E_!u u-—E.—s—u

Nhu vy, cOng sinh ra 1a 8,67 don vi.
Chon A.
N |
Khi vat ditng hin; v=10-5t=0=t=2. :
Til Itc dap phanh t6i lic ding hin, 6 t4 con di chuyén duoc quing !
duongl: §= [ (-5¢-+10)dt=10m. :
Chon C,

6 lugng vi tring sau 10 ngay sinh ra la:

p= jﬂlﬂ 4000

1+0,5t
Vay 6 lugng vi triing sau 10 ngay trong cin phong la:
P +250.000 = 264334, 1.
Chon A.

‘dt =14334,1.

o |




Tiép ciin phuong phip v vin

“Ta cb h(ﬁ) I3 muc nudc & bdn chita sau 6 gidy. Vi ban ddu bén Ethi—.thaf.‘c:ﬁa"-ém‘; i
khoéng cé nuéc nén h(O) = 0, do d6 miic nu6c & bén sau khi bom nuée
: ol1
duge 6 gidy 1a: /:(6) =h(6) -1 (0) = | g%/t+8
- ChonC.

L A s At PP

dt =2,66cm,

i WL R RTLE 16 o 1.3

., -20 10

, Taco: v (t)=a(t) suy ra U(f)=_‘-(1+2t)2 dt=1+2t+C
Theo bairatacéd: 30= 1720 +C=C =20
Suy ra ham vén t6¢ theo ¢ 13: 0 +20.

1+2¢
Chon B.

Cac dudng xung quanh

thing rdgu 13 cac dudng
parabol. Dt thiing rigu nim
ngang va chon hé truc cé géc
toa do 1a tAm cia ddy, truc
hodnh 1a truc d6i xing cla
thing rugu.

Goi dudng parabol d6 cé
dang: Y =ax"+bx+c

Theo bai ra ta cd dudng
parabol ndy sé di qua céc diém (0,9,3),(0,5;0,4), (1,0, 3).
Suy ra: y—-zx +2x+—§m
5 10
Thé tich thiing rugu chinh 14 thé tich hinh phing giéi han bai dudng
thing y=;52-x2+§x+i%;y=0 ; x=1:

V= :rj’ “2x2+3 +i =20 (1%) = 425, 21
57710 1 1500

Chon A,

Ly m&c th¥i gian 1a lac 6 t6 bit d4u him phanh. Goi T 1 théi didm
0 t6 ditng. Ta c6 v{T)=0 suyra 36T +18=0=T =0.5(s).

Khodng théi gian tt ltic ham phanh dén lic ditng hin ciia 6 t6 o
0.5s. Trong khoéng thoi gian d6, 6 t& di chuyén duigc quing duodng ta




°F 0,5
= | (36t +18)dt = (18 +18¢)|  =4,5(m).
§=J(6r+18)dr=( )| o =450m
Chon C.
¢ 5¢2
s=[(30- St)dt— 30-=- " =22,5(m)
1 1

Chon B.

Ta c6 v(t):fa(t)dt=§+2t2+0 tal ¢ =0 thi 7, =15m/s
3

nén v(t) = 15+-t—-i-2t2.
3

3 3 4
s=] PTLAIPTR P CPNLANE. o o
173 12 3

Chon C.

=69,75(m)

0

Tacd v=29,4-9,8¢ vdi t 14 thdi gian (s).
Tai thoi diém vién dan ¢ dd cao 16n nhit thi:
v=0629,4-9,8 =0 t=3
p 3
5=2[(29,4-9,8¢)dr =2(29,4-4,9¢" )| =88,2(m)
¢

0

Chon A.

(5)

Ta c6 54km/h=15m/s. Xe ditng hin lic v = 0 nénsuyra t =
Quing dudng ma xe con di chuyén it khi hdm phanh la:
5

m|cn

:3'—5 6t +15)dt = O < 20
—f(_ + ) —-Z-m< m

Khoang cich cha xe va chudng ngai vét la:
QU—EI E =125.
4 4

Chon B.

Thcﬂ diém ma téc d6 sinh loi nhuan duy 4n thd 2 vugt bang du an dau
tit thit nhat thda man;

=23 (nhé
100+t2=15t+284 o= f -15t-184=0 <:>|: (n l,ln)

t=8 (logi)

|




Tiéh céin phuong phip vivin dung cao
Lo‘inhuénvuctmm:té'tl'iiﬁcba.ndﬁu(t=O)Choto'ii(t=23)le‘1: :
Ghichtichiaem
j 0, (1), ar= j 1518402255 24863 _ 4143,83 (trim do 1a) <

Chon C.

Tachd: £=]

2 dv=—31n|20—3z;1+c, CeR.
20~3v 3

2 2
Lict =0 thivitcévantSclaOsuyra: 0 =—§1n20+C «C =§1n20

Hay:? :—§1n|20—3vl+~§ln20 = ln|20—3v} = ln20—gt

20
4:)|20—3v|— NEd
20 20 20
20-3v=-— U=——-p== (nhin)
& Ve o 3 3ve”
20-3p <20 20

20 20 ,
LT g

Loai vi phiong trinh thi 2 khéng thé cho dugc gid trj v =0 tai
t=0.

Chon A.

Khodng thdi gian d€ t6c d6 sinh 1gi nhudn &€ du 4n hai bang mdt
nita dy 4n 14n mot khi:
P (t) =2F, (t)
< 50+ =400+10¢
&2 -10t-350=0
t= 5+5J_
t=5-5{15

=t=5+5/15 ndm.
Loi nhuan gt trong khoang thdi gian 05 £<5+ 5v15 sé xbe dinh

béng tich phén sau:
545415 5+5415
L= [B()-R(6)]dt=" | [(400+10t)~(50+1*)]ar
o545 °

= j (350+1Ot—t2)dt
0

545415

=(350t+5t2—%t3)0 ¢

Chon A,

=6674.6




Trudc hét dé gidi bai nay ta chd y biéu thic van t8c ¥ theo thoi gian

t ¢6 gia toc 4 Ja:

U= J'a dt
Ap dung cong thiic trén, ta cé: U= _[adt J—dt
(1+2¢)
Pén day ta dit:
=1+2t=>du=2dt:>dt=§2£

_j—-—du J—IOu’Zdu—E+K-£ K.
1+2¢

Voit=0. v=30=K=20,

Viy biéu thifc vén t8c theo théi gian la:

v= —-&-1-20 cm /st
1+2¢

Tia léia dién chiu sy téc dong cla trong luc hudng xudng nén ta 6

gia tdc a=—9,8(m/sz).

Ta c6 biéu thiic van t6c ¥ theo thoi gian ¢ ¢6 gia téc # la:
= [adt = [-9,84t =—9,8t+C.

o] dﬁy,véi:f=0,v=15m/s =C=15

Vay ta dugc biéu thiic vin toc cé dang: v=-9,8t+15.

Chon A,

Tia hia dién chiu sy tic déng chia trong luc huéng xuéng nén ta cd

gia toc a=—-9,8(m/52)_

|

Ta ¢6 bigu thiic vén tdc ¥ theo thoi gian 1 6 gia téc 4 Ia:
v=[adt=[-9,8dt=-9,8¢+C.

O day, véi: £=0,0=15m/s=>C=15

Viay ta dugc biéu thiic vin toc ¢ dang:

v=-98t+15.

Ly tich phan biéu thiic vin t6c, ta sé c6 duge biéu thiic quing duong:
s= _jvdt

= (9.8t +15)at

=—4,9# +15t+K




Tiép ciin phutong phdp vavin

Theo d& bai, ta duigc khi t=0=>5=0= K=0.
Viy biéu thiic toa d6 cha quing dudng 1a:
s=—4,9" +15t.

Khi £=2,5(s), ta sé dugc s =6,875(m).
" Chen D,

Muén tim quiing dudng, ta 14y nguyén ham van téc, ta dugc:
5= _[vdt = J'(vo +at)dt = J(5+ at)dt.

Do d6, quang dudng c6 biéu thitcla: s = vot-l—%atz +C.(1).
Khit=0=s5=0=C=0.

; Theo d& bai: ¢=5(s), a= 9,8(m/52). Thay vio phuong trinh cia
: (1) ta dugc:

5=55+29,85 =147.5(m)
2
Chon A,

Ta ¢6 biéu thiic toa d9 g nhu sau:

q=[iat=[(0.3-02t)dt =03t —0.1F + K.

Khi t=0,q=0= K=0,

Viy ta c6;

g=0.3t-0.1#

Brcoos = 0.3%0.05-0.1x(0.05)’" = 0.01475 (mC)

(Pon vi do {4 mili-coulomb vi cudng do doéng dién i la mA),
Chon C.

Ta c6 hiéu dién thé V.. ¢6 bidu thic nhu sau:
1.
Ve=s [at.
nF=10"F.

Ta luu y cdc dai ligng Vit Li sau:{1us =107%s.
Ta cé: 0.042¢(mA)=0.042x10°t ( A).

-3
V. < 0.042x10

2
o Wftdt=4.94x103%+K=2.47x103t2+K.
DX

Theo gia thuyét: t=0=V,.=0=K=0.




Do dé:
V. =247x10°

Vay khi t=2us, ta sé dugc:
V, =247x10° (210 =9.882x10° = 9.88(nV).

Ta cd biéu thitc dién tich 7 1a:
q=fidt=[(0.5~0.1t)dt =05t -0.05¢ + K.
Khit=0, g=0=2K=0.

Vay ta dugc:

g =0.5¢-0.05¢

Grmggs = 0.5%0.03+0.05%0.03% =0.015{mC)

Chon B.

Quang dudng mét vit di chuyén trong khodng thoi gian tit thei diém
t=t,(s) dén thai diém 7=7(s) véi vin téc v(t) m/s duge tinh theo
)

cong thic s = J.v(t)dt.

Chon A. °
FRaiaed

Tam lgp c6 46 dai 28inch, va cic diém trén mit tdm lgp thudc d6 thi
y= sin? nén ta ¢6 thé chon truc Ox sao cho O nim & mép ddu cha

tdm lop, di€m cdn lai & mép bén kia s& c6 hoanh d6 12 28. -

28 2
T 7x T 7x
Tacod y'=—cos—,dodd w=],[1+| —cos— | dx.
acd y 7 7 o dd _Of (7 7)
Chon C.

Quing dudng mét vét di chuyén trong khodng thoi gian tii thai diém
t=1,(s) dén thoi diém ¢ =1,(5) véi vin téc v(t) (m/s) dugc tinh theo

L]
cong thiic s = j vit)ds .

o

O day van t6c v(£) =25—9,8¢. Tai thoi diém vat c6 do cao 16n nhit thi

125

49 :
v(t):(]@t:%s-,dodé quéng dudng S=zf (25—9,8t)dt=6igo_ :
[

Chon D.




Tiép ciin phutong phip v viin. dy

B Ghichicieem

Vi P(x):—%ﬂ. Nén khi d6 ta cé:

& 20
Cong A=IF(x)dx= I(—%+2de=(—;—;+2x]|? =207

a
Chen A.

Nhiét db trung binh tit 2 gi dén b gio tinh theo cdng thiic:

1 b

ER[C(t)]dt.

Ap dung vio bai ta c6 nhiét d6 trung binh c4n tinh 1a:
1 ¢ 1 3[ 2 z}j
—C{t) @t =——]|40—=(t-10} Ht=3133
55l Rt 0-5(-10)

Chgn B.

Barad;
paalie:

Khoang thi gian @€ tdc do l¢i nhuén clia dy an hai gép 10 l4n tdc do
1gi nhuén dy 4n d4u tién;

B, (n)=10P, (n) < 20n+170 =10(2r" + 5)

=3
<:>20n2—20n—120=0<:>[n , =n=3
n=-

Loi nhuan vigt trong khodng théi gian trén 0<n<3 sé duge xac
dinh bang tich phin sau:

[B,()-P, () in= I[(m +20m)~ (267 +5)

3

I=

e

3
= j (165+20n—2n2)dn =(165n+10n2 —%ns] =567 .
Q

[

Chon C.,

Ta nhac lai don vi “pm” 1 don vi do pico-metre, hay 1072 (metre).
Ta néura chc dai lugng:

a=1x10"m

b=4x10"m

k=9x10°

9, =4, =16x107"°C




Luic tuong tac gifta hai dién tich 1 F(x ) k2 ‘71‘?2 vdi x 13 khodng
cich gitia hai dién tich.
. . [ ka,4,
Vay ta dugc cong A= Ide

a

Thay vao ta cé:
v (9.10°)(~1.6x10™ :

- de =(2,304x10°* )("—1J 410
- x x  Jlae2
10
=1,728.107(J).
Chon B.
Ta c6 cong thic:
Nhiét ¢ trung binh Ja:

b
P— .[T(t)dt véia=-12b=12.

Thai gian sdn xuat d€ 1ng san lugng lda cha huyén V dang & vu He-
Thu chi bing 75% so véi chi tiéu clia vu Déng-Xuin:

T, (%) =75%T, (x) < 175x° + 275 = 0,75(100x" +400x-+900)

H

x=4 :
< 100x* —300x—400 =0 @[ 1= x =4 thing

S&n lugng thyc t€ trong thei gian sin xuft 1< x <4 clia 2 vu mia sé
dugc x4c dinh bing tich phén sau: '

J =j'[TD(  (x) = J‘[ (1002* + 400+ 900) - (175%* +275) |dx

4(625+400x 75x) (625x+200x —25x )| = 3300 t4n.

1

Chon D.

§6 con vi khudn sau 15 ngay bi nhiém bénh 1a:

15 4000

2550 +j =3 ———dm = 7345,8 (con) = khéng ciiu dugc.

Chon A.

|




Ta cb K(t)=j100(t3+t2)it=25t“+%qt3+c, lic bit ddu di

nhién Igi nhuin bing 0 nén K(0)=0=>C=0 do dé:
100
) t = 3 2 — 4 3
K(t)= [100(# + ¢ Jar = 25¢ 5 r

Lgi nhudn ma cong ty A thu vé ké tit khi bt ddu dén nim tha 10 3
K(10)=283333 tri¢u.

Chon C.

Déu tién ta cn mé hinh dudng cong nay. Nghia I3 ta tim phuong
trinh dudng cong giéng véi hinh cip treo. Ta dit g6c toa d) ngay diém
thép nhét cia duding cong déy cép.

Dudng cong yéu ciu (tiong d6) & qua cic  diém
(—640;152),(0;0),(640;152) nén c6 phuong trinh la:

x
plaze + 1326

y=1280 — 5 1 [ Taxem d6 thi minh hoa sau:

A 540, 152) 200 B (640, 152)

400 400 200 0 20 40 600

DPao ham ham sé trén ta dugc:
X x
. 640 31326 -+ 81326

¥ 663 2

Sit dung cong thiic tinh dudng cong, bt déu tit diém x =-640 dén
diém x =640 ta cé:

—-X

X
640 (eﬁig +eli%

640

Z
j 1+ ] ~1327.
" 2x663

Vay 6 dai soi day cép chinh § nhip trung tam dai: 1327 (m).
Chon D,

|



Luc F Iac ndy dugc xdc dinh bai: F(x) =k F(x) =16.
D4 dai 1o xo bi nén 1a: Im —0,65m = 0,35m.

0,35

Vay cong sinhrala: 4= J 16xdx=0, 98}
Chon C.

JBaise:

Ta c6:
T

e T (27 . 27
=Iu.zdt=IUOIosm ?Hq) sm—i;»tdt
s

0

) T
1 4z
=ULI | =| cosep—cosj —t+ t
aly{eme-enl Frve
u,l, t 4r
=—"= || cos@— —i+ t
2] [ewo-en{ore
uoIo T . ax . T
=—LL ¢ ——lgin| —1t+
s cesogosn vl
I

Nhu vy d€ tinh nhiét lugng Q tbara thi ta phai tinh tich phan can
tit=0dén t=T.
Ta cé:

1—-cos2 @
TRt = [REsin( 2t it = RE LI
Q—j i t—J. o Sin ?t+(o = 0.! 5

2 2
RI t—lsznZ —t+go 1 &T.
2| 4 T 2

Chon C.

Vi 6 gios séng v 4 gidy chidu 14n lugt tuong tng véi =6 va t=4
Nhu viy, nhiét d trung binh ciia thinh phé gitta 6 gio sing va 4 gid chiéu
chinh 1 gia tri trung binh ctia ham nhiét d¢ C(#) véi 6 <t <16,theo
cdng thide tinh gié trj trung binh ta co:

1 2 1 2 3 e

te=Te e [3—§(t 13)]4 E[St_E(t—le’)}s
1 s 1 2 3|

-—[3x16—§(16—13) ]—E[axe—a(e-m) ]:-5.22.

10

|




Tidh cin phutomg phdp v vin dyng'c
Vay nhi¢t d¢ trung binh trong khoang théi gian da cho la: :
—5.22°C,(22.6°F). . . P Ghichicadem

Chon A.

Loi nhudn ma mdy sinh ra sau ¢ nim hoat dong la:
P(t}=R(})-C(t)

Téc 49 loi nhudn sau ¢ nim 1A

P'(t)=R'(t)-C"(£) =(5000 - 20¢*) - (2000+10¢2) = 3000 - 30¢”.
Viéc mdy khéng con sinh 13i nita khi:

t=10

t=-10 (loai)

Vay sau 10 nim thi viéc sinh 1gi cfia may khéng con nita.

Nhu vay, tién 1ai thyc trén khoang thoi gian 0 <t <10 I P(10}-P(0)
dugc tinh bang tich phan:

P'(t)=0¢3000-30£* =0 = £ =100=>[

10

P(IU)—P(O)=TP‘(t)dt = (3000-30¢* it =(3000t—10t3)|;° = 20000 5,
] 0

Goi $(t) 1a téng chi phi v tri (d6 la) sau t thing. Vi gao dugc ban
véi toc d6 khong d6i 2000kg/thang, s6 kg gao dugc luu tril sau t thing 13
10000 -2000¢. Vi chi philuatrilala 1 cent/kg/théng, nén t8c d6 thay d6i
chi phi theo thai gian: :

§'(t) = (chi phi hing théng/kg).(s6 kg) = 0.01(10000 —2000t)..

Do d6, S(t} 1a mt nguyén ham ciia:

0.01(10000 - 2000t ) =100 - 20¢, tiic la:

5(t)= J5*(t)at = [(100—20¢ Jat = 100¢ —10£* +C.

Talai 6, thi diém hang gii i (khi £ = 0) thi khong c6 chi phi luu tréi,
vi vay:0=100x0-10x0? = C =0. :

Vay: $(t) =100t —10¢%.

Do d6 téng chi phi trong vong 5 théng tGi 13:
5(5) =100x5~10x5* = 25 d6 la.

Chon D.




Goi P{q) 12 t3ng loi nhuan chia sin ph&m khi sin xudt g san phédm.

Ta cé: T8¢ &9 thay d6i doanh thu la:

P*(g)=—44+4000 — (2 -1200) = —64 +5200.

P(q)= [ P*(q)dq= [(~6q+5200)dq =~3q" +52009+C.

Ta lai ¢6, loi nhugn khi san xust ra 5 don vi sén phim Ia 50000LISD, nén:

P(5)=50000 = C =24075

Viy ta c6 ham tng 1¢i nhuén cha cong ty la:

P(q) =3¢ +52004+24075 = P'(x) = —64+5200 =0 = 4 =886,7

P"'(x)=—6<0.

Véy déloi nhujn cdng ty |6n nhét thi cong ty phai sén xudt 866,7 { dvsp)
va khi d6 lgi nhuén 16n nhat1a P(866,7).

Chon A.

Bai todn dang xét vt chuyén dong dudi tic dung clia mét lvic, 46 1a E..
+) Chon chiéu duong la chiéu chuyén déng.

+) Theo dinh luét II Niu-Ton:
~-F, =ma
tw=m®

dt

Béy gio ta dua vi phan dt va do vé hai vé, déng thoi bién v vé cling - -
v6i vi phin dv.
=T 8
kv
Do ta xét chuyén déng clia vt tii théi diém ban ddu = 0 dén thoi
diém t nao do thi vin téc v, cling dén gia tri v ndo &4, tich phén hai vé
theo cic cin nay: :

Ta c6 hing s6 16 xo (theo don vi cm): F =kx
Vay 1200 =k(2) = k =600(N/ cm).
Vay trong trudng hop nay, ta c6: F =600x.

|




Tiép ciin phuong phdp viw

: T,,, e womo . VA cODg sinh ra xéc dinh béi:

4
Céng = [600xdx = 3005 - =3600 N.cm.
2

Chon A,

Ta cé: j—l%t 500In(2:+3)+C,CeR.

Vilic ddu ngudi ndy c6 2550 con vi khudn HP trong da diy nén:
500111(2.0+3) +C=2550 < C=2000,7.
$6 higng vi khudn HP sau 15 ngay:

|+ .
[ (5001 (21 +3)+200,7)dt ~ 50532,72 > 50000.

0
$6 uong vi khudn HP vuigt:
: 50532,72 ~50000=1532,72 =~ 533 (con).
} Két Judn: Ngudi nay dang 3 tinh trang nguy hiém cdn nhap vién gap
dé diéu tri.
Choen D.

Tachd: t= JE()I—dU
-7

Pt 4=20-v= du=-dv.
Viy:

JWU = —J—%du =-—In (|u|)+ K= —In(|20—v]) +K,

Véit=0=v=0,
Vay 0=—In(20)+K = K =In20.

Tit d6 ta dugc:

t=In20-In(20-v)=t=1In 20
20-v

e 20 +_20-v
= e = =e =
20-v 20

& 206 =20~ p=20-20" & —o=20(1—e-*).

‘ Chon A.

Dit u=2+cosat = du=—-wsinnt.

e

: sin(rt)

| Tacé: p=

§ acop 3-[2+cos(7rt)
§




Viy ta cé:

sin th ﬁsznﬂ:t 3
_ o3 fe K
F -[2+cos 7t) -f2+cos n't n'(ln(2+cosyrt))+

Vay p= —;(In(2+cosn-t))+K,
Chon C.

s

Quing duidng vat di dugc trong 4 gidy dau tién la:

+4ldt =11,81m.
3

12-:—

Chon B.

bBai62:
Quing dudng vét di duoc trong gidy thLi 4 dén gidy thi 10 fa:

10
S= L (382 +-5)dt =966 m.

Chon D.

DN




CHUONG 4.

BAI TOAN VAN DUNG CAO SO PHUC

.............O.......00......0..............OCOOO

% Cac khdi niém co ban nhat
Chii dé 1. Cac bai toan tinh toan s6 phite.
% Baitap ap dung
> Ldi gidi chi tiét
Chi dé 2. Phviong trinh sé phiic
+ Baitdp ap dung
+ L&i giai chitiét
Cha dé 3. Cac bai toan lién quan dén bidu dién didm, tap hop diém
+ Baitapapdung
< Loigidi chitiét



Trong chuong trinh phd thong, cic bai todn s6 phic thudng khd don gian, khong qué khé.
Tuy nhién ciing ¢ nhiing bai todn vén dung va vin dyng cao ma chiing ta néu khéng nghién cliu
ki ludng, 14n d4u tién gip sé rit khé gidi quyét. Trude khi dén vdi l6p bai todn nay ching ta ciing
nhic lai cdc khdi niém cin ban nhit.

Dinh nghia.
- Mot biéu thic dang a+bi v6i a,be R, i* = -1 dugc goi 1a mét s8 phidc.
- Déi véi s6 phitc z=a+bi, tandi 2 1a phin thuc, b 12 phan o cia z.
- Tap hop s6 phiic ki higula C.
* Hai sd phiic bing nhau.

- Hai s6 phiic bing nhau néu phén thyc va phén do clia chiing tuong Ging bing nhau.
a=c o :
b=d
Biéu dién hinh hoc ctia s6 phic. _
- Diém M(a;b) trong hé toa d6 vudng goc Oxy dugc goi la diém biéu dién chia s6 phitc
z=a+bi. _
Médun ciia s6 phiic.

- Congthic a+bi=c+di <

- Cho s8 phitc z=a+bi cé diém biéu diénla M(;b) trén mit phing toa 40 Oxy. D§ dai
cha vectd OM dugc goi 1a mo6 dun cba s6 phiic z vaki higula |zi

z]=|6ﬁ|=|a+bil=\la2+b2 .

- Cong thic
¢ 84 phiic lién hop.

- Cho s6 phtic z=a+bi, s6 phitc dang z =a—bi dugc goi I s6 phiic lién hgp ciia 2.

Phép cfng, phép trit, phép nhén phép chia.

- Cho 8 phifc z, = a-+bi, z, =c+di, ta c6 z,+z, ={a+bi)+(c+di)=(a+c)+(b+d)i.

- Chosé phiic z, =a+bi,z, =c+di,tacé 2,~%, =(a+bi)~(c+di)=( +

- Cho sd phic z, =a+bi, z, =c+di,tac z,.2, =(a+bi).(c+di)=(ac—bd)+(ad+bc)i.

- Cho s phiic z, =a+bi, z, =c+di, (vdi 2, #0 }taco

z, _a+bi (a+bi)(c—di) (ac+bd) (bc-ad);

25, crdi (codi)(c-di) E+d | C+d

Phuong trinh bac hai v6i hé sé thuc.

Cho phuong trinh bac hai @x* +bx+c=0 v6i 4,b,c€ R vi a# 0, Phuong trinh nay cé biét
thic A=b —4ac, néuw:

e ]
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o e i

b
~ A =0 phuong trinh ¢6 mét nghiém thuc x=———.

2a
‘ o ohia N ~pt/A
- A>0 phuong trinh c6 hai nghiém thuc phan biét X, = —
o —btivA
- A<( phuong trinh c6 hai nghiém phiic x;; = T )

* Acgumen ctia s6 phiic z# 0
DINH NGHIA 1

Cho 56 phiic z# 0. Goi M 14 diém trong mit phing phic biéu din s6 2. S8 do (radian) ciia
moi gbc luong gidc tia ddu Ox, tia cudi OM dugc goi a acgumen cliaz.

CHUY

Néu @ 12 mét acgumen ctia z ( hinh duéi ) thi moi acgumen cla z codang ¢+k27,ke Z.
(ngudi ta thudng néi: Acgumen ciia z # 0 xdc dinh sai khéc k2m ke 2},

Y

M{z)

* Dang lugng gidc ciia s6 phic

Xétséphiic z=a+bi#0(a,be R). Ki hiéu 7 14 md dun cliaz vi ¢ cla mét acgumen cita
Z (hinh dudi ) thi & thdy ring: a = rcosp,b = rsine.

Vay z=a+bi#0 c6 thé viét dudi dangz = ‘T‘(COS(,O + isincp).

N

Ma+bj)

SR

N/

DINH NGHIA
Dang z=r (cos @ +isin tp), trong dé6 7 >0, dugc goi la dang higng gidc clia s6 phiic z # 0.
Dang z=a+bi #0(a,be R}, dugc goi 1 dang dai s6 cita s6 phiicz.

|-




Nhién xét. Détim danghigng gidc » = r (cos @+ isin tp) clias6phiic z=a+bi# U(H, be R)
khéc O cho trude ta cén: '
1. Tim 7 d61a mé dun chiaz, r=va’ +b*; s6 7 ciingla khoang cich tit gbc O dén diém
M biéudién s8 Z trong mit phang phiic.
‘ r4 a 1 . b x
2. Tim@: d6 1 mot acgumen cliaz; @ 1a s6 thuc sao cho cosy = — vi sing = —; s6 ¢
dé cing 1a $8 do mét goc lugng giac tia dau Ox, tia cudi OM. " T

CHU Y
|Z| 1khivachikhi Z = cosy + zsmcp,(cp € R)
2, Khi z=0 thi |z

0 Ia s6 thyc thy ¥ va vin viét 0 = O(cos @ + ising).
3. Cén dé y doihéi r >0 trong dang higng gidc r(cosy + isin) cha s6 phic z # (.

¢ Nhin va chia so phiic lugng gidc

Ta da biét cong thitc nhan va chia s8 phiic dudi dang dai s6. Sau déay 14 dinh 1 néu 1én céng
thic nhan va chia s8 phitc dudi dang lugng gidc; chung gitp cho céc quy tic tinh todn don gian
vé nhin va chia s8 phic.

PINH Li

New 2= r(cosc,o + isincp)

z'= r'(cossp'+ iSintp')(T >0r'> 0).
Thi 2z’ = rr’[cos(tp+<,o') +z'sin(<p +ga')].
1

= %[cos(go'— cp) + isin(go‘— w)];(khz’ r> O).

R

Néi mot cach khac, d€ nhén cdc s8 phitc dudi dang lugng gidc, ta 14y tich cdc mé dun va
t8ng acgumen; dé chia cic s§ phic dudi dang lugng gidc ta ldy thuong cdc mé dun va hiéu cic
acgumen.

Chiing minh

zz' = [r (cosgo + isimp)”r ! (coszp‘-}- z'singo')l

=rr'lcospcosp'—singsing'+ i(sinqocosqo'+ cosgosingo')]
= rr'[cos(tp + ")+ isin(p + 4,0')].

]' . A~ 7,
Mitkhéc, tacd ~ = —l-[cos(—-f,a) + isin(—rp)]. Theo cong thiic nhén s6 phiic,
Z T
Tachd

1 !

2= z'i— = _:'_[COS((P'_ c,o) + isin(ga'—- <p)]

Z
® Cong thitc Moa-vrd (Moivre)
Tii cdng thitc nhan s§ phiic dudi dang lugng gidc, bing quy nap todn hoc dé dang suy ra
rang véi moi s& nguyén duong .

|



Tiép ciin phuong phdp va vin dung ¢

[r (cos @+ isin go)]n =7" (cos nw + isin ncp)
Vakhi 7=1, tacé
(cosq: +1s8in (p) = COS N + 181N P
: Ca hai cdng thitc d6 déu dugc goi 14 cong thiic Moa-vro.
* Can bac hai clia s8 phiic dusi dang lugng gidc
Tt cong thiic Moa-vra, dé thdy s6 phiic z = r(cosn,o + isin go),r > 0 ¢6 hai can bac hai Ia
Jrleos? +isin®l 4 isin?| = Vi lcos(® e
T[cos—+isin = =N7[cos— + isin-| = «r|cos(= + 7) + isin(= + 7).
2 vising | |cos ot ssin2] < e ) isin 1)
Dé nim dugc cic kién thic trén hoc sinh cin phai luyén tap khd nhiéu bai tap, xin chi ¥ d€
1am cdc bai tip ngay sau day quy ban doc cin phai kha viing phan can ban cia s§ phiic.
?_:




z,+2,|=3. Tinh |z, -z,|
Al B.2 C.3 D. 4
Nhin xét: Bai ndy nhin vao c6 vé khd khé, nhung cic em cin phai binh tinh, chi cén goi
z, =a +bi;z,=a,+b,i (a,,4,,b,b, € R) sau d6 viét hét céc gi thiét d& bai cho:

i Cho hai s6 phiic z, z, thoa mén |Z1| = ,zz| =1;

2 32 2 2
‘z1|=122[=1 a +b =a; +b =1
_J‘=> 2 2
|z1—]-z2[— 3 (“1‘*'“2) +(b1+bz) =3
2 2 2
VA viét cdi can tinh ra |Zl —Zzl =(a,~a,) +{b,—b,)". Hay quan st céi cin tinh va thiy
ring chi c¢4n binh phuong lén 1a c¢ thé diing dugc gia thiét.
Tinh z=i+i* +1 +.. 41" c6 két qua:
A0 B.1 C.-i D.i

8 Tim s6 phiczc6 Izl=1 va |zH], . :
Al B. -1 C.1i D. -
¢ Trong céc 6 phiic z théa min |Z| =1. Tim 8 phiic z d¢ |1 + z| + 3|1 - Z| dat gid tri 16n nhat.

B.z=—§i,z=éi.

5 5

3. 4 3,
L Z=——=1,Z=——+—
D.z 512 5 51

# Cho z 12 s6 phiic c6 mé dun bing 2017 va W la s0 phiic thoa mén l+—1—=_ _: .
Mo dun ciia s8 phic W 1: 2w

A.2015 B.1 C. 2017 D.O

Vi3

56 phitc 7 c6 mo dun 16n nhft va thoa man diéu kign [Z(1+1)~3+2{ == 1

V2 o1 o1 3 15,

Az=1+3i Z=——t—i ZE— D.z=2+—
z B.z ) C.z > 21 2 41
| S6 phiic z#0 théa man [z]>2. Tim téng gi4 tri 16n nhat vi gid tri nho nbét cha bidu
thiic P_‘z_ﬂ

Z
A.l. B.2. C.3. D.4.

§ Tim phén thuc ciia s6 phitc z=(1+1)", n€ N thda man phuong trinh:
log,(n—3)+ Iog4(n +9)=3

A5 B.6 C.7 D.8

o |



1
!

k4

L

VL AT U KA T N, b ot U

o st

B Cho s6 phic 2 théa man:|z ~3+4i|= 4. Tim gid trj nho nhit ciia |2

Al B.3 C.7 D.8

BB Trong céc 56 phiic thda min dién kién |z—4i -2} =|2i~ 2|, m6 dun nhé nhét ciia s6 phic
z bing?
A 242 B2 C.1 D. 3v2.

J13

A.z=g+1—5i B.zzl+§i C.z=—-3—l—5—i D.zzl—éi
4 4 4 4 4 4 4 4

(A+A12012) Cho s phiic z thda min &-l-Tz) =2-i(l)
Z+

Tinh mé dun ctia 8 phitc @=1+2z+2°,

A3 8. V15 c. V17 D. V19

& Tim 5 phic Z ¢6 mo dun I6n nhét va théa man diéu kién [Z(1+1)-3+ 21[= =

3 4 td a - A 2 »~ Y- » A z + Z Y &0 2 - by
Cho hai s6 phiic phén biét #; z, thoa min di€u kién ——2 13 56 40. Khéng dinh nio
sau day 1a dting? hT5
A, lzll =1 |22| =1 B.z, =z, C. ]zll = |z2| D. z, = —z,




Tacé: z, =a,+bji; z,=a,+bi (a,4,,b,b,eR)

[af=[el=1 _ [a+b=a+t;

=1
|zl+22':\/§ (a1+_512)2+(b1+b2)2=3

Vay: |z1 —zzlz = (al —a2)2 +(b1 ~b, )2 =1,
Chon A.

Tacdiz= +i+. A+ 47 g 2= i+ P4 0,

Suyra z(i—1) =% —i= i(iz‘m ~1)=0=2=0
Chon A.

S

Dit z=a +bi th |z|=\/a2+bz;
Khi 46 ta cé:
lz|=1ea+b* =1=|p|<1;

Z+f|-;w\/a2+(b+1)2
z+i]=\/az+(b-i-1)2

=R+ +2b+1=2b+2 52
Do d6, gid tri 16n nhét dat dugcbing2khie=0; b =1 z =
Chon C.

R

(SR D

Gid st z=x+yi(x,ye R)

Vilg=le|@+y’ =l +y’ =1
Khi dé:

_.[1+z|+3|1—zl=\/(:!c-i-l)z+y2+3\/(Jc—1)z+y2 .
:J(x+1)2+1—x2 +3\[(x-1)2+1-~x2 =~/§(JE+3J1:)
Xéthim s f(x)=~2 (\/1+x+3\/1—x) trén doan [-11] ta c6:

1 3 4
‘(x)=+2 - - F(x)=0 =_=
f 2M1+x 24/1-x fn=0ex 5



:
i
£

ke a0

TR e AP W

Tiép cin phuong phip vavin dung

Taco f(-1)=6; f[—%): 2310

A pm t o3
4 T=-e =Tp¥Tr
, = fi—=|=2410 5 5
Vay Junx f[ 5] Y10 = N g I S
P=1-2" [p="2,-3
Véyz=—é—§1 Z= —£+~3~1 i i
) 5 5 5 5
Chon A.
pBaiEE
el tasuyra 2 +w’ izw=0

zZ W Z+WwW

5210}

L&y m6 dun hai vé ta c6 |z|=|w| =2017.
Chon C.

Tu gia thiét ta c6: (3:+y—3)2 +(:c—y+2)2 =%.

A~ L) 2 ¢ g (-4 r ’ ’ 3 r
+ Dong thai lz’ = y2* +3” 16n nhét. Kiém tra cic dap 4n va so sénh.

Chon D,
YERTE
) i 1 i 1
Tacol——51+—51+ e l-—<l+—|<1+—,
4 z Z |Z, z |Z|
Ny 1s 1 1 1 3
Mitkhic 2|22 — <= suyra ~<P<>,
|z| 2 2 2
3 1
Suy ra gid tri 16n nhét vi gid tri nhé nhit la Vay t6ng gid trildén

nhit va gid tri nho nht clia biéu thic P 13 2.
Chon B,

bitukiénn >3, ne N

Phudng trinh:

log,(n-3)+log,(n+9)=3 & log,(n~3)(n+9)=3 = n=7 (so dk)
z=(1+i) = (1+i).[(1+i)2]3 = (1+1)(2i) = 8~8i

Vay phén thyc ctia 56 phiic z 12 8.

Chon D.

W Ghichiciaem .




