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Céu 46. Cho ham s6 f(z) c6 bang bién thién bén dudi. S6 nghiém thudc doan 0;577r
trinh f(SiIl 117) =11la x — -1 0 1 +o
A7 (=) + 0 — 0 + 0 -

B. 4. :
C. 5. 7(x) / \ . / \
D. 6 —0 +a0

ctia phuong

,2[% .?.El‘ kl‘?

Dat t = sinz = t’ = cosz, t’zO@cosx:()@x:g—i-lm

3T 5

t % 1
Phuong trinh f(f) =1 va nhin e béng_ blié’n thién d(‘lé: 5
f’JErxJ =4 q A A [11 { e

AN I AN

A N,

ez =a<—1:0 nghiém =z.

e z=>0¢€(—10): 2 nghiém =.
cx=ce(0;1): 3 nghiém z.
ez =d>0:0 nghiém z.

t=1

t € (—10)

« t €[0;1): cho 3 nghiém =.

Vay c6 5 nghiém z.

+ t =—1: cho 1 nghiém =.

. : cho 2 nghiém =.

k:()::l:lr::l:2.. e Z;_ﬂ—;5_7r
T€ O;‘)fW 2 2
2
t<—1 n
“lioq cho 0 nghiém z.

Bipn lugn nghipm diga vio bing biéu thicn hoge 43 thi him {(x)

1) Cho ham s0 y = f(z) c6 bang bién thién nhu hinh vé bén dudi. Co bao nhiéu sd nguyén m dé

phuong trinh f(2sinz + 1) = f(m) c6 nghiém thuyc ?

A. 5 T —00 -1 0 2 3 4o
B. 4. fl(=) + + 0o - 0 + +
+o
C. 3. )
flx) S \72/
D. 2. —o
Loi giai tham khao

batt =2sinz+1. Tacd —1<sinz <1< —-1<2sinz+1<3=-1<t<3=te[-L3]
Phuong trinh f(2sinz + 1) = f(m) c6 nghiém < f(t) = f(m) c6 nghiém thudc doan [—1;3].
= {1111% fit) < f(m) < max f(t). Tkt bang bién thién, suy ra I[TIIIQ fit)=-2 va max f(t) = 2.

Dodb —2< f(m)<2< —-1<m<3.

Do m € Z = m € {—1;0;1;2;3} : c6 5 gia tri nguyén ctua m thda bai toan.

Chon dap an A.
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2)

3)

Cho ham s8 y = f(z) c6 d6 thi nhw hinh vé bén dudi. Co bao nhiéu gia tri nguyén ctia m dé€
phuong trinh 2f ( f(x)) = m c6 dung 4 nghiém phan biét = € [—4;0].
by

Al

B. 2

C. 7

D. 5 !

Loi giai tham khao

bat t = f(z) vado z € [-4;0] nén tix d6 thi, suy ra gia tri cta ¢ = f(z) € [0;3].
o t = f(z) € (0;2] : ¢6 2 nghiém z.
o t = f(z) €(2;3]U{0} : c6 1 nghiém z.

Yéu cau bai toan < phuong trinh f(t) = % an c6 2 nghiém ¢°€ (0;2].

Du’avéod”éthi,suyra3<%<4<:>6<m<8. Do m € Z = m = 7. Chon dap an A.

Cho ham s6 y = f(z) lién tuc trén R va c6 do6 thi nhw hinh vé. Goi S la tap hop tat ca cac gia tri
nguyén ctua tham s6 m d€ phuwong trinh f(sinz) = 3sinz + m cd nghiém thudc khoang (0;7).
Tong cac phan tir ctia S bang

A. 9.
-13
B. —10. |
I
C. —6. |
I

D. —b5. / —1 c])v T

Loi giai tham khao

bét t = sinz vado z € (0;m) = t € (0;1]. (vé dwong tron lugng gidc).
Khi d6 phuong trinh tro thanh m = f(t) — 3t = g(¢) vdi ¢ € (0;1].

Phuong trinh c6 nghiém < rz%llr]l g(t) <m < max g(t).

Tacd: ¢'(t) = f'(t) — 3. Ma ttr (0;1] thi dd thi di xuéngnén f'(t) < 0 < f/(t) -3 <0< ¢'(t) <0.
Do d6 ham sd ¢(t) nghich bién trén (0;1].
Suy ra: I%il?g(t) =g91)=f1)—-3=—-1-3=—-4va max g(t) = g(0) = f(0) = 1.

(0;1

Vay —4 <m <1—"%—m € {—4;—-3;—2;—1;0}. Nén tong gia tri cia m bang —10.
Chon dap an B.
Lwu y. Tai vj tri max (x=0) khong c6 ddu " =" vi t € (0;1]. Néu khong dé'y sé dé nhiim chon dip dn A.
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Bai todan két hop gida hame s6” va tieh phan

Cho ham s8 f(z) = az' + bz® + ca® + dz +m véia, b, ¢, d, m €R va a=0. Hims6 y = f'(z) ¢6
d6 thi nhw hinh vé. Phuong trinh f(z) = m ¢ bao nhiéu nghiém ?

A 1g(o)>0. ooy =)

@)

——t—

)

—

(=]

~—

\4

=)

=] ]

Loi giai tham khao
Ta cé: ¢'(x) = f'(z) — 2. Cho ¢'(z) =0
s fla)y=rezr2=-2V =0V =1

T —n0 —2 0 1 +no

g'(x) -0 + 0 —0 +

L~y £

g(z) \ /9(0) W / h
) g(1)

g(—2

Méf;g/(x)dz = flg/(z)dm - j:g/(:v)d:z:

:f[f’(x)—x]dx+f[f’(x)—x]dx:Sl—52 sl 2 6 1 am

g'(z) -0 + 0 —0 +

= 9(1) = 9(=2) > 0= ¢(1) > g(-2).
+00 +o
VEé lai bang bién thién bén phai. a(z) \ 49(0) /
AN PN M \ 2 A7 \ , A "\ x Ox
biéu kién can va du d€ phuong trinh g(z) = 0 ¢6 4 nghiém \ / 9(1)
—2
khi g(0) > 0 va g(1) < 0. Chon d4p 4n A. s

Cé bao nhiéu gia tri nguyén m (‘m‘ < 10) dé phuong trinh 2'~" = log, (z +2m) + m c6 nghiém ?

Loi giai tham khao
biéu kién: z + 2m > 0. x -0 ~log, (In2) .
g'(x) - 0 +
Taco 2 = log, (z+2m)+m & 2" = log, (z +2m) + 2m g(x) | +o +0

& log, 2" +2" =log,(z +2m) + (z +2m) & f(2°) = f(z +2m). \ /
g['_—logz [ln E)JI

Do ham s& f(t) = log, t +t dong bién nén 2" = x 4 2m
©2m=2"—z=g(x) 6 ¢'(z) =2"In2-1=0 < z = —log,(In2).

Phuong trinh ¢é nghiém khi 2m > g(—log,(In2)) < m > %g(— log,(In2)) ~ 0,457.

Do m nguyén va ‘m‘ < 10, nén m € {1;2;3;4;5;6;7;8;9}. Céc gia tri nay déu thoa diéu kién.
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PBai tap tuong e va mo réng

Cho ham s6 y = f(x) c6 bang bién thién bén dwdi. S6 nghiém thudc doan [0;27] ctia phuong

trinh f(cosz)+2 =0 la x | -w 1 0 1 e
f'(x) - 0 + 0 = 0 +

A. 3 o0 -1 +on
NG T N

B. 0. -2 -2

C. 2.

D. 1.

Cho ham s8 y = f(z) c6 bang bién thién bén dwdi. S6 nghiém thudc doan [—m;27| ctia phuong

trinh 2f(sinz)+3 =0 la x| -1 0 1 o
(%) - o+ 0 -0
A. 4.
#(x) +0 -1 +
B. 6. ' \ | / \ | /
C. 3.
D. 8.
Cho ham s6 y = f(z) c6 bang bién thién nhu hinh vé bén dudi. S6 nghiém thudc doan 0;777T
cuia phuong trinh 2f(2cosz) +1=0 la 1= 2 0 2 toe
ff(_}.) — 0 + (4] — 0 -+
A. 7. s 1 T
flx) \ \
B. 4 5 / 5 /
C. 5.
D. 6.
Cho ham s0 y = f(x) cb bang bién thién nhw hinh vé bén dudi. S nghiém thudc doan [—; 7]
cua phuong trinh 3f(2sinz)+1=10 la x| —oo —2 0 2 +00
flx) — 0 + 0 —_ 0 +
A. 4. +oo e
1 o0
flx)
B. 5. \ \
2 / —2 /
C. 2.
D. 6.
Cho ham s0 y = f(z) cé bang bién thién bén nhu hinh vé bén dwdi. S6 nghiém doan [—27;27]
ctua phuong trinh 4f(cosz)+5 =0 la z |—o0 -1 0 1 oo
(=) - 0 + o - 0 *
A. 4. 0 =} %
7(2) \ \ /
B. 6. 5 .
C. 3.
D. 8.
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46.6.

46.10.

Choham s6 y = f(z) c6 bang bién thién bén dudi. S6 nghiém thudc doan 0;977T cta phuwong
trinh f(2sinz +1)=11la N 1 . 3 i
(x -0+ 0 - 0
A T. /(%) +
+® +®
2
B. 4. o] e ~. /
C. 5. R
D. 6.
Cho ham s6 y = f(z) c6 bang bién thién bén dudi. S6 nghiém thudc doan —2%;% cua phuong
trinh 3f(sinz + cosz) +4 =0 1a L -2 0 2 o0
/(\) - 0 + 0 - 0 +
A. 4 +0 -1
() \ /' \ /
B. 5.
) -2
C. 3.
D. 8.
Cho ham s6 y = f(z) c6 bang bién thién dudi va f(2) = 0. SO nghiém thudc [0;27] cua phuong
trinh 2f(cos’ x — cosz + 1) +1 = 0 bang x| -] 0 1 +o0
f'(x) - 0 + 0 - 0 +
A. 3. +o0 -1 +o0
B. 0. 76 \ -2 / \‘—2 /
C. 2.
D. 1.

Cho d6 thi ham s6 y = f(#) nhu hinh. S6 nghiém ctia phuong trinh f(2sinz) =1 trén [0;27] la
A. 1.
B. 2.
C. 3.

D. 4.

Cho ham s6 y = f(z) c6 d6 thi nhu hinh vé bén duwdi. S6 nghiém thudc doan clia

—3—7T;27r
2

phuong trinh 3f(cosz)+5 =0 la »
A. 4.

B. 7.

C. 6.
D. 8.
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46.11.

46.12.

46.13.

46.14.

Cho ham s6 f(z) = az® + bz® + bx + ¢ c6 d6 thi nhu hinh vé. S8 nghiém nam trong —E;%]
cua phuong trinh f(cosz +1) = cosz +1 1a '
20 c
A. 2 |
! [
I
B. 3 . B / P B !
T 1o & \/ 2 .
A —ta
C. 4
—1
D. 5

Cho ham s6 y = f(z) c6 bang bién thién bén dudi. S6 nghiém thudc doan 0;5% cta phuong

trinh f(‘sin:v‘) —21a v | - 0 I o0
f(x) - 0 + 0 -

A. 7. — ,

. @ \ \

B. 4 ) /' -

C. 5.

D. 6.

Cho ham s6 y = f(x) c6 bang bién thién bén dwdi. S6 nghiém thudc doan [0;37] ctia phuong
trinh ‘f(sin ZL‘)‘ =11la

Cho ham s8 y = f(z) c6 bang bién thién bén dwdi. SO nghiém cua phuong trinh e‘f(m I Z 4 1a

e
B. 5 IR
C. 4
D. ¢
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46.15. Chohamsd y = f(z) lién tuc trén R va c6 d6 thi nhu hinh vé. S6 nghiém thuc ctia phuong trinh

[(f@)+1=01a
A. 4.
B. 7.
C. 6.
D. 9.

