Dé cwong 6n thi THPT Quéc Gia nam 2017 Trwong THPT Hai An

CHU PE 1: UNG DUNG PAO HAM PE KHAO SAT VA VE PO THI HAM SO
VAN PE 1: TINH PON PIEU CUA HAM SO|
PHAN I. TOM TAT LY THUYET
L. Binh nghia: Cho ham s6 y = f(x)xac dinh trén D, véi D 1a mdt khoang, mdt doan hodc nira khoang.

1.Ham sé y = f(x) duoc goi la dong bién trén D néu Vx,x, € D,x, <x, = f(x)< f(x,)
2.Ham s y = f(x) duoc goi la nghich bién trén D néu Vx,x, € D,x, <x, = f(x)> f(x,)
I1.Diéu kién can dé ham s6 don diéu: Gia sir ham sé y = f(x) c6 dao ham trén khoang D
1.Néu ham sé y = f(x) ddng bién trén D thi f'(x)>0,Vxe D
2.Néu ham s6 y = f(x) nghich bién trén D thi f'(x)<0,Vxe D
I1.Diéu kién di dé ham s6 don didu:
1.Dinh Iy 1. Néu ham s y = f(x) lién tuc trén doan [a,b] va c6 dao ham trén khoang (a,b) thi ton tai it
nhét mot diém ¢ € (a,b)sao cho: f(b)— f(a)= f'(c)(b—a)
2.Dinh Iy 2. Gia sir ham s6 y = f(x) c6 dao ham trén khoang D
1.Néu f'(x)>0,VxeD va f'(x)=0 chitai mot sé hitu han diém thudc D thi ham sé dong bién trén D
2.Néu f'(x)<0,Vx e D va f'(x) =0 chi tai mot s6 hitu han diém thudc D thi ham sé nghich bién trén D
3.Néu f'(x)=0,Vx e D thi ham sé khong di trén D

PHAN II. MOT SO DANG TOAN
Dang 1.Xét chiéu bién thién ciia ham sé y = f(x)

“Phwong phdp : Xét chiéu bién thién ciia ham sé y = f(x)

1.Tim tép xdc dinh ciia ham sé y = f(x)

2.Tinh y'= f\(x)va xét dau y’ ( Gidi phwong trinhy’ =0 )

3.Ldp bang bién thién tir d6 suy ra chiéu bién thién ciia ham sé
Dang 2. Tim diéu kién cua tham so dé ham so don diéu trén mot khoang cho trudce

néu a =O0thay vao hs va két luan

a>0
A, <0
a<0
A,<0

Chiiy: e Himbacba y=ax’ +bx’ +cx+d (a#0)| néu a=0,hs dong bién trén R khi {
néu a # 0,hs nghich bién trén R khi {

e Ham y =

ax+b <d6ng bién trén tung khoang xac dinh khi ad —bc >0

cx+d \nghich bién trén tung khoang xac dinh khi ad —bc <0

PHAN III: BAI TAP TRAC NGHIEM
Céu 1 Trong cac ham sb sau , ham s nao sau day dong bién trén khoang (1 ; 3)
2
x=3 B. yzﬂ C. y=2x"—x* D. y=x>—4x+5
x—1 x—2

A y=

Céu 2: Khoang nghich bién ctia ham s6 y = %x3 —x” —3x 1a: Chon 1 cau dung.

>

(—oo;—l) B. (-1;3) C. (3;+oo) D. (—oo;—l)vd(3;+oo)

Ciau 3: Khoang nghich bién ctia ham s6 y %x“ —3x” =3 1a: Chon 1 cAu dung.

A. (_oo;_ﬁ)vd(o;ﬁ) B. (0;—£Jvd [?;4-00} C. (\/E;—i—oo) D. (—\/E;O)Vd (\/§;+OO)

2
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Cau 4. Két luan nao sau day vé tinh don diéu ciia ham s y =

+11 la dng? Chon 1 cau dung.
A. Ham scf) ludn dong biéq trén R.

B. Ham s0 luon nghich bién trén R\ {—1}

C. Ham s6 ddng bién trén cac khoang (—oo;—1)va (~1;+ )

D. Ham s6 nghich bién trén cac khoang

Céu 5: Cho ham s6 y =2x+1 b . Tim ménh & dang trong cac ménh dé sau

x—1
A. Ham s6 don diéu trén R B. Ham s6 nghich bién (—o0; 1)va(l;+o0)
C.Ham sb ddng bién (—oo;1) va (I;+0)  D. Cac ménh dé trén déu sai
Céu 6: Khoang ddng bién ciia ham s6 y = v/2x—x? 1a: Chon 1 céu dung.
A. (-o;1) B. (0;1) C. (1;2) D. (I;+o)
Céu 7 Ham s6 y = x—2+/x—1 nghich bién trén khoang nao ?
A.((2;40)  B. (I;+») C. (;2) D.Khong phai céc cau trén
Céu 8: Cho ham s6 y = m.x> —2x? + 3mx +2016. Tim tit ca cac gia tri thuc ctia tham s m dé ham s6
+)ludn dong bién ? A.[2/3 ; +0) B.(- o ;-2/3] C.(-2/3;0)0U(0;2/3)  D.[-2/3;2/3]
+)ludn nghich bién 2 A.[2/3 ; +0) B.(- © ;-2/3] C.(-2/3 ;0)U(0 ;2/3) D.[-2/3 ;2/3].
Céu 9: Cho ham s6 y = mx® —3mx” +3x+1-m.
L s . m>1
+)ham s0 dong bién trén R khi A .0< m<1 B.m>1 C. m<0 D. [ 0
m<
\ e . 4 n . m>1
+)ham s0 nghich bién trén R khi A .0< m<1 B.m=® C. m<0 D. { 0
m<
Céu 10: Cho ham s6 y = x* + 2mx? —3mx +2017 . Tim tt ca cac gi4 tri thuc ctia tham sé m dé ham s6 luén
déngbién.A. —%<m<0. B. —%SmSO. C.m< —% hodc m > 0. D.m < _79 hoacm > 0.
Céu 11: Tim m dé ham sé y = x* —6x? + mx + 1 ddng bién trén khoang (O s+ oo).
A.m=12 B. m<12 C.m=>12 D.m=-12
Céu 12 :Cho ham s6 y = x* +mx” +2x+1.Véi gid tri ndo cia m ham s6 dong bién trén R
Am>3 B.m<3 C.-vJ/6<m<+6  D.Khong tdn tai gia tri m
Céu 13 Cho ham s6 y =2x* —4x’ +3 S6 diém cyc tri ciia ham s 1a:
Al B.2 C.3 D.4
Céu 14.Tim tit ca cac gia tri thuc cta tham s m sao cho ciia ham sé y = ttanL—Z ddng bién trén
anx —m
\ V4
khoang( 0;— ).
AmEQ hogclam=2 .mad c.leam=4i D: & &

Céu 15: Cho hamsb y = f(x) luén nghich bién trén R. Tim tap cac gia tri ciia x dé f lJ > f
X
—o0;0

A. (—oo31). B. (—o0;0) U (0;1). C. (-10).
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VAN DE 2. CUC TRI CUA HAM SO|
PHAN I. TOM TAT LY THUYET
LBinh nghia: Cho ham s6 y = f(x)x4c dinh trén D R va x,eD

1. x,dugc goi 1a mot diem cuc dai cua ham s6 y = f(x) néu ton tai mot (a,b) chira diém x, sao cho

(a,b)c D va f(x)<f(x0),‘v’xe(a,b)\{x0}.

2. x,dugc goi 1a mot diém cuc tiéu cua ham s y = f(x) néu ton tai mot (a,b) chira diém x, sao cho

(a,b)c D va f(x)>f(x0),Vxe(a,b)\{xo}.

3.biém cuc dai va di€m cuc ti€u cia ham s6 dugc goi chung la diém cuc tri ctia ham so; Gia tri cuc dai

va gia tri cuc ti€u dugc goi chung la cuc tri ciia ham so.

II.Diéu kién can dé ham s6 c6 cuc tri : Gid st ham s6 y = f(x) c6 cuc tri tai x,.Khi do, néu y = f(x) c6 dao

ham tai diém x, thi f'(x,)=0.
[11.Diéu kién du dé ham s6 ¢6 cuc :[ri : )
1.Dinh Iy 1. (Dau hi¢u 1 dé tim cuc tri ciia ham so )

Gia st ham s6 y = f(x)lién tyc trén khoang (a,b) chira diém x,va c6 dao ham trén cac khoang

(a,x,) va (x,,b). Khi d6 :
+ Néu f(x) ddi ddu tir am sang duong khi x qua diém X, thi ham s6 dat cyc tiéu tai X,
+Néu P (x) ddi dau tur duong sang am khi x qua diém X, thi ham s6 dat cuc dai tai X,

2.Dinh ¥ 2. (Ddu hiéu 2 dé tim cwec tri ciia ham s6 )

Gia st ham s6 y = f(x) c6 dao ham trén khoang (a,b) chtra diém x,, £'(x,) = 0 va f(x) c6 dao ham cap

hai khac 0 tai diém x,. Khi d6:+ Néu £ "(x,) <0 thi ham s6 dat cuc dai tai diém x,
+Néu f"(x,)>0 thi ham sb dat cuc tiéu tai diém x,
PHAN II. MOT SO DANG TOAN
Dang 1. Tim cyc tri cua }rzdm SO .
*Phwong phdpl. (Quy tac 1)Tim cwc tri ciia ham so y = f(x)
1.Tim tdp xac dinh cua ham 56
2.Tinh f'(x) va gidi phwong trinh f'(x)=0 tim nghiém thudc tdp xdc dinh

3.Ldp bdng bién thién tir do suy ra cdc,dié’m cuee tri ctia ham so.
*Phwong phdp 2. (Quy tic 2)Tim cwc tri ciia ham so y = f(x)
1.Tim tdp xdc dinh cua ham 56
2.Tinh f'(x) va giai phuong trinh f'(x)=0 tim nghiémx,(i =1,2,3...) thudc tap xac dinh
3.Tinh f"(x)vaf"(x,)
4.Két ludn: +Néu S "(x,) <0 thi ham 6 dat cuc dai tai diém X,

+Néu S "(x,)>0 thi ham 6 dat ciee tiéu tai diém X,

Dang 2.Tim diéu kién cua tham so dé ham so co cuc tri thoa man diéu kién cho trudc

a#0
Chi y: e Himbacba y=ax’ +bx’> +cx+d (a #0) cb cuc tri @{A 0
5

L . 5 co ba cuc tri < y'=0c6 ba nghiém phdn biét
e Hambacbon y=ax" +bx" +c(a#0) {( . o B
c6 mot cuc tri < y'=0 co mot nghiém
PHAN III: BAI TAP TRAC NGHIEM

Céu 1: Khang dinh nao sau day 1a dung vé ham s6 y=x'+4x"+2:

A. Pat cuc tiéu tai x =0 B. C6 cuc dai va cuc tiéu C. Cé cuc dai va khong c6 cuc tiéu D. Khéng c6 cuc tri.

. _ \ . 1 1 . .
Cau 2: Trong cac khang dinh sau vé ham so y = _ZX4 +§x2 -3, khang dinh nao dung?

A. Ham s6 co dieém cuc ti€u lax =0 B . Ham s0 ¢6 cuc tiéu la x=1 va x=-1
C.Hamso co diémcuc dailax =10 D. Ham s0 ¢6 cuc tiéu la x=0 va x =1
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Céu 3: Cho Ham s6 y = x* —3x? +1 Chon phat biéu dung

A .Ham sd dat cuc dai tai x =2 B. Ham s6 dat cuc tiéu tai x=0

C D6 thi cat truc hoanh tai 3 diém phan biét D. Ham sb dat cuc tiéu tai x =1

Céu 4. Diém cuc dai ciia d0 thi ham sé y=x* —x* +21a:

A. (2;0) B. %,ﬂ C. (0;2) D. E,E )
3°27 27 2

Cau 5: Cho ham sb y = %x3 +mx’ +(2m —1)X —1 . Ménh dé ndo sau day 14 sai?

A. Vm <1 thi ham s6 c6 hai diém cuc tri. B. Vm #1 thi ham s6 c6 cuc dai va cuc tiéu.
C. Ham so ludn co6 cuc dai va cuc tiéu. D. Vm >1 thi ham s6 c6 cuc tri.
Cau 6: Cho hamso y = (m2 - l)x4 +mx” +1. Tim tat ca cc gia tri thyc clia tham s6 m dé ham so

+) c6 ba di€m cuc tri trong d6 co6 hai diem cuc dai va mot diém cuc ticu.

A.—1<m<0hoacm>1. B.m>1. CO0<m<1. D.m<-1hoaicO0<m<1.
+) ¢6 ba diém cuec tri trong d6 co hai diém cuc tiéu va mot diém cuc dai.

A.—1<m<O0hoacm>1. B.m>1. C m<-1. D.m<-1hodc0<m<1.
+) c6 duy nhat mot diém cuc trj.

A.—1<m < Ohodcm > 1. B.m>1. C0<m<lI. D.m<-1hoacO0<m<1.

Céu 7: Cho ham sé y = m.x® —2x” +3mx +2016. Tim tt ca cac gia tri thuc ciia tham sé m dé ham sb

+)co cuc tri ? A.[2/3 ;+) B.(- «© ;-2/3] C.(-2/3 ;0)U(0 ;2/3) D.(-2/3 ;2/3).
+)c6 2 diém cyc tri x,,x, thoa man : x? +x2 =14 ?
A. m=il B. m=il C. m=ig D.m=+1
3 9 3
‘ x> =2x—m ;
Cau 8: hamsd y=—— (m # 0,m # 3), ham s0 ¢6 hai cuc tri khi:
xX—m
A.m e(—0;0) U (3;40) B.m e (0;3) Cm<0 D.m>0

Cau9: Chohamso y = x* —3mx”* +3x+1-m.
+)T4t ca cac gia tri cia m dé ham sb dat cuc dai va cuc tiéu

A .-l1<m<l1 B.m2>1 C. m<0 D.m<-1 v m>1
C . m>1
+)ham s0 dong bién trén R khi A .-1< m<1 B.m=>1 C. m<0 D{ 0
m<
+)c6 hai diém cuc trj x,,x, t/m: x] +x; >14
m=2
A-2<m<2 B. C.-1< m<1 D.m<0
m< -2

Céu 10: Cho ham s6 y = mx* —2m.(m —1)x* =30.
+)T4t ca cac gia tri cia m dé ham sb dat cuc dai va cuc tiéu

m>1
A .-l1<m<l1 Bm>1vam=#0 C.m>1 D.
m<0
+)ham s6 chi c6 duy nhat mot cuec tri 14 cuc tiéu cia ham s khi
m>1
_A.0<m<l1 B.m<0 C.m>1 D.
m<0
+)ham s6 chi co duy nhét mét cuec tri 1a cuc dai caa ham s khi
m>1
A .0<m<l B.m<0 C.m>1 D.
m<0

Céu 11: Cho ham s6 y = x* —3x? + mx . Gia tri m dé ham s6 dat cyc tiéu tai x=2 1a
A m=1 B. m=-1 C.m=0 D.m=-2
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VAN DE 3. GIA TRI LON NHAT VA GIA TRI NHO NHAT CUA HAM SO
PHAN I. TOM TAT LY THUYET
LDinh nghia: Cho ham s0 y = f(x)xac dinh trén D < R
1.Néu ton tai mot diém x, € D sao cho f(x)< f(x,),Vxe D thi s M = f(x,)dugc goi la gia tri 16n
nhit cua ham s f(x) trén D, ky hiéu M = Max f(x)

2. Néu ton tai mot diém X, €D sao cho f(x)= f(x,),VxeD thi s m=f (x,) duoc goi la gia tri nho
nhat cta ham s6 f(x) trén D, ky hi¢u m = ]\éan f(x)
VxeD, f(x) M szinf(x)Q{VXED’f(x)Zm
Ix,eD, f(x)=M xeD Ix,eD, f(x,)=m
IL.Phuwong phap tim GTLN,GTNN ciia ham s6 : Cho ham sé y = f(x) xac dinh trén D c R
Bii todn 1.Néu D = (a,b) thi ta tim GTLN,GTNN cta ham s6 nhu sau:
1.Tim tap xac dinh cua ham $6
2.Tinh f'(x) va gidi phwong trinh f'(x)=0 tim nghiém thudc tdp xdc dinh

Nhu vay: M = M%x f(x)< {

3.Ldp bang bién thién
4.Két ludn

Bii todn 2. Néu D =[a,b] thi ta tim GTLN,GTNN ciia ham s nhu sau:
1.Tim tdp xdc dinh cua ham 50

2.Tinh f'(x) va giai phwong trinh f'(x)=0 tim nghiémx,,x,... thugc tdp xdc dinh
3.Tink £(@), (i), (X)) f(B)

4.Két lugn
e Dic biét: Néu f(x) dong bién trén doan [a;b] thi max f(x)= f(b) ; min f(x)= f(a)
[a:b] [a:b]
Néu f(x) nghich bién trén doan [a;b] thi max f(x)= f(¢) ; min f(x)= f(b)
[a:b] [ab]

Bai todn 3.5 dung cdc bdt dang thire, diéu kién cé nghiém ciia phwong trinh, tdp gid tri cia ham sé...

PHAN I1: BAI TAP TRAC NGHIEM

trén doan [ 2 ; 3 ] bang.

A cy s , I \ £ 2x+1
Cau 1: Gi4 tri nho nhat cia ham so y =

A. 0 B. -2 C. 1 D. -5
Ciu 2. Chohamsé y=x’—3x+2, chon phuong 4n dung trong cac phuong an sau:
Amaxy=2miny=0 B.maxy=4miny=0 C. maxy=4miny=-1 D.maxy=2miny=-1

[-2:0] [-2:0] [-2:0] [-2:0] [-2:0] [-2:0] [-2:0] [-2:0]

Céu 3. Cho ham sd y = 2x_+11 Chon phuong an dung trong cac phuong &n sau
x —_—
1 . 1 1 :
A. maxy=— B. miny=— C. maxy=— D. miny=—
[-1;0] 2 [-12] 2 [-11] 2 [3;5]

Céud. Cho ham sé y =—x+3x? —4. Chon phuong an ding trong cac phuong an sau
A. maxy=-4 B. miny=—4 C. maxy=-2 D. miny=-2maxy=0
[0:2] [0:2] [-11] [-11] [-11]

Céu 5. Cho ham s6 y = x* —2x* +3. Chon phuong 4n dung trong cac phuong an sau
Amaxy=3miny=2 Bmaxy=1lminy=2 C.maxy=2miny=0 D.maxy=11,miny=3
[0:2] [0:2] [0:2] [0:2] [0:1] [o:1] [-2:0] [-2:0]
CAu 6: Gi4 tri 16n nhat cua ham sb y=x"—=3x> —9x+35 trén doan [-4 ; 4] béng.
A. 40 B. 8 C. —41 D. 15

x*=3x

Cau 7: Gi4 tri 16n nhat cua ham sb y= trén doan [ 0; 3 ] bﬁng. Chon 1 cau dang.

x+1
A. 0 B. 1 C. 2 D. 3
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Céu 8: Gia tri 16n nhat cia ham sé y = al 5 trén nita khoang ( -2; 4 ] bang. Chon 1 cau ding.
X+

AL B. 1 c2 p. 2

5 3 3 3
Cau 9: Gia tri nho nhat ciia hAam s6 y = 2x+1+ 7o T trén doan [1 ; 2] bang . Chon 1 cau ding.

x+
A 2 B 1 c. 4 p. 2
5 3 3 5
Cau 10: Cho hamsé y =, |x +1 G trj nho nhat ctia ham s6 trén (0+%) bing
X

A0 B. 1 C.2 D. V2
Cau 11: +)gid trj 16n nhat M va nhé nhit m cia ham sé y=vx+1++/3-x 1a

AM=242 ,m=2 B.M=242,m=0  C.M=2,m=1 D. M=2,m=0

+)gia tri 16n nhat M va nhoé nhit m ciia ham s y = XGRS CR Y

AM=4" m=4 B. M=4"2 m=1 C. M=4,m=2 D. M=4,m=1

+)gid tri 16n nhat M va nho nhit m cita ham s§ y = 4713 _14 205 4 g 3

AM=-32,m=-41 B. M=-5m=-41 C.M=-16,m=-32 D. M= -5,m=-32
Céu 12: +)gia tri 16n nhat M va nh6 nhat m cta ham s6 y = x + m la
AM=+2 m=-1 B. M=2+/2 ,m=-1 C. M=2,m=1 D. M=2,m=0
+)gia tri 16n nhat M va nho nhat m cia ham s6 y = 3= 1y

AM=3"> m=1/3 B. M=3"2 m=1 C. M=3,m=2 D. M=3,m=1/3
Vi g genlind | gy

+)gia tri 16n nhat M va nho nhat m ciia ham s6 y =9

A.M=13/9,m=-12 B. M=7/9,m= -12 C. M=1,m=-12 D. M=2,m=-12
Cau 13: Gi4 tri 16n nhét cia ham s6 y=~5-4x trén doan [-1; 1] béng. Chon 1 cau dang.
A. 9 B. 3 C. 1 D. 0
Céu 14. Gia trj 16n nhat ctia hAam s y = x++/1—x? bang. Chon 1 ciu ding.

