SO GIAO DUC VA PAO TAO HA NOI KY THI KHAO SAT LOP 12 LAN THU HAI
TRUONG THPT THANG LONG NAM HOC 2020 — 2021

Ma dé 184 DPE THI MON: TOAN

Dé thi ¢6 06 trang
Thot gian lam bai: 90 phat, khong ké thoi gian phat dé.
Hovaténthisinh: ..., S6 bao danh:.................. | 76 o

Cau 1. Cho F(x) 1a mét nguyén ham cua ham sé f (x). Tim | =_[[4x +1-f (x)]dx.

A. 1 =4x+1-F(x)+C. B. I =2x*+x—F(x). C.1=2x*+x-F(x)+C.D. I =(2x*+x)F(x)+C.
Cau 2. Him s6 f (X) = % x* — X* —3X + 5 nghich bién trén khoang nao trong cac khoang duéi day?

A. (0;1). B. (2;4). C. (-2;0). D. (4;+x).
CAu 3. Trong céac diy s co cong thirc sb hang tong quat sau, ddy ndo 1a mot cap s6 nhan?

A. u, =n’+1. B. u,=n. C.u,=2"-1. D. U, =75
Cau 4. Nguyén ham ciia ham s6 f (x)=2cos3x la

A. F(x)=-6sin3x+C. B. F(x)=6sin3x+C. C. F(x)=—§sin3x+C,D. F(x)=§sin3x+C.

CAu 5. Trong mit phang toa do, cac diém A va B trong hinh v& dudi day lan luot 1a diém biéu dién cua cac sd
phuc z, va z,. Modul cua so phirc z, —z, bang

Y
2f----- <A
B ]
SR ERRRTEe 1
-2 —1 (0] 1 2
-1
A. 3. B. v10. C. 242. D. V2.
1
Cau 6. Chohamsé f (x) c6 dao hamtrén [-3;1], f(-3)=2021, j f'(x)dx =2020. Tinh f(1).
-3
A. f(1)=4041. B. f(1)=-1. C. f(1)=1. D. f (1)=-4041.
Cau 7. S nghiém cua phuong trinh log, X +log, (x+2) =1 la
A. 0. B. 2. C. 1 D. 3.
Cau 8. Choham sé y = f (x) c6 dao ham f'(x)=x* (x2 —9). Khang dinh nao sau day la dung?
A. Ham sb dat cuc dai tai x=3. B. Ham s dat cuc tiéu tai x =—3.
C. Ham sé ¢6 3 diém cuc tri. D. Ham s6 ¢6 2 diém cuc tri.

Cau 9. Tir thanh phd A dén thanh phd B ¢6 5 con duong di, tir thanh phd B dén thanh phd C ¢6 6 con duong di. C6
bao nhiéu céach di tir thanh pho A dén thanh pho C, biét phai di qua thanh pho B?

A. 5°. B. 30. C. 11. D. 516!
Cau 10. Cho ham tring phuong y = f (X) c6 dd thi nhu hinh v& duéi day. Tim tat cac gia tri cua tham s6 M dé

phuong trinh f (x)=m c6 4 nghiém phan biét.

N

A. m=1. B. m>-1. C. 3<mx«1. D. m<1.
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Cau 11. Cho db thi hai ham s6 y =a* va y =log, X nhu hinh vé& duéi day. Khang dinh nao sau day 1a ding?

K

—2 -1 T 2
. y = log,x

A . a>1lb>1. B.a>10<b<1. C.0<a<10<b<1l. D.0O<a<1lb>1.
CAu 12. Trong tap s phirc [ , ¢ bao nhiéu ménh d& dang trong cic ménh dé sau?

) 2,2,=2.2,. ii) z+Z 1a s6 thuan ao.

i) [z, +2,|=|z|+|z,]. i) s6 O virala s6 thue, vira 1a s6 do.