Gia sl z¥a+bi ,tach:
|a+bi-—3+4i|=4=>(a-—3)2+(b+4)2=16

it a—3=4smq&v:> a=3+4sing
b+4=4cosp b=4cosp—-4

= |7 =a? +b> =9+16sin” p+24sing+16c0s’ p+16-32cosp
=41+ 24sin@p—32cos¢

=41+40(-§-sinq)—%cosqa)

. 3 . 4
Dit cosax =—,sin¥ =—

5 5

=2 =a® +b” = 41+40sin(p—- ) 21.
Diu “=” xay ra khi ¢—a=-§~+k2¢r=> ¢=—§+a+k27r.
Viy min|e| = 1,
Chon A.

Gid sti s6 phtic z = T+ yi
Theo dé |z—4i—2|=|21'—z|

& J&=2)2 +(—4)? =2 +(y-2)
S x+y—-4=0
sSy=4-x (1)

Ma [z} =x*+ 3" =\fx* +(4—%)" (thay (1) vo)
=227 +822V2.
Chon A.

Goiz=x+yi(x,ye R)y=>Z=x—yi

|E(1+i)—3+2i[=i;_3:>x2+y2-x-—5y+%=0-

(Thay céc s& phic z vao vi mé dun 16n nhdt thi ta sé chon).
So v6i cac ddp 4n trén ta chon dép 4n A. i g
Chon A,

e ]




Tiéh cin phutong phiip va Vi

Gid st z=a+bi

(I)QL“‘.{’_H_’)zz._i
i a+bi-+1

& Sa—5i(b—1)=2a+2bi+2—ai—bi* —i
&3a-2-b—i(5b-5-2b+a+1)=0

{3a—2—b=0 {a=1 .
=3 =z=1+i

A AN g, B
masaEtEuubenne

SKye

arsrssssesnsn

=
3b+a-4=0 b=1

S

seaatvvan

@=1+1+i+1+2i-1=2+3i = |0) =/4+9 = I3

Chon A.
Z #z, 2,2z, 20.
AT - A z -+ z z +z

Thi 2—2 las6do e 2124 |2 %2|. g, :
i 4=z 2 3 T
3 @zl+z2+zl+z2=0
: z2 —z - :
; L ATh :
c}(z1+z2)(zl~22)+(zlfzz)(zl+z2)=0.

@2(zlz1—zzz2)=0¢)zlzl—2222 =0©|le—‘2:2[=0. :

Chon C,
i




BT Tim cac s6 thuc 48:€ sao cho 2 phuong trinh az* +bz+c=0, cz* + bz +a+16-16i=0
6 nghiém chungla z=1+2i
Afabc) = (1;-2; 5). B.(a; b; ¢) =(1,2,5).

C.labc) = (-1;,-2;5). DAg; b; ©) =(1,-2,-5).
}BE2R Goi z, 2,14 hai nghiém cta phuong tl;)i?h 2 —22+2=0 trén tap s6 phiic. Tim modun
205 201
clia 56 phite: w=(z, —1) +(z2 -1, :

A. |w]=+5 B, juw|=2 - Cw]=1 D. [w]|=+3

JESET Tim cac s6 thuc b.c d€ phuong trinh (v6i 4n z) z*+bz+c=0 nhan z=1+i la mot
nghiém.
Ab=-2;c=2 B.b=2c=2 Ch=-2;c=-2 D.b=-1;c=1

FBATE3 Tim cac s8 thuc 4,b,¢ @8 phuong trinh (v6i dn z) z° +az° +bz+c=0 nhan 2=1+1 lam
g
nghiém va ciing nhdn z=2 lam nghiém.
Aa=—4; b=6;c=~4 B.a=—4;b=5c=—4
Ca=-3:b=4;c=-2 D.a=-1;b=0;¢c=2

4
—— +1
drsts Phuong trinh —z*-w— =1 c¢6 bao nhiéu nghiém.
A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. 4 nghiém.
—— - 25 .
PBEEE S6 nghiém phiic clia phuong trinh z +? =8—6i 1a?
A0 B.1 C.2 D.4

YB3 Goi 2,5 Z,5 %372, a4 nghiém phiic clia phuong trinh z* +(4+m)z* +4m=0. Tim
tét ca cdc gid tri m dé |zl| +|zz| +|z3| +|24|=6.

A, m=-1 ) B m=42 C,om==3 D. m==+1



i
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3
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5

Theo gia thiét phuong trinh 42° +bz+c=0 ¢4 nghiém z=1+2i khi
a(1+2i +b(1+2i)+c=0 = -3a+b+c+(da+2b)i =

=3a+b+c=0
(1)
4a+2b=0

Tuong o phuong trinh ¢z’ +bz+a+16-16i=0 c6 nghiém
z=1+2i khi

e(1+2i +b(1+2i)+a+16¥16i =0 c(-3+4i)+b+2bi+a+16-16i=0

_ =0
S (a+b-3c+16)+2(b+2c-8)i=0 = atb-3c+16 (2)
b+2c-8=0
Tl (1) va (2) suyra(a, b, ¢) = (1; -2; 5).

Chon A,

Phuong trinh z° -22+2=0 ¢4 A’ =1-2=—1=42.

21:1_1. - Zl =1+1
oac

Suyra phlIGIlg ’mnh 6 hai nghiém 7, =1+ "%, 1

z =1-1
Thay 2, =1+ vaoa) ta duge:

A5 HNI007 1013 )
w=(—z) +12°“=—(12) .z+(12) =—1+i.

VaO w __12015 +(“i)2016 (12)1002 i +(12)1003 l+1

Néu z=1+1 13 nghiém thi:
(1+i) +b(T+i)+c=0 e brc+(b+2)i=0
' bi+c=0 [b=-
P .
b+2=0 c=2
Mot phuong trinh béc hai vdi h¢ 8 thyc, néu c6 mét nghiém phitc
z thl cing nhdn z 1am nghiém. Vay néu z=1+7 13 mét ng}uem thi

z=1-1 cfing 1A nghiém. Theo dinh 1% viet:

B

T ssierree

massesssrtenrEEnunse

P Ghichicoaem




{(l+i)+(1—i)=_b:> _ R
(1+i)(1-i)=2=c

Chon A,

z=1+i la nghiém thi (1+7)’ +a(1+i)’ +b(1+i)+c=0
z=2 la nghiém thi 8+4a+2b+c=0
b+c-2=0 (1)
Tit d6 ta ¢6 hé phuong trinh {22+ b+2=0 (2)
4a+2b+c+8=0  (3)
Tu (1) suyra c=2-b
T (2)suyra b=—2-2a = c=2-(-2-24a)=4+24
Thay vao (3) tacé: 4a+2(—2-24)+4+2a+8=0=>a=-4
Voia=—4=b=6,c=-4,
Chon A.

LN
Z—*—‘.)=—l,(2)
z—j
rz+i_
(o z-1 @[z-ﬁ-i:z—i @{i=—i@z=0
z_-l-_i:::_1 z+i=—z+i z=0
| z—i
Fz_.H'_i
@) o z=i c}[z+i=iz+l @[Z=I
z+i z4+i=—iz—1 z=-1
[z2—i

Véy nghiém phuong trinh la: 2=0, z=1, z=-1.
Chon C,

- 1 1T . a—-bi
Khidé z=a-5bi ; —=
Hee z a+bi a*+¥

gy T, 25 . .
Khldophu’dngmnhz+-—;-=8—61c>a—bz+ gy

Gid sit z=a+bi v§i;ab € Rvaab khéng déng thoi bing 0.

25(a—bi) _g

6i
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FURERRE

R T Ve

Tiép cin phuong phap vé vii i

a(a’ + 5 +25) = 8’ +6) ()

b(a’ + 5 +25) =6(a’ +5*) (2)
Léy (1) chia (2) theo vé ta 6 b = %a, thé vio (1).
Tacod a=0 hojc a=4,

© Vi a=0=b=0 (Loai)

Vi 4=4=b=3 Tacé s6 phitc 2=4+3i,
Chon B,

2 +{4+m)2 +4m=0 (z2 +4)(z:2 +m):0 o

Z, = £2i

Néu m<0 hojce _—néum>0
Zy,, = Fijm

Khi d6 {Gzlzll+lzz|+lzsl+|%|=4+2 M =1

m<0
hoic {6=|zl|+|zz|+lza|+|z4|=4+2"/;@m=l
m>0

Kéthgp lai thi m = +1 thoa min bii todn.
Chon D,

Z,= 27

2y =t-m




Trong mit phing toa d6 Oxy, tim tip hop cic diém biéu dién s6 phiic z théa man dxeu
kién log, ]z —{3— 4z)| =1

A. Pudng thing qua gbc toa dg. B. Dudng tron ban kinh 1.

C. Dudng tron tim I(3;-4) bén kinh 2. D, Duéng tron tim I(3;-4) bén kinh 3.

B

bBaiZi: Tim tdp hgp cac diém biéu dién s6 phic z trén mat phéng toa d) thda mén diéu kién:

]

lz| ~5z-5Z7=0,

A. Dudng thing qua gdc toa do. B. Dudng tron ban kinh 1

C. Budng tron tdm I(5;0) bdn kinh 5 D. Puéng tron tam I(5;0} ban kinh 3.
% Trén mit phing toa 6 Oxy, tim tép hgp diém biéu din céc s6 phiic z thoa man diéu
kién|zi—(2+ 1)| 2.
A. Dudng thing qua gc toa 4o. B. Bu&ng tron bankinh 1
C. Pudng tron tam 1(5;0) ban kinh 5 D. Pudng tron tam I(1; -2) ban kinh 2.

% Trén mit phing toa d6 Oxy, tim tip hgp diém biéu dién cic s6 phiic z théa man dicu
kién |z+1| =|Z—il .

A. Pudng thing qua gdc toa do. B. Puding tron ban kinh 1
C. Pudng tron tm [(5;0) ban kinh 5 D. Pudng tron tim 1(1; -2) ban kinh 2.
¥ESEE Trén mit phing toa do Oxy, tim tip hop diém biéu dién céc s6 phiic z théa min diéu
k1¢n12+zl |2 zl. '
A. Dudng thing qua gbc toa do.
B. Dudng tron ban kinh 1
C. Nita trdi ciia mit phing toa do khong ké truc Oy.
D. Dudng tron tim I(J; ~2) bén kinh 2.
J8E; Trong mit phing Oxy, tim toa d% diém Mbiéu dién s8 phifc zthoa man 2 (2i-1)-i+2=0.

4 3 4 3 3 3 4 3
M =i .M . —)=

FBA73 Trong mit phing toa 9 Oxy, tim tép hop diém M biéu dién s6 phic z thoa man diéu
kién |z+1-4=2.

, (Jc-i-l)2 +(y—1)2 =

A (x+1) +(y-1) =4 C
4 D.

B. (x-1) +(y-1) =

—
=t
R
{25 ]
+
—
-
|
oy
et
]
I
R =) o]



} Cho 6 phiic z thoa mén diéu kién [z ~2+3|= 3. Tim gié tri nho nhit ctia ||
AA13-3 B.2 o V13-2 D.2

z+2+43i
Tim tép hop cdc diém biéu dién s8 phitc z sao cho ¥ = i 12 mét s6 thudn 3o.

A. Dudng trdn tim J(—1;-1), ban kinh bing /5, Khuyét 2 diém (031) va (-2;-3).
B. Dudng tron tam J(—1;-3), ban kinh bing /5, khuyét 2 diém (0;1) va (-2:-3).
C. Dudng tron tam 7(~1;—4), ban kinh bing /5, khuyét 2 didm (0;1) v& (-2;-3).
D. Dudng tron tam /(—2;~1), ban kinh bing /5, khuyét 2 diém (0;1) va (-2;-3).
Bi Goi A, B, C l4n lugt 1a cdc diém biéu dién ciia 3 86 phitc 1+27, (1+i)(1+2i),

2+6i
Dién tich clia tam gidc ABC biing :

3~1

5 p. 35

5 2
i8H Trong mit phing Oxy c6 A(1;7) va B(-5;5) l4n Iugt biéu dién hai s8 phitc z, va z,
C biéu dién s6 phic z, +z, Trong cac ménh dé sau, ménh dé nao sai?
A.Ccotoadd (—4;12)
B. OACB 4 hinh thoi
C. 4B biéu dién s6 phitc z, -z,
D. CB biéu dién 55 phiic —z,

Al B.

=
B —

5 Cho s6 phic z théa man didu kién |z - 1[ 1. Trong mit phing phiic, tip hop cic diém
M(x;y) biéu dién & phiic z la:

A. Dudng tron x* +(y+2)* =5

B. Budng tron x* +3* ~2x—4y =0
C.DBuéng tron x* +y* ~2y =0

D. Budng tron x* +y* +4x=0

b Cho A 13 diém biéu dién clia cic s6 phiic: z=1-2i; M,, M, l4n lugt 1a diém bifu dién
clia cic 36 phitc z, va z,. Diéu kién d€ AAM,M, can tai A la:

A.lz)=|z| B[z, =1+ 2i[=|z, -1+ z]
C.lz—z|=|1—2il D[z —1+2i|:lz — |

Biét diém M @ —2) bi€u dién s& phtc z trong miit phang toa d¢ phiic. Tinh md dun ctia
sd phiic w =iz—z*

A26. B.</25. C24. D.+/23.
¥ Trong mit phing phitc A{—4; 1),B(1; 3),C(-6;0) I4n lugt bidu dién cic s6 phiic
Zy,2y,%;- Trong tim G ctia tam gidc ABC bigu dién s8 phiic nao sau day?

4,
A.3+—4~i B. -3+—4-i C. 3——i D, _3_.%;'
3 3 3 3

291



346 Trong mit phéng phtc, goi A,B,C l4n Iudt 1a diém bidu dién ciia s6 phic
i,1+3i,a+5i(ae R). Biét tam gidc ABC vudng tai B. Tim toa d6 cha C?

A.C(-3;5) B. C(3;5) C C(25) D. C(-2;5)
BBIfE Trong mit phing phic, cic diém bifu dién cic nghiém cha phuong trinh

(iz-1)(z+3f)| 2-2+3i |=0 1a cc diém nio sau day?

A. A{0;-1),B(0;-3),C(2;3) B. A{1,0),B(3;0),C(2;-3)
C. A{0;-2),B(0;1),C(-2;3) D. A(2;-2),B(~1,1),C(-1,0)
VB3I Trong mit phing phuc, tap hop cic diém M biéu dién s& phiic z biét IZI =|z-3+4i la:
2 2
A.Elip xz+y7:1 B. Parabol y* = 4x
C. Dudngtron ¥* +y° —4=0 D. budng théng 6x+8y~25=0
19; Trong mit phéing phiic, cho M, M’ theo thif ty 13 diém biéu dién ciia hai s phiic z va '
z=x+yi
Lz-1+i
z—-1

Tim tép hgp (E) cac diém M sao cho: Piém M’ ndm trén tryc tung va M'#0,
A. Dudng trén tim I[L‘—%) , ban kinh R=% ngoai trif cic diém (1;0) va (L,-1),

B. Budng tron tam [ (0;1) , ban kinh R =1 ngooi trit céc diém (1;0) va (1,-1),

C. Duding thing ¥ =1 ngoai trit cdc diém (1'0) va (1,-1).

D. Budng thing x =1 ngoai trif cic diém (1;0) va (1;-1),

MBAI207 Trong mit phing phitc, cho M, M’ theo thit tti 14 di€m bi&u dién ciia hai s8 phuc zvaz':
z=x+yi
P o 1+1
z—1 _

Tim tip hop (E) cicdiém M sao cho: Diém M’ nim trén truc hoanh va M’ #0,

A, Dudng tron tim I[l;—%) , bdn kinh R =% ngoai trit cic diém (1,0} va (1;-1).
B. Budng tron tam 1{0;1) , bankinh R =1 ngoai trit cic diém (1;0) va (1;-1),

C. Budng thing ¥ =1 ngoai trif cic diém (1,0) v (1;-1).

D. Dudng thing x =1 ngoai trli cic diém (1;0) va (1;-1),

E}g@g& Tim qui tich cic difm M biéu dién s6 phic w=(1+ i3 3)z+2 biét s6 phiic z théa
man: [z—1/<2 (1).
A.Hinh tron (x—3)*+(y~+3)2<16  B.Hinhtron (x—3)* +(y—+/3)? <9.

C.Hinhtron (x—3)* +(y—+3)*<25.  D.Hinhtron (x—3)* +(y—+/3)* <36



At

3 Trong mit ‘phing phiic, goi N,M,A,B theo thi ty 12 diém bidu difn cic sé:

Z=x+yi; = X+Yz—z—+—% 1;~1. Tim tip hgp di€m MKkhi N chay trén dudng tron:
z—
iyt =1,

A. Budg tron tim I(2+J5;0), bankinh R=+5+42
B. Dudng tron tam 1(0;1), ban kinh R=1

C. Tryuc tung

D. Truc hoanh

3: Goi M va A la chc diém trong mit phéng phiic theo thii tu biéu dién cic s phiic
z=x+yi; a=10+6i. Tim tip hop E, cic diém M sao cho tich z(z—a) I mdt 6 thaic.

A. Dudng tron tim 1(2+J5,-0) ,bankinh R=+5+42
B. Dudng tron tim 1{0;1) , ban kinh R=1

C. L2 mét hyperbol vudng géc y = 3—365 x#5

DLamothyperbon— 3 5 SX#ED

& Goi M va A Ia céc diém trong mit phing phic theo thit tu biu dién céc s6 phiic
z=x+yi;a=10+6i. Tim tip hop E, cic difm M sao cho tich z(z—a) 1a mot s6
thudn 4o,

A. Dudng tron tim 1(2+J§;0),bankinh R=v5+42
B. Dugng tron tam 1(0;1), ban kinh R =1

C. La mt hyperbol vudng géc cd tam déi xitng 1(~5;-3), ¢6 truc thyc nam trén truc Ox,
d¢ dai cdc truc déu bang 8.

D. La mt hyperbol c6 tim ddi xting 1(5;3), ¢6 truc thyc niim trén truc Ox, 46 dai cac
truc déu bing 8.

FEIIZ5 Tim tap hdp (T) céc diém M trong mit phang phtic biéu dién s8 phic z thoa man hé

thic: ;o ||

A. Dudng tron tim o(o,-o) , bdnkinh R=1
B. Dudng tron tam 1(0;1), bankinh R=1
C. Dudng thing x = y/f3,x = —yV3

D. Budng thing y = x+/3,y =23

FEAIZE Tap hop didm bi€u dién s6 phiic jz - 2i] = 314 duding trdn tam I T4t ca gid tri m thoa
man khodng cich tit I d&n A:3z 4+ dy—m = 0 bang Ja:

A m=-T,m=9 B.m=8m=-8 C,m—-7,m—9 D.m=8m=9




BB Trong rinjt phiing phiic, cho M I diém biéu dién s6 phitc z=x+yi, M#0. Xem s6
philc Z= %(z —l) Tim tap hop difm M sao cho Z la mét s6 thlic
z
A. Truc tung (hay truc hoanh), khéng k€ diém 0.
B. Truc tung hay truc hoanh
C. Pudng thing ¥ =1
D. Dudng thing x =1
JESBE Trong mit phing phic, cho M 14 diém biu dién s8 phuc z=x+ i, M#0- Xem s6
1
phitc Z = 5 (z -*Z—} Tim tip hop diém M sao cho Z 2 mot s6 thuéin do.
A.Pudng tron tim O, bankinh R=1.
B. Pudng tron tam I{0;1), ban kinh R=1.
C. Dudng théng y =1.
D. Duéng théng x=1

- ,ze(C z=x+yivéi X, yeR. Tim t3p hop diém M sao cho Z 1a mét 6
+iz

A. Truc tung ngoai tril diém A(C;1). B. Truc hoanh ngoai trit diém A(0;1),
C. Dudng thing y =1 D. Puitng thing x=1

B30 Cho Z = 1_%z,ze C,z=x+yi voi x,yeR. Tim t3p hop diém M sao cho Z la mét
s& thudn 5104.. *
A. Pudng trdn tim O, bankinh R=1 ngoai trit diém A(0;1)
B. Dugng tron tdm O, ban kinh R=1
C. Dudng thing y=1
D. Dudng thing x=1
VESST Tim trong mit phing phc, tip hgp diém M biéu dién cdc s6 phiic z sao cho: $4 phtic
z ¢6 mbdun bing 1. :
A, Dudng tron tim O, bankinh R=1
B. Dudng tron tim O(2;2), bankinh R =1
C. budng thing y =1
D. budng thing x=1

FESE% Tim trong mit phing phic, tap hop difm M biéu dién céc s6 phiic z sao cho: S$6 phiic
z ¢6 phén thyc bing 1.
A. Dudng tron tim O, ban kinh R=1
B. Dudng tron tam O(2;2), ban kinh R=1
C. Pugng thing y =1
D. Dudng thing x=1



Tiép ciin phuong phap vé vis dung

JEaES, Tim trong mit phing phuic, tp hop diém M bidu diéa céc s6 phtic z sao cho: S8 phiic
z ¢6 phin do bing -1.

A.DPudng tron tam O, ban kinh R=1
B. Dudng trén tim O(2;2), ban kinh R=1
C. Budng thing y=-1-
D. Dudng thing x=1 o
PB4 Tim trong mit phing tap hop (4) céc diém M bi&u dién s6 phiic z.sao cho Z=z2 +§
1a mot 6 thuc, _
A.'Truc hodnh x'Ox ngoai trif diém gbc v dudng tron tam O, ban kinh R=2
B. Tryc hoanh x'Ox ngoai trit diém g6c va dudng trdn tam O, bankinh R=1
C. Duding tron tim O, bidn kinh R=1
D. Truc hoanh x'QOx ngoai trii diém géc
&,’:ﬁé Trong mét phing phiic, tim tap hop diém M bidu dién s phiic z sao cho: |z| 2fz —1|

Axi+y —§y+§=0 .-B.(x+1) +(y—1) =4 -

cELY | D.3x +4y* ~36 =0
4 3
ME&I3E: Trong mit phing phiic, tim tap hop diém M biéu dién s8 phiic z sao cho: |1 - z| = |Z - i{-
A Duéng thang y = x, N
B. Dudng tron tam 1(0;1), ban kinh R =1.
C. Dudng thing y=1.
D. Budng thing x =1.

3413% Trong mit phing phuic, cho 6 phiic 2 bt I, tim tap hop céc diém M biéu dién s6 phuic

z sa0 cho: |z-—a|.|§:—£] = aa.

A. Dudng tron tim A bankinh R=AO,
B. Duding tron tdm A ban kinh R=2,

C. Dudng thing y =1.

D. Dudng thing x =1.

82 Trong mit phing PhlIC, cho s& phtic a bét ki, tim tip hep cic diém M biéu dién s6 phiic

z sao cho: 22 ~g% = 22— 22,

A.Dudng tron tim A bankinh R=AO,
B. Dudng trdn tim A bankinh R=2.

C. Mét hyperbol vuéng géc.

D. Dudng thang x =1




' T;:)ng iﬁ;fa.t phing phitc, tim tip hop cdc diém M1 anh ciia s phitc z sao cho: Anh cha
chc s6 1,%,1Z thing hang.
A.Budng tron 2+ ~2-y=0, c6 tam I[l;%} bén kinh R=—J~§— ngoai trit diém (0;1)
B. Budng tron x> +y° —x—y =0, c6 tAm I[% %] ban kinh R=%
C. Mjt hyperbol vudng goéc.
D. Pudng thing x=1
YBaid0? Trong mit phang phic, tim tip hop cic diém M 14 anh clia s6 phlIC z sao cho: Anh clia
céc 56 z, 2%, z* thing hang.

A.Pudng tron x* +y* ~x-y =0, c6 tim I(%%}bankmh R=1 ngoai trit diém (0,;1)

V2

1
B.Dudng tron x> +y* —x—y =0, c6 thm I(E’%)’ bankinh R =
C. Mot hyperbol vudng géc va truc hoanh Ox

D. Dudng thing x= —% va truc hoénh Ox
g Trong mit phing phiic, cho M 1i diém biéu dién 8 phic z=x+yi, M#0.

z
A, Duding tron tdm O, ban kinh R=1 va truc hoanh Ox, khéng ké diém géc O.
B. Dudng tron tdm O, ban kinh R=1.

C. Pudng thing y=1.

Z=X+Yi= (z—— . Tim tap hgp di€m M sao cho Z 1a mét s6 thuc.
2

D. Dudng thing x = —% va truc hoanh Ox.

JBIEEE Trong mit phing phic, cho m va M theo thi tu [2 diém biéu dién chia s phic z=x+yi

N z
va Z=

_1_ . Tim tap hop cic diém msao cho: Z 14 mot 8 thuc.
i

A. Dudng tron taim O(0,0), binkinh R=1

B. Dudng tron tim {0;1), ban kinh R=1

C. Dudng thang y=2x-2

D. Dudng thing x =1

Trong mit phing phiic, cho 1 va M theo thii ty 13 diém biéu dién clia s§ phitc z =X +yi

oozl 4 AL sl A
va Z=z— Tim tip hop cde di€m m sao cho: Z 1a mdt s6 thudn do.

+2i°
V5

A.Dudng tron tim | —2— ;=1 |, bankinh R 5

B. Dudng tron tim 1(0;1), bdn kinh R=
C. Duong thing y=2x-2
D. Budng thing x =1

ol



Tiép ciin phutong phip vixvin dyig

Tim tép hop cic diém M biéu dién 8 phiic z sao cho:z+z= k|z|. Vi k 12 mét s8 thuc
cho trude.

A. Dudng tron tam O(0;0), ban kinh R=1
B. Dudng tron tdm [(0;1), binkinh R=1
C. Ntia tryc Ox, nita tryc Ox’

D. Nita truc Ox’

7 Cho hai s6 phiic: p=atbi; g=c+di

2eciiind

Tim t4p hop cic diém M biéu dién 6 phiic 2 sao cho 8§ (z—p)z—q) 12 56 thyc.
A. Pudng tron tim O(O;O), bin kinh R=1.
B. Duding trén tim I{0;1), bankinh R=1.

_atc. b+d

€. Mét hyperbol vuéng géc ¢ tiém can 13 x= Ty YET

D. Céc dudng thing y =2x , trit gbc toa & O(0;0)
& Tim trong mit phing phic tap hop céc diém M bidu dién céc s8 phic z sao cho: $8
phiic z c6 médun ]Z| <1

A. Hinh tron taim O(0,0), ban kinh R=1.

B. Puding tron tam 1(0;1), ban kinh R=1.
d
€. Mét hyperbol vuéng géc cé tiém can 1a x= aT-I-c ;Y= b%

D. Cic dudng thing y =2x , trit géc toa dd O(0;0).

BB Tim trong mit phing phiic tip hop cac diém M bigu dién cac s6 phitc z sao cho: S8
phic z ¢6 médun | 2 |€ [1;2].
A. Pudng tron tam O(0;0), ban kinh R=1.
B. Dudng trén tim 1{0;1), ban kinh R=1.
C. Hinh vanh khin gém giita hai hinh tron (0; 1) va (0;2).
D. Céc dudng thing y = 2x, trit gdc toa dd 0(0;0).

IEELE

st Tndd

Tim trong mit phing phic t4p hop cac diém M bifu dién cic s6 phiic Z thoa diéu kién:
|zl =4,

A.Duding trén thm O(0;0), ban kinh R =4,
B. Duding tron tim 1{0;1), ban kinh R=4.
atc b+d

C. Mot hyperbol vudng géc cé tiém cin 13 x = — y =—§-—.

D. Céc dudng thang y =2x , trit g&c toa d6 O(0;0).

|-




8 Tim trong mit phing phic tip hop cic diém M bi€u dién céc s§ phiic Z thoa diéu kién:
|z| <2 .
A. Hinh tron tim O{0;0), bankinh R=2.
B. Duding tron tam 1{0;1), ban kinh R=1.
C. Mét hyperbol vuodng goc cé tiém cdnla x = aT+c; y= %
D. Cac dudng thdng ¥ =2x, trit gbc toa 4o O (0;0).
FB3130% Tim trong mit phing phic tip hop cac diém M biu dién cic 56 phiic z thoa min diéu
kién: 1< |z| <2
A. Dudng tron tAm O(O'O) bankinhR=1.
B. Hinh vanh khin gbm cic diém gifia hai hinh tron (O;1)va (O;2) ké i céc diém nim
trén duding tron (0;2), khéng ké cic diém ndm trén dudng tron (O;1).

€. Hinh vanh khin gém cic diém gidia hai hinh tron (O;1).va {O;2) ké ca céc diém ndm
trén dudng tron (0;2) ,(O;l). _
D. Cac duding thing y = 2x, trli géc toa do 0(0;0).°
FHISE Tim trong mit phdng phic tip hop cic diém M biéu dién cic s6 phuc z thod dleu kién:
|z| 2 va phén thifc cha z bing 1.
A.C62 diém M : M,(1;/3), M,(1;~/3).
B. Chicé 1 diém M,(1;3).
C. Chico 1 diém M,(1;~3).
D. Buding tron (&) tim Oban kinh R=2,

pBai5Z; Tim tip hop (T) céc diém M biéu dién s8 phuic z sao cho log1 |z - 2] > lc)g1 | |
3

A. Mién phing nim bén phai dudng thang x=1.
B. Dudng tron tam 1(0;1), ban kinh R=1

C. Hinh vanh khin g6m giiia cic diém hai hinh tron (O;1)va (0;2)ké ci cic diém nim
trén dudng tron (O;2), khong ké cic diém nim trén duding tron (O;1).

D. Dudng thing x=1.

 E h T Aide <& e 22 ,
¢ Diém ndo sau day biéu dién & phiic ——=-2-1?

Z . .
11
A.(3,-1 B|-=;= C.{-3;-1 D.(-3; -
(3-1) & (31 (-3-9)
SIS Tap hop diém biéu dién cic s6 phic théa mén diéu kién |2+ =[z—1] I
Ay=0 B.y=2 Cy=x D.x=-1

Bais5: Tap hop diém biéu dién céc s8 phiic théa mén diéu kién |Z— 2[ =2 la:

A,Iz+y2=2 B_(x-2)2+y2=4 C.x=0 D_x+y=0

|



B I R YV T

B} T3p hop diém biéu dién céc s6 phitc tha man diéu kién |z +1|+|z—1]=4 1

Ax+yt =4 B.(x+l)2+(y—1)2:4
LY 32 +4y* ~36=0
.—4——-]-?21 D. X+ y =

EEBE Tip hop diém biéu dién cc s8 phiic théa min diéu kién |z—2|-|z+2|=3 1a:
Axi-y=1 B.(x—2) +(y+2)" =9
cx_2+£=1 D x —_ y2

PBAEEE Tap hop diém bidu dién céc s6 phic thda mén diéu kién 2222 13 s8 3o la:

A2x+y+1=0,(y#0). B.2x—y+1=0,(x=0).

C.x* +y* +2x=0,(y =0). D.x*+y* +2y=0,(x=0).
¥BRISEE Tap hop diém bidu dién cic s6 phiic thoa man diéu kién [21-22|=[22-1| 13,

A4x-8y-3=0 B.4x+8y+3=0

C.8x~4y—-1=0 D.8x+4y+1=0

#1603 Tap hop diém biéu dién cac s phiic thda man didu kién

=1iJ§ L1 J3
2

B.y=%— C y=i-2— D. Truc Ox

z—z_:+1~—i(:2 1a:

PBEBT: Trong mit phing cho 3 diém A,B,C l4n lugt bidu didn cic s6 phtic i;2~3i;—3+4i.
Trong tim G clia AABC biéu dién s6 phiic ndo sau day?

A.l+3i B. —1+Ez C. l—zz D._l_gi

33 3 3 3 3 3 3

# Cho 3 s& phic 1;3{;-3-5i bi€u dién boi céc diém A,B,C. Piém I thda man
2IA-3IB+2IC =0 biéu dién s6 6 phiic nao sau day?

A, 4+19 B.4-1% C —4-19 D . 4-6i

RIS Trong mit phing phiic, goi A B,Clin luigt a difm bifu didn cic s6 phiic
1+i:4+(V3+1)i;1+ (243 +1)i. Tam gidc 4BC 1

A. Tam gidc vudng tai A B. Tam giac vudng tai B
C. Tam gidc céntai A D. Tam giac déu




B Trong mit phing phdc, goi A,B,Ctheo thit ty 1 diém bi€u dién cac s§ phic
4i 2+6i c )
= {1-i)(i+2); .'Tam gidc ABC la:
B oi)(42), 255 Tamg

—i
A. Tam giac déu B. Tam gidc vudng tai A.
C. Tam gidc can tai A. D. Tam gidc vudng tai B.

JEi85: A,B,C,D 1a bén diém trong mit phing phic theo thd ty biéu dién cic s6 phiic
14265143 +i;1+3 ~i;1-v2 . Khi d6, tii gidc ABCD I:

A. Hinh vudng B. Hinh thoi
C. Hinh thang can D. Hinh binh hanh
JBEE: X4c dinh tap hop cic diém trong mit phdng phiic biéu dién céc 6 phiic z thda man diéu
kién sau: |z —i| =1
A. Dudng tron tam A(0;1) , ban kinh R=1
B. Duidng tron tim [(0;1) , bén kinh R=2
C. Budng thing y =1
D. Budng thing x =1

83167 Xac dinh tap hgp cdc diém trong mit phing phiic biéu dién céc s6 phiic z théa man diéu

" z—i
kién san: |=——j=1.
z+1

A. Pudng tron tim O (O; 0), ban kinh R=1.
B. Dudng tron tdm I(0;1), bin kinh R=1.
C. Truc hoanh.

D. Duéng thing x=0.

yBiigs: Xdc dinh tap hop cac diém trong mit phing phic biéu dién cdc s6 phiic z thda min diéu

kién sau: |z| = ‘;—-3+4i .

A, Puding tron tim O(0;0), bankinh R=1.
B. Dudng tron tim I(O;l) ,bankinh R=1.
C. buong thing y =1

D. Pudng thing 6x+8y—25=0.

FBHES Trong mit phing phiic, cho ba diém A, B,C khéng thing hang theo thi ty biéu dién céc
s8 phic z;,Z,,Z;. Hai trong tm ctia tam gidc ABC biéu dién s§ phiic ndo? .

1 ' 1, - . i1 1 .
."0..z=§(x1 +x, -i-x3)+§(y1 +Y, + ¥, 1 B.z='z(ac1 +x, +Jcs)+Z(y1-!—y2 +,)i
1 1 , 1 1 ,
C.z=5(x1+x2 +x3)+5(y1 +1fy Y, )i D.z=§(y1+y2+y3)+§(x1+x2 +x, )i



Tiép cin phuong phdp vavin

fi70; Xét ba-diém A, B,C ciia mit phing phiic theo th ty bigu dién ba 6 phtic phan biét
2,,%,,%,théa man Izl| = [zzf = |z_,,|. Nhén dinh nao sau day 1a dang.

‘ A. Tam gidc ABC déu.

B. O Ia tim clia tam gide ABC.

C. Ola trong tim clia dudng tron ngoai tiép tam gidc ABC.

D. Trong tim ctia AABC 12 diém biéu dién ctia s§ phiic %1 2, T2,

Trong mit phang phuc cho cic diém O ( géc toa do), A bidu dién s6 1, B bidu dién
sO phitc z khéng thuc, A" bi€u dién s6 phitc 2"#0 va B’ biéu dién s6 phic zz’.
Nhin dinh nao sau day la ding?

A, Tam gidc OAB déu

B. Hai tam gidc OAB,OA’ B’ 14 hai tam gidc dng dang

C. O la tim ciia dudng trdn ngoai tiép tam gisc AA'B’

D. Trong tim ctia AOAB 13 diém biéu dién cia s8 phiic z, +z, +z,

ai72: Mot hinh vuong tim 1a gdc toa do O, cic canh song song véi cac truc toa d6 va cé do dai
béng 4. Hay x4c dinh diéu kién cliz a va b &€ diém biéu dién s¢ phiic z=a+bi nim trén
duding chéo ctia hinh vudng,
A.Ja|> [p[>2 B. |a]=|p|>2 C.la=p|<2 D. |a|=|t| <2

% Cho z =1+4i; z,=—1-i Tim z €C sao cho cac diém biéu dién caa 2,2, 2, tao
thanh tam giac déu.

A z,=—2(1+i) va z, = 2(1-i) B. z, =—3(1+i) va z, =3 (1-i)
C. 2 =V2(1+i) vaz,= —2(1-i) D.z,=3(1+i) v z, = —3(1-i)

}Bii78; Cho hinh vudng ABCD c6 tam Hva A, B, C, D, H l4n luot Ia diém bi€u dién cho chc s8
phic 4, b, ¢, d, h.Biét a=—2+1 h=1+37 va 5§ phiic b c6 phn 30 am.

T G BT 0 ST I+ e e SRy I L S A it e, BT LI St CA AT e v e+ T 1 A £ e ek S

Khi 46 modun cta s6 phiic b la:
A.26 B. V13 C. ,/%51, D. V10

MBS Gieo mot con siic sic can ddi déng chit hai 14n. Ky hiéu (4;b) 11 két qua xdy ra sau khi
gieo, trong d6 a, b lan lugt 12 s6 chim xudt hién l4n th nhat, th hai. Goi A Ia bién 6
s6 chdm xudt hién trén hai l4n gieo nhu nhau. Tép hop cac két qué thudn lgi cho bién
¢6 A 13 tap hop con ctra tép hop céc diém bidu didn clia s6 phic z thda man diéu kién
nao sau day?