A 2 B. V5 C. 2 D. S khac

A e, . ” X ” N X . . A \ T T N
Cau 15: Gia tri nho nhat ctia ham s6 y =sin” x —cos2x +sinx+2 trén khoang (— E’Ej bang.

. 23 B. €L C.5 D. 1
27 27

Céu 16: Cho ham sé y=3sinx-4sin®x. Gia trj 16n nhat ciia ham sé trén khoéng(—%;%j bing
A.-1 B. 1 C.3 D.7

Cau 17: Gia tri 1on nhit ctia ham sb y=x+ V2 cosx trén doan {0;%} bﬁng.

A 2 B. 3 C.%H D. %

Céau 18: Gia tri 16n nhét ciia ham s6 y =|x* —4x—5| trén doan [-2 ; 6] bang.
A.7 B. 8 C.9 D. 10

Céu 19: Cho hamsb f(x)= metl Gia tri 16n nhit ciia ham s6 trén [1;2] bang -2 . khi d6 gia tri m bang A,
m=1 B.m=2 C.m=3 D. m=4
Céu 20. Cho ham sé y = x* —3mx” + 6, gia tri nho nhét ctia ham sb trén [0;3] bang 2 khi

A.mzﬂ B. m=1 C.m=2 D.m>i
27 2
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VAN PE 4. PUONG TIEM CAN CUA PO THI HAM SO|
PHAN I. TOM TAT LY THUYET
1.Dwong ti€ém cian ding .
Pudng thang (d): x = x, duoc goi 1a dudng tiém can ding ctia d6 thi (C) cia ham s6 y = f(x) néu

lim f(x)=+o0 hoac llm f(x) =40

X—>Xo

Hoac 1lim f(x)=-o hodc hm S (x)=—

X—>Xg

2.Puong tiém cin ngang .
Duong thang (d): y = y, duoc goi 1a duong tiém can ngang cua do thi (C) cia ham s6 y = f(x)
néu lim f(x)=y, hodc lim f(x)=y,

PHAN I1: BAI TAP TRAC NGHIEM

n \ £ x+1 , ~ A A A s . A .
Cau 1: Chohamsd y = —2 . Trong cac ménh de sau, ménh de nao sai. Chon 1 cau sai.

A. D6 thi ham sb trén ¢ tiém can dang x = 2. B. P4 thj ham sb trén c6 tiém cén ngangy = 1
C. Tam doi xung la diem (2 ; 1) D. D6 thi ham s6 trén ¢6 tiém can dang x = 1

A ) \ ‘a A ) \ £ X A ,
Cau 2: S6 duong tiém can ciia ham s6 y = - la. Chon 1 cau ding.

A1l ﬂ B. 2 C.0 D. 3

Cau 3: Duong thang x = 1 1a tiém cén ding cta do thi ham so nao sao day? Chon 1 cau dung.

1 2x-2 21 ?-3x+2
Ay_ X By: );: C.y:x Dy:ﬂ

1-x i x” -1 x—1 x—1
Cau 4: Buong thang y =2 1a ti€ém can ngang cta do thi ham so nao sao day? Chon 1 cau dung.

1+x 2x -2 X2 +2x+2 2x* +3
A y= B. y= C.y="A1-——2 D. y=

4 1-2x =7 x+2 7 1+ x 7 2—x
. i . Vx? +2x
CAau 5: SO duong tiém can cia dt ham so y = 5 la. Chon 1 cau dung.
x —
Al B. 2 C.0 D. 3
2
Ciu 6: Cho ham sb y= - Trong cac ménh dé sau, ménh dé nao sai. Chon 1 cau sai.
x —_

A. D(“)‘thi ham sb trén co tiém can dingx=-1,x=1 .B. D) thi ham s trén co tiém can ngang y = 1,y=-1
C. . B0 thi ham s6 trén khong c6 tiém can ngang . D. D6 thi ham s0 trén chi ¢6 hai duong tiém cén .

Cau 7: D6 thi ham sb y = c6 miy tiém cén ding? A. 3. B.4. C.2. D.I.

s
\%5 .

Cau 8: D6 thi ham sb y= c6 miy tiém can? A.2. B.l. C.3. D. 0.
x
A . ‘ Vx? +2x —x
Cau 9: :SO dudng tiém can ctia dt ham sd y = 5 la. Chon 1 caudung.A1 B2 CO0 D.3
=== —
3 f—
Céu 10: S6 dudng tiém can cta dt ham s y = x4 1 1a. Chon 1 cau ding. A1 B2 C.0 DJ3
x —
Céu 11: Gia tri cia m dé tiém can ding ctia do thi ham s6 y = 2+l 4 qua diém M(2 ; 3) la.
X+m
Chon 1 cauding. A. 2 B. -2 C. 3 D. 0

2
A T S S S IO mx~ —=3x+2
Ciu 12: tim tat ca cdc gid tri ctam d€ ham s6 y = —————
X" =2x+m
+) c6 ba duong titmcan ? A. m<1 B.m>1 C.m=1 D.m=0

+) ¢6 duy nhat mot tiém can? A. m <1 B. m>1 C.m=1 D.m=0
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VAN DE 5. NHAN DANG BANG BIEN THIEN VA PO THI|
PHAN I. TOM TAT LY THUYET
1. Dang d6 thi ham bacba y=a x* +bx* +cx+d (a #0)

a>0 a<o0
Phuong trinh y> = 0 c6 2 /\Tr Y4
nghiém phan biét
T v

Phuong trinh y> = 0 c¢ob N Ya
nghiém kép ?9) K
/] X N X
( |

v
v

A\
/Z\ =
_A
v
e

Phuong trinh y’ = 0 v6 nghiém w

2. Dang d6 thi ham trang phwong bac bén y=ax* +bx> +¢ (a#0)

Hé s6 a a>0 a<0
Pt y’=0 c6 ba nghiém phan biét \ } I
1 | P AN '\
| l o N/,
sl / SE| ﬁ\
Pt y’=0 c6 mot nghiém Y
f f '1l \o/ l 1 f
-1
A ; +b
3. Dang do thi ham so y:ax (c#0,ad —bc #0)
cx+d

D=ad-bc>0 D=ad-bc<0
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PHAN II: BAI TAP TRAC NGHIEM
Céu 1: Bang bién thién sau ddy 1a ciia ham s6 nao? Chon 1 cau dung.

X — 0 0 2 + 00
y’ - 0 + 0 -
y + o0
\ / 3
. \_OO
A y=x’-3x"-1 B. y=—x"+3x"-1 C.y=x+3x>-1 D. y=—x’-3x-1

Ciau 2: Bang bién thién sau day 1a ctia ham s6 nao? Chon 1 cau ding.

X — o0 1 + o0
y’ + 0 +
y + o0
1 /
—OO/

A y=x"-3x"+3x B. y=-x"+3x"-3x C.y=x"+3x"-3x D. y=-x"-3x>-3x
Cau 3: Bang bién thién sau day 1a ctia ham s6 nao? Chon 1 cau ding.

X — -1 0 1 + 00
y’ 0 + 0 0 +
y -3 + 0

+OO\A_4/ _4/

A. y=x"-3x*-3 B. y=—%x4+3x2—3 C.y=x*-2x*-3 D. y=x*+2x*-3
Céu 4: Bang bién thién sau day 1a ciia ham s6 nao? Chon 1 cau dung.
X —© 0 +®
A - 0 +
y +w\ / +
1

A y=x"-3x*+1 B. y=—x"+3x"+1 C.y=x*+3x+1 D. y=—x*"-3x"+1
Céu 5: Bang bién thién sau ddy 1a ciia ham s6 nao? Chon 1 cau dung.

X — -1 + 0
y’ + | +
y + 00 2
2x+1 x—1 2x+1 x+2
g x+1 ) Y 2x+1 ) Y x—1 Y 1+x
Cau 6: Bang bién thién sau day la cua ham s6 nao? Chon 1 cau dung.
X |- 2 + o
Y - I -
y 1\ +\
— 0 1
A =2x+1 B x—1 Q.y=x+1 D. _x+3

x—2 ARG x-2 Yy
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Cau 7: DO thi sau day 1a ctia ham so nao ?

A y=x-3x-1 B. y=—x"+3x"+1 D. y=—x’-3x" -1

Cau 8: DO thi sau day 1a ctia ham so nao ?

A y=x’-3x-4 B. y=—x"+3x"-4 D. y=—x"-3x-4

Cau 9: DO thi sau day 1a cia ham s6 nao ?

A y=x"-3x>+3x+1 B. y=-x"+3x"+1
Cau 10: Trong hé toa do Oxy, cho ham s y = f(x)
lién tuc trén R va c6 d6 thi ham sb nhu hinh v&. D6 thi
ham so c6 may diém cuc ti€u?

A. 2. B. 0. C.1. D. 3.
Céu 11: Trong hé toa d6 Oxy, cho ham s6 y = f(x) 1
lién tyc trén R va c6 dd thi nhu hinh v&. Tim gia tri 2
ctia x dé ham s dat gia tri lon nhét trén doan [-1; 2]. ]/ _ x

A. 1. B. 2. C.-2. D. 0.

Cau 12: D6 thi sau day 1a ciia ham s nao ?

A y=x"-3x*-3 B. y=—ix4+3x2—3 D. y=x"+2x*-3
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VAN DE 6. SU TUONG GIAO CUA HAI PO TH]
PHAN I. TOM TAT LY THUYET ’ ‘
Cho ham s0 y = f(x) ¢6 do thi (C,)vahamso y = g(x) c6 do thi (C,)
+ Hai d6 thi (C) va (C,) cat nhau tai diém M (x0570) < (x4 ¥,) 1a nghiém cua h¢ phuong trinh
{y = f(x)
y=g(x)
+Hoanh d¢ giao diém cua hai do thi (C,) va (C,)la nghiém cta phuong trinh f(x) = g(x) (1)

+Phuong trinh (1) dugc goi 1a phuong trinh hoanh d6 giao diém cua (C) va (C,)
+S6 nghiém ctia phuong trinh (1) bang s6 giao diém ctia (C) va (C))

PHAN II: BAI TAP TRAC NGHIEM

Céu 1. Cho ham s6 y = x* —8x. S6 giao diém cta dd thi ham s c6i truc hoanh 1a:

A. 0 B. 1 C. 2 D. 3
Ciu 2. S giao diém cua dudng cong y = x° —2x? + x—1 va duong thing y = 1 — 2x la:
Chon 1 cauding A. 1 B. 2 C. 3 D. 0
Ciu 3. S6 giao diém cuia dudng cong y = x* —3x” + x —1 va duong thang y = - 3 +x la:
Al B. 2 C.3 D. 4

Céu 4. Goi M va N i giao diém cua dudng cong y = Tx +26 va duong thang y = x + 2 . Khi d6 hoanh d6

2 . 7 7
trung diém I cia doan MN bang: A. 7 B. 3 C. - 5 D. 5
Céu 5. Tét ca cac gid tri thuc ciia tham sé m dé dudng cong y = (x —1)(x* + x +m) cit truc hoanh tai ba diém
phan biét la:
A.m<1/4 B.m>1/4 C.m<l/4vam#-2 D.m<-2

£ RN , A 2 \ 2 < \ 2x+4
Cau 6. Tat ca cac gia tri thuc cua tham s6 m d€ duong thang y = m — 2x cat duong cong y =

tai hai
diém phan biét la:

m>4 mz=4
A. B-4<m<4 C. D.-4<m<4
m< —4 m<—4

r e : . . +1 .
Cau 7. Gia tri cua m d¢ duong thang y = 2x + m cat duong cong y = x_l tai hai diém phan biét A, B sao
x p—

cho doan AB ngén nhat1a: Am=-1 B.m=1 C.m=2 D.m=-2
Céu 8 Tim m dé dudng thang y = x—2m cét d6 thi hamsd y = al _? tai 2 diém phan biét co hoanh d6 duong
X+
la
m>3 3 1
A.0<m<1 B. Cl<m<— D.0<m<—
m<2 2 3

Céu 9. Cho ham s6 y = x* —6x? +9x+1. Tim m dé phuong trinh: x(x —3)> = m —1 c6 ba nghiém phan biét?
A m>1 B. 1<m<5 “ C. m>3vm<?2 D. m<5
Bai 10: D6 thi ham s6 nao sau day khong c6 diém chung véi tryuc oy:

2
Aly=X Xl B/y=vx*+1 ; Cly=Ax -1 ; D/ y=A/x +1

x*—x+1
Céu 11: Vi gia tri ndo cua m thi phuong trinh x* —4x* + m — 2 = 0 ¢6 bon nghiém phén biét?
A O<m<4 B. 0<m<4 C.2<m<6 D. 0<m<6

Céu 12. Tim m dé phuong trinh: x?(x> —2)+3 = m c6 hai nghiém phan biét?
A m>3vm=2 B. m<3 C. m>3vm<?2 D. m<2
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VAN DE 7. MOT SO BAI TOAN LIEN HE THUC TE

Céu 1. Cho mot tim nhém hinh vudng canh 12 cm. Ngudi ta cat & bon goc cta tim nhom d6 bén hinh vudng
bang nhau, mdi hinh vudng ¢ canh bang x (cm), réi gap tim nhom lai nhu hinh v& duéi day dé duoc mot cai
hop khong nip. Tim x dé hop nhan duoc ¢ thé tich 16n nhét.

A. x=6. B. x=3. C. x=2. D. x=4.

Céu 2: Mot nha may can san xuat mot thing dung nudc bang ton c¢6 dang hinh hop dimg, c6 day 1a hinh

vuong, khong co nép, c6 thé tich 4m3. Tinh kich thudc ctia bé sao cho ton it vat liéu nhat.

A. Cac canh bang Y4 m. B. Canh d4y bang 2m, chiéu cao bang 1m.
C. Canh day bang 1m, chi€u cao bang 2m. D. Canh day bang 3m, chi€u cao bang Em

. 1 C . ’
Cau 3: Mot vat chuyén dong theo quy luat s = = t* +9¢*, voi t(gidy) 1a khoang thoi gian tinh tir lac vat bat

dau chuyén dong va s(mét) 1a quang duong vat di dugc trong khoang thoi gian d6. Hoi trong khoang thoi gian
10 gidy, ké tir luc bat dau chuyén dong, van toc 16n nhit cua vat dat dugc bang bao nhiéu?

A.216(m/s). B. 30(m/s). C. 400(m/s). D. 54(m/s).
Ciu 4: trong cac hinh chit nhét ¢ cing chu vi 14 16 cm thi hinh chit nhét ¢6 dién tich 16n nhét 1a:

A. 16¢cm?® B.8 cm? C.32cm’ D. 15¢cm?

Ciu 5: trong céac hinh chir nhat ¢6 cung dién tich 12 36 cm® thi hinh chit nhat c6 chu vi nho nhét la:

A.24cm B.26cm C. 20cm D. 18cm.
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. ) i CHU PE 2: THE TiCH KHOI PA DIEN
I - KIEN THUC LIEN QUAN
1. Chirng minh dwdng thang vudng goc véi dwong thang
Pé chimg minh A L @ ta sir dung mét trong cac cach sau

Al (a ALb
)CM @) =>Ala 2)CM =Ala
ac(a) allb
Al(a) a’ la hinh chiéu cia a trén (@)
3)CM =>Ala 4)CM =>Ala
all(la) Trong (a):A La'
2. Chirng minh dwong thing vudng géc véi mit phang
bé ching minh A L (&) ta sir dung mot trong cac cach sau
Alac(a) (P) L ()
DCM{ALbc (@)= A L(a) 2)CML(Q) L(a) =ALl(a)
a cit b (P)N(Q)=A
(P) L(a)
al(a)
) CM < (P)n(@)=a =>Al(a) 4)CM AJ) =Al(a)
Trong (P):A La ¢ y
3. Goc giita dwong thing va mit phing v o
Dnghia: (Z(OT)) =(a, a/) véi a’ 1a hinh chiéu vudng goc cua a trén (P) o
Chiy: 0°< (a,(a)) <90°
P A
4. Goc giira hai mat phang o
o Pnghia: ((P),(Q))=(a,b) véi a L(P)va b L(Q). T
e Cach x4c dinh goc giira hai mit phing cit nhau (P) va (Q) R p q

v Buéc 1: Xac dinh giao tuyén A cua (P) va (Q)
v/ Buéce 2: T mot diém 1 batki trén A dung: dudng thang p nam trong (P) va L A
duong thang q nam trong (Q) va L A

Khi d6: ((P),(Q)) =(p,q)
5. Khoang cach tir mét di€ém dén mot mat phang T A
Khodang cach tr diém A dén mat phang (P) la
d(A, (P)) = AH
Trong d6 H 1a hinh chiéu vuong goc cia A trén (P)

P HJ’

6. Cong thirc tinh thé tich khéi da dién

. . 1 .
oTheé tich khoi chop:| V= 5 h.Sasy (h 12 chiéu cao cia hinh chop)

eThé tich khdi ling tru:| V= h.Sasy | (hla chiéu cao cua lang try)

eNote: Cho tir dién S.ABC voi A’ thue SA, B’ thudc SB, C’ thude SC (A’, B’, C’ khong trung véi S).