A. 3. B. 1. C. 2. D. 4.

m
Cau 13. Tim tét ca cac gia tri ciia tham s M thoa man I(SXZ - 2X)dx =0.
0

2
A. m=0hoic m=2. B. m=1hoic m=2. C. m=0 hoac m=§. D. m=0 hoac m=1.

CAu 14. Cho a,b >0, m,n 1a cac sé nguyén duong, m> 2. Trong cac dang thirc sau, dang thirc nao sai?

R S T o b, (¥a) 4o

Cau 15. b6 thi ham s6 Y = c6 tat ca bao nhiéu duong tiém can?

3x—-2
Al B. 3. C. 2. D. 0.
Cau 16. Tim ménh de dung trong cac ménh dé sau.
A.Ham s6 y =log, X véi @>1 nghich bién trén (0;+o0).
B.Ham s y =log, x véi 0<a<1 c6 tap xac dinh la [ .
C.Hamsb y=log, x véi 0<a<1 dong bién trén (0;+x).
D. Do thi ciahamsé y =log, x va y =log, x véi (0<a <1) déi ximg nhau qua truc hoanh.
a
Cau 17. Heé thuc lién hé giira gia tri cuc dai Y.p Va gid tri cuc tiéu y., cia hamsé y = x> —3x la:
A. 2Yer =3Yep - B. Yer + Yoo =0. C. Yer =2Ycp - D. Yer = Yeo-
Cau 18. Cho s6 phirc Z=a+Dbi véi (a, bel ) . Ménh dé nao sau day sai?
A. \Ja’+b? 1amodun cia Z. B. a—bi 1a s6 phuc lién hop ctia Z .
C. —a—bi 1a sb phirc ddi ctia Z. D. bi 14 phéan 4o ciia Z.
Cau 19. Phuong trinh log, (9—2*) =3~ X tuong duong véi phuong trinh nao dudi day?

A x*-3x=0. B. x*+3x=0. C.9-2"=3+27" D. 9-2"=(3-x)".

. ax+b
Cau 20. Chohamso Yy =
X+1

¢6 d6 thi nhur hinh vé& duéi day. Tim khang dinh dung trong cac khang dinh sau.

A. O<a<h. B. b<0<a. C.O<b<a. D. a<b<0.
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Cau 21. Cho mét khéi tru (T ) c6 ban kinh ddy R =1, thé tich V =47 . Dién tich toan phan cta hinh tru bing
A. S=10r. B. S=9r. C. S=6r. D. S=b5rx.
CAu 22. Mot hinh chép c6 day 1a hinh vudng canh bang a, c¢é thé tich V , chiéu cao h. Khi d6 h duogc xac dinh
boi cong thic nao sau day?
2 3V \ \
Ah=2 B. h="0 C.h=—. D. h=—0:.
3V a a 3a
Cau 23. Trong khong gian véi hé truc toa @ Oxyz , cho OM =37 +2j —k,ON =37 + j —2K . Trong tim G cua
tam giac OMN Ia
4
A. G(2;0;0). B. G(21-1). C.G —;—1;§ . D. G 3;§;—§ .
3 3 2 2
CAu 24. Cho hinh ling tru déu ABC.A'B'C' ¢6 tit ca cac canh bang nhau (tham khdo hinh vé). Goia 1a goc giita
hai mit phéng (A'BC) va (ABC). Tinh cosa .

A’ B’

4 N B

C
N NE N N
A —. B. —. c.—. D.—.
2 J7 3 3
Cau 25. Trong khong gian v6i hé toa do OXyz , phuong trinh ndo sau day la phuong trinh ctia mot mat cau?
A X+y +22+2xy+62+4=0. B. X*—y*+2°+2x—-2y+4z+5=0.
C. X+ V> +7°+2x-2y+4z+15=0. D. X*+y*+7°+2x—4y+2z-1=0.

Cau 26. Trong khong gian v&i hé truc toa dd OXyz , vecto U = (1,-2;3) 12 mdt vecto chi phuong ciia dudng thing
nao dudi day?

