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DE CHINH THUC

Cau | (2,0 diém)
1) Giai phuong trinh: X* —4x+3=0
2X+3y =38
2) Giai h¢ phuong trinh: y
X+3y=1
cau Il (1,5 diém)
Trong mit phiang toa do Oxy cho parabol (P) c6 phuong trinh y = —— va

duong thang (d) co phuong trinh y =x + m. o ‘
1) Tim toa d6 diém M thugc Parabol (P) biét diém M c6 tung do bang — 8.
2) Tim m d& duong thang (d) cat Parabol (P) tai hai di€ém phan biét A, B véi
33
A(X1; Y1), B(Xz;y2)saocho (X, +Y,)(X, +Y,)=—

=
Cau I (1,5 diém)

1) Rt gon biéu thire sau: A = 12 —75 + 37 + 44/3.
2) Cho biéu thirc: B = ( 1 + 1 j[\/—_lj (v6ix>0va x #1).

Yx+1 Ix-1 Vx

Rt gon B. Tim x 1a s6 nguyén duong khac 1 sao cho B> %

Cau 1V (4,0 diém) Cho duong tron (O). Tir mot diém M nam ngoai dudng tron (0), ke
hai tiép tuyén MA va MB cua duong tron (A, B la cac tiép dlem) K¢ duong kinh BE
ctia duong tron (0). Goi F 1a giao diém thir hai ctia duong thang ME va duong tron (O).
Puong thang AF cat MO tai diém N. Goi H 14 giao diém ciia MO va AB.

1) Chitng minh tir giac MAOB noi tiép duong tron.

2) Chimg minh duong thang AE song song véi duong thang MO

3) Chung minh: MN® = NF.NA.

4) Chiing minh: MN = NH.
cau V (1,0 diém)

Cho a, b, ¢ 1a cac sb thuc khong am théa man diéu kién: ab + bc + ca = 3 va
1 2 3

a>c.Tim GTNN cua biéu thirc P = -+ -+ -
@+1)° (b+1)° (c+1




Loi gidi va binh luin dé thi vao 16p 10 THPT tinh Ha Nam

CAu 1. 1) Giai phuong trinh x* —4x+3=0
2X+3y =8

2) Giai h¢ phuong trinh
X+3y=1

1) Tacé a+b+c=1+(-4)+3=0

Suy ra phuong trinh c6 hai nghiém la x, =1; x, =3.

2 Tac {2x+3y 8©{x:7 <:>{x:7
X+3y=1 y=1-7 y=-2

Vay hé phuong trinh c¢6 nghiém duy nhét 1a (x; y)=(7; - 2).

Binh lu@n. Nam nay cau giai phwong trinh, hé phwong trinh nam ¢ cdu I; CAu nay

thong thuong cac nam nam o vi tri cau II. Toi nghi ciing la cach dé hoc sinh trung
binh dé lam va dé dwoc diém tron ven phan nay.

2

Cau I1. Trong mit phang toa do Oxy, cho parabol (P): y = —— va dudng thang (d)

c6 phuong trinh y=x +m
1) Tim toa do diém M thudc Parabol (P) biét diém M co tung do bang — 8.
2) Tim m dé duong thang (d) cat Parabol (P) tai hai di€ém phan biét A, B

7. 33
voi A(x1; Y1), B(Xz;Y2) sa0 cho (%, +Y;)(X, +Y,) =

2
1) Vi M thudc (P): y = % va y, =-8 nén x,, =+4.
Vay toa do cua diém M la: (4,-8); (-4, -8).
2) Phuong trinh hoanh d6 giao diém cua (P) va (d) 1a:

2
—X? =X+me x> +2x+2m=0. bé (P) va (d) cat nhau tai hai diém phén biét thi

A>0<1- 2m>0<:>m<— (*)
Taco A(Xy; V1), B(X2; ¥2) laglao diém ctia (P) va (d)nén y, =X, +m, y, =X, +m.

Theo bai rataco (x, +y,)(X, +y2):§. Tir d6 suy ra (2x, +m)(2x, +m)= 33

S AX,X, +2M(X, + X, )+ m* = 37? két hop v6i hé thirc Viete X, + X, = -2, X,X, = 2m




ta dugc 4m? +16m—33=0< . D6i chiéu véi diéu kién (*) ta duoc

m= _u la gié tr1 phai tim.

Binh lugn. Voiy 2) ddy la mot cau phan loai gitra hoc sinh trung binh kha va hoc
sinh kha. Tuy nhién ta thdy trong may nam tro lai ddy dé thi cho duéi dang dang thirc
kh& rd nén ddy la cdu ca hai doi twong déu lam tot.

Bai tap twong tu.

Trong mit phang toa do Oxy cho (P): y =—x? va duong thang (d): y=3mx-3 (mla
tham sb).

a) Tim m dé dudng thang (d) di qua dlem A(T; 3).

b) Xac dinh cac gia tri cia m dé (d) cat (P) tai hai diém phan biét sao cho tong hai
tung d6 cta hai giao diém d6 bang -10.

Cau 11

1) Rut gon biéu thic sau: A = V12 =75+ 37+ 443

: 1 1 Ix -1
2) Cho biéu thure: B = + volx>0va x#1).
) (\/;+1 &_J( N ]( )

Rt gon B. Tim x 1 s6 nguyén duong khac 1 sao cho B> %

1) A=2J§—5J§+3,/(2+\/§)2 =2\3-53+3(2+3)=

24X Ix-1_ 2
S e
2 1o X <3.Suyra 0<x<9, két hop voi

Ix+1 2

diéu kién x 13 s6 nguyén duong khac 1 nén x € {2;3,4;5,6;7,8; 9} 1a gia tri can tim.