Khi d6. ta co6: Viopc _ SA' SB' SC'
, . Veige  SA SB SC
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I - PHAN BAI TAP TU LUAN

THE TiCH KHOI CHOP|

Dang 1: Khoi chép c6 canh bén vuéng géc véi ddy

Bai 1. Tinh the tich khéi chop tam gidc SABC ¢6 dudng cao SA vudng goc véi day ABC va tam gidc ABC vudng
tai B. Biét SA=3a, AB=4a, AC=5a
Ds: V =6ad’

Bai 2. Tinh thé tich khdi chop SABCD c6 day ABCD 1a hinh chit nhat AB=a,BC=3a, S4 1 (ABCD).Géc giira
SD vi (ABCD) bing 45° .
bs: V = 3a’

Bai 3. Tinh thé tich khdi chop tam giac SABC c6 day ABC 1a tam giac déu canh a va duong cao SA vudng goc véi
day ABC, mat bén (SBC) tao v6i mat day mét goc 30°

a3

o 24

Dang 2 : Khoi chop co mot mdt bén vuong goc voi day

Ps: =

Bai 1. Tinh thé tich khdi chop tam giac SABC c6 day ABC la tam giac vuodng tai A, BC=a, SB=SC= a3 , (SBC)
2

vuong goc voi (ABC) va mit bén (SAB) tao voi mit ddy mot goc 60°
3

Ds: V:a_
18

Bai 2. Cho hinh chép S.ABCD c6 canh day ABCD 14 hinh vuong canh bang 3a. Mit bén (SAB) 1a tam gidc déu
va vudng goc voi mat day. Goi H 1a trung diém cta AB
1. Tinh thé tich khdi chép S.ABCD theo a.
2. Goi M 1a diém nam trén AD sao cho AM :iAD .Tinh VS.ABM theo a.
3 3
9a°\3 ’ V= 94°\3
] 2 . 16
Dang 3 : Khoi chdp déu
Bai 1. Cho hinh chodp tam giac déu S.ABC c6 canh day bang a.
1. Tinh thé tich khdi chop S.ABC , biét canh bén tao v6i mat day mot goc 60°.
2. Tinh thé tich khéi chép S.ABC , biét mit bén tao véi mit day mot goc 30°.
3. Tinh thé tich khdi chop S.ABC , banh bén SA tao véi canh day AB mot goc 459
3 3 3
LR R R
12 . 72 24 . ) )
Bai 2. Cho hinh chop tr gidc déu S.ABCD c6 canh déy bang a. Tinh thé tich khoi chép S.ABCD

1. Biét canh bén tao v6i mat ddy mot goc 60°.

Ps:1. V=

Ps:1. V=

2. Biét mit bén tao voi mit day mot goc 30°.
3 3
Vo, a3
. 6 18
Dang : Khoi chop & phwong phdp ty so thé tich
Bai 1. Cho hinh chép tir giac déu S.ABCD c6 canh day bang a, canh bén bang ax/E .Goi K 1a diém nam trén SA
sao cho SAM=SA. Tinh ty sb thé tich giira khéi tr dién K.ABC va khdi chop S.ABCD.

Ps:1. V=

Ps: 1/10
Bai 2. Cho hinlg chép tir giac qéu S.ABCD, day la hinh vuéng canh a, canh bén tao Vg'yi day goc 60°. Goi ”M la
trung di€ém SC. Mat phang di qua AM va song song v6i BD, cat SB tai E va cat SD tai F. Tinh thé tich
khoi chop S.AEMF.
a’\J6
8

1

Ps: V =
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THE TICH LANG TRU|
Dang 1: Khoi ling tru ditng c6 chiéu cao hay canh ddy

Bai 1. Cho lang try ttr gidc déu ABCDA’B’C’D’ ¢6 canh day bang a va duong chéo hop voi miat day goc 30°.Tinh
thé tich khoi lang tru
ps: V =1254°6

Bai 2. Cho lang tru dimg ABCA’B’C’ c6 day ABC la tam gidc vudng tai A, AC = a, 1?54 =60°. Duong chéo
BC’ ciia mit bén (BCC’B’) hop voi mit bén (ACC’A’) mot goc 30°. Tinh thé tich ling tru
Ps: V=a'\J6

Bai 3. Day cua lang try ding tam giac ABC.A’B’C’ la tam giac déu . Mit (A’BC) tao voi day mot goc 30° va dién
tich tam giac A’BC bang 8. Tinh thé tich khoi lang truy.
Ps: V=83

Dang 2. Khéi ling tru xién

Bai 1. Cho lang try tam gisc ABC.A'B'C’ ¢6 ddy ABC la mt tam gidc déu canh a va diém A’ cach déu céc diém
A, B, C. Canh bén AA’ tao v&i mp ddy mot goc 60°. Tinh thé tich cua ling tru

a3

4

Ps: V=

va hinh chiéu

Bai 2. Cho lang try tam gidc ABC.A'B'C’ ¢6 day ABC la mot tam giac déu canh a , AA' = a\z/g
ctia A trén (A’B’C”) 1a trung diém ctia B’C’. Tinh thé tich ctia lang try trén.
a3
4
Bai 3. Cho hinh hgp ABCD.A’B’C’D’ ¢6 day la hinh chir nhat véi AB = 3, AD =+/7 . Hai mit bén (ABB’A”)
va (ADD’A’) lan luot tao véi ddy nhitng goc 45° va 60° Tinh thé tich khi ling tru d6 néu biét canh bén
bang 1.
Ps: V=3

Ps: V=

Il - PHAN TRAC NGHIEM TONG HO'P
Céau 1. Khing dinh nao sau day sai?
A. Khdi tir dién déu 1a khdi da dién déu.
B. Khéi lap phuong 1a khi da dién déu.
C. Khdi da dién 1a phan khong gian bén trong dugc gidi han boi mot hinh da dién, ké ca hinh da dién do.
D. Khéi da dién duoc gi6i han bai mot hinh chop déu, ké ca hinh chop déu d6 1a mot khdi da dién déu.
Ciu 2. Khoi da dién déu loai {4; 3}1a:

A.Khéi tir dién déu B.Khéi lap phuong
C. Khoi chop tir giac deu D.Khoi lang try déu
Céau 3. Cho khdi ling tru ABCA’B’C’ ¢6 thé tich 1a 150 em® . Thé tich khéi chop A’ABC la:
A. 150em’ B. 75¢m’ C. 50cm D. 50cm®

Céu 4. Cho khéi chép S.ABCco SA=a L (ABC), AABC vudng tai B, AB=BC =a. Tinh thé tich khdi chop.
3 3 3
AL B. L c. L D. &’
6 3 2
Cau 5. Cho khdi chép S.ABCcéd day ABC la tam gidc déu canh a. Hai mit bén (SAB) va (SAC ) cung vudng
goc voi day. Tinh thé tich khéi chép S.ABC biét SA=a

3 3 3 as\/g

AL B. L c. L D.
6 3 7 2 12
Cau 6. Cho khoi 1ap phuvong ABCDA’B’C’D’ canh a. Tinh thé tich khoi chép A’ABCD
3 3 3
AL B. = c L D. &’
6 3 2

Céu 7. Cho khéi chép S.ABCD c6 day ABCD 1a hinh chira nhat tim O, AC =2A4B =2a, SA vudng goc voi day.
Tinh thé tich khdi chép S.4BCDbiét SD = a~/5
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3 3 3
“;/g B.“f C. *\6 D.“;/g

Cau 8. Cho khéi chop S.ABCD c6 day 1a hinh vuéng canh a. Hai mit phing (SAB),(SAD) cung vudng goc voi
ddy. Tinh thé tich khéi chép S.ABCDbiét SC = a3

3 3 3
a3 AL C.d D. =
9 3 3

Céu 9. Cho khdi chop S.ABCD c6 ddy ABCD 1a hinh chit nhat AD =2a, AB=a.Goi H 1a trung diém cua 4D ,
biét SH L (ABCD). Tinh thé tich khéi chop S.4ABCD biét SA =av/5.

243 g, 443 c 4 b 20

3 3 3 3
Caul10.Cho khéi chép S.ABCD c6 day 1a hinh vudng canh 2a . Goi H la trung diém canh AB biét
SH 1 (ABCD) . Tinh thé tich khéi chép S.ABCD biét tam gidc SAB déu
203 . 43 & DL
3 3 6 3
Caull.Cho khéi chép S.ABC c¢6 day ABC 1a tam gidc can tai 4 voi BC = 2a , BAC =120°, biét S4 L (ABC)va
mit (SBC) hop véi ddy mot goc 45¢ . Tinh thé tich khéi chép S.ABC

3 3 3
AL B. L C. a*\2 D. L
o 3 , 2
Cau12.Cho khoi chép S.4ABCD c6 day ABCD la hinh vudng biét S4 L (ABCD), SC = a va SC hgp voi day mot goc
60° . Tinh thé tich khoi chop S.ABCD
3 3 3 3
a3 B, 6 c a3 p, 42
48 48 24 16
Céul13.Cho khoi chop S.ABCD c6 day ABCD la hinh chir nhat bi€t rang S4 L (4BCD) , SC hop véi day mot goc
45° va AB = 3a , BC = 4q. Tinh thé tich khoi choép S.ABCD

A. 20’ B. 404’ C. 104’ D. 30a’
Caul4.Cho ling tru ding ABC.A’B’C’ ¢6 day la tam giac vudng tai A, AC=a, ACB = 60° . Puong chéo BC’
ctia mit bén (BCC’B’) tao voi miat phang (AA’C’C) mét goc 30°. Tinh thé tich cta khdi lang try theo a

3 3 3
A a*\6 p, 46 26 46

C. D.
3 3 3

Caul5.Cho ling tru ABC.A’B’C’ ¢6 day ABC 1a tam giac déu canh a. Hinh chiéu vudng goc cua A’ xudng (ABC)
5 0 . ‘
a trung diém cua AB. Mt bén (ACC’A’) tao véi ddy goc 45" . Tinh thé tich khdi ling try nay

3a° a3 24°\3 a
A T B. . D. 7
16 3 €73 16
A . . s b e RAeh ok ATl . BAD = 60" A
Cau16.Cho hinh chép S.ABCD c6 day ABCD Ia hinh binh hanh v&i AB=a, AD=2a, , SA vudng gbc

-
. 0 5 . p
véi day, goc giita SC va day bang 60" . Thé tich khéi chép S.ABCD 1a V. Ty s6 L

A2\3 B.V3 cN7 p. 2V7
C4ul7.Cho hinh chép S.ABCD. Liy mot diém M thudc mién trong tam giac SBC. Liy mét diém N thudc mién

trong tam giac SCD. Thiét dién cua hinh chép S.ABCD véi (AMN) la

A. Hinh tam gidc B. Hinh tir gidc C. Hinh ngii giac D. Hinh luc giac

A.

A.

A.

A.

A.

Caul8.bay cua lang tru dimg tam giac ABC.A’B’C’ 1a tam gidc ABC vudng cén tai A c¢6 canh BC = av2 va
biet A'B = 3a. Tinh the tich khoi lang tru

A d B. a’\2 C.2d° D. a*\3
C4au19.Cho lang try tr giac déu ABCD.A’B’C’D' ¢6 canh bén bang 4a va duong chéo 5a. Tinh thé tich khdi ling
try nay

A. 124° B. 184° C.3a° D. 94°
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Ciu20.Pay cua lang try dimg tam giac ABC.A’B’C’ 1a tam giac déu canh a =4 va biét dién tich tam giac A’BC
bang 8. Tinh thé tich khoi lang tru

A. 8 B. 83 C. % D. 1643

Céu21.Cho hinh hop ding c6 ddy 1a hinh thoi canh a va c¢6 goéc nhon bang 60° Pudng chéo 16n cua day bang
duong chéo nho cua lang try. Tinh thé tich hinh hdp

3
AL 2‘/6 B. °\6 C. d D. 24°

C4au22.Mot tim bia hinh vudng ¢ canh 44 cm, ngudi ta cit bo di & mi goc tAm bia mot hinh vudng canh 12 cm
roi gap lai thanh mét cai hop chit nhat khong cé nap. Tinh the tich cai hdp nay

A. 4800cm’ B. 9600cm’ C. 2400cm’ D. 2400/3¢em’
C4u23.Cho lang try dimg ABCD.A'B'C'D' ¢ day la tir giac déu canh ¢ biét raing BD'= a+/6 . Tinh thé tich ctia

lang tru

A a2 B. a’\3 C. 3d° D. 24°

Céu24.Lang try dung tir gidc c6 day la hinh thoi ma cac dudng chéo 1a 6cm va 8cm biét rang chu vi ddy bang 2
lan chi€u cao lang try. Tinh thé tich
A. 480cm’ ~ B. 360cm’ ‘ C. 240cm’ D. 120cm®
Cau25.Cho lang tru dimg tir giac déu co tat ca cac canh bang nhau va bit tong dién tich cac mat cua lang tru bang
96 cm? .Tinh thé tich lang tru
A. 60cm’ B. 64cm’ C. 32¢em’ D. 128cm’
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CHU DE 3: MAT TRON XOAY VA KHOI TRON XOAY
A -TONG HQP LY THUYET
I- MAT CAU VA KHOI CAU
1. Dinh nghia: Mt céu tam I, bén kinh R 1a {M trong khong gian|IM = R}

Khdi cau tam I, ban kinh R 1a {M trong khong gian ‘IM <R}
2. Dién tich mit chu: S =47R’
. 3 4
3. Thé tich khéi cdu: V = E7zR3

4. Giao cia mdt mit cau véi mot dwong thiang
Trong khong gian cho mit cau (S) tim I, ban kinh R va duong thang A
Goi H 1a hinh chiéu coa tdm I trén A
e Néu TH>R thi A khong c6 diém chung véi (S).
e Néu IH=R thi A tiép xuc v&i (S) tai H(Trong triong hop nay ta néi A la tiép tuyén ciia (S) tai H)
e Néu TH <R thi A cit (S) tai hai diém phan biét.

5. Giao clia m§t mit ciu véi mot mit phing
Trong khong gian cho mat cau (S) tam I, ban kinh R va mat phang (P)
Goi H 1a hinh chiéu cta tdm I trén (P)

e Néu IH >R thi (P)khong cé diém chung véi (S).

e Néu IH=R thi (P) tiép xtc vdi (S) tai H A_ ¢’
Trong trwong hop nay ta néi (P) la tiép dién ciia (S) tai H. ~—

e Néu TH <R thi (P) cét (S) theo mdt dudng tron (C) c6 tam 1a H, ban kinh r =+ R* — IH>

I1 - HINH NON VA KHOI NON

1. Pinh nghia hinh nén va khoi nén
PN1: Cho AOIM vuéng tai I quay quanh canh OI. Khi d6 dudng gip khic OMI tao ra 1 hinh nén
e Diém O goi 1a dinh cua hinh noén.
e Doan OI goi 1a chiéu cao cua hinh non.
e Doan OM goi la duong sinh ctia hinh non.
e Canh IM khi quay quanh OI tao ra mat day cua hinh noén.
e Canh OM khi quay quanh Ol tao ra mdt xung quanh cta hinh nén. /
PN2: Khéi non 1a phan khong gian dugc gidi han boi 1 hinh nén ké ca hinh nén d6

(o)

2. Di¢n tich xung quanh ciia hinh nén : S = 7RI/

3. Dién tich toan phan cia hinh nén : Stp = qu + dey = 7RI+ 7R*

. . 1
4. Thé tich khéi nén: V = Eﬂth

III - HINH TRU VA KHOI TRU /\
1. Pinh nghia hinh tru va khéi tru O, A
PNI1: Cho hinh chit nhat OABI quay quanh canh OI. Khi d6 duong gap khiic N— ;

OABI tao ra 1 hinh tru. :

e Doan Ol goi 1a chiéu cao cua hinh tru. :

e Doan AB goi la dudng sinh cua hinh try. ih [

e Hai canh OA va IB khi quay quanh OI tao ra hai mat day cua hinh tru.

e Canh AB khi quay quanh OI tao ra mat xung quanh cua hinh try.

PN2: Khdi tru 1a phan khong gian dugc gidi han boi 1 hinh try ké ca hinh tru d6
2. Dién tich xung quanh ctia hinh tru : Sx g = 27RI

3. Dién tich toan phén ciia hinh tru : Stp = qu + dey =27RI +27R’

4. Thé tich khéi tru: V = 7R
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B - BAI TAP TU' LUAN
Dang 1: Hinh non va khoi non
Bai 1. Tinh thé tich ctia khdi nén c6 chiéu cao bang a va goc & dinh bang 120°.
pS: V = za®
Bai 2. Tinh thé tich khdi nén c6 d6 dai dudng sinh bing 2a,dién tich xung quanh bang bing 27a’.

za’\3
3

Bai 3. Trong khong gian cho tam giac vuong OAB tai O c6 OA = 4, OB = 3. Khi quay tam giac vuong OAB
quanh canh goc vudng OA thi duong gap khiic OAB tao thanh mot hinh nén tron xoay.
a) Tinh dién tich xung quanh va dién tich toan phan cua hinh nén
b) Tinh thé tich cta khdi nén
bS: qu =157 5 Stp =241 ,V =127

Bai 4. Mot hinh non c6 thiét dién qua truc la mot tam giac déu canh 2a.
a) Tinh dién tich xung quanh va dién tich toan phan cua hinh nén
b) Tinh thé tich ctia khdi nén

na*\3

3
Bai 5. Mot hinh nén c6 chiéu cao bang a va thiét dién qua tryc 1 tam gidc vudng.
a) Tinh dién tich xung quanh va dién tich toan phan cua hinh nén
b) Tinh the tich cua khoi non

bS: V=

DS: Sxq 2Ta?%; Sp=23ma%; V=

na’

bS: qu=7r,a2\/§;Stp=(l+\/§) ma?; V=—o

Dang 2: Hinh tru va khéi tru

Bai 1. Tinh thé tich,dién tich xung quanh,dién tich toan phan cua khéi tru ngoai tiép khéi ling tru tam giac déu co
canh day bang 3a va canh bén bang 4b.
DS: V =12a’bx

Bai 2. M4t hinh try c6 ban kinh day béng R va thiét dién qua truc 1a mét hinh vudng.Tinh dién tich xung quanh va
dién tich toan phan cta hinh try. Tinh thé tich cta khdi tru.
DS: Sxq=4TR% Sp=5nR?; V==2nR’

Bai 3. Mot hinh try c6 ban kinh dy r = S5cm va khoang cach giira hai day bang 7cm.
a) Tinh dién tich xung quanh, dién tich toan phan cta hinh try va tinh thé tich ctia khdi tru
b) Cit khéi try boi mot mit phing song song voi truc va cach try 3cm. Hay tinh dién tich cua thiét dién
duoc tao nén
DS: a) Sxq =707 (cm?); Sp=207(cm?); V=175 (cm?) b) S =56 (cm?)

Dang 3: Mt ciu va khéi ciu

Bai 1. Cho tir dién ABCD c6 DA=5a va vudng goc voi (ABC), AABC vuong tai B va AB =3a, BC =4a.
a) Xac dinh mat cau di qua 4 diém A, B, C,D
b) Tinh ban kinh cua mat cau noi trén. Tinh dién tich va thé tich ciia mét cau

Sa\/E 125\/571213
3

2
Bai 2. Cho hinh chép tir gidc déu S.ABCD c6 tat ca cac canh déu bang a.
a) Xac dinh méat cau di qua 5 diém A, B, C, D, S
b) Tinh ban kinh ctia mat cau noi trén. Tinh dién tich va thé tich ciia mat cau
a

2 a’m2

DPS:R=——;S=2a’m; V= \/7

2 3

Bai 3. Cho hinh chop S.ABC c6 4 dinh déu nam trén mﬁ)t mat cau, SA =a, SB=>b, SC =c va ba canh SA, SB, SC
d6i mot vuong goc. Tinh dién tich mat cau va the tich khoi cau dugce tao nén bdi mat cau do.

PS: S= 6ma’; V= na3\/g

DS:R = :S =50ma’; V=
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C - BAI TAP TRAC NGHIEM ‘ , q ,
Cau 1. Goi /, A, R lan luot 1a d6 dai duong sinh, chiéu cao va ban kinh day cta khoi non (N). Thé tich V cia khoi
noén (N) la:

AV =xzR*h B.V:%ﬂth C.V=xnR D. V:%;szl

Ciu 2. Cho hinh nén c6 ban kinh day 1a 34, chiéu cao 14 4a. thé tich ctia hinh non 1a:

A. 157ad° B. 367ad’ C. 12za’ D. 12zd’
Cau 3. Goil, R lan luot 1a @0 dai duong sinh, chiéu cao va ban kinh day cua hinh tru (T). Dién tich toan phan
S,, cua hinh try (T) la:

A.S, =7RI+ R’ B.S,=27RI+ 27R? C.S,=7Rl+ 27R’ D. S, =7Rh+ R’
Cau 4. Cho hinh tru ¢6 ban kinh day 3 cm, duong cao 4cm, dién tich xung quanh cua hinh tru nay la:
A. 247(cm®) B. 227(cm’) C. 267(cm’) D. 20z(cm®)

Céu 5. Mot hinh try c6 ban kinh day 6 c¢m, chiéu cao 10 cm. Thé tich cua khéi tru nay la:

A. 3607 (cm’) B. 3207z(cm’) C.3407z(cm’) D. 3007z (cn’)

Ciu 6. Goi R ban kinh , S 1a dién tich va ¥ 1a thé tich ciia khdi cau. Cong thirc nao sau sai?