X=1+t X=1+2t L 5 3 ) ) 1

X — y+ Z— X — y+ Z—

A. =-2+t. B. =-2+3t. C. = = . D. = = )

y y=—or 1 2 3 12 3
z=3+2t Z=3+4t

Cau 27. Goi M va N lan luot 12 gia tri Ion nhat va gia tri nhé nhét cua ham sé y =—x*+x? =5x+m (m la tham
s6) trén doan [1;2]. Khi d6 M —N c6 gié tri bang

A.19. B. -19. C. 9. D. -9.
Cau 28. Cho ham s6 bac bay = f (X) c6 do thi nhu hinh v&. Ham s6 y :\ f (x)\ 6 bao nhiéu diém cuc tri?

Ay

o] 1 3/{

A. 3. B. 5. C. 2. D. 1.
Cau 29. Trong khong gian v6i hé truc toa dd OXyz , cho badiém A(1;2;-1), B(-16;-5), C(2;0;—1). Mit phang
(cr) di qua hai diém A, B va song song voi duong thaing OC c6 mot vecto phap tuyén 1a

A. fi,=(4-10,-8).  B.f, =(458). C. fi,, =(254). D. i,

=(4;-10;8).
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Cau 30. Mot hop dung 21 tam thé dugce danh s6 lién tuc 1 dén 21. Chon ngiu nhién dong thoi 2 tim thé trong hop.
Goi A la bién ¢0 “hai tam thé déu dugc danh so chan”. Tinh x4ac suat ctia bién ¢6 A.

3 3 10 11

A. P(A)=—. B. P(A)==. C. P(A)=—. D. P(A)=—.

(A)=2 (A)=7 ()= (A)=3

Cau 31. Tinh thé tich cua khéi lap phuong ABCD.A'B'C'D" biét d6 dai duong chéo AC’=+/3.
Al B. 34/3. C. 1. D. 3.

3

CAu 32. Dién tich xung quanh ctia hinh nén c¢6 ban kinh ddy I va chiéu cao h 1
/ / 1
A. qu:ﬂ'r r2+h2, B. qu:ﬂ'r h2_r2. C. qu=7Z'rh. D. Squgﬂ.rh'

Cau 33. Tim phan thyc cta s6 phire W = (1+ z)E, biét ring s phirc z thod man biéu thirc (3+2i)z=4-6i.
A 2. B. 2. C. 4. D. 4.

5

Cau 34. Biét D =(a;b) la tap xéc dinh ciiaham sé y =(2-x)" +log, (—1+ log, x). Tinh giatri a+b.

11

A —. B. C. 2. D.
5

gl| ©
gl

1 2
Cau35.Néu f(2)=1va .[xf (2x)dx =1 thi .[xzf '(x)dx bang
0 0

A. 4. B.O. C. 8. D. 4.
X2 +2Xx—m

Cau 36. C6 bao nhiéu gia tri nguy&n am cua tham sé m dé phwong trinh Iogs[ ™ .
X2 — X+

j+x2+7x—3m:0 co

nghiém X >-1?

A 0. B. 3. C. 2 D.1.
Cau 37. Cho sb phirc z théa man 3(Z—i)+(i—1)Z:5—4i . M6 dun ctia z bang
A. |z|=+10. B. |z|=3. C.|7=7. D. |z|=+/14.

Cau 38. Choham sé y = f(X) c6 dao ham va lién tuc trén J . Ham s6 y = f '(1—X) 6 @6 thi nhu hinh v&. Ham

s6 y = f(x) ddng bién trén khoang

A (-2-1). B. (0;1). C. (-10). D. (-3;-2).
Cau 39. Cho lang try ABC.A'B'C’ ¢6 day 1a tam giac déu canh a, hinh chiéu vudng goc cua diém A 1én mat phang
(ABC) trung vdi trong tm tam giac ABC. Biét canh bén hop v6i mat day mot goc bang 30°. Tinh theo a khoang
cach gitra hai duong thang AA' va BC.

