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Thoi gian lam bai: 120 phut

PE CHINH THUC

Phan 1: Tric nghiém (2,0 diém)
Hay chon phwong an tra loi dung va viét chir cai dung trudc phwong an do vao bai lam
Cau 1. Tim tat c4 cac gia tri cia m d€ ham s6 y = (1 —m)x + m+ 1 dong bién trén R

A.m>1 B.m<1 C.m<-1 D.m>-1
CAu 2. Phuong trinh x> —2x —1=0 ¢6 2 nghiém x,; x,. Tinh x, +x,

AXx, +x,=2 B. x, +x, =1 C x +x,=-2 D. x, +x,=-1
Céu 3. Cho diém M(xy; yu) thudc dd thi ham s6 y = -3x” . Biét x,, = - 2. Tinh yy,

A yu=6 B.yy=-6 C.yu=-12 D.yu=12
Cau 4. H¢ phuong trinh {X Ty=2 c6 bao nhiéu nghiém ?

3x+y=1
A.0 B. 1 C.2 D. Vo sb

CAau 5. V&i cac s6 a, b thoa man a < 0, b < 0 thi biéu thitc a+/ab béng

A.—/a%b B.—/a’b C. Ja’ D. —Ja’b

Cau 6. Cho AABC vuodng tai A ¢6 AB =3cm, AC =4cm. Tinh d dai duong cao AH cia AABC

A.AH:%cm B. AHzgcm C. AH:%cm D. AHzgcm
Cau 7. Cho dudng tron (O; 2cm) va (O’; 3cm). biét OO’ = 6cm. S tiép tuyén chung ctia 2 duong tron 1a
Al B.2 C.3 D.4
Cau 8. Mdt qua bong hinh cau c6 duong kinh 4cm. Thé tich qua bong 1a
A. %n cm’ B. % cm’ C. %n cm’ D. % cm’

Phin 2: Tu luén (8,0 diém)
Cau 1. (1,5 dieém)

1) Rit gon bidu thire A =3-22 —\3+22

\/;+3-\/£_3+af9j.(\/5+3)=1 Voi a>0,a#9
Céu 2. (1,5 diém) Cho phuong trinh x> — (m—2)x-6=0 (1)  (véi m 13 tham sd)
1) Giai phuong trinh (1) voi m =0
2) Chimg minh ring v6i moi gia tri cia m phuong trinh ludn c6 2 nghiém phan biét

2) Chimg minh rang (

3) Goi xy, X, 14 2 nghiém ctia phuong trinh . Tim cac gia tri cia m dé X2 —x,X, +(m—-2)x, =16
PR {X2—Xy+y—7=0
Cau 3. (1,0 diém) Giai h¢ phuong trinh | |
X" +xy—-2y=4(x-1)

Céau 4. (2,5 diém) Qua diém A nam ngoai dudng tron (O) vé 2 tiép tuyén AB, AC cua dudng tron
(B, C 1a céc tiép diém. Goi E 1a trung diém cta doan AC, F 14 giao diém thi hai ctia EB véi (O)

1) Chtng minh tir giac ABOC 1a tir giac ndi tiép va ACEF «» ABEC

2) Goi K 1a giao diém thir hai ciia AF véi duong tron (O). Chirng minh BF.CK = BK.CF

3) Chung minh AE 1a tiép tuyén cta dudng tron ngoai tiép AABF
Cau 5. (1,5 diém) Xét cac sd x, v, z thay doi thoa man x° + y° + 2’ — 3xyz = 2.

Tim gi4 tri nho nhit cua biéu thic P = %(x +y+2) +4(x°+y +7° — Xy yz—7X)
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I/ Tric nghiém

Cau 1 2 3 4 5 6 7 8
Pap an B A C B D C D A
I/ Ty luan
Cau 1:

DA =v3-2v2 3+ 242 =v2-2+42.141-12-242.1+1
=JW2-1? -2+ =N2 -1 -2 +]

—2-1-2-1=22
2) Vo’ria>0,a¢9 Ta co:
(2 6 2(a-3)-(a+3)+6
VT_(\/§+3 \/_ 3 T 9) \/_+3 ( (\/_ 3 j(x/;+3)
_2a-6-+va-3+6_+a-3
Ja-3 a- 37V
(\/_ 3 \/_ 3 69]( a+3 =1Voé1a>0,a=9
+ a
Cau 2:

x=-1+7

x=-1-7

Vay khi m =0 phuong trinh c6 hai nghiém phan biét x =—-1+ J7 va x=-1-7
2/Tacd A=(m -2)°—4.1.(-6)=(m-2)"+24 >0 véi moi m.

Vay phuong trinh luén c¢6 hai nghiém phan biet véi moi m.

3) Phuong trinh luén c¢6 hai nghiém phan biet véi moi m.