46.16.

Yy

Cho ham sd y = f(z) xac dinh va lién tuc trén R, c6 d6 thi nhw hinh vé. Hoi ¢6 bao nhiéu gia tri

nguyén cua tham s6 m d€ phuong trinh f(\/408 — 2392+ 1 — 34) = m c6 dang 6 nghiém

thire phan biét ?

SN RV NN N

46.17.

Cho ham s6 y = f(z) xac dinh va lién tuc trén R, c6 bang bién thién nhw hinh vé bén dudi. Goi

S 1a tap hop tat ca cac gia tri nguyén cuia tham s6 m sao cho phuong trinh f(sinz) =6 — 3m ¢

8 nghiém phan biét thuoc doan [0;37]. Téng cac phan tit ctia S bang

0,5 1

A. 1.
B. 18.
C. 6.
D. 3.

46.18.

f(sinz) = m cb ding 5 nghiém thudc

3T
2

la 4

Choham s6 y = f(z) c6 d6 thi nhu hinh vé. S6 gia tri nguyén cua tham sd m dé€ phwong trinh

Yy

(M
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46.19. Cho ham s6 y = f(z) lién tuc trén R c6 d6 thi nhu hinh vé. C6 bao nhiéu gia tri nguyén cua

Ay
tham s6 m d€ phuong trinh f( 2f(cosz)| = m conghiém z € g;ﬂ'].
A. 5. |
-2 >
B. 3. Lo ¥
C. 2 E
D. 4.

46.20. Cho ham s6 f(x) = az’ + b2’ + ¢, a = 0 va c6 do thi nhw hinh vé. Tdng cac gid tri nguyén cua

tham s6 m d€ phuwong trinh f (2 f(sinz) — 3) = m c6 nghiém z € O;g bang
Y
A. 1.
B. 2.
C. 3.
-1 x
D. 4. /

46.21. Cho ham s0 f(z) c6 bang bién thién bén dudi. Cé bao nhiéu gia tri nguyén ctia tham s m dé
phuong trinh f(2sinz + m) +2 = 0 c6 ding 6 nghiém phan biét thudc [0;37] ?

A. 0. z [—o -1 0 1 400
f’(x) - 0 + 0 — o +
+00 -1 +0o0
B. 2. f(ac) \ / \ /
C. 3. 2 )
D. 1.

46.22. Cho ham s6 y = f(z) ¢6*do6 thi nhu hinh vé. Cé bao nhiéu gia tri nguyén ctia tham s6 m dé
phuong trinh f(f(sinz)) = m cé dung hai nghiém thudc khoang (0;7) ?

A 1. _,

B. 2.

C. 3. — T
VA

D. 4.

46.23. Cho ham s6 bacba f(z) = az’ + b2’ + cx +d (a, b, ¢, d € R va a = 0) cd d6 thi nhw hinh vé.
Phuong trinh [f(z* + 1) — f(z® + 1) — 2 = 0 ¢6 bao nhiéu nghiém ? y

A. 1.

B. 3.

C. 4

D. 5.
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46.24.

46.25.

46.26.

46.27.

46.28.

Cho ham s8 y = az" + bz + ¢, (a = 0) nhu hinh vé bén dudi. C6 bao nhiéu diém trén duong
tron luong giac biéu dién nghiém ctia phuong trinh f(f(cos2x)) = 0.

A. 1.

b3 NI

C. 4.
D. V6 so.

Cho ham s8 y = f(z) lién tuc trén doan [—2;6] va cé d6 thi nhu hinh vé bén dwdi. Cé bao nhiéu

s0 nguyén m dé€ phuwong trinh f(sinz) = m c6 nghiém.

A. 10.
B. 6.
-2 -1o 1 y
3 4 6
C. 9. SN
Ne3 /v = £G)
D. 5. N

Cho ham s6 y = f(x) lién tuc trén doan [—2;6] c6 d6 thi nhw hinh bén dwdi. C6 bao nhiéu s

™ T
———

nguyén m dé phuong trinh f(cosz) = m cé nghiém z € 575

A. 10.

B. 6.

C. 2

D. 5.
Cho ham s6 y = f(z) xac dinh trén R va c¢d d6 thi nhu hinh bén. C6 bao nhiéu gia tri nguyén

. 4sinz —1
cua tham s8 m d€ phuong trinh 3f [%] = m cbd nghiém ? YA

A. 2.

Y=

B. 3. 1 O 1

C. 4
D. 5.

Cho ham s6 y = f(z) xac dinh trén R va cd d6 thi nhw hinh bén. C6 bao nhiéu gié tri nguyén

cua tham s6 m dé€ phuong trinh f [4(81114 T + cos' x)} = m cd nghiém ?
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46.29. Choham sd y = f(z) lién tuc trén R va c6 d6 thi nhu hinh vé. Cé bao nhiéu gia tri nguyén ctia

m d€ phuong trinh f(f(sinz)) = m c6 nghiém thudc khoang (0;7) ?
A. 1.
B. 2.

Ay

-13

¢ |

D. 4.

46.30.

-1 O
—1F

Cho ham s6 y = f(z) xac dinh, lién tuc trén R va c6 d6 thi nhu hinh vé. Tap hop tat ca cac gia

tri cia tham s& m d€ phuong trinh f(z* + 2z — 2) = 3m + 1 ¢6 nghiém thudc doan [0;1] 1a

A. [0;4].
B. [-10).

C. [0;1].

46.31.
s6 m dé phuwong trinh f(vV4x — 2* —1) = m c6 nghiém la

—_—
[
o b------
(==}
.

Choham s y = f(z) lién tuc trén R va c¢6 d6 thi nhu hinh vé. Tap hop cdc gia tri thueec ctia tham

iy /
X

A. [-2;0].
B. [—4;-2].
C. [-4;0].
D. [-11].

46.32. Cho ham s6 y = f(z) xac'dinh, lién tuc trén R va c6 do thi nhw hinh vé.

nguyén cua m dé€ phuong trinh f(2 — V22 — 2°) = m c6 nghiém.

A. 6.

B. 7.

C. 3.

D. 2.

46.33.
dé phuwong trinh 2f(3 — 4v6z — 92 ) = m — 3 6 nghiém ?

A. 13.

B. 12.

Co bao nhiéu gia tri

\Q

(O [
=

|O 1
-71-1

Choham s y = f(z) xac dinh trén R va ¢ d6 thi nhu hinh. Cé bao nhiéu gia tri nguyén cua m

C. 8.

D. 10.
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46.34. Choham sd y = f(z) lién tuc trén R va c6 d6 thi nhu hinh vé. Cé bao nhiéu gia tri nguyén ctia
37

——=

?

m dé phuong trinh f(z* — 2z) = m cé dting 4 nghiém thyc phan biét thudc doan

A. 1.

B. 2.

C. 3.

LT
e

Gol--—— - =
S

D. 4. 1 :
46.35. Cho ham s6 y = f(z) lién tuc trén R c6 d6 thi nhu hinh. C6 bao nhiéu gia tri nguyén ctia tham

s6 m dé€ phuong trinh f (f(x) + m) +1= f(z) +m c6 dung 3 nghiém phan biét trén [—1;1].

A 1. *

B. 2.

C. 3.

D. 4.

46.36. Cho ham s0 y = f(z) lién tuc trén R va c¢6 d6 thi nhu hinh vé dudi day. SO gia tri nguyén

2
m- —

ctua tham s6 m d€ phuong trinh f(e”) = c6 hai nghiém thuc phan biét la

A. 4.
B. 5.
C. 6.
D. 7.
46.37. Chohamsd y = f(z) lién tuc trén R va c¢6 d6 thi nhw hinh vé duwdi day. C6 bao nhiéu gia tri

2 7 - A A~ A 1
nguyén cua m dé f(2log, z) = m cé nghiém duy nhat trén 5;2 .

A. 4.

B. 5.

C. 6.

D. 9.
46.38. Cho ham s6 y = f(x) c6 d6 thi nhu hinh vé. Hoi c6 tat ca bao nhiéu sd nguyén duwong m < 100

phuong trinh f(2*) = m® — 2020 c6 dung hai nghiém phan biét. [

A. 55.

B. 56.

C. 54

D. 99.

“Thanh cdng la néi khéng véi luoi bieéng !” Trang - 135 -



Phit trién dé tham khao thpt quée gia ndm 2020 ldin 2 Biéen soqn: Ths. Lé Odn Poan - 0933.755.607 - 0929.031.789

46.39. Cho ham s6 y = f(z) c6 d6 thi nhu hinh bén dudi. Cé bao nhiéu sd nguyén ctia tham s6 m dé

i1

5 + z = m cb nghiém thudc doan [—2;2].

phuong trinh % f

A. 8.

B. 9.

C. 10.
D. 11.

46.40. Choham s y = f(z) lién tyc trén R va c¢é d6 thi nhw hinh vé. C6 bao nhiéu gia tri nguyén cta
m d€ phuong trinh f(z) = f(m) c6 dung hai nghiém phan biét ? y

A. 4.
B. 1.

C. 2

D. 3.

46.41. Chohamsd y = f(z) lién tuc trén R va cd d6 thi nhu hinh vé. Tim tat ca cac gid tri nguyén cua
m dé€ phwong trinh f(1+ sinz) = f(m) c6 nghiém. k

A. m e {-10;1;2}.

B. m €{0;1;2}.

C. me @.

D. m e {1;2}.

46.42. Phuong trinh log)(z —1) =27y’ =8’ 41—z c6 bao nhiéu cdp nghiém nguyén (z;y) voi

T E [81992'82020] ?
A. 26.
B. 28.
C. 24.
D. 30.

46.43. Cho phuong trinh log?(3z) — (m + 2)log, # +m —5 = 0 (m la tham s& thuc). Tim tap hop tat ca

cac gia tri cia m d€ phuong trinh da cho c6 hai nghiém phan biét thudc doan [1;9].
A. (2;4).

B. [2;4].

C. (4;+00).

D. [2;4).
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46.44.

46.45.

46.46.

46.47.

Choham s8 f(z) c6 daoham trén R, 6 thiham s y = f'(z) nhuw trong hinh vé bén. Héi phirong
trinh f(z) = 0 c6 tat ca bao nhiéu nghiém biét f(a) > 0.

A. 3. y ()
52 N\
C. 1. o & N\J°¢ =

D. 0.

Cho y = f(z) c6 &0 thi ctia y = f'(z) nhw hinh vé bén duéi. Dét g(z) = f(2*). Ménh dé nao dudi
day ding?

