GOC TAO BOI TIA TIEP TUYEN VA DAY CUNG
A. Ly thuyét c ‘
1. Dinh nghia: B
*) Goc BAx c6 dinh nam trén duong tron canh Ax 1a mot tia tiép

tuyén con canh 4B chtra ddy cung 4B, goc BAx goi 1a goc tao n

bai tiép tuyén va day cung

+) 4nB goi 1a cung bi chin

2. Pinh 1y: S6 do cua goc tao boi tia tiép tuyén va ddy cung bang nira s6 do cung bi chan.
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3. Hé qua: Trong mot dudng tron, goc tao boi tia tiép tuyén va day cung va gboc noi tiép cing

< A VLY P = 1 - A
chan mét cung thi bang nhau: 4CB = BAx = P sd AnB

4. Pinh 1y bo sung (B6 dé): Néu goc BAx (v6i dinh A ndm trén duong tron, mot canh chira
day cung 4B), ¢ sd do bang nira sé do cua cung AB cang diy d6 va cung ndy nam bén trong
g6 d6 thi canh Ax 1a mot tia tiép tuyén cta dudng tron.

B. Bai tap

Dang 1: Chirng minh ding thic, cic géc biang nhau

Cach giai: Ta ap dung céc kién thuc sau
- Goc tao bai tia tiép tuyén va day cung va goc noi tiép cuing chin mot cung thi bang nhau

- Hai goc ké ddy cua tam giac can thi bang nhau
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- Hai tam gidc c6 hai cip goc bang nhau thi cip goc con lai cling bang nhau

Bai 1:

Cho diém 4 nam ngoai duong tron (0). Qua

A ké hai tiép tuyén 4B va AC véi (0) (B,C A

14 tiép diem). Ké cat tuyén AMN véi (0) (M

nam gitta 4 va N) A I H 0

a) Chimng minh A4B* = AM .AN

b) Goi H=40nBC. Chung minh o N

AH.AO = AM . AN
¢) Poan thang 40 cit dudng tron (O) tai 1.
Chtng minh I 1a tAm dudng tron noi tiép tam

giac ABC.

Loi giai
a) Ta co mzﬁzésd@

= AABM ~ AANB(gg)

b) Tacd 40 la dudong trung truc cia BC nén = 40 L BC
Xét tam giac vuong AOB, cO: AB® = AH.AO

¢) Chung minh duoc ABI = CBI (do:l?] =CI ):>BI 1a phan gidc 4BC. ma A0 la tia phan giac

cia BAC = I 1a tim duong tron ndi tiép A4BC.

Bai 2:
Cho tam giac 4BC ndi tiép duong tron (0). A
Tiép tuyén tai 4 cit BC tai [
IB _ 4B’ °

a) Chung minh

IC AC? 1
b) Tinh I4,IC biét rang AB =20cm , AC =28cm
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BC =24cm

Loi giai
a) Xét ABAI va AACI c6: 1 chung va ACB=BAI = ABAI ~ AACI (gg)

AB IB __AB® IB’

5> —=—= —
AC 1A~ AC* 1A

Mat khac I4° = IB.IC = dpcm.

b) Do ABAI# AACI(gg)

Al Bl AB IA IC-24 5
- — == —— = = —
Cl Al CA IC 14 7

= IA=35cm;IC = 49cm.

Bai 3:

Cho tam gidc 4BC ndi tiép duong tron (0).
Tiép tuyén tai 4 cua (O) cét BC tai P

a) Chiing minh cac tam gidc PAC va PBA
ddng dang

b) Chirng minh PA* = PB.PC
¢) Tia phan giac trong ctia goc 4 cit BC va
(0) lan lugt tai D va M. Ching minh

MB* = MAMD

Loi giai
a) Ta cO APAB# APCA(gg)

b) Vi APAB# APCA(gg) = PA* = PB.PC
¢) Ta c6 BAM = MAC = MBC =%sdﬁ\/f

= AMAB# AMBD (gg) = MB* = MAMD

——
W
| —




Bai 4:

Cho nira dudng tron (0) duong kinh AB.
Trén tia d6i cta tia 4B 1y mot diém M . V&
tiép tuyén MC voi nira duong tron, goi H 1a

hinh chiéu cia C trén 4B

a. Chimg minh ring C4 1a phan giac cia
MCH
b. Gia st MA=a;MC =2a. Tinh AB va CH

theo a?

