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3x+3x-3 x+1 x-2
‘ x+x=2  Jx+2 Jx-1
1. Timdiéeu kién xacdinh va rat gn biéu thiac A
2. Tim x nguyéndé biéu thic A nhan gia ti nguyén.
Cau 2 (2,0diém):

Cau 1 (2,0diém): Cho béu thic: A=

X°+xy—2y+3=0
1. Giai hé pheong trinh sau: y=ey
y?+xy—-3x-y-1=0
~ 2.Trong 4dong tien cé 3dong tien that c6 khdi lugng nhr nhau va rat dong
tien gia co khoi lwong khac. Lam thnaode tim duoc dong tien gia bang hai bn can
(can thaing kang haidia, khéng c6 guican).
Cau 3 (1,5diém):
Cho phrong trinh: Bm-1)x* +2(m+1)x-m+2=0 (mlatham$§) (1)
1. Chrng minh phrong trinh luén c6 ngéim vai moi m;
2. &i x, X, la hai ngh¢ém caa phrong trinh (1). Tim & thac lién € gitta X,
va x, khéng ph thusc vao thamé m.
Cau 4. (3,5diém):
Cho dudng tron @) va diém A ¢ dinh nim ngoai Q). Ké tiép tuyén
AB, AC véi duong tron B,C 1a hai tép diém). Gd M 1a mpt diém thwc cung nid
BC (M khacB vaC). buong thing AM cit (O) tai diém thx hai lAN. Goi E la
trungdiém cia MN.
1. Ching minh on diem A,B,O,E thuoc mot duong tron;
2. Ching minh: BNC + BAC=180;
3. Ching minh: AC* = AM.AN va MN? =4(AE* - AC’);
4. Gg 1,J 1a hinh chtu cia M [én @anhAB va AC. Xacdinh vi tri cia M
sao cho tichMI.MJ dat gid ti 16n nHit.
Cau 5. (1,0diém):
Cho a, b, ¢ la badshuec dwong thha man abce = 1. Gimg minh &ng:
a’ b? c? 1
+ + > =
(ab+2)(2ab+1) (bct 2)(2bet 1) (ae 2)(2ae 1) .

- Thi sinh khéngisdung tai licu
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- Can W coi thi khdng gii thich gi thém.
PAP AN

Cha y: bap anchi mang tinh tham kkio
3x+3Wx-3_ x+1 x-2
: x+x-2  Jx+2 Jx-1
1. Tim diéu kién xép q:nh va rut gon kiu thuc A
2. Tim x nguyén ddiéu thuc A nhan gia ti nguyén.

Giai

Cau 1. 2,0diém): Cho biu thic: A =

1.DKXD: x=0;x # 1. Khi do:
3x+3/x-3 x+1 x-2_ 3x 3/ x= 3 {{x I x B { x 2 » 2
x+/x -2 Jfx+2 Jx-1 X ++/x -2
C3x+3x=3-x+1-x+ 4_ x+ 3/ x+ 2_ {/x+ YW e 2) V%
X ++/x =2 x+/x-2 W(x-DWx+2) Jx-1

Jx +1 2 Jx 0z
= =1+ 0Z=

Jx-1 7 Jx-1 Jx —10{ +1; 2}

Cau 2 (2,0 dém):

A =

2. A = x[1{0; 4,9}

2 -
1. Giai hé pheong trinh sau:{x txy-2y+3=0
y2+xy-3x-y-1=0
2. Trong 4dong tién c6 3dong tién that co kibi luong nhr nhau va rt dong tien gia co
khdi luong khac. Lam té naodé tim dugc dong tién gia bang hai bn can (can ting bing haidia,
khdng co6 qé can).
Giai

Z4xy-2y+3=0
L{X Xy —2y = (x+y)?=3(x+y)+2=0 = (x+y-1)(x+y-2)=0

y?+xy—-3x-y-1=0

x+y=1 x+y=1 {x=—1/3
TH1: = =
x2+xy—2y+3:0 X—-2y=-3 y=4/3
+y=2 = =
TH2: X+y _ X+y=2 _ X 1/4
X% +xy-2y+3=0 2x—-2y=-3 y=7/4

3'3)\4 4
2. Tadanh $ bbn ddng xu Bn luot 1&: X1; X2; X3; X4 sautd bd 2 dong xu X1, X2 [&n can thi c6
thé chlng can ing nhau hac khdng can ing nhau nén ta xét:

Can bn 1:

TH1: Néu X1; X2 can Bing nhau thi cic chin X1 va X2 1a haitong tién that chuyén sang
can hn 2. Can X1(én that) va X3 réu chiing can dng nhau thi cin chin X4 14 tén gia, néu khéng
can bing nhau thi clc chin X3 la tén gia.

TH2: Néu X1 va X2 khéng canamg nhau thi cic chin X3 va X4 1a tén that chuyén sang
can kn 2. Can X1 va X3(&n that) néu chdng can dng nhau thi ciic chin X2 1a tén gia, néu chang
khéng can bng nhau thi X1 |a én gia.