A 9(0) < o)) < 6(-1).
o(-1) < 9(0) < (1), i
o) < g(~1) < g(0). / |

D. g(~1) < (1) < 4(0).

Cho ham s6 f(z) lién tuc trén R va c6 d6 thi ham sd f/(x) nhu hinh vé bén dwdi. Dat

g(z) = f(z)+ %xQ — 3. Diéu kién d€ phuong trinh g(z)= 0 c6 4 nghiém phan biét la

g(0) >0 )
A. {g(—Q) <0 y=f(z) ¥
9(0) <0 : "
B. 9(—2)>0 It
c {9(0) <0 __,
9(1)>0
9(1) <0
b {g(—2) >0

Cho ham s& f(z) lién tuc trén R va c6 d6 thi ham s6 f'(r) nhu hinh vé bén duwdi. Dat

o(z) = f(z) - %:ﬁ + 2 + 1 Didu kién d& g(z) = 0 c6 4 nghiém phan biét Ia

S i
i
< | *
o 1 o
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46.48.

46.49.

46.50.

46.51.

46.52.

Cho phuong trinh log?(2z) — (m + 2)log, z +m —2 = 0 (m tham s6). Tap hop céc gid tri ctia m
dé€ phuong trinh ¢6 hai nghiém phan biét thudc doan [1;2].

A. (1;2).

B. [1;2].

C. [1;2).

D. [2;400).

C6 bao nhiéu gid tri nguyén ctia m d€ phuong trinh log, 2” — log, (3z — 1) = —log, m cé nghiém
A. 2.

B. 3.

C. [1;2).

D. [2;+00).

Cho phuong trinh 2log? = + (3 — 2m)log,(4z) — 8 +5m = 0 (v6i m la tham s8). Tap hop tat ca
cac gia tri cua m dé€ phuwong trinh da cho ¢é 2 nghiém phan biét thudc doan [\/5 ;2] 1a

A. [g;i’)]-
2

B. §;3k
2

1
i

5.3/,
2

3;+00).
Gia tri thye ctia tham s6 m d€ phuwong trinh 9" —2(2m + 1).3" + 3(4m —1) = 0 c6 hai nghiém
thuc 7, 7, théa man (z, +2)(z, +2) = 12 thudc khoang nao sau day ?

A. (3;9).
B. (9;+00).
: [

Cho phuong trinh 3% %" 4.9 = 37~ | 3721t (¢ bao nhiéu gi4 trj nguyén cta tham s&
€ [-2018;2018] dé phuong trinh da cho c6 4 nghiém phan biét ?

»-lklb—t

[\')|H

A. 2018.
B. 2019.
C. 2020.

D. 2021.
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Ciu 47. Xét cac sd thycduwong a, b, z, y thoaman a >1, b >1va a” = b’ = +ab. Gia tri nhd nhat
cua biéu thic P = x + 2y thudc tap hop nao dudi day ?

A. (1;2). B.

2;2]- C. [3:4). D.

Loi gidai tham khao
Theo dé thi a, b >1=log b >0 va log, a > 0.

1 1
Tacd o' =b =+ab < o* =0 =ab = 2z =log,(ab) =1+log b=z = §+§logab.
2y = log,(ab) = log, a +1
§;3].
2

Khid(’):P:x—i—Qy:g-i—

Cauchy
3 1 3

> —42.]=log b.log. a =—++2 €
2 V2 Ba 0708y 2

%loga b+ log, a

Chon dap an D.

1) Cho z, y la cac sd thuc thoa man log, (z + y) +log, (z —y) > 1. Tim gid tri nho nhét cua 2z — y.

Loi giai tham khao

biéu kién: x +y >0, z —y > 0.

Taco: log,(z+y) +log(z—y) 21 log (z+y)(z—y) 21e (+y.(z—y) =4 (%)
Suy ludn. Dé yéu ciu tim min cia tong 2z + (—y), ma tiv dé cé dang tich (x), nén nghi dén viéc str dung bat
dang thiec trung binh cong — trung binh nhin (AM .~ GM : Cauchy) bing cich str dung dong nhat:

a+b=2 1 B
@a:—,bZEUacolozgmz:

2x—y:a.(x-l—y)-l—b.(x—y):(a+b).x+(a—b).y:>{a_b:_1 5

Cauchy
Taco: 2z —y = %(17—{-1/) —}—g(x—y) > 2\/%%(17 +y).(z —y) > 2\/2-4 = 2v3.
[y —

Suy ra min(2z —y) = 2\/5.
2) bat m = loga(%) voia, b>1va P = logz b +16log, a. Tim m d€ P dat gia tri nho nhat ?
Loi gidi tham khéo
Via>1 b>1=log b>0 valog, a>0.

1
Ta c6: m = log, (Yab) = log (ab)? = éloga(ab) — %(loga o+ log b) = %(1 + log, b).

Cauchy
Khi d6: P = (log b)* + 16 _ (log b)* + 8 + 8 > 3.3/(log b) - 8.8 _ 12.
¢ log, b ¢ log b log b ¢ log b log b

Suy ra min P =12 khi (log, b)* = & log b=2=m= %(l +log b) =1.

log b
3) Xét cac s thuc duong z, y, z thay d6i sao cho ton tai cac sO thuc a, b, ¢ >1 va thoa man
i1z M e g 16 16
a’ =b" = ¢ = Vabe. Tim gia tri 16n nhat cua biéu thic P = — + — — T2
Yy oz
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Loi giai tham khao

22 = log (abc) >0
Tu dé bai co: a” =b" = ¢ =Vabe & a* =b* = ¢ = abe = {2y = log, (abc) > 0

2z = log (abc) >0

x:llog (abc) lelogb a
2 a x abc
& yzllogb(abc)@) 1:210gb b:l+l+l:2<:)l+l:2—l@§+§=32—§-
2 Y e x Yy 2z Yy oz x Y z x
1
z:—logc(abc) l:zlog c
| 2 |z abe
Cauchy
Khido P—32— 20 ;2 —3p (8,8 < 32—313/§-§-x2:2O.SuyramaXP:20.
x T x T x

4) Cho z, y > 0 théa Inz + Iny > In(z> + ). Gia tri nho nhat cta z + y bang bao nhiéu ?
Loi giai tham khao
Tacd: Inz +Iny > In(z° +y) © In(zy) > In(z> +y) @ wy > 2> +y & ylz — 1) > 2° (%)

2
Viz>0, y>0nén («x) xdyrakhiz—1>0<2>1. Véiz—1>0=y > ——.

z—1

2
T

Cauchy

Khidé: z+y>2+ +3 > 2\/§+3.Suyramin(:c+y):2\/§+3.

1:2(13—1)—1-

T — z—1

2 2
. 4
5) Cho z, y > 0 thoa log(z + 2y) = logz + log y. Tim gia tri nho nhat cua P = ° 4F d

142y 142
Loi giai tham khao
Ta c6: log(z + 2y) = logx + logy < log(z +2y) = log(zy)
Cauchy 2
S +2y = xy:%.x.(Qy) < (z +82y) w220 x4 2y > 8. Khi dé:
2 2 Cauchy-Schwarz 2
_ T +(2y) S (x4 2y) :x+2y—|—2+ 4 +%(x+2y+2)—4
142y 142 (z+2y)+2 25 T+2y+2| 25
Cauchy
> é%—%-10—4:§- Do do miang-
5 25 5 5

, \ NV —1
6) Xét cac soO thuc a,b thoa % <b < a <1. Tim gia tri nho nhat cia P = log, [3b ] 1210g2b a—3.

a

Loi giai tham khao

+12log’ a — 3 = log -1, 12 ——3.
- 4 (log, b—1)

3b—1

Tacéd: P = loga[

My 321 <V e 30—-1<4b’ & (b+1)(20 —1)* > 0: ludn dung véi b >% (xem Igi pp S.0.S).
LR —

Suy ra: 3b_1§b3 it log L > log b’

Do do: PZBlogab—I—LQ—3:3(logab—1)—|—L2
(log, b—1) (log, b—1)

Cauchy
zﬁ(log b—1)+§(log b—1)+L > 3.,3f§~§~12:9. Vay min P = 9.
2 2 (log, b —1)° 2 2
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7) Cho z, y > 0 thoa xy§4y—1.Timgiétrinhénhé’tcﬁapz6(2$+y)+lnx+2y-
z Y
Loi giai tham khdo
2
Tacé:xy§4y—1M>£§—%+£:4—[l—2 <4=0<Z<a.
Y Y Y Y Y
6(2 2
Khids: P=O2 0 L T8 o 6 L 1nlT o paee— 2 e (04,
Z ) z ) Y
SuyraP:f(t):12+g+ln(t+2) cc')f’(t):—%%—H—%:O@t:?)i\/ig(o;él].

Lap bang bién thién, suy ra min P = min f(t) = f(4) = % + In 6.

8) Cho a, b> 0 thoaman b* = 3ab + 4a’ va a € [4;2"]. Tim gia tri lon nhat va gia tri nho nhat cta

b
biéu thirc P = log, 4a + %k,gZ L.

8

Loi giai tham khao
2
Ta c6 b® = 3ab + 4a® (ding cap) «— 2P0 1 — 3 % +4% @%:i (do:ab>0)< b=4da
log, 4 1 2 3l
DOdCl):leOg 4a’+§10g20/: Ogg a/‘f’élOgQa: Og20/+ Ogga.
3 4 a 4 log,a —1 4
log, —
2
y . 22 e r+2 3
Dat log,a =z vado a € [4;2”] = z €(2;32]. Khido P = N +Zx=f(x), V€ [2;32].
'I'_
gl -3 3
Ta cé: f'(z) = ~+—=0&0=3¢€(232]
(z—1)° 4
11 19 778 778 19
Tinh f(2)=—, f(3)=—;f(32) = —"- Suyra maxP = — vaminP = —-
=1 5 =252 = T suy = -

9) Cho hai s8 thirc duwong a > 1, b > 1 va biét phwong trinh a” .b*"" = 1 ¢6 nghiém thyc. Tim gi4 trj

nho nhat cua biéu thiic P = log (ab) + .
¢ log b

Loi giai tham khao

Tacé:a>1, b>1=log b>0.

Lay 16ga co s6 a > 1 hai v€ ctia phuong trinh b =1e loga(a‘”2 b =log 1

& log, a’ + log b =0 < z° + (log, b).z + log b = 0.

Theo dé, phuong trinh cé nghiém = A = (log, b} —4 log b >0 b >0 log b>4.

log b
Khi d6: P = log (ab) + 4 =1+1log b+ 1| + 4 +§logb+1
¢ log b ¢ log b 4 log b] 4 ™
Cauchy
> 2—1—%-44—1 = 6. Vay gia tri nho nhat cia P bang 6. Dau"="<log b=4 b= a’.
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St dung {(u) = {(v) hode {(u) > {(v) hode {(u) < {(v) khi hai gip hai ham khde logi

]erl

1 Xét z >0, y > 0 thoa log, [(x +D(y+1)] =9—(xr—1)(y+1). Tim gia tri nho nhat cta z + 2y.

Loi giai tham khao

y+1

Ta c6 log, [(x +1(y + 1)] =9—(z—-1)(y+1) < (y +1)log, [(1‘ +1)(y + 1)] +@-D+1)=9

%logg[(mle).(ijl)]%—x—l:L@10%3(1’+1)+37—1:%_bg:s(?ﬂ'l)

y+1 y
<:>log(a:+1)+x+1zi+log 9—log(y+1)zi+log L@f(x+1):fi~
’ y+1 ’ ’ y+1 Py+1 y+1
Xétham s6 f(t) = log,t +t, t € (0;400) cb f'(t) = tll +1>0, Vt > 0= f(t): dong bién.
n
9 9 8 —
Nénf(:z:+1):f—<:>:z:+1:—<:>:z::—y-
y+1 y+1 y+1
— Cauchy
Suyrax~|—2y:u+2y:2y—1+L:2(y+1)+L—3 > 6\/5—3.
y+1 y+1 y+1

Vay min(z +2y) = 6v2 — 3.
2) Cho =, y > 0 thoa 2zy + log,(zy + )" = 8. Tim gia tri nhé nhat ctia P = ° + .
Loi giai tham khao

Ta cé: 2zy + log,(vy + )" = 8 & 2xy + zlog,[z(y+1)] =8

‘ 1 4 1 4 1
— oy —F—[log2 z +log,(y + 1)] =—&y+=log(y+1)=——=log,z
2 T 2 r 2

1 4 1 1 1 4 1 4
& (y+1)+=log,(y+1)=—+=log, 4 ——log,z < (y +1) + =log,(y + 1) = — + =log, —
2 r 2 2 2 r 2 T
. 4 4
s fly+l) =fl-|——y+l=—y=—-—1
T T

s 2
T+ =+
T

Cauchy
214 > 313/3:2-3-3—1:334—1.
r X

4
Dodéd: P=2"+y=2"+——-1=
x

Vay gid tri nho nhét ctia P bing 344 — 1.
3) Cho z, y > 0 thoa o/ [10g2($2 +1) —log,(2 — v*) + 2“2] <2. Tim GTLN ctia P = ‘2(3: +y) — 1‘.

