PE KHAO SAT CHAT LUQNG TOAN 9

TRUONG CHUYEN HA NOI AMSTERDAM- NAM 2018

Céu 1) Cho bidu thire A=E5:E,B=[:%-ﬁ-];j;jz voi x20,x%4.

— ; ]
a) Tinh glﬁ.m cua A khi I=—T ;
Q—44y5

b) Ritgoen B.
¢) Timchc sb thye x dé P=i;; 1 s nguyén.

Ciu 2) Mot nguiri di xe dap tir A dén B céch nhau 24km véi vén tde dy dinh. Khi di tix B tr§
vé A nguoi d6 tang van the trung binh them 4kmvh so véi ltc di, nén thdi gian vé it hon thdi
gian di 14 30 phut. Tinh van téc trung binh dy dinh cta xe dap khi di tir 4 dén B.

Céu 3)
2—I+ l =3
a) Giﬁihéphﬂﬂ]‘lgl]'inh:ix-'-y el
J_J’-J_=—2
Xty

b) Cho phuong trinh: x* =2(m-1)x +m’=2m=3=0 v&i m |4 tham sb.
+ Chimg minh: Phuong trinh ludn ¢é 2 nghi¢m phén bigt véi moi m .
+ Goi x,x, 142 nghiém ca phuong trih. Tim m & x, +1=\Jx, .

Ciu 4) Cho tam gidc ABC c6 BAC =60°AC =bAB=c,(b>c) . Dyng dudng kinh EF cia
dudmg tron ngoai tiép tam gidc ABC (F nlim trén cungnhé CB) vudng géc BC tai M . Goi
{.J 14n luet 12 hinh chiéu cia E 1én ABAC . Goi H,K I4n lugt la hinh chiéu ciia F lén

ABAC.
a) Chimg minh: AIEJCMJE 14 céc ti gide ndi tiep.
b) Chimg minh: 1,J,M thing hang.

¢) Chimgminh: IJ LHK .
d) Tinh bén kinh dudmg trén ngogi tiép tam gidc ABC theo b,c.

Cau 5) Cho céc sb thye ,620,05¢ <1 va @* +5° +¢* =3 . Tim GTLN,GTNN cia
F=ab+b.-:+m+3{a+b+c) ;



HUGNG DAN GIAI

Céu 1)

o} Taes Fe—s 9+45 =9+45=(/5+2 ' fx=y5+2.%uyra
)} 5 9- 4\JF g {4'~lr_] ( ]

5(4—(] 5
5+52+2 4+J" Tite ‘.
b) Tacé: (J_ )J_ o
5 o I(J_+2) -2 2 +2 x+4 Nyt
Qe R S RN

A__s 1 S(¥x-2) {‘“*5 iét lai biu thirc thanh:
'P——-— _ , dé tha ta viét lai bigu thic t ;
i Jrv2 Jr-2 Jx+2 Y1P=o0

P(Vx+2)=5(Vx-2) = Vx(P-5)=-2(P+5) & Jx=———1

i +5}:-’ﬂ hay —55‘] suyra P+5,P-5 trdidfudo P+5> P-5
P=5 P-5
{P+:Eun -5$P<5.Vi P lsOnguyénsuy ra Pe({~5,-4;-3;-2;-1;1;2;3;4) thay véo

— {

= i g _': ¥ lg
tat[nhduwf{gz 73 3,}:-:;

2(F+5} ,do x=20 suyra

Ciu 2) Goi vin toc dy dinh di tir 4 dén B 13 x (km/), didu kién x>0,

Véntocthyc tékhiditr B v& 4 1a x+4 (km/h).

Thdsi gian dy dinh di tr 4 dén B lﬁ— gi. Tho gian thye té ditir B v& 4 13.2%
x+4

Theo gia thiét ta c6:

24 1 24 48+x+4 24

—_——— =—ox+d4x-192=0 x=12 y

x+4 2 x 2(x+4) x e 12}(x+16] ﬂﬁl:;.;,_._lﬁ doi

chiéu véi didu kién ta suy ra x =12 thda méan. Viy ‘l’iﬂtﬂﬂdﬂdiﬂh ditir 4 ¢ép B 12 12 km/h.