Cau 3 (1,5 diém): Cho phrong trinh: Bm-1)x? +2(m+1)x-m+2=0 (mlatham$§) (1)

Vay hé c6 hai nghim: (x, y) D{(lﬂj(—l—q}

1. Chitng minh ptrong trinh luén c6 ngléim véi moi m;
2. Goi X1, X2 la hai nghém aia phrong trinh (1). Tim & thac lién R gitra x va % khong
phu thudc vao tham &m.
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1.-Néu3m-1=0- m =1/3thi (1) co ehg: 8x -5=0« x=5/8 (Vm)
-Néu3m-1#£0 < m#1/3.Khidé A'=(m+1F - (3m- 1)(2= mF 4m- 5m

2
=A' :(Zm—gj +f_§> 0= Phrong trinh éing cé nghtm véi moi m

Vay pheong trinh luén c6 ngkm véi moi m
2.Dé phrong trinh c6 hai ngim xa, X thi m# :—13 Khi d6 theo I¢ thuc Vi-et ta co6:

« tx. = -2(m+1) 5(x. +x,) = -10(m+ 1)
Y72 3m-1 v 3m-1
o = 5(X, + X,)+8Xx,X,=-6
_-m+2 _ —8m+16
Xy Xy = ——— 8X;.X, = ———
3m-1 3m-1

Vay h¢ thuc gitra hai nghém doc 1ap m 1a:5(x;+x,) +8x x ,= -6
Cau 4 (3,5 dém): Choduong tron (O) vadiém A cb dinh rim ngoai Q) . Ké tiép tuyén AB, AC
v6i dudng tron (B,C 1a hai tép diém). Goi M la mot diém thudc cung nb BC (M khac B va
C). Puong thing AM cit (O) tai diém thi hai la N . Goi E la trungdiém caa MN .

1. Ching minh Bn diém A, B,O,E thudc mot duong tron;

2. Ching minh: 2BNC+ BAC=180;

3. Ching minh: AC* = AM.AN va MN? = 4(AE? - AC?) ;

4. Goi 1,J la hinh chtu cia M [én anhAB va AC. Xacdinh Vi tri cia M sao cho tich

MI.MJ dat gia ti 16n nht.
Giai

1. - Vi ABO BO(t/c tiép tuyén) = ABO = 90 = B thwc dudng trondusng kinh AO (1)

-Vi E la trungdiém aia day MN= OEOMN = OEA =90

— E thwc duong tronduong kinh A0 (2)

-Tu (1) va (2)= A, B, O, E thiéc duong tron

duong kinh AO.

(hoicchira: +E =180")

2. Vi AB, AC la hai tép tuyen aia (O) nén: A

VT = 2BNC +BAC =sd BMC +%(sdBNC—sdBMC)

= %(sdBNC+sdBMC) = %.360’ =180 = VP.

3. +) Xét AAMC va AACN co A chung; AV :A/N\C(Cl]ng clin cung MC)

— AAMC «> AACN :ﬁzﬂ:Acz = AM.AN
AN AC
+) Ta c6: ME + EQ’ = MO? (pitago) = ME? = R - ECF

:>(M_2NJ2:OC2—E02:> MNZ = 4[(Ad— AC ) (AC- AEZ)] — MN? :4(AE2—AC2)

2
4. Ap dung hit dang thrc Cosi: MI.MJ < (M';ZMJJ . D4u "=" xay ra khi Ml = MJ = M thudc tia

phan giac ¢a BAC =M 0 AO = M la diém chinh gita dia cung nb BC.

Cau 5. (1,0 dém):
Cho a, b, ¢ la badshuc drong thha mén abc = 1. Gimg minh &ng:
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a N b? N ¢ 21
(ab+ 2)(2ab 1) (be 2)(2be 1) (ac 2)(2ac 1)
Giai
Truéc h& ta ching minh ba béidang thic phu sau:
2
)) Theo BDT Cosi: (ab + 2bc)(2ab + be)((am Zbc); (28 bc} :Z?ab+ bes

-) Theo BDT Bunhiacopxki:(ab+ bcf < 2(& B+ B ¢

) Chitng minh:bj . +b " &f bzfj. (Véia, b, ¢ > 0)
C Cta ¢

Thatvay: batb+c=x,c+a=y,a+b==2 a:y+;—x ;b=Z+L2_y,c:L32/_Z
a , b, c _1fx.y +(z+zj+ Y,2)35 Lgi04p-323
b+c cta a t 2|y x z X z y)| 2 2 2 2
Viabc=1néntdit a=2; b=Y: c=Z (véix,y, z > 0). Khidé:
y z X
X2
R % _ F ~ %272 N Ax?7? 2% %72
(@b+ 2)(2at 1) (x,mj[zx ,ulj (y+2v2)(2xy* v~ 9(yrya) ~ 9(CY +yZ)
y Z y 2
2 2.2 2 252
+) Tuong ir b > 2xy2 ; C > 2y°z _
(bc+ 2)(2berl)  9(YZ +2°x%) " (ac+2)(2actl) 9(Z X +x°y?)
2 X222 X2y2 y222 2 3 1
= VT 22 + >=. ==
9(X2y2+y222 y%2+ X222 X222+X2y2 92 3
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