Loi giai tham khao
Ta c6: 2" [10g2($2 +1) —log, (2 — v*) + 2} <22 log (a8 +1)—log,(2 —y*) +2" <2V
2" +log, (" +1) <2 +log,[(1—y") +1] & f(z*) < f(1— ).

Do ham s& f(t) = 2' + log,(t + 1) luén dong bién véi t > 0 nén (x) & 2* <1—y° & 2° +y° <1.

Cauchy-Schwarz

P=Pz+y)-1|=P0z+1y)—1 <

21 + 1°)(z* + o) —1‘ < ‘2\/5 —1‘ =22 1.

Vay gia tri 16n nhat cta biéu thic thic P 1a 2 1.
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4) C6 bao nhiéu cap s6 nguyén (z;y) thoaman 0 <z <2020 va log,(4z+4)+z=y+1+2" ?

Loi giai tham khao

Tacod: log,(4r +4)+r =y +1+2" < log,4+log,(z+1)+ 2=y +1+2"

S @+1)+log,(z+1)=2"+1log,2' & flz+1)=f2")——z+1=2" & z=2" -1

0 <z <2020

0<2"—1<2020 & 2° <2 <2021 < 0 <y <log,2021 ~ 10,98
MayeZ =y €{0;1;2;3;4;5;6;7;8;9;10} = = € Z nén c6 10 cap nguyeén (z;y) thoa bai toan.

3332+3:1:+m+1_
2 —r+1

5) C6 bao nhiéu s6 nguyén m dé phuong trinh log, z° —5x +2—m c6 hai
nghiém phan biét 16n hon 1.

Loi giai tham khao

—log, 2 10 31;2 +3$+m +]_ -
 4x? -2+ 2

& log, (32" + 3z +m + 1) + (3z” + 3z + m + 1) = log,(42® — 2z + 2) + (42° — 2z + 2)

Phuong trinh da cho ¥ —5r+3—m

& fBr +3r+m+1) = f(42” —22+2)---- = 32" + 32 +m +1= 42" — 22 +2
S’ -5r-m+l=0&m=2"-52+1=g()c ¢ (z)=2x—-5=0< z=5/2.

—+00

Tt bang bién thién, phuong trinh ¢ hai nghiém phan biét 16n

+oc hon 1 khi —%<m<—3.

Do m € Z =m € {—5;—4}. C6 2 gia tri thoa bai toan.

2x2—x+m_

6) Cho phuong trinh log, a1 2* 4+ 2 + 4 — m. C6 bao nhiéu gid tri nguyén cta tham sd
T+
m € [—2018;2018] d€ phuwong trinh c6 hai nghiém trai dau ?
Loi giai tham khao
) 22" —z +m 1 o, . 20> —x+m
PT< log, ———=log,3=2"+2+3—melog, ———=2"+z+3-—m

' +1 3z° +3

& log,(22° — z +m) + (22° — z + m) = log,(3z° + 3) + (32” + 3)

S fR—z+m)=fB2*+3) =28 —z+m=3"+3 2" +z+3-m=0.
Phuong trinh ¢4 hai nghiém trdi ddu a.c <0< 1.(3—m) <0< m > 3.

Do m € [~2018;2018 = m € {4;5:6;...;2018} c6 w 4+ 1= 2015 gid tri nguyén m.
G 202 —
7) Tinh tong S cac nghiém nguyén dwong cua log, w +2° —92° — 8z +2<0.
T +4x +6

(z +1)(22° — 62 + 8)
(z+1)(2" + 4z +6)
& log, (22" — 42 +2x + 8) + (22° —42” +2x + 8) <log, (¢’ +52° +10x +6) + (2° + 52” 410z + 6)
Do ham dic trung f(t) = log,t + ¢t dong bién nén 2z° —42* + 22 + 8 <z’ + 52° + 102 + 6
S’ —92" -8 +2<0& -

B4t phuong trinh < log, +(z + 1)[(2x2 — 62 +8) — (z° + 4z + 6)} <0

“Thanh cdng la néi khéng véi luoi bieéng !” Trang - 143 -



Phit trién dé tham khao thpt quée gia ndm 2020 ldin 2 Biéen soqn: Ths. Lé Odn Poan - 0933.755.607 - 0929.031.789

47.1

47.2

47.3

47.4

47.5

PBai tap tuong e va mo réng

Xét cac sO thuc dwong a, b, z, y thbaman a>1, b>1vaa" =b" = alb. Gia tri nhé nhat cua
z + 2y bang

A. 4.

B. 2./5.
C. 243.
D. 3.2.

Xét cac s6 thuc duong z, y, z thay doi sao cho ton tai cac sO thuwc a, b, ¢ >1 va thoa man

a’ = b’ = ¢ = Vabe. Gia tri nho nhat ctia biéu thiic z + y + 22* bang

B.

C.
D.

—_ OOl\DIP—‘ =
w|\] =

Cho cac s6 thyee z, y thoa log,(z + y) + log,(z — y) > 1.-Gia tri nho nhat ctia (37 — 2y)\/g bang

A. Qe\/g.

B. 2e.

C. e\/g.
2

Cho z, y > 0 thdéa man logy > log(2 + zy). Gia tri nhd nhét cua 1 + y thudc khoang nao ?

x
A. (1;2).
B. [2:3).
C. 3;g]-
2
p. |1 6].
2

Xét cdc s6 thuc dwong z, y thoaman log ;= + log .y <log . (z + y*). Gié tri nhé nhat cua biéu
thitc P = 2 + 3y bang
A. 9.
B. 8.
4
17

D. —
2
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47.6

47.7

47.8

47.9

Cho z,y la cac s6 thie dwong thoa man log, = + log, ¥ > log, . (z° 4+ y). Gid tri nho nhat cua
biéu thiic T = 2z + y thudc khoang nao sau day ?

A. (7;8).
B. (6;7).
C. (5;6).
D. (89).
XétcacsOthuc z, y théa 0 <z <2, y >0 va logl(4 —2z) + 1ogl y + log, 9 < 0. Gia tri 16n nhat

2 2

cia P = 31— 32 y thudc khoang nao sau day ?

T
A. [—1;—1]-
8

5 | L. ]
8

C. [L2).

D. Z;EJ-
3

Xét a>1, b>1 vadit m=log, (Ya’h). Khi biéu thirc P = log’(ab) + 54log,, a + 2020 dat gia
tri nho nhat thi m thudc khoang nao sau day ?
A. (12).

. 3 2 2
Cho z, y > 0 théa man 4y” + zy < 6y — 1. Gia tri nho nhét cta P = (z +2y) +ln[ x+y]

T Yy
thudc khoang nao sau day ?
A. (1;3].

B. |—i—|
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47.10

47.11

47.12

47.13

4$2 y?

Cho z, y > 0 théa In(2z + y) = In(3z) + Iny. Gia tri nho nhét cua P =
14y 1422

thudc

khoang nao sau day ?
A. [0;§ .
2

=

N | o

0

(4;5]-

D. [5;E
2

1 b
Xét a, b> 0 théa man 2a” = ab + 3b°. Biét gia tri nho nhat caa P = log, (2a) +§10g3§ cd

9

. m B L S AU A . .
dang min P = — + V6 vei I 1a phan s t6i gian. Gia tri caa m + n thudc khoang nao ?
n n

A. (1:4].
B. (4;8].
C. (810].

D. (10;20).

Cho 0 < b < a < 1. Gia tri nh6 nhét ctia biéu thic P = log, + 8log? a — 1 bang

a

A(3b—1)
9

B. 332,
C. 8.

D. 7.

3

Cho a, b thbaman a > b > 4 va biéu thtec P = 161log —*
3 “112b — 16

+ 3log’ a ¢ gia tri nho nhat.
b
Khi d6 gia tri ctia a + b bang
7

A —.
2

B. 4

c U

>
D. 6.
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47.14 Cho hai s6 thyc a > 1, b > 1. Biét phwong trinh a”.b* ' =1 ¢6 hai nghiém phan biét r,, x,. Gia

47.15

47.16

4717

47.18

2
1;1 x?

tri nho nhat caa biéu thic P = — 4(z, + 7,) béng

z, + x,
A. 4.

B. 335

c. 3da.

D. 4.

Cho a, b, ¢ > 1. Biét rang biéu thicc P = log (bc) + log, (ac) + 4log (ab) dat gid tri nho nhat
bang m khi log, ¢ = n. Tinh gid tri m + n.

A. m+n=12.
B. m—l—n:§~
2
C. m+n=14.
D. m +n =10.
.7 . » A~ 2 . A7 ’ 1 1 M
Cho a > 1, b > 1. Gid tri nhé nhat ctia biéu thic S = + bang
log , a log%b

A L

9
B. 2.

4
c 2.

2
D. L.

4

Xét cac so thuc a, b thoa a > b > 1. Gia tri nho nhat cia P = logi (a®) + 3log, [%] bang

b

A. 19.
B. 13.
C. 14.
D. 15.
Cho 1> a > b > 0. Gié tri nho nhét cta biéu thitc P = log® b + log,, a* bang
A. 19.
B. 16.
C. 13.
D. 11.
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47.19

47.20

47.21

47.22

Cho hai s6 thuc a, b thdéa man logaZHb2+1 (20 — 8b) =1.Khi P = 4a + 6b — 5 dat gia tri 16n nhat

NI
thi gia tri cua 7 bang

A.

ot | oo

p. .
44

Choa>0, b>1 v‘a\/ggb<a. Giétrinhénhé’tcﬁaP:logaa—k?logﬁ

b

a \
—| ban
b] &

C. 5.

D. 4.

Cho a > l, b > 1. Khi biéu thie P =log, b+ log,(a* —9a” + 81) dat gia tri nho nhat thi tong
3 a

a +b bang

A. 3+9"

B. 9+2%

C. 2492,

D. 3+32.

4a +2b+5

Cho a, b > 0 thoa log, [
’ a+b

] = a + 3b — 4. Gia tri nho nhat cia a® + b° bang

A.

B.