A.|z+2+3i<12 B. |z+2+3i[=10

C |z+2+3i<13 D. |z +2+3i|<11

| TN




Diéu kién: z # 3 -4i

Goi M (x;y) véi (x;y) #(3;-4) 1a diém biéu dién s& phic:
z=x+yi;x,ye R

Khidé log, |z —(3—4) =1« |z—(3—4z')| =2

o (x-3) +(y+4) =26 (x-3) +(y+4)’ =4

Vay tép th cac diém s& phiic z trong mit phing toa d6 1a dtiong
tron tim I(3;-4) bdn kinh R=2.

Chon C.

Pit z=x+yi,tacd Z =x—yi.

Do dé:

|4 ~52-52=0 6 x> +y* ~5x~Byi~5x+5yi=0 & (x -5/ +y* =25

Trén mit phing toa dd, d6 la tap hop cic diém thudc dudng tron ban
kinh bing 5 va tim la I(5;0).

Chon C.

oiz=x+yi,(x,ye R}, tacé:
|i—(2+i)|=2 & |-y-2+(x-1)i=
= (x—i)z +(_1/+2)2 =4

Viy tap hop diém biéu dién cdc s phiic z 14 dudng tron tam I(1; -2)
vabankinh R = 2.

Chon D.

Goi z=x+yi, x,ye R, tach:

lz+1=|z—i] o |(x+ 1)+ yi =|r+(y-1)1

& (x+1)2 +yt=x +(y—1)2
e +1+2x+y =x"+y° -2y +1
oy=-

|



Tiép cin phuong phdp vavan

Tap hop diém biu dién cdc 86 phiic z 12 dudng thing y=—x di qua
gic toa d6.

Chon A.
Bais:
Goiz=x+yi,(x,ye R} tach: 24 <)2-zef2+2f <2-2f
= |(2+x)+iyf2 < |(2—x)—1'y|2
o (2+x)2 +y° <(2~-x)2 +(—y)é
ox<0

Tap hop di€m biéu dién cic s8 phiic z 12 niia tréi clia mit phing toa
d0 khéng ké truc Oy.

Chon C.
2(2i-1)-i+2=0 =172 4,3,
2i-1 5 5

4

Véy diém biéu dién s6 phic z1a M(E’g]
Chon A.
M(x;y)x,ye R z=2+yi= z41-i=2& (x+1)2+(y—1)2 =2

Véy tap hop céc di€m M cén tim 12 dudng tron {x+ 1)2 +(y —-1)2 =4
Chon A,

Céc di€ém M biéu dién s3 phiic z thod man lz -2+ 3:'] =3 nim trén
dudng tron (C) tdm K(2; —3) va ban kinh R = 3.

(Y nghia hinh hoc ciia |2]: y

dé dai OM)

Ta ¢6 |2| dat gid tri nho nhit < diém ° y
Me(C) va OM nho nhit.

(Bai hinh hoc gidi tich quen thuéc)

Taco:

OM2 OI- IM=0[-R =13 - 3.

Déu “=” xdy ra khi M 1A giao diém
ctia (C) va doan thing OI.

Véay GTNN ciia |Z| Ia: 13 — 3.

Chon A,




Gidsitz=a+ib (a,b€ R),(z #i),khi do:
_a+2+bi+3i _(a+2+(b+3))a—(b-Di)
a+(d-i a* +(b-1y
Tl s6 bing @° +b* +2a+2b-3+2(2a—b+1)i
u 13 s6 thudn o khi va chi khi:
{az +b2+2a+2b—3:0®{(a+1)2+(b+1)2 =5

|2a—-b+120 (a;b) £ (0;1), (~2;-3)

Vay tap hop céc diém biéu dién s phiicz1a dudng trontim I(~1,—-1),
ban kinh biing /5 , khuyét 2 diém (0;1) vi (-2;-3).

Chon A.

Dung mdy tinh casio ta c6 A(1;2}, B(3;1) ,C(0;2)

Duing cong thiic § =%|[E,E]| v6i AB = (2;-1;0), 4C =(~1,0;0)
Diing médy tinhtaco két qua B: S = %

(C6 thé dung cong thic tinh dién tich phin Oxy tinh nhanh hon )
Chon B.

9.
¥

yiEh
Tacé OA bigu dién cho z,, OB biéu dién choz,nén QA -OB = BA
biéu dién cho z, —z,.
Céc ciu con lai dé dang kiém tra la ding.
Chon C.
MBSz
Pit:
zz=x+iyr=:~lx+iy-—z’|=1<:):'c2+(y—1)2 =lex’+y*-2y=0,
Chen C.
1. T55
AAMM, cintai Anén M|A=MM, hay:z, —1+2i = z, -1+2i
Chon B.
Vidiém M{L;-2) bidudiénznén z=1-2i =z =142
Do dé:
w=i(1+2i)—(1-2i) =—2+i—(—3—4i)=1+5i=¢|w|=~./2_6-.
Chon A

o ]




Tiép cin phutong phip vévin'e

Trong tdm cfia tam gidac ABC 3 G[ —3,'%)

4,
Viy G bi€u dién s6 phitc 2=-3 +§ i,
Chon B.

Tac6: A(0;1),B(1;3),C(a;5)

BA=(-1,-2)

Tam gidc ABC vudng tai Bnén BA.BC =0 véi
BC=(a-1,2)

=-1{a~1)+(-2)2=0 a=-3. Viy C(-3;5).
Chon A.

_1—-
) iz—1=0 EETTT Jz=—i
(iz—i)(z+3i)[z—2+3i)=0@ z+3i=0 |z=-3i ©|z=-3 |
z=2+3i |

2-2+3i=0 |z=2-3i
Viy céc di€m bi€u dién céc nghiém cla phuong trinh d3 cho I
A(0;-1),B(0;-3),C(2;3)
Chon A,

Pitz=x+iy(x,ye R}va M(x;y)la diém bidu dién ciia z.

’ z|=,,/x2+yr2
O §_

Tac
z=3+4i=x—iy—-3+4i=(x-3)+(-y+4)i

= |z-3+4i =\/(x—3)2 +(~y+4)’

Vay:

le]=|z-3+4i & 22447 = (x=3)" + (~y +4) © 6+8y—25=0

Chon D.

z2-1+i _ (x-D4y+Di (2~ +y(y+D+(x-1)i

Tacd: 2z’ = - 3
z-1 (x-D+yi (x-1"+y

Trudng hop M’ ndm trén tryc tung va M’ 0.
=2z’ Ja mét s6 thuin 3o khic 0.




- (x— D +y(y+1)= 0. P +yt-2x+y+1=0
x—1=0 xel

=(E) 1a dudng tron tim I[l -%] ban kinh R=— ngoai trif cic
diém (1,0) va (3;-1). 2

Chon A.

., z=14 (x-D+(y+Di  (x-1F+y(y+1D)+(x-1)i
Taco: z'= = — = —

z—1 (x—1)+yi (x-1)+y
Trudng hgp M’ nim trén truc hoanhva M"#0.

=z’ 13 mét 8 thuc.

x-1=0
&
(x-1)+y(y+1) =0

= (E) Ia dudng thdng x =1 ngoai trit diém (1;0) va (1,-1).
Chon D,

Giast w=qg+5bi

Ta cé:

-, R __ar_—ibi _ a— 3+(b ‘\/_I)
a+bi=(l+i3)z+2 e z= 1+i3 ©z-1= 143

|a 3+(h- J_)rl

I BTy

-3 —3) +(b-3)
@| +o-B ey 6By,

|1+1\/_I 2

o (a-3) +(b-3)2 <16

Viay qui tich cdc diém M biéu dién s6 phic la hinh trén
(x—3)? +(y—/3)* <16 (ké c4 nhiing diém nim trén bién).

Chon A. '
pEaZ

]

+1 x*+y’ -1 -2y

Tacé: Z=X+Yi oX= ;Y=

acb: R (x—17 +y* (x-17+y*
ViN chay trén dudngtron: ¥* +¥° =1 néntacé X +y’=1=X=0
Tap hop diém M 14 tryc tung. '

Chon C.




Tiép ciin phuong phip va vgn dung cao

Taco:

Zz—a) =(x+yilx+yi-10-6i)
=(x+ydf(x-10)+(y —6)i]
=x(x~10)-y(y - 6)+(2xy — 10y ~6x)i

Tich z(z—g) 1A mot s8 thyc.
e 2xy-10y—-6x=0< y=3—x5-,x¢5
x_

Trong miit phing phiic, tip hop E, Ia mot hyperbol vuéng géc c6
phuong trinh:

Tich 2(z—a) 1a mét 53 thudn 4o < Phian thuc bing 0.
S x(x~10)-y(y-6)=0
; & (x*—10x) - (y* ~6y) =0
& (x-5P—(y-3) =16
: (x5 (y-3)F
AT = y16 -
Trong mit phang phic, tdp hop E, 1a mét hyperbol c6 tam déi xéing
I(5;3), c6 truc thyc ndm trén truc Ox, dd dai cic truc déy bang 8.
Chon C,

1

bit z=x+yi véi x,ye R.

Ta co z+;=|zl
<=>(x+yi)+(x—yi)=m
@2x=m

i x>0
i 4x" = x% +4

x>0
< {y = ixx/g
Tap hop cic diém M trong mit phéng biéu dién s6 phitc z=x+yi
gom 2 dudng thing:
D :y= /3
D,:y= ~x\3
Chon D.

: B> Ghichi ciaem

|



|z—2i|:3@|z+(y—2)i|z3¢>1}:n2+(ym2)2

=362 +(y—2) =9=1{0;2)

_|3.0+4.2-m]_1

3+ 4 5

=l©il8—ml=—¢)
5 5

& Phén 40 bing 0.
4:>L2[(xz+y2)2 +1]=0

(x2 + yz)
oxy=0,x"+y" %0

x=0,y#0

[y =0,x#0
Tap hop diém M trong mit phing phiic biéu dién s6 phiic z |
- Tryc tung, khong k& diém O.
Hay
- Truc hodnh, khong ké diém O.
Chon A.

Truding hop Z 12 mét s6 thudn 40 < Phén thyc béng 0.
e (+y ) -1=0

ex+yt=1

Tép hop diém M la dudng tron tim O bénkinh R=1.
Chon A,

Ta cé:
1-iz  1-i(x+yi)
1+iz  1+i(x+yi)

z=x+yi,v0ix,ye R=2=

1—yi’ i 1+y—z (I+y—z)l—~y—xi)
4yl tm 1-y+m (I-y+a)l-y— o)
-z -y 14+2* -2i—y®  1-2® —y — 2
_(l—y)g—:czf_ (1—3,,')2+332 B (1—y)2—!~:c2

=7




Tép ciin phyong phip vévéridung

Z 12 mét s thuc ex=0y=1.
Tacéd: z=yi,y#1,

= Tap hop cic diém M biéu dién s6 phiic z 1 truc tung ngoai trit
diém A(0;1).

Chen A.

86 phiic Z 1a mét s6 thudn do khi va chi khi
1- 2 2: 2 2=
X -y =0 LR 1
(1-yP+x*#0 [x20,y=1
=> 'Tap hop cac diém M biéu dién 6 phiic z 13 duding tron tim O,
ban kinh R=1 ngoai trit diém A(0;1).
Chon A.

Goi M la diém ndm trong mit phing phiic biéu dién s phic z=a+bi
Voi a,be R

Tacéd: lzl=10M=1

Tap hop diém M 12 dudng tron tim O, bankinh R=1,

FLOBARERE 10wt Wwem s D and el e s g e 35 e

Chon A.
; Tacd: a=1
Tap hop diém M la dudng thing D:x=1.
Chon D.

Taco: b=-1
Tap hop diém M 12 dudng thing A: y=-1.
Chon C,

bit z=x+yi,(z;t0) voi x,ye R.
Ta co:
Z=z+£=x+yi+ 4 _=x+yi+4(+-_yzz_)
z x+yi P4y
2.2 24,2 4
:>Z=x(x +y +4i+y(2x +y° —4)i
x+y

Z1a mét s6 thuc

YX+y -4)=0 |y=0val+y’=4
@{x2+ 2 = 2 2
y =0 X +y 20

|




|

Do d6 (4) gém:

+ Truc hoanh x"Ox ngoai trit diém goc.
+ Pudng tron tAm O, binkinh R=2.
Chon A.

Cich 1: Dt z=x+yi,{z#0) véi x,ye R.
Ta co:

. 2 , 8 4 '
|z|:2|z—-t|©x2+y2=4(x2+(y—1) )<:>x2+y -§y+§=0.
Céch 2: 'Ta co: :
| 2k=21z~iles| OM I=210M - OB kol OM |= 2| BM |
Véi B(1;0) 1a diém biéu dién s6 i.

Dodétacéd: OM=2BM @-@=
MB

Ta suy ra tip hgp cic difm M la dudng tron Apollonius dudng
kinh If, véi I, ] thubc truc tung va

Ol =2IB o 2

— — =[] 0;= | v .

O] =-2]B ( 3)“ J(0;2)

. X . 2 2 1, 2 8 4
Phuong trinh dudng tron:x” + ¥-3 (y-2)=0ox" +y —gy+§=0.
Chon A.

Céch 1: Dt z=x+yi,(z#0) véi x,yeR.

Tacé: [1-2|=|z-i| & (1—;!6)2-!-]/2 =x’ +(y—1)2 S y=x

Cidch 2: Goi A laanh cha 1va B laanh cta i: A(1;0),B(0;1)

Ta cé: [1-2|=[i—2| ¢ [MA| =[MB| > MA = MB

Do d6 tip hop hgp cic diém M 1 dudng trung tric cha doan
AB=y=nx.

Chon A.

[z—a|.|§—£|=a§@|z;a|z =|a|2 (1)
Goi A 13 diém biéu dién 6 phitc @ trong mit phing phic.
—]2 — 3
Tact: (1) ¢ [MA| =[04] & AM?=0A" = AM =4O
Do 6, tap hop céc diém M 13 dudng tron tim A bankinh R=A0.
Chon A.
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Tiép ciin phutong phip vis viin ding cas

PSR Y S DU S-S S . P Ghichictaem
o (z+z)(z-2)=(a+ala—a) (2)
Dt z=x+yi

a=o+fi

Tacé: (2) & 2x(2yi)=20(2 i) & xy = off
Do d9, tap hop cic diém M2 mot hyperbol vudng géc.
Chon C,

Cdch 1: Goi diém biéu dién s6 phitc z1a M(x,y).

Goi diém biéu dién s6 phiicila N(0;1).

Goi diém biéu dién s6 phiiciz 1a P{-y;x).

NM = (x,'y-—l); Z_\Tﬁ=(-y;x—1)

Viba diém M, N, P thing hing nén ta cé:

2(x-1)=-y(y-1) o 2* +y* —x—y =0.

Vay tip hop céc diém M 1a dudng tron 2 +y* —x—y =0, ¢4 tim

I(%;%} ban kinh R=§ ngoat trit diém (0;1).

Cidch 2: Ki higu M(z) ding d€ chi M 12 diém biéu dién s6 phic z

hay anh clia 8 phic z.

{

Gid sti cdc diém A(1), M(z), M'(iz) thing hang:

iz —z

@W=kﬁ,k€R¢)iz—z=k(i—z)@k= Py
iz + y1) — (2 + yi)
i—(z + yi)
[y =2) - gl + (y - 1]
[~z ~(y —Dil[-z + (y - 1)
_ $2+y2+x—yhz2+y2—z—yi
R R
k 1a mét 56 thuc. Do d6, ta cé:
X4yt —x—y=0
{x2+(y-1)2;é0

Ditz=x+yi= k=

ok

Vay tép hop céc diém M 1a dudng tron X +y’~x-y=0, c6 tam

2
%;%} béan kinh R=§ ngoai trii diém (0;1)

Chon A,




Céc diém M(z), M'(z*), M''(z*) thing hing.
@W=kw,keR

ot-z=kz"-z2) -1 -ki(z-1)=0

e oz—102t+2+1-k)=0,220,1 & 22 42 +1-k=0
b4t z=x+yi,véi x,yeR

Tach: k=z"+z+1=(x+yi)* +(x+yi)+1

ek=x"-y+x-1+2xy+yli

ke ]R<:>2xy+y=0©y=0vx=—%
Viy tap hap diém M gém:

+ Truc hoanh Ox.

+ Dudng thing x =-%.

Chon D.

Ta co:

2 2 2 2 f
Z:l Z+l =l x+yl+ 1 : =(x +2y +21)x+(x +2y :_)yl
2 z) 2 x4+ yi 2x* +y°) 2% +y2)

Z 14 6 thuc khi va chi khi

2,2 -
Y=0©{(f YYo=l )
x+y #0
=0 =0
Tacé: (1) = yz N yz ,
¥+y° -1=0 |[x*+y =1

Tap hop céc diém M phai tim gém:

+ Truc hoanh Ox, khong ké diém gdc O.
+ Dudng tron tim O, ban kinh R=1,
Chon A.

Ta co:
Cz=1_ (x+y)-1 _ x=1+yi _ (x—1+yilx—{y+2)i)

z+21 (x+yd)+2i x+(y+2)i  (x+(y+2iNx-(y+2)i)
=)Z=x(x—1)+y£y+2)+(z'—2x+2)z
X +(y+2)

Z 13 mot s6 thyc khi va chikhi ¥ ~2x+2=0

Tap hop cic diém m biéu dién s6 phiic z=x+¥i 12 dudng thing
y-2x+2=0y=2x-2

Chon C.

]




Ta co:
7= z-1 _(x+yid)-1 _ x-1+yi  (x—1+yilx—(y+2)i)

Z+2i (x+yid42i x+(y+2)  (x+(y+2)iNx—(y+2))

7 x(x—1)+ygy+2)+(¥—2x+2)z
+{(y+2)

Z 1a mdt s6 thudn 3o khi va chi khi

(x-D+yly+2)=0 2’ +y* —x+2y=0

1 5
Tap hgp cic diém m13 dudng tron tim I(E; —1], binkinh R= \_/2:
Chon A.

batz=x+yi,véi r,ye R
Tacé: z+z=klzl (1)
o 2r=k{x*+y* (2)
Néu k=0,tacé: x=0
Tép hop céc diém M 1a truc tung.
Xét k=0:
2 _ 32,2, 2 1)y 2,2

Taco: (2) e 4 F K X HY) A=K =y

kx=20 kxz0
V6i 2<k<2 va k20, taco

y2=4_k2x2@y=+ﬂ
K Tk

Do d6, tap hop M phai tim [a
JiE

k
+Gigihanbdi 0<k<2,x20,
+ Hodcgidihan béi -2<k<0,x<0,
- nita truc Ox néu k=2,
- niia truc Ox’ néu k=-2.
Chon C,

x (kx>0)

- Cée dudng thing y=+ x

bit z=x+yi, véi x,yeR.
Ta co:
z-p=x—a+(y—b)i
z—g=x—c+(y—d)}i




= (z—pNz—g)=[x—a+(y-blillx—c+(y~d)il
=(x—alx—c)—(y-b)y~d)+[(x—aly~d)+(x—-c)y -b)li
(z—p)(z—¢g) 12 mot s6 thuic.

S (x-aly—-d)+(x—c)ly-b)=0

e [(x—a)+(x—clly=(x—a)d+(x—c)b

=(b+d)x—(ad+bc) voi x # atc
2x—{a+c)

Do d6, ta ¢6 tip hop céc difm M 14 mét hyperbol vudng goc 6 tiém
cinla :

Chon C.
pBaide:

Xem s6 phdc z c6 1z <1,
Tap hop cic diém M 14 hinh tron tim O(0;0) ban kinh R=1,

Chon A,
pEaiE

Xem s8 phiic z ¢6 | z |€ [1;2].

Tap hop céc di€ém M 12 hinh vanh khin gdm gitta hai hinh tron
(O;1)va (0;2).

Chgn C,

Ta c6: OM ={z| = OM = 4
Tép hop céc diém M 1a dudng tron tim Obénkinh R=4.
Chon A,

Ta c: |2 <2 < OM <2
Tap hop cic didm M la hinh tron tdim O binkinh R=2.
Chon A,

Tap hop cic di€m M 13 hinh vanh khin gém giiia hai hinh trén
(O;1)va (0;2) ké ca cac diém ndm trén dudng tron (0;2), khéng ké cic
diém nim trén dudng tron (0; 1),

Chon B.

IEDE|




i Tiép ciin phutong phip va vindg

Taco: [Zl =2¢>0OM =2 = M nim trén dudng tron () tim () ban »—.;:th'ch;? ciaem .
killh R=2 . ’ H

Phén thyc clia z=1= M nim trén dudng thing x=1.
C62 diém M: M,(1:4/3), M, (1;—/3)
Chon A.

iéukién: z#0,z£2,

Cich1: Dgt z=x+yi,(x,yc R). '

IOgLI’Z_2|>1031"4‘i’|"_zl<|Z|‘i’(93—2)2+?,‘2 <+l er>l
2 3 :

Do do, tip hop (T) cic diém M biéu dién s6 phic z 1a mién phing
nim bén phai dudng thing x=1.

ML MR ALIARINAAR S e L 4 L fehee e L s

Cich 2: Ta cé: logl |z - 2| > logl Iz’ = |z - 2‘ < 'z’
{ Goi A 13 &ém bié?.l dién s8 phl’iz z,=2=> A(2;0)

Xét trwding hop |z-2|= 2| & MA=MO

Khi dé, M chay trén dudng trung tryc 4 clia doan OA, c6 phuong
trinh x=1.

Véi trudng hop [2~2| <[2] < MA < MB

=> M nam bén phai duong thing 4.
! Do d6, tap hop (T) cic diém M biéu dién s6 phiic z 13 mién phing
i nim bén phéi dudng thing 4, trung truc cfia dogn thing OA 1i mién
phing ném bén phai dudng thing x =1. :
Chon A.

Dit z=x+yi,(z¢0,x,ye ]R).
i X~yi+2

tyi =2-i&x+2-yi=2x+y+(-2y—x)i

1
+2=-2 =y
@{x , I+yc> 12
“Yy=—cy-x _1
| y=3
Chon B.

Cich I: Dt z=x+yi,(z#0,x,y€ R).
2+ =z~ = 2 +(y+1) =2 +(y-1] @ y =0,

Do 44, tap hgp diém can tim 14 truc Ox.




Ciéch 2: Nhan xét: Néu M, M, 13 diém biéua dién cic s8 phiic:

Z, =X, +Y,, %, =%, +Y, thl MM, = ]z1 —zz| = \/(xl =2, 1+ (1, - ¥,)

Xét 2 digm M, (—i), M, (7). Theo gia thiét ta c6:

|z+1 =|z- 1] & MM, = MM,, ¥M(z)

Vay tap hgp cic diém M 13 dudng trung tric clia doan MM, véi
M, (0;-1),M,(0;1). Do d6, tap hop diém can tim 14 truc Ox.

Chon A.

Xét diém 1(2; 0) , theo gid thiét ta c6: |z—2|=2 & MI =2,VM(z)

Vay tap hop diém c4n tim 1 dudng tron tam I(2;0), bankinh R=2.
Phuong trinh dudng tron (x—2)" +37 =4. -

Chon B.

Xét hai diém F, (-1; 0); (F(1; 0), theo gia thiét ta c6:

|z+1|+|z—1| = 4 ¢ ME, + MF, =4, VM(z).

Véy tap hgp diém cén tim 12 elip c6 cac tiéu diém F (~1;0),F, (1,0),
nta truclén 4=2, nda truc nhd b=3

2

R
Phuong trinh elip I+ 3 1.

Choa C.

Xét hai diém F, (-2; 0); (F,(2; 0), theo gia thiét ta c6:
|2-2|~{z+2|=3 < MF, - MF, =3,VM(z)
Viy tap hop cic diém cin tim 14 hypebol ¢é cic tiéu diém

3 3
F (-2;0); (E,(2; 0) nta tryc I6n a = > nifa truc nhd b= “\‘/2;
x2 2
Phudng trinh cia hypebol —— ___;_‘!__2 =
3Y {7
Chon D. (_] (_ ]
2 2

Pit z=x+Yyi thi ;=x—yi_ Ta cé z;,+22=x2_+y2__+2x+2yi
- 2, .2 -
Vi zz+2z lisdonen {* 1Y T2¥=0
y#0
Vay tip hop can imla x* +y°+2x=0(y #0).
Chon C.

]




Pit z=x+yi,(x,ye ]R)=>;:x—yi.

}2:'—2;, i—gl=

=|22—1|<:>

;

g

2
2

e xt +(y+1)2= (x—%} +y* < 4x+8y+3=0.(%)

Chon B.

Pit z=x+yi,(x,ye R).
-zt 1-i|=2 & l+(2y—1i| =2 < 1+(2y—1)* =4

1+43

<:>(2y—1)2=3<:>y=T.

Chon A.

Tacé A(0;1),B(2;-3),C(-3;4). Trong tam AABC la G(—%;%)

1,2.
Véy trong tam G biéu dién s6 phiic z= 3 +§z.
Chon B.

: Taco A(1:0),B(0;3),C(-3;-5)

21A-3]B+2IC=0 ¢ 2(0OA-0I)-3(0B~0I)+2(0C-0i)=0
& OI =20A-30B+20C = I(-4;-19)

Vay diém I bifu dién s6 phic z=-4~-191.

Chon C.

Tact: A(L;1), B(4:V3+1),C{1;243+1)
= AB=BC =CA=23. Viy tam gisc ABC déu.

’ Chon D.

5 3

. 4i o . 2460 ..

3 Ta céd _1+i=2-21;(1—1)(1+21)=3+1; 3 =2f

Suy ra A(2;-2),B(3;1),C(0;2). AB=BC=+10;AC=+20

Vay tam gidgc ABC vudng cin tai B.
Chon D.




Vil+2i;1-2i va 1+\/§+i;1+\/'_3;—i la cdc cdp sé phiic lién hop
nén hai diém A, D va hai diém B, C d6i xting nhau qua truc Ox. Hon niia
1#1++/3 nén ABCD I3 hinh thang cAn.

Chon C.

FBsiEE
Gidsli z=x+yi, z—i=x+(y—1)i v

z—ij=qfx* + y—12=1
[z =yx* +{y~1)

e+(y-1) =1(1)

Nhui vy, tdp hop cic diém biéu dién I
cacs8 phifc z=x+yi théaman |z—i|=1
nim trén dudng tron tim A(0;1) bén : X
kinh R=1, 0

Chogn A.

Dit z=x+yi, (z#¢ i, x,yeR).

zZ—1i

z+i
Nhui vay, tép hop cdc diém bifu dién cic s8 phiic thoa méan diéu kién
dd cho 13 truc hoanh.
Chon A.

e

BaieH]
Cdch 1: Dat z=x+yi, (x,yeR).

=1@|z—i|=zz+i[<:>\/x2+(y—1)2 =\/x2+(y+1)2 = y=0.

Tact: 2| =|z-3+4i = x+ yi = |(x-3) + (4-y)]

e+ =(x-3) +(4-y) < 6x+8y~25=0.

___________

F =P mm e




Tiép ciin phutong phdp vix vin duig
Céch 2: . .
2=34+4f

l|= 4:)|x+yz’|=|(x—3)l+(4—y)il

Theo tinh chit hai s8 phiic lién hgp c6 m6 dun béng nhau, ta cé:
I =[(x-3)+ (4-y)i|=|(x~3)~(4-y)

=|(x—yi)~(3+4i) =[]z~ (3+4i)

jz~0]=|z-(3+4i) (2)

Ta c6, v& tréi (2) 1 d6 dai cira vecto OM, vé phai (2) 1a &6 dai vecto
AM trong d6 M (x;y) 12 diém biéu dién 6 phitc z, A (3;4) 1a diém bidu
dién s6 phiic 3+4i. Hé s& (2) chiing to tap hop céc s§ phitc z=x+ vi
c6 céc diém bi€u dién nim trén dudng trung truc chia doan thing OA Ix
6x+8y~25=0,

Gid sit: z, =X, +y,i,2, =X, +y,1,2, =X, + If,i biéu dién bai A,B,C
thitoa dd cha cic diém do Ja A{x,,,),B(x,.y,),C(x,.4,).

+x, + +y,+
Trong tim G cfa tam gidc ABC cbtoa do G(xl 3;2 % ;yl y; ya)

bicu dién 3 phitc 2= 2(x, 4, +3, )+ 2 (4, 41, +43 )i
Chon A.
pBaH0:

Tl

Tt diéu kién |Zl| =|Zz| =|23| chitng t6 A, B,C nim trén mét dudng
trdn tam O ban kinh R =z,|.

Néu ABC1a tam giac déu thitim O I trong tam ciia tam gidc ABC.
Theo tinh chit trong tam ta c6:

P Ghichicdaen -




OA+OB+0C=0 hay z,+z,+z, =0

Dao lai, néu z, +z, +z, =0, tacé:

0 +08 + OC =0  OC = -(57+ 0F) = -OD

Diém D ciling nim trén dudng tron ngoai tiép AABC (vi |O—C| = —{—O—ﬁ ,
OADB la hinh binh hanh ¢6 OA =0B =BD = DA). Cic tam gidc OAD
vd OBDIa céc tam gidc déu. Suy ra sd. AB =120°

Lim tugng t ta chiing minh duge s#AC =120°

Suy ra AABC déu.

Chon A.

I . — i
Tac6 |4|=[0B|, 1=[04], |4 =4, oLy
|zz|’=1z|.|z’]=1@; R’
Ta ¢é:
e A
‘AB’=|OB—OA|=[z-1l .

N

|:4”_B;}=|C§;—CW =|zz’—z'| 0 A’ ’
[

Tii trén, ta suy ra

F_H_[l-1_ oa o _a®
1 | -] "0A 0B AB
= AOA’ B’ »AOAB.

Chon B.

x

Vi diém bifu dién s8 phic z ndm trén dudng chéo ciia hinh vudng nén
a=b

2<a<2; —2Sb£2vél:
a=-b

Vay diéu kién It [a] = |p{ <2
Chon C.

Gia sit M,(X,; ;) biéu dién s6 phiic z = X, + i

Gid sit M,(X,; ¥, ) bi€u dién 6 phiic 2, = X, + Y,/

Khi d6 khodng cich gitta hai diém MM, bang mé dun caa s6 phiic
4-5.

|




WL

Tiép ciin phuong phdp va.vin dwiy

VMM =7 2= ) (- )

Ap dung vio bai ton: Gid st z, = x + yi

Dé céc diém biéu dién clia z,, z,, 7 tao thanh mét tam gidc déu thi

IZ1_ z) =.|Zl ~z)|

|2 - 7| =]z, ~ 2

= 1) [(x-1f (1) =8
JaTE = [(x+1f +(y+f  x+y=0

= 2% = 6= y=+/3= x=F3

Vay c6 hai s8 phiic thod min 1a: z, = V3(1+1) vaz,=—B {l —i).

Chon D.

Ta cé: A(=2;1); H(;;3) = C(4;5)

AB=BC
Tam gidc ABCvudng cAntaiBnén:{ |
B3 6 AB.BC=0
Gidi h¢ tim dugc B] —;—-> |
13" 13
A L e yk . 1145
Suy ra mé dun clia s6 phiic b1a: TR

Chon C,

Tacs A={(1;1),(2,2),(3,3).(4,4).(5,5),(6,6)}

Goiz=x+yi; x,ye Rkhidé Iz+2+3i|=\/(x+2)2 +(y+3)°

Gid sit [2+2+3]| S R=> yf{x+2)] +(y+3)" <R

= (x+2) +(y+3)" <R%. Khi d6 tap hop céc diém biéu dién s
phitcz 13 nhiing diém thugc mién trong va trén dudng tron tim 1(~2;-3)
vaban kinh R.

Détip hop cac két qua thuin loi chobién c§ Ala tap hop con cha tap
hop céc diém biéu dién cilia s6 phitc z thi IM <R, VMe R

Khi d6 ta dugc R=13, '

Chon C.




CHUGNG 5.

BAI TOAN VAN DUNG CAO HINH HOC
KHONG GIAN

[ TR N EEREEN NN NN N NNNNNENNNRNNNINJEMNERJNNNRJREJNNRRERZSNEJEJENES;E}]

Chi: @é 1. Thé tich khéi da dién Chi dé 4. Mat tru - Khéitru
» Thétich khéichop
« Thé tich khéi lang tru
% Thétich khéi hop chiynhat Dién tich xung quanh, dién tich
+ Thé tich khéi I3p phuong toan phan cla hinh try va thé tich
cla khéi try

2,
e

Binh nghia mat tru

,
DS

Hinh try va khai try

2,
%

4 Dinh Ii t 56 thé tich khéi tu dién
hodc khdi chop tam giac

+ Baitap ap dung + L0igiai chitiét

Léi giai chi tiét _ Chii dé 5. Ung dung hinh hoc khéng gian

Chil d¢ 2. M3t ciu - Khdi cu gidi céc bai toan thufc &

b

> Bai tap ap dung

0
o

+ Dinh nghia mat cdu + Baitgpap dung

< Céng thic tinh dién tich mat ¢y, # Lo gidi chitiét
thé tich khéi cau Pé on tap chuong 5
+ Phuong phdp tim tdm mat cdu  Loigiai chitiét
ngoai tiép hinh chép S.ABC
< Baitap ap dung
+ Loi gidi chi tiét
Chd dé 3. Mat non - Khdi nén
<+ Binh nghta mat ndn
+ Hinh nén va khdinén
< Baitap ap dung
+ Loi gidi chi tiét



TOAN VAN DUNG CAO HINH HOC
HONG GIAN

THE TICH KHOI DA DIEN

Trtidc khj vao phan bai tap ban doc cin: trang bl cho mmh céc kién thic cin
ban t01 thiéu sau: o L

Céng thifc tinh: V — % Bk v6iB dién tich dy, & 1a chiéu chiéu cao khéi chép.

NI W Grr AORA L 5y e

V =ab.c véia, b, claba kich thudce,

4
!
B
H
¥
i
:
i




V =4°véiala 46 dai canh.

Cho khdi tit dién SABC va A, B, C’ 1a c4c diém thy ¥ lin lugt thuc SA, SB, SC ta cé:
Vose _ SA SB SC
v SA’SB'SC’

SA'B'C

Chuing ta sé ciing di ngay vao cic vi dy minh hoa déithdy ring.c6 nhiing bai lién quan dén
thé tich khéi da dién r4t khé, doi héi kha ndng vin dung cao.

BAITAP APDUNG

B3kl Cho hinh lap phuong ABCD.A’B’C’ D’ canh 4. Goi M, N lidn lugt 1a trung diém cla
A’B’ va BC, Mit phing (DMN) chia khdi 1ap phitong dé cho thanh hai khéi da dién.

1%
Goi (H) 12 khéi da dién chtta dinh A, (H') 13 khéi da dién con lai. Tinh ti s6 %
(H')
A Vo _37 g, Vo _55 C Vi _2 p Y _1
V(H’) 48 V(H') 89 VfH'} 3 V(H’) 2

® Cho hinh chop S.ABCD cé déy 1 hinh vudng canh bing 4, mit bén SAB la tam gidc déu
v nim trong mit phing vudng géc vdi ddy. Goi M, N, P ldn lugt [a trung diém clia cic
canh SD, CD, BC. 'Thé tich khéi chép S.ABPN la x, thé tich khéi ti dién CMNP la y.
Gi# tri x, y thod mén b#t ding thic nao dudi day:

A X' +2xy-y* >160 B. X* ~2xy+2y° <109

C X +xy-y*<145 D, & —xy+y*>125

-



B TR AL s s o

Cho hinh chép tam gidc S.ABC c6 ddy ABC 12 tam gidc vuéng can dinh C va SA vudng
gdc véi mit phang (ABC), SC=a, SCA = ¢. Xac dinh géc ¢ d& thé tich khdi chép SABC
16n nhat.

A. p = arc sini B. v = arcsini

V3 7

.1 .1
C. v = arcsin— D, ¢ = 3.arcsin—

¥ 7
JES4S Cho hinh chép S.ABCD c6 ddy la hinh vuéng canh a, mit bén SAB 12 tam gidc déu,
SC=5D = g+/3 . Tinh thé tich khéi chép S.ABCD.
22 22 22 a

V=22 V= V= .
A 2 B 3 ¢ 6 6

EESS Cho hinh chép tam gidc déu S.ABC c6 canh ddy bing 4. Goi (P) la mit phing di qua
A song song véi BC va vubng goc véi (SBC), gbc gidta (P) véi mit phing day 1a 30°.
Thé tich khéi chép S.4ABC L
A ZN3 B. 23 . p. 3%
24 8 8 8
% Cho hinh chép S.ABCD, d4y ABCDA hinh thang vudng tai A,D; AB = AD = 24,0D = a,
Goc gida hai mp(SBC) va (ABCD) bing 60°. Goi I 14 trung diém ciia AD, Biét hai mp
(SBI), (SCI) ciing vudng géc véi mp(ABCD). Tinh thé tich khéi chép S.ABCD.