A. V:%;ﬂ# B.S =4rzR’ C. S=xR’ D. 3V =S.R

Cau 7. Cho mit cau (S,) o ban kinh R, mat cau (S,)co ban kinh R,va R, =2R,. Ti s0 dién tich cia mit cau
(S,)va mat cau (S) bang:

A B.2 C

8za’ \/E
2

1 A D. 4
2 4

Céu 8. Cho khbi cau c6 thé tich bang , khi d6 ban kinh mit cau la:

a\/g B& a

A. . AL p, 42
3 r 3 1 2 N 3 N
Cau 9. Mot hinh nén ngoai tiép hinh tir dién déu vdi canh bang 3 c6 dién tich xung quanh bang bao nhiéu ?

A. 37T2\/§ B. 37r\/§ C. 277\/5 D. 97T2\/§

Cau 10. Mot khéi non co thé tich bang 307 , néu giit nguyén chiéu cao va tang ban kinh khéi nén d6 1én 2 lan thi
thé tich cuia khdi nén moi bang:

A. 407 B. 607 C. 1207z D.480x

Céu 11. Mot hinh try c6 chu vi cia duong tron dy 13 ¢, chiéu cao cua hinh try gap 4 1an chu vi day. Thé tich cua
khéi try nay la:

26 52

A —- C. 4zc’ D.

V4 o V4
Céu 12. M6t hinh tru ngoai tiép hinh ling tru tam giac déu véi tat ca cac canh bang @ c6 dién tich xung quanh
bang bao nhiéu ?

2 2 2
A @ B. m3\/§ C. @ D. ma*\3

2

3
C

A o, A f QAL ar M 8ra s a1z p o, A1
Cau 13. Cho mat cau c6 dién tich bang , khi @6 ban kinh mat cau la:

A o6 AE] C. a6 b, o2

2 3 3 3 . )
Cau 14. Cho hinh chop tam giac déu S.ABC c6 canh day 1a a va canh bén 1a 2a. Ban kinh cua mat cau ngoai tiép
hinh chop S.ABC la:

2ax/§ a\/ﬁ C a\/§ a\/g

A. B. . D.
11 11 11
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Cau 15. Cho tam giac ABC vuodng tai B ¢6 AC = 2a;BC = a; khi quay tam giac ABC quanh canh goc
vuong AB thi duong gép khiic ABC' tao thanh mot hinh nén tron xoay c6 dién tich xung quanh bang:

A. 7a® B.47wa? C_.27m2 D. 37a’
Cau 16. Cho hinh nén dinh S , duong cao SO ; A;B la 2 diém nam trén duong tron day hinh non sao cho

khoang cac tir O d&én AB bang a . Goc SAO = 30%,94B = 60° . Khi d6 d6 dai duong sinh [ ciia hinh nén la:

A a B. 2a C. a2 D. 2042
Cau 17. Cho lang tru ding ABC.A’B’C’ ¢6 canh bén A4’ = 2a. Tam giac ABC vuodng tai 4 c6 BC = 2a/3. Thé
tich ctia hinh try ngoai tiép khéi lang try nay 1a:
A. 67a’ B. 4ra’ C. 2za’ D. 8za’
Céu 18: Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng canh 2a, SA vubng goc v6i mat phing (ABCD),
SA=2a . Dién tich cia mét cau ngoai ti€p hinh chép S.ABCD la:

A. 67a* B. lgﬂa2 C. 367d’ D.v37ra2 o )
Cau 19: Cho hinh chop tur giac déu S.ABCD c¢6 canh day la a va canh bén 1a 2a. The tich cua khoi cau ngoai ti€p
hinh chop S.ABCD la:

160714 g 20714 o 64a’z4 D, 64a’m14

49 ST - 147 49
Ciu 20. Nguoi ta bo ba qua bong ban cung kich thudc vao trong mot chiée hop hinh tru ¢ day bang hinh tron 16n
clia qua bong ban va chiéu cao bang ba lan duong kinh bong ban. Goi S, 1a tong dién tich ctia ba qua bong ban,

A.

S, 1a dién tich xung quanh cua hinh try. Ti s6 bang:

1
S,
A.l B.2 C. 15 D. 12
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0 ~ CHUDE 4: MU VA LOGARIT
I-TONG HQP LY THUYET
1. Céac tinh chat ciia mii va luy thira
Choa>0;b>0;a,p € R.Khido
ae -F i fay* g% y
ﬁﬂ.ﬁ'& - ﬁﬁ"hﬁ; a_ﬁ' - qﬁ |'E'z; Eﬁ,{})ﬁ - ﬁﬁlﬁﬁ; ;‘F} - E‘_ﬁ; (qﬂ-)ﬁ - q"ﬁ
Néua>1thia*>al <= a>p
NéuO<a<lthia®>aP = a<p
2. Logarit
1. Pinh nghia: a,b > 0; a = 1. S6 o thoa min dang thirc a® = b duoc goi 13 logarit co sd a ctia b va ki hiéu

1a log, b

G mlog. heras mp

2. Cic tinh chat: log, 1 = Q;log, o= 1;a¢" %" m b;log, ("] = g

3. Cac quy tic:a>0;b1>0;ba>0;a# | taco: log, (i) = log, by + log, by

]‘:’Sﬁ? = log; by —logg b
g
-Véia>0;b>0;a#1;0 € R;n € Ntaco:

lﬂgﬁ% - —log. bilog, b¥ = qlog. bilog, WD = :—1193‘; b
-V6il#a>0;b>0;0<c#1taco:

log.. b -:—:E;logﬁﬂ- i (b=1)

logn @

log.c fy = ilwgﬁ bia=0Q)

4. Logarit thap phan, logarit tw nhién: 1@3,.;. & = | X hoic 1{?31@ N - EGQ.%‘; lﬂgﬁ X ow Ny
II - BAI TAP TU LUAN

Bai 1: Tinh:

A E
L A b) (0,04)7%% = (0,125)s
a) | =— = |-
1%
Foog E & B2 By
¢) 87 87 — 3%.3¢ d) (:5 =-} + (:*12&)
Dap s6: a) 24 b) 121 c)-1 d) 150
Bai 2: Cho a, b > 0. Pon gidn cac biéu thirc sau:
L/ & &
) & AE\@ e I B ﬁ%\.?rhbéﬂ.a
a - Tﬁ - b —_—
Gr'r':_ﬁr'rrl'-ﬂ-r'rl )& - E\ At E\ i
Pap s6:a) A=a b)B-gw'ﬁ

Bai 3: Hay so sanh cac cip so sau

o (@) @) 0 B 47

Dap so: a) G}H ?< G}H b) KE < E\ﬁ?

3T |
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LOGARIT
Bai 1: Tinh
2 10g5.527 b logy =
7E _243
c) logﬁi% d log.z =
Piap 4n: a) 2 b) 8 c) _é d)9

Bai 2: Tinh gia tri biéu thirc _

i -

L @ g, mer
) A m GITET 4 2798 4 Bisws 1) B m 167808 = (34F) 7 4 FTob T

Pép én: a) A = 845 b) B om 22
Bai 3: Riit gon biéu thirc sau:
. logs (lags &) ]Gﬁﬁ i hﬁﬁ 2
a) & wm g ST b) R = T T
1 1 1 1
©) C logg (ab] +Jngg iy )L - logg & logg ¢
Dap an: a) 4 = |0g, @ b)B=3 c)C=1 d)D=2
Bai 4: Tinh:
a) logz 7 biét log, 7 m g b) logs 72 bibt log, 3 = g
) logz. 24 biét log,; 50 m g d) Tinh 1g 20 biét log; 0= g
a) 1@8:? m 2 b) 1'@8”? -;"L:
Pép an: =g @i
c) lﬂggg. 24 m - d) Eﬁz - ?

I[HAM SO MU, HAM SO LOGARIT, HAM SO LUY THUA|
Bai 1: Tim dao ham cta cac ham sb sau:

a) 7 mm prisls d) ¥ = 24, goesa
Gl T .

b) v m x,¢" FE g) ) = Cogx. 5

gEwhe” 1 g
& e) V1

Y= galagh )= KE=pehd

Bai 2: Tim dao ham cia cac ham sd sau:

a) v = IN(2x% + x 4+ 3) b) ) = logg COsK

o) v m (2x=1)I(3x" + x) d) y — ¢* In(cosx)

Bai 3: Chimg minh ring

a) Ham sb: - % thoa man hé thire: 2x%y’ = (x?y? + 1)

b) Ham sb: 1" m ™%, ¢@gX thod man h¢ thirc: ¥ ! gy m
¢) Ham sb: 1 o- £4%, #inB x thoa man hé thuc: y” — 4y’ + 29y =0

d) Ham s6: v = &, €% thoa mén hé thirc: xy’ — (1 - x)y =0
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IPHUONG TRINH , BAT PHUONG TRINH MU VA LOGARIT]
Bai 1: Gidi phwong trinh mii

1353 30 121 1.DS: x m =log. 2
-
2. G) -?ﬂﬂﬁ-i 2.bS:x=1,x=-3
e g JAE
3. 81w m E- 2 7n=us 3.DS: x=0;x=20
4. 5" — 53 - 24 4.DS:x=%1
5.?"'2'“ - 3"'&“ —-Gm( 5.PS:x=0
6. GFPVEE =0 _ B 2W=1+VAE =0 o (] 6. Dat £ m 27 "= ps: T -%
7. 5% 85 - 50O 7.DS:x=3;x = —logs 2
8. 8% -+ 18% — 2,377 8.PS:x=0
. .
9.(2—"&;3} +§2+w~'3} =14 9.PS:x=%2
Bai 2: Gidi cac phuong trinh sau
1. logza(4x + 5)° +loga x = log; 27 1.DS: X m 5y mm _‘Ta
2.% =+ logll -+ 2%) m xlogd +log@ 2 DS x =1
3.logz v +logpr+logyym % 3.DS:x m 2
1 2
4 G=igr + dh g -1 4.bS: x=10;x =100
5.loggx=+/10logzx + G m @ 5.DS:x=8
6.%lgld—5%) mxlgd+ g3 6.DS:x wm Qi m logy 3
7.1+ logalx—1) m log, ;4 7.DS: X m H X -%
8. loggw+log, 2 = % 9.DS: x m 4y =2
Bai 3: Giai cac bt phwong trinh sau:
1.’(':’15"2"5'5"1"!E 1 1.BS: x >4 hodacx <2
A
2. (;}“" z 2nd 2.DS: T = (-03-4] U (-3:-1]
3. 55 m 0,008, 254 8w 3.08: T m (=22
4.10g:(2x* +8x—3) > 2 4.DS: T = (:—v:;—g}u (1r=w)

5., 1035(29«'-% x*) = =1 5.DS: T =(-3;-2) U (01)

6.10gz(x + 1)+ log;(ll—-x) < 3 6.DS: T=(-1:2) U (8:11)
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III - BAI TAP TRAC NGHIEM
001. Tinh dao ham ctia ham s6 y = 2017°
, 2017

A,y = 22017 B. ¢y =2017"1n2017 C.y = D. y = 2017"
In 2017
N , . . N e 3 —XT|,,
002. Tap xac dinh ctia ham s6 y = log la:
z+1
A. D = (~1;+00) B. D =(-13) C. D = (~o0;3) D. D = (2;+00)
003. Néu m 1a sé nguyén duong, biéu thirc ndo theo sau day khong bang véi (24 )m ?
A. 47" B. 2" (23’") C. 4”.(2’”) D. 2"
3 .
004. Két qua a> (a>0)1a biéu thire it gon cia phép tinh nao sau day?
Ya’ Aa Ja’
A. Jaifa B. c.a*ia D.
* " a Ja
005. Cho 0<a<1.Ménh dé nao sau day 1a SAI?
5o 1 : Ja 1 1 Va’®
A.a >a2_\5 B. a’> >+/a C.W<W D. a >1
006. Tap xéc dinh ctia ham s6 y =(2-3x)” la:
A. D=R\]Z! 42m B. D=[ 20 27".(237”) C. D=| —0:Z]4m (2) D. D=[—o0: 2|2
3 3 '3
007. Dao ham cia ham s y = ! la:A y'——L B y'—; C.y' —EI D y'——;
o xilx T 43x° . x> 4/x 4 . 43x3
008. Thuc hién phép tinh biéu thirc [(aS.ag ):(a*:a* )]2 (a=0) duoc két qué 1a:
A. & B. a° C.a’ D. a*
009. Chon ménh dé dung trong cac ménh dé sau:
1 1,4 1 \/E 2 T 2 e
A 4B 5 g B. 3 <3V c.l=| <= D.| 2| <|Z
3 3 3 3

010. Cho 1g2 = a. Tinh 1g25 theo a?
A.2+a B.2(2 + 3a) C.2(1-a) D. 3(5 - 2a)

011. Him s y = ¥2x> = x+1 ¢6 dao ham la:

J(2x2 - x+1)
A 1 B. (12x-3)(2¢ -x+1) €. —2L D. -y,
33)(26¢ = x+1) (25 —x+1) 3

012. Cho hamsd y = [ cos(Inz) + sin(In aﬁ)] . Khéng dinh nao sau day 1 dung ?

A 2%y 4y —2y =0 B. 2% —xy —2y =0
c.z?y —azy’ +2y =0 D. 2%y —xy' +2y =0
013. Biéu thirc Vx/x.4x (x > 0) viét duéi dang luy thira véi sb mil hitu ty 1a:
2 7 S 5
A X3 B. X} C. x3 D. x?
014. Cho n* > nf. Két luan nao sau day la dung?
A.a<p B.a>p C.at+tp=0 D.oa.p=1
015. Cho f(x) = ¥/x4/x . Khi d6 £(0,09) bing:A. 0,2 B. 0,4 C.0,1 D.0,3

016. Rut gon biéu thirc: §/x" (x+ 1)6 , ta duoc:
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A. X |x+]| B. - X’ (x+1)’ C.x0(x+1) D. —|x2(x+l)|

017. Him sé y = J1- x> ¢6 tap xac dinh 1a:

A (-1; 1) B.R\{-1; 1} C.R D. (-o0; -1] U [1; +0)
018. Cho f(x) = In|tanx|. Dao ham f [%j bang:A. 1 B.2 C.3 D. 4

019. Cho log,5=a. Khi do6 log, 500 tinh theo a la:
A 3a+2 B. %(3a+2) C.2(5a+4) D. 6a—2

020. Mot ngudi giri 15 triéu dong vao ngan hang theo thé thirc 13i kép ky han mot quy v6i 14i sudt 1,65% mot quy.
Héi sau bao nhiéu quy thi ngudi do co dugc it nhat 20 triéu ?

A. 15 B. 18 C.17 D. 16
(4/a3 b? )4

021. Rut gon : taduoc: A.a’b B.ab? C.a’b? D.ab
3 [aIZ.b6

2 4 2 2 1 4 4 1
022. Rut gon : £a3 +1](a9 +a’° +lj[a9 —lj tadugc :A. a*+1 B. a’+1 C.a’ -1 D. a3 -1

023. Tap nghiém ciia phuong trinh log ; |x+1/=2

A.{-3;2} B.{-10;2} C.{—4;2} D.{3}
024. S6 nghiém cua phuong trinh log, x.log, (2X —1) =2.log, x1a

A.l B.3 C.0 D.2
025. Phuong trinh + 2 =1¢6 tong cac nghiém 1a :

5-log, x 1+log, X
A.ﬁ B.12 C.5 D.66
64

026. Phuong trinh log, (log4 X) =1co nghiém la :

A2 B. 4 C.16 D.8
027. Cho phuong trinh: log, (X3 + 1) —log, (X2 —X+ 1) —2log, X =0 . Phat biéu ndo sau day dang:

A.X#0 B.x>0 C.x>-1 D.xeR
028. Phuong trinh log, (9 =2 ) =3 - X tuong duong voi phuong trinh nao dudi day

A.9-2"=3-x B.x* -3x=0 C.x*+3x=0 D.9-2%+3=27"
029. S6 nghiém cua phuong trinh log, (log2 X) +log, (log4 X) =2 la:

A.0 B.3 C.2 D.1
030. Tap nghiém phuongtrinh log;(4—x)—2log, (4—x)=15 la:

3
A.{5-3) B.{3%:37} c! L o3 p.| 239,27
243 27

031. Phuong trinh log(x2 —T7X+ 12) =log(2x—8) co6 bao nhiéu nghiém:

A0 B.1 C.2 D.4
032. Phuong trinh log, (|x+1|—2) =2 khong twong duong véi phuong trinh nao sau ddy:

A.|x+1-2=4 B.|x+1|=6 C.x+1=6 D.\/x+1=2

033. Phuong trinh 4log,; X+1log, 5 =3 c6 nghiém la:
A.x=5;x=\/§ B.x=1;x=% C.x=§;x:5 D.x=%;x=\/§

034. Tim m dé phuong trinh: logjg x—mlog ; X+1=0c6 nghiém duy nhit nhoé hon 1
A.m=-2 B.m=2 C.m=12 D.Khongtontai m
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CHU PE 5: SO PHUC

I. TONG HO'P LY THUYET.

Dang toan 1. 7im cadc thuodc tinh cuiia sod phéuc thoda madn hieau kiedn K cho trééuc

. Phuong phap giai:

y=>z=..

x, yeR va i’ =—1. Khi d¢, ta can nho:

e Budc 2. Bién doi diéu kién K (thuong lién quan dén modun, biéu thirc ¢6 chira z, z,

e HaisS phttc z, =x, +y,i va z, =x, +y,i duoc goi la bang nhau khi va chi khi {

nhan - chia s6 phuc) voi an z (hodc z). Con néu chifa hai loai tro'1én (z, z,

e Budc1. Goisdphticcan timla z=x+yi voi x, yeR.

e SO phtclién hop clia z=x+y.i 1a z=x—yi (nguoc dau o).

X, =X,

NB=Y

phtic bang nhau khi va chi khi thuc = thyee va ao = o).
e Trong bai toan tim thudc tinh cua s6 phu'c z thoa man di€u kién K cho truoc, néu K la thuan

z

) dé

dua vé phuong trinh hogc hé phuong trinh nho 2 s phtec bang nhau, r6i suy ra x va

& Luuy. Trong truong phttc C, cho s6 phttc z=x+y.i c¢d phan thuc la x va phan o 1a y véi

e Mobndun ctia s6 phitc z=x+y.i 1a |z|= ‘W‘ =** +y* (can cua thuc binh cdng 4o binh).

(hai s6

z (tAt ca déu z) hodc thuan z thi do'la'bai toan giai phuong trinh bac nhat (phep cong — tru -
Z|) thi ta s€ goi
z=x+yi, (v; yeR)=z=x—yi. Tu do s dung cac phep toan trén s& phuc d& dua vé hai s&
phtfc bang nhau khi va chi khi thuc = thuc, ao = ao d€ giai hé phwong trinh tim x, y = z.

Dang todn 2. Biedu diean hinh hoic cuda soa phéuc vag bagi toaun liean quan

Loai 1: Trong mit phing toa d6 Oxy, hdy tim tdp hop diem M biéu dién cic s6 phitc z=x+y.

thoa man diéu kién K cho truée ?

e Budc 1. Goi M(x;y) 1a diém biéu dién s8 phitc: z=x+yi, (x,y €R).

e Budc2. Bién doi diéu kién K dé€ tim mdi lién hé gitra x, y va két luan.