Nl Njw oo
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2 2
47.23 Cho z, y > 0 thoa log T3y = a2y — 2 — 3y. Gia tri nho nhat cta P = ° + ] béng
xy 143y 1+z
A. 10.
B. /L.
7
c. 2.
7
p. 3.
7

\2y +1 o 1 .
4724 Cho z, y >0 la thoa man 2° + 2z —y+1= long—+- Gia tri nho nhat caa biéu thic

z+1
P =¢"" +42° — 2y +1 bang
IS
2
B. —1
c. L.
2
D. 1
47.25 Xét z, y > 0 thoa man 10g3%:3xy+z+3y—4. Gia tri nho nhat ctia = + y bang
T + 3xy
NEEEY
3
13 +4
B. —-
3
o W44
9
D, 4J§9—4.

47.26 Cho z, y > 0 théa man 2018%¢ ¥+ — QIE—-’_y? Gia tri nho nhat ctia 2y — 3z bang

(x+1)
A L
2
B L.
8
c. 3.
4
D 2.
6
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47.27

47.28

47.29

47.30

47.31

Cho z, y > 0 thoaman (zy —1).22"" = (z° + y).2° **. Gia tri nho nhat ctia y bang
A.

B.

~lo NYog)ew

p. N5y
3

2z +y

. Gid tri nho nhat ctia = + 4y bang
Ty —

Cho z, y > 0 théaman 37>V =

A. 443 +9.
B. 6+ 44/3.
C. 243 - 2.
D. 43 —6.

1—ay

= 3xy + x + 2y — 4. Gid'tri nhd nhat ctia = + vy béng
T+ 2y

Cho z, y > 0 thoa man log,
9v11 —19 ‘

9
011 +19

9

18v11 —29
21
2411 -3
—
Cho z, y € R théa man diéu kién 2°7.(3"" +1)=3z +3y +1. Gid tri nhd nhat cua
P=2+azy+y° béng

C.

D.

A. 0.
B. —2.
C. 2
D. 3.

22223

—log, 5

Cho céc s8 thie z, y théa man dang thixc 3‘ = 5" Gi4 tri nho nhat ctia bidu thike

P= 4‘y‘—‘y—l‘ + (y + 3)° bang
_8

4
B. 16.

A.

D. 8.
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47.32

47.33

47.34

47.35

47.36

Cho z, y €[1;2] va s6 thwc m thoa man z° + (9 — m)y® = 6xy. Tong gia tri 1on nhat va gia tri
nhé nhét ctia biéu thire P = log, =+ log, y* + log,(Vm + 1) bing

1
A. 0.

B. 2.

C. log, 7.

D. 2log, 3.

Cho day s6 (u,) thoa man u =u_ +6,Yn>2 va log,u, + log - m =11. Dat
Sn =wu, +u, +---+u . Tim s6 ty nhién n nho nhat thoa man Sn > 20172018.

A. 2587.

B. 2590.

C. 2593.

D. 2584.

Cho day s6 (u,) cés6hang dau u, = 1 thoa log’(5u,) +logi(7u,) =log 5+ logi 7 vau = Tu

n+1 n
v6éimoi n > 1. Gid tri nho nhat cia n d€ u, > 1111111 bang

A. 11.
B. 8.
C. 9

D. 10.

C6 bao nhiéu gia tri nguyén cta tham s6 m dé phuwong trinh \/ m+2ym+2sinz =sinz o
nghiém thuc ?

A. 0.

B. 1.

C. 2.

D. 3.

Hoi c6 bao nhiéu gia tri nguyén cua tham s6 thuc m nhd hon 10 sao cho phwong trinh
Vm ++m +e" = e" c6 nghiém thuc ?

A. 9.

B. 8.

C. 10.

D. 7.
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47.37

47.38

47.39

47.40

47.41

47.42

C6 bao nhiéu gia tri nguyén caa m dé %/ m + 3Ym + 3sinz = sinz cd nghiém ?
AT

B. 3
C. 5.
D. 2
Tim céc gia tri cua tham s6 m d€ phuong trinh In [m +In(m + x)] = z ¢d nhiéu nghiém nhat.
A. m>0.

B. m>1.

C. m<e

D. m > —1.

Tim gid tri 16n nhét cuia m d€ phuong trinh In[m + In(m + cos z)] = cosz ¢ nghiém thuc ?

e+1
2

B. e—1.

C. e

D. 1.

A.

Cho ham s8 f(z) = 2’ + z —2". C4 bao nhiéu gia tri nguyén cta tham s§ m d& phuwong trinh
f(f(z)) = = c6 nghiém trén [1;2].

A. 0.

B. 4.

C. 2

D. 3.

Cho ham s6 f(z) = 2* + 5z + log, m. C6 bao nhiéu gia tri nguyén ctia tham s& m dé phuong
trinh f(f(z)) = ¢ ¢6 nghiém khong bé hon —1.

A. 9.

B. 8.

C. 7

D. 16.

Cho ham s6 f(z) = €” + z —m® + m. C4 bao nhiéu gia tri nguyén ctia tham s6 m d€ phuong
trinh f(f(z) —m*) =  + m* c6 nghiém trén [0;In10].

A. 0.

B. 2.

C. 4.

D. V6 s0.
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47.43

47.44

47.45

47.46

47.47

47.48

Cho ham s8 f(z) = zy/2° + 1 — Inm. C4 bao nhiéu gi tri nguyén ctia tham s6 m d€ phuong
trinh f(f(z)) = ¢ c6 nghiém trén [—\/g; \/g]

A. 0.

B. 5.

C. Vo sd.

D. 3.

Cho ham s6 f(z) = e’ +z —m* + m. C6 bao nhiéu gia tri nguyén ctia tham sd m d€ phuong
trinh f(f(z) —m*) = x + m® ¢4 nghiém trén [0;1n10].

A. 0.

B. 2.

C. 4

D. V6 s6.

C6 bao nhiéu gia tri nguyén ctaa tham s6 thuc m d€ phuwong trinh f (3 f(z)+ m) =2 —m cob
nghiém z € [1;2], biét f(z) = 2° + 32° — 4m.

A. 16.

B. 15.

C. 17

D. 18.

Tim c4c gid tri thye cia m d€ phuong trinh 272793 4 (4% — 622 492 4+ m)2°? =2 +1 ¢
mot nghiém duy nhat.

A. m € (—ox4].

B. m € [8+00).

C. me (48).

D. m € (—o0;4) U (8 +00).

32 +3x+m+1

o n 22 =5z +2—m cob hai
T —x+

C6 bao nhiéu s6 nguyén m dé phuwong trinh log,

nghiém phan biét 16n hon 1.

A. 3.

B. Vo0 sd.

C. 2

D. 4.

C6 tat ca bao nhiéu gia tri nguyén cua tham s6 thuc m sao cho phuwong trinh
log,(m — x) +2m = 3" + 3z — 1 c6 nghiém thudc doan [0;2] ?

A. 9
B. 7.
C. 6
D. 5
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Ciu 48. Choham o f(z) = Tt T (m 1a tham s thuc). Goi S 1a tap hop tat ca cdc gid tri cia m sao
T+
cho max‘f +r[r%1n‘f ‘—2 SO phan t caa S la
051
A. 6. B. 2. C. 1. D. 4.

’2&1- .?.E% &l‘?

 Khi m =1 ham s6 1a ham hang f(z) =1 nén max f(z)= %11? f(z) =1 théanén nhan m = 1.

 Khi m = 1 ham s8 don diéu trén doan [0;1] nén:

+ Khi f(0); f(1) cung d&u thi H{%&}]X‘f ‘+mln‘f ‘ ‘ (O)‘+‘f(1)‘ = ‘m‘+ mAl
+ Khi f(0); f(1) trai dau thi r{(l)ll?‘f( ) =0, n}%x‘f ‘—max{‘f ‘ ‘ ‘} max{‘m‘ ‘ +1}
TH1. Cung ddu, tic f(0).f(1) >0 < m(m+1) >0 < m < —1 hodc m > 0.
=1
Do d wax| o)+ min 0] =2 & o + [P ~2 s |~ (ehoa m < —1 hoe m > 0)
| Y
TH2. Traidau f(0).f(1) <0< m(m+1) <0< —1<m <0,
‘m‘—2 m = +2
Do d6 r%%]x\f( \+mm\f |=2= ‘m_|_1 , & |[m =5 (khong thoa —1<m<0).
| 2 m=3

Két luan: C6 2 gia tri m thoa man bai toan. Chon dap an B.

Bai todn cluta tham 56 trong ham eu thé

1) Choham s y =z’ + (m’ + 1)z +m + 1. Tim tham s8 m sao cho I[Iéll]ny — 5,

Loi giai tham khao

Ta cé: y' = 32° + m® + 1> 0. Do &6 ham s6 da cho ludn dong bién [0;1].

:>I%%11?y—y(0)<:>5:m+1<:>m:4.

@ Cin nhd: Cho ham s6 y = f(z) xdc dinh va lién tuc trén doan [a;b].

miny = y(a) miny = y(b)
o y= f(zx) dong bien = { " . o y= f(z) nghich bién = { " .
n[}]e;]xy = y(b) n[ﬂe;]xy = y(a)
4 ~? \ ~ 1
2) Timthamsf)mdehamsoy:mx_i_ cO miny =m + 2.
T—m [-1;2]
Loi giai tham khao
2
N PN I - _1 A ~ A . [N A
Diéu kién: z = m. Taco: y' = (m—)? < 0, Vz = m = Ham s6 luén nghich bién trén [—1;2].
r—m
{nllg]ly—y(Q) m+2:2m+1 4—m’ =2m+1 m’ +2m—3=0
=i{rx=m < ilm < —1 M o llm<—1 Sim<—1 S m=-—3.
€[-12] m> 2 m>2 m>2
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N ~ A? \ ~ 'Z‘ 2 ~ .
3) Tim tham s0 m dé hamso y = g thoa man 1[1’21141](11/ = 3.
9p — 3

Loi giai tham khao

—1-m
(z + 1)

" PN 7 /
Diéu kién: x = 1. Tacd: y' =

« TH1. Né’uy':O<:>m:—1:>y:1:>r[1’2;i41]1y:1¢3:>loai.

« TH2. Néu y' > 0= m < —1 = Ham s6 dong bién trén doan [2;4].

:>r[1;£1]r1y:y(2)<:>3:m+2<:>m:1:khéngthéa.

« TH3. Néu ¢y’ < 0= m > —1= Ham s8 nghich bién trén doan [2;4].

:>I[12;izil]rly:y(4)<:>3:mTH<:)m:5:th()am>—1.

Két luan: m = 5 1a gia tri can tim.

2
; 4 . .
4) Tim tham s0 m sao cho y = mrta thoa man 2maxy — miny = 12.
g ar [1:3] [1:3]
Loi giai tham khao
2
—4
biéu kién: z = —1. Tacd y = mn —
(z+1)

« TH1. Néum’ -4 =0« m=+2 thi y =4 = miny = maxy = 4 : khong thoa.

[1;3] [1;3]

Do d6 m = 2 khong thoa man.

m >-2
« TH2. Neum’ —4>0% 5 thi ham s dong bién trén [1;3].

m< —
14 14 N
= rfllgly =y(ly= n 2+ va max y = y(3) = 3mT+ Khi d6 theo d¢, ta cé:

2 2
Qmaxy—miny:12<:)2.3m td_m +4:12<:)m2:12<:)m::|:2\/§:nhén.