Loi giai
a. Ta c6: ACB =90" (goc ndi tiép chan nira dudng tron)

ACH = B(phu.CAB)

—

| — \=ACH=ACM
ACM =B(= sd AC)

2
b. AM1<1C~AMCB(gg):>M—A:M—C:>MC2 :MA.MB:>MB:MC =4a= AB=4a-a=3a
MC MB MA
Xét ACOM(C =90°) = CM.CO = CH.OM = ¢l = SM-C0 _2al,5a_6a
oM 2,54 5
Bai 5:

Cho ntra duong tron (O) duong kinh 4B va
mot diém C trén nira dudng tron. Qua D trén
doan 4B ké duong thang vudng goc véi AB
cit BC tai F. Tiép tuyén cua nira dudng tron
tai C cat duong vudng goc & D tai 1. Goi E
1a giao diém ctia AC va DF .

a. So sanh IE/\CI/CTE@

b. AEIC can

c. [E=IC=FI
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Loi giai
a) Ta cO ACB=90" (gbc ndi tiép chin nira dudng tron) = ECF =90°

, , :chun
Xeét ACEF,ADBF c0:

~

=D

o T

g}:@—ﬁ?a)

Lailco: m:@%sm)@b@:@:@
b. AIEC cantai |
c) Ta co:

Ci +ICE =90°; F + IEC = 90"
o o =
ICE = IEC

AICF cantail = FI=1IC.

Bai 6:

Cho duong tron (O;R), hai duong kinh 4B
va CD vudng goc voi nhau. Trén tia dbi cua

tia CD ldy diém S. S4 cat duong tron tai M,

tiép tuyén cua dudng tron & M cat CD & P,

BM cit CD ¢ T. Ching minh rang

a. PT.MA=MT.OA
b. PS=PM =PT
c. Biét PM =R, tinh TA.SM theo R

Loi giai
a. Ta cd6 OMP =90°
P =0, (cing phu 0,)

M, =M, (cing phu M,)

— APMT# AOMA(gg) = 2L =ML . pr aa = MT.04
04 MA

b) S=B (phu gbc MAB), SNP=0MB (phu goc M, ) = APMS# AOMB(gg)




ma AOMB can tai O = APMS can tai P = PS = PM(1)

M, + PMS =90°
Lai co6: PTM +5=90" |\ = M, = PTM = AMPT cAn tai P= PM = PT(2)= PS=PM = PT
S=PMS
AATB# AOMB
) (88) — AATBH ASPM = AL _AB AT _AB o pAfy s ATMS = ABPM =2RR=2R’
ASMP# AMOB(b) SP MS PM MS




Dang 2: Chirng minh hai dwong thing song song, hai dwong thang vudng goc, mot tia 1a

tiép tuyén ciia dwong tron

Cach giai: Sir dung hé qua vé goc tao bdi tia tiép tuyén va diy cung hodc hé qua cua hia goc

noi tiép.

Bai 1:

Cho dudng tron (O;R) véi 4 1a diém c6 dinh trén duong

=

tron. Ké tiép tuyén Ax voi (0) va lay M 1a diém bat ki
thudc tia Ax. V& tiép tuyén tht hai MB v&i duong tron
(0). Goi I 1a trung diém ciia M4, K 1a giao diém clia I
BI véi (0). B

a) Chung minh céc tam giac IKA va I4B dong dang. Tu

d6 suy ra tam giac IKM ddng dang voi tam giac IMB

b) Gia sit MK cat (O) tai C. Chirng minh BC song song e

Vol MA.

Loi gidi

A IK
a) AIAK ~ AIBA =>—=—
) (gg) IB 14

ma IA:IM:%:%zAIKM~AIMB(ch)

b) Ching minh dugc IMK = KCB = BC //MA = dpem.