Ciiu 3)



Chu 4) 1

a) Hoe sinh ty chimg minh, A
b) Tircde tr gidc JAJE, EJMC.EABC nii

tiép, ta ¢4 bién ddi gbe sau: o hJ
EJI =EAT =ECB =ECM =180° - EJM . Tir

d6 suy ra EJI + EJM =180° hay /,J,M

thing hang,

Chi y: Dy 12 két qua hinh hoc khé quen thuje B = b
Pudmg thang 1,.J,M la duéng thing Simson cia

diem E doi véi tam gidge ABC.

¢) Chimg minh twong ty cdu b tacd 3 diém M, M,K thing hing.

r——

Tacé: IHM = BFM =F“H=-%sd£’“£.mgiac BIEM i tiép nén HIM =BIM = BEM = —sd

1
2

BF . Tir &6 suy ra THM + HIM

% sd BE + 12- sd’ﬂ'ﬁm% sd EF =90° hay IM LHK .

d) Goi O latim duémg trdn ngoai tiép tam gide ABC thi OB=R . Dymg dutmg cao BN

cla tam gide ABC (N edC). Taco:
BC? = BN? + NC? = BN? +(AC —ANY =AC? + BN* +AN? —24CAN =AC” +4B" -2ACAB.cosBAC

Hay BC? =8 +¢ -2bc.cos60° =b+c? -be .

Do m=wn:3ﬁ=lgg°=>ﬂam=ﬁﬂ° . Trong tam gidc vudng BOM tacd:

, —— BM _ BM____BC =Jb+c-b¢=Jb b v

sinBOM =50 < OB = 2500 25in60° N 3 Y bén kinh
i op o JHeke =

dudmg trdn ngogi tiép tam gidc ABC e

Ciu 5) Cho céc sb thye a.b20,0<¢<1 v a'+b’ +¢’ =3 . Tim GTLN,GTNN ciia

P=ab +bc+¢a+3{ﬁ+b+¢) .

Giai:



6x 3

e A =0

Sy : ; x+y x=1

a) Dicukién x=0,x#1,x+ y = 0. Ta viét lai hé phuong trinh thanh: 6
Y _2Sx=—4

X+)y

Céng 2 phurong trinh ctia hé ta ¢é: ox + oy + 3 ~2Jx=9-4
X+y x+y J;_:—l

= J‘3_1 ~2Wr+l=0e3-(2/x-1)(Vr-1)=0e 2r-3Vx-2=0 = (Jx-2)(2Vx +1)=0

suy ra Vi=2ex=4 (thda min) hodc J-=~% (loai).

Thay x=4 vao tatim dugc y =0 , viy h¢ c6 nghiém (x;¥)=(4;0).
b) Xét phuong trinh: ¥* —~2(m—1)x+m*~2m-3=0 v6i m la tham sd.

Tacod A'=(m-1)' v—(m’ -2m-3) =4 >0 nén phuong trinh luén c6 2 nghi¢m phén biét x,,x,.

x=m-—l—2 comag
1
m—1+2
x= =

Ta tinh duge:

m+l

Xét didu kign: x +1=x, (¥

TH1: x, =m=3,x, =m+] thay vao (*) ta co:

(mz2
54413 o=
m-2=u"m+!m{z 5m+3—0¢>4 7 =m= o
i 5-J13
m= 2

!

mz3
p— mayvag{*]lacﬁ:mﬂm.l'm—}@{ (VN).

TH2: x,=m+Lx, m’ +3m+T=0

B i
Vay m=5+;r_ 1a gid tr can tim.




Ta viét lai 2{ab+bc+ca]=(a+b+c}l—(a1+bl+cl)={a+b+c]z-—3 thi
2P=(a+b+c) +6(a+b+c)-3 .
Tix dénh gid quen thude: (a+b+c)’ 53(a‘ +b! +c')=9=>a+b+cs3. Tacing b

(ﬂ'+:5+£‘)z =a’+b +c’ +2(ab+bc+ca)za’ +b' +c =1= a+b+c=+3 duding thic xay
ra khi va chi khi 1 trong 2 s& a hodic b biing 0 va ¢=0.

Turdétace: 3+6J3-3<2P <P +63-3=33<P<12.

GTLN ciia P bing 12 tai a=b=c =1, GTNN ciia P bing 3v3 khi @a=+3,6=0,c=0 hoic
a=0,b=3,6=0.

Cht ¥: Bai toan nay chi can gia thiét a,b,c20 va a® +b* +¢’ =3 ladu.
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