(1;3] [1:3]

« TH3. Néu m’ -4<0< -2 <m<2 thi ham s& nghich bién trén [1;3].

. 3m2 +4 m? +4
= miny = y(3) = —— va maxy = y(1) =
niny = y(3) 1 nax y = y(1)

- Khi d6 theo dé, ta co:

9 2
+4 3m +4:12<:>m2:36<:>m::|:6:10ai.

. m
2%3?xy—rﬁgly =12 & 2.

Két luan: m = :|:2\/§.

Bai todn max — min khi dé cho dé thi hode bang biéu thién

1) Cho ham s6 y = f(z) c6 d0 thi trén [—2;3] nhu hinh vé. Goi M, m la gia tri 16n nhat va gia tri
nho nhat ctia ham s8 y = f(3sin’ z 4 2). Tdng M + m bang bao nhiéu ?
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Loi giai tham khao y

Dat t =3sin®z +2. Véitelt st |
Tacod: 0<sin®z<1<0<3sin®z<3 y=f(x
&2<3sin"r+2<5&2<t<5 Suyrate€[25]
Khi d6 y = f(3sin® z + 2) = f(t) vdi t € [2;5].
M:mz}]xyz5khit:3

Dua vao db thi = 125 . Suy ra: M =T.
ra va 1 m:I[r21‘ir€1y22khit:5 uy ra +m

2) Choham s6 f(z) lién tuc trén R va c¢6 d6 thi f/(z) nhw hinh vé. Dit g(z) = 2f(z) — (z —1)°. Khi
d6 gid tri nho nhat ctia ham s8 y = g(z) trén doan [—3;3] bang

Ay
A. ¢(0)
A
B. ¢(1).
9(1) Hinh veé thém -
C. g(-3) khi gidi '
D. ¢(3)
Loi gidi tham khao
Ta cé: ¢'(z) = ) =2[f(x)— (z — 1) v -3 ! 3
v 43 g'(z) - 0 —
Suyrag'()—O@f()—x—l@x_ . g(1)
= 9(x) / \ .

Tt bang bién thién = min g(z) € {g(—S); g(S)}. 9(=3) J

(—3;3]

Hinh v§, ta co: S, > S, < 25, > 25, & Qj[f'(a:) —(z— 1)]dac > 2][(3: —1)— f'(:z;)] dz

& f 9'(zx)dz > f —g'(z)dz < g(1) — g(=3) > g(1) — g(3) & g(—3) < ¢(3) = min g(z) = g(—3).

(—3;3]

Gid tef l6n nhdt va nhé nhdt caa ham td tuyét doi

Tim tat ca cac gia tri thuc ctia tham s6 thuc m sao cho gia tri I6n nhat cia ham s6 y = ‘x3 -3z + m‘
trén doan [0;3] bang 16.
Loi giai tham khéo
Xétham s8 f(z) = 2° =3z +m 6 f'(z) =32 =3 =04 2=1€0;3] hodic 2 = —1 ¢ [0;3].
Tinh f(0) =m, f(1) =m —2, f(3) = m + 18. Tkt d6 c6 bang bién thién nhu sau:

Suy ra: maxy = m(.)agix‘f ‘— max{‘m 2‘ ‘m—|—18‘}— 16 - (]} N
Im —2| =16 m—2=+16 me
m+18 < 16 {—16<m+18<16(:)m:_14 N /
o |l o m—2
m + 18] = 16 {m+18=i16 _
) S m=-2
m 2| <16 —16<m—-2<16
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48.1. Tim tham s0 m dé€hamso y = Zbi_ml dat gia tri 16n nhat bf“ang % trén doan [0;2].
A, m=-1. B. m=1.
C. m=-3. D. m = 3.

48.2. Tim tham s6 thuc m d€ham s6 f(x) = TZ:U +m5 dat gia tri nho nhat trén doan [0;1] bang —7.
A, m=2. B. m =0.
C. m=1 D. m =5.

48.3. Tim cac gid tri ctia m d€ gid tri nhé nhat ctia ham s8 y = —2° — 32° 4+ m trén [—1;1] bang 0.
A. m=4. B. m =2.
C. m=6. D. m =0.

48.4. Chohams6 y = z* + 3m’z + 6. Tim tt ca cac gid tri thyc ctia tham s8 m sao cho gia tri 1én nhat

ctia ham s& trén doan [0;3] bang 42.

A, m=-1. B. m=1.
C. m==+l. D. me{-21}.
48.5. Chohamsd y = —z’ +ma® — (m® +m + 1)z. Tim tat ca cac gia tri thyc ctia tham s6 m sao cho

gia tri nho nhat ctia ham s6 trén doan [—1;1] bang —6.
A, m =2 B. m = +£2.
C. m = 6. D. m=-1++5

48.6. Tim tat ca cac gia tri ctia tham s& thiee m d€ gid tri nhd nhat ctia ham s8 y = 2° — 3ma® + 6 trén
doan [0;3] bang 2.

A. m=2.

_ 31
27

B. m

C. m>§-
2

D. m=1.

L —:_T (m la tham sd thyc) thoa man r[r1112]n y = 2. Ménh dé nao dung ?
'I‘ N

48.7. Chohamsd y =
A. m<1.
B. 1<m<2.
C. 2<m<3.
D. m > 3.

48.8. Chohamsd y = rrm

N (mla tham s thuc) thoa man max y = 3. Ménh dé nao duang ?
r— 2
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48.10.

48.11.

48.12.

48.13.

A. m<—1.
B. 3<m <A4.
C.1<m<3.

D. m > 4.

x+m2

r+4

max y = 4. SO phan te cua S la
—2:(

Cho ham s6 y = (m la tham s& thuc). Goi S 1a tap hop cac gia tri m thdéa man

A. 0.
B. 1.
C. 2.
D. Vo6 s6.
2z —

Cho ham s6 y =

(m la tham s6 thuc). Goi S 1a tap hop tat ca cac gia tri m thoa man

max y +miny = 8. S6 phan ti cua S 1a

[2:4] (2:4]

A. 0.

B. 1.

C. 2

D. V6 s6.

o mlz+4 \ N G e T . 7

Cho ham s6 y = 2l (m la tham s6 thuc). Goi S la tap hop tat ca cac sd nguyén m thoa
T

man 2 max y — n[cllé]ny =12. S6 phan ti ctia S la

A. 0

B. 1.

D. 4.
m’y + 4

Cho ham s6 y = YT (m 1a tham s0 thuc). Goi S la tap hgp sO nguyén m théa man

T

31[(11{32]1xy — QI[ngly = 4. S6 phan tit ctia S la
i L

A. 0.

B. 3.

C. 4.

D. 5.

Cho ham s6 y = 2§ — ;n (m 1a tham s6 thuc). Goi S 1a tap hop tat ca cac s6 thuc m thoa man
2(max y)* — 3(miny)* = —3. S8 phan t&r cua S 1a

[-10] [-10]
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48.14.

48.15.

48.16.

48.17.

48.18.

A. 0.
B. 1.
C. 2.
D. 3.
Choham sd y = TS Am (m 1a tham s& thyc) thoa miny = —2. Ménh dé nao dang ?

Nz +3 -1 [1:6]

m < —3.
—3<m<2.
2<m<3.

SN = »

m > 1.

2
.~ m”tanzr +2 . . o N g o .
Chohamsé y = t——; voi m la tham s6 thuee. SO cac gid tri m thdéa man maxy = 3 la
anx + lo;gl

4

A. 0

D. 3

, Inx —2 . o . < en C g ,
Chohamso y = Ilw—_i_;n (m la tham s6 thue). Goi S 1a tap hop cac gia tri m thoa maxy = 1.
nx [1i?]

SO phan tit ctia S la
A. 0.

B. 1.

C. 2.

D. V6 s0.

Choham s8 y = f(z) xac dinh va lién tuc trén doan [—3;3]. Goi M, m lan luot 1a gia tri 16n nhat
va gia tri nho nhat cia ham s6 y = f(f(z)) trén doan [—1;0]. Gid tri ctia M — m bang

¥

A. 1. s /
B. 3 I: :“O l

C. 4

D. 6.
Cho ham s y = f(z) lién tuc trén doan [—1;3] va c6 d6 thi nhw hinh bén. Goi M va m Ian luot
la gia tri 1én nhat va nho nhat ctia ham s§ y = f(f(x)) trén doan [—1;0]. Gia tri M — m béang

A. 2.
B. 3.
C. 4.
D. 5.
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48.19.

48.20.

48.21.

48.22.

48.23.

Cho ham s y = f(z) xac dinh, lién tuc trén doan [—2;2] va c6 d6 thi la duong cong trong hinh
vé bén dudi. Goi M, m lan luot la gia tri 1on nhat va nho nhat cia ham s6 y = f(f(z)) trén doan
[~1;1]. Gia tri ctia M — m bang Ay

;i EoEeee
A. 2. |2 /
B. 4. _J o 13 p
C. 6. / T

D. 8.

Cho ham s6 y = f(z) xac dinh, lién tuc trén doan [—5;3] va cb d6 thi nhu hinh vé bén dwdi. Goi
M, m lan luot 14 gia tri 16n nhat va nho nhét cia ham s6 y = f(f(z)) trén doan [—4;0]. Gia tri
caa M +m béng

A. 3.

B. 7.

C. 4

D. 6.

1
Chohamss6 y = f(z) lién tuctrén R va c6 d6 thi nhw hinh. Goi M, m lan lugt la gia tri lc'yn&\é't
va gid tri nho nhat ctia ham s8 y = f(f(sinx)) trén.doan [0;7]. Gid tri cia M — m béang

: y
A. 1. N[3
L \1
B. 3. ! 1
72/710} | x
17
C. 4.
D. 2.

Choham 6 y = f(z) liéntuctrén R va c6 d6 thi nhw hinh. Goi M, m Ian lwgt la gia tri 16n nhat
va gid tri nho nhat caaham s8 y = f(f(log, #)) trén doan [2;4]. Gid tri cia M — m béng

A. 1.

B. 3.

C. 5.

D. &

Cho ham s8 y = f(z). Db thi y = f'(z) nhu hinh bén dwéi. Gid tri nhé nhat va gia tri 1on nhat
ctua ham s0 trén doan [0;3] lan luot 1a

7)., £(0).
B. f(2), f(0).
C. f1), £3). —
D. £(0), £(3).

y A
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48.24.

48.25.

48.26.

48.27.

48.28.