(1 ' ("
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CAu 40. Trong khong gian véi hé tryc toa do OXyz , cho hai diém A(l; 0; 3) va B(l; 4; 4). Goi A la duong thing
di qua diém M (4;2;1) sao cho tong khoang cach tir hai diém A va B dén duong thang A la 16n nhat. Duong
thing A c6 mot vecto chi phuong 1a U= (10; a, b). Khi 6, 2a+b bang

A. —6. B. 18. C. 8. ‘ D. 6. )
CAu 41. Cho hinh lang try ABC. A’B’C” ¢6 thé tich V. Goi M, N lan luot 13 trung diém ciia AB' va BC'. Tinh thé
tich khéi AMNC' theo V .

\Y \Y \Y v
A —. B. —. C. — D. —.
8 12 24° 6
2 e \ ) A A r e s 1t A ) a b
Cau 42. Biét I—dx =In(ae—b)véi a,bla cac s0 nguyén duong. Tinh gid tri bicu thae T =2—+—.
X“—2xInx b a
A. 3. B. 4. C. 5. D. 6.

Cau 43. Cho ham sé y = f (x)lién tuc trén [ ¢6 do thi nhu hinh v&, biét dién tich S, =4, S, =3, S, =2. Tich

phan J.[ |x+]4)+x+1]dx bing

8;
A
x

Al 8. 2. c.a. D. -,
2 2 2

Cau 44. Trong khong gian véi hé toa do Oxyz, cho 4 diém A(4;O;O), B(O;O; 2),C(O; —3;0), D(4; —3;2). Ban
kinh mit cu ngoai tiép tor dién ABCD béng

A 29 . B.—“ig. C. J11. D.g.
X—3 y+1 z-2

Cau 45. Trong khong gian v6i hé toa d6 OXyz , cho diém M (1 -1; 3) va duong thang A

-1 2 -2
Phuong trinh tham s6 cta duong thang d di quaM | cit va vudng goc voi A 14
X =1+18t X=3+2t X=1+2t X=2+t
Adicy=-1 . B.d:xy=-1 . C.d:qy=-1-t. D.d:qy=-t
z=3+0t z=2-t z=3-t z=-1+3t
. . 1
Cau 46. Cho ham s f (x) c6 dao ham trén [ , biét (x+2) f (x)+(x+1) f'(x)=e*> va f(0)= 0ol
Tinh f(1).
p202L 1 1 o2 02020
A. . B. —. : C. —-. : D. .
2020 2 2020 2 2021 2021

Cau 47. Cho X, Y,z la cac s thuc thda mén log., . (2X+4y—82+m)21vé X+3y—2z-1=0 (v4i m la

X“+y“+z°+21
s6 thyc duong). Khi m=m_ c6 duy nhat bo (X; y; Z) thoa méan cac dicu kién trén thi m, thudc khoang nao?
A (1; 6) . B. (11;14) . C. (13;17). D. (5;13) .
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CAu 48. Trong khong gian hé truc toa do OXyz, cho mit cau (S):(X—l)2 +(y—2)2 +(Z—2)2 2%. Trén tia

\ . . 1 2 2 . , .
Ox,0y,0z lan luot lay cac diém A, B,C théa man —+—+——=9. Biét mit phiang (ABC) tiép xuc voi mat
OA OB OC
cau (S).Thé tich khéi chép OABC la
1 1 1 1
A —. B. —. C. —. D. —.
12 24 6 4

Cau 49. Cho cac s6 phic z;2,;z, thay d6i théa méan ‘3—4i —zi 2, phan thuc cta z, bang phan 4o cla z, va

2021‘ —

bing —1. Gi4 tri nho nhét cua biéu thic T = |2z, +|z—2,|" bing
A 9. B. 3. C.7. D. 4.