Méi lién hé gittax vay

Két lun tap hop diém M(x;y)

o Ax+By+C=0.

La duong thang d: Ax+ By +C=0.

(x—a) +(y—b)’ =R
X’ +y* —2ax—2by+c=0

La duong tron (C) c6 tam I(a;b) va ban

kinh R=+a*> +b*—c.

(x—a) +(y—b’ <R’
x* +y* —2ax—2by +c<0

La hinh tron (C) c6 tam I(g;b) va ban

kinh R=+a*+b*>—c.

o RI<(x—a)+(y—b)y<R.

La nhiing diém thudc mién c6 hinh vanh
khan tao boi hai duong tron dong tam
I(a;b) va ban kinh lan luot R, va R,.

o y=ax’+bx+c, (a=0).

b A

7

2a  4a

La mot parabol (P) c6 dinh S

2 2 ,. |ME + MF, =2a
Y Y 1 vi ! 2 :
EF, =2c<2a

La mot elip ¢6 truc 16n 2a, truc bé 2b va
tiéu cy la 2c =2va*> —b*, (a>b>0).

o x—fy—:l Véi
b FF,=2c>2a

MF, — MF |=2a
| 1 2 .

La mot hyperbol cé truc thuc la 24, truc
do la 2b va tiéu cu 2c=2va*+b* VvOi
a,b>0.

o MA=MB.

La duong trung triec cia doan thang AB.
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Loai 2: Tim sod phéiic z coll modfiun nhodi nhadt, 16in nhadt thodia maén tinh chadt K cho trééic ?

e Budc 1. Tim tap hop diém biéu dién cac sd phitc z d€ dwge moi lién hé gitra x va v.
?

max

e Buwdc2. Dya vao méi lién hé gitta x va y dbudc1, d€tim |2 , |z
min

& Luu y: Thong thuwong véi loai nay, ngudi ra dé hay cho tap hop biéu dién s§ phirc z 1a mot
duong thang hodc duong tron. Khi d6, ta c6 hai hudng xtt ly: mot 1a stt dung phuwong phap hinh
hoc, hai 1a sit dung phuong phap dai s§ (bat dang thirc).

ang toan 3. Pho6ng trinh baéc hai vag badc cao trong tro6gng soa pholc
Ph66ng trinh baéc hai

Xét phuong trinh bac hai az’ +bz+c¢=0, (x) voi a=0 cd biétsd: A=0b> —4ac. Khi d6:

e Néu A=0 thi phuong trinh (x) c6 nghiém kép: z =z, = b

2a
e Néu A=0 vagoi § lacanbachai A thi phwong trinh (x) c6 hai nghiém phéan biét la:
z, = b+ hoac z, = —b=s
2a 2a
& Luuy
e Hé thiic Viét van dung trong treong phitc C: z, +z, = b 2z, =<
a a

e Can bac hai ctia s6 phttc z=x+yi lamot s phttc w va tim nhu sau:
+ Budcl. Dt w=+z=\[x+yi=a+bi véi x,y, a, beR.

+ Buwdc 2. Bién doi: wz—x+yi—(u+bi)<:>(a2—b2)+2abi—x+yi2<:>{
y:...

ad—b=x |x=-
=
2ab=y

+ Budc 3. Kétluan cac cidn bac hai ctia sd phtic z la w= Jz=a+tbi

Ta c6 thé lam twong tu d6i véi truong hop can bac ba, can bac bon. Ngoai cach tim can bac hai

ctia 58 phitc nhue trén, ta c6 thé tach ghép dwa vé s3 chinh phwong dua vao hang dang thc.
Ph6dng trinh qui vea phé6ng trinh badc hai
Trong giai phwrong trinh bic cao, néu dé cho phwong trinh c6 mt nghiém thuin do, ta thé” z="bi vao phwong
trinh va gidi tim b=>z =bi. Do ¢é nghiém z=bi nén chia Hoocner dé dwa vé phwong trinh bic thip hon ma
da biét cich gidi dé’tim nghiém con lai. Con néu dé bai cho biét c¢6 1 nghiém thiwc. Khi dé cin dén kha ning
nhdm nghiém ciia phwong trinh bdc cao (néu cd i thi ta sé nhim nghiém sao cho triét tiéu di i).

IL. BAI TAP TRAC NGHIEM. ! ]
PHIEU BAI TAP SO 1

Cau 1. Trong nhitng s6 sau s6 nao la s6 ao: \/3, 3/3, 4/3, J=3 , g3
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A. -3 B. Y3 c.J-3 D. J-3;4-3;4-3

Cau 2. S0 nao trong cac s6 sau la s6 thue?

A (V3+20)-(v2-2) B (2+5)+(2-1W5) . (1+1V3) D,gf:

Cau 3. SO nao trong cac s6 sau la s6 thuan ao?

A (V2+3i)+(V2-31) B (V243i)+(V2-31)  c (2+20) p. 243

2-3i
A “ ) R ~ , 2 RV - 1+ i N
Cau 4. Phan ao cua sd phtec z° biét z=4-3I +T la:
+1
A 04 . 64 c. 64 b, 644
25 27 29 31
Cau 5. SO z+7 la:
A. S8 thuc B. S6 40 C. 0 D.2
Cau 6. S§ z-7 la:
A. S6 thuc B. S6 ao C.0 D. 2i
Cau 7. Mddun ctia 1-2ibang
A.3 B. 5 C.2 D. |
Cau 8. Mddun ctia —2iz bang
A. -2[7] B. \/2z C. 2f¢] D. 2
Cau 9. Cho sd phuc z thoa diéu kién 2(z—1) = 3z+(i—1)(i+2) (1). Modun ctaa Z la:
A Y20 B, V26 c. V26 p, Y26
5 10 6 12
. o o 2(1+20) o o, oy
Cau 10. Cho sd phurc thoa (2+1)z +# =7+8I.Modun cua sd phttc W=z +1+1 bang:
+1
A5 B. 6 C.7 D. 8
Cau 11.Phan 4o ctia s8 phtic z, biet z = (/2 +i)*(1-+/2i) la:
A 2 B. 2 C. 2 D. -2
Cau 12.Mddun ctia s6 phitc z=5+2i—(1+i)’ 1a:
A7 B. 3 C.5 D. 2
Cau 13.56 phtic z thda man z2+2(z+7)=2-6i c6 phan thycla
A. -6 B. 2 c -1 D. 3
5 4
Cau 14.Cho s8 phitc thoa man z+(1-2i)Z =2—4i . Tim médun ciia w =2 -2?
A. V10 B. 10 C.5 D. 5
Cau 15.Cho s8 phitc z=5-2i .58 phttc z' ¢§ phandola:
A. 29 B. 21 2 D. =
29 29
Céau 16.Cho s6 phtic z=a+bi . Tim ménh dé diung trong cac ménh dé sau:
A.iz+z=2bi B. z-2=2a C. zz=a’ -0’ D. |’| =z
Cau 17.Tim z = (2 +3i)(2 - 3i)
A z=4 B.z=-9i C.z=4-9i D.z=13
Cau 18.50 phtic lién hop cuia s6 phttc 5+ 2i—3(=7+6i)+ (2—i) 1la?
A. 18+17i B. 18-17i C. —-14+19i D. 28-17i
Cau 19.Phan 4o cta s6 phtic 3 2_| la?

2—1
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NS B. 2 c. i D.Z
5 5 5 3
- -2016
Cau 20.Biéu dién vé dang z=a+bi ctia sd phtc z= %) la s6 phtrc nao?
i
ERLE B. e R D. -
25 25 25 25 25 25 25 25

A o« A2 A2 - X A ’ 3 + 4l 7 A1)
Céau 21.Diém M biéu dién s0 phtrc z=-—-- cOtoadola:
l

A, M(—4:3) B. M(4;-3) C. M(4:3) D. M(~4;-3)
Cau 22.Chon ménh dé sai trong cadc ménh dé sau :
A. S8 phtic z=a+bi duocbiéu dién bang diém M (a;b) trong mit phang Oxy.
B. S6 phttc z=a+bi c6 s6 phitclién hop la —a—Dbi
C.S6 phttc z=a+bi=0<a=b=0
D. S6 phtic z=a+Dbi ¢6 s6 phtec d6i —a—Dbi
Cau 23.Cho s8 phitc z=a+bhi,ab#0.Khi d6 s6 phtic z* la s6 thuan 4o trong diéu kién nao sau day?

A. a=b B. a=-b C. a=1b D. a=2b
Cau 24.Cho s0 phtic thdéa man z+(1- 2i)z=2-4i. Tim moédun cia wW=2>—-2?
A 10 B. 10 C.5 D. /5
Cau 25.Cho z=m+3i,z'=2-(m+1)i. Gid tri nao cia m sau day dé zz'la sd thuc?
{mzl [m=—3 [mz—l {mzz
A. B. C. D.
m=-2 m=-2 m=2 m=-3
Cau 26.Cho s6 phtic z, khi d6 ménh dé sai la
A. ‘z‘ = H . B. 242 la mot so thuec.
C. z.z la mdt so thuec. D. modun ctia z la mot s thuc duwong.
Cau 27.Cho z=m+3i,2’ =2—(m+1)i. Gia tri ndo cia m sau day dé 2.2"1a s8 thuc
A.m=1hoac m = -2 B. m=-2 hoac m = -3
C.m=-1hoac m =2 D. m=2 hodac m=-3
Cau 28.Trong cac sd phtic sau, s6 phitc nao c6 mé dun nho nhat ?
A. z=-3i B. z=1-3i C. z=-3-2i D. z=2+2i

Cau 29.Cho céc s phuc: z, =3i,z, =—1-3i,z, =—2-3i . Tong phan thuc va phan ao ctua sd phtic cd
mo dun 16n nhat trong 3 sd phite da cho la
A 3 B. -5 C. -1 D. 5

Cau 30.Cho cic s6 phiic: z, =1+/3i,2, =—2++/2i,z, =—2—+/3i. Tich phan thuc va phan 4o cta s
phttc c6 mo6 dun nhé nhdt trong 3 s6 phirc da cho la

A3 B. 242 C. 23 D. 242
Cau 31.Cho cac s6 phuc: z, =3i,z, =—1-3i,z, =m-2i . Tap gia tri tham s6 m dé s6 phic z, c6 mo
dun nho nhat trong 3 sd phtre da cho la

A. (—w;—ﬁ)U(x/g;Jroo) B. [_\B;\/ﬂ C (—ﬁ;ﬁ) D. m={—x/§;\5}
Cau 32.Cho cac s0 phtee: 7, =2i,2, =m—-3-2i,z, =1-2i. Tap gid tri tham s6 m d€ s6 phttc z, c6 md
dun 16n nhat trong ba s6 phtc da cho la

A. (2;4) B. (—o0;2)U(4+0) C. [2:4] D. (—0;2]U[4;+00)
PHIEU BAI TAP SO 2
Cau 1. Trén mit phang phtic, tap hop diém bidu dién s8 phitc z c6 phan thuec 1a 2 la:
A. x=-2 B. x=2 C. x=1 D. x=-1

Cau 2. Trén mit phang phtic, tap hop diém bidu dién s8 phitc z c6 phan ao bang 3 la:
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A. X=3 B.y=-3 C.y=3 D. x=2
Cau 3. Trong mat phang phtec im tap hop diém M(z) théa man |Z +1- i| <3

A.Duong thang y =3 B. Duong thang x = -3

C. Puong thang y+x=3 D. Hinh tron tim I(-1;1), R=3
Cau 4. Trong mat phéng toa do Oxy, tap hop diém bi€u dién cic s§ phtic z thoa man
‘Z - (8 - 9i )‘ =31 duong tron c6 toa d¢ tam I va ban kinh R Tan luot la:

A.1(8-9), R=3 B.1(8;9), R=3 C.1(8,9), R=3 D.1(-8;-9), R=3
Cau 5. Trong mit phang toa d6 Oxy, tap hop diém biéu dién cic s§ phtic z thoa man

2lz-i|= |z —7+ 2i| la mot duwong thang c6 phuong trinh:
1 1 1 1

A y=lp B. yo— Ly Cy=dy Dy L2

A y=7x y==7* C.y=gx y=-Sx%
Cau 6. Tap hop céc diém biéu dién ctia s8 phtic z thoa man |2 24_ 3.l =1 la mot duong thang cé

z—4+i

phuong trinh:

A 3x-y-1=0 B. 3x+y+1=0 C.x-y-1=0 D. x-3y-1=0
Cau 7. Tap nghiém biéu dién s6 phtic z thoa Z =1la:

zZ+1

A. Duong tron B. Diém C. Elip D. Duong thang
Cau 8. SO phttc z=2+3i c6 diém biéu dién la:

A (2;3) B. (-2; -3) C. (2;-3) D. (-2;3)
Cau 9. Diém biéu dién cta s6 phtic z = >3 la:

—Jl
A (2:-3) B. 2.2 C. (3:-2) D. (4:-1)
- 13 13

Cau 10.Trén mat phing toa do Oxy, tap hop cac diém biéu dién s& phitc z thoa man diéu kién s&
phutc |zi— (2 +i)|=2 la:

A. 3x+4y-2=0 B. (X+1)’ +(y-2)"=9

C. (x=1)°+(y+2)’ =4 D. x+2y-1=0
Cau 11.Cho s8 phtic z # 0. Biét rang s6 phtic nghich ddo ctia z bang s8 phtic lién hop ctia né. Trong
cac két luan nao dung:

A.zeR B. z 1a mot sO thuan ao

C. |z|=1 D. |Z|=2
Cau 12.Trong mit phang phtic, cic diém A, B, C lan lwot biéu dién ctia cac s& phitc z1=-1 + 3i,
z2=1+5i, z3=4 +1. S6 phttc v6i diém biéu dién D sao cho t& giac ABCD la mot hinh binh hanh la:

A.2+3i B.2-i C.2+3i D.3+5i
Cau 13.Gia st A, B theo th& tw 12 diém biéu dién ctia cac s6 phtic z1, z2. Khi d6 do dai ctia vécto
AB bang:
A. |z|-|z,] B. |z|+|z,| Clz,-1z,)| D. |z,+1z,|
Cau 14. Tap hop diém biéu dién sd phtic z, biét |3 Zi + 4| =2 1a
A.Diém B.Duong thang  C. Duong tron D. Elip
Cau 15.Biét |z-i|= |(1 +1) 2|, tap hop di€m biéu dién s8 phttc z c6 phuong trinh?
A X +y +2y+1=0 B. X*+y*-2y+1=0
C. X +y* +2y-1=0 D. xX*+y’-2y-1=0

Cau 16.S6 phtec z = 2 - 3i c6 diém biéu dién la:
A.(2;3) B. (-2;-3) C.(2;-3) D. (-2; 3)
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Cau 17.Xét cac diém A, B, C trong mit phang phttc theo thit tw 1a cac diém biéu dién céac s§ phtrc

_4TI1;(1—i)(1+2i);23L_6ii. Tam gidac ABC
A. Vuong B. Vudng can C. béu D. Can
Cau 18.Diém biéu dién ctia sd phtic z = Y la:
A. (2-3) B. [3; i} C. (3,-2) D. (4 -1)
13 13

Cau 19.Gia st A, B theo thi tw 12 di€m biéu dién ctia cac sd phtic z1, z2. Khi d6 d6 dai cta vécto
AB bang:

A. |Z1|—|Zz| B. |Z1|+|Z2| C. |22 —Z1| D. |Z2 +Z1|
Cau 20.Trong mat phang phtic cho AABC . Biét rang A,B Tan luot bidu dién cac s§ phirc z, =2 2i
; 2, =—2+4i.Khi d6, diém C biéu dién s8 phtic nao sau day d€ AABC vudng tai C?

A. 2=2-4i B. z=-2+2i C. z=2+4i D. z=2-2i
Cau 21.Trén mit phang toa do Oxy, tap hop cac diém biéu dién s§ phttcc z thoa man diéu kién
lzi-2+1)|=2 1a

A (z+1)i=4 B. (x+1)>+(y=2)*=9
C. (x=1)+(y+2) =4 D. x+2y—1=0
Cau 22.Biét |z—i|=|(1+)Z|, tAp hop diém biéu dién s& phtic z 6 phuong trinh?
A X +y +2y+1=0 B. X’ +y =2y+1=0
C. X+y +2y-1=0 D. X’ +y>-2y-1=0

Cau 23.Trong mat phéng phtc, goi A, B, C Ian luot la cac diém biéu dién ctia cac sO phtic z1 = —1+34,
z2=1+5i,z3=4+1. S8 phttc véi diém biéu dién D sao cho tit gidc ABCD la mot hinh binh hanh la:
A 1-2i B.2-1 C.1+2i D.-2+1

Cau 24.Trén mit phang toa d6, cho s§ phtic z = z + yi (x,y € R)céc diém biéu dién » va z doi

xtng nhau qua

A. truc Ox. B. truc Oy. C. gbc toa dd O. D. duong thang y = x.
Cau 25.Cho s8 phtec z = 6 + 7i. S& phtec lién hop ctia z ¢6 diém biéu dién la

A. (6; 7). B. (6; 7). C. (-6; 7). D. (-6; 7).
Cau 26.Cho sd phtic z thoa man: |z—1+i|= ‘E+l—2i‘ . S8 phttc z c6 m6 dun nhé nhat la:

A._—3—ii B._—3+ii C.§+ii D.g—ii

5 10 5 10 5 10 5 10
Cau 27.Tap hop cac diém biéu dién sd phtic z thoa man: |z + oo
z
A X2 +y2—2y—1=0 B X+ Yy +2y+1=0
Xy +2y-1=0 X +y =2y +1=0

c X +y +2y-2=0 D X'y +2y-1=0
X +y?—2y-2=0 X +y?-2y-2=0

PHIEU BAI TAP SO 3
Cau 1. Trong tap hop sd phtic, can bac hai cua -4 la:
A.-2i B. 2i C. £2i D. -2

Cau 2. Can bac hai cia so thuc a am la:
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‘a‘ B. —i ‘a‘ C.+i ‘a‘ D.i ‘a‘
A.
Cau 3. Tim s8 phtic z c6 phan ao khac 0, théa man |z—(2+1)| =10 va zz=25?