2) B=

Voi x>0 va x =1, dé Bz%th‘l

Binh lu@n. Véi y nhé trong y 2) la y ré nhat phdn biét dwoc hoc sinh trung binh va
hoc sinh kha.

Cau V. Cho dudng tron (O). Tir mot diém M nam ngoai dudng tron (O), ké hai tiép
tuyén MA va MB cia du’orng tron (A, B 1a cac tiép dlém) K¢ duong kinh BE cua
duong tron (O). Goi F la giao diém thr hai cua duong thang ME va duong tron (O).
Puong thang AF cit MO tai diém N. Goi H la giao diém ctia MO va AB.

1) Chimg minh tir giac MAOB noi tiép duong tron.

2) Chimg minh dudng thang AE song song v6i dudng thang MO

3) Chirng minh: MN? = NF.NA. 4) Chimg minh: MN = NH.




B

1) Tac6 OAM = OBM =90° ( vi MA, MB la c4c tiép tuyén cia (O))

= OAM + OBM =180°. Suy ra tit gide MAOB ndi tiép.

2) Theo tinh chat ti€p tuyén cat nhau ta c6 MA =MB; OA =0B suy ra MO la dudng
trung truc cia AB = MO L AB tai H.

Ma BAE =90° hay AE | AB. Do d6 AE // MO.

3) Vi AE // MO va MA 12 tiép tuyén ctia (O) nén NMF = AEF = NAM .
= ANMA « ANFM (g. g):W=M:> NM? = NA.NF. (1)
NF  NM

4) Taco MFB = MHB = 90° suy ra tr gidac MFHB noi tiép.

= FHN =FBM; ma FBM = NAH = NAH = FHN = ANAH o ANHF (g.g).
NA NH
NH

Tir (1) va (2) suyra NM* =NH*=NM=NH.

Binh luén,. Hai cdu dau rat quen thudc voi nhiéb‘t doi twong hoc sinh. Tuy nhién trong

hai cdu tiép theo khong phdai la twong tw nhau vé mat toan hoc nhung cach thuc tim ra

(1) va (2) la nhw nhau. Do do cdu 4) hoc sinh kha va gioi déu lam dwoc. Bai hinh nay
6 thé xem la nhe hon so vo‘z cdc bai hinh trong mdy nam tré lai déy.

= NANF = NH?. (2)

Cau V. Cho a, b, ¢ 1a cac sb thuc khong am thoéa man diéu kién: ab + bc + ca=3 va
1 2 3

a>c.Tim GTNN cua biéu thirc P = -+ -+ -
@+1)° (b+1)° (c+1)

Cach 1.

B6 d@é. D& ching minh dugc cac bat dang thirc quen thudc sau:

m?+n®+p*>mn+np+pm (1); (m+n+p)2 >3(mn+np+pm) (2)
1 1 1

bit X=—r,Y=—"—,7Z=—— (X, Y, Z>O).
a+1l b+1 c+1




Viac=Z>X nén P=X*+2Y*+3Z°22(X* +Y? + Z*) 2 2(XY + YZ+ ZX) (bd

dé (1)).
Ap dung bat dang thirc AM-GM, ta c6 3=ab+ bc +ca > 3¥a’b’c” =3abc = 3> 3ahc.
Ap dung bo dé (2) suyra a+b+c>3. Suyra a+b+c>3abc.

3(a+b+c+3) _3(a+b+c+3)

Do do XY +YZ+7ZX= >
3abc+3(a+b+c)+12 4(a+b+c+3)

_3
.

Suy ra Pzz.ézg.
4 2

Dau dang thirc xay ra khi va chi khi X=Y=Z<a=b=c=1.
Vay gia tri nho nhat cia P bang g<:>a= b=c=1.
Céch 2.
1.1

bat X=a+1, Y=b+1 Z=c+1(X,Y, Z>O a>c:>X>Z:>—22—2.
Z° X

Ap dung b6 dé (2) ta duoc P>2£—+— i) E(_ — 1j2

pEune 2722 )73 XYz

Tir gia thiét suy ra (X 1)(Y 1) ( ) (Z 1)( )=3

(*)

\Y

Bién ddi va thu gon ta duoc 2 i i l
XY YZ ZX) X' 'Y Z
1 1

Ap dung bo dé (2) ta dugc L —+ 1 +—=1] 23 . (%)
XY Z XY YZ ZX

2
Tt (*) va (**) suy ra 1+1+l >3 i+l+l :>i+i+£2§.
X X Y Z 2

Y Z 2\X Y Z
2
Do d6 pzé(ij =2
3\2 2

Dau dang thirc xay ra khi va chi khi X=Y=Z<a=b=c=1.
Vay gia tri nho nhat cia P bang %<:>a:b:c:1.

Binh lu@n. Bai bat ddng thire nay phdn biét dwoc ré rang giita hoc sinh khd va gioi.
Véi cdc bai bat dang thire moi nam thi chi can mot vai buée nhé va dp dung AM-GM
la dat dwoc két qua; tuy nhién véi bai nam nay hoc sinh nhin thdy khong mdy quen
thuoc va co van dung bat d’cfng thiec phu nén co kho khan hon doi véi hoc sinh kha.
Trén ddy chi la hai cdch lam theo cach dat an phu, tuy nhién con cé nhitng cdch khac
khéng dat ma hoc sinh trinh bay, nhung t6i thdy hoi dai va chwa chdt ché.

Tran Anh Tudn — THCS Nhin Hiu.





