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PE CHINH THUC

bPé gom 01 trang
Bai 1. (3 diém)
1) Chang minh: (x+p)(x’ = x’y+xy° =y’ )=x*—p*.
2) Phan tich da thirc thanh nhén tir : x(x+2)(x* +2x+2)+1.
3) Tima, b, cbiét: a> +b>*+c> =ab+bc+ca va a® +b* +c* =3.
Bai 2. (4 diém) Cho biéu thic :

P:g_( 32 +y2_x2_ yz j X+y
c2
X X +xy+y

Vol x#0,y#0,x#—y.
x2+xy Xy xy+y2 2 Y Y

1) Rut gon biéu thirc P. ’ q
2) Tinh gia tri cia bi€u thuc P biét x, y théa man dang thuec:
X2+ +10=2(x-3y).
Bai 3. (4 diém)
1) Gidi phuong trinh: ~ (6x +8)(6x + 6)(6x +7)* =72.
2) Tim céc cdp s6 nguyén (x; y) thoa man: x° +x+3=y>.
Bai 4. (2 diém) Cho cic s6 a, b, ¢ thoa manl > a,b,c > 0. Ching minh rang :
a+b*+c—ab—bc—ca < 1.
Bai 5. (5,5 diém)

Cho hinh vuéng ABCD c6 canh bang a, biét hai duong chéo cit nhau tai O. Lay diém I
thudc canh AB, diém M thudc canh BC sao cho IOM =90° (I va M khéng tring véi cac
dinh cua hinh vuéng). Goi N la giao di€ém cia AM va CD, K 1a giao di€ém ciia OM va BN.

1) Ching minh ABIO = ACMO va tinh dién tich t&r gidc BIOM theo a.

2) Chung minh BKM = BCO.

. 1 1 1
3) Chirng minh = + .
) & CD* AM’ AN’

Bai 6. (1,5 diém)

Cho tam gidc ABC (AB < AC), trong tdm G. Qua G v& duong thang d cit cac canh
AB, AC thir tw & D va E. Tinh gi4 tri biéu thie 2B + AC
AD AE

Hovaténthisinh: ..................... Ho,ténchirky GT 1: ...,
Sébaodanh:........ooeviiiii Ho,ténchit ky GT 2: ..o,



HUONG DAN CHAM MON TOAN LOP 8
I. Huéng din chung:
1) Huwéng dan cham chi trinh bdy mét cach gidi véi cde y co ban hoc sinh phai trinh bay, néu
hoc sinh gidi theo cach khac ma dung va du cdc bude thi van cho diém toi da.
2) Piém toan bai la tong diém ciia cdc Y, cac cdu va khéng lam tron.
IL. Pap 4n va thang diém:

Bai ) 4 Ngi dung trinh bay Diém
Ching minh : (x+y)(x’ = x’y+xy° =y’ )=x*—y*.
Taco: (x+y)(x° —x*y+x1> —y*)
1) _ 4 3 2.2 3 3 2.2 3 4 0725
0,53) =X X y+x Y -xy+xXy—-xy +xy -y
_ 4 _ 4
Al 42 _x, 4 , : 0,25
Vay dang thuc dugce ching minh.
Phan tich da thirc thanh nhan tir : x(x+2)(x* +2x+2)+1.
Ta co: x(x+2)(x” +2x+2)+1 = (x* +2x)(x* +2x+2)+1 0,25
2) 2 2
1. (1d) =(x%+2x) +2(x* +2x) +1 0,25
3d
(3d) =(x*+2x+1)° 0,25
=(x+1)* 0,25
Tima, b, cbiét: a* +b*+c> =ab+bc+ca vaa* +b* +c* =3.
Bién ddi a’ +b* +c* =ab+bc+ca vé (a-b)Y +(b—c)* +(c—a)* =0 0,5
3) Lap luAnsuyraa=b=c¢ 0,25
(1,50 Thay vao a=b=c vao a®+b*+c* =3 taco 05
3d* =3 d =1 a=1l. ’
Vaya=b=c=1vaa=b=c=-1. 0,25
Voéi x#0,y #0,x#—y taco:
p_ 2 [¥y-(F=y)x+-x')  x+y 0,5
X xy(x+y) X+ xy+ )y
_2 -y -y’ x+y 0.5
D X xp(x+y) X +xy+y° ’
Cd) |_2, G-E+xp+y)  x+y 0.5
X xy(x+y) X Hxy+y° ’
7 _
2. =24+27) 0,25
(4d) X Xy
+
== 0.25
Xy
Tacod: x* +y* +10=2(x—3y)
S xF=2x+1+y" +6y+9=0 0,5
2) 2 2
Lap ludnsuyra x=1,y=-3 0,5
Ta thay x = 1; y = -3 thoa mén diéu kién: x =0,y # 0,x#—y 1,0