Cau 50. Cho ham s6 y = f (x)c6 do thi ham s6 y = f '(x) nhu hinh v& duéi day. 86 diém cuc tri cua ham so

y=f (4x2 —4x)—§x3+6x2—4x+1 la

A 6. B. 8. C. 9. D. 7.
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SO GIAO DUC VA PAO TAO HA NOI KY THI KHAO SAT LOP 12 LAN THU HAI
TRUONG THPT THANG LONG NAM HOC 2020 — 2021

DAP AN CAC MA DE

Mﬁdé[184]
345\ R 1011\1213141516171819202122232425

26 27 28 29 30\31 32 33|34 35 36\37 38 39 40 41 42 43 44 45 46 47 48 49 50

345\ 8\9 1011\1213141516171819202122232425

26 27 28 J J 49 50

3 4 5 6 8 9 1011\1213141516171819202122232425

26 27 28 29 30 31 32 33/34 35 36\37 38 39 40 41 42 43 44 45 46 47 48 49 50

HUONG DAN GIAI CHI TIET MQT SO CAU
Cau 1. Néu f(2) 1vajxf (2x)dx =1 thi jx f'(x)dx bing

A —4. B. 0. C.8. D. 4.
1 2 2
HDG. Djt t =2x = dt = 2dx ddi can....jxf (2x)dx:1<:>J'% f (t)%zlcj f(t)dt=4.
0 0
u=x? du = 2xdx 22
Tinh | x*f'(x)dx: Dat =1 =xf(x)| =2|xf (x)dx=2%f(2)-2.4=-4
! o T v g =1 =F 100 2o o212

X2 +2Xx—m

o 1j+x2+7x—3m:0 co
X* — X+

Cau 2. C6 bao nhiéu gi4 tri nguyén &m cua tham s6 m dé phwong trinh Ioga(

nghiém X >-1?

A 0. B. 3. C. 2 D. 1.
2 _ 2 _
HDG. Ptr < log, )(ng—xm =—x2—7x+3m<:>I093M=(2x2—x+1)—(3x2+6x—3m)
2X"—x+1 2X°—x+1

2x* —x+1>0,vxell .PKXD X*+2x-m>0
< log, (3x2 +6x—3m)+(3x2 +6x—3m) =log, (2x2 —x+1)+(2x2 —x+1)
Xéths f(t)=log,t+t ludn dong bién trén (0;+)

ma f(3x2+6x—3m): f(2x2—x+1)<:>3x2+6x—3m:2x2—x+1<:>3m:x2+7x—1
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7
Lap bbtcuahs g (X) = X* + 7x—1 trén khoang (—1; +oo) suy ra m> ~3
Suyracé2giatri me {—2; —1} thda man.

CAu 3. Cho sb phuc z théa min 3(E—i)+(i —1)2 =5—4i. M6 dun cua z bang

A. |z|=+10. B. |z]=3. C.|7|=7. D. |z|=+14.
HDG. Pat z=x+yi tacod 3(x—yi—i)+(i—1)(x+yi)=5-4i < 3x—3yi-3i+xi—x+yi’ - yi =5-4i
& (2x—-y)+(x—8y-3)i =5-4i @{X_Zzy__y;s_Ll @{;:i Sé phite 2=3+i ¢6 mo dun |z| =10

Cau 4. Cho ham sé y = f(X) c6 dao ham lién tuc trén [ . D4 thi ham s6 y = f'(1—x) nhu hinh v& bén dudi.

Ham sé y = f (x) dong bién trén khoang

7] 1 2 x

\/

A. (-2-1). B. (0;1). C. (-10). D. (-3,-2).
HDG. bat x=1-t<t=1-xTaco: y=f(x)=f(1-t)=y'=—f'(1-t).
Hamsé y= f (x) ddngbién< y'=—f'(1-t)>0 < f '(1—t)<0<:{ t<0 @{ 1=x<0 @{ x>1

1<t<?2 1<1-x<2 -1<x<0

Vay ham sé dong bién trén khoang (-1,0).
Cau 5. Cho ling try ABC.A'B'C’ ¢6 day la tam giac déu canh @, hinh chiéu vuong goc ciia diém A 1én mit phang
(ABC) tring véi trong tam tam gidc ABC. Biét canh bén hop véi mit ddy mot goc bang 30°. Tinh theo @ khoang
cach giita hai duong thang AA' va BC.