A 315 g 317 r c.3V19 D, 3v23
5 5

3
L2 8 ——a a®

§ Cho khéi hép ABCD.A’B’C’ D’ ¢b canh bén béng 1; ddy ABCD 1A mét hinh chii nhat
¢6 céc canh BA=1/3, AD =7; chc miit ben (ABB'A’) va (ADD’ A") hop v6i mit diy
céc goc theo thif ty 45°va 60°. Thé tich cha khéi hop la:
A. 4 (dvtt) B. 3 {dvtt)
C. 2 (dvtt) D. 6 (dvtt)

§ Cho khéi hop ABCD.A'B'C'D)’c6 tit c& céc canh bén bing a vi cic gic
A’AB,BAD, A’ ADdéubing a(O" <@< 90°). Tinh thé tich V ciia khéi hop.

. / a
A. V = g®sin 2, [cos? 5 — cos’er
. o
B. V =2 sina,[cos’ S — cosia
’ 2
. @ a
C V=2 sm;Jcos2 5~ cos’q

D. Dép s6 khac

s




¥BFTE Cho khéi hop ABCD.A'B'C’ D’ cé d6 dai canh bén biing a; ddy 12 hinh thoi, di¢n tich
ctia haimit chéo 1 S, va S,; gbc gitta hai mit phing chita hai mit chéo la & . Tinh thé
tich V ctia khéi hop da cho.

AV = 3,5, cos v BV = 3,5, cosa
a . 3a

C V= 5,5, sin ex b V= 8.5, sina
' 4o ’ 2a

P

B3 Cho khéi hop diing ABCD.A’B'C'D’ c6 AB=g, AD=b, BAD = 0; dudng chéo AC’
hop véi day géc B. Tinh thé tich ctia khéi hép ding da cho la:

A V= 4ab\/a2 + 8% — 2abcos ov.cosa cos 3

B. V= 2@b\/a2 + b% + 2ab cos ce.cos a cos 3

C V= 3ab\/c.:2 +b? — 20bcosa.sin e tan B

D V= ab\/cr,2 + 5% + 2ebcosa.sina tan 8
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D C
ABAND =], ]MABB =K
Tacd: BK=2B'K
[e A'D". Tacs A’I:%A’D’.
Suy ra thiét dién la: KMIDN
V.=V

(H) ABA'KMIDN —

=V

D.ABKMA’

+V

D.BKN

Chon B.
pBai2:
+ Goi H Ia trung diém AB.

Do AABC déuva
(SAB) L(ABCD) = SH L{ABCD)

Xét AABC den-

_@_z\r

EAud b rAd ARt Tra et ettt tatata i nnatannsaal

D N P S LI IIIT I

5 Ghi cht ctigem




+ Tacé:
S

ABPN © S apcp _SADN —SCNP

_ap_ADDN CNCP_,, 42 22_.o
2 2 2 2

L SH=%.10.2\/_=¥=>3::%

=YV S 3

5.ABPN =§' ABPN *

+Goi AN nHD={K} ta c6 MK 12 duding trung binh caia ADHS

=>HK=%SH
L 11 _122 243 _ 243
243
BEAEEY

Thay vao cic ddp an.

Chon C.

BC =AC =g.cosp , SA=asiny

v lg
3

SABC T

wpodA = %.AG’.BC.SA = %a:" sin . cos® ¢

= -;—a3 singo(l — sin? go)

Xéthimss: f(z)==z—z° trénkhodng (0;1).
Tacé:

f'(a:) =1 — 3%, f'($)= 0o z= :i:-Jl-_~.

3
Tt d6 ta thdy trén khodng (0;1) ham s6 f (x) lién tuc va c6 mot
difm cue tri 12 diém cuc dai, nén tai d6 ham s8 dat GTLN hay:
1 2
mey =153
3

1
Véy maxV,, = £, dat dugc khi sing = %

93
hay ¢ = m‘csini (véi 0<¢<£)
V3 27

Chen A.

|




Tiép cin phitong phdp vé vin dyng

Goi I1a trung diém cha AB; J 13 trung difm cia CD tif gi thiét ta c6:

’ 2
I]=ﬂ; SI=_£1‘2£V£1.S]: ,Sc2_IC2= 3‘22"%:3211

5
P
°
¥
L

by
AN
LR

— 2 2_gp2 & A+————
cos(SIJ):IJ + I8¢ - S8J _ 4 4
21718 ,, a3
SN P
ENA
Suy ra, tam gic SIf 13 tam gidc c6 SIJ th. TW gid thiét tam gidc SAB
déu va tam gidc SCD 14 can dinh S. Goi H 12 hinh chiéu cfia S trén (ABCD),
ta ¢6 H thudc IJ va I nédm gitta HJ titc i tam gidc vudng SHI c6 H =90°;

<0

goc I nhon va cos}=cos.§ff}= —cosgfj"—“—\?(gﬁ Vi ﬁ{ ké bu)

7

= singltI} = ?
Xét tam gide SHI ta c6 SH = SIsin STH = %.}/35 - %_2—
) 1 1, a2 &2
VaY VS.ABCD =§SBCD'SH=EQZ'T= 6 .
Chon C,

Tongquit: Cho hinh chép
tam gidc déu S.ABC ¢6 canh
ddy bang 4. Goi (P) 1A mjt
phéng di qua A song song véi
BC vavudng goc vdi (SBC), goc
gifia (P) v6i mit phing day 1a
@ . Thé tich khéi chép S.ABC

3
a” cot o
lé: V =
§.ABC 24




3 0o 3
Ap dung baindy: V0, = e C;Z?’O = azf _
5

4
+ Goi G Iatrong tam AABC = 5G L(ABC)
+Goi (P)n(SBC)=EF = EF//BC
= (P)~(SBC)= Ax véi Ax//EF//BC
+Goi M Ia trung diém cta BC, SMNEF = N
Tacd: AM LBC, SGLBC
= BC L(SAM)=AN1BC= AN 1 Ax
Ma AM LBC,BC//Ax= AM 1 Ax

= ((P),(ABC))= NAM =30"

: P Ghichicaaem

+ AABC d8u = 5, =

Ta cé: GSM = NAM =a (ching phu véi SMA )
Xét ASGM vudngtai G co:

SG = GM.cotGSM = l.AMcot?,OO _ _1_‘0\15 \/g _a
3 3 2 2
A 1 1 a2 3 a a3 3
VaY VS‘ABC ='§SMBCSG=§ 4 .Ez o4
Chon A.

Goi H trung diém 12 ctia I1én BC, J1a trung di€m AB.
Ta c6 ST L mp(ABCD), IC = JID? + DC? = a\2
1B = JI4* + AB* = a5 vaBC=BC =JCI* + JB* = a5

8 nep = éAD(AB +CD) = 3a?

$,, = L JAAB = ¢*%048, = ~.DC.DI =~
2 2 2
3a®
= Sipc = Sapcp —Sias = Spic = P

|
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Tiép cin phuong phip vivin dung

o 1 ) 25, 33 N
Mitkhéc Spp. = EIH.BC, nén IH = —BW%Q = —‘/——5—&- : B Ghichicaaem
ST = IH.tan60°¥a.
, 1 W15
Do d6 Vg ypep = gSI'SABCD =T &
Chon A,
Cl
l"‘ B‘
B

Ining A'H 1 (ABCD) va A'T 1L AB,A'J 1 AD
=HI 1 AB,HJ | AD,

Ta céd m=45°

A'JH =60°

Pt A’H=h

Tam gidc HAJ vudng c6 ATTE-I = 60° nén la nita tam gidc déu 6 canh

A7, dudng cao AH, HJ 12 néta canh.

R N :)
S A J=LL 2D
™
2

=S AP =AA?-AT%=1

Jo—1212 J3
3

i 0<h<—=-
VL )

126 9-12#°
9 9

= Af=

Tam gidc HAT vudng cin tai H

=IH=A"H=#h

AIHJ I hinh chii nhat.




Al=IH &

2
—»-—"931Zh=h<:>9—12h2=9h2 oh=

3
V21
Thé tich ctia khéi hop ABCD.ABCD”:

A'H= @.ﬁ.% =3 (dvtt).

V=50 \/_1

Chon B.

SleS==s=

——————

[ kel

Y
T
N
.

.
C
]
’

Ding A’H L AC va A’K L AD=>AA’BDcéntai A = A'O LBD
. [A’OLBD
Tacé
AC LBD
= BD L(A"AC)
=BD 1 AH
=» AH 1 (ABCD)
= HK L AD

A H
bit A’AO=F. AHAA vudng tai H=- cosﬁ=i::ﬁ :

ABCD 1 hinh thoi = AC la phan gidc gbc BAD =
AKAH vudng tai K

a AK
= 00§ — = ——
2 AH
a AH AK AK
= c08 .08 — = . = = cos
2 AA' AH AA'

COSex . .
= cosff=—— = A'H = AA'.sinff = asin 3
[84

a 94
=" .., lcos’ = — coslar

e
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Tiép cin phuong phdp v vin di

Doddtac: Ve wwen =Sapen- A H

a 2 & 2
¢os” — -cos ey
« 2

Cos —

= o’ sino.

.o o
= 2a3.sm5 cos® E - cos’ay

Chon C.

Goi Ova O theo thil ty 1 tam cfia hai mit d&y ABCDva A’BCD,
Hai mit chéo (ACC A’) va (BDD'B) ¢6 giao tuyén la OQ, ¢ dién
tich theo thi tyla S;. S,.

Dyng mit phang (P) vudng géc véi OO tai I, cit céc canh bén AA’
BB, CC va DD theo thi ty tai E, F, Gva H((P) L cac canh bén).

Ta c6: EG,HF L OO’ tai I = EIH = a la géc gifta hai mit phing
chéo (ACC A’y va (BDD'B).

- EFGH I m¢t thiét dién thing clia hinh hdp v 13 mét hinh binh hanh.

Do d9, ta c6 thé tich V ciia hinh hop 1:

V= SEFGH.AA%%.EG.HF.AA‘ sina
s
Tali 6 5, =S =EG.AA" & EG=2

8, =S40 = HE.BB' & HF =2

a
V= EEI'ictsincu _ SiSysina
@ a %a
Chon D,

V= ab\/az + 5 + 2ab.cosa.sinatan 3
Tacé: CC’ L{ ABCD)




A a B
= CAC’ = f 1a gbc cha AC’ va mat ddy (ABCD)
Xét AABC

Tachd:

AC® = AB® + BC? —2AB.BC.cos ABC
= 0% + b — 2ab.cos (180°-a)
=a? +b? + 2ab.cosa

= AC = \/az + 5% + 2ab.cosar

Do dé ta cé: CC' = AC.tan B = va* +b* + 2abcosa.tan B
Thé tich cta hinh hop diing:
LC'= absina.\/a2 +b* + 2abcos a.tanf

V=>58,pcp
=V = ab\/a2 4+ b + 2ghcos.sinatan 8
Chon D.
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1.
cho trudc 13 mit cdu tam O vA ban kinh R. Ki hiéu $(O;R)
Nhut vay, khéi cdu S(O; R} 14 tap hop cic diém M sao cho OM <R,

2.

'MAT CAU - KHOT CAU

Dinh nghia: Tép hop céc diém trong khéng gian cich diém O ¢& dinh mot khoang cach R

Cong thiic tinh dién tich mit ciu, the tich khdi ciun

Goi R 14 bin kinh clta mit cu, ta cé:

- Dién tich mit ciu: S =47R?,

- Thé tich khéi ciu: V = %xRS .

3.

Phuiong phap tim tim mit cdu ngoai tiép hinh chép S.ABC

Dé tim mit c4u ngoai tiép mot hinh chép bét ki ta cén phii im duge diém I cich déu tit
cé cic dinh.

Budc 1: Dyng truc clia day: Ia duong thing di qua tAm cia dédy va vudng gbe véi ddy.

Bu¢c 2: Ta thudng dung trung triic cha moét canh bén ndo dé cit truc ciia ddy tai I, hodc dung
truc cia mot mit bén ndo d6 cit truc clia day tai I. Tim mit cdu chinh 14 @iém I, & budc 2 nay
phai thy vao dé bai ma ta ¢6 cach xit li cu thé.

pBai:

bBAI2:,

Cho hinh chép S.ABC <6 déy ABC I tam gidc vudng cin tai B, AB=BC=am3
SAB=5CB=90"va khodng cich tit A dén mit phing (SBC) bing 2 Tinh dién tich
mit cdu ngoai tiép hinh chép S.ABC theo a.

A.S5=27d", B. S=8ma". C. $=167za". D. S=1274".
Cho miit cdu(S)tim O , ban kinh R v& mit phing(P) c6 khoang cich dén O bingR.
Mot di€ém M tiry ¥ thugc(S). Duéng thingOM cit{P)tai N. Hinh chiéu caO trén
(P) 1a I. Ménh dé ndo sau day ddng?

A. NI tidp xic véi (S) B.ON-Rv2 & IN =R
C.Ca AvaB déusai. D.Ca A va B déu diing.

: Dién tich hinh trén 16n ctia mét hinh cu a P. Mot mit phing(e) cét hinh ciu theo mot

hinh tron ¢é dién tich 1a g Khodng céch tit tim mit ciu dén mit phing () béng:

AP B. |1 c. 2. D.| .
e ra 7z 2x




f Cho matciu S (O;R) ,Alamdt di€m & trén mit ciu (S) Va(P) 13 mit phing qua A sao
cho goc giiaOA vi(P)bing 60°. Dién tich cha dudng tron giao tuyén bing:

AR, S c. 7k’ p.7R
2’ 4 8
Cho hinh chép ttt gidc déuS.ABCD ¢6 canh bén bing canh déy bang a. Khi d6 mit cdu
ndi tiép hinh chép S.ABCD ¢6 ban kinh bing:
A a(1+\/§) B a(\/g~~f5) c a(\/g+\/5) b a(\/f—i—l)
2 T T o2
| Cho hinh chép 5.ABCc6 ddy ABC 1A tam giéc vadng tai Bva BA = BC =a. Canh bén
SA = 2avA vubng gbc véi mit phing ddy. Ban kinh mit cdu ngoai tiép hinh chép 5. ABCla:
ASY2Z B.3a. c.av6 D.av6.
2 | 2
BBAFE Cho hinh chépS.ABCDc6 déy ABCD Ia hinh vudng canh 4. Canh bénSA= a6
va vudng géc véi déy( ABCD). Tinh theo adién tich mit cdu ngoal tiép hinh chép
S.ABCD ta dugc:

At 2. B.8xa . C.24% D.2za".

pBai8 Cho hinh ch6p S.ABC c6 ddy ABC la tam giac vudng cén tai Bva AB=a. Canh bén
SA = a2 , hinh chidu ctia diém$ 1én mit phing d4y tring véi trung diém ctia canh
huyén AC . Ban kinh mét cdu ngoai tiép khéi chép S.ABCla:

ABYV2 B.E‘/_g_ c.ae D.Eé.

5 3 2 3

21
6
14 chiéu cao ca khéi chép va R 14 ban kinh mét c8ii ngoai ti€p khéi chép. Tis6 -1;— bang:

d Cho hinh chép tam gidc déuS-ABC c6 canh d4y bing ava canh bén bing .Goi h

AL B.7. cZ p.l
12 24 6 2

§ Cho hinh chép td gidc déu S.ABCD c¢6 canh ddy bang#, canh bén hgp véi mét day mot
gbc 60°, Thé tich clia khéi ciu ngoai tiép khdi chépS.ABCDA:;
A dzd’ g 27’ J6 C 87a*\J6 D. 87a*\6

3 9 9 27

Cho hinh chépS.ABCDc6 diyABCD Ia hinh thang cén, diy lon
AD=2a,AB=BC=CD=a. Canh bénS5A=2a vi vudng géc voi ddy. Goi Rii bén

kinh mit ciu ngoai tiép khéi chépS.ABCD. Ti s6 X nhén gié trj nao sau day?
a

A.av2. B.4. C.1. D.V2.

T



BB P EEI o 4tb m4 b s ms a8 AtV SR vt o

2 Cho hinh chépS.ABCD ¢6 déy ABCD 12 hinh chit nhét véi AB=2a, AD =4, Canh bén
SA vubng goc v6i ddy va géc gita SC véi dy bang 45°. Goi N1a trung dém SA |
h 1a chiéu cao cita khéi chép S.ABCD vaR 1a ban kinh miit ciu ngoal ti€p khéi chop
N.ABC. Bi€u thiic litn hé giftaR va h la:

A.4R =51, B.v5R = 4. cR=—21 D.R:S_@h_

5v5 4
Cho hinh chépS.ABCDc6 déy ABCD1a hinh vuéng canh bing . Dudng thdng
SA=al2 vuéng géc véi day (ABCD).Goi M Ia trung diém SC , mat phing () di qua
hai difm A vi M déng thdi song song véi BD cit SB, SD14n lugt tai E,F. B4n kinh
mét cau di qua nam diém S, A, E, M, F nhdn gid tri ndo sau day?

A.ay2. B.a. a2 D.2.
: 2

]

BAZE Cho hinh chépS.ABCD ¢6 ddy ABCD 1 hinh vuéng canha. Puong thing SA vudng
géc d4y (ABCD). Goi H Ia hinh chiéu ciia A trén dudng thing SB. Ban kinh mit cau
ngoai tiép ti dién HBCD c6 gié tri nao sau day?

A a2, B.4. c.ﬂ, D2
2 2

Cho hinh chépS.ABC c6 day ABC Ia tam gidc vudng cin tai B va BC = 4. Canh bén SA
vudng géc v6i ddy {ABC). Goi H,K14n gt 14 hinh chiéu vuéng géc ciia A 1n canh
bén SB va SC . Thé tich chia khéi ciu tao bdi mit ciu ngoai ti€p hinh chép A.HKCB la:

AN278 B.v27a" 7 D.7%
3 6 2

B Cho hinh chép S.ABCD ¢6 day ABCDla hinh vudng tam O, BD =a. Hinh chiéu vudng
gécH cliadinhS trén mit phing déy ( ABCD)la trung diém OD. Dudng thing SD tao
vt mit ddy mét géc bing 60° . Bin kinh mit ciu ngoai tiép hinh chép S.ABCD nhan gi4
tri ndo sau day?

A2 B.2 (o D.a.
4 3 2

& Cho hinh chép S.ABC c6 ddy ABC Ia tam gidc déu canh &, hinh chiéu vudng gbe clia
dinh Strén mit phing(ABC) Ia trung diém H ctia canh BC. Géc giita duding thing
SA va mit phang( ABC}bing 60°. Goi Gla trong tim tam gide SAC, R 1a ban kinh
mét cdu ¢6 tAm G va tiép xdc v6i mét phing (SAB). Ding thiic nio sau day sai?

AR=d[G,(sAB)] B.3VIBR=25H. < R__ 5 pR_yum
Saspc 39 @

% Cho hinh chop 5. ABCD ¢6 déy ABCD I hinh vuéng canha. Mt bén (SAB) 1 tam giéc
vudng taiS va nam trong mit phing vudng géc voi day. Thé tich khéi ciu ngoai tiép

hinh chép 5. ABCD1a?
A2z . L1y1lza L D.7%
3 162 6 3

| 337




E,m 19: Cho hinh chép S.ABCc6 déy ABC 1a mét tam gidc d€u canh bing 4. Canh bén SA=a\3

va vudng goc voi day (ABC). Ban kinh mit cdu ngoai tiép khoi chép S.ABC la:
A [ B. a‘\/ﬁ C, ﬂ@ : D. a‘\/E
% . . .

)88 36: Chotitdign S-ABC coca::Canh AS,AB,AC c‘Immotvuonggocva AS=a,AB= 2a AC=3a.
Bén kinh mit ciu ngoai tiép td dién S.ABC la:
A3, B3 c.ﬁ_ p.a14
2 2

PBaiZi# Cho hinh chépS.ABCc6 ddy ABC la tam gidc vudng tai A, AB=AC=4a. Canh bén
SA vudng géc véi day(ABC). Goi 113 trung diém clia BC,SI tao véi ddy (ABC) mot
g6c 60°.Goi 5, V 12n lugt 1a dién tich mét cdu va thé tich khéi cdu ngoai tiép hinh chép
S5.ABC. Tis6 — bang?

A.av14. ’ p,av14 ¢ 314 p.av2

12 4 6
}B3i 22 Cho hinh chépS.ABCD cé ddy ABCD 1a hinh thoi canh4, géc BAD =120°. Canh bén
SA = a3 va yuéng g6¢ véi déy (ABCD). Ban kinh mit ciu ngoai tiép khdi chép S.ACD

nhan gié trj
A a1 B.2% alE] p.4V13
M 3’ 4 33

B3I 73 Cho hinh chépS.ABCcd day ABC la tam gidc vudng tai C va BC=a. Mit phang
(SAB)vudng goc voi ddy, SA=SB = 4, ASB =120° . B4n kinh mit cdu ngoai tiép hinh
ch6p S.ABCla:

AL B. £
4 2

pE3I24 Cho hinh c4u (S) tim O, ban kinh R. Hinh c4u (S) ngoai tiép mot hinh try tron xoay (T)
¢6 duéng cao bing dudng kinh déy va hinh cdu (S) lai néi tiép trong mét nén tron xoay
(N} 6 g6c & dinh bang 60°. Tinh ti s§ thé tich cfia hinh tru (T) va hinh nén (N).
A.£=£ B. £=£ CWVL:@ D. Chon khdc.

Vy 6 Vy 3 Vy 2 ‘
Bai25: Cho léng try ding ABC.A'B'C’ ¢ ddy ABC1a tam gidc vudng tai B, AC= a3, goc
ACB bing 30°. Géc gitia dudng thing AB’va mit phing  ABC)bing 60°. Ban kinh
mit cdu ngoai tiép td dién A’ ABC bing:
A3 B.av2L c.mf2l p.&v2L
4 4 2 8

6 Cho ling tru ditng ABC.A'B'C’ c6 dédy I tam gidc déu canh % Mt phing (AB'C’) tao

v6i mit ddy gbc 60° va di€ém G la trong tdm tam gidc ABC. Ban kinh mét ciu ngoai

tiép khéi chdp G.A'B'C' bang:

A8 B.32 .34 p.314

108" 2 4 36

Ca D. 2a.




pBaia;
Goi H 13 hinh chiéu chia Slén
(ABC)
. IBC1SC
Taco 5 L HC1BC
SH 1 BC

Tuongty, AH t AB

Vi AABC vudng cin tai B
nén ABCH la hinh vuéng.

Goi O=ACnBH, O 1a tim
hinh vuéng.

Dung mét dudng thing d qua O vudng gde véi (ABCH ) , dung mit
phing trung tryc ctia SA qua trung diém ] cit 4 tai I,] 1a thm mit ciu
ngoai ti€p. Ta hoan todn ¢6 If LSA =3 I]//AB=I I trung diém SB,
hay 1=dnsc

Ban kinh mit cu ngoai tiép: 7, . = Al = JIJ* + JA?

AB a3

=2 e

2 2

Do AH//(SBC)=d(A,(SBC))=d(H,(SBC))=HK (K la hinh
chiéu clia H 1én SC va BC L(SHC}=» HK 1.(5BC))

= HK=a\? tam gidc SITC vudng tai H = SH =av/6
Tam gidc SHA vudngtai H = 5A =34

. I =§24=%:>rsvmc:A]:a\/g:>8m=47rr2=127raz.
Chon D.

Vi I 12 hinh chiu cha Otrén

(P)nén 4[0,(P)]=01 ma d[0,(P)]=R

nén 113 ti€p diém cta(P)va (S). »
Dudng thing OM cit(P) tai N nénIN I
vuong gbc véi OF tai . ®) N

Suyra IN tiép xuc véi(S).
Chon A.

aneant
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Hinh tron 16n cta hinh ¢du S 12 hinh tron tao béi mit phing cit
hinh cdun va di qua tAm ciia hinh ciu. Goi R 12 béan kinh hinh cdu thi hinh
trén 16n ciing cé ban kinh 1a R.

Theo gia thiét, ta c6, ﬂR2=p@R=Jg Vi ﬂ“rz:fz’—d:)r:

Suyra d=+R* -7’ =1/'2£-
T

Chon D.

a
2z

Goi H I hinh chiéu vudng géc clia O trén (P) thi:
o H 14 tim ciia dudng tron giao tuyén (P)va (5).
« (0A,(P))=(04, AH) = 60°.

Bén kinh ctia dudng tron giao tuyén: r = HA = (OA.cos 60°=-12-2—.

2 2
Suy ra dién tich duding tron giao tuyén: zr’ = 7:(5] = ﬂf

2
Chon C.

Goi H 14 thm clia hinh vaéng ABCD . Taco SH 12 truc dudng tron
ngoai tiép ddy. Goi M 1A trung diém ctia CD va I 1a chan dudng phin

]
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Tiép cin phutong phdp va vi

gidc trong cia géc SMH ('fé SH ). Suy ra I12 tim ciia mit cdu ndi tiép
hinh chép, ban kinh IH =7,

Tacd SH=+/SA? - AH? =%_2—,- SM=§;MH:§.

Dua vao tinh chét cia duding phén gidc ta co:

Is _Ms :S_I—I_ MS+MH

IH MH "IH  MH

_SHMH g =a(J€—J§)
MS+MH 2446 4

Chon B.

Goi M la trung diém AC, S

suy raM 13 tAm dudng tron
ngoai ti€p tam gidc ABC. Goi
I 1A trung diém 28C, suy ra
IM//SA nén IM L(ABC),

Dodé IM latrucciia AABC |
suyralA=IB=IC (1) ake?

Hon nifa, tam giac SAC
vubng taiAcdlla trung diém
SCnén IS=IC=14 (2)

Tw (l) va (2), tacd IS=IA=IB=IC hay[ 13 tAm ctia mit ciu ngoai

=1IH

tiép hinh chép S.ABC
z 2
Vay bén kinh R=Is=§29= VSA ;AC - “‘2/5_
Chon C.

Goi O=ACNBD, suy ra O 1a tam dudng trdn ngoai tiép hinh
vuéng ABCD,




Goi I1a trung diém SC, suyra IO//SA=10 1 (AB'CD).

Do d6 IO 14 truc ciia hinh vudng ABCD, suy ra:

IA=IB=IC=ID (1)

Tam gisc SAC vudngtai A ¢6 13 trung di€m canh huyén SC nén
IS=IC=1A (2)

Tt (1),(2), ta c6: R=IA=IB=IC=ID=IS:%=a\E

Vay dién tich mit cdu S =47R* =8za® (dvdr).

Chon B.
yBais;

Goi M la trung diém AC, suyra SM L{ABC)=SM 1 AC

Tam giéc SAC c6 SM 1a duding cao va ciing la trung tuyén nén tam
gidc SAC cantai S

Ta cé AC =+ AB?+BC? =a+/2, suy ra tam gidc SAC déu.
Goi G 1 trong tim ASAC, suyra GS=GA=GC (1)

Tam gidc ABCvuéng tai B, c6 M 1a trung diém canh huyén AC
nén M 1 tAm dudng tron ngoai tiép tam gidc ABC.

S
A
C
0
B
Lai c6 SM 1 {ABC)nén SM i tryc cha tam gidc ABC.
Ma G thudéc SM nénsuyra GA=GB=GC (2)

Tu (1)1(2), suyra GS =GA =GB =GC hay G la tim mit cdu ngoai
tiép khéi chép S.ABC.
a6

Bén kinh mét cdu R=GS§ ——SM ———
Chon B.

be

[

Goi O latam AABC, suy ra SOJ_(ABC) va Ao=202

Y Ghichi ciaem



Tidh cin phuong phiip vicvin ding cao ton

Trong SOA, tac h=S0=+/SA? - AO? :%.
s

Trong mit phing (SOA), ké trung truc 4 ctia doan SA cit SO tai ],
suyra

sJed nén IS=1A,
/e SOnén IA=IB=IC.

Do dé IA=IB=IC=1S nén I 1a tm mit cdu ngoai tiép khdi chop
5.ABC.

Goi M 1a tung diém SA, ta c6 ASOA déng dang ASMI nén
2
Regy_SMSA_SA* 7a
50 250 12

7
Vi =—.
dy 6

Goi O=ACNBD =50 L{ABCD).

Tac660°= SB,(ABCD) = 5B,0B =5BO

b Ghicht cia em




Trong ASOB, tac6 SO = OB. tan §BO = T

Ta ¢é SO 1A truc chia hinh vuéng ABCD.
Trong mit phing (SOB}, ke duding trung triic 4 cha doan SB.
Ie SO:{IA=IB=IC=ID
Ied IS=IB
= IA=]B=IC=ID=I5=R
Xét ASBD ¢ {fﬁf SL => ASBD déu.
SBD =5B0O=60°

Do d6, d ciing 13 dudng trung tuyén clia ASBD . Suy ra I la trong
tim ASBD.

GQiI=SOmd=>{

Ban kinh mit cdu R = SI-—§SO_ J_
3
Suy raVv :EﬂRa =M_
3 27
Chon D,

Tacé SA L AD hay SAD =90°.
Goi E latrung diém AD.
Tacd EA=AB=BC,

Nén ABCE 13 hinh thoi.

Suyra CE=EA =%AD.

Do d6, tam gidc ACD vuéng tai C.
Ta co:
{DC L AC

= DC L (SAC)= DC LSC
DCLSA

hay 5CD =90°

Tutdng ti, ta cung c6 SB L BD hay SAD =90°,

Ta ¢6 SAD = 5CD = 5BD =90° nén khéi chép S.ABCD
nhin trung diém I cha SD lam tam mitc cdu u ngoai tiép, ban kinh

SD \}SA2 + AD2

Suyra—=\/5.
a

Chon D,

s




\
N2
TP AU

=

Tact 45°=(SC,(4BCD)) = (3C, AC) = 5CA,
Trong ASAC, ta c6 it =SA =a/5

. |BC 1 AB
Ta c6 = BC 1 (SAB)= BC L BN.
BC 154

Laicé6 NA L AC, Do d6, hai diém A, B cung nhin doan NC duéi
mot goc vudng nén hinh chép N.ABC néi ti€p mit ciu tim J 1A trung
diém NC, ban kinh

2
2 2 2 4

Chon A.

Mit phing(e) song song véi BD cit SB,SD lan huot tai E,Fnén
EF//BD. ASAC can tai A, trung tuyén AM nén AM 1SC (1)

BD L AC
Tacé = BD L {SAC)= BD 15C.
BD LSA

Dodé EFLSC  (2).




Tit (1),(2), suyra SC L (@)= SC L AE(*)

P Ghi chu cia em
1S4
Tit (*) va (**),suyra AE 1(SBC)=> AE LSB.

Lai c6: {ﬁglAB:. BC L(SAB)= BC L AE(**)

Tuong tii ta cu.ng co AF 15D
Do do SEA = SMA = SFA =90° nén ndm diém S5, A4, E, M, F ciing

SA_aV2

thudc mit cdu thm I 13 trung diém ctia SA,bankinh R= ~ =
Chon C.

Goi O=ACnBD,
Vi ABCD I hinh vudng nén OB=0D =0C(1)

CBLB
Tacé = CB L(SAB)=CB L AH.
CBLSA™

Lai c6 AH LSB. Suy ra AH L(SBC)= AH L HC nén tam gidc
AHC vuéng tai H va ¢6 O 14 trung diém canh huyén AC nén suy ra

OH=0C(2)
S
A
i
i
i
i
i
i ;
? dd N N\D
e
B o
Tit (1),(2), suy ra R=OH=OB=OC=OD=Q—2@.
Chon C,
pBaits:
Theo gi4 thiét, ta c6 ABC=90°, AKC=90° (1) -
AH 1.5B AL L HC
L 2
BC L AH (BC L(SAB)) ™ )
Tit (1),(2), suy raba diém B,H, K cung nhin xuéng AC dudimot |
goc 90° nén hinh chép A-HKCB néi tiép mit ciu tam I 1a trung diém
AC, bin kinh R=2 = ABZ‘/— “‘2/_



Tiéb cin phutong phdp vit.vin dung cao't

} Ghi cht cdaem

_ .
Véy thé tich khéi cdu V' = %75}_{3 - \_/—;r_a (dvt).
Chon A.
pBai16:

Ta co 60°= (m)) = (Sﬁb) = S/b?i

Trong tam gidc vudng SDH, ¢6 SH = %«Qtan.ﬁ = —G4£, va
sp=-22__¢
cosSDH 2
g

e

A
]

’ ™
T S
»

e

ofi

Trong tam gidc vuéng SHB, ¢6 SB=+SH*+ HB* =

Xét tam gidc SBD, tacd SB* +5D* =4* = BD?,

Suy ra tam gidc SBDvudng tai S. Vdy cc dinh S, A, Ccling nhin
xuéng BD dudi mét goc vudng nén tim mit ciu ngoai tiép hinh chép

S.ABCD 1a O bénkinh R=%BD=§.

Chon C.

|



a3

Tam gidc ABC déu canh 4 nén AH =
Trong tam gidc vuodng SHA, tacé SH = AH. tan SAH = -

3a

Vi mit cdu c6 tam G va tip xiic v6i (SAB) nén ban kinh mit cu

R=d[G,(s4B)]

A

Ta c6 d[G,(SAB_)}:%d[C (sAB ]_—d[H (s4B)]

Goi M, E lan lugt 12 trung diém AB, MB.
CM L AB HE L AB

Suy ra vi
Y CM:% HE=— CM-i

Goi K 1 hinh chiéu vudng géc cia H trén SE, suy ra HK L SE(1)

Tacé {HE LAE a1 (SHE)= AB 1 HK(2)

Tit (1),(2), suyra HK L (SAB),d[ H,(SAB)|=HK.

SHHE _ 3a
JSH? +HE> 2313

Trong tam gidc vuéng SHE, tac6 HK =

. 2 a
Viy R==HK = —p=—"
3 V13
Chon D.

Goi O=ACNBD. Suyra OA=0B=0C=0D(1)
Goi M 14 trung diém AB, do tam gidc SAB vuéng tai S nén

MS=MA=MB,

Goi H 13 hinh chiéu clia S trén AB.




T gi-érthiiéiﬂsuy ra:
SH 1.{ABCD)

Ta co:
OM 1 AB
OM 1L SH

= OM 1 (SAB)

B
Nén OM 1 truc clia tam gidc

SAB, suyra. OA=0B=08(2).Tit (1),(2),tacéd 0$=0A=0C=0D. -
Vay O Ia tim mit cdu ngoai tiép khdi chop S.ABCD, bén kinh

2

R=OA—T
\/_mz

Suyra ¥V = é 7R3 =
Chon A.

(dvtt).

Goi G 1a trong tim AABC, suy ra Gla tim dudng tron ngoai tiép
AABC. Tt G dung tia Gx L (ABC) (nhu hinh v&). Suy ra Gr 1 truc
cua tam gidc ABC. Trong mét phing (5A,Gx), ké trung tryc d clia
doan thing SA.

S

-»

P Y )

A ! C
B
Goi O=Grndo |OS G _, [04=0B=0C
- Oecd OA =08

=0A=0B=0C=08=R
Suyra O 13 tim mit ciu ngoai tiép khéi chép S.ABC.

Tacé OG=PA= A_i




2 AM 0 o LiEEI s T
AG T3 TRTS 3 5 P Ghi chti coaem
39
Trong tam gi4c vuong OGA, ta c6 R=0A=VOG* + AG® = LAl

Chon C.

Goi M 1a trung diém BC, suy ra M la tdm dudng tron ngoai tiép
AABC.

Ké Mx L (ABC) (nh hinh v&).
S

4

Suy ra Mx, 14 tryc ctia AABC. Trong mit phing (SA: Mx) ké trung
trdc d clia doan thing SA cit Mx tai I Khi d6 I chinh 13 tim mit ciu

ngoai tiép tt dién.
Ban kinh mit cdu: R = JA = IM? + AM? =#.
Chon D.

pBai2ii

Ta cé:
60° = (31, ABC) ) =(S1, 41 ) =514
Tam gidc ABC vudng cin tai A,

1 J2

suyra Al =—BC=2Y%,
2 2
Trong ASAI, ta cé:

a6

SA = Al tan SIA = =
Kéix L ( ABC ) (nhd hinh vé).
Suyra Ix Ia trucclta AABC.




Tiép cin phutong phip Vit vin dung tao tror

Trong mét phang (A, I x), ké trung trjc d clia doan thing SA cét

+ Ix tai]. Khi 46, ] chinh 1 tim mit ciu ngoai tiép hinh chép. ? Ghi chii cdaem
Bankinh: R = JA =] + AI” =% nén %:ngu@'
Chon B.

Goi Gla trong tAm tam gisc déu ACD, Ké Gx L (AC'D), suy ra Gx
13 truc clia AACD. Trong mit phing (SA, Gx), ké trung tryc d ctia doan
_SA cat Gx taiI. Khidé I chinh I3 tam mit cdu ngoai tiép.

3
3

Suyrabé.nkl'nh: R:IA:\}IGZ-I-GAZ zg—f‘—g.

Chon A.

peai 23

1’

Goi M 1a trung diém AB, suy ra SM 1 ABva SM L ( ABC).
Do d6, SM 1a tryc ciia tam giac ABC.