A. 443i B. 4-3i C.3+4i D. 3-4i
Cau 4. Goi z, va z, [an luot 1a nghiém cua phuongtrinh: 2> —=2z+5=0. Tinh F = |z1| +|z2|

A 25 B. 10 C.3 D.6
Cau 5. Giai phuong trinh trén tap s6 phitc: 2X> —6X+29=0

A.x:3+7I B. x1:3+7|;x2:ﬂ C.x=ﬂ D. x=3%7i
2 2 2 2
Cau 6. Tap hop cac nghiém ctia phuong trinh z = i la:
Z+1
A. {0;1-i} B. {0} C.1-i D. {0,1}

Cau 7. Nghiém ctia phrong trinh sau trén C: 22 —47-5=0
A z,=-1z,=5,1, =—2—\/7i,z4 =-2+47i B.z =12z =-5
Czy=1,2,=-52=2+V7i,2,=2—+7i D.zy =2 ++7i,2z, =2 —7i
Cau 8. Giai phuong trinh sau trén C: z*-9z° +182-9=0,

+/3i —3+4/3i —3443i
Az,= 33 r g = 33 B.z; = 3i\/§l/ Z34 = ESEL
2 2 2
Cz,= _31;51, 234 = —3ifl D.z,, = —3ifl, 234 = _3i2 -
.\ 4
Cau 9. SO nghiém cua phuong trinh (ﬂj =1 trén treong so phuec la:
z-i
A2 B.3 C4 D.5
Cau 10.Nghiém ctia phuong trinh sau trén C: z° +2|z|-35=0
A z2=35 B. z=14 C.z=13 D. z=%2
Cau 11.Nghiém ctia phuong trinh sau trén C: (z+3) +(z2+5)" =16
2= +3 +5 +3i
Z,, =L Z,, =X Z,, =11
A |z =-5 B.| ™ c.|™ D. |
. Z,, =470 Z,, =470 Z,, =—4x7i
Zy, =417 ' ) ’

.\ 4
Cau 12.Nghiém ctia phwong trinh sau trén C: (EJ =16

Z+i
z, =-3i B _ 1.
| 7, =13 7, =13 7, = i?’
A, 7 =—3i B. . _x4-si C. L _xA3i D. 3
34 T 34 _=
+4-3i > > 54T
34 = 5

Cau 13.Tim s8 phtic z thoa man 22 +1=—1+243i ?
A 1++/3i va 1-3i B. 1++/3i va —1-+/3i
C. —1++/3i va 1-+/3i D. 1-/3i va ~1-/3i
Cau 14.Goi z, va z, 1a cdc nghiém caa phuwong trinh 722 —2z+5=0.Tinh P=z/ +2]
A.-14 B.14 C.-14i D. 14i
Cau 15.Goi z,1a nghiém phtic c6 phan 40 am ctia phuwong trinh 7> +2z+3=0. Toa d0 diém M biéu
dién s8 phtic z, la:

A. M(~1;2) B. M(~1;-2) C. M(-1;—+2) D. M(~1;—/2i)
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Cau 16.Cho s8 phttc z cd phan 4o 4m va thoéa man z°-3z+5=0 . Tim m6 dun cta s§ phtc:

w=27-3++/14
A 4 B. J17 C. 24 D.5

Céau 17.Cho s6 phtrc z=3+4i va 7 la s6 phtc lién hop cua z. Phuong trinh bac hai nhan z va z

lam nghiém la:
A 2-67425=0  B.+62-25=0 C.zz—6z+%i=0 D.z2—6z+%:0

Cau 18.Trong C, cho phwong trinh béac hai az’ +bz+c=0(a#0). Goi A=b>-4ac. Ta xét cadc ménh
de:

1) Néu A 1a s0 thuc am thi phuwong trinh (*) vo nghiém

2) Néu A #0 thi phuong trinh c6 hai nghiém sd phan biét

3) Néu A=0 thi phuong trinh c6 mét nghiém kép

Trong cac ménh dé trén:

A. Khong c¢6 ménh dé nao ding B. C6 mot ménh dé dung

C. C6 hai ménh dé dung D. Ca ba ménh dé déu dung
Cau 19.Trong C, phuong trinh z* +4 =0c6 nghiém la:

A z=2i B. z=1+2i C z=1+1 D. z=5+2i

z=-21 z=1-2i z=3-2i z=3-5i
Cau 20.Trong C, phuong trinh 4 " =1-1i co nghiém la:
Z+
Az=2-1i B.z=3+2i C.z=5-3i D.z=1+2i

Cau 21.Cho phuong trinh z° +bz+c=0. Néu phuong trinh nhan z=1+i lam mot nghiém thi »,c
bang b,ceR:

A {b:?) Bl {b:l c {b:4 Q{b:—2
c=5 c=5 c=5 c=2

Cau 22.Cho phuong trinh z° +az* +bz+c=0. Néu z=1+i,z=2 la hai nghiém cta phuong trinh thi
a,b,c bﬁng a,b,ce R

a=—4 a=2 a= a=0
A.<b=6 B. <b=1 C.<b=5 D.<b=-1
c=—4 c=4 c= c=2

Cau 23.Goi z, va z, la cac nghiém ctia phuong trinh z* —4z+9=0. Goi M, N la cac diém biéu dién
cta z, va z, trén mit phang phtic. Khi d6 d6 dai ctia MN la:
A. MN=4 B. MN =5 C. MN =245 D. MN =245

A : T A s 1 f e )
Cau 24.Goi z, va z, la cdc nghiém ctia phuong trinh z+-=-1. Gid tri ctia P=z +z, la:
Z

A.P=0 B.P=1 C.P=2 D.P=3

Py - AN ~ ’ d N\ 1 .7 . ? 1 \
Céau 25.Biét s§ phitc z thoa phurrong trinh z+—=1. Gid tri ctia P =2z""" + —— la:
z z

A.P=0 B.P=1 C.P=2 D.P=3
Cau 26. Tap nghiém ctia phuong trinh z* —27° -8=01a:
A {+2; 22i) B. {+2i; +2] C. {+2; +4i) D. {+2; +4i)
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CHU PE 6: TOA PO TRONG KHONG GIAN OXYZ

Dang toan 1. cic viN bE co BAN VE HE TRUC TOA DO 0XYZ
A - PHUONG PHAP GIAI TOAN
1- Hé truc Oxyz: Goc toa d6 O (0; 0;0) .

X,, - hoanh do Vo
* Diém M(xM;yM;zM) trong d6: {y,, : tung do
z,, . cao do
OM = IMZ—FyMj—i—ZMIZ
* Tryc toa do: y=0 y=1€R| TrucOziy=0
z2=0 z2=0 z=t€R
* Mit phang toa d¢: Mp(Oxy): z2=0 Mp(Oxz):y =0 Mp(Oyz): x =0
2-Cac phép toan: Cho céc vecto a(al,az,ag) b (b b2,bg) ke R.
i+b= E(a +b;a, +bya, +0 ) ka = <k’a1;ka2;ka3).
@b = a.b +a,h, + a.b, (Tich v hudng) a| = \/(al )+ (a,) +(a,)
3-Héqué:A(xA;yA;zA>; B( T3y 2 ) ( T3y ? )
I 2 2
AB:(xB—xA;yB—yA;zB— ):>AB ‘AB J; -z, B—yA) +<zB—zA)
' x, —kx
Ty = Al—k .
. : . - —_ —k
Diém M chia doan thing AB theo ty s6k (k= 1) & MA = kMB & |y, = %
z, —kz
u = Al_kB
H¢ qud 1: Cong thic trung diém: | HE qua 2: Cong thic trong tam: G(z,;y,:2,) cua
II:M L, =TTt
2 G 3
, Yy, +y
I(z,;y,:2,) cua doan AB. yy, = & . B tam giac ABC' {y, :W
ZIIZA_I_ZB . :ZA—I-ZB-i—ZC
2 G 3

4-Goc gitra hai vecto:a (a a,;a. ) I;(b 1b,5b, )

17772773

ab, +ab, +ab,

o Yo + ) + (o o) + ) +.)

* Dic biét: a’u}'@a.ﬁ:o@ab +ab, +ab, =0

Goi ¢ = (5,5). Lac d6:  cosp =

Ql @1

5- Diéu kién d¢€ hai vecto @ (a a;a ) b (b b,;b ) cung phuwong:

1772773 2773
a, = kb,
3keR\{0}: G=k & {a,=kb, hay ~-=-2="2 nOu bbb =0
S Doa a, ; ayb 1 nOu 0,.0,.0,

b
ag — k’b3 1 2 3
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6- Tich c6 hudng cuaa hai veto: @ <a a,;a, ) I;(bl;bQ;bg) .

1772773
* Cong thiee: ( Quy tch'M)
a (al,aQ,ag)} N [5,5] _ [ :

b (bl,bQ,b3>

:(b —baab —ba:ab — b)

27377371 37177172

e Tinh chat:

AN AN
8 8
o
© S
SIS
3
Gl
TR
s g
AN
=S S
09 oQ
(@)
e
EYR
=L
I =
o
;\
Y
o

7- M6t s6 cong thirc can luu y: B
* Dién tich tam gidc ABC:

S, - %HA‘E,A‘E] N

ABC

D C

- Dién tich cia hinh binh hanh ABCD 1a §_, = ‘[ZE,ZB”- /
A

A B

- Thé'tich hinh hop ABCD.A'B'C'D: | — D ¢

v -

ABCD.A'B'C'D' AB AD] AA'

A

= Thé tich ttt dién ABCD: L ¢ 1
Visen = %HZB,A—C.’.}ZB (= %chz‘éu cao. S ddy) k‘
D<

B- BAI TAP TRAC NGHIEM

Caul. Trong hé toa do Oxyz cho cac vecto a = (1;2;3); b = (—=2;4;1); ¢ = (—1;3;4). Vecto
;:23—3E+5Z co toa d0 la:

A.(T; 3; 23) B.(T; 23; 3) C.(23; 7; 3) D.(3; 7; 23)

Cau2. Trong khong gian Ozyz cho ba vecto ;(1;—1;2),3(3; 0;—1),;(—2; 5;1), vecto E = ; —1—8—2
co toa do la

A. (6,-6;0). B. (—6;6;0). C. (6-0-—6). D. (0;6;—6).

Cau3. Trong khong glan Ozyz, cho ba Vecto a=(1;2;3), b (—2;0; 1),2 =(—1;0;1). Tim tga d0 caa
vecto n:a+b+20—32

A.n=(-626). B. n = (6:2-6). C. n = (0;26). D. n=(-6:2-6).

Cau4. Trong khong gian Oxyz, cho ; = <5;7;2),Z = (3; 0;4),; = <—6;1;—1). Toa do cta vecto
n =ba +6b+4c — 3i Ia:

A.n = (16;39;30) B.n=(16,-39;26)  C.n=(-16;30;26)  D.n = (16;39;30)

Cau5. Trong khong gian véi hé toa dd Oxyz cho ba vecto a = (5;4;—1), b = (2;,—5;3) va ¢ thoa hé

thitc @ +22 = b . Toadod ¢ la:
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C. —é;—gﬂ D. —g;—g;l
2 2

A.(—S;—9;4) B.[g;g;—Z

Cau 6. Trong khong gian véi hé truc toa d6 Oxyz cho cac vecto ; = (1;1 — 2); [7 = (—3; 0; —1) va diém
A(0:2:1) toa d6 diém M thoaman: AM =2a —b la:

A.M (—5;1;2) B.M (3;—2; 1) C. M(1; 4;—2) D.M (5;4;—2)

Cau 7. Trong khong gian vdi hé toa do Oxyz, cho vecto A0 = 3(;-1— 4;) — 2k + 5;. Toa d6 cua

diém A 1a
A.(3,—2,5) B.(—3,—17,2) C.(3,17,—2) D. (3, 5,—2)

—

Cau 8. Trong khong gian voi hé toa dd Ozyz cho tam giac OAB ¢6 OA=i— ; , OB = 2i + ; -k .
Toa do trong tam G cta tam giac OAB ¢6 toa d¢ la:

A. G §;0;—l B. G 1;0;—l C.G(3;0;—1) D. G l;O;—l

2 2 3 3 3
Cau9. Trong khong gian Ozyz cho 3 diém A ,B,C thoa: 074 = 2;—1— ; — 3%; O—B' :Z—I— 2; + %;
0C = 3i + 2} —k véi ;; ;; k 13 céc vecto don vi. Xét cac ménh dé:

(1) AB=(-114) ; () AC=(112)
Khang dinh nao sau day ding?

A. Ca (I) va (II) déu dung B. (I) dung, (II) sai

C.Ca (I) va (II) déu sai D. (I) sai, (II) dang

Cau 10. Trong khong gian véi hé toa do Ozyz, cho 3 diém A(3; 1; 1), B(7; 3; 9), C(2; 2; 2) . Tim toa
do trong tam cua tam giac ABC:

A. G(6:3:6) B. G(4;2:4) C. G(-4-3-4) D. G(4;3;,—4)

Cau11. Trong khong gian Ozyz cho tam giac ABC voi A(1;—4;2), B(—3;2;1),C(3;—1;4) . Khi do

trong tam G ctia tam giac ABC la:

A altiit B. G(3—9:21) calt—it p.glt LT
3 3 2 2 4 45
Cau 12. Trong khong gian Ozyz cho vecto a=i— ; + 2%, do dai vecto a la:
A. 6. B. 2 . —/. D. 4
Cau 13. Trong khong gian Ozyz cho hai diém A<1;2; 0) , B (1; 0; —1). Do dai doan thang AB bang?
A.2 B. 2 C.1 D. 5

Cau 14. Trong khong gian Oxyz, khoang cach gitra hai diém M (1; —1;\/5 ) va N (\/5 ;\/5 ; NE ) bang

A.MN =14 B.MN =6 C.MN =332 D.MN =15

Cau 15. Trong khong gian Ozyzcho ba diém A(l; 0;—3),B(2;4;—1),C(2;—2;0). P06 dai cac canh
AB,AC,BC cta tam giac ABC lan luot la

A. 21,414,437, B.V1LVI4,437.  C.\2Li337.  D.v2113.435.

Céau 16. Trong khong gian Oxyz, cho A<2;—1;6>, B<—3;—1;—4>, 0(5;—1;0). Tam giac ABC la:

A.Tam giac thuong B.Tam giac can C.Tam giac déu D.Tam giac vudng
Cau 17. Trong hé truc Oxyz , M’ la hinh chiéu vuong géc cia M (3, 2, 1) trén Ox th1 M’ ¢6 toa 3o la:
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A.(0,0.1) B.(3,0,0) C.(-3,0,0) D.(0,2,0)
Cau 18. Trong hé truc Oxyz cho M (3, 2,1) . Goi A, B, C lan luwot 1a hinh chiéu ctia M trén cac truc

Ox, Oy, Oz. Tong cac toa do ctia 3 diém A, B, C la:
A.6 B.12 C.18 D.3

Cau 19. Trong hé toa do Oxyz, cho A(—1;2;1>,B<1; 1;1),0(0; 3;2) .toa d6 cua E,B—)C

la:

A. (-1;-23) B. (1,2,3) C. (-L-2-3) D. (—1;2-3)
Cau 20. Trong khong gianOzyz cho ba diém A(—1;2;0), B(—1;0;—1),C(0;1;—2) . Dién tich tam giac
ABC bang

A1 (dodp) B. % (dvdb) C. 2(dvdt) D. % (dvdt)

-

Céau 21. Trong khong gian Ozyz cho 074 :;— Jj+ %, @ = 2;— 3; + 2%, % = 4;— 2; + 2%. Dién
tich tam gidc ABC'bang

N

A./30 (dvdy) B. % (dvdy) C. % (dvdt) D. 15 (dvdt)

Cau 22. Trong khong gian v6i hé toa dd Ozyz cho 3 diém A(l; 0;0), B(O; 0; 1), C<2; 1;1). Dién tich
ctia tam giac ABC bang;

A7 g1 s p.J6
2 2 2 2
Cau 23. Trong khong gian Oxyz, cho A (1; 0; 0) ,B (0;2; 0) ,C (2; 1; 3) .Dién tich tam gidc ABC la
N p. 0 c.3 D.3V6
2 2 2
Cau 24. Trong khong gian Oxyz cho A(3;4;-1), B(2;0;3), C(-3;5;4). Dién tich tam giac ABC la:
A. 1262 B.—\/? C.7 D.—3279

Cau 25. Trong khong gian Oxyz cho tam gidc ABC cd A(l; 0; 1>,B<0;2;3),C’<2; 1;0). b6 dai duwong

cao cua tam gidc ké tir C la

A6 B.26 C.@ D.@
Cau 26. Trong hé toa d6 Oxyz , cho hai diém A(l,—Q,O) va B(47 1,1). b6 dai dwong cao OH cua
tam gidc OAB la:
AL p. [% c. /o p. 319
J19 19 86 2

Cau 27. Trong hé toa dd Oxyz , ba dinh ctia mot hinh binh hanh c6 toa d 1a(1;1;1),(2;3;4),(7;7;5).
Dién tich ctia hinh binh hanh d6 bang

A. 24/83. B. /83. C. 83. D.@.

2
Cau 28. Trong hé truc tga do Oxyz cho hinh binh hanh ABCD véi A = (1; 0;1), B= (2;1;2)Vé giao

diém ctia hai dudng chéo 1a I g; o;g] . Dién tich ctia hinh binh hanh ABCD Ia:

A. 5 B. 6 C. 2 D. 3
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Dang toan 2. Phudng trinh méat phing
A -PHUONG PHAP GIAI TOAN
1) Vécto phap tuyén, cip vécto chi phuong

— Vécto n = 0 la vecto phap tuyén cua mat phiang (P) néu gia n vudng goc voi (P).

— Hai vecto ;, b khong cung phuwong la cap vecto chi phuwong cua
mat phdng (P) néu gid cua chung song song hodc nam trén T E mat
phang (P).

— Néu q, bla mdt cap vecto chi phuong cua méat phang (P) J thi
n= a,b la'1 vécto phap tuyén cua méat phang (P). P

— Néu n =0 la1vecto phap tuyén cua mat phang (P) thi k.ﬁ, (k = 0) cung la vecto phap
tuyén cua mat phang (P).
2) Phuong trinh tong quat ciia mit phing: (P): Az + By +Cz+ D = 0.
— Néu mat phang (P) co phuong trinh (P): Az +By+Cz+D =0 thi n, n,, = (4 B;C) lamot
vecto phap tuyén cua mat phang (P).
— D& viét phuong trinh mat phang (P), ta can xac dinh 1 diém di qua va 1 vécto phap tuyén.

e Diqua M( T3Y32,)
‘| VTPT:n, =(4B;C)

=|(P): Az~ )+ B(y—y)+C(z—2)=0|

3) Cac truwong hop dac blPt.

Caché s6 | Phuong trinh mit phang (P) Tinh chéat mit phang (P)
D=0 (P): Az+By+Cz=0 (P) di qua gbc toa do O

A=0 (P):By+Cz+D=0 (P) || Oz hodc (P)D Oz
B=0 (P): Az +Cz+D=0 (P) || Oy hoac (P)D> Oy
C=0 (P): Az+By+D =0 (P) || Oz hoac (P)D> Oz
A=B=0 (P):Cz+D=0 (P) || (Oxy)hoac (P) = (Oxy)
A=C=0 (P):By+D=0 (P) || (Ozz)hodc(P) = (Oxz)
B=C=0 (P): Az+D =0 (P) || (Oyz)hoac (P)=(0Oyz)

*Luu v:

— Néu trong phuong trinh cua mét phang (P) khong chufa an nao thi' (P) song song hoac chufa
truc teong ung.