X, +X,=m-2

1/ V&i m = 0 ta c6 phuong trinh: x> +2x— 6= 0 @{

Theo Vi-ét ta co:
XX, =—6

Taco:
X2 —X,X, +(m—2)x, =16
S X2 —xX, H(X, X)X, =16 & X2 —x X, + X +X,X, =16
(X, +X,) —2%,X, —16=0 <> (m—2)’ =2.(-6)-16=0
m-2=2 m=4
=

m-2=-2
Vay khi m = 0, m = 4 thi phwong trinh c6 2 nghiém phan biét théa man: x; —xx, +(m-2)x, =16
Cau 3:

{Xz—xy+y—7=0 (1)

< (m-2) =4<:{ =0

x> +xy—2y=4(x-1) 2)
Tacd: Q)& x> +xy—-2y—4x+4=0



& (X7 —4x+4)+xy-2y=0
& (x=2) +y(x-2)=0
S (x-2)(x-2+y)=0

{X—2:0 {x:2

< <

x—2+y=0 X=2-y

+ Thay x = 2 vao phuong trinh (1) ta dugc: 4 -2y +y-7=0 < y=-3

+ Thay x = 2 — y vao phuong trinh (10 ta duogc
2-y)-2-y)y+y-7=0

S4-4y+y -2y+y’ +y-7=0
& 2y* -5y-3=0

Phuong trinh 2y’ —5y—3=0 c6 A =(=5)> —4.2.(-3)=49>0, VA =7

5+7 5-7 1
Taco: y=——=3)y,=——=——=
M 4 Y2 4 )
+y=3=>x=2-3=-1
1 1 5
+ty=——=>Xx=2+—=—
2 2 2

Vay hé phuong trinh c6 nghiém (x; y) € {(—1; 3), (2; =3), (%, —%)}

Bai 4:

c
1) Chirng minh ti giac ABOC la tir giac ndi tiép va ACEF > ABEC
Co AB, AC 1a 4c tiép tuyén cua dudng tron (O) , B va C 14 4c tiép diém



AB 1 OB, AC 1 OC = ABO =90°, ACO =90
Tir gidc ABOC c6 ABO +ACO =90° +90° =180° nén tir gidc ABOC noi tiép dudng tron
+ Puong tron (O) co:
EBC la gdc ndi tiép chan cung CF
ECFla gdc tao bai tia tiép tuyén AC va ddy cung CF
— EBC = ECF (g6c ndi tiép va goc tao bai tia tiép tuyén va day cung cung chin cung CF)
Xét ACEF va ABEC co
BEC la gdc chung
EBC = ECF (chiing minh trén)
= ACEF «» ABEC (g . g)

2) Chirng minh BF.CK = BK.CF
Xét AABF va AAKB c6

BAK la goc chung
ABF = AKB (g6c noi tiép va goc tao bai tia tiép tuyén va ddy cung cing chin cung BF)

— AABF  AAKB (g. o) = oL = AF

BK AB
Chung minh tuong tu ta co6:

AACF «» AAKC (g. g) = CF ﬂ (2)

CK AC
Ma AB = AC (t/c 2 tiép tuyén cit nhau cua (O)) 3)

Tir (1), ) va 3) = = o0 = CF . BRCK = BK.CF
BK CK

3) Chitng minh AE la tiép tuyén ciia dwong tron ngoai tiép AABF
C6 AECF «» AEBC (Chung minh cau a)

L EC_EF ke —EBEF
EB EC
Ma EC = EA (gt) = EA* =EBEF = EA ]];:i

Xét ABEA «» AAEF co:

EA _EF

EB EA

AEB 1a gbc chung

= ABEA «» AAEF (c.g.c)

—=Bi=A ( hai gdc tuong ng)

Goi I 1a tAm duong tron ngoai tiép AABF. Ké IH L AF



AIFA can tai I (vi IA = IF cung la ban kinh cua (I) )

:>i1 :lP/‘I\A:lXF
2 2

Lai co: B = %XF (tinh chat goc noi tiép)

=1 =B

Ma B :Kl(chﬁ’ng minh trén) =T =A

Mat khéc T + TAH = 90° = IAE = A, + IAH = 90°
=AE.LTAmaAce ()

= AE 1a tiép tuyén ciia dwdng tron ngoai tiép AABF

Cau S:

Ta co:

X}+y +723-3xyz=(x+y)l-3xy(x-y)+ 27> -3xyz=2
S[(x+y)P+2°]-3xy(x+yt+z)=2
SX+ty+z)P-3zx+ty)(x+y+2z)-3xy(x—y-2z)=2

O (x+y+D[(x+y+2P-3zx+y) - 3xy] =2

S X +y+z)(x2+y?+ 2722+ 2xy +2xz + 2yz - 3xz - 3yz - 3xy) =2

SXxtytz)(xX2+y*+722-xy-xz-yz)=2
Datx+y+z=avab=x*+y*+72’2-xy-xz—yz=ab=2

P:%(x+y+z)2+4(x2+y2+z2—Xy—yz—zx)=%a2+4b

:%az+2b+2b > 3,3/%32.2b.2b =6

p ) Cla=2 |x+y+z=2 X +y+z=2
Dau “ = “ xay ra khi = &

b=1 X2 +y+722—-xy —xz —yz=1 X+ y + 2 - 3xyz = 2

Vay gia tri nho nhit cia P 12 6
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