_Tro—ng mit phéng (SMB), ké duong trung truc d clia doan SB cit -
SM taiI. Khi d6 I 13 tim mdt c3u ngoai tiép hinh chép S.ABC, ban kinh
R=SI.

Tacé: AB = \SA? + SB® — 25A8B.cos ASB = a3
Trong tam gidc vudng SMB ta ¢
SM = S5B.cos MSB = a.cos 60°=%

Ta c6 ASPI dong dang ASMB.

Bai quy vé hinh nén tim O ngoai S
tiép hinh vudng ABCD va ndi ti€p tam
gidc déu SEF ma EF // AB.
Vi OAB 14 tam gidc vudng cin
nén. AB=BC=Ry2 D C
Suy ra:

Vo=x

T

2 3 8]
ABY po_7RV2
2 2
oo n . . A B

Ta thiy, tdm O cfia hinh tron cfing
chinh 1a tam céa hinh vuéng ABCD E H F
d6ng thdi ciing la trong tAm cfia tam gidc déu SEE '

Nhui viy, dudng cao cha tam giac SEF ]a SH =30H =3R

Trong tam gidc EOH (vuéng tai H, EOH = 30°).
Tacé: EH=0OH3=R3

Thé tich cfia hinh nén :

V= %ﬂEHZ.SH = %xSRZ.SR =3zR’

aR*2

vigle._2__32

V, 3zR* 6
~ Chon A.

Tact 60° = (4B'(ABC)|=(4B’, 4B)= " 4B.

Trong AABC, ta c6 AB = AC.sin ACB = %




 Tiép ciin phuong phdp vi vin ding.c:

Trong AB'BA | taco BB'=AB.tanB'AB=32_“

B Ghichisciaem

Goi N1a trung diém AC,

suy ra N 13 tim dudng tron ngoai
ti€p AABC. N

~ Goillatrung diém A'C, suy
ra IN//A'A= IN L(ABC).

Do d6 IN latrucctia AABC,
suy ra JA=[B=1IC(1)

Hon nita, tam gide A'AC
vudng tai A c6 I la trung difm
A'CnénlA'=IB'=1C(2)

T (1,(2), ta <
IA'=1A=IB=IC hayIlatim cha mit cdu ngoai tiép hinh chép A'.ABC
Vi bdn kinh R = [4' = A2'C= VAA+AC? _aV21

2 4

A c’

3
”

ra

7

e -
#

.
=

[

Chon B.

Goi M Ia trung diém B'C’, ta c6:
a3 3a

Trong AAA'M, 6 AM="27; AA'= A'M.tanATAT:\e?

Goi G’ 1a trong tam tam giéc déu A C

A'B'C', suy ra G' ciing 13 tAm
dudng trén ngoai tiép AA'B'C' Vi
ling try dingnén GG' L(A'B'C").

Do dé GG'la tryc clia tam giic
A'B'C".

Trong mit phing (GC'G'), ké
trung tric d ciia doan thing GC' cit
GG'tai I,

Khi d6 I 12 tim mit ciu ngoai
ti€p khdi chép GA'B'C’, ban kinh R =GI

GP GG’
Tacd AGPI ~ AGG'C' —=—"—_
aco G'C'= cI - Go
1 12 12 12
=>R=GI=GP'GC :GC =GG +G'C :31a
GG’ 2GGE 2GG" 36

Chon D.




Cho dudng thing A. Xét 1 duding thing I cit A tai O va khdng vudng géc v6i A. Mit tron
xoay sinh béi dudng thing Inhu thé khi guay quanh A goi 1a mt nén tron xoay hay don gidn Ia
mit nén '

- Agoilatruc ciia mit nén

1 goila dudng sinh chia mit nén

O goi la dinh mét nén

Néu goi ala goc gita Iva A thi 2a goila goc & dinh chia
mit non (0° < 20/<180°)

Cho mit nén N véi truc A, dinh O va géc & dinh 2. Goi (P) 12 mit phing vudng goc
v6i A tai Ikhac O.

Mit phing (P) cit mit nén theo duding tron (C) ¢6 tim I Goi (P) 1a mit phing vudng géc
véi A tai O. Khi dé '

- Phin ctia mit nén N gidi han bai 2 mit phéng (P) va (P') cung v6i hinh tron xéc dinh béi
{C) goi la hinh nén

- Hinh nén ciing v6i phin bén trong clia né goi 12 khéi nén.

thé tich khdi nén
- Dién tich xung quanh cia hinh nén: S, = 7RI v6i R libdnkinh déy, [ 12 46 dai dudng sinh.
- Thétichkhéinén v = %n—Rz_h v6i R 14 bén kinh ddy, k1 chiéu cao.

Ly thuyét ngén gon 13 thé, tuy nhién sé cé rét nhiéu bai tip van dung cao doi hdi kha ning
td duy cao.

B3 ;2 Mot hinh thang can ABCD c6 ddy nhd AB=1,d4y1én CD =3, canhbénvZ,BC=DA=2.
Cho hinh thang dé quay quanh AB thi dugc vét tron xoay ¢6 thé tich bang:

7
AV==x B.V:ijr C.V=§7r D.V=3x
3 3 3

N



Tiép ciin phuong phip véivén dung

VESZS Cho hinh binh lanh ABCD c6 BAD= @ (0°< a< 90°),AD=a va ADB=90°.
Quay ABCD quanh AB, ta duge vat tron xoay c6 thé tich 1a:

3 . .
AV = 7’ sin’ @ B,V = ma’sina.cosc
sin® o cos’ &
CV =mt2 2 D.V =za® =
COsS oy sSine

FB3I3H Cho hinh 13p phuong ABCD.A’B'C’'D’. Goi O, O li tim cia 2 hinh vuéng A’B'C'D’
va ABCDva O'O=a. Goi V, la thé tich ca hinh try tron xoay ddy 13 2 dudng tron
ngoai tiép cc hinh vuéng ABCD, A'B'C’D’va V, la thé tich hinh nén tron xoay dinh

V,
O va déy 12 dudng trdn néi tiép hinh vudng ABCD. i s6 thé tich T/L la:

2

A2 B.3 C.4 D.6

VBai4; Cho AABC vudng cén tai C, ndi tiép trong dudng trdn tim O, dudng kinh AB. Xét diém
$nim ngoai mit phing (ABC) sao cho SA, SB, SC tao véi (ABC) goc 45° . Hay chon
phét biéu ding;

A. Hinh nén dinh §, ddy 1& dudng tron ngoai tiép AABC 13 hinh nén tron xoay.

B. Thiét dién qua truc ctia hinh nén la tam gidc vuéng cin.

C. Khoing céch tit O dén 2 thiét dién qua dinh (SAC) v (SBC) bing nhau.

D. Ca 3 Bai trén déu diing.

% vi
OC £{OAB). Xét hinh nén tron xoay dinh C, déy 1 dudng tron tam O, ban kinh A.
Hay chon phat biéu sai.

B35S Cho ti dién OABC c6 OAB la tam gidc vuéng cin. OA=0B=ga, OC =

a6

2
B. Khoing cich tit O dén thié dién (ABC) bing g
C. Thiét dién (ABC)lé tam gidc déu

A. Duding sinh hinh nén bing

D. Thiét dién (ABC) hop véi day goc 45°

B361] Hinh nén tron xoay noi tiép trong tit dién déu canh biing a ¢6 dién tich xung quanh bing

T _ 2
A. qu “4 a B. qu —gﬂ ‘\/E
__ﬂ 2 _2?2' o
C.8, =ga'3 D.s, ==-a
= Hinh nén tron xoay ngoai tiép ti dién déu canh bing a, ¢6 dién tich xung quanh la:
za’ 2./2
5 === _may2
A. 2, 3 B'qu‘ 3
S 73 P _z3
€5, =T D. 5, =




i Cho hinh nén tron xoay dinh S, déy 1a dudng tron tim O, bankinh R = 5. Mét thiét
dién qua dinh Stao thanh tam gidc SAB sao cho tam gidc SAB déu, canh bing 8. Khoang
céch tit O dén thidt dién (SAB)1a:

A.d=—;5ﬁ§ B.d=§Jf§ Cd=3 \ D.d=i;_§

2 Hinh nén tron xoay cé truc SO =Rv3 viR I3 bankinh day, thiét dién qua truc ctia hinh
nén tao thanh tam gidc SAB la tam gidc déu. Goi I1a trung diém clia SOva E, Fe SO
saocho EL o FL _ 1 3 do, tim mit cAu ngoai tiép hinh nén 13 diém:

EO FO 2

Al B.E C.F D.O

|
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M A B N

Ké AH, BK cling vuéng gbc véi CD.

Goi M, N lin liot 13 diém d6i xdng cla H qua AD va clia K
qua BC thi AMAD va ANBC la 2 tam gidc vudng cn bang nhau cé

MA=AB=BN=AH=1.

V = 7.AH2. MN - (% 7. AH? MA +%E.AH2.NB)

= ZAH*(MN —@mﬁ) —z.AH.L AB -
3 3 3 3
Chon A,
?‘ﬁﬁfg%
Ké DH1 AB, CN 1 AB, D
Céctam gidc vudng HAD
va NBC bing nhau. a

DH =CN = a.sina

43
AH = BN = g.cosa A H E
= HN = AB= -2
COScy

Khi quay quanh AB, cic tam gidc vudng AHD va NBC tao thanh hai

hinh nén tron xoay bing nhau nén

V= %w.DH%AH-}. (W-DHZ-HN—%W.C'NQ.BN)
3 . 2

= m DH’AB = ra’.sin® q.-—— =12 5L @
Cos COS

Chen C,

Goi M1a trung diém clia AB thi AOAM vudng cin tai M,

zHTTTTTTTo

.

Avsssesentian

areresunnnnsaaan

aseessnnnns PP

eenessNIiasi bbb ranr

YSSITIIILT
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Ké SO’ L (ABC). Tacé: ASO'A=ASO'B=AS0'C
= SA=SB=5C,0'A=0'B=0'C

Vay, O’ 1a tim dudng tron ngoai ti€p AABC nén O = O: A dung,
ASABcd SAB=S5BA= 45° nén 1A tam gidc vudng cin tai $: B diing,
Vi AABC vudng can tal Cnén ke OM L CAvAON L CB thi:

om=tcp=1
2 2
Chon D.

CA=ON.

Tam gidgc OABvudng cin tai Onén AB = a2

2 2
AOAC: AC? = QA+ OCt = a2+£‘2_=3%
AC :ﬁ
2
Vi AB# AC: Csai
Choen C.

Goi S.ABCla td dién déu canh A.
Goi H 1a trung diém canh BC.

Ké SO 1{ABC) thi SH = E.;l

12 dudng sinh cta hinh nén.
BadiémA, O, Hihinghing /. ..-.oomr , <
Hoclag ladd_af3
3 3 2 6
av3 a\[é_mzz B

S = mOHSH =g e i ="
i 6 2 4

Chon A.




Tiép cdn phuong phdp Vi vin dung cao trong.

Ké SO L(ABC), SH LBC => OH 1LBC

Ta cé:
oa=2ap-2 03 _af3
3 3 2 3
S, =mOASA= xi.
_zd 3
xq 3
Chon C.

E;‘OJ_(OAB) ke SHL'AB = OH! AB
ABL(SOH) => (SAB)L(SOH)

Ké OI L SH thi OIL(SAB) nén d = Of
ASOA: 0§ =64—-25=39

AOHA: OH*=25-16=9

=16 or =33

+
79 39 11’7 4

Goi O’ 13 tim mit ciu ngoai tiép hinh nén thi:
r=0'S=0’'A=0’B.

Ta ¢b:

00'=08 -r=R\3 —

cos 30°
00 =R3 —2—1?[ 53£

b Ghicha ciaem




- Chodutng thing A. Xét 1 dudng thdng Isongsong

v6i A, cach A mét khoang R. Khi dé:

Mit tron xoay sinh bai duding thing I nhu thé dugc goi
la mit tru tron xoay hodc don gidn la mét try

- A goila truc clia mét tru , I goi 13 dudng sinh va R goi
la ban kinh mit tru.

g

Cat mjt try (1) truc A, ban kinh R bdi 2 mat phing
phén biét (P) va (P} cling vuéng goc véi A ta dugc giao
tuyén 1a 2 dudng trom (C) va (C).

a) Phin mét tru (T) nim giita 2 mit phdng (P) v (P') cing v6i 2 hinh tron x4c dinh béi (C}
va (C) dugc goila hinh try '

- Hai dudng tron (C) va (C) dudc goi 1a 2 dudng tron déy, 2 hinh tron xdc dinh bai ching
dugc goi 1a 2 mét day cGa hinh try, ban kinh cla ching goi 14 ban kinh hinh try. Khoéang cich
gifta 2 mat ddy goi 13 chiéu cao ciia hinh try

- Néu goi Ova O’ la tam 2 hinh trén ddy thi doan OO’ goi 1A truc ctia hinh tru

- Phan mat try ndm gitta 2 déy goi 14 mat xung quanh cta hinh try

b) Hinh try cling véi phan bén trong cta né goi la khéi tru

ichitich Xung uan, ifgn phén ctia hinh tru va thé tich cia khdi tru

Véi R 1aban kinh day, # 12 chiéu cao.

- Dién tich xung quanh clia hinh tru: 5, = 27Rh

- Dién tich toan phén ctia hinh tru: S, =5, +25, =27Rh+27R*.

- Thé tich khéi try V =zR%J (chiéu cao nhén dién tich déy).

Trudc hét toi xin nhic lai hai bai trong dé Minh hoa théng 10 vita r6i ciia Bd Gido duc va Do
tao, hai bai hdi nay chi & mtc vin dung thép.

~ BAITAP APDUNG

ol

i T mot tim ton hinh chit nhit kich thuéc 50cm»240cm , ngudi ta [am cic thing dyng mide
hinh tru c6 chiéu cao bang 50cm , theo hai cach sau (xem hinh minh hoa dudi déay):
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Tiép cin phuong phdy vii vin d

 Céch 1: Go tdm tén ban ddu thanh mit xung quanh clia thung.
* Céch 2: Cdt t4m ton ban d4u thanh hai tm bing nhau, réi gd méi t4m dé thanh mit xung
quanh ctia mét thiing,

Kihiéu V; 1a thé tich clia thing go duoc theo cach 1 vA V,, 14 téng thé tich ciia hai thiing gb

V.
duge theo cach 2. Tinh ¢ 58 71 .
2
ﬁ @

A, Lr.l B.lflzl C.K—=2 D. E-_-..*4
2 2 £ V v,

Trich d¢ minh hoa THPT Quéc gia 2017

Trong khéng gian, cho hinh chil nhat ABCD c6 AB=1, AD=2, Goi M, N lin lugt la
trung diém céa AD, BC. Quay hinh chif nhit 46 xung quanh tru MN, ta dugc mét hinh
tru. Tinh dién tich toan phin ctia hinh tru 6.

A.S =4r A D
P M
B.S,=27 R
C. S,P =6z
D. Stp =10z : Qﬁ
B N C

Trich dé minh hoa THPT Qudc gia 2017
Sau ddy chiing ta ciing tim hi€u cic bai todn khé hon vi hoan toan cé thé ¢4 trong dé thi

THPT Qudéc gia 2017.

@38 Cho AAB'B1a thiét dién song song véi truc OO’ cia hinh tru (A, B thugc dudng tron
tim O). Cho biét AB=4, AA’=3 vj thé tich cia hinh tru bing V =24 7. Khoang
cich d tii O ¢én mit phing (AAB'B) la:

A d=1 B.d=2 C.d=3 D.d=4

3 Gid st vién phén viét bang c6 dang hinh try tron xoay dudng kinh d4y bing lem, chiéu
dai 6cm. Ngudi ta 1am nhitng hgp carton dung phin dang hinh hép chif nhat c6 kich
thudc 6 x 5 x 6 cm. Mudn x€p 350 vién phén vio 12 hop, ta dugc két qua ndo trong 4

kha ning sau:

A.Viiada B. Thiéu 10 vién C. Thiia 10 vién D. Khéng x&p dugc

.



FBAi5E Cho hinh tru c6 céc déy 13 hai hinh trén tim O v O, ban kinh ddy béing chiéu cao va
béng A. Trén dudng tron ddy thm O ldy diém A, trén dudng day tim O’y diém B sao
cho AB = 2A. Tinh thé tich cia khéi td dién OOAB.

3 3 3
B. & ¢ 503 p. &V3
12 12 2
i Cho lang tru ABCABC’, d4y ABCla tam gidc c6 AB =5, AC =8 va géc (4B; AC) = 60,
Goi V'va V’Ian Juot a thé tich clia khéi ling tru ngoai tiép va néi tiép khéi ling tru da
cho. Tinh ti 6 —?
A B.2 b2 D. 2
49 4 49 49
- Mot khéi ing tru tam gidc déu c6 canh ddy bing a va chiéu cao bang h ndi ti€p mot khoi
tru. Tinh thé tich khéi try 6.
a 7a'h g, w24k ¢ A5k D. Z\2d%h
3 3 3 ’ C3

¢ M6t hinh tru cé badn kinh ddy R va c6 thiét dién qua truc 13 mét hinh vuéng. Tinh thé

tich ctia khéi ling tru td gidc déu noi tiép trong khéi try da cho.

A. 4R’ B. 2R’ - C. 3%’ D. R

| Mot khéi lang try tam gidc déu c6 canh ddy bing a, goc gitta dudng chéo clia mbi mat
bén va mit ddy bing 60°. Tinh thé tich khéi tru ngoai tiép khéi lang tru dé.
A.V=%x&J§ B. V =7a’\3 c.V=%xfd§ D.V=§x£J§

' Cho mét hinh try cé ban kinh day R=5, chiu cao h=6. Mot doan thing AB c6 d6 dai
biing 10 va ¢6 hai ddu mit ndm trén hai dudng tron day. Tinh khodng cich gitta dudng
thing 4B vi tryc clia hinh tru?

A.3 B. 4 c2 D.1

. Cho hinh ling tru td gidc déu 4BCD.4"'B'C'D' ¢6 canh ddy bang 4 vamit chéo la hinh

vuéng. Tinh dién tich xung quanh c@ia hinh tru ngoai tiép hinh ling tru.

A S, =2ra. B. S, =7’ C. 8, =3ma’. D. S, =5za’.

—

}EFIZ Cho hinh try c6 bén kinh ddy R vi chiéu cao R Iy hai diém 4, B niim trén hai dudng
tron day sao cho 4B =2R. Tinh khoéng cich tii 4B dén truc hinh tru theo R.
AR B. R c 2 .2
2 3 5 4
PEEEEE Mot hinh tru cé thé tich ¥ khéng d6i. Tinh méi quan hé gifia bdn kinh ddy va chiéu cao
hinh tru sao cho dién tich toan phén dat gia tri nho nhat.

. A—;R?_g," . B'R=§ C-R='§" D-R=£

pBaiTa: MOthll’;h tr& ¢& thitt dién qua tryc 1 hinh vudng. Bén trong hinh tru cé mét hinh ling try
.ttt gide déu néi tiép; Ngu thé tich hinh lang trula 7 thi thé tich hinh try bing bao nhiéu?

ATV =ﬂ :E_V C. VTmz— D. VTm:——



A AP AU e 2 e 8 g ks AR L e

Mot dudng tron cb bén kinh r thi chu vi vi dién tich n lugt 1a
C=2ar;S=nr"

Goi chiéu dai tdm ton 13 a thi tong dién tich ddy clia 2 thiing theo 2
cach 1an luot 1a:

2
=a—~=>§1~=2=>£=2.
8z 5, 2

Ta co S,p =qu +28,. Ta ¢ ban kinh duong tron r=MD =1, chiéu
cao I=CD=1

Suyra S, =2xrl=2z, 5, =7rt =7 suy ra S, =47.

Chgn A,

Ké OH 1L AB thi OH L (AA'B’B)
Va AH:%AB =2

Tacéd V= 7.0A* AA’ =3r0A"
MaV=24r=0A*=8
AOAH : d* =OH*=0A* - AH® =
=d{0,(AA'B'B))=d = 2

Chon B.

Vi chi€u cao vién phin 13 6cm, nén chon ddy ctia hop carton cé kich
thudc 5x6. Mbi vién phin cé dudng kinh 1 cm nén méi hop ta cé thé
dung dugce 5.6 =30 vién.

S6 phén dung trong 12 hop la: 30 x 12 = 360 vién

Do ta chi c6 350 vién phén nén thi€u 10 vién, nghia 14 dyng déy 11
hép, hop 12 thiéu 10 vién. '

Chon B.

aenn

XYIXLLIEE)

ravbrtan

> Ghichd ciaem




Ké duong sinh AA” Goi D 13 diém d6i xing cia A'qua O'va HIa
hinh chiéu vudng géc ctia B trén dudng thing AD.

Ta co:

= BH 1 (400" 4"

BH 1 A'D
BH 1L A4

Do @b, BH 1A chifu cao cia tii dién OOAB
1
Thé tich clia khéi td dién QOAB: V = ESMOO,.BH
Tam gidc AA'B vudng tai A’ cho:
A'B=AB - 4'4* =4a" -d* =a\3.
Tam gidc ABD vudng tai B cho:
BD=A'D* - 4'B* =\4a* -3a* =a.
Suy ra BO’D 14 tam gidc déu canh A.

Tit d6 BH = %
Do OA = OO’ = anén tam gidc AOO vudng cin tai O.
Dién tich tam gidgc AOQO’la:

1 1
S, oo =—0A.00'==a.
400 =75 2

a

3
VéyV=l.a\/§.£a2=a\/§.
3 2 2 12
Chon A.

Ap dung dinh Iy cosin trong tam gidc ABC ta co:

BC? = AB* + AC* -2 A4B.AC.cos 60" = 25+64—2.5.8% =49,

Dign tich tam giac ABCla:

|




1idp cdn phuong phip vivin ding'c

Sy5e =%AB-ACSiD 60" = %.5.8.% =10+/3.

F‘Ghic'hﬁcﬁdéiﬁ_ i

Mit khic:
r
1
|
§
3
4
[ 8 !
I
! J I :
S
1 _*:ﬁ_ I :
- “ka
7 T 1 _F_,}—"?c\
SRRyt ST
G v 0
Al ’/
T R
""~..__ 4
8
S mc:i.B:‘f—‘Bq,véiRlé ban kinh duding tron ngoai tiép tam
gidc ABC,

_ABACBC 587 T3
4S,c 41043 3
1 ,
Ngoaira: §,,. = pr, trong 46 p =E(AB+AC’+BC) =10 vi rlabdn
kinh dudng tron néi tiép tam gidc ABC.

=R

L poSme 10 _ o
p 10

Hinh try ngogi tiép va noi tiép ling tru da cho c6 ban kinh day lan
lugt1a R, rva c6 chiéu cao bing chiéu cao ciia hinh ling tru.

Gid sit hi1a chiéu cao hinh ling tru, ta c6:

V=aRhvaV =zrh

rr 9
Viy —=1_o2
'YV R 49
Chon A,

Hinh try ¢6 ddy 13 dudng tron ngoai tiép tam gidc ABC
Do ABC1a tam gidc déu canh a nén hinh tru ¢6 ban kinh 1a:

R=04=2a1r-28B _a3 1 i0nBC
3 3 2 3
Chiéu cao clia hinh try béng chiéu cao ciia ling tru 13 h.




Vay thé tich ctta khoi try la:

a3 |

V=aRih=nx|—=
3

Gid stt ABCDAB'C’D’ 1a khéi lang tru td gidc déu ndi ti€p hinh try
da cho.

Tt gid thiét, suy ra hinh try ¢6 chiéu cao A=2R va d4y ABCD 1a
hinh vudng néi tiép dudng tron ban kinh R.

Dodé AC =2R, suyraAB—%—R\/_

Dién tich hinh vudng ABCD1a: S 50 = (R\/_ ) = 2R2
Vay thé tich cliakhéiling trg [a: V =S ;) A =2R* 2R = 4R’
Chon A.




Xéthinh ling tru tam gidc déu
ABC.A'B'C’ c6 canh diy 4B =a,
gbc clia duong chéo 4'B v&i mit day
(4BC) 1a 4'BA=60".
Suyra: h=AA'= atan 60° = a3
Khéi tru ngoai ti€p khéi ling
tru ¢é cing dudng cao 1 44", ddy
la dddng tron ngoal tiép 2 mit diy
(4BC),(4'B'C"), cé ban kinh R cho ¢
- a
boi R3=a=R= U_g
Thé tich khéi try:

a

5

2
V=nRh=rx ) a3 =é7za3x/§(dvdt).

Chon A,
pBai 10:

Goi hai dudng tron day 1a (0),(0)

va A€ (0), Be (0"). K& hai duding sinh
AD,BC ta dugc td gisc ACBD 13 mot
hinh chil nhit va mp(ACBD)//00".
Do d6, khoang cich gita 0O’ va
4B bing Kkhoang cich tit O dén
mp(ACBD) -

Tam giac ACB vubng tai C néntacéd:

AC=+vAB*—BC* =10 —6? =8

Goi { 1 trung diém clia AC, ta ¢
{01 L AC

= OI L (ACBD

Ol 1. 4D ( )
Véy khodng cdch gitta dudmg thing 45 va truc 00" clia hinh try 1a:
OI =\JO£* ~ L2 =5* —4* =3

Chon B.

Hinh try ngoai ti€p hinh ling tru i gidc déu ABCD.A'B'C'D"' cb

ban kinh diy la R=04=22 va chidu cao h=a+2 . (Do mit chéo
(4CC'4") 13 hinh vuéng nén 44'= AC =av2)

} Ghi chd ctia em




a2

S, =27Rh= 2::—aJ" 2t

Gidstt A€ duongtron O, Be O'

Tu 4 vé duidng song song 00" cit duong
tron (07 tai A",

Vé O'H vuong goc 4'B

Tu H vé dudng thdng song song véi 00",
cit AB tai K. Ve KI//O'H

Taco: O'H LA'B va A4’

Nén:

O'H L mp{A4'B)= O'H L HK v AB

Vay td gidc KIO'H 1 hinh chit nhat = K/ 1 00",

Viy KI 1a doan vudng goc chung clia 4B va 00'. A44'B vudng '

= A'B* = AB* - 44" =4R*-R* =3R".
Do H trung diém 4'B nén: ,
3R _R

HA'= R‘/_ AO'AH=SO'H =0 A2~ A'H =R~ R
Do dé:
d(AB,oo')=Kz=o'H=§.
Chon A.

Goi R va & 1aban kinh ddy va chiéu cao hinh try
Ta cé: ¥ =zR*h (khong d6i)

BT
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Tiép cn phuong phip vé vin's

ot SIS L AN T T A2 SRR

SR A Bl B e s w18 e T 1 SALEL AN,

A0 EUBRE 2Lty Ay

— A0 T ZNaD Vo DL 2
8,=S,,=25,, = 27Rh+27R* = (Rh+R*) 21

Ap dung bit ding thitc Cauchy cho 3 s& duong
Ta co:

ﬁ+Rh+R2>313}Rh R R
2 2
' 412 ’ 2
<=>Rh+R2233£h—=33 z
4 x4
V2
= 3(2?2')3 E (hﬁng 86) _

Do d6: S toan phan dat gid trinhd | -

nhit U
2 .

Goi canh day ling trp 12 4. Thiét dién v c
qua tryc hinh try 13 hinh vuéng: / z: Eo' ?f )
BDD'B":DB=2R=a2 » : 4
= BB'=a\2 i i
Thé tich ling tru bing ¥ ; :'
Dhiesmzandlic
@az.a\/i=V©a3=—£ ;‘*‘\ 7
ﬁ \ r" ;3\\ I‘
Thé tich hinh tru tinh theo a: bz NS
B
a2 zd’ 2
Vw—ﬁ[ ] a2 = >
Thay o° s V. Vm,.=_‘/_% v =
V2° 2 2 2

Chon A,




A lugén thi

* GIAI CACBAITHUCTE =

B35 Mot chiéc hop hinh lip phuong canh @ bi khoét mét khodng tréng cé dang 1a mét khéi
lang tru v6i hai ddy 13 hai dudng trén néi tiép ctia hai mit d6i dién cta hinh hép. Sau do,
ngudi ta diing bla cling dén kin hai mdt vita b it chia chiéc hop lai nhu iy, chi chiia Iai
khoing tréng bén trong. Tinh thé tich ciia khodng trong tao béi khéi try nay.

A 7a’, B. lﬂ:a3. C. %ﬁaa . . D. %ga3.

FBai2: Cit mét khéi tru béi mot mét phing ta dugc mot khoi (H ) nhu hinh vé bén. Biét ring
thiét dién 14 mét hinh elip cé &6 dai tryc 16n bing 10, khoing céch tii diém thudc thiét
dién géin mit day nhat va diém thudc thiét dién xa mit day nhdt t6i mit ddy 1dn lugt1a 8
va 14. Tinh thé tich cta (H).

A Vi =192x. B. Vi =2757. C Vi =7047 . D. V(H) =1767.

Dé Thi Thit Lin 4 Chuyén KHTN HN 2017
pBai3:: Mot thdy gido dy dinh x4y dung bé boi di dong cho hoc sinh ngheo mién nii tt 1 tm
t6n 5 c6 kich thudc Imx20m (biét gis 1m” ton Ja 90000ddng) bing 2 cach:
Cich 1; G0 tdm tén ban dau thanh 1 hinh try nht hinh 1.
Céch 2: Chia chiéu dai t4m ton thinh 4 phén r5i gd tAm tén thanh 1 hinh hop chi nhét nhu hinh 2.
Biét sau khi x4y xong bé theo dy dinh, mitc nudc chi d6 dén 0,8m va gia nudc cho don vi sy

nghiép 13 9955d6ng/ m". Chi phi trong tay thdy 12 2 tri¢u ddng. Hoi théy gido sé chon cich lam nao
d€ khéng viigt qué kinh phi (gia st chi tinh dén cic chi phi theo di kién trong bai todn).

- —_—
L Sn—
hinh 2
|
1m i i 1: P J,_ ________ __
6m 4m 6m 4
A. Ca 2 céch nhu nhau. B. Khang chon cich nao.
C.Cach 2. D. Céch 1.

- Cho mét khéi cdu ban kinh R . Pam thiing khdi ciu béi mot khéi try ¢é tryc di qua tam
mit cdu va chiéu dai hinh tru thu dugc 1a 6 (xem hinh vé). Tinh thé tich vét thé con lai
sau khi duc thing.

A 36z, B. 54x. : C27x. D. 2887,

]
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Tiéh ciin phuong phip vi vin durg

PBEISE Mot céi mi bing vai chia nha 4o thuit véi céc kich thudce
nhu hinh v&. Hay tinh t6ng dién tich vii ¢in ¢ d€ lam
nén cdi mi d6 (khong ké vién, mép, phin thita).

A. 7007 (cm™). B. 754,257 (cm®).
C. 750,257 (cm®).  D. 756,257 (cm®). —

BiTee Mot bing gidy dai duge cudn chit lai
thanh nhiéu vong xung quanh mét éng16i N\
hinh try réng c6 dudng kinh C =12,5mm. @ | < ?
Biét do day cia gidy cudn la 0,06 mm va
dudng kinh ca cudn gidy 1a B=44,9mm,
tinh chiéu dai L chia cudn gidy.

A L=44m. B. L=38m. C. L=4m. D. L=24m.

75 Xét mot hinh tru ndi tiép trong hinh nén nhit hinh bén dud, trong d6 S 1a dinh hinh
nén, O 13 tim dudng tron mit ddy. Cac doan 4B,CD lan luot 1a dudng kinh ctia dudng
tron ddy ctia hinh nén va hinh try; AC BD cit nhau tai diém M € SO. Biét ring ty s6
thé tich ctia hinh tru va hinh nén 13 2 . Tinh ty s6 ‘?g

Al B. 2 c4 b.2 5
9’ 5
Bai8:2 Mot hinh hop chit nhit k1ch thudc 4x4xh chita mot khéi cu I6n ¢6 ban kmh bang 2

va tdm khoi cdu nhé c6 bin kinh bing 1 sao cho cdc khéi lén tiép xic véi tim khéi cau

nho va céc khéi cdu déu ti€p xdc véi cic mat hinh hép. Thé tich khéi hop la:

A. 32+3247. B. 48+324/5. C. 64+324/7. D. 644/5.
B Nguti ta ding mét loai vai vintage 33 dé boc qué khdi khi cia khinh khi cdu, biét ring

qué khéi khi nay c6 dang hinh cdu dudng kinh 2m . Biét ring 1m” vai c6 gid 14 200.000

d6ng. Hai cén t6i thi€u bao nhiéu tién mua vai € lam khinh khi ciu nay?

A. 2500470 déng  B.3.150.432 déng. C.2.513.274 dong. D. 2.718.920 dong.

B8 Mot bon chita xing c6 ciu tao gbm 1 hinh try | 562 m J
O gifta va 2 ndfa hinh cdu & 2 d4u, biét ring hinh ! o

cau 6 dudng kinh 1,8m vi chiéu dii cia hinh \‘, “, 1.8m
tru 12 3,62m. Hbi bén d6 c6 thé chita t6i da bao J ;

nhiéu lit xdng trong céc gid trj sau day?

A. 10905/, B. 23650.. C. 122651

l§ Ct mét hinh nén bing mét mit
ph:?mg song song v6i ddy thi phin
hinh nén ndm giita mit phing va
day goila hinh nén cyt. M6t chiéc -
céccddanghinhnéncutcao 9em,
bén kinh clia day cfc va miéng
¢8c lan luot 13 3em va 4em . Hbi




777 chiéc ¢8c ¢b thé chita dage lagig nudc tdi da 1a bao nhiéu trong s8 cac hya chon sau:

A. 250ml. B. 300ml. C. 350ml. - D. 400ml.
PESEIZ Cho sau khéi chop td gidc déu A

dugc lip ghép lai tao thanh AN

mét khéi Mp phuong nhu AN

hinh du6i. Biét sau khéi chép Vi ™

t giac da cho déu bang nhau / P LN

va thé tich khsi lgp phuong /7 Memrie o e

tao thanh 13 8000cm®. Tinh // __“fj:é._i:‘:::f'i:._-_;, _

dién tich xung quanh chaméi 4. - Vg

khdi chop tif gidc déu di cho?

A, 100cm’. B. 100+2cm?. C. 400cm™. D. 400~/2cm?.

343 Cho mét tAm nhém hinh vuéng canh 1m nhu hinh vé dudi diy. Ngudi ta ciit b cdc tam

|

: Cho biét rang hinh chém cdu c6 cong thic thé tich 13

gidc can bén ngodi cfia tim nhém, phin con lai gdp thanh mot hinh chop tit gidc déu

cé canh déy bing x(m}, sao cho bén dinh ciia hinh vuong gip lai thanh dinh ciia hinh
chdp. Tim x d€ khéi chép nhén duge c6 thé tich 16n nhit.

\/

242 1 ' NG 2
=EVNE C R

. X=—, L X=— D.x=
s Bx2 X 4 X

Zh(3 A , Mo
Q , trong d6 # 1a chifu cao chém ciu va r - B

Ia bén kinh duéng tron bé mat chom cdu (ban kinh
nay khéc v6i ban kinh hinh cdu). Bai héi dit ra la vdi
mét qua dua hdu hinh cdu, ngudi ta ding mot cdi dng
khoét thing mét 16 hinh try chua rd bén kinh xuyén
qua trai dua nhu hinh vé (trong hinh ¢c6 48 13 dudng
kinh trdi dua). Biét ring chiéu cao ca 16 3 12cm

(trong hinh trén, chiéu cao nay chinh 1a d¢ dai HK). K B
Tinh thé tich ctia phin dua con lai.
A.200zcem’ B.967xcm’ C.288zcm® D.144zcm’



tru va truc dai cia elip ¢é:

§

00'=qa 5
i

Thé tich la: :
2 3 :

I

V =7.0E* 00" = % ma="%
Chgn C. ',./"‘L"" s .ﬂ oy

Thét ra phén phia trén tinh tit A 1 mot nita ciia hinh tru ¢6 chiéu cao
AB vaban kinh O’B. B o

Lo ein o TN N e o <
Ta xét trén mit thiét dién qua truc cta khéi

2R=BC=JAC* - AB* = 10°~(14-8)  a

=8=R=4

ZR* (14-8)

V=xR%14— =176x

Chon D.

) Baid:;

O céch 2:

Im* ——90.000

20m* ——1.800.000

Tacd ¥, =0,8.6.4=19,2m°

Do d6 tdng tién & phuong 4n 2 13 19, 2.9955 +20.90000 = 1.991.136.
O cach 1

20m* ——1.800.000

2

= har* =0,8.7. 10y . 25,46m’
P

HGC

Tacd 20=2nr= r=% suyra ¥,

Do d6 tién nuéc: 253.454 déng
Téng tién: 2.053.454 déng

.............“..........................................u.........................................................................................................................‘

P Ghichuciaem



Vay thdy nén chon cich 2.
Chon C.

i

pBaids] Goi ban kinh khoitrula .

Khi 46 7 =VR*~9 va hai choém céu
co chiucaola A=R-3.
'Thé tich vit thé con lai ka
y =2 —67{R*-9)
3

7(R-3)[3(R*-9)+(R-3) ]
5 |
Nhin xét: Két qua khong phu thudc vio ban kinh R ma chi phu
thudc vao chiéu dai cha hinh try.
Chon A.