Bai 2:
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Cho duong tron (0) va (I) cit nhau tai C va
D, trong d6 tiép tuyén chung MN song song
v6i cat tuyén EDF, M va E thuoc (O),N va
F thudc (1), D nam gitta E va F. Goi K,H
theo thur tu 1a giao diém cua NC,MC véi EF .
Goi G la giao diém cta EM,FN. Chung

minh:
a) Cac tam giac GMN va DMN bang nhau
b) GD la duong trung truc cua KH

Loi gidi
a) Ta c6 DMN =E = GMN
DNM = NFD = DNG = AGMN = ADMN
b) Chuing minh dugc MN 1a dudng trung truc ctia GD
= GD L EF (1)

Goi J la giao diém cia DC va MN

Ta co

IM _JN(_ CI
DH DK\ CD

Mit khac JM = JN(: \/JC.JD)
= DH = DK (2)

Tu (1)(2) = dpem.

Bai 3:
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Cho ntra duong tron (0) dudng kinh 4B, tiép
tuyén Ax.Goi C 13 mot diém trén ntra dudng
tron. Tia phan gidc cia CAx cit nira dudng
tron & E,AE va BC cétnhau & K

a. AABK la tam giac gi? Vi sao

b. Goi I 1a giao diém ctia AC va BE. Chimng

minh rang IK //Ax

¢. Chuing minh rang OE//BC.

Loi giai

a) BE L AK(E =90")

E:f:—sdﬂ“
B,=4,=—sdEC;= B =B,
4, =4,(gt)

AABK c6 BE 1a duong cao, duong phan gidc nén can tai B

KI 1 AB

b) I 1a truc tdm cua A4BK =
ma:BC 1 AC

}:>OE//BC
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Bai 4:

Cho dudng tron (0) duong kinh B. Puong T
thang d tiép xuc v6i dudng tron & 4, qua /

diém T trén duong thang d ké tiép tuyén M ’

TM véi duong tron (M 14 tiép diém ). Goi P - A
va Q lan luot 1a hinh chiéu cua M trén 4B l,
va trén duong thang d . Ching minh rang \" .

a. AM,PQ,0T ddng quy tai [ B P o)

b. M4 1a tia phan giac cua OMO; TMP

C. AAIQ,AATM ,AAIP,AAOM déng dang.

Loi giai
a. Tt giac APMQ 1a hinh chit nhat = AM " PO =1
Lai c6 TM =TA (hai tiép tuyén cit nhau); OM = OA(=R)
— OT 1a dudng trung truc ctia AM = OT cit AM tai trung diém 7. Vay c6 dpcm
AMP = MAQ(slt) -

b. — - 1 — — AMP = AMQ = MA la tia phan giac PMT .
MAQ = AMT =—sd AM

A/]\/_I\Q:]\m(slt) va AOAM can tai O, ta co: OAM :@:hﬁ/[\O:Iﬁ/f\Q:MA la phan giac
oMQ.
c. AMIQ cantai I, AAMT cAntai T, c6: 140 = MAT = AIAQ# ATAM (gg)

Tuong tu: AAIP cantai I, AAOM cantai O, co: AP = MAO = AIAPH# AAOM (gg)
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Bai 5:

Cho dudng tron (0), diém 4 nam ngoai
duong tron. Ké céc tiép tuyén 4B, AC va cat
tuyén ADE voi duong tron (D nam gitta A4
va E). Tia phan giac cua goc DBE cat DE | *
0 I.CMR:

. BD_CD
" BE CE

b. AI=A4B=A4C

c. CI 1a phan giac DCE

Loi giai
a) Xét AABD,AAEB, co:
:é\l:chung
BD 4B
~ ~ 1 —(=>AABD~AAEB(gg)=>—=—(1)
B, =E, :EsdBD BE AE
CD _ 4C BD_CD

Tuong tu ta c6: —=—(2),4B=AC(3)=>—=
CE AE BE CE

b. Ta co: IA1:EZ+1?1 (goc ngoai ca tam giac), @:E+E\3:@+@

. ~ ~ ~ — . AI:AB
Laico: E =B, =1, = ABl = AABI can tai A = C}:AIzABzAC

N o T e
C. AACI cantai A = I1,=C +C,,laico: I,=C,+E, (goc ngoaicua AICE), ma: E, =C, ZECD

=C,=C, (dpem).
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