— Phuong trinh mat phéng (P) cdt cac truc toa do tai cac diém A(a;0;0), B(0;b;0), C(0;0;¢) la

(P): Zy % +221 (goi la phwong trinh mat theo doan chdn).
a c

— Khoang cach tir diém M(z ,) dén mat phang (P): Az 4+ By + Cz + D = 0 dwoc xac

Y %)
Az, + By, +Cz, + D]
\/ A’ + B> +C?
B - CAC DANG BAI TOAN PHUONG TRINH PUONG THANG
BT 1. Viét phuong trinh mat phéng trung truc ctia doan théng AB vdi toa do A, B cho trudc:

dinh boi cong thire: d(M;(P)) =

Mat phing trung triee (P) cua doan AB la mp di qua va vudng goc tai trung diém I cua AB. ,

N TP SR

— mp B

o VIPT :n,, =AB=(z, — 2y, —¥,;:%; —2,)
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BT 2. Viét phwong trinh mit phang (P) di qua diém M va cé cdp vécto chi phuong ;, b cho

-

, e Di qua M «—a
trage - (P [
o VIPT:n, =|ab /P

BT 3. Viét phuong trinh mat phiang (P) di qua ba diém A, B, C khong thang hang

i e Di qua A, (hay B hay C)
—L s mp(P): 4,

o VIPT :n,,. = AB AC
BT 4. Viét phuong trinh mp(P) di qua M, vudng géc mp(Q) va mp(P) || A: Q
Q) -
p e Di qua M(:vo,yo,zo) A Z
I (P e T —_ -
° VTPT:n(P): Mgy U /g

BT 5. Viét phuong trinh mp(P) di qua M(z;y ;2 ) vasong song voi (Q): Ar+By+Cz+ D=0
. ( {o Di qua M(z,,y ,z,)

—— mp(P

E—

) =
o VIPT :n, =n, =(45;C)

BT 6. Viét phuong trinh mp(P) di qua M va vudng goc véi duong thang d di qua 2 diém A va B
, e Di qua M - —
s (P)

—— mp : e — o Npy = Uy = E
e VIPT:n, =u,=AB m
BT 7. Viét phuong trinh mat phang (P) di qua 4, B va vudng gbc véi mp(Q)
e Di qua A, (hay B)

° VTPT:n(P) = AB,n(Q)

BT 8. Viét phrong trinh ctia mit phang (P) di qua diém M va chita dwong thang A:

—L Trén duomg thing A ldy diém A va xdic dinh VICP Z M _ NS
Uy
e Diqua M %

Khi do” mp(P): T
° VTPT:n(P):[AM,uA

BT 9. Viét phuong trinh ctia mit phang (P) di qua hai duong thang citnhau A, A :

i e Di qua MGA (hay M € A)) ——— 7
—L s mp(P): — — N
o VIPT: Mipy = |Up Uy, M L

BT 10. Cho 2 dudng thang chéo nhau Au A,. Hay viét phuong trinh (P) chtta A, va song song

o Diqua MeA, (hay M €A,)) Ua,
/ o >/

—_—

A, — " mp(P):

VTPT : n( Uy Uy
BT 11. Viét phuong trinh mp(P) qua M va vudng gbc vdi hai mp mp(a), (6): ( )
e
i e Di qua M %
—L— mp(P): e e
* VIPT:m, = [”(a)’”w)] PO
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BT 12. Viét phuong trinh mit phang <P) di qua diém M va giao tuyén ctia hai mat phang (a), ( ﬁ)
— . Chon A, B thudc giao tuyén hai mdt phing (oz) va (ﬁ) = A Be (P) Cu thé:

Cho: z =z = {Alx + By = _<Clz" * Dl) = {x T A(,,) € (P>
? AQ:v—i—Bzy:—(C'an—kDQ) y=..
Cho: s =z = 15’1@/ +Oz= _(Alx" +D1) = [y TS B(,,) € (P)
’ Bzy+c2zz_(A2$a+D2) 2=
o e Diqua M
Khi do mp(P): . VTPT:%:[E,W]

C - BAI TAP TRAC NGHIEM
Caul. Trong khong gian Oxyz mit phang (P) di qua diém M(-1;2;0) va ¢6 VTPTﬁ:(4;O;75) c6 phuong

trinh la:

A.4x-5y-4=0 i B.4x-5z-4=0 C.4x—5y+4=07 D.4x-5z+4=0

Cau 2. Chobadiem A(2;1;-1); B(-1;0;4);C(0;-2-1). Phuong trinh mat phang nao di qua A va vuéng goc BC

A. x-2y-5z-5=0 B. 2x-y+52:5=0 C x-3y+5z+1=0  D.2x+y+z+7=0 ,

Cau 3. Trong khong gian Oxyz, cho diém G(1;1;1), mat phang qua G va vudng goc voi duong thang OG cé
phuong trinh:

Ax—y+z=0 B.x+y+z-3=0 C.x+y+2z=0 D.x+y—z-3=0

Cau 4. Mat phfmg di qua D(Z; 0;0) vudng goc voi truc Oy c6 phuong trinh la:

A.z=0 B.y=2 C.y=0 D.z=2

Cau 5. Viét phuong trinh mit phang trung truc ctia doan thing AB voi A(1;2;—4), B(5;4;2).

A.10x+9y +5z2—-70=0 B.4x+2y+6z—-11=0 C.2x+y+3z2—-6=0 D.2x+3z—-3=0

Cau 6. Trong khong gian Oxyz mdt phang trung truc ctia doan thang AB c6 phuong trinh 1 ,v6i A(1;2;-3)
, B(—3;2,9)

A. -x-3z-10=0 i B. -4x+12z-10=0 C. x-3z-10=0 D. -x+3z-10=0

Cau 7. Cho hai diém A(-1;3;1), B(3;—1;—1). Khi d6 mat phang trung truc cua doan thang AB c6 phuong
trinh 1a

A.2x+2y—z=0 B.2x+2y+2z=0 C.2x—2y—z=0 D.2x—-2y—z+41=0

Cau 8. Viét phuong trinh mit phang di qua diém B(1; 2; -1) va cach gbc toa d6 mot khoang 16n nhat.

Ax+2y—z—-6=0 B.x+2y—2z—-7=0 C.2x+y—z-5=0 D.x+y—2z2-5=0

Cau9. Cho 3 diém A(1;-2; 1), B(-1; 3; 3), C(2; —4; 2). Mot VTPT i cua mdt phang (ABC) 1a

A.1i=(-1;9;4) B.7=(9;4;1) C.1i=(4,9;,-1) D.7i=(9;4;,-1)

Cau 10. Cho mit phing (o) di qua diém M(0;0;—1) va song song voi gid cua hai vecto ;z(l;—Z;B)Vé

b= (3;0;5) . Phuong trinh mat phang (a) la:

A.—5x+2y+3z+3=0 B.5x -2y —3z-21=0 C.5x—2y—3z+21=0 D.10x—4y—6z+21=0

Cau 11. Cho 3 diém A(1; 6; 2), B(5; 1; 3), C(4; 0; 6) phuwong trinh mit phing (ABC) 1a

A.14x+13y+92+110=0 B.14x+13y —9z—110=0

C.14x-13y +9z—-110=0 D.14x+13y+9z—-110=0

Cau 12. Cho badiém A(0;2;1), B(3;0;1), C(1;0;0) . Phuong trinh mit phing (ABC) la:

A 2x+3y—4z—-2=0 B.4x+6y—8z+2=0 C.2x—-3y—4z+2=0 D.2x-3y—4z+1=0

Cau 13. Cho hai diém A(1;-1;5) va B(0;0;1). Mit phang (P) chtra A, B va song song véi Oy c6 phuong trinh
la

Adx+y—z+1=0 B.2x+z-5=0 C4x—z+1=0 D.y+4z-1=0

Cau 14. Phuong trinh mit phing (P) chira truc Oy va diém M(1;—1;1) la:

Ax+z=0 B.x—z=0 C.x—y=0 D.x+y=0

Cau 15. Cho hai mat ph'fmg (a):3x—2y+2z+7=0va (f):5x—4y+3z+1=0. Phuong trinh mdt ph'fmg di
qua gbc toa d6 O va vudng goc ca (o) va (8) la:
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A2x—y+2z=0 B.2x+y—-2z=0 C.2x+y—2z+1=0 D.2x—y—-2z=0

Cau 16. Goi (P) 1a mit phang di qua M(3;-1;-5) va vudng goc véi hai miat phing (Q): 3x-2y+2z+7=0 va (R):
5x-4y+3z+1=0. Phuong trinh mit phang (P):

A. 2x+y-2z-15=0 B.2x+y-2z+15=0 C. x+y+z-7=0 D. xt+2y+3z+2=0

Cau 17. Trong khong gian voi hé toa do Oxyz, phuong trinh mat phéng di qua hai diém E(1;3;-5); F(-2;-1;1)
va song song vdi tryc x Ox 1a:

A.3y+2z—-1=0 B.-3y+2z+1=0 C.2x+3y+2z+1=0 D.3y+2z+1=0

Cau 18. Trong khéng gian Oxyz, cho mit phang (P)di qua hai diém A(4,-1,1), B(3,1,-1) va song song vdi truc
Ox. Phuong trinh nao sau day 1a phuong trinh ctia mét phang (P):

Ax+y+z=0 B.x+y=0 Cy+z=0 D.x+z=0

Cau 19. Cho t&r dién ABCD vé6i A(5;1;3), B(1;6;2), C(5;0;4), D(4;0;6) . Viét phwong trinh mit phing di qua C,
D va song song vdi AB.

A.10x—9z+5z=0 B.5x -3y +2z=0 C.10x+9y+5z—-70=0 D.10x+9y+5z—50=0

Cau 20. Khoang cach tir diém M(-2; -4; 3) dén mat phang (P) c6 phuong trinh 2x —y + 2z —3 =0 la:

A.3 B.1 C.2 D. Dap an khac

Cau 21. Khodang cach tir diém M(—1;2;—4) dén mp(a):2x—2y+z—8=0 la:

A.4 B.3 C.6 D.5

Cau 22. Goi H 1a hinh chiéu vudng goc cua A(2;-1;-1) trén (P): 16x—12y—15z—4=0. D9 dai doan AH
bang?

A2 B.U c.lt D.55

5 5 25

Cau 23. Tim géc gitta hai mét phang (o):2x—y+z+3=0; (8):x+y+2z-1=0:

A.30° B. 90’ C.45° D.60°

Cau 24. Vi tri tvong déi cia 2 mit phang: (a): 2x—y+2z+3=0 va (8): 2x+y—-z-5=0.

A.(a)//(B) B.(a)=(p) C.(a),(8) cit nhau D.(a),(3)chéo nhau

Cau 25. Cho hai mit phing song song (P): nx + 7y—6z+4=0 va(Q): 3x+my—2z—7=0.Khi d6 gia tri cua
mvanla:

A.m:z;nzl B.n:z;m:9 C.mzé;n:9 D.m:Z;n:9

3 3 7

Cau 26. Trong khong gian Oxyz, xac dinh cac cip gia tri (m;1)dé cac cip mat phing sau dy song song voi
nhau: 2x+1ly+3z—-5=0;mx—6y—6z—2=0

A.(3,4) B.(4;,-3) C.(—4,3) D.(4,3)
Cau 27. Tim m dé cdp mat phang sau vudng goc v6i nhau: 7x —3y +mz—3=0; x—3y+4z+5=0.
A.m=6 B.m=—4 C.m=1 D.m=2
Cau 28. Mat phang qua A( 1; -2; -5) va song song vo1 mat phang (P): x —y +1=0 cach (P) mot khoang c6 do
dai la:
A.2 B.\2 C.4 D.2v2
Cau 29. Cho hai mit phang (a): 2x + 3y + 3z - 5 = 0; (B): 2x + 3y + 3z - 1 = 0. Khoang cach giita hai mat
phang nay la:
a2 B.4 c.2 D22
11 11 11
Cau 30. Khoang cach gitra hai mit phang (P): 2x—y+3z+5=0 va(Q): 2x—y+3z+1=0 bang:
6 4
A — B.6 C.4 D.——
N V14

Ciu 31. Trong khong gian voi hé truc toa dd Oxyz, cho hai mit phang (P):5x+5y—5z—1=0va
(Q):x+y—z+1=0.Khi d6 khoang cach gitra (P) va (Q) la:
A2 B.2 c.2 D203
15 ) 5 i 015 5
Cau 32. Mat phang (P) song song va cach déu hai mat phang (a):2x+y—4z+5=0 va (8):2x+y—4z+7=0
c6 phuong trinh la:
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A2x+y—4z+6=0 B.2x+y—4z=0 C.2x+y—4z+12=0 D.2x+y—4z—-12=0
Céu 33. Cho hai mit phang (o):m*x —y +(m* —2)z+2=0va (8):2x +m’y—2z+1=0. Mit phang (a) vudéng
g6c voi (B) khi:

A.|m|:\/§ B.|m|:2 C.|m|:1 D.|m|:\/§

Cau 34. Trong khong gian toa d0 Oxyz, cho ba diém M(l,0,0) , N(O,Z,O), P(0,0,S). Mat phfmg (MNP) co
phuong trinh la:

A.6x+3y+2z+1=0 B.6x+3y+2z—6=0 C.6x+3y+2z-1=0 D.x+y+z—-6=0

Cau 35. Goi (o) la mat phéng cit ba truc toa d tai 3 diém M (8; 0; 0), N(O; -2; 0) , P(0; 0; 4). Phuong trinh
clia mit phang (o) 1a:

AL Y 20 B.x—4y+2z—8=0 C.x—4y+2z=0 DI+ L 2

8§ -2 4 i i 4 ) -1 2

Cau 36. Trong khong gian Oxyz, cho diérp M(8,-2,4). GQj A, B, C lan luot 1a hinh chiéu ciua M trén cac truc
Ox, Oy, Oz. Phuong trinh mat phang di qua ba diém A, B va C la:

Ax+4y+2z-8=0 B.x—4y+2z2-8=0 C.x—4y+2z-8=0 D.x+4y—2z-8=0

Cau 37. Biét tam giac ABC c6 ba dinh A, B, C thudc céc truc toa do va trong tdm tam giac la G(-1;,-3;2).
Khi d6 phuong trinh mit phang (ABC) 1a :

A2x—-3y—z—-1=0 B.x+y—-z-5=0 C.6x—2y—3z+18=0 D.6x+2y—3z+18=0

Cau 38. Trong khong gian v6i hé truc toa dd Oxyz, cho diém M(2;2;2) . Khi d6 mit phang di qua M cit cac
tia Ox, Oy, Oz tai cac diém A, B, C sao cho thé tich t&r dién OABC nho nhat c6 phuong trinh la:

Ax+y+z—-1=0 B.x+y+z+6=0 C.x+y+2z=0 D.x+y+z-6=0

Cau 39. Cho A(s;0;0); B(0;b;0); C(0;0;¢) v6i a,b,c>0 . Biét mat phang (ABC) qua diém 1(1;3;3) va thé tich tir
dién OABC dat gi4 tri nhé nhit. Khi d6 phwong trinh (ABC) 1a :

A.x+3y+3z-21=0 B.3x+y+z+9=0 C.3x+3y+2z-15=0 D.3x+y+z-9=0

Cau 40. Cho A(2;0;0),M(1;1;1). Viét phuong trinh mit phang (P) di qua 4 va M sao cho (P) cét truc Oy, Oz

1an luot tai hai diém B, C sao cho dién tich clia tam giac ABC b;‘ing 46 .

A.(P):2x+y+z-4=0

B.(P):—6x+(3+21)y+(3-+21)z4+12=0

C.(PZ):—6x+(3—\/i)y+(3+\/i)z+l2:0

D.Cé ba dap an trén n

Cau 41. Trong khong gian vdi hé toa dd Oxyz, cho duong thang d 1a giao tuyén ctia 2 mat (a):x—2y+2=0,
(8):x+2z—4=0 . Mit phang (Q) di qua diém A(1;-1;2) va chtra d thi phuong trinh cua (Q) la:

A2x+y+5z-11=0 B.2x+y+5z+11=0 C.—2x+y+5z+11=0 D.2x—y+5z+11=0

Cau 42. Phuong trinh mat phang qua giao tuyén cua hai mat phang (P): x-3y+2z-1=0 va (Q): 2x+y-3z+1=0
va song song vai truc Ox 1a

A. Tx+y+1=0 B. 7y-7z+1=0 C. 7x+7y-1=0 D.x-3=0

Cau 43. Goi (d) 1a giao tuyen cua hai mdt phang x+2y—3z4+1=0va 2x—3y+z+1=0. Xéac dinh m dé co

mit phang (Q) qua (d) va vudng goc véi a= (m;2;-3)

Am=6 B.m—2 C.m=1 D.m:%
Cau 44. Trong khong gian véi hé toa do Oxyz cho tam giac ABC c6 A(1;0;0), B(0;-2;3),C(1;1;1). Phuong
2

trinh mat phang (P) chira A, B sao cho khoang cach tir C t6i (P) la 7
3

A.x+y+z—-1=0 hodc —23x+37y+17z+23=0
B.x+y+2z—1=0 hodc —2x+3y+7z+23=0
C.x+2y+z—-1=0 hodc —2x+3y+62z+13=0
D.2x+3y+z—1=0 hodc 3x+y+7z+6=0
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Déli’lg toan 3. phuong trinh dudng thing va bai todn lién quan
A - PHUONG PHAP GIAI TOAN
— Dé viét phuong trinh duong thang (d), ta can xac dinh diém di qua M(x,;y,;z,) va mot vécto

chi phuong (c6 gia song song hodc trung vdi d) la LTd =(a,;a,;a,).

. x=x +at
* biqua M(x,;y,;z,) © . . ~
(d): — = |(d):{y =y, +a,t|, (t €R): goi la phuwong trinh tham so.
* VICT:u, =(a,;a,;a,)
z=1z, +a,t
— Né&u aa,a, =0 thi (d) duoc viét dang chinh tac la (d):xix“ A

a a

al
B - CAC DANG BAI TOAN PHUONG TRINH PUONG THANG
BT 1. Viét phwong trinh tham s& cua dwong thidng d di qua M va co VTCP Z cho trroc:

2 3

. N QM[Z M(xo;yu;zo) X=X, +ﬂ1t y
— . @): - =d:{y=y, +a,t (teR): dang tham sé
® VICP:u,=(a;a,;a,) 2=z +ay

BT 2. Viét phuong trinh tham s6 cua duwong thang d di qua hai diém A va B: p
B

g, * Qua A (hay B) /
| vrCP:u, = AB
BT 3. (TN - 2015) Cho A(1;-2;1), B(2;1;3) va mat phéng (P):x—y+2z—3=0. Viét phuong trinh

duong thang AB va tim toa dd giao diém ctia AB véi mit phang (P).
x—1 y+2 z-1

Dép s6: AB: - 3 va ABN(P)= M(0;—5;—1).
BT 4. Viét phwong trinh tham s cua d di qua M va song song voi duwong thang A:
2 e Qua M
e vTCPiu, =u, M

BT 5. Viét phwong trinh tham s& cua d qua M va vudng goc voi mp(P):
» {0 Qua M

—_—

* VICP:u,=n,

BT 6. Viét phuong trinh tham s& cua duwong thang d la giao tuyén cua hai mat phang (P) va (Q):
® . Tim VIPT ciia (P):Ax+By+Cz+D =0=mn, =(A;B;C)
(Q):Ax+By+Cz+D,=0=n, =(A,;B,;C,)

A7 A . A oS , A B = — C D =...
Lay A thudc giao tuyén, bang cach cho: z=z = By =-(Cz,+D,) =1
Ax+By=—(C,z, +D,) |y=..
* Diqua A

= A(..;..;...). Khi do; dwong thang d:|. VTCP:Zz

My M) }

BT 7. Viét phuong trinh tham s6 cua duwong thang d di qua diém M va vudng goc voi hai duong

thang d,, d, cho truedc trong cac treong hop sau: J — .
u d,
e DiquaM o /_/
_F d): - [— — T / d
. VTCP:ud:[udl,udz} | /

BT 8.  Viét phuong trinh tham s6 cua duong thang d di qua M, vuong goc va cdt duong thang A
~ Tim H ld toa d6 hinh chiéu ciia M 1én duong A.
* QuaM

BN M
* VICP:u, = MH

- Khi 46 duomg (d):{




BT 9. Viét phuong trinh duwong thang d di qua di€m M va cdt ca hai duong thang d,, 4, cho
truoic:
—" ., Goi M, ed, va M, ed, = M,, M, (dang tham s6)
Do 3 diém M, M,, M, thiang hang < [ATMATA/IZ] =0,
Suy ra toa d¢ M,, M,.

e Qua M
e VICP:u, = MM,

Khi d6 dwong thing (d) :1

BT 10. Viét phuong trinh duong thang d qua diém M, cat duong thang d, va vudng géc d, :

x=x +at
—2 ., Chuyén d, :{y=y, +a,t vé dang tham sé. d %,
z=2z +a,t
I M b
Gid st dnd, ={H}= H(x, +at; x, +a,t; x, +a,t).
Do d quaM,Hva Ld, nén MH Ld, = MHu, =0=t = H. Uy,

Khi d6 dwong thing d di qua hai diém M va H.

BT 11. Viét phuong trinh dwong thang d, biét d ndm trong méat phang (P) va cit ca 2 duong thing

d,, d, trong cac treong hop sau: /dl d,
> Ar=d NP
- Tim ﬁB}}—dlm((P))' \L‘L@
— U, :, //’B
s es o c * Qua A P P
Khi d6 duong thang (d) :{ - -
e VICP:u, = AB /f/

BT 12. Viét phuwong trinh duong thang d la’ duwong vudng goc chung cua 2 dwong cheo nhau
d,d,:

17 72

* Goi Aed,, Bed, duoi dang tham so.