=367

35-20

S =2xrl= 27:.(

2
S=7EII325) +450} 756,257,

}30 =4507

Goi chiéu rong clia bing gidy 14 » chifu daila L d6 day ciia gidy la
m khi d6 ta cé thé tich ctia bing gidy: V =r.m.L (1)
Khi cuén lai ta cing c6 thé tich:

BY CY T s o
szr(EJ m— (24} m—zr(B -C*) (2

\ s . _ﬁ 2 - 14 2
Tt (1) va (2) suy ra: m.r.L—Z.r.(B —cz):L_Z;(Bz—c )
2 .
Tacé:—4~=ﬁ=3 sD .h—’"-=3 SDY I—S—JD uyra.'S.Q:E.
S V. SA ) h, S4 S4 S4 3
Theo dinh 1y Menelauyt déi véi tam gidc SOB ta co:
AOCBE_Iddo£:4hySM 4
AB CS MO MO 50 5

Chon C.

I




Teép ciin phurong phdp va vin dung cao trong

Goitimhinhcauldnli / vatimbénhinhciu i PGhichiciaem
céu nho tiép xiic v6i déy 1a 4BCD. Khi d6 ta cb ' | :
{.ABCD 14 hinh chép déu v6i canh bén 14 =3
va canh ddy 4B =2 do d6 chiéu cao hinh chép
Ia V7. Suy ra khoang cach tif tim 7 dén mit
d4y 12 1++/7 hay chiéu cao hinh'hop chit nhat 11
2(1+ﬁ) suy ra thé tich hinh hép 1 32(1-&-\/7).

Chon A.
pBais: :
S . =4zR®

mit ciu

Véi R =§= 1(m). Vay S, . =4z’ =4z (m*)

mit ciu

Viy cin t6i thi€u s tién: 47.200000 = 2.513.274 déng,
Chon C.

Tace: vV = ZR*h
Vi thé tich cfia 2 ndfa hinh cdu bing nhau nén téng thé tich cia 2 niia
X P 4
hinh cdula 1 khéi cduco 7, =§JIR3

Vay V, =V, +V.=nRh +§7IR3 =12,265m*

Vay bén xing chia: 122651,
Chon C,

pBaiir:

GC ~ A4ABRC

SuyraV, =V

<4 nénlén v

%.ﬁ.42.(27+9)—%.7r.32.27 e

=111z = 348,72mi

énnks

Viy ligng nudc t6i da la 300ml.

Chox B. “




Goi a ladd daicanhctahinhlap

phuong, khi d6 ta cé:
a* =8000 = a=20cm

Gia st hinh chép S.4BCD la
1 trong 6 hinh chép, khi d6 hinh

chép S.4BCD déu c6 canh
a=20cm

8000 4000
p}ABan"g“‘:"g"c

1 4000

K& SK 1 CB(K < CB)

day 1

3

= 3.50.202 =-—§—=> SO =10cm

Xét ASOK tai O ta cé: SK =+/SO* +OK? =102 cm
= 8,5 = %-.SK.CB = -;-; 102.20 =100v2 cm?

Vay S, =4S u5cp = 410042 = 40052 cme’.

Chon D.

1-2x
2

Tacéd: y=

1
Suy ra: =1,—+ 2
yra: z 2 ¥y

Chiéu cao ctia hinh chép:
7 z
2 4 2 2
1, (1 2
NG R PR




Tiép ciin phutong phip vis vir

- t #, 1 s .2 1 \/5 ; : eI L e e w e
Vchop 16n nhét khi ham s6 y=x .1’5——5"36 dat GTLN § > thchdcrjaem SRy
 —5\2x% +4x
1.2 '
2 2
x=0
P'=0e-5J2 +4x=0e| o3
TS
Chon A.

Dit ra ban kinh cia hinh ciu.

Chiéu cao ctia 16 14 12 nén chiéu cao chia chdém ciu la » -6,

Ban kinh ctia chém c4u, ciing 14 bén kinh d4y ctia hinh tryu va la:
rt-36.

Thé tich hinh try 13 127(r* - 36).

'Thé tich 2 chém ciu:

2;rz(r-6)[(3(r2 —36)+(r-6)2)] )4 -12r-73)

6 3
Thé tich c4i 15 la:
-6)(4r: -12r -T2
127r(r2—36)+ﬂ(r ) -12r-72)
3
2
=7r(r—6)|:12(r+6)+w:|
—6){4r* +24r +144 6 3
=7:(r )( 7 +24r + )=4ﬂ'(1" )=47rr 2887
3 3 3
g vy e AmE
Thé tich hinh cdu la nén thé tich can tim 1a: ¥V =288x.

Chon C.

|



bBAE Cho ling try ABC.A'B'C” ¢ d4y 1A tam gidc déu canh 4. Hinh chiéu vuéng géc ctia
diém A" 1én mit phing ( ABC ) tring voi trong tdm tam gidc ABC. Biét khodng céch

giffa hai dudng thing AA" va BC bing #. Khi d6 thé tich ctia khdi lang tru la

3 3 3
B. a_\/}i C, a \/g D. a \lg
6 3 24
ho tii dién ABCD v6i BC =4, céc canh con lai déu bang N3 e géc tao bdi hai

mit phing ( ABC) va(BCD). Goi I, ] lén lugt 14 trung diém céc canh BC, AD. Gia sit
hinh cfu dudng IJ kinh tiép xic véi CD. Gid tri cosa la: '

A.3-243 B.23 -3 c.? p.2-V3
3

z Cho hinh chép SABCv6i SA vudng goc véi mit phing (ABC) va BC = a3, BAC = 60",
Goi H, Kl4n lugt1a hinh chiéu ctia A 1én SBva 5C. Mat ciu qua cac difm A, B, CH, K6

bén kinh bing: _
A a B.2a
C.\3a . D.Khoéng dit i kién dé tinh

7 Cho hinh chép S.ABC c6 ddy la tam gidc déu canh 4, géc gitia SCvi mp(ABC) 1a 45°.
Hinh chiéu cia §1én mp(ABC) 1 diém Hthudc ABsao cho HA=2HB. Bié&tCH = #'

Tinh khoang cach giffa 2 dudng thing SAva BC:

A‘a 210 B. a‘\leo C- a‘\|'210 D.CIVZIO
30 20 45 o 15

: Cho hinh chép S.ABC ¢6 dudng thing SA vedng goc vdi mit phang (ABC), tam gidc
ABCla tam gidc déu canh bing 4, 5B =2a. Tinh theo a khodng céch tif trong tim G cla
tam gidc ABC dén mit phing (SBC). o
A. ﬂ‘\/]g Bl ﬂ\[].-i C. ﬂ\/ﬁ D. a\/g
15 15 15 15
pBai6:: Cho hinh chép S.ABC ¢6 SA vuodng gbe véi mit phing (ABC), SA= AC =54,
AB=a, BAC=120". Tinh theo 4 khoang cich tit A d&n mit phéng (SBC).

p 5381 B 5V382 5385 D, 5V387
127 127 127 127

fBai7= Cho hinh choép tam gidc S.ABC c6 dudng thing SA vudng g véi mit phing (ABC),
AB =24, AC = 3a, BC=4a. Gbc giita mit phing (SBC) va mit phing (ABC) béng 60°.
Tinh theo a thé tich ctia khéi chép S.ABC.

A 4558 g 45v34° . 45774 b 45\114°
32 32 32 32




Tiéb cin phutong phap vévin dung

{ Cho hinh chép S.ABC,c6 d4yABCla tam gidc déu camh 2. Cic mit bén

(SAB),(SAC),(SBC) Ian lugt tao véi déy cic gbc lan lugt 12 30°,45°,60°, Tinh thé tich
V' clia khéi chép SABC. Biét ring hinh chiéu vudng géc ctia S trén mit phing { ABC)
ném bén trong tam gidc ABC.
; 3 3 3 3
! AV = @3 : B.V:“—‘E—. c.V="—‘E+. . =iﬁ—.
¢ (4+3) 2(4+43) 4(4++3) 3(4+3)
pBii%: Cho hinh chép té gidc déuS.ABCD c6 day 1 hilnh vudng ABCD cgnh 4, goc gifta mit
bén va mit phing déy 13 @ thod man cosa = 3 Mit phing (P)qua AC va vuéng goc
véi mit phing (SAD) chia khéi chép S.ABCD thanh hai khéi da dién. T1 1 thé tich hai
£ kh&i da dién la gdn nhét véi gia tri ndo trong cac gid tri sau
A.0,11 B.0,13 .07 D.0,9
: R T amy s ravs 3 - Ay sy YA : a\/g ' z . s
Bai10: Tinh thé tich hinh cdu ngoai tiép ti dién ABCD), c6 canh AB= —, vacic canh con lai
déu banga-
AN B. 13V13 ¢ 133 p.13 1.
5 BT Cho hinh chdp S.ABCDcé d4y ABCD 12 hinh vudng canh a. Mit bén (SAB) 14 tam
giac déu va vudng goc véi ddy. Goi M 14 diém thudc canh SC sao cho SM =2MC. Tinh
! thé tich hinh chép M.ABC.
A 23 B, 23 L p. V3
; 6 36 18 24
g PEEIF2 Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh vuéng canh 2, canh bén SA=a, hinh
1 chiéu vudng goc chia dinh S trén mit phdng (ABCD) 14 diém H thudc doan AC, SA =
AH= A—f-. Goi CM 1a dutdg cao cita tam gidc SAC, ‘Tinh thé tich khéi t dién SMBC
; theo a.

a4 B.& V14 c.aVi4 p.«14

.48 24 16 8

BSFB! (Hinh hoc khéng gian) Cho t dién ABCD va M, N, P lin lugt thudc BC, BD, AC sao
cho BC = 4BM, BD =2BN, AC = 3AP. mit phiing (MNP) cit AD tai Q. Tinh tj 56 thé
tich hai phdn khéi tt dién ABCD bj chia b&i mit phing (MNP).

A2 B. | ¢’ p. L.
3 i3 3 3

pEEETE Cho hinh chép S.ABCD c6 SA vudng goc véi ddy, SA= /6. Day ABCD la hinh thang
vubngtai AvaB, AB=BC= % AD =a. Goi Ela trung diém clia AD. Tinh ban kinh mat

cdu ngoai tiép hinh chép S.ECD.

5
H

A R=“—23. B. R=av§. c. R—"161“’*a. D.R= “‘;%.




B8 Cho bat dién déu, tinh ty s6 giita thé tich khdi ciu noi tiép va thé tich khéi ciu ngoai tiép
hinh bét dién déu dé.
AL L L D. L
2 22 J3 33
36 Cho hinh ling tru tam gidc déu ABC.AB'C’,c6 canh déy bing2 va canh bén bing av2.
LiyM, N lan lugt trén canh AB, A’C sao ch AM AN _ 1 Tiph thé tich V cta

khéi BMNC'C. AB' A'C 3
el p2aVe .36 p.o8
108 27 108 97

% Cho hinh chép S.ABC c6 ddy ABC 1A tam gidc déu canh 4, hinh chiéu vudng goc ctia
dinh S trén mit phing (ABC) 14 trung diém canh BC. Géc giita dudng thing SAva mit
phing (ABC) bing 60°. Goi G 1a trong tdm tam gidc SAC. Ban kinh mat ciu tim G va
tiép xtc v6i mit phing (SAB) 1a:

A \/1_3a B. J1_3a C 3Jf3a D. Jﬁa
13 39 26 26

f#iaid8! Cho hinh chép S.ABC ¢6 chén dudng cao nam ti'ong tam gidc ABC; cic mit phang
(SAB); (SAC); (SBC) ciing tao vdi mit phing {ABC) mét goc bing nhau. Biét
AB=25,BC =17, AC =26, dudng thing SB tao v&i mit ddy mot goc bing 45°. Tinh thé
tich V ciia khéi chép SABC. '
A. V=680 B. V=408 C. V=578 D, V=600



Goi M latrung diém BC, dung MH
vudng goc vii A'A.

suy ra MH=d(BC,A'A)=E4—3
2
Dit AH=x,tacé A'A= x2+?

Tit A’AMH = A'GAM, suyrax=
Vé.y V = E g?ﬁ = a3 \/g
' 30 4 12

Chon A,

1

[V R~

2

Goi O Ia trung diém If va F 1a diém tiép xtic gifta hinh cdu dudng
kinh IJ va dudng thing CD. Hinh ciu dudng kinh IJ tiép xic véi CD
khi vé chi khi khodng céch tif O d&n CD bing nita d6 dai 7.

Ta c6 AI:DI:a—i%.

Vi FC va CI lahaitiép tuyén xust phét ti mét diémnén FC = CI =g.

3

Tuong ty, ta c6 DJ =DF = %H%

Tam gidc ADI can c6 IJ 1a dudng trung tuyén nén tam giéc IDJ
vudng tai .

Suy ra:
a
L& == D E(‘g_l) J6-v2
sih—=sinJID="= =
2 DI a2 2
2

Do vy, cosa = 2\/§ - 3.
Chon B.

Goi AD i dudng kinh ctia duding tron (ABC)
Suy ra, AC L DC, suyra CD L (SAC) hay AK L DK.

crrensvvannsannn

asnserrrsans

T

nasssssssarsn

|



duong kinh AD =

Tuong tu, AH L HD. Suy ra mit cdu qua cic diém A, B, C, H, Kc6
BC

sin 60°

= 2a.

Chon A.

+ D a dinh cfia hinh binh hanh ABCD thi:
d(5A; BC)=d(B;(SAD))=1,5d(H;(SAD)).
+ K& HE vuéng AD, E thuéc AD. Ké HI vudng SE, I thudc AE thi
d(H;(SAD)}=HL.

a210
30

+ Tinh HI =
Chon A.

Goi M 14 trung diém ctia BC,
ta <& BCLAM;BC1SA
= BC L(SAM). Ké& QJudng
cao AN clia tam gidc SAM,
vi AN 1BC;AN1SM nén
AN L(SBC).

Khoéng cich tit A dén (SBC) 1a
d(A;(SBC))=AN.

Tacod

11,1 1.4 5
AN?  AS®  AM? 34* 34* 34°
@»AN=Q\/1_5

=

Ké GH//AN; He SM; vi AN L(SBC) nén GH 1 (SBC}.
Khoang céch tit G dén (SBC} 1a d(G;(SBC))=GH.

Taco SH_MG_1_ . 1, aVl5
AN AM 3 3 15




e L LT ) ' _ aJlE :
\sz;y kh;)ang cich tit Gdén (SBC) 1a 4(G:(SBC))= T > Ghi chii cia em
on A. =

Ké AM L BC, AH L SN,(Me BC,He SM).
Ta ¢c6 AM 1 BC,BC 1.5A nén BCJ_(SAM),su}r ra AH L BC.

Viy ta 6 AH L(SBC), khoing céch tit A dén mit phing (SBC) la
d(A,(SBC))=AH.

Ap dung dinh li cosin trong tam gidc ABC ta cé:
BC? = AB® + AC* —24B.AC.c0s120" = 314% = BC = ay/31.

2
Dién tich cla tam gidc ABCIA g = 5 AB.AC.sin120° = 2 e
Mit khic
1 28 5793
S, pe =—AM.BC = AM = —4BC _ 72
ABC T 9 BC 62
Ta ¢é ! = 1 + 1 = 127 =>AH:5 381a.
AH?* AM?*  AS* 754 127 S
5381
Khoing céch tit A dén mit phing (SBC) 1a 4(4,(SBC)) =35 "
Chon A.

Xét tam gidc ABG, ap dung dinh Iy c6sin
cosp - BC" + AB’ — AC® _164° +44*~9a* _11
2BC.AB 2.4a.2a 16

v6i 0° < B< 180°, suyra

2 —
sinB=+v1—cos’B = ,[1— 1 =3j.
16 16




Ta k& dudng cao AH ciia tam gidc ABC, ta cé:

3\/1_5 _ 3\/iga

sin B= _‘i{{ = AH = AB.sinB =20.——
AB 16 8

Do d6 dién tich tam gidc ABCla:

1 13152 , _ 3V15¢°

e =5 AH.BC =

2 8 T 4
Vi . s

BC LAH,BC15A
= BC L(SAH),BC LSH

Nén géc SHA la goc gitia hai mit
phing (SBC) va (ABC), bang 60°.

Xét tam gidc SAH ta co: ¢
-
tan60° = 54 o
AH

= SA = AHtan60° =

3150 7 _ 95a 22
8 8

Vay thé tich khéi chép S.ABCla

1 1 34154 952 4534
V=218, 5A=—. . = .
3 37 4 8 32

Chon B.

GoiH 13 hinh chiéu vuéng géc clia S trén mit phing( ABC). Ké
HD 1 AB,(De AB),HE L AC{Ee AC)

HF 1 BC{Ee BC).

Khi d6 ta ¢é:
ap = _ _spls
tan 3¢
il
wE =8 __ sy pr= 2 __ 5K
tan 45 tan60° 3




TacoS, ;.=

suy ra:

1 1Y &3 __ %

5SH[1+«/§+$}1— p <:>SH——-—2(4+\/§)
3a 02\/52 a3

2(4+43) 4 8{a+43)

i
Viy y ==,
Y 3

Chon D.

S.ABCDI2 hinh chép ti gisc déu SO L (ABCD).
Goi N la trung diém CD

CD LSN,CD LON
=~ |(scp)n(aBcD)=cDp
= ((SCD),(ABCD)) =3NO
K& CM LSD.

Tacod

AC LBD c
AC L(SBD)= AC L SD
{ACJ.SO = AC.L(sBD)=

= SD L{ACM) = (ACM) L (SAD) nénmit phing (P) 1a (ACM)

+ Xét tam gidc SON vudng tai N ¢6 :

cos SNO 2

50= SN —ON" = (37}(5]-\/5

+ Xét tam gidc SOD vudng tai O c6

SD=+S0*+0D? = \/(a\/i)z +(%@]2 = ‘“/E.

2
1 1 SNCD 3ay10
5:8 6ep =—CM.SD = =SN.CD = CM = 20 .
Tac6:Sco =7 2 = D 10
Xét tam gidc MCD vudng tai M co:
DM =CD? ~CM? = / 3“1‘(/]_
a 10

Tach: VMACD e _1DM DA DC_}_ 0 .1

Voo  2Vesp 2 DS DA'DC 2 g0 10°




Mit phing (P)chia khéi chép S.ABCD thanh 2 khéi M.ACD
=V,

VaS.ABCM = Vo = Vo
Do dé: Yo =1 _g 11
SABCM

Chon A.

Goi I 1a trung dém canh CD-

AL CD

Theo d&tacéd {BIJ.CD’

oG

Al= BI=«-—-—AB (1)

= (ABI ) la mp trung trgc canh

CD.

Goi M 1a giao diém ctia BI véi
mit cfu (S) ngoai tiép ti dién ABCD.

Suy ra dudng trdn 16n ciia (S) la dudng tron (ABM). Mit phing
(BCDY cit (S) theo dudng tron { BCD) qua M, hon nta BM la dudngkinh.

a 2a

=BM=——"="1%
sin60° 3

+V,

A

B

Tit (1)=> AABI déu. Suyra ABM = 60",

AM =+ AB? + BM? —2AB.BM cos60° =a 5

_AM a3
2s5in60° 6
:>V=£7ZR3 =—13Jﬁm3
3 162

Ta c6: (SAB) L(ABCD)
(SAB) "(ABCD) = AB
SHE (SAB)

SH LAB (la dudng cao
cha ASABdéu)

Suy ra: SH L(ABCD)

A




LA 1PV sk 10 42 bl . v b

LA 11, A B AT 04 430 1214y e e

BT BT A LT o

Tiép cin phuong phip vi vin dungc

o3

Tinh: SH=—— (viASABdfucanh a),suyra S, =
Tinh:

3
v 1 1 a«/g_

S.ABCD — 3 Bh= ESABCD‘SH = 6
1 1 23
Vysasc = 5 Vorse = EVSABCD = _é? :
Chon B,

} Ghi chti ciaem

Goi Ola tam cta hinh vudng ABCD.
Ta cd:

AM _AH

AC T sS4

S 02

o=

’

a2
22 a2
=>AM=AH'AC= 4 _ AL L D D
SA a

=>Mc=m .
_ (aﬁ)z_[g _af1 L ¢

2

la aJ_ azxﬁ

=> SSMC SM..MC EET 2

v 1 a2 @27 asx/ﬂ

==B0.5
sMac = 3 asMe T 3 2 8 48
Chon A,

N
T

e Tty
AR e d

Goil = MN NCD,Q=PINAD, ké
DH//BC(He IM),DK//AC(Ke IP).

ID_DH BM _1
IC CM CM 3

ANMB = ANDH =




IK_DK _ID 1:>DK =1=>DK*

P CP IC 3 24P 3

AAPQ déng dang ADKQ. Suy ra
AQ_AP 3 _AQ 3

DQDKZ AD 5

bit V=V . Taco:

Viwg AP AQ 1 Ve VDACN DN 1 1
————m— — = = — = = — ANPQ=_V
AC AD 5 VABCD Vosee DB 2 10

V awco

Ve _ CM CP _ 1 1
> n e =5V
Vepsa CB c4 2

1

1 1
= Vy asuar ’_"EVDABMD =5 V=Veomr =ZV
v,

7 T ABMNOP _ 7
= VA.BMNQP = VANPQ +Vy annr = 56' V= VCDWQP E
Vay mit phing (MNP) chia khéi chép thanh hai phdn véi ti 1é thé
tich ..
13
Chon B.

VBT
S

Goi H 1A trung diém cGa CD va d 1a dudng thing qua H va vudng
gbc véi ddy. Goi I'va R 14 tim va ban kinh mét ciu ngoai ti€p S.CDE. Suy
ra I'thude D, Dt IH = x. Trong mp( ASIH) ké dudng thing qua I'va song
song vt AH cdt AS tai K.

2

Tacéd: ID? = [H? + HD? = x* +%.

2 I3 é-‘ N
152=H<2+1<52=AH2+K52=Ac2+CH2+K52=2a2+%-+(a s—x) i

e |




Tigp ciin phutong phip va vin ding.

777772 _;mﬂz N o 2\/661
3

Suy ra: x* +Z —2a +—+(a 6—x) S x=
2 2

Vi
6

P Ghichiciaem - .

Goi canh bat dién déu 13 a; bat dign déu c6 cac mit chéo 13 hinh
vudng; khi dé do dai cc duong chéo AC = BD =85"=a+/2.
Mit cdu ndi ti€p va ngoai tiép déu c6 thm O, khi d6 ban kinh mit cau

AC a\/E

Ban kinh mdt cdu néi tiepzlé khodng cdch tit O dén cic mat bén.
SOOM a6

JSO* +oM* 6
L khi d6 tj 56 thé tich khéi cdu ni tiép cho khéi cau

ngogitiépla R=0A =

Hinhtrénc6 r=0H =

+) Cé

bt!l"*
&

(8] -5s

p

ngoai tiép 1a: [ -
goai ticp la: |
Chon D.

Goi G, KEn Iugt 13 tim cac hinh Al C

chit nhit ABB'A’ va AA'CC. X -7
Taco: AM _ 1 = AM _ 2
AB' 3 AG 3 N

(Do G trung diém AB’). 1~ " K xB

Xét tam gidc ABA' c6 AG la trung RN

tuyén va % = % Suy ra M 1A trong

tam tam gidc ABA' Do d6 BM di qua A& =
trung diém I cha AA’ ~
Ta cé: H
AN _1_AN_2
AC 3 AK 3 B
(Do Kl trung diém AC).

Xét tam gidc AA'C’ ¢6 A'K Ia trung tuyén va j:; - {f: Suyra N1

trong tim cia tam gidc AA'C. Do d6 C'N di qua trung diém I ciia AA’
TUM 1a trong tim tam gidc ABA’va N I trong tAm clia tam giac
AA'C', Suy ra:




Goi V; V, ldn hugt 14 thé tich cdc khdi chép IMNG; IBCC'. Ta c6:
Vi IM IN IC _ 1 '

1

v, IBICVIC 9

MaV +V =I/2.SuyraV=§T/;.

Ha AH vubng goc v6i BC tai H thuéc BC. Ta dugc AH vudng goc
v4i mit phing (BB'C'C). AA’ song song véi mit phing (BB'C’C) nén
khodng cich tii I dén mit phing {BB'C'C)bing khodng cich tif A dén

(BB'C'C)va bang AH.
Tach: AH = %.

1 a3 aawfi_aﬁxfé_

v, =%.d[I;(BB'O"C)].S

spcc’ 3" 9 g 12
3
SUYI‘aV=-'8—V2 =2 «,/6
9 27
Chon B,
+ Goi H1a trung diém BC

+ (SA,(ABC))=34H = 60°.

J"

SH = AH tan60° =

AH=——

+ Ban kinh mét cau I
R=d(G:(54B)) = 34(Ci(548))

-24(m(s43)). |
+ Goi E1a hinh chi€u ciia H trén ABva K 14 hinh chiéu ctia H trén SE.
Chiing minh: HK L (SAB)

JE

+ Tinh dugc: HE= ;HK =

aJl_

13

2J_

+R= 2 HK =
3
Chon A.
Goi J 1 chan dudng cao ciia hinh chép S.ABC: H, Kvi L 14n lugt a
hinh chiéu ctia ] trén cic canh AB, BCva CA,
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Tiép cin phutong phip va vin durig cad

Suy ra, SHJ,SLJ va SK7 14n hiot la goc tao bdi mit phing( ABC)
Vi cdc mit phang (SAB};(SAC);(SBC).

Theo gia thiét, ta co:

SHJ = SLJ = SKJ, suy ra cic
tam gidc vudng SJH, SJL,SJK bing
nhau.

T d6, JH = JI = JK. Ma | ndm
trong tam gidc ABC nén | 1a tim
dudng tron ndi ti€p tam gidc ABC.

Ap dung cdng thic Heé-
rong, ta tinh duge dién tich
cha tam gidc ABC 1aS=204.Ki hiéu P 13 nlia chu vi tam gidc ABG,

r 1 bin kinh dudng tron noi tiép cia ABC. Ta c6 r*—:%=%= .
Dit x=BH=BL,y=CL=CK,z= AH = AK.

Ta ¢6 hé phuong trinh: ) z K ¥ C
x+y=17 v
x+z=25.
y+z=26

Gidira duge (x;y;z) = (8;9,’17)
B
JB=~JH? + BH® = /62 +8 =10

Ta cé SBJ = m = 45°, suy ra §]B 13 tam gidc vudng cin tai
J. 5] =JB=10.

1
Thé tich Vcta khéichép S.ABCIAV = ES].S aasc =080
Chon A,

B Ghichii ciaem




Mot hinh hop ¢6 6 mit déu 13 céc hinh thoi c6 géc bling 60° va canh béing 4. Tinh thé tich
“cfia hinh hép dé.

AL g Y22 . p, 22
) 2 3 3

Cho hinh chép SABCD c6 day 1a hinh binh hanh v cé thétich 1 V.
Diém Pli trung di€m cfia SC, mét mit phing qua AP cit hai canh SD va SBldn luot tai M
va N.
|4

Got ¥, 1a thé tich cia Khéi chop SABCD. Tim gi trj nho nhit cira 23

Al B.1 c.2 D.1

) 3 8
2 Néu mot i dién chi c6 ding mét canh ¢ d¢ dailén hon 1 thi thé tich t dién d6 16n
nhit 13 bao nhiéu?

al B. cl p.2
1 8 8

Cho hinh chép S.ABCD c6 ABCD 14 hinh vuéng canh 24, tam gidc SAB déu va ndm
trong mit phing vudng géc vdi (ABCD). Tinh ban kinh clia mét ciu ngoai ti€p hinh

[ w

chop trén.
a7, B, 2V21, a1, p. &2,
2 6 4 3

Cho hinh ling try ABC.A'B'C’ ¢6 ddy ABC la tam gidc déu canh g, hinh chi€u vuéng goc
ciia A’lén mit phing (ABC) tring véitim G ciia tam gidc ABC. Biét khodng céch gifta AA”
vaBC 1a Y3 Tinh thé tich V ciia khéi ling try ABC.A'B'C’.
a3 *\3 _ a3

3
B.V = CV D.V:""/5
3 6 12 36

4
AV =

o |



Cho hinh chép S.ABC c6 ddy ABCla tam gidc déu canh binga, dudng thing SA vudng géc
v6i mit ddy vaSA = 24. Goi (P) 14 mit phing di qua B va vuéng géc véi SC. Khi d6 dién
tich cha thiét dién ctia hinh chép S.ABCkhi cit bdi mit phing (P) La:

A #Is p, #VI5 ¢, £AIs p, #15

10 5 15 20

Cho hinh chép 5.ABC ¢6 ddy ABCa tam gidc vuong tai B, BC = 24. Tam gidc SAB ¢6 gbc
ASB = 60°,.SB = a va nim trong mjt phing vuong géc véi day. Tinh khodng cich tit diém
B dén mit phing (SAC).

3 3 3
2 ‘/_ £ 20>
A.a B. 24y C. oy D. 24,/

Cho khéi try tam gidc ABCA B,C| c6 déy 1 tam gidc déucanha, 4 A =2ava Adtao
vii mp(ABC) mot goc 60° Tinh thé tich khéi ti dién ABCA

A. a_s. B. i_ C i_ D. a'—a,
4 2 5 8

Cho hinh chép SABCD ¢6 ddy ABCD la hinh vudng canh 4.5A vuéng géc véi mit
phing déy va géc gitta SC v6i mit phing (SAB) bang 30°. Goi M 14 diém di dong trén
canh CD vaH 12 hinh chiéu vuéng géc clia S trén duding thing BM. Khi diém M di
ddng trén canh CD thi thé tich cla khéi chop SABH dat gié tri 16n nhit bing?
A 22 B &2 o2 . 32

3 2 6 i2
Cho hinh chép S.ABC c6 ddy ABCla tam gidc déu canh bing 1, mit bén SABIa tam giac
déu va nim trong mit phing vudng géc véi mit phing ddy. Tinh thé tich Ve khéi ciu
ngoai tiép hinh chop da cho.

Ay 3157 B.v - 5157 Cvo b D.v= "
18 54 27 3

4 Bai thé tich lién quan dén cyc tri:

Chohinh chép $.ABCD, SAla dudng cao, d4y ki hinh chit nhatvéi SA=a, AB=b, AD=c.
Trong mp(SDB) ldy G 1A trong tim tam gidc SDB qua G ké dudng thdng d cit canh BS tai
M, cat canh SDtai N, mp(AMN) cit SCtai K. X4c dinh M thudc SBsao cho Vo dat gid
trj 16n nhét va nhé nhét. Hay tim gi4 trj 16n nhét va nhé nhit do.

abc abe

abc B.V. =2y =2
SAMEN-min — g” SAMKN—max = g " SAMKN—min ™ 1)

abe
A. VSAMKN—amax = —'8_-’ V.

v _a_ch _abe D.V __abe _ abe
’ 11

* " SAMKN —max — 9 SAMKN—min 10 * U SAMKN—max 10 ’VSAMKN-amin -
|



“TJBARE Cho la.ng tru dling ABCA'BC c6 ciay ABClatam glac déu canh 4,thé tich khéi ling

' 4
A. “\/ﬁ B.AV<S “‘[_ iats “\[_ D22 “\/_

Cho hinh try ndi tiép trong hmh cdu ban kinh R. Xac dinh chiéu cao va ban kinh day
de hinh trua ¢6 thé tich 16n nhat.

V6 J6 Jo V6

A.r=——R. B. r=—R. C.r=—R D.r=—R.
4 3 7 5

JBAiE Mot hinh try c6 ban kinh ddy 13 R va chiéu cao R~/3. Hai diém A va Blan lugt ndm trén
hai duding tron ddy sao cho géc giffa AB va truc cla hinh try bing 30°. Tinh khoing
céch gifta ABva truc ciia hinh tru.

A RS g, B3 . 3RV3 D. 2R3

_ 2 4

¢ Vi mot miéng ton hinh tron 6 bén kinh bing R =6cm. Ngudi ta mudn lam mot cai
phéu bing céch cit di mdt hinh quat ciia hinh tron nay va gép phan con lai thanh hinh
n6n ( Nhu hinh v&). Hinh nén ¢6 thé tich 16n nhét khi ngudi ta cit cung tron cfia hinh

quat bang
A, 47r\[gcm B. 67r\/gcm /
C. 2x\/—6_cm 7 D. 87ﬁ/€cm

i Cé mot miéng nhom hinh vudng, canh 1a 3dm, mot hgubi dy tinh tao thanh cic hinh
tru (khong déy) theo hai cich saw:
Cach 1: Go hai mép hinh vuéng d€ thanh mét xung quanh ctia mét hinh try, goi thé tich la

cia khéitru dé1a V..

Cach 2: Cat hinh vuéng ra 1am ba, vi go thinh mit xung quanh ctia ba hinh try, goi téng thé
tich ctia chungla V,.

VB

[

“““““ >0 0D
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Tiép cn phuong phdp vivin dung ¢

V.
Khi d¢, ti s6—§1— la:

A3 : B. 2 cl p.1
2 3
8307 Cho hinh chép S.ABCD c6 diy ABCD 13 hinh thang A
noi ti€p dudng tron (C) tim I, cho biét
AB//CD,CD =2AB,CDA=60°. 5 .

Gia stt the tich kh6i chép 5. ABCD bing v, tinh thé tich
kh6i nén dinh Sva déy 14 hinh tron (C).

4 5z
AL F* B. —v
N 30
Vi1 8r
C. o D.—/—v
33 33

pBail18: Cho mot chiéc cfc c6 dang nén cut, biét
miéng cdc va ddy cbe c6 bén kinh l4n lugt
Ya dem va 3em, chiéu cao céc 12 10cm.
Khi chiéu cao nuéc trong cdc 1a 7em thi
thé tich nudc trong céc 13 bao nhiéu?

ABIS . oy B3B8
300

300
¢ 20 m) 0.2, ()

e age gt

BEa% Nguoi tho cdn lam mot bé c4 hai ngin, khéng cé nip & phia trén véi thé tich 1,296 m?.
Ngudi thg ndy cit cic tim kinh ghép lai mot bé ca dang hinh hép chit nhét véi 3 kich
thudc a, b,c nhu hinh v&. Héi nguoi the phai thiét ké céc kich thudc a, b, ¢ bing bao
nhiéu dé d3 t6n kinh nhdt, gia st d6 ddy clia kinh khéng ding ké.

A. a=3,6m; b=0,6 m; c=0,6m
B. a=2,4m; b=0,9m; c=0,6m
C. a=18m; b=12m; c=0,6m
D, a=12m; b=12m; ¢=0,9m




= A’ABCD latd dién d2u
= Chén dudng cao A’H triung véi tm ctia AABD.
 HA=HB=HD=240=2803 _a¥3

3 3 2 3

, 3 2

= AH =A'A*- AH =a® - — = AH="—.

9 3

\/Eas.

2

Tt d6 tim duge V =
Chon B.

SM . SN
sp’? 5"
Khi d6 ta co:

V. =V

SABC SADC —

bitx = (0<xy<1).

Vipen = 5

1%

SABD =

Ta co:
V. V. V.

SAMPN __ _ SAMP +VSANP — __ SAMP

Vv Vv 2V,

SADC

_lfsM SP SNSP)_ L)

4
v

2|$p"sc " sBSC) 4
Laicod: _ﬂ — VSAMPN — VSAMN VSMNP — }_ Ty +
v 1’4 2V, 2V, 2

X SABD SBCD
T4 (1) va (2) suy ra:

1 3 T

—{z + = — =Yy =—"

4( y) 43:y Y 3z—1

Vi0<y§1=>3$—1§1=>:c2%
z_

Tt (2) suy ra:
Vs, 3« __ a3
Vo477 473c-1 4(3s-1) 4
Khio sat ham so6:

v=f(a), %Smﬁl :lrfiif(m):f_ :%
3=7=

Chon B.

:_f(m)ﬁ %_

1.1-3
2 W Ty
<z<l
h_1
V3




VI TR R L D SR D, T A

RPN

) : A g e T T
Gia stt 1t dién ABCD c6 canh 16n nhit 1 : : B Ghichiciaem *
AB, suy ra cic tam gidc ACD va BCD ¢6 tit ci cac :
canh déu khéng 16n hon 1. Céc chiéu cao AFva
2
BE clia chiing khong 16n hon ,[1-2., trong d6
4 B &
CD=g<1,

Chiéu cao cia hinh 0t dién AH < 4F < \]1—7[1—5
(do tam giac AHF vudng tai H cé AF Ia canh huyén)
Thé tich ctia khéi i dién 1a:

11
32

a

2
v =%SBCD.AH ==.—.BECD.AH < %.%.a{p—):—lna(af—az)

4 24

D& tim gid tri 16n nhit clia Vta xét bidu thic a{4-a").

Vil<a<i néna(4—az)53 vaVv Sia(‘i—az)il.
24

8
Chon C.

R () (o) - (22) <258

Trong dé:

+) Rusiz 12 bdn kinh dudng trdn ngoai tiép tam gidc SAB

+) Fuscp 13 ban kinh dudng tron ngoai tiép hinh vuéng ABCD
+) (SAB) N (ABCD) = AB

Chon D,

Goi M Ia trung diém B=> BC 1 (4'AM)

Goi H, Kl4n higt 12 hinh chiéu vuéng géc
cha G, M trén. AA".