Cho y = f(z) ¢6 d6 thi ctia y = f'(x) nhu hinh vé duéi. Dit M = max f(z), m = mlg f(z). Gia

tri ctia biéu thitc P = M + m béng - | Z= ()
A. f(0)+ £(2). 4

B. f(5)+ f(=2).

C. f(5)+ f(6). 2 =Tol 1 /23 4 5\ Jo 7%
D. f(0) + f(=2). [ -2t

Cho ham s8 f(z) = ax* + bz® + c2® + dz + e, biét ham s8 y = f/(z) c6 d6 thi (C) nhu hinh vé

va dién tich ctia hinh phang giéi han béi (C) va truc hoanh bang 27. Goi M, m lan luot 1a gid

tri 16n nhat va gia tri nho nhat ctia ham s§ y = f(r) trén doan [—3;3]. Gid tri cia M — m bang
Y

A. 27.

B. 36. /\L/

C. 48. /,, ol 1 &
D. 75.

Cho ham s6 f(z) = 2’ + bz + cz® +da’ +ex véi b, ¢, d, e € R. Ham s8 y = f'(z) c6 do thi
nhu hinh vé. Goi M va m lan luot la gia tri 16n nhat va gia tri nho nhét cia ham s6 y = f(z)

trén doan [—1;3]. Gid trj ctia tong M + m bang Ay
A. 63.
B. 21.
196

C. —-

3 2 X
b, 212

3

Choham s6 y = f(z) xac dinh, lién tuc trén R va f(2) < 0. Him s6 y = f(z) c6 do6 thi nhw hinh
vé bén dudi. Goi M va m lan luot la gid tri Ion nhat va gia tri nho nhét ctia ham s8 g(x) = |f(x)|

trén trén doan [—1;3]. Gia tri cia M va m lan lwot la

A M= f(-1), m= f(3). g
B. M =|f(3), m=|f(-1) /
C. M =|f(-, m= s B T e
D. M =|f(-1), m=|fG3). / |

Cho ham s6 f(z) = ax® + bz’ + cz +d c6 d6 thi (C). Biét d6 thi (C) tiép xtc véi duong thang
y = 4 tai diém c6 hoanh d6 am va d6 thi cia ham s6 y = f/(z) nhu hinh vé bén duwéi. Gia tri 16n

nhdt cia ham s6 y = ‘f(x)‘ trén [0;3] bang “

o \ | ]

-1 0 i x
B. 60.
C. 22.
D. 3. -3
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48.29.

48.30.

48.31.

48.32.

48.33.

Cho ham s6 f(z) = 2 — 32°. Goi M, m Tan lwot la gia tri 16n nhat va gia tri nhé nhat ctia ham

s6 g(z) = ‘f(l + 2sinz) + 1‘. Gia tri ctia biéu thitc M + m bang

A. 3.
B. 1.
C. 2.
D. 4.

Goi S la tap hop tat ca cac gia tri thuc cua tham s6 m sao cho gia tri nho nhat cia ham sd

y =2’ — 32" + m‘ trén doan [1;3] bang 3. Tong tat ca cac phan tir ciia S bang

A. 3.

B. 2.

C. 4.

D. 7.

C6 bao nhiéu gia tri cia m dé€ gid tri 16n nhat ctia hams6 y = |-z + 827 + m‘ trén doan [—1;3]

bang 2018 ?
A. 0.
B. 2.
C. 4.
D. 6.

Goi S la tap hop tét ca cac gid tri ctia tham s6 thuc m sao cho gia tri 16n nhat cuia ham sd

y = [sin’ z — 2sinz + m| bang 1. S8 phan t&t ctia S 1a

A. 0.

B. 1.

C. 4.

D. 3.

Goi S la tap hop tat ca cac gia tri ctia tham s thwc m sao cho gid tri 16n nhdt cua ham s6
y = [In® z 4+ Inz + m| trén doan [1;¢] bang 2. S8 phan ti ctia S 1a

A. 1.

B. 2.

C. 4.

D. 6.
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48.34.

48.35.

48.36.

48.37.

Goi S la tap hop tat ca cac gia tri thuc cua tham s6 m sao cho gia tri 16n nhat caa ham sd

f(z) =

2
TAMEETY en doan [1;2] bang 2. Tdng tat ca cac phan ti cia S bang

r+1
A -4
3
B 13.
6
c. -1
6
D 1.
3

7 PN .7 . 2 A A e s <17 A~ 2 \ A 1 - 1 A
C6 bao nhiéu gia tri ctia tham s6 m dé gia tri 16n nhat ctia ham s6 y = a(m + e +1m % trén
T+

doan [—3;—2] bang %

Cho ham s6 f(z) = 22— m

5 (m la tham s6 thuc). Goi S 1a tap hop tat ca cac gia tri cia m sao
T+

cho rr[%%]x‘f(x)‘ + I{I&lQ?‘f(w)‘ = 4. S§ phan tt caa S la

r—m

Cho ham s6 f(z) = (m la tham sO thuee). Goi S 1a tap hop tat ca cac gia tri cia m nguyén

x J—
thudc [—10;10] sao cho r%&}f(‘f(iv)‘ + r[rél?‘f(m)‘ > 2. SO phan tit ctia S la
; 1
A. 18.
B. 8.
C. 10.

D. 19.
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48.38.

48.39.

48.40.

48.41.

48.42.

Cho ham s8 f(z) = z* — 3z” + m. Goi S 1a tap hop tt ca cc gid tri thuc cia tham s6 m sao cho
Hﬁ%]x‘f(:n)‘ = 21{11%?‘]”(:1:)‘ SO phan t ctia S la

A. 2.

B. 3.

C. 4.

D. 1.

Cho ham s6 f(z) = z* — 22 +m véi m 1a tham s8. Goi S 1a tap hop tat ca cac gia tri cia m
nguyén thudc doan [—10;10] sao cho II[%)%]X‘f(J})‘ < 3%121]1‘]0(3:)‘ SO phan tit ctia S la

A. 5.

B. 4.

C. 6.

D. 3.

Cho ham s8 f(z) = 2 + 32" —2m +1 (m 1a tham s6 thwec). Goi S 1a tap hop tat ca cac gid tri
cua m sao cho nﬁ%]x‘ f(:z;)‘ + r{llgl‘ f(a;)‘ > 10. SO cac gia tri nguyén cua S thudc doan [—30;30] la
A. 56.

B. 61.

C. 55.

D. 57.

Cho ham s8 f(z) = —2* + 2(m + 1)z —2m — 1. Goi S 1a tap hop tat ca cac gid tri ctia tham s& m

sao cho r%aqu‘f(x ‘ + mm‘f ‘ = 8. SO phan tix cta S la

z + mx +m

Cho ham s6
f( ) z+1

Soglatrlnguyencuamdemax‘f ‘—21[r1112n‘f ‘>Olé

A. 15.
B. 14.
C. 13.
D. 12.
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Cau 49. Cho hinh hop ABCD.A'B'C’'D’ c6 chiéu cao bang 8 va dién tich ddy bang 9. Goi M, N, P
va @ Ian luot 12 tam ctia cdc mat bén ABB’A’, BCC'B’, CDD'C’ va DAA'D’. Thé tich cta
khéi da dién 16i c6 cac dinh 1a cac diém A, B, C, D, M, N, P va @ bang

A. 27. B. 30. C. 18. D. 36.
Loi giai tham khao

Taco V, p vpon = 9-8=T72.
Goi I, J, K, L latrung diém cac canh AA’, BB', CC’, DD'. P
Suy ra VABCD.IJKL = 36. \
Do hinh chép AMIQ ddng dang véi hinh chép A.B’A' D’ o

1, 1 11.9 3
theo ti s6 5 nén VAAMQI = gvAB,A,D, = §§8§ = E

>pr

, 3
Do do VABCDAMNPQ = VABCDJJKL - 4VAAM]Q =36 — 4'5 = 30. / /
Chon dap an D. R

1. Cho hinh chép S.ABC c6 thé tich bang V. Goi G 1a trong tam tam giac SBC. Mt phang («)
di qua hai diém A, G va song song véi BC. Mit phang (a) cat cac canh SB, SC Tan luot tai
cac diém M va N. Thé tich khdi chép S.AMN béang

S
Az Vi MM | Bo = SM SN _5G _ 2
9 SB SC SE 3
B. L. Nen Ly _ SA SM SN _ 2 2 _ 4
2 V., SA SB SC 33 9
4V
c. ——. 4V
9 Suyra Vg = 9
D. v, Chon dap an D.
4
2. Cho hinh chép t& gidc S.ABCD c6 thé tich bang V. Ly diém A’ trén canh SA sao cho
SA = 3SA’. Mt phang qua A’ va song song véi day ctia hinh chép cat cac canh SB, SC, SD
lan lwot tai B', C', D'. Thé tich kh&i chép S.A’B'C'D’ bang
A % Ta co: Vsawe = SA” . SB' . sC’ — [1]3 _ L
s SA SB SC (3 27
v
B. —- V.. o / / /
a1 Tuong tu: 840 _SA 5D s¢ 1
e SA SD SC 21
v ADC
cC. — \
9 Ma Vg ipon = Vsawe T Vswen
Vv 1 1 V
D. 97 - E(VS.ABC s.acp) = EVS.ABCD ~ o7 Chon D.
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3. Chokh&ihop ABCD.A'B'C’'D’ cé thétich bang 2018. Goi M la trung diém ctia canh A B. Mt
phang (MB'D’) chia khéi chép ABCD.A' B'C'D’ thanh hai khéi da dién. Thé tich phan khdi da
dién chtta dinh 4 bang

Goi BMNAA'=E, ED'NAD = N.
Tacdé M trung diém AB = M trung diém EB’.
= N la trung diém ctua ED’ va AD.
V
Khi dé: —EAUY —

E.A'B'D'

EA EM EN 1
EA'" EB' ED 8

_Ty
8

EA'B'D" —

2=V

1
=V 5 AA'B'D

AMN.A'B'D’

o |

= 7V :%-ChondépénD.

— 54 VABCD.A'B'C'D!
24

PBai tap tuong e va mo réng
49.1 Cho hinh 1ap phuong ABCDA'B'C’'D’ c6 canh bang a. Goi M 1a trung diém ctia CD, N la
trung diém cua A’ D’. Thé tich ctia t& dién MNB'C’ bang

A L.
3
B. L
6
c “.
4
D, 20
5

=
Ne
N

Cho khoi tit dién déu ABCD céthétichla V. Goi M, N, P, @ lan luot la trung diém cua AC,
AD, BD, BC. Thé tich kh&i chép BMNPQ bang

NS
6
s V.
3
oV
4
D, VTﬁ

49.3 Cho hinh lang tru ABC.A'B'C’. Goi M, N, P Ian lwot 1a cdc diém thudc cdc canh AA’, BB’
CC' sao cho AM =2MA', NB' =2NB, PC = PC'. Goi V,, V, Ian luot 1a thé tich ctia hai khdi

V
da dién ABCMNP va A’ B'C'MNP. Tinh ti s6 71

2
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16)]

=)

14

A —L=2
v,

g L_1
v, 2
.