A' Lo

NS 5. 32 c.® p, 2
6 4 2 4
HDG. Goi 114 trung diém BC. D& thdy mp( A'Al ) L BC ké IK L AA'suyra d(AA',BC)=1IK.
1 a3

AIKA vudng tai K va c6 1AK =30° = IK :EAI ==

Cau 6. Trong khong gian véi hé truc toa do OXyz |, cho hai diém A(l; 0; 3) va B (1; 4; 4) . Goi A la duong théng di
qua diém M (4; 2;1) sao cho téng khoang cach tir hai diém A va B dén duong théng A 14 16n nhét. Puong thfmg
A ¢6 mot vecto chi phuong la u= (10; a, b). Khi d6, 2a+b bang

A. -6. B. 18. C.8. D. 6.
HDG. Tacé: d(A,(A))< AM;d(B,(A))<BM. Do dé tong d(A,(A))+d(B,(A))< AM +BM. dat gid trj 16n

nhit khi AM L A;BM L A.Khidé VTCPu, L AM;VTCPu, 1 BM suyra:u, =
Vaya=-3;b=12=2a+b=6.

AM,BM |=(-10;3,-12)
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Cau 7. Cho hinh lang try ABC. 4’B’C’ c¢6 thé tich V. Goi M, N lan Iuot 13 trung diém cia AB' va BC'. Tinh thé
tich khdi AMNC' theo V .

Y Vv V v
A —. B. — C. — D. —
8 12 24 6
P .2 \ 1h 1h1l V
HDG. GOl Ela trung diem AC'. VA.C'MN = 2VA.MNE = 2'§'E'SAMNE = ZEEZSAABC :E
e , , a b
Céau 8. Biét j =1In (ae—b)véri a,b1a cic so nguyén duong. Tinh gia tri biu thie T =2—+—.
L X — xInx b a
A 3. B. 4. C. 5. D. 6.
2
T — r r td(x-2Inx)
HDG. I - x=2 dx:j j dx = J‘ ( =In(x-2Inx)|
. x*=2xInx 1x(x 2Inx 1 X 2Inx . x=2Inx
b 1 2

=In(e-2)=In(ae—b) Vdy a=1,b=2nén T = 22+5_22+I=3

Cau 9. Cho ham s6 y = f (X)lién tuc trén [ ¢6 dd thi nhu hinh dudi day, biét dién tich S, =4, S, =3, S, =2.

Tich phan J.[ |x+]4)+x+1]dx bing

13 C. 4 p. -3
. 4, -t
HDG. j[f(|x+]4)+x+1]dx=j4f(|x+]4)dx+j;(x+1)dx:ff(—x—l)dx+jlf(x+1)dx—g

-4

3
A —. B
2

N

5 5 3 .. \
I dt+j du—§=S—SZ+83+Sl—SZ—E=E (voi t=—x-1vau=x+1).

Cau 10. Trong khong gian véi hé toa dd OXyz , cho 4 diém A(4;0;0),B(0;0;2),C(0;-3;0),D(4;-3;2). Ban
kinh mat ciu ngoai tiép tr dien ABCD bang

A. 29 B.@. c. J11. D.g.
HDG. D@ thdy tim mit cau I(Z;—g;lj;R:OI = ID:@.

X—3 y+1 z-2

Cau 11. Trong khong gian v6i hé toa d6 Oxyz , cho diém M (1 -1; 3) va duong thang A