Viy KM la doan vuéng géc chung ctia
AA’va BC, do dé:

d(AABC) = KM = fl_fl.

2 3
AAGH ~ AAMK = KM 3 gy -2 —2¥3
GH 2 3 6

AAA'G vudng tai G, HGla dudng cao, A'G = %

] 243

g =8, A'G =
ABC.A'B'C ABC 12

Chon C.

|




Goi M1a trung diém clia AG;
Ké BN vudng goc SCtai N
Khi d6: thié& dién cdn tim 13 tam gidc BMN
vudng tai M.
Ta co:
ACMN ~ ACSA
MN CM a5
e
Vay: Dién tich tam gidc BMN béng
Chon D.

215
20

(SAB) L(ABC),(SAB)n(ABC)=AB; BC L AB= BC L(SAB)
Trong mp (SAB} ké BH LSA.  Cy
Trong tam gidc BCH ké BK L CH.
Ta c6 BK L(SAC).

Véy khoang cdch tit B dén
(SAC)1a BK.
a«/?_) ) B ol

BH =5B.sin60° = —

Xét tam gidc vudng CBH, ta cd:

12= 12+ 12=>BK=2a1,i-
BK* BH®* BC 19

s 3
Vayd(B.(SAC))= ZaJ% :

Chon B.

pBaIEE
Al

c1 .

B
Goi H1a hinh chiéu ctia A trén mp{ABC).
Khi d6 A H = A Asin A AH = 2a.5n60° = av/3.

= |




AL B b P T

T RV HRETNAEN

B T L PR LT e ——

T A P e

;£

MaV, =AHS,,. =-— nh“ 4n thdy khéiling

1 B Ghichi ciaem
tru dugc chia 1am ba khéi chop Khm chép CAlB C, OV 45c ~§VLT

khéi chdp BABC cb Vj 450 =éVLT
3

1y &
4

Visac=7 Vi
3

Khéichép A B,CA do do ¥
Chon A,

Ta ¢6 goc gitta SC v mit phing (SAB) Ia CSEB = 30°
Trong tam gidc SBC 6 SB = BC cot30° = a/3.
Trong tam gidc SABc6 SA = VSB® — AB® = a2
'Thé tich khéi chép S.ABH I

1 a\/_

Vsany = 35,554 = %.—;—HA.HB.C.:\@ ——HA HB

3 ABH

Tacd HA®+ HB? = AB? = 4® va theo bt déng thiic AM-GM ta cé
2

o’ = HA* + HB® > 2. HAHB = HAHB < %

Ding thiic xay rakhi HA= HB < ABM =45 & M =D

‘f— 2 a as\E
Khids v, = ——HAHB < =
O Vs apx 6 6 2 12
Chon D,
pEsiG:

Dit R1a bén kinh mit c4u ngoai tiép khéi chép
Dung hinh nhut hinh bén véi IG 1a truc dudng tron ngoai tiép tam
gidc ABCva IG’1a truc dudng tron ngoai tiép tam gidc SAB




3
Chon B.

|

Goi Ola tdm hinh chit nhét ABCD.

Tacé S = %SO va K = A GNSC vaKla trung diém SC

Ve SM SASK ., LM,
Ve SB SA4'SCT T 27 sp T
1 SM 1 SM

='4—.§ SABCD =E§.d.b.c

L.g.ab.c

12°8C

1 SM SN

(—+—)abc
12 "SB SC

S

WD
- 0
B :
Trong mp(SBD})
Souw _ SM §_A_’_r,=SSMG+SSGN
Sup SB SC 2854,
_ Ssou, Ssox _ SGSM , SGSN

Tuong tu: Ve =

28, 28,0 2.SOSB  2.50.SC

SMSN 1 SM SN
= =—(—+—)
SBSC 3°SB SC




Tiép cin phutong phip vivin dung cao

Do M,Nlan higt nim trén canh SB,SD nén:

B smsspolSM o b Ghichiciaer .
2 2 3B S :
SM 1 SN 1, SN, SN ¢
Ditt="" (Z<rel) thitZo =St +2) o 20 o+
sy (g St hitee =S+ gp e Sr =5
Nhan théy V, . dat GTLN,GTNN néu:
SM | SN t 1
=+ =t vii - <t<1.
() SB ' SC 3t 2
1 9 -6

Taco S (t)=1~

Gt-12  (3t-1)?
: . 2 Al 38 _342|_4
Nenf(t)=04:>t=§,t:0(loal).f[Q] 5 =f(1) 5 f[S] 3

abe

Do vay Vv, =—1Ila GTLN khi M la trung diém SB hoic M
Y Vs 3 g

. 3 AMEN
trimg vdi B.

; abc ., . x 5
Voarun = 5 1a GTNN khi MB chiém 1 phin SB.

Chon A,

u
4:.‘&,

1
2

8

V
— — _ ABC.A'B'C' __
Viscame = A4'.S po = Ad' = Lascarc: _

S 150 2

Q

4.\|&

Do AA’/{ BB'nén AA' /] (BBC'C)
Suy ra: d{AA’; BC')=d( AA";(BBC'C))=d(A;(BBCC)).
HaAH L A'M = AH 1 (BBC'C), AM L BC vaAA’ L BC.
Suyra:BC L (BCC'B')=>(4'AM) L (BCC'B")
Ha AH | A'M = 4H 1 (BCC'B")

Do d6, d(A;(BBC'C))= AH.

A 4 7 aV21

7TV A vt A

5 Tk AL i,

Goi h 14 chiéu cao cia hinh try,
r1a ban kinh déy ctia hinh tru,

2
Ta cé: (_‘;‘_] +7r2=R?

i Thé tich caa hinh tru :
h3

V=nr*h=aR%-x




Xét ham:

h3
V (k)= 7zr’h =R -7

V’(h):sz—x%.

. 2 2
V’(k)=04:)xR2—7r£=0<:>h: 4R =2\/_ﬂ.
4 V73 3
Tit bang bién thién ta cd, tai & =?@ thi V{k) dat gia tri l6n
nhét,

Suyrar= ﬁR.
3
Chon B.

Ké BB’ // OO cat dudng tron ( O) tai B’

Gdc gitta ABva OO’la géc ABB' = 30",

Ha OH vubdng gbéc AB.

Khodng cach gilia AB va OO’ bing khoang cich giita OO’ va (ABB)
vi OO7/(ABB)

Khi dé:

d(00",4B)=d{00",(4BB"))=0H

AB'=R=>OH=\/OA2—AH2=RTJ§

Chon B.

T -
Goi x,(x >0) 12 chiéu dai cung tron N m
clia phén dugc xép fam hinh nén.

Nhu vay, bAn kinh R cia hinh tron sé
12 dudng sinh ctia hinh nén vi dudng trén R
déay clia hinh nén sé c6 do daika x.

Bén kinh 7 cha ddy dugc xéc dinh béi

ding thiic 277 = x> 7 =—,
2z s

Chiéu cao ciia hinh nén tinh theo Dinh ly Pitago la:

h=vR*—7* = Rz—x—z.

47*
Thé tich ctia khdi nén:
2 2
velplo[ 2 ) jreo X
3 3 i2x 472




[ RETER S

Tiép cin phutong phdp v vin ding cao’t

e

- Ap dung Bét déng thiic Cauchy ta c6:

_4x’ X % x i B Ghichi ciaem

Vz = Rz .
9 8z? 8:72( 4:r2)
® % , = ¥
e s R T | e e
9 3 9 27

Do 46 Vidn nhét khi va chi khi:

x* x 27 27
——=R'- o x="CRJ6 =L 66 =ans.
872 a3 V6 3 Yo =4r o
Chon A.

(Luu y bai ¢6 thé sit dung dao ham dé tim gi4 trj I6n nhét, tuy nhién
1331 gidi bai s& dai hon)

bBATIE Goi R, 1a ban kinh d4y clia khéi tru thit nhit, ¢é:

3 3 27
27R =3 R =— oV =R =21
Goi R, Ix ban kinh ddy ctia khéi try thi hai, cé:
1 9
27R, =1 R =-—— =V =37R¥} ="
Chon A.
WEai7

Do hinh chép v4 hinh nén d4 cho c6 cing duding cao nén  s6 thé
tich cia khéi chép va khéi nén bing ti s6 dién tich cfia hai day, tlicla bing

L aB+DC).AH
k=2 )

2
zr
Dé thdy tam I 13 trung diém CD, d€ cho don gidn cho AB =1 ta c6

5

3
k=(1+2).—2~:3J§

2712 4z’
Chon A,

ADAB ¢6 EI//AB

|



EI DE CF

=EI=0,%9cm = EF=3,7cm

v =£(3,72 +3%+3,7.3)= @ﬂ'.
3 300
Dip an D,
V6i # 1a chiéu dai cia cd 2 ngédn clia bé ca
Tacd: V=gbc=1,296 (1)

5=2 £c+bc +Eb+2£.c+bc+£b
2 2 2 2

=2ac+3bc+ab'=2“i'i+3“ic+@2abc.3a,/i
b abc

a C

Didu “=" xay ra khi 2.3
a a

Thay vao (1):
3
4
Pap an C.

b3=1,2964:>b3=—1—’39§ﬁ=> 6




CHUONG 6.

BAI TOAN VAN DUNG CAO
HINH HOC 0XVZ

.OO........O..O..O.l.‘.i.O..O.....QO.........OOQ‘

Cha dé 1. Toa dd cda diém va vecto trong <+ L& giai chi tiét

khdng gian Chu dé 4. Mt cauy
» Vecto trong khéng gian

e

< Binh nghfa mdt cu

+ Vecto déng phang + Vitrituong d6i ciia mat phdng va mat

% Toa dd chia vecto cau (5)

+ Tich ¢6 hudng clia hai vecto va ting % Vitri tuong ddi gita mit cdu va
dung duding thing

<+ Mot sé kién thirc khac < Baitdp dp dung

+ Baitdp ap dung + L& giaf chi tiét

r

¢ L& gidi chi tidt
Chu dé 2. Mit phang trong khéng gian
+ Binh nghia
+ Cactrudng hgp riéng ctia mat phing
+ Vit tuong déi cla hai mit phing
* Goc gilia hai mit phing
+ Baitapdp dung
+ Ldi gidi chi tiét
Chi dé 3. Dudng thing trong khéng gian

o
o

Dinh nghia

+ Vitri tidng ddi ciia hai duding thing

+ Vi tri tuong doi ctia dudng thang va
mét phang

< Khoang cich

% Goc gilfa hai duéing thing

+ Goc gilta dudng thing va mat phing

+ Baitap dp dung



BAITOAN VAN DUNG CAO

Phuang phap toa 89 trong khéng gian hay con goi ngin gon 14 hinh hoc Oxyz I3 chuyén dé
cudi cling trong chuong trinh todn THPT. Phén nay Ia mét phan dugc danh gid 1a khong khd, tuy
nhién viéc tinh todn lai rdt d2 sai va ngodi ra s8 lugng ciu hdi van dung cao ciing khéng phai la
it. Cing di ngay vao Chii dé 1 sau déy:

Dinh nghia

Trong khong gian, vecto la mot doan thing c6 dinh huéng tic 1 doan thang ¢6 quy dinh
thit tu cta hai dau,

v Chu y: Céc dinh nghfa v€ hai vecto bing nhau, d6i nhau va cic phép toan trén cc vecto
trong khéng gian dugc xéc dinh tong ty nhu trong mit phing.

A. Dinh nghia: Ba vecto a,b,¢khac 0 goila dong (D)

phing khi gia clia ching ciing song song véi _ /

mot mit phing. .
Mz)

v" Chi y:

e nvecto khéc 0 goila déng phing khi gid cia 3
chiing cting song song vdi mét mit phang. NDI)

o Céc gié clia cac vecto dong phing c6 thé

' A
14 cic duding thing chéo nhau. @) (8,)
B. Piéu kién dé ba vecto khic 0 déng phing /p @)

Pinh Iy 1:

—- . = .

a,b,c dbng phing < Hm,ﬁé'R:&.: mb +nc

C. Phan tich mét vecto theo ba vecto khong dong phing
v" Dinh 1y 2: Cho ba vecto E:, E; -ez khéng déng phing. Bat ki mét vecto  nao trong khéng
gian cing c6 thé phén tich theo ba vecto d6, nghia [ ¢6 mét bd ba s& thuc (xl,xz,xa) duy nhit

sao cho:



a=xe+x.e, +x.e,

v Chit y: Cho ba vecto 4,b,¢ khéc 0:

® a,b,c ddng phing néu c6 ba s thuc 7,1, P khong déng thoi bing 0 sao cho:
: ma+nb+ pE ={
@ a,b,c khéng ddng phing néu ti

m;+n5+pz=6=>m:n=p=0

Trong khéng gian xét hé truc Oxyz, ¢é truc Ox vuéng géc véi truc Oy tai O, va truc Oz
vudng goc vdi mit phiang {Oxy) tai O. Céc vectd don vi trén tiing truc Ox, Oy, Oz 14n lugt 14

i=(1;0;0), j=(0,0,1), k=(0;0;1).
1.E=(a1;a2;a3)<:>5=a1§+a2}:+asE
2. M(x,;y,02,,) © OM =xM§+yM}+zMi

3. Cho A(IA;yA;ZA) va B(xB;yB;zE) ta co

Z_B.=(x13 X4 Yp _yA;ZB_ZA)VéAB:\/(xB _xA)2+(y.B _yA)2 +(ZB_ZA)2 .

4. Matrung diém ABthi M| Ya % Yot ¥s 24 %2
.2 2 2
5.Cho a=(4,;a,2,) vi b=(b,;b,;b,) tacd
a,=b

> a=he 4,=bh,
a,=b,
3 &igz(alibl;azibz;asi%)

> ka=(ka,;ka,;ka,)

A U L TR G s 3

]

e

—|

b cos(g;g) =ab +ab, +ab,

P Ia|=,[af+a;+a§

> COSQ = Cos ((_J:,E) =

> b=

LR L IR R TR PR AR ERCEN

a.b +ab +a.b - =~ - .
1] 272 373 (vc’jiavt(},b;tﬂ)
Jat 40l ol b 8+ b

A A T

> avab vudng goc:
ab=0a.b +a,b,+a,.b,=0
> avi Ecimg phuong:

a, =kb,
©JkeR:ia=kboia, =kb,

a, = kb,




Tich ¢6 huéng clia a=(a,;a,;8,) va b=(b;b,;b,) 12

- a,a,| |a.q| j66

a,bl =122 12=(b a5 a.h — abysab, —ab)
b.b, [, |1t Bk s 2

1. Tinh chét :

> [E,E:_LE ,:&,E]M’

=] |~

0,b] = [al | sin(a,5)

> avab cing phuang@[&, I;] 0
> a,b,c dong phﬁng@[afg]-z =0

2. Cac ting dung tich ¢ huédng:
> Dién tich tam gidc ;S . = %l[ AB, 4C]
> Thétich ti diénvm,%pﬁ,ﬁ JAD]
¥ Thé tich khéi hp:

A

ABCDAPCD

_|raB, aD1.A4A [

" BAITAP AP DUNG

FEBS Cho bon diém S(1,2,3); A(2,2,3); B(1,3,3); C(1,2,4). SABCla:
A. Tt dién B. Hinh chdp déu
C.T dién déu. D. Hinh thang vudng

BETE|



AL, o

Tidp cdn phitong phdp v vén du

Cho bon diém $(1,2,3); A(2,2,3); B(1,3,3); C(1,2,4). Goi M, N, P1dn lugt 14 trung
diém ctia BC, CA vi AB. SMNP I:

A. Hinh chép B. Hinh chép déu
C. Tt dién déu D. Tam dién vudng
Cho bén diém $(1,2,3); A(2,2,3); B(1,3,3); C(1,2,4). Xac dinh toa dd trong tam G
cia hinh chdp SABC.
79
A. (5,9,13) B.|2,32 L=~ p.[2,2 13
3773 4’4 4'4" 4
3 Cho ba vecto a= (1,1,—2); b= (2,—1,2);E (~2,3,- 2). Xéc dinh vecto d théa man

ad=4;bd=5;cd=7.

A. (3,6,5) B. (-3,6,-5) c.(?i,e,EJ D. (3, ng

2 2
=4;AC=b;AD=¢ ¢ . Goi M1a trung diém clia BC thi:

—— bic—2a
T
Y] a+2b—c_
2
Jaifi Chokhdititdien ABCD.Néu AB=b; AC=c;AD =d.Goi Gl trong tim ciia tam gidc
BCD thi

3

M
M

B.
D.

A._EJ“C”, B._G=b+c+d.
4 3
c.E:’”;J’d D. AG=b+c+4.
§ Cho hinh lap phuong ABCD.A'B’C’'D’.Goi Ola tim clia hinh lép phuong, khi do:
A 75D+ AB+ AN o, A0 - AD+ABLAT
AP ARL T _ 2(AD+AB+AA
C. AO=M§ﬁ. D. AO= ( 2 )

Cho hinh lap phuong ABCD.A'B'C’ D’ Goi I'la tim ca mit(CDD'C’), khi do:

Aal=2L A4 55 B.AT =240 g

— AD+AA — — AB+AA +AD
c.AszD—;AA;+AB. p.Al =48+

Cho khéitd dign ABCD, Goi P,Q lan hugt 1z trung diém cia AC, BD. Tim hé thic dung:
A.AB+AD+CB+BD=4P(Q, B. AB+AD+CE+BD =2P().

C. AB+AD+CB+BD=3DPQ. D. AB+AD+CB+BD="P(.




JB3AE: Cho hinh hop ABCD.A’B’C’D’. Tim hé thiic sai:

A AC'+CA'+2C'C=0. B.AC'+A'C=2AC.
C.AC' +A'C=AA" D.CA +AC=CC".
8318 Cho td dién ABCD. M, N l4n lugt 13 trung diém AC, BD. Chon hé thdc sai:
A.MB+MD=2MN. B.AB+CD=2MN.
C.NC+NA=2MN. D.CE+AD=2MN,
? Cho hinh hop ABCD.A’B'C’D’,A’Cn{A’BD)=E,AC'n(CB'D’)=F . X4c dinh
hé thaic sai:

A.EA’+EB+ED=0. B.FC+FD'+FB'=0.

C.AB+AD+AA =24C. D.E:%E.

i Cho khéi tt dign ABCD, Gla trong tAm ctra tii dién, A'la trong tdm tam gidc BCD.
M1a 1 diém tay ¥ trong khong gian. Chon hé thic ding:

A.GBE+GC+GD=3GA". B. GA+GB+GC+GD =0.
C.AA =3AG. D.MA + MB + MC + MD =4MG .
: Cho hinh hép ABCD.A’B’C’ D", Chon hé thiic sai:

A.AA +AB+AD=AC'. BAB+AD+A A=AC.
C.C'D'+C’B'+C'C=C’A. D.BC+BA+BB =D'B.
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AB= (~1;1;0);BC =(0;—1;1);;4_é =(-1,0;1)
= AB=BC = CA =2 = ABC1a tam giic déu

5A=(1;0;0);5B=(0;1,0);5C =(0;0;1) = SA=$B=5C =1

100
D(SA,SB,SC)=|0 1 0/=1#0
001
Hay ta ¢6 thé tinh lﬁ,g’g 5C = 0.
= SA,SB,5C khong déng phing
= SABCa hinh chép déu, dinh S.
Chon B.

Tam giic:

ABC ¢4 AB=BC=CA=+2
:MN:NP:PM:%
§A=(1;0;0);5B=(0;1;0),5C =(0;0;1)
= SASB=0=>SA 1 SB A
Tuong ty SA L SC,5B 1 SC

Céc tam gide vuéng SAB,SBC,SCA

vaong tai 5, ¢6 cic trung tuyén:

Ta cé:

SP < (SAB);SM c(SBC);SN c(SCA)
= SP.SM.SN khéng déng phing

= SMNP 1a tif dién déu.

Chon C.

B Ghi chii clia em

tassennn

hrddrdderrrrracenann

Y T O




Tacé GS+GA+GB+GC & 40G=0A+0OB+0C+08

=l(2+1+1+1)=§
4 4
= G+ y=1(2+3+2+2)=2
: 4 4
=1(3+3+4+3)=E’-
4 4
Chgn D.
ad=4 x+y—2z=4 (1)
bd=5& 2x—-y+2z=5 (2)

cd=7 |-2x+3y-22=7  (3)
(1)+(2):3x=9 = x=3va(2)+(3): 2y=12 2 y=6.

=L (xty—-4)=L(3+6-2)=2 = d=(3:6:3
(1).2—2(x+y 4) 2(3+6 4) 2=>d [3,6,2]

Chen D,

e
w=m+m=_z+_“;”=—“+b2—2€-
Chon C.

Goi G1a trong tdm clia tam gidc BCD nén
AG=AB+BG=b+BG (1)
AG=AC+CG=c+CG (2)
AG=AD+DG=d+DG (3)

Tu(1); (2); (3) suy ra:

3AG=b+c+d+0= b+c+d=>ﬁ—-lii§+—d

Chon B.

g
b"I

1 D+AB+AA"
2 2

a2 |




i
A
K

L
i
E}
B
¥
a
H
#

1iép cin phitong phdp vavin dunij

% : R e e
O14 tdm hinh lap phuong P Ghichiciaem
ﬁ:fo+5§@+f‘?_i&+%zﬁzﬂzﬂi+rp,

Chon A.
AB+AD =240
+
CB+BD=2CQ

4B+ AD+CB+BD =2(AQ+CQ) = 2(AP+ PG+ TP+ Q)

=2(2TD§+E+E§)=4@
Chon A.

Ol tam hinh hép.

AC’ =240 =20C";CA" =2C0
=>A—C’+a;=2((_)?+@)=2@
E+ﬁ+2€?=26€+2§=6

AC'=240) — —_ . .  __
A_.}AC’+A’C=2(AO+OC)=2AC

A'C=20C
Viy C sai.
Chon C.

MB+MD =2MN (hé thic trung diém). Goi P, 14n lugt 1a trung
diém ctia AD, BC = MNPQ 14 hinh binh hanh

MP +MQ = MN

MP=2CO .
1 =>~AB+ECD=MN=>AB+CD=2MN

MQ=—AB
.Q 2

NC+NA=2NM (C sai)

AD+CB=AB+BD+CD+ DB = AB+CD = 2MN
Chon C.

Goi I I" céc giao diém clia céc dudng chéo & 2 mit day AC’ cit cac
trung tuyén A’ ctia tam gidc A’ BD va trung tuyén CI” (ctia tam giac
CB'D)taiEvaR




Bl IF 1

—=E, Flatrongtamta.mcuatam gidc A'BD;CB' D",
Al FC 2.

Chon A,B dang.

AB+AD+AA = AC+AA - AC'.Csai

AE= EF=FC’=%AC' = EF= gﬁ. D ding,

Chon D,
BBaii3

Goi B’la trong tdm tam gidc ACD, hai trung tuyén AA’; BB'cét nhau
tai G AGA’ B’ d6ng dang A GAB.

LAB _AM 1 GA_ch:AA_—A—G'
AB  BM 3 3

GB+GC+GD=GA +A B+GA'+A'C+GA'+A'D
=3GA’+§'B+A’C+A’D=3GA’+0=3GA’

3@=—@:>G—A+C§+G_C+@=ﬁ

=4AMG+GA+GB+GC+GD = —4MG
Chon C.

AA'+AD+ AB= AA"+ AC=AC’

AB+AD+AA=AC+A'A=AC
C’'D'+C’'B'+C'C=C’'A'+C'C=C"A

BC+BA+BB' =BD+BB =BD’

D'l P
a
b
el
AL B
Chi c6 hé thidc D sai.
Chon D,




- MAT PHANG TRONG KHONG GIAN -

Trong khong gian Oxyz phuong trinh dang Ax + By + Cz+ D =0

vai A*+B*+C* >0 dugc goi la phuong trinh t8ng quét ciia mit phing.

» Pimfcng trinh mit ph%ng (P) P Ax+By+Cz+ D=0 v6i AT+ B+ (%> 0. Cévécto phép
tuyénla n=(A;B;C)

> Mit phing (P) di qua diém M, (x,;¥,,2, ) va nhin vecto n=(A;B; C),7n %0 lam vecto
phdp tuyén c6 dang (P): A(x—x)}+B(y—y,)+C(z~2,)=0.

» Néu (P} c6 cip vecto a=( a,;4,;8,) b=( b;b,;b;) khong ciing phuang ,c6 gid song
song hodc nim trén (P). Thi vecto phép tuyén clia (P) duge xéc dinh 7= [&, E]

g

3

tphang

Trong khéng gian Oxyz cho mp(@): Az + By + Cz + D = 0,v6i A2 +B* +C? >0, Khi dé:
» D=0 khi va chikhi (&) di qua géc toa do.

> A=0, B£0,C=0,D#0.Khiva chikhi {¢) song song véi tryc Ox

» A=0,B=0, C#0,D #0.Khivi chikhi (@) song song mp (Oxy)

D D
> A, . s ;&0, 3 = - , b:——
B,C, D Pit a " 3

D X Y. z
,e=——_ Khi 46 ==
¢=-G Khi d6 (a) PR

Trong khéng gian Oxyz cho (@r): Ax+By+Cz+D=0va (g’): Ax+By+Cz+D'=0
AB’£A’'B

>{a)cit(a’y <{BC'#B'C
CB'#C'B

AB'=A'B
(@) (a”) <4{BC'=B'C va AD'#A’'D
CB'=C'B
AB'=A’B
BC'=B'C
CB’=C’'B
AD'=A'D

>(@)=(a) <

Dichitt: (@) L (@) @ nm,=0c AA+BB+CC =0




Goi ¢ 12 géc giita hai mit phing (0°< ¢ < 90%)
(P):Ax+By+Cz+D=0vﬁ(Q):A'x+B'y+C’z+D’=0

S

cos¢1=|cos( fp, 1, n )= ‘

BAITAPAPDUNG

KESES Cho tit gidc ABCD 6 A(0,1,-1); B(11,2); C(1,-1,0); (0,0,1). Viét phuong trinh
ctia m3t phing (P) qua A, Bva chia t dién thanh hai khéi ABCE va ABDE c6 ti 56 thé

tich bang 3.
A 15x-4y-5z-1=0 B. 15x+4y—~5z—-1=0
C. 15x+4y—5z+1=0 D. 15x—4y+5z+1=0

% Cho tti gidgc ABCD c6 A(0,1,-1); B(1,1,2); C(1,-1,0); (0,0,1). Viét phuong trinh
tng quét ciia mit phing (Q) song song véi mit phing (BCD) va chia td dién thanh hai
khéi AMNEF va MNFBCD ¢6 ti s8 thé tich bing o7

A 3x—3z-4=0 B. y—z-1=0
C.y+tz—4=0 D. 4x+3z+4=0

# Ti g6c Ové OH vudng goc v6i mit phing (P), (OH=p); goi o, B, v 1n lugt 1a cac
gbc tao béi vecto phap tuyén ciia (P) véi ba truc Ox, Oy, Oz Phuong trinh cla (P) la:
A zcosa+ycosf+zcosy—p=0 B. zsina 4 ysinB+ zsiny—p=0
C.rcosax+ycos 3+ zcosvy+p=0 D. zsina +ysin8 + zsiny+p =10

BBSAZ  Viét phuong trinh téng quat cha mit phing (P} cit hai tryc yOy va 20z tai
A(0,-1,0); B(0,0,1) va tao véi mit phing (yOz) mét géc 45°.

A. s/ix-y+z—1=0 B. \/l_’x+y—z+1=0

C \[2_x+y—z+1=0; \/Ex—y+z+1=0 D \Ex+y—z+1=0; «/Ex—y+z—1=0
¥ Cho mit phing (P) qua hai diém A(3,0,4); B(-3,0,4) va hop véi mit phing (xOy)

mét géc 307 va cit y’Oy tai C. Tinh khoang cich tif O dén (P):

A 43 B.\3 C.33 D. 243

JESIEY Cho mit phing (P) qua hai diém A(3,0,4); B(-3,0,4) vi hgp vSi mit phing (xOy)
mot goc 30° va cit yOy tai C. Viét phuong trinh t8ng quat cia mit phing (P).

A_y+\/§z+4\/§=0 B_y+\/§z—4\[3_=0
c_yi3zi4\/§=0 D. x—y—«/3—>2—~4\/§=0

e |



£ e

-Trong-khéng-gian toa d6 Oxyz cho mit phing(P):2x—y+z+1=0,A(8;-7;4),
B(-1;2;-2). Tim toa d6 difém M thudc mit phing (P) sao cho MA? +2MB? nhd nhit
A.M(0;0;-1). B. M(0;0;1). T CM(1;0;1). D. M(0;1;0).

i Cho hai diém A(0;0;-3), B(2;0;-1) vA mit phing(P) : 3x— -8y+7z~1=0.Tim Me (P)
sao cho MA® +2MB? nho nhit.

A 283,104 214 g v 2283.104 214
183" 183 ' 183 183 183" 183
[ 283,14 14 p(282. 14 14
183183183 1837183183

BBRZE Trong khong gian v6i hé toa d0 Oxyz, cho mit phing (Q): x+y+z=0va hai diém
A(4;-3;1),B(2;1;1).
Tim diém M thudc mit phing (Q) sao cho tam giac ABM vudng cin tai M.

M(1;,-2;1) M(1;2:1)

Al (17 9 8 B) (1798
_M(?,_;’_;) M[?,;,;J
M(-1,2;1) (1:1:1)

Clmfls._ 5.9 D (9. 9 s
77T 777

TRl Trong khong gian v6i hé toa do Oxyz, cho hai didém A(1;3;2), B(3:2;1) v mit phing
(P}:x+2y+2x-11=0. Tim diém Mtrén (P) sao cho MB= 22, MBA = 30"

[M(1;2;3) g [ M(1,-2;3) c [M213) b M(1-;2;3)
T M(14;1) 1 M(1—4:1) | M40 [ M(-1:4;1)




{P) cit canh CDtai E, E chia doan
CDtheo ty s6 -3
'x= X +3%, 1430 _1

4 4 4
Yo +3y, _—1+30 -1

4 4 4
z=zc+32,_, _0+31_3

4 4 4

:)E<y:.

AB=(1,0,3); AE= el

Phap vecto cha:

(P):n=[ 4B, 4E = (15,4,-5)
=(P):(x—0)15+(y-1){—4)+(2+1)(-5)=0 ¢ 15x ~4y—52-1=0
Chon A,

AMY 1
T 56 thé tich hai kh6i AMNEvA ABCD: | —— | ==
¥ s6 thé tich hai khéi A va ABCD: 2B >
ﬁﬂzl:MchiacanhBAﬂleot?sb’—Z
AB 3
[ _1+20_1
3 3
SEly=222101 BC=-2(0,11); BD=-(1,11)
2+2(-1
__2+2()
_ 3

Phép vecto clia (Q) n= (0, 1,—1)
= Me(Q)=(Q):[ x-3 Jo+(y-1)1+(z-0)(-1)=0

=>(P):y—z—1=0
Chon B.




i (P cosa, pcos 3,ccos ’)f) = 55 = (P cosa, peos 3, ccos 7) }Gh;chucuae

GQi:M(w,y,z) € (P)=> HM = (9:—pcosa,y—pcosﬂ,z—ccosv)
OH | HM i
= (x—pcosa)pcosa—f—(y—pcos 6)pcos,@+(z— pcos 'y)pcos ¥
& (P):zcosa +ycos B+ zcosy — p =0 :
Chon A.

Goi C(a,0, 0) 14 giao diém ctia (P) va truc xOx
= BA=(0,-1,-1);BC = (1,0,1)

Phép vecto clia (P) 1a: n= [ﬁ,ﬁ] =(1,-a,a)

Phip vecto cia (¥Oz) Ia: ¢, =(1,0,0)

)
V1+242 2

)
Goi @ I goc tao béi (P) va (yOz) = cos45° =

@4a2=2ﬁa=+—1—

Y

Viéy c6 hai mit phing (P) : i\Ex—y-l-z =1

@«Ex—y+z—1=0: \/Ex+y—z+1=0

Chon D.
Vé OH L KC vdi K |a giao diém z
cha ABva truc 20z K

Ta cé: A<
C=30"=>K=60°;0K=4 : )

= d(0,P) = OH= OK sin 60°

=42 _ 93

Chon D. xl 3

w]&

C{0,¢,0); AC =(-3,c,4); AB =(-6,0,0)
Phiép vecto clia (P): n= [A_C, E] =6(0,4,c)
Phap vecto clia (sz) : e_a' = (0,0,1)

Lo



_Hd
i+

& o= +43 = n = 6{0,4,24V3)

= (P):(2—3)0+{y—0)4+ (s - 4)[2445) =
syta3+43=0

cos30° =

Chon C.

Goi I12 diém thda min TA+2IB=0= I(2,-1;0)
—_—— —\2 — . —n2
Cé MA2+2MBZ=(MI+IA) +2(MI+IB) =3MI? +IA? +2IB
Vi IA,IB khéng d6i nén (MA®+2MB*) & Ml =M L
hinh chiéu vuéng géc ctia I1én mit phing (P)
Puong thing d di qua Iva vudng goc véi (P)
x=2+2i
=d:qy=-1-t;dn(P}=M(0;0;,-1)
z=t
Chon A.

Goi I'sao cho

E+2E=6:>I E,'0;—i
3 3

) e —n\2 -

MA?=MA = (M1+ IA) = MI? +]A? + 2MI.IA; MB?

—2 —2 e — e —
=MB = (MI +IB ) = MI? +IB* +2MI.IB
MA? +2MB? = 3MI?* + JA® + 218 + 2MI (ﬁ + 2@')
= 3MI? + IA® + 21
Suyra (MA® +2MB®)  khi MIbé nbit hay M1a hinh chiéu clia I

trén (P)

M
Tim dugc toa dd 153 183 18

[283 104 =214 }
Chon A,

Goi M(a;b;c)Me(Q)=a+b+c=0 (1).
Tam gidc ABM cén tai M khi va chi khi:
AM? = BM? & (a—4) +(b+3)* +(c-1)? :
~(a—2P +(h-1P +(c—1? & -a+2b+5=0 0
L |




Tigp can phutong phip va vin

Tit (1) va (2) ta 6 {“+b+c=0 {a=2b+5 "

=
—a+2b+5=0 c=-5-3b

Trung diém AB 14 1(3;-1;1) . Tam gidc ABM cin tai M , SUy ra:
AB 2 2 2
MI=T<:>(a—3) +(b+1)" +(c-1) =5 (3)

Thay (*) vio (3) ta dugc:

(2b+2)+(b+1) +(—6-3b)* =5 = 9

b=—2=>a:1,c=1=>M(1;—2;1)

Nhén thiy A€ (P),Be (P),AB=+/6 .