Xty ta co: P= MZZ

nén thay x = 1;y =- 3 vao biéu thirc P = :
Xy 1.(-3) 3

Giai phuong trinh: (6x + 8)(6x + 6)(6x +7)* =72

Piat 6x+7=t. Taco t+D)t-D)' =2 -’ =12t -2 -72=0 0.5
St -9 +8 -2=0 (" -N+8(17-9) =0 (2 -9)(* +8)=0 0.5

(2132,) Ma 2 4+8>0nén 12 —9=0 1> =9 <> ¢ =43 0.5

Tur @6 tim duoc x=—§hoéc x=—§.
s 0,5
Vay phuong trinh c6 tap nghiém la S = {?,?} .
2 2 2 a2 2 2 0, 25
X +x+3=y " <4x +4x+12=4y <:>(2x+1) —4y° =-11
3.
(4d) <:>(2x+2y+1)(2x—2y+1)=—11 0,25
Do x, y nguyénnén 2x+2y+1 va 2x—2y+1 lacéac sO nguyén 0,25
Do do xay ra cac truong hop sau
2x+2y+1=lva2x-2y+1=-11.Timdugcx =-3vay=3 0,25

2)

(2d) 2x+2y+1=-1va2x-2y+1=11. Timdugcx=2vay=-3 0.5
2x+2y+1=11va2x—-2y+1=-1.Timdugcx=2vay=3 0.5
2x+2y+1=-11va 2x—-2y+1=1.Timdugcx=-3vay=-3 0,25
KL, 0’25
Cho cac sd a, b, ¢ e[O;l].Cht’mgminhrﬁng: a+b*+c—ab—bc—ca < 1.

Vib, ¢ €[0;1] nénsuy ra b* <b; ¢’ <c. 0,25

4. Do dd:a+b’>+c>—ab—bc—ca<a+b+c—ab—bc—ca(l). 0.5
2d) Laico:atb+c—_ab-_bc_ca=(a_ )b I)c_1)—abc+1(2) 0.5
Via,b,c €[0;1] nén(a—1)(b—1)(c—1) < 0;—abc<0 0,25

Dodotr (2)suyraa+b+c—ab—bc—ca < 1(3). 0,25
Tu(l)va(3)suyraa+b’>+c®—ab—bc—ca < 1. 0,25

Hinh vé:
A | B
0
K
E D C N
1) | Xét ABIOvA ACMO co: 1,0




5. 2d)
(5,54)

IBO = MCO (= 45") ( tinh chat duong chéo hinh vudng)
BO = CO ( tinh chat dudong chéo hinh vudng)
BOI = COM ( cung phu v6i BOM )

= ABIO = ACMO (g.c.g)

= SBIO = SCMO ma SBMO = SBOI +SBMO

, 1 1
Do d6 Sy0; = Seuo + S0 = Spoc = ZSABCD - Zaz

1,0

2)
(1,5d)

Ta cd6 ABIO=ACMO (cmt)
= CM = BI ( cd@p canh tuong tmg) = BM = Al

Vi CN // AB nén i—M—ﬂ:ﬁzﬂ.Tfrd() suy ra IM // BN

M  MN IB MN

1,0

Ta c6 Ol = OM (vi ABIO=ACMO) = AIOM can tai O = IMO = MIO = 45°
ViIM // BN = BKM = IMO = 45" = BKM = BCO

0,5

3)
(2d)

Qua A keé tia Ax vuéng goc AN cat CD tai E.
Chting minh AADE = AABM (g.c.g) = AE = AM

0,5

Ta cd AANE vudng tai A c6 AD L NE nén

Sy = ADNE _ANAE . ADNE = AN.AE = (AD.NEY: = (AN.AEY
2

0,5

Ap dung dinh li Pitago vao AANE ta c6 AN? + AE? = NE?
AN’ +AE* 1 1 1 1

— AD* (AN* + AE*)= AN*.AE* =

= = + =
AN? AE®  AD? AE>  AN® 4D’

0,5

1 1 1

Mi AE = AM vaCD=AD = —— = ——+—
CD*>  AM* AN

0,5

(15 d)

Hinh veé:

Goi M 1a trung diém ciia BC.

Qua B v& dudng thing song song véi d cat AM tai I, ta cé: j—g = j_é(l)

0,25

Qua C vé& dudng thang song song v6i d cit AM tai K, ta co: % = j_[é(z)

0,25

AB AC Al+ AK
Te(l)va(2)suyra: —+—=—-—(3
(1) va (2) suy b E G 3)
Mait khac: Al + AK = (AM - MI) + (AM + MK) = 2AM (4)
(vi MI = MK do ABMI= ACMK)

0,5

Tir (3) va (4) suy ra: A8, AC _24M _ 24M _
AD AE  AG EAM

3

0,5