2 -2
Phuong trinh tham s6 cta duong thing d di quaM | cit va vudng goc voi A 13
x=1+18t X=3+2t X=1+2t X=2+t
A d:qy=-1 . B.d:qy=-1 . C.d:qy=-1-t. D.d:sy=-t
z=3+0t z=2-t z=3-t z=-1+3t

HDG. Goi N 14 hinh chiéu vudng goc ctia M trén dt A Toa do N (3—t;—1+ 2t;2—2t) — MN = (2—t;2t;—1—2t)
MN Lu, =(-12;-2) < MN.U, =0 -1(2-t)+2(2t)-2(-1-2t)=0 <t =0. MN =(2;0;-1)
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Suy ra mot VTCP ciia dt d 13 uy =(2;0;-1),

Cau 12. Cho ham sb f (X) c6 dao ham trén [ , biét (x+2) f (x)+(x+1) f '(x) =" va f(o):ﬁ.
Tinh f(1).
eZOZl 1 e2020 1 2021 e2020
A. . B. —. . C. - D. .
2020 2 2020 2 2021 2021
HDG Ta co: (x+2)f(x)+(x+1)f'(x):e2°2°X<:>(x+2) (x). +(x+1).f'(x).e* =™
[ x+1).f (x).e ] e = (x+1) f (x)e* ='[e2°2“dx=me2°“x+c,véi f(0)=2'+2 suyra C=0
2020x f 1 l e2020
Do do f —— Va =—. .
© 46 1) =2000x71) ¥ ()= 2020

Cau 13. Cho X, Y,z 1a cac s thuc thoa min log, ., ., (2X+4y—82+m)zlvé X+3y—2z-1=0 (vi m la

X4y +z°+21

s6 thue duong). Khi m = m, co duy nhit bo ( X;Y; Z) thoa man céac diéu kién trén thi m, thu¢c khoang nao?

A (L6). B. (11,14). C. (1317). D. (5,13).

2 2 2
HDG. Yobt « | X *Y +Z #2LS2xrdy=8z4m _ J(x-1)+(y=2) +(z+4) <m()
X+3y-2z-1=0 X+3y—-2z-1=0 (2)

B¢ (X; ;) théa man bat phuong trinh (1) 1a céc phan khoi cau (S) tdm 1(1;2;—4) ban kinh R = Jm
Mat khéc tap hop diém M (X; y;z) théa méan phuong trinh (2)1a mit phang («):x+3y—2z-1=0.
Do d6 dé hé c6 duy nhat b s (X;y;2) <> mit phang () tiép xtic véi mat cau (S)cé tam 1(12;-4) v

1+3.2— 2
pén kinh R = V1 <5 d (1,(a)) =R . md o SV DY)
JE+3+(-2)
3 A : A A .. A . 2 2 2 64 .
Cau 14. Trong khong gian hé truc toa d0 OXyz, cho mat cau (S).(X—l) +(y—2) +(Z—2) ZE. Trén tia
1 2 2
Ox,0y,0z lan luot lay cac diém A, B,C thoa man —+——+——=9. Biét mit phang (ABC) tiép xtic v&i mt
OA OB OC
cu (S).Thé tich khéi chép OABC la
1 1 1 1
A — B. — C. —-. D. —.
12° 24° 6 4
HDG.Goi A(a;O;O), B(0;b;0); C(0;0;c) suy ra phuong trinh mét phang (ABC): 2 %‘F%:l
1 2 2
, ‘ +b+7_ 8 8 8
Mp (ABC) tiép xiic véi mat cdu (S) nén d(1,(ABC))=Re 22X 1 L=2 e — "3
—+—+— —t+ =+
a’ b’ ¢ a2 b*  c?
<:>i2+i %—9 (1). Ma theo gia thiét ta co i+i+i:9<:>1+g+g:9 (2)
b OA OB OC C
Xéthe (1) va (2) Dit X 1 1 1t 4 X+2y+2z=9
éthé (1) va at X=—;y=—,z== taduogc
‘ ' al b c X +y*+22=9
Nhan thiy (x+2y+22)£\/(12+22+22)(x2+y2+zz)=\/9.9=9 Dau "=" xay ra @%:%:%:1
1 1 1 1
Tadwoc x=1y=2,z=2 suyra a=Lb==;c== . Taduoc A(10;0),B :01(,C|0;0;= |.
2 2 2 2
A 2., o1, R 1 1,11 1
Vay thé tich khéi chép OABC la: Vypee ==0OAOBOC==1.-.=— =—
6 6 22 24
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CAu 14. Cho cac sb phuc z; Z,;Z, thay d6i théa man ‘3—4i - 2, phan thuc cua Z bang phan 40 cua Z, va