Ap dung dinh If cdsin trong tam gidc MABta 6 :

MA® = MB® + BA* —2MB.BAcos30° = 2 = MB* = MA® + BA?
Do d6 tam gidc MAB vuéng tai A. '

Ta cé:
x=1

Uy =[E§;£;]=(O;—5;5)=>AM: y=3—-t=M(1;3-£2+¢)
z=2+t

Tacd MA’ =2 P+ =2 t=+1
Véi t=1= M(1;2;3)

Voi t=~1= M(1:4:1)

Chon A,

| K-



Phuong trinh tham s6 cia dudng thing A4 di qua diém M, (x4;Yy:%,) vi cb vecto chi
phuong a=(a,;a,;4,) ,a#0 '
X=x,+at
y=y, +at (teR)
z=2z,+a.t
Néua,, a, a, déu khdc khéng. Phuangtnnh dtrcmg thangA viét dudi dang chinh tic nhu’ sau:

_Y Y _

“1 &
Ngoai ra dudng thing con cé dang tong quat la: {

v6i VA,,B,,C,, A,,B,,C,thda A1 +32+c2 >0, AZ+B2+C2 >0,

Trong khong gian Oxyz cho hai dudng thing

x=x +at x=x,+at’
d:iy=y, +at d:qy=y, +at’

- +a,t = ' 4t -

z=1z,+4, z=z, +a,t vicpu

di qua M, va d’ c6 vicp u' diqua M,
»u,u’ ciing phiong

u=ku'
d/fd
Q{Moed'

d=de {;‘ =k’
M,ed’
»u,u khéng cing phuong
x,+at=x +at’
y+at=y tat O
Zy+at =z, +at’
o d chéo d'=Hé phuong trinh (I} v6 nghiém
e d cit d'< Hé phuongtrinh (I} ¢6 mét nghi¢ém

“3

Ax+By+Cz+D, =0
Ax+B,y+Cz+D, =0

1 )V tri ttfo’ng d6i ciia hax dddng théng

Trong khéng gian Oxyz cho hal‘dlifmg
thdng

x=x +at x=x, +at’
d:{y=y +at d:{y=y +at
z=z,+at z=z +a,t'

vtcp;diqua M vad' cévtcp w di qua M,

n a0

>(d)// (d ’
@77 (@) @{Moéd,
>(d) = (d) @{[”'”'H’
M,ed’

>(d)cit (&) <

_II_JI_I
Il

»(d) chéo (d") @[u

|



ST

Trong Khong gian Oxyz cho:
(@): Ax+By+Cz+D =0
x=x, +at
vad:qy=y, +a}
z=z,tat
Phuong trinh:
A(xo +a]t)+ B(y0 +a2t) (1)
+C(z, +a,t)+ D=0
»Phuong trinh (1) vo nghiém thi d// (a)

»Phuong trinh (1) ¢6 mot nghiém thi
d cat (o) A

»Phuong trinh (1) c6 v6 s6 nghiém thi
d thudc (a)

Dic biét:

(d) L (@) ® an cung phuong

Trong khong gian Oxyz cho dlidng thdng d
qua M(x,;y,;2,) c6 vicp:
E=(a1;ﬂ2;a_-,)vé(a):Ax+By+Cz+D=0
cOvtpt:n=(A;B;C)

> (d) cit () <>an#0

an=0
> (d) /] () <
(@ /7@ Me (e)
. an=0
> am tré =1
{d) nam trén mp(a) Me ()

Khodng cich tit M dén dudng tha.ng (d)
Phuong phép 1:

* Lip ptmp( e ) di qua M va vudng goc véi d,
* Tim toa d¢ giao di€m H ctamp(®)}va d
e d(M, d)=MH

»Khodng cich giiia hai duéng chéo nhau
Phuong phdp 1:

ddiqua M{x,;¥,:2, ); covicpa=(a,;a,;a,)
d’quaM’(I'ﬂ;y'u;Z'o) ;vtq)a_; =(a'y;a';a'y)
Lép phuong trinh mjt phing (&) chita d va
song song voi d’

d(dd)=dM;(a))

»Khodng cach tit M dén dudng thing (d)
Phuong phap 2:
(d diqua M, c6vicp )

I[M M, u]|
d(M, A)————
IZ4

»Khodng céch giiia hai dudng chéo nhau
Phuong phdp 2:

ddi quaM(x,;7,:2,); c6 Viep #=(%;8,:4,)
& quaM’(x'y; ;2 )sViep @’ =(a’,;a’,;a’,)

s (aa 18t v,
' )— [[a 2 ] - Sday

s




» Goéc giita hai dudng thing
(A) di qua M(x;y, z)) c6 VICP 4=(4,;8,;8,)
(X) di qua M(¥ Y52 c6 VICP &' =(a';a",;a")

— —

’ ’ r
|0’ + a0+ a4’

- agd
cosgD:lcos(u,a') =4 =
al.ja’ \/;12+a2+a2 J;’2+u’2+a'z

* 1 2 3" 1 2 3

> Géc gilta dudng thing vA mit phing (A) di qua M, c6 VICP 4, mp(a) c6 VTPT
n=(A;B;C)

|Aa[%Ba2+Ca3|

cos(;,n) =
: JAZ + B? +C’2.Jaf +a.+al

BAITAPAPDUNG

. -1
Trong khong gian v6i hé tea 46 Oxyz cho dudng thang d: _xz_=

Goi ¢ 12 géc hop bdi (A) vamp(a) : sing =

=-— vi mit

1
phing (P): x+2y-z~3=0. Viét phuong trinh dudng thing A nim trong (P) sao cho
A vudng géc véi dva khodng céch giita hai dudng thing A va dbing V2.

y+2 z
1

A'_x—7=_z_=z—4 A:x+7=i=z--4
al 1 1 4 gl 1 1 -
A3 Y A3 Y2
L 1 -1 -1 | 11 -
A:x__~=.3.'.=2_4 A:x_7:-j:z_4
C. 2 1 -1 Dl - 1 -1 -1
A:x_—-3=1=5 A:x—?;:—_y“_z—'.l
1 41 71 a4
et s e g X2 Yyl oz
Trong khéng gian vdi hé toa dé Oxyz cho dudng thing df-1—=—_-£-=_—1 va mit

phing (P):x+y+z-3=0.Goi I 14 giao diém ctia 4,(P) Tim Me (P) sao cho MI
vudng goc void va MI= 414 . '

A M(5;9;-11) ) g | M(5:7:-11)
| M(-3;-7,13) | M(-3;-7;13)

c M(-5;9;-11) D M(5;-7;11)
| M(3;-7;13) 1 M(3;7;-13)
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Trongkhong gian Oxyz, chohaimitphing (P): x—2y+22=0,(Q): 2x+2y+2z-1=0.
Viét phuong trinh clia dudng thing (d) di qua A(0;0;1), nim trong mit phing (Q)
va tao v6i mdt phing (P) mét goc bing 45°,

[x =t [x=t [x =t [x=t
Ad :{y=t ,d :iy=—t B.d :jy=2t-1,d,:{y=1-t

[z =1—-4¢ z=1 |z=1-4¢ 1z=1

[x =t x =3t [x=1+4  [x=t¢
Cd:qy=t-1 ,d,:{y=~t D.d :jy=1-t ,d,:qy=—t

z=1-4¢ |z =1+4¢ z=1-4¢ z=1

trong khong gian v6i hé toa dd Oxyz, cho hinh thang cin ABCD c6 hai day AB,CD
théamin CD = 2AB va dién tich bing 27; dinh A (—1;-1,0); phuong trinh dudng théng

chita canh cD1a 222 2 ¥+ 273y i00 46 cc diém D bithoanh do diém Blén
hon hoanh d6 cia &igm A2~ 1

A. D(-2;-5;1), B. D(—3;-5:1).

C. D(2;-5;1). D. D(3;-5;1).

385 Trong hé truc toa do6 Oxyz cho mit phing (P):5x—2-4=0 va hai dudng thing
di;d,Jan lugt o6 phuong trinh xIl =ll= Z;1 ; x;l = yIZ =2 vig phuong
" 45

3

trinh cha mit phing (Q) song song (P) , theo thi tu cit d,;d, tai A, Bsaocho AB=——

=0,(Q,):5x~z+
B.(Q,):5x+2-2=0,(Q,):55x+11z+14 =0

C.(Q):-5x~z-~2=0,(Q,): -55x-11z+14 =0
D.(Q,):5x—2z—4=0,(Q,):55x~11z+7 =0

A.(Ql):5x—z+i§-+7— V331 "25+ V33l g

Trong khéng gian v6i hé toa 49 Oxyz, cho hai dudng thing
dl:JK—IJ{—1=~]-"Z—2=§,dz::’C—;E=li_—1=z—1l vamit phing (P): x+y-2z+5=0. Lép phuong
trinh dudng thing d song song véi mit phing (P) va cit 4,4 lan lugt tai A, B

ang g song phang 18,
sao cho d¢ dai doan AB dat gid trj nhé nhét,

Ad.x—l_y—Z_z—z ﬂ_,_Jc—1=y+2=z—2

B.

1 1 1 -1 1 1
c.d'_x+1=y—2=z+2 D.d:x—2=y—2=z—2
1 1 1 1 1 1

u Trong khong gian v6i hé truc Ozxyz cho duong thing 4. x;S = y—;Z == +11- va mijt
phing (P):x+y+z+2=0. Goi M 1 giao diém giita 4.(P) Viét phuang trinh dudng
thing A ndm trong mit phing (P), vuéng géc véi d déng thoi khoéng cach tit M t6i A
bing /42

| s



_x—5=y+2_z7+5 X5 y+2_z+5

A A
A 2 -3 1 gl 2 3 1
A_x+3=yr-t-4_z—5 ‘ A.x+3_y+4_z——5
2 =31 2 31
A_x+5_y—2_z—5”" A.X=5_y+2_z+5
¢l 2 =3 1 ol 2 3 1
A_x+3_y+4_z-5 A.x+3=y+4=z—5
2 T 31 23 1
o ila A " 9. .\ 2 x y z+1
P Trong khong gian véi hé toa 36 Oxyz cho diém A(L 2,3),du‘,.;mgt}mngd:E:__l=T

va mjt phing (P): x+2y—z+1=0. Gei 412 dudng thing d6i xting véi d qua (P). Tim
toa d diém Btrén d’ sao cho AB=9.

B( 62+16J/151 —26+2/151 31+84/151 )
A

27 27 27
B 62 —16+/151 .—26—2\/151_31—&/151
27 ! 27 27
[ [ 6244151 26+ V151 3144151 )
B 2w 27 T 27
B 62-151 -26-/151 31-/151
27 27 T 27
o[ 16V151 24151 8151
c 27 o7 27
5 ~164151 24151 —84/151
27 " 27 127
| o[62+4V51 —26+24/151 31484151
b 27 27 .4
5| 62 ~4151 —26-24/151 31-84/151
27 27 T27

2 Trong khong gian véi hé toa do Oxyz viét phuong trinh mit phing (Q) chttaduéngthing
x+1 y+1 z-3

d: > . vi tao v6i mat phing (P): x+2y—z+5=0 mjt géc nhé nhit.
A(Q):y—z+4=0, B.(Q): y—2+6=0,
C(Q):y+2z+4=0. C.(Q):2y—z+4=0,

s |



L e mammaRRs

SR Y RN

ISR ———

Dudng thing d c6 VICP 4, =(21;1). Mat phing (P) c6 VTPT
az(l;Z;—l),tacé [ﬂp;ud]=(3;—3;—3)

Vi Ac(P)LALd= VTCP Z%[Z@]:(o;—lﬂ)

Khi d6, phuong trinh mit phing (Q): y—z+m=0
Chon A(1;—2;0)ed  ta c6:

_9 _
d(A;(Q))=d(A;d)=J§®L}?n42J§© m=4

m=0
Veim=4=(Q):y—-x+4=0

ViA=(P)N(Q)=A diqua B(7;0;4) = A: =L =
Voim=0=(Q):y-z=0

-3
ViA=(P)N(Q)= A diqua C(a;o;O):A;xT=%:%

Chon A.

Vilednén I(2+8-1-2t:—t).
Honnfla Ie(P})=2+41-1-2t-{-3=0t=-1= (L 1;1)
Goi M{a;b;c)
Do:
Me(P)=a+b+c=3

MILd=IMu, =0 a—2b—c+2=0
(M =(a-1b-Lc-1)u, =(1;-2; -1)

Do MI=4\14 = (a—12 +(b—1)* + (c— 1) =224.
Khi d6 ta ¢ hé phuong trinh:

a+b+c=3 b=2a-1 a=5 a=-3
a—2b—-c+2=90 ¢e>9c=4-3g ¢4b=9 Ub=-7
(a—1P+(b-1P +(c-1)*=224 |(a-12%=16 |c=-11 [c=13

Vé6i (4 b;¢) =(5;9;,~11) = M(5;9,;-11)
Véi (a;b;c) =(~3;-7,;13) = M(~3;-7,13)
Chon A.

Bedddsrrrarataneiean

sadtrbrrrenn

} Ghi chi ciaem A




Tacéd n=(2;2;1) 1A vecto phap tuyén cha (Q)

b=(1:-2:2)14 vecto phép tuyén ciia (P)

Goi a=(a;b;¢),a* +b +c* >0 1a mot vecto chi phuong ctia d.

Vi dudng thing d di qua A(0:0:1) ma A(0;0;1), Ae (Q)

Dodédc(Q) e alnean=0e2a+2b+c=0c=-2a-2b
Godc hop bdi d va (P) bang 45°: '

COs (a.; b)

—r =

a.d 9 |a—2b+2c|
= S — =
allb 2 3a® + 42 +:.c2

@18(&2+b2+c2)=4(a—2b+2c)2 Sae=1b

< sin4b® =

a=b (b=1=>a=1c=—4)
a=-b (b=—1=a=1,c=0)

x=t x=t

Vay 4, :qy=t  ,d, :{y=-t la cac dudng thing cdn tim.
z=1-4¢ z=1 -

Chon A.

Dudng thing CD qua M(2;1;3) 6 véc ta chi phuong #=(2,2;1)
Goi H(2+2#;~1+2¢;3+t) 1a hinh chiéu cha A 1én CD, ta co:

AHu=2(3+28:22t+(3+8) = t=-1
= H(0;-3;2),d(A,CD)=AH=3
Tit gid thiét co:
AB+CD=3AB:%=18=>AB=6;DH=3;HC=9
Piat
Z§=tﬁ=(2f;2t;t):>t>0(xe >xd)

AB

=>t=—r—=2:>IB.=(4;4;2):> B(3;3;2)
i
T::%E:(s;s;s):;.cm;a;s)

e 3

D= _EE =(-2;-2;-1)= D(-2;-5;1)

Chon A,




Tiép cin phwrong phdp v vin

x=1+t x=1+2¢
diiqy=—t  ,d,:{y=2+t ;(Q):5x—z+d=0,d#—4
z=-1+21 z=—1+¢t"

-3-d 6+d -15-24
d=A ; ;
(Q)nd, [ 3 3 3

_B[—B—Zd_lz—d_HIS—dJ

J,(Q)hd2

9 "9 " 9
— (6+d_—6—4d_30+5d} 1

Suyra AB= ; ; =—(6+d;—6—4d;30+5d)
9 9 9

Do

i W51 ) 2\ 80

AB === ((6+4)" +(~6~4d)* +(30+54) )=

< 424% +3004+252=0
o 25++/331

7
g -25-4/331
7

Vay, tim dugc hai mit phing théa man:
(Q):5x—z+ :%54;&

L=

=0,(Q,):5x—z+ 0

—25-+/331 _
7

Chon A.

Vi Aed ;Be d, = A(—1+a;,—2+2a;a),B(2+2b;1+b;1+b)
Tacé AB=(—a+2b+3;~2a+b+3:~a+b+1)

ABLn
Ae(P)
ABLne ABn=0 —a+2b+3-2a+b+3422-2b-2=0

Sb=g-4= E=(a—5;—a—1;—3)
Do d6:

(P) c6 vecto phép tuyén n=(1;1,-2), AB//(P) & {

AB=\(a—5 +(-a—1F +(-3F = 2a~27 +27 >33
= min AB = 3v3 khi a=2 = A(1;2;2)

AB=(-3;-3;-3), A(1;2;2)2 (P)

Viy phuong trinh dudng thing

x-1_y-2 z-2

1 1 1
Chen A,

=d:




x=3+2t
Phuong trinh tham s cha d:qy =-2+¢
z=—1-1

Mit phing (P) c6 VIPT np =(1:;1;1), d c6 VICP #,=(2;1;-1)
Vi M=dn{(P)= M(1,-3;0)
Vi A ndm trong (P) va vudng géc véi d nén:
VICPu, =|ugin, |=(2-3;1)
Goi N(x;y;z)1a hinh chiéu vaudéng géc clia M trén A, khi dé:
MN=(x-1,y+3;2)
M——NJ_Z x+y+z+2=0
Tach:sNe(P) &<42x-3y+z-11=0
MN=V&2 |[(x-1P+(y+3) +z° =42

- N(5;-2;-5)
N(-3;-4;5)

Véi N(5,-2:-5)=s A: L0 Y*+2 _2+5

2 3 1
Véi N(=3;-4;5) = p X3 _y+4 _z-5
2 3 1
Chon A.
VB

Cédcit (P) tai I(2;-1;1). Chon M(0,0;,-De d vi M’ Ia diém déi

xiing ciia M qua (P). Khid6 M'e (d"). Tatim M’

Goi A 13 dudng thing di qua M va vudng goc v6i mp(P)
= VICP Z:VTPTF},:a;z;-l):;»A:%:%J—T

Goi H 12 trung diém MM’ thi toa 46 Hdinh :

x_y_z+l 1 2 2 1 2 2
1 2 -1 @x=—§;y=—§;Z=—§=>H -——-=;-=%
x+2y—z+1=0

Tt dé: M (2%, — %, 2y, =Y, 224 —zM)=[—g;"E;—l]

Suy ra & 12 dudng thing di qua 1(2;~1;1) nhan VTCP:

Y PRl NP S AR
333 8 1 4

Bed' = B(2+8t;-1+¢;1+4t)

Theo dé bai ta phai ¢+
AB=9 & (1+8t) +(t -3/ +(4¢-2)* =81
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Tiép cin phuong phip vé van dying

SBIF —6t-67 =0 ot - 1E2VISL

2 | Shiidaem
B 62+16\/151_—26+2J151_31+8\/151
27 ! 27 Y
==
B 62-16v151 —26~24151 31-8+/151
27 ! 27 27

Chon A.

+dcéviep u={2,1,1),(P) c6 vipt m=(1,2,-1)

(Q) c6 vipt n=(a,b,c), (@ +b* +¢* >0)

+do {Q) chiia d nén ta c6
nluonu=0c2a+b+c=0c=-2a-b e n=(a,b,—2a-—b)
+ Goi gbc hop bsi (P) va (Q) Ia

o

man |a+2b+2z+b]

O = Cosa =

Ccos (m; n)

‘n_.zH;‘ B \/g.\faz +b* + (20, + b)2

a+b| \/E

3la -+ 3 ,
= > < > = ? & a > 30
\/(_3.\/3@2 +2(a—l—b) JE.Jz(aer)
Viy o = 30° D4u bing x3y ra khi va chi 2=014c d6 ta chon
b=Lc=-1=n=(0,1,-1)

cosa =

. qua:A (—1, -1, 3)
Mit phi : 2 i do ry—-z44=0
at phang (Q) {vipt:n=(0,1,—~1) o} (Q) Y-z
Chon A.



Tap hop cic diém trong khong gian cich diém O ¢d dinh mdt khodng cach R cho trudela

mit cdu tAm O vaban kinh R. Kihiéu S(O;R)
Trong khéng gian véi hé truc Oxyz
- Mt ciu (8§) tﬁml(a;b;c) ban kinh R ¢6 phuong trinh 1a.:
(x—a)2+(y—b)2+(z—c)2 =R?.
- Phuong trinh : ¥ +y* +2° = 2ax-2by ~2cz+d =0 vgi & +b"+c*-d>0
Ia phlicfng trinh mét cau tim I(a b;c),bankinh R=+va* +b* +c* -

¥) vamit cau (S)

( )) > R khiva chikhi (¢) khéng cit mit cdu (S).
> d(I,())=Rkhivachikhi (e) tiép xic mit cdu (S).

( ))<R khi va chi khi {)cit m3t ciu (S) theo

giao tuyén 13 dudng tron nim trén mit phing (P ) c6tam K va

6 ban kinh r =VvR? —-d°.

a dudng thang

a) Cho mit cdu S(O;R) va dudng thing A. Goi H 13 hinh chiéu ¢lia OlénA
khodng cich tit O dén A

(H.3.1) (H3.2)
» Néu d <R thi A cit mit cu tai 2 diém phén biét (H.3.1)
» Néu d=R thi A cit mit cdu tai 1 diém duy nhét (H.3.2)
» Néu d >R thi A khong cit mdt cdu (H.3.3)

vad=0H la

(H.3.3)



BB Trong khong gian véi hé toa dé Oxyz,cho A(1;0;0), B(2;-1;2), C(~1;1; -3). Viét
phuong trinh miit ciu c6 tam thuéc truc Oy , di qua A va cit mit phing (ABC) theo mét

dudng tron c6 ban kinh nhé nhit.
i 2 2
2 1 2_9 2 1 2_3
A.x +(y——2~] +z =7 B.x +(y+2) +z e
Cxi+ —l 2+22—2 D.x*+ y—?iz-i-zz:E
. y =1 . 1
PR Trong khong gian véi hé tga do Oxyz viét phuong trinh ctia mit ciu ¢é tam 1(1,2;3)
v ti€p xtic véi dudng thing: * yrZ_z
1 -2 2
A(x=1) +(y—2) +(z-3) = 233 B.(x~1) +{y—2) +(z-3)’ = 233
Cla=14(y=2) +(z-3f =22 p(e-1) +{y-2) +(z-0) =22

7 Trong khong gian Oxyz, cho mit cdu  (S)cé phuong trinh:

2y +2° —4x+2y+62-12=0 va dudng thing (d):x=5+2f;y=4;z=7 +¢. Viét
=, phuiong trinh dudng thing A tiép xtic mit ciu () tai d1em M(5;0; 1)b1et dudng thing
) A tao v6i dudng thingd mét géc @ théa min cosp =

i ‘J;

(x=5+3¢ Jx=5+13t (x=5+3t  [x=5+13
AA:sy=-Bt vA:qy=5t . B.A:¢y=-5t vA:{y=5t
z=1-¢ z=1-11t z=1-t z=1+11t
x=5+3t  [x=5+13t x=5+3t  [x=5+13
CA:{y=5t vA:{y=5t .. DA:qy=-5t vA:qy=5t
2=1-t z=1-11t 2 =1t z=1-21
2

; PEIE Trong khong gian véi hé toa dg Oxyz, cho dudng thing 4:~— x1 y; —iz Tim toa
: d4 diém M thuc duding thing d sao cho mit cdu (S) tam M tiép xtic véi truc Oz ¢6 bén
: kinh bing 2.

6.8.2 6.8 2

5 AM(2,0;-2)vM|=;-2:2 | B.M(2;0;2)v M| —;—=:= |
(2:0,-2)v [5 5 5) (2:0:2] [5 5 5)

i

7 8 4 6 82

; C.M(2;0;~ 7. 84 M(4;0,2)v M| 2,-2.2

| M(2;0; 2)VM(5, 5,5} D.M(4;0;-2) [ 5 5J
; BS4EST Trong khong gian v6i hé truc toa d9 Oxyz, cho hai dudng thing 4, 4, , c6 phwong trinh:
’ x=2_y=1 z-1 . x42 y-3 z+1

i ARt AT T

Viét phuong trinh mt ciu ¢6 ban kinh nho nhét va tiép xdc véi hai duomg thing 4,4, ?




A. Jc2+(yr-—2)2+z2 =6. B. x52+(y—2)2--z2 =6.
C. xz-(y—2)2+zzz6. D. x2+(y+2)2+22=6.

pRath: Trong khong gian véihé toadé Oxyz, chomdtciu (8):x* +y* +x* —2x+4y+2z-3=0,
Viét phuong trinh mit phing (P} cha truc Ox va cit mit (S) cu theo mét dudng tron

¢ ban kinh bang 3.
A (P):y-2z=0. B.(P):x-2z=0. C (P):y+2z=0. D. (P):x+2z2=0.
¥835% Trong khong gian vdi hé toa 46 Oxyz cho dudng thang d : xT_I=_y_I_1=_zi va cit mit

phing(P): x+2y+z—6=0 tai diém M. Viét phuong trinh mdt ciu (S)c6 tam Ithuéc
dudng thing d va tiép xtc vdi mit phing (P)tai diém A, biét dién tich tam gidc IMA
bing 3v3 va tam I c6 hoanh d6 am.

A (S): (x+1) +7 +(z-1) =6 B. (S): (x+1)" +y*+(z-1) =36

C.(8): (x+1)2 -y —(z—l)z =6 D. (S): (x+1)2+y2 -!~(z—1)2 =6

JE§ Trong khong gian toa d6Oxyz viét phuong trinh mit cdu di qua 3 difm
A(1;-1;2),B(2;1;-1),C(~1;2;-3) biét tam chia mit cfu ndm trén mit phéng Oxz.

2 2 2 2
12 4Y 1326 - 12 aY 1327
A.(5): =+ +z+— | == B. (S):lx+= -y | z+— | ===
()(“11] y (z 11] 121 ()(x 11] 4 (Z 11) 121

2 2 2 2
12 4 1328 12 4 1329
7] P22 S UL T I R s 253 (PP O B (P [ 4
() [x 11J+y +[Z 11] 121 (5) (x 11] Y (Z 11] 121

KBS Trong khong gian Oxyz cho ba diém A(-13;-1;0),B(2;1,-2),C(1;2;2) va mit cau
(8): x*+y* +2*° —2x—4y~6z—67 =0, Viét phuong trinh mit phing (P) di qua A,
song song v&i BC va ti€p xic véi mit céu (S) .(8)cé tam I(1;2;3) v c6 bén kinh
R=9.

A. (P):—2x+2y—2z+28=0hofc(P): 8x+4y+2-100=0
B. (P): -2x+2y+2z+28=0hoéc(P): 8x+4y+z+100=0
C (P): —2x+2y—z—28=0hoéc(P):8x+4y+z+100=0
D. (P):—2x+2y—2z+28=0hodc(P): 8x+4y+z-1000=0

JB3EE Trong khong gian Oxyz, cho mit ciu (S):x*+y* +2° —4x+2y+2z-3=0, mjt phing
(P):x—y+z+1=0 vahai &iém A(-1;1;0), B(2;2;1). Viét phuong trinh mit phing
(e} song song v6i AB , vubdng goc véi mp(P) vA cit mit cdu (S) theo mot dudng tron

(C) c6 bén kinh bing /3.

@):x-y—2z+1=0 v mp(@): x-y-2z-11=0

-(
()
()

X

x-5y—2z+1=0 -Vé_ mp(a):x—y—22—11=0

W@ >

&

23
)

(x-y—2z+1=0 va mp(&r): x—58y-2z-11=0

o

a): x—5y—2z+1=0 va mp(e): x~5y—-22-11=0

TN
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Tiéh cdin phutong phdp vévin

Trong khong gian Oxyz, cho hai diém A(2;0;0), B (0:2;0). Diém C thudc truc Oz sao
cho tam gidc ABC 1a tam gidc déu, viét phuong trinh mit cdu (S) c6 tam O tiépxtc

v6i ba canh cha tam gidc ABC .,
A (S):x*+y +; =2 B.(S): 2" +y* +2° =2
C{8): 2 +y?+22 =2 ' D.(S): 2 +y* +22 =2
PBai32 Trong khong gian vai hé toa 46 Oxyz, cho duding thing d: a 12 J 21 211 va mit

cu (8): (x+1)* +(y—2)* +(z~1)* =25 .Viét phuong trinh dudng thing A di qua diém
M(-1;~1;-2), cit dudng thing 4 vi mit cdu (5} tai hai diém A, B sao cho AB=8.

x=—1+6t [x=-1-6t
AN Sy=-1+2 B.A:qy=-1-2¢
z=-24+9 |z =—~2+9¢
x=—1+6f [x =—2+6t
CAy=1+2¢ D.A:{y=~3+2¢
z=2-9¢ z-—2+9t

g8 Trong khong gian Oxyz,viét phuong trinh mit ciu () tiép xdc v6i mit phéng
(Q):2x+y+2z+1=0 tai M(1;-1;~1) vatiépxtcvéimitphing (P): x+2y—-2z+8=0

(c):(x=3P+y* +(z—-1)*=9 8 (c): (x+3P+y* +(z+1f =
T(e)  (x+ 1) +(y+2) +(z+3)* =9 Te) i (x+1P +(y+2) +(z+3)* =9

(c):(x=3) +y* +(z—1)/ = b (c):(x=3V+y" +(z—-1V =81
o) (x-1 Hy -2 +(2— 3)2_9 () (x+ 1w (y+2)? + (243 =81

| EEEE



M3t phing (ABC) ¢6 phuong trinh: x-y—z-1=0
Goi (S)1a mit cu ¢ tam Te Oy va cit (ABC)theo mét dudng

tron ¢6 ban kinh r nhd nhét,
Vi Ie€ Oy nén I{0;£;0), goi H1a hinh chiéu ctia I trén (ABC)khi
d6 12 c6 ban kinh
dudng tron giao cha (ABC)va (S)la r= AH =vIA* - IH" .
F+1
Ta co IA* =#*+1,IH =d{1,(ABC)) = AL
B
2 2 _
-y t2+1—t +2f+1 _ 215 =2t +2
3 3
Do dé, r nhd nhat khi v chi khi t=%.Khidé I 0,%,0 ,IA"=§

vy phuong trinh mit cdu cin tim I3 : x* + y—% +z =§-
Chon A,
_ + Duong thing d di qua M(0;-2;0)c6 vécto chi phuong
u=(1;-2;2)
Tinh duge MI =(1;4;3)

] S

+ Khing dinh va tinh dugc 4(1;d)= ] I

+ Khang dinh mét cdu cin tim c6 ban kinh bing d(I;d) va viét
phuong trinh:

(x-1) +{y=2) +(z-3 =2
Chon A,

(8):(x-2) +(y+1) +(2+3) =26 = (5) cbtam1(2;-1;-3)
bén kinh R=+/26.
IM=(3;1;4) ,u,=(2;0;1) 141 VTCP cta (d)




o~

Tiép cdn phuong phip vivin

Gia st , = (a;b;c) 1 VTCP cia dudng thing 4 (“2 +b o+t 0)
Do tiép xic mit cdu (S) tai M:

=IM Lu, ¢ 3a+b+4c=0c b= —3a—4c(1)

Ma goc giita dudng théngA va dti(‘mg théng (d) bing ¢.

'U'l "’-‘2 1 JZa + c,

T

Thay (1) vio (2) ta dugc :ﬁ|2a+cl = Jg.Jaz +(3a+4dc) +¢
= 7(4a2 +4ac+c2)=5(a2 +94% + 24ac+16c2 +c2)

= cos(ul,uz)‘ = COSQ &

a=-3c

& 220*492ac+78c* =0 = 13
a=——c

11

Véia=-3c do a* +b* +c* #0nénchon c=-1=>4=3:b=-5
x=5+3¢

= phuong trinh dudng thing Ia: Ay :1_51;
z=1-
Véi a=-—%c Do @ +b* +c* #0nén chon c=-11=>a=13;b=5
x=5+13t
= phuong trinh dudng thing A 1a: A:qy =5t
Chon A. z=1-11t

Vi Med= M(1+t;-2+2t;-2t) Tryuc Oz di qua diém 0(0:0,0)
va ¢6 vtep jc'=(0;0;1) ; l

OM =(1+£;-2+2t;-2t) = [ OM;k | = (-2+ 26;-1-0)
:’[ﬁ;fc]‘ =v5t*—6t+5

Goi R 14 ban kinh mit ciu (5) ,ta cé: R = d( ; )= 5t —6t+5

=1 M(2;0; 2) :
R=2=+5t'-6t+5=2 5t —6t+1=0 = 1= M 6 82

=5 M55
Chon A,

Mat cdu c6 bén kinh nhé nhét va tiép xtc v6i hai dudng thing 4, 4,
12 mit cdu nhin doan vudng géc chung ctia 4,4, 1am dudng kinh. Gia
s& mit cdu cén lap 1a (S) va A, B l4n luot 1a tiép diém ctia (S)véi 4, 4,.
Viét phuong trinh 4, A, duéi dang tham s6 thi ta co:




A(2+m;1+4m;1+2m), B(-2+n;3+n;-1-n)

Do AB 14 doan vuéng goc chung cia 4,4, nén
{AB.U4 =0 {Sn—Zlm =0
&

3n-m=og ©M=N=0= A(2;3,1), B(-2;3;-1)

Trung diém I ctia AB c6 toa do 131 (0;2;0) nén phuong trinh mit cu cin
lip ta:x? +(y—2)" +22 =6.

(8) c6 tam I{1;-2;-1) vabankinh R=3.
P)chiia truc Ox vi cit mit ciu (S ) theo mét dudng tron c6 ban

kinh bing 3 nén:

{P)chtaOx va di qua tm I ctia mét clu.

Tacé: OI (1,-2;-1),(P) covectophdptuyén 1= I:;, ai] =(0;-1;-2)
va ( p) qua O

Vay (P):y—22=0.

Chon A.

Mt vecto chi phudng cita dudng thing d 13 #(2;1;-1). Mot vecto
phép tuyén clia duting thing mét phang (p)la n(1;2;1). Goi 9 12 goc
gitta dudng thing d va mit phing (P).

=—=6=IMA=30"

cos(;,;) =

Voo 2

Goi R laban kinh mit c4u (S) = IA = R tam gidc IAM vudngtai A
¢6 IMA=30° = AM=RV335,, =3\/§@%IA.AM=3\/§=>R=.JE

Gia st I(1+2t;1+t;—-t),t<%

_|2+2~1[_1

Tacosind =

T gia thuyét ta c¢6 khoang cach:

d(I,(P)):R@E%@t=—1ut =3 (load) = I{-1;0;1)
Phuong trinh mit cdu (5): (x+1)° +3% +(z~1)" =6.
Chon A. :

pils
Ie(oxz)nénI(x;0;z),IA=1B=IC nén
(x=1) +1+(2-2)" = (x—2)" +1+{z+1)°
2

(
(x=1) +1+(z-2) =(x+1) +4+(2+3)




PR B AN S %

Tidh cin phuong phdp vivir di

Gidi ha _-12. 4 (12 4 P .
Gidi he ta duge *=—777/2 =77 suyra | (?’U’H} i P Ghichiicuaem

Bénkinh R=, i—1326
121

2 2z
Phuong trinh mit cau: (S):(x#—EJ +9* +(z+i) _ 1326

11 11 121
Chon A.

o

Gidsit (P)c6 vipt n=(A;B;C),(A*+B*+C? #0),(P)//BC ném:

n 1 BC,BC=(~1,1,4) = n.BC =0 A=B+4C = n=(B+4C;B;C)
(P)diqua A(13;-1;0) = phuong trinh: :
(P):(B+4C)x+By+Cz~12B-52C =0

(P) tiép xtic véi (S)

4C+2B+3C-12B-52C| o

@d[l,(P)]:R@ [B+

7 J(B+4C)2+Bz+c2

& B*~2BC-8C =0 & (B+2C)(B—4C)=0@[B+2C=O
B-4C=0

Véi B+2C =0 chon {B =2 , ta ddgc phuong trinh:

(P):~2x+2y~z+28=0
V6i B—-4C =0 c:hon{B:4 » ta ddgc phiong trinh:

(P):8x+4y+2z-100=0.
Chon A,

Pt (S) viét duéi dang (S): (x—2)" +(y+1)" +(z+1) =9
suy ra (S}cé tam1(2;-1;-1) , ban kinh R=3
Ta cb Ez(&'l}l) mét VIPT chia mit phing (P) 1&171:(1;-—1;1)
Do dé[ﬁ.;z]=(2;—2;-4) %0
Goi vecto 13 mt VIPT cia mp{@) Taco
{(a) /A8 = {it + _,AB =u cung phdong véi [ZE, ;l] .
(@)L(P)  |uLn

Chon ﬁ:%[ﬁ;ﬁ] =n=(1;-1-2)




Mp () c6mdt VTPT # nén phuongtrinh cé dang x ~y—2z+D =0
Goi 4 1a khoang céch tit I dén Mp (@)cit (S) theo mot dudng
tron (C) c6 bén kinh r =3 . Nén d=VR —r* =\9-3 =16
Ta c6
D=1
d=+6 &
Yo D=-11

[2-(~1)-2(-1)+D|
V6

Véi D=1 thi (@):x-y—~2z+1=0 khong qua A{-1,1,0)(i
-1-1-20+1=0)

Nén (a’]//AB.Tlio'ng tu,mp(a):x—-y—-2z--11=0 cling song
song véi AB.

- Viy 06 hai mét phing () thda mén yéu ciu bai todn c6 phuong trinh:

(a):x—y—2z+1=0vz‘1mp(o:):x—y-2.z—11=0.

Chon A,

=~/€<:>15+D|=6é[

Vi Ce Oz = C(0;0;c) va tam gidc ABC déu khi va chikhi:
AB=AC=BC=AB'=AC’=BC* 2+ =2 4c=c=%2

Vay C(0,0;2) hoic c(0;0;-2)

Lap luan duge td dién OABC déavi OA=0B=0C =2 va tam gidc
ABC déu.

Goi I 14 trung diém cta AB thi OI 1L AB tail

= Ol=L AB=JOA* 1 OB =:y22+2% =42 (tam gisc OAB

vudng tai O} 2

Lap lugn duoc mit cdu (S) cé tam O tiép xiic v6i ba canh ciia tam
gidc ABC c6 ban kinh R=d(0, AB)=0I=+2.

Do d6 phuong trinh mit cdu (S): x* +y* +2° =2,

Chon A,

Goi: :
M, =dnA= M (2~-£;1-2t;1+t) = MM, =(3—#;2-2t;3+¢)
Mit cdu c6 tam 1{-1;2;1)

Mt phing;;
-1;2:1 I(-1,2;1
(P): qua 11 ):> py {15 )__.
(P)LA VIPT 1, = MM,

=(P):(B3~tdx+D+(2-2ty—-2)+(3+t}z-1)=0
Goi H1a trung diém ABthi IH 1 AB,IH=3

|




Tiép cin phuong phdp va vin d

|3t -15| =
Do IM=3v2 = MH =3=d(M,(P)) =——oil _ 5| 4 © PGhi
6t -8t +22 t=3 P
, x=-1+2t x=-1+6t ’
Véit=-1= A y=-—1+2t.V<’Jit=:;—=>A: y=—1+2¢
z=-"2+t¢ z=~2+9¢
Chon A.
Mit phing (Q) c6 vecto phép tuyén n=(2; 1;2) Pudng thing d qua
x=1+2¢
Mva vudng goc v6i (Q) c6 phuong trinh 13 Jy=—1+¢ .
z=—1+2¢

Lay I(1+2¢;~1+#;-1+2t)ed

MI=d(1,(P)) > Nafi 1 7 4 48 | LE27242042-4048)
| J1+4+4 |

t=1=1(3,0;1),R=3=>(5): (x -3 +y* +(z-17 =9

t=-1=1(-1;-2;,-3),R=3=(8) : (x+ 1) +(y+2)* +(z+3)* =9

Chon A.
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