C. L=1
v,

D. J1_2
v, 3

Cho khéi chép S.ABCD c6 day 1a hinh binh hanh ABCD. Goi M, N, P, Q Tan luot la trong
tam cac tam giac SAB, SBC, SCD, SDA. Biét thé tich khdi chép S.MNPQ 1a V, khi d6 thé tich
ctia khéi chép S.ABCD bang

A 2TV
4
9 2

B. || V.
2

c .
4

D, 8V |
8

Cho hinh t& dién ABCD ¢6 AB =CD.=12, AD =10. Goi M, N lan lugt la trung diém cua
AB, CD. Biét rang MN vuong gécvdi AB va CD dong thoi MN = 8. Thé tich khéi t¢ dién
ABCD bang

A. 96+/3.

B. 96.

C. 96v2.

D. 192.

Cho khoi lang tru ABC.A’B'C’ c6 thé tich bang 1. Goi M, N Tan luot la trung diém ctia cac
doan thang AA’ va BB'. Puong thang CM cat duwong thang C'A’ tai P, duwong thang CN cat
duong thang C'B’ tai Q. Thé tich khdi da dién 16i A’ MPB'NQ bang

A 1.
B. L.
3
c. L.
2
p. 2.
3
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49.7

49.10

Cho khéi lang tru ABC.A'B'C’ c6 thé'tich bang 2. Goi M 1a trung diém ctia A4’ va N la diém
nam trén canh BB’ sao cho BN = 2B’N. Duong thang CM cat duong thang C’A’ tai P, duwong
thang CN cat duong thang C'B’ tai Q. Thé tich cua khdi da dién A’ MPB'NQ béng

A L.
9
B. 2.
9
c 2.
3
p. 3.
9

Cho hinh lang tru ABC.A'B'C" c6 thé tich béng V. Goi M la trung diém canh BB', &iém N
thudc canh CC’ sao cho CN = 2C’N. Thé tich kh&i chép A BCNM béng

AV R ?
12 R
c s
B. l \\\
18 \\ M
c. V.
18
D. K A’ N B/
3

Cho khi hop ABCD.A'B'C'D' c6 thé tich V. Diém E thoa AE = 3AB. ThE tich ctia khi da

dién gom cac diém chung ctia khoi hop va khéi chép E.ADD’ bang

AW
27
B V.
2 B M c
54 i \\\ [eld N
p. 2V
54 b

Cho khéi lap phwong ABCD.A’B'C'D’ canh a. Cac diém E, F Ian luot 1a trung diém ctia C'B’
va C'D'. Mit phang (AEF) cat khéi lap phuong da cho thanh hai phan, goi V, 1a thé tich khdi

Vi
chita di€ém A’ va V, 1a thé tich khdi chira diém C’. Khi d6 71 bang

2

A B

A7
B. 1.
8

c. —.
17
p. 7.
25
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49.11 Cho lang tru déu ABC.A'B'C" c6 &6 dai tat ca cac canh bang 3. Goi M, N la trung diém ctia
hai canh AB va AC. Thé tich caa khéi da dién AMNA'B'C’ béng

A 303
12
B. 213 ! Y ‘
5 > \
B\
o 633 N
16 \
e\ - —-ZFc
b 453 /
16 v

49.12 Cholang tru ABC.A'B'C’ c6 thé'tichbang 2. Goi M, N Ian luot 1a hai di€m nam trén hai canh
AA" va BB sao cho M la trung diém ctia AA’ va 3B'N = 2BB’. DPuong thang CM cat duong
thing A'C’ tai P va dudng thang CN cat duong thang B'C’ tai Q. Thé tich khdi da dién 16
A'MPB'NQ bang

C’

A 3.
18

B. 2.
9

c 2.
9

D. .
18

49.13 Cho khéi hop ABCD.A'B'C'D" c6 thé tich béng 2018. Goi M 1a trung diém ctua canh AB. Mat
phéng (MB /D/) chia khéi chop AB CDA’B'C'D’ thanh hai khéi da dién. Thé tich phéan khai da
dién chtta dinh A bang

A 5045

6

7063
6

10090

17

7063
12

D.

49.14 Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Goi M 1a trung diém caa BC, N thudc canh

CD thoa g_]l\; = % Mat phang (A’ MN) chia kh&i 1ap phuong thanh hai khéi, goi (H) 1a khdi

chita diém A. Thé tich cua khoi (H) bang
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53a” o
137
55a°
144
474’
154
D. 65a°
113
49.15 Cho hinh hop chit nhat ABCD.A'B'C'D’. Goi M, N, P Tan luot la trung diém cta BC,
C'D’, DD'. Biét thé tich ctua khéi hop chit nhat do bz?mg 226, thé tich ctia khoi da dién AMNP
bang
113
e
117
-
113
4 .
117 g N
3 s, M
49.16 Cho khéi ling tru ABC.A'B'C’ ¢6 goc gifra hai mat phing (ABB'A'Pva (ACC'A’) 12%60° va

Jia

A.

A.

C'

D.

AA = - Tinh V. e bi€t d(A', BBy =1 va d(4',CC") = 2. A -
A V13
6
g, V43
3
¢ a2
6

49.17 Cho khoi chép ti giac S.LABCD c6 thé tich V, ddy ABCD la moét hinh binh hanh. Goi
M, N, P, @ Tan luot la trung diém cac canh SB, BC, CD, DA. Tinh th€ tich khdi chop

M.CNQP theo V. s
A SV
8
B V.
4
c L.
16
V.
© 16
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49.18

49.19

49. 20

Cho khéi chép S.ABCD c6 day ABCD 1la hinh vuéng canh bang a, SA = 2a. Hai mat phang
(SAB) va (SAD) cling vudng goc v6i (ABCD). Mot mat phang (P) qua A va vuong goc SC,
citcaccanh SB, SC, SD Tanluottai B, C', D'. Goi V, va V, Ian luot la thé tich ctia khéi chép

|7
S.AB'C'D'" vakhéi da diéen ABCD.D'C'B’. Ti s6 71 bang

2

A S

15
B. 8.

7
c. 32,

13
D. L.

2

Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh va c6-thé tich V. Diém P la trung
diém cua SC, mot mat phéng qua AP cithai canh SD va SB'Tan luot tai M va N. Goi V, la

Vv
thé tich khoi chop S.AMPN. Gia tri 16n nhat cua 71 thuoc khoang

=

Cho khéi chép S.ABCD c6 day 1a hinh binh hanh thé tich bang 1. Goi M 1a diém d8i xting cta
C qua B, N la trung diém canh SC. Mit phang (MDN) chia kh&i chép S.ABCD thanh hai
khoi da dién, thé tich cua khoi da dién chita dinh S béng s

A 2.
6

|~

oo | ot
=

12
19
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49.21 Cho khdi chép S.ABCD c6 day 1a hinh binh hanh, thé tich bang 1. Goi M 1a trung diém canh
SA, cac diém E, F lan luot 1a diém d8i xting cia A qua B va D. Mat phang (MEF) cat cac
canh SB, SD lan lwot tai cac diém N, P. Thé tich ctua khoi da dién A BCDMNP béng

N

w |+~

B~ |~

E
49.22 Cho t dién ABCD, trén cac canh BC, BD, AC lan luot 1dy cac diém M, N, P sao cho
BC =3BM, 2BD = 3BN va AC =2AP. Mit phzfmg (MNP) chia khdi t dién ABCD thanh

Vo
hai phan c6 thé tichla V|, V. Tis6 71 bang

2

A 25,
19
B. 5.
19
c. b
19
p. 2.
13

49.23 Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi M, N, P, @ Tan luot la trong tam cta
cac tam gidc SAB, SBC, SCD, SDA. Goi O 1a diém bat ky trén mat phang ddy ABCD. Biét thé
tich khoi chép OMNPQ bang V. Tinh thé tich khoi chép S.ABCD. s

A Iy
8

5 2y
2

¢ ov
4

b. 2y
4
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Cau 50. Cobao nhiéu s6 nguyén z sao cho ton tai s6 thuc y thoa man log,(z + y) = log, (z° +y*) ?

A. 3. B. 2. C. 1. D. V6 s6.
Loi giai thaw khao
y r+y=3"
Dat log,(z +y) = log4(:zc2 +y)=t= LCQ =g
Ap dung bat dang thitc Cauchy Schwarz ax + by < \/(a2 +09)(2® +97) vaddu"="khi = = %, duoc:
a

2t
§2:>t§llog32.
2 5

3 =l ly <P+ 1)@ + o) =24 =9 <24' & |2

1
~log, 2
Dodéz’+y’ =4' =2°<4'<4” * ~1,80= —137<z<137T—=252 g€ {—1;0;1}. Thi lai:

L. y:3f t:O , L. y:3f_]_ t:O ,
e Voiz=0=7, .= (thoa). e Voiz=1= 1", . = (thoa).
y =4 y=1 v =4'"-1"|y=0
, y:?)t—’—]. t20 9 9 - logé\/g
e Véiz=—-1=1", . = . =z’ +9° > 5 mauthuan 2> +¢y> <4 * (loai)
y+1=4">1 y=34+1>2

Vay c6 hai gia tri « € {0;1}. Chon dap an D.

g1

0.1 C6bao nhiéu sd nguyén y dé ton tai s6 thuc ¢ thoa man log,(z + 2y) = log, (¢ + ¢*) ?

A. 3.
B. 2.
C. 1

D. V6 so.

g1
N

Cho z, y la cac s6 thuc théa man log, (27 + 2) + 2 — 3y = 8’. Biét 0 < z <2018, s6 cap (z;y)

nguyén thoa man dang thic la
A. 2.
B. 3.
C. 4.

D. 5.

g1
W

C6 bao nhiéu cdp sd nguyén (z;y) thoa man cac diéu kién 0 <z <2020, 1<y <2020 va
4" +log,(y + 3) = 16.2" + log,(2z +1) ?

A. 2019.

B. 2020.

C. 1010.

D. 1011.
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50.4 C6bao nhiéu cdp sd nguyén duong (z;y) thoa z < 2020 va z’ + z + log, z= 8y’ +2y+17?
Y

g1

g1

6]

=)}

3

[oo}

A. 1010.
B. 2020.
C. 2019.

D. 1011.

_ ¥y
21+ =z

=3(y—Nr+ 1)~y a2

C6 bao nhiéu cap s6 nguyén (z;y) thoa z < 2020 va log,

A. 1010.
B. 44.
C. 2020.

D. 1011.

Cho phuong trinh log, (22° — 4z + 4) = 2" 4 ¢* — 2> 2z — 1. Hoi ¢6 bao nhiéu cip s6 nguyén
duong (z;y) va 0 < z <100 théa man phuong trinh da cho ?

C6 bao nhiéu cap s6 nguyén (z;y) thoaman 0 <y < 2020 va 3" + 3z — 6 = 9y + log, T
A. 9.

B. 7.

C. 8.

D. 2019.

C6 bao nhiéu cap sd nguyén duong (z;y) thoaman 0 < z <2020 va (z +1).3" = y.27" ?
A. 2020.

B. 673.

C. 672.

D. 2019.
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50.9

Xét cac s6 thye duwong z, y thoaman 3(3' +y) =z + log% x — 3. Gia tri nho nhat ctia biéu thitc
Y — log, = béng

A —L.

16
B. —-

C. —-

D. ——.
16

Xét cac sd thuc dwong =, y théaman log, (42 +16) + 2z — 3y — 8’ = —2.Goi (2 ;y, ) lacap (z;y)

50.11

50.12

50.13

khi biéu thixc P = z° + 3z + 1 + 8’ dat gia tri nho nhat. Gid tri cua xs’ + 3y, béng

A. 9

B. 7

C. -7

D. —9.

Co6 bao nhiéu gia tri nguyén cta tham s6 thuc m d€ ton tai cdp sO (z;y) thoa man dong thoi

W — " =1 — 2 — 2y va logl(3z 4+ 2y—1)— (m 4+ 6)log,z +m* +9=0 7

A. 6.
B. 5.
C. 7
D. 8.
Goi S la tap hop tat ca cac gid tri thuc cua tham s8 m d€ ton tai duy nhat cap (z;y) thoa man

dong thoi cac diéu kién 10g1.2+yz+2 (4 +4y—4)=1vaz’ +y* +22 -2y +2—m = 0. Tdng cac
phan t cia S bang

A. 33.

B. 24.

C. 15.

D. 5.

Biét trong t4t ca cac cip (2;y) thoa man log,(z* + y* +2) = 2 + log,(z + y — 1) chi cé duy nhat

mot cap (7;y) thoa man 3z + 4y —m = 0. Téng cac gia tri ctia tham s§ m béang
A. 20.
B. 46.
C. 28.
D. 14.
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