iml\:

bing —1. Gid tri nho nhét cua biéu thic T =|z—z," +|z—2,|* bing
A. 9. B. 3. C.7. D. 4.

HDG. Dat z=x+Yi;x,yell ,tacodiem M(z)=M(x,y) 1a diém biéu dién sb phirc z

Khi d6 [3-4i - 2i*®!|=2 < [3-4i - (x+yi)i| =2 = |(3-y) - (4+X)i| =2 = (x+4) +(y-3)" =4

Tép hop diém M la dudng tron (1;R) tdm 1(—4;3) vaban kinh R=2.

S6 phitc z, =—1+bi = A(z,)=A(-Lb). Tap hop diém biéu dién s6 phirc z, 1a duong thang d, 1 x=—1.

S6 phitc z, =a—i= B(z,)=B(a;—1). Tap hop diém bicu dién s6 phic z, 1a duong thing d,:y=-1.

d; y

Dé thay C =d, nd, = C(-1-1)

Goi N, P lan luot 14 hinh chiéu cua diém M trén d,;d,.

Taco: T =|z—z[ +|z—2z,[ = MA? + MB? > MN? + MP? = MC?.

T dat gia tri nho nhét khi va chi khi: A=N;B=P va I,M,C theo tht ty thang hang.
B X=-1+3t

Phuong trinh duong thang IC :{ At MelC=M (—1+ 3t;—1—4t)

3
t=—
Mit khic M €(C) = (-1+3t+4)" +(-1-4t-3) =4 = 25(t+1) =4 & 3
t=—
5
Vi t=—L =M _@Ej (loai)
5 5'5
+) Véi t=—§:>M —E;Z S6 phirc z:—E+Zi; 21:—1+Zi; zzz—E—i.
5 5'5 5 5 5 5
Suyra MC,;, =IC—IM =IC-R=5-2=3.Vay T, =3" =9 khi Z:—%-f-%i; 21:—1+£i; zzz—%—i

Cau 15. Cho ham s6 y = f (x)c6 do thi ham s6 y = f '(x) nhu hinh v& duéi day. 86 diém cuc tri cua ham s6

y=f (4x2 —4x)—%x3+6x2—4x+1 la
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HDG. Gidi: Xét ham sb y = f (4x® —4x)—§x3 +6x2—4x+1 o ¥
y'=(4x* —4x)".f'(4x* —4x)-8x* +12x 4 2
©y'=4(2x-1).f (4% —4x)-4(2x-1)(x-1)
oy :4(2x—1)[f '(4x2 —4x)—(x—1)] =0

1

X=3
2x—1=0 4x* —4x=ae(~0;-1)(1)
< f'(4x2—4x)=x—1<:> 4x* —dx=be (-1 ) (2)
4x*—4x=ce(0;1) (3)
4x —4x= de( 2) (4)

Phuong trinh 4X° —4x=m < 4x* —4x—m=0 c6 nghiém khi va chi khi A'=4+4m>0<m>-1
m =—1 phuong trinh ¢6 nghiém kép, tuy nhién a,b,c,d khac -1

Do d6, céc phuong trinh (2);(3);(4) ludn c6 2 nghiém phan biét. Phuong trinh (1) v nghiém do d6 ham sé

da cho co 7 cuc tri.
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