AB 1 d, |ABJ_udl
&

_., _L=AB
ABLd, |AB Lu,

e Tu diéu kién l

* Khi do’d la duong thdang AB.

BT 13. Viét phuong trinh duong thang d hinh chiéu cua duong thang A 1én mat phang (P):
Néu An(P)={1}-
e Tim toa d6 diém 1.
Chon mot diem M trén A, (M =1I).
Tim hinh chiéu ciia M lén mdt phdng (P) la H.

Phuong trinh duong thing d di qua hai diém I va H.

Néu An(P)=2= A || (P). Suy ra dwong thing d cin tim la duong thing song song véi A.
Chon 1 diém M bit ky trén duong thing A.

Tim hinh chiéu vuéng géc ciia M 1én mdt phing (P).

Phuong trinh duomg thing cin tim di qua H va ¢6 VICP: u, =u,.
Néu A 1 (P) thi duong thing d, suy bién thanh diém I.
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C- BAI TAP TRAC NGHIEM
Ciul. Trong khong gian Oxyz dudng thing d di qua gbc toa dd O va c6 vec to chi phuong ;(1;2;3) co

phuong trinh:
x=0 x=1 x=t x=—t
A.d:jy=2t B.d:jy=2 C.d:jy=3t D.d:jy=-2t
z =3t z=3 z=2t z=—3t
x=2+2¢
Cau?2. Cho duong thang (d): {y=-3t  thi (d) c6 phuong trinh chinh tac la:
z=-3+5¢
A.x+2:l:z—3 B.x—2:l:z+3 C. x—2:1:z+3 D. x+2:Z:z—3
2 -3 5 2 -3 5 1 1 1 1 1
x=14t
Ciu 3. Trong khong gian (Oxyz) cho duong thang A c6 phuong trinh tham s6{y =2—2¢
z=3+t
Piém M nao sau diy thugc duong thang A ?
A. M(1;,-2;3) B. M(1;2;3) C. M(1;2;-3) D. M(2;1;3)
‘ x=1+t
Ciu4. Trong khong gian (Oxyz) cho duong thing A c6 phuong trinh tham sd y=2-2t. Khi d6 duong
z=3+t

thang A c6 phuong trinh chinh tic la:
A x+1 y+2 z43 B x—1 y+2 z-1 C x+1 y—2 z+1 D x—1 y-2 z-3
1 21 1 2 3 1 2 3 1 =21
x=-1+2¢
Cau5. Cho duong thang d: 4y =3+7¢ va hai diém M(1;10;-5), N(-5;-11;-5) ta co:
z=-2-3¢t
AMed va Ned BMedvaNgd C.Megd va Negd D.Mgdva Ned
x+3 _ y+l_z-3
1 1

Cau 6. Trong khong gian véi hé toa do Oxyz cho duong thang d c6 phuong trinh:

Diém nao sau day thudc duong thang d ?
A.A(-3;-1;3) B. A(3;1;-3) C. A2;11) D. A(-2;-1;-1)

Cau7. Cho duong thing d di qua M(2; 0; -1) va c6 vecto chi phuwong 2(4;—6; 2) . Phuong trinh tham s6 cta

duong thang d 1a:
Xx=-2+2t x=242t x=4+2t Xx=-2+4¢
A jy=-3t B.{y=-3t Cly=—6-3t D.{y=-6t
z=1+41¢ z=—1+t z=2+t z=1+2t
x=1-—t
Cau8. Trong khong gian Oxyz , cho hai duong thang dl:x;2:y+1zzz;3 d{y=1+2¢ va diém
z=—1+t

A(1;2;3). Puong thang A di qua A, vudng goc vai d, va cit d, ¢6 phuong trinh la:

A.x—lz}/—Z:z—B B.x—lzy—Zzz—B C.x—lzy—Zzz—E’: D.x—lzy—Zzz—B
1 3 -5 1 -3 -5 -1 -3 -5 1 3 5
Cau9. Trong khong gian véi hé toa do Oxyz, cho duong thang d:x+1: y=1_z-2 va mit phang

1
(P):x—y—z—1=0.Duong thang A qua A(1,1,1) song song véi mat phang (P) va vudng goc véi

duong thang d. Vécto chi phuong cua A la:
Al(1,-1,-1) B.(2,-5,-3) C.(2,1,3) D.(4,10,—6)



+1_y-1_ z—
1
x—y—z—1=0. Viét phuong trinh dudng thang A di qua A(1;1;—2), song song voi mit phiang (P)

C4u 10. Trong khong gian v6i hé toa dd Oxyz, cho duong thiang d: il 2 v mit phang P:

va vudng goc voi duong thang d.

AA‘x—l_y—l_z+2 BA‘x—l_y—l_z+2
R T T | T2 5 -3
(:A'x+1:y+1_z—2 ])A‘x—lzy—l_z+2

2 5 -3 2 -5 -3
Cau 11. Trong khong gian Oxyz, cho cac diém A(1;3;2),B(1;2;1),C(1;1;3) . Phuong trinh duong thang di qua

trong tAm G cia tam giac ABC va vudng goc voi mit phing (ABC) 1a:

x=1+t¢ x=142¢ x=142¢ x=1+t
Ady=2 B.iy=2+t Cly=3+t D.{y=2
z=2 z=2—t z=2—t z=3
x=1+t¢
A A . - . 2 x+1 vy z-2 . ,
Cau 12. Trong khong gian cho hai duong thang:d, :{y=2 ; d,: y =1= 3 Phuong trinh cua
z=3—t

duong thing d di qua 0(0;0;0) va vudng goc véi ca d, va d, la:

x=t x=t x=t x=1
A.jy=—5t B.{y=t C.{y=>5t D.jy=-5¢
z=t z=t z=t z=1

Cau 13. Cho hai diém A(3;3;1), B(0;2;1) va mp(P): x+y+2z—7=0. Puong thang d nim trén mp(P) sao cho
moi diém cua 4 cach déu hai diém A, B c¢6 phwong trinh la:

x=—t x=t x=t x=2t
ALy=7-3t B.iy=7+3t C.iy=7-3t D.{y=7-3t
z=2t z=2t z =2t z=t

Ciu 14. Trong hé Oxyz cho cac diém A(3;3;1); B(0;2;1) va (P):x+y+z—7=0. Goi d la duong thang nim
trong (P) sao cho d(A;d)=d(B;d) . Khi &6 phuong trinh dudng thang d 1a:

x=—t x=2t x=t x=t
Ady=7-3t B.ly=7-3t Cly=7+3t DAy=7-3t
z=2t z=t z =2t 7z =2t

Cau15. Biét duong thang d 1a giao tuyén coa hai mat phing (a):3x+2y—z—1=0va
(8): x+4y —3z+2=0. Khi d0, vecto chi phuwong ctia duong thang d c6 toa do la:

A.(0;4;5) B.(2;—4;-5) C.(1;—4;-5) D.(—1;—4;5)

Cau 16. Trong khong gian Oxyz cho hai mat phang (P): 2x+y-z-3=0 va (Q): x+y+x-1=0. Phuong trinh chinh
tic duong thang giao tuyén cua hai mit phang (P) va (Q) la:

AX_y-2_z+1 pXxtl_y-2_z-1 x-1_y+2 z+1 px_y+2 z-1
2 3 1 2 3 1 2 3 1 2 3 1
Céau 17. Diém nao nam trén dudng thang (d) la giao tuyénciax + 2y —z+3=0va2x—-3y—-2z+ 6 =0.

A. (0;1;5) B. (-1;-1;0) C. (1;2;1) D.(1;0;4)

Cau 18. Trong khong gian v4i hé toa dd Oxyz, cho diém M(0;1;1) va 2 duong thang (di), (d2) véi: (di):
x;l :yTHZE : (d2) 1a giao tuyén cua 2 mit phing (P): x+1=0 va (Q): x+y—z+2=0. Goi
(d) 1a duong thing qua M vudng goc (di) va cét (d2). Trong s6 cac diém A(0;1;1), B(-3;3;6), C(3;-
1;-3), D(6;-3;0), c6 may diém nam trén (d)?
A.2 B.0 (O] D.3
12 y-9 z-1
==

Cau 19. Trong khong gian Oxyz toa do giao diém M cua duong thing d: - va mat
phang (P): 3x + 5y —z—2=0 la:
A. (1;0; 1) B. (0;0;-2) C. (1; 1;6) D. (12;9; 1)
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Cau 20. Trong khong gian toa d6 Oxyz, cho mit phang (a):2x+y+z+5:0 va duong thang

g Xt _y=3_z-2 Toa do giao diém cua d va (a)la
3 -1 -3
A.(4,2,-1) B.(-17,9,20) C.(-17,20,9) D.(-2,1,0)
Cau 21. Trong khong gian vé6i hé truc toa do Oxyz, cho duong thiang d: 41_1 ilz Z;Z va mit phang
(P):x+2y—2z—3=0 . Khido toa do giao diém M cuaa d va (P) 1a:
A.M(—B,'l;—7) B.M E,'l;Z C.M —é;l;Z D.M —E 1 _7
222 2°2°2 22" 2
Ciu 22. Trong khong gian v6i hé toa ¢ Oxyz ,dudng thang A :%:y—T: z (2;m;n) . Khi
d6 gia tri cia m, n lan luot 14
Am=-2n=1 B.m=2n=-1 C.m=—4n=7 D.m=0n=7
Cau 23. Trong khong gian Oxyzcho 2 duong thang d, :x_—llz%: il' d = ;— 1_y +11 =2 ; L va mat

phang (P):2x+3y—2z+4=0 .Viét phuong trinh duong thang A ndm trong (P) va cat d,d,

x+2 y—-3 z-1 x—=3 y+2 z-2

A. = = B. = =
3 -2 2 —6 2 -3
C x+1_y—=2_ z+2 D. x+3_y—-2_z-2
"3 2 3 6 2 3
Ciau 24. Trong khong gian Oxyz cho dudng thing d:x%?’:yT_?’:g, mp(a):x+y—z+3=0 va diem
A(1;2;—1). Duong thang A qua A cit d va song song v&i mp(a) co phuong trinh 1a
Ax—lzy—Zzz—i—l Bx—lzy—zzz—i-l Cx—lzy—2:z+1 Dx—lzy—2:z+1
-1 2 1 1 -2 -1 1 2 1 T 2 1

CAu 25. Puong thiang di qua diém A(2;-5;6), cit Ox va song song v4i mit phang x+5y—6z=0c0 vecto
chi phuong 1a:

A.(1;5;-6) B. (1,0;0) C.(-61;5;-6) D.(0;18;15)

Cau 26. Phuong trinh duong thang di qua diém A(2;-5;6), cat Ox va song song véi mit phang
x+5y—6z=0 la:

x=2-61¢ x=2+t x=2
Ay=-5+5¢ B.ly=-5 C. xI2=y;5=Z_66 D.{y=-5+18¢
7=6-06t z=6 z=6+15t
Céu 27. Cho hai dudng thang d, : X7 _ y;?) = 2_19 va d, x—73 = y;1 _z-1 Phuong trinh duong vudng
goc chung cua d, va d, la
A.x—3:y—1:z—1 B.x—7:y—3:z—9 C.x—7:y—3:z—9 D.x—7:y—3:z—9
-1 2 —4 2 -1 4 2 1 4 2 1 —4
x=t
x—3 _Yy- 6 Z—l , . 2 . L T
Cau 28. Cho hai duong thing d: ) 5 ] ;d':{y=—t . Duong thang di qua A(0;1;1) cat d’ va
z=2
vudng goc d c6 phuong trinh 1a?
A1l vy _z-1 pX_y-1 z-1 c X _y-1 _z-1 pX_y-1_z-1
-1 3 4 1 -3 4 -1 -3 4 -1 3 4
A - L \ \ 9 x—2 y+4 z-1 .z X
Céau 29. Cho mat phang (P):3x—2y—3z—7:0 va duong thang 4: =5 = . Viét phuong trinh
duong thang A di qua A(-1; 0; 1) song song voi mét phing (P) va cit duong thang d.
x+1 y z-1 Bx+1_y—1_ z Cx—i—l_z_z—l Dx—l_l_z—kl

15 3 17 15 3 17 15 3 17 .15 3 -17



x=1-—t
;dyqy=142t va diém A(1; 2; 3). Puong thang A di
z=—1+t

Cau 30. Cho hai dudng thing d, : x;Z _y+2_z-3

-1 1

qua A, vudng goc v6i di va cat d2 ¢6 phuong trinh 1a

Ax—lzy—2:z—3 Bx—lzy—Zzz—3 Cx—lzy—2:z—3 x-1_y-2 z-3

. . D.
-1 -3 -5 1 3 5 1 3 -5 1 -3 -5
=t 2 1 y-1 241
Cau3l. Cho d,:{y=4—-t ,d, :%:%:%;ds : x; = y; = Z—; . Viét phuong trinh duong thing A,
z=—1+42¢ .
biét A cét d,,d,,d, 1an luot tai 4, B, C sao cho 4B = BC.
AX_Yy-2 z pX_yt2 z-1 cx_yt2 z prX_y-2_ =z
1 1 1 1 1 1 1 1 1 1 -1
Cau 32. Phuong trinh duong thang A di qua diém A(3;2;1) vuong goc va cit duong thang gz%: ‘“1—3
la?
x=3 x=3—t x=23 x=3
A(A):fy=1-t B.(A):{y =2+t C.(A):{y=1-t D.(A):{y=2+t
z=>5-+4t z=1-2¢ z=5—4t z=1-3¢t

Céu 33. Cho mit phang (a):3x—2y+z+6=0 va diém A(2,-1,0). Hinh chiéu vudng goc cua A 1én mit
phing (o) la:

A.(1,-11) B.(-1,1,-1) C.(3,-2,1) D.(5,-3,1)

Ciu 34. Trong khong gian Oxyz , toa do hinh chiéu vudng goc ciia diém A(5;—1;—3) lén mit phang
(a):2x—y—1=0 la diém nao trong cac diém sau?

A.(1;1;3) B.(1,-1,-3) C.(,1,-3) D.(-1,-1;3)

Cau 35. Cho A(3;0;0), B(0;—6;0), C(0;0;6) va mp(a):x+y+z—4=0. Toa do hinh chiéu vuéng goc cua
trong tam tam giac ABC trén mp(a) la

A.(2;1;3) B.(2;,-1;3) C.(-2;-1;3) D.(2;-1;,-3)

Cau 36. Trong khong gian v6i hé truc toa d6 Oxyz, cho diém A(3;1;0) va mat phing (P):2x + 2y—z+1=0 .
Khi d6 toa 6 diém M 1a hinh chiéu cua diém A trén (P) 1a:

A.M(-1;1;1) B. M(1;1;1) C.M(L;1;-1) D. M(1;—1;1)

Cau 37. Trong cac diém sau, diém nao 1a hinh chiéu vudng goc cia diém M(1;-1;2) trén mat phang
(P):2x—y+2z+2=0.

A.(0,2,0) B.(-1,0,0) C.(0,0,-1) D.(1,0,-2)
CAu38. Cho (P) : 2x —y +2z—1=0 va A(l; 3; -2). Hinh chiéu ctia A trén (P)1a H(a;b;c). Gia tri cla
a—b+cla:
A2 B.3 c.2 D.-2
2 2 3 3
x=6-—4t
CAau 39. Trong khong gian Oxyz cho diém A(1;1;1) va dudng thing d: y=-2—t . Hinh chiéu cua A trén d
z=—1+2¢
cOtoadola
A.(2;-3;-1) B.(2;3;1) C.(2-31) D.(-2;3;1)
Cau 40. Trong khong gian v6i hé truc toa do Oxyz, cho diém A(1;0;—1) va duong thrfmg
a:2=1_¥*1_ 2 Khidotoa do diém M Ia hinh chiéu ciia diém A trén d 1a :

2 2 -1
AM-2-1- B. M(5;—1;-1) cmLl D. M- <3
3 3 3 333 3 3 3
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x=1+t

Cau 41. Tim toa do diém H trén duong théng d: {y=2+t saocho MH nhén nhat, biét M(2;1;4):
z=1+42t

A.H(2;3;3) B.H(1;3;3) C.H(2;2;3) D.H(2;3;4)

Cau 42. Trgng khong gian voi h¢ toa d@ Oxyz cho A(1;2;1), B(0;1;2) .Biét B 1a hinh chiéu cua A 1én mit
phang (c) .Phuong trinh mat phang (e) la:

Ax—y—z+1=0 B.x+y+z+1=0 Cx+y—z-1=0 D.x+y—z+1=0

Cau 43. Cho hai diém M(1;—2;—4) va M'(5;—4;2). Biét M’ 1a hinh chiéu vudng goc ctia M 1én mp(e). Khi
do, mp(a) c6 phuong trinh la

A2x—y+3z4+20=0 B.2x+y—3z—-20=0 C.2x—y+3z-20=0 D.2x4+y—-3z4+20=0
Ciu 44. Trong khong gian Oxyz mit phang song song voi hai duong thang A, :%2 = y_—gl = i ,
x=2+t
A, :{y=3+2t c6 mot vec to phap tuyén la:
z=1-t
A= (-5;6;-7) B.1n=(5-6;7) C.n=(-5-67) D.n=(-567)
Cau 45. Trong khong gian Oxyz mp (P) di qua B(0;-2;3) ,song song v6i duong thang d: % _ytl z va
vudng goc v6i mit phang (Q):x+y-z=0 c6 phuong trinh ?
A. 2x-3y+5z-9=0 B. 2x-3y+5z-9=0 C. 2x+3y-5z-9=0 D. 2x+3y+5z-9=0
x=2+t x=2-2t
Cau 46. Cho hai duong thing d:jy=1-tvad :{y=3 . Mit phang cach déu d, va d,co phuong trinh
z=2t z=t
la:
A.x+5y—2z4+12=0 B.x+5y+2z-12=0 C.x—=5y+2z—-12=0 D.x+5y+2z+12=0
x=5+2t x=9-2t
Cau 47. Cho hai dudng thang d:{y=1-t vad, :jy=t . Mit phang chira ca d, va d, co6 phuong trinh
z=5—t z=—2+4t
la:
A.3x—5y+z—-25=0 B.3x—5y—z+25=0 C.3x+5y+2z—-25=0 D.3x+y+2z-25=0

Cau 48. Cho duong thing d: xT—lz y_—33 :g va mp(P):x—2y+2z—1=0. Mat phang chtra d va vudng goc

vO1 mp(P) c6 phuong trinh

A2x—2y+z+8=0 B.2x+2y+z-8=0 C.2x—-2y+z-8=0 D.2x+2y—2z-8=0
x=1+t
A o s 2 x y-1 z+1 . X ) . » 2
Céau 49. Cho A(0; 1; 2) va hai duong thang d:E:T: ] ,d':{y=—1-2t. Viét phuong trinh mat phang
B =2+t
(P) diqua A d6ng thoi song song véid va d’.
A.x+3y+52-13=0 B.2x+6y+10z—-11=0 C.2x+3y+5z-13=0 D.x+3y+5z+13=0

C4u 50. Cho duong thang A :xT—lzy_—?’?):% va (P):x—2y+2z—1=0 mit phang chira A va vudng goc

v6i (P) c¢6 phuong trinh 1 :

A2x—2y+z—-8=0 B.2x—-2y+2z+8=0 C.2x+2y+2z-8=0 D.2x4+2y—z—-8=0
CAu 51. Phuong trinh mét phing di qua M(1; 3; -3) va vudng goc duong thang d: xT_lzll:Z;rl la:

A x—1 y-3 z43
T2 -1 3
C.x+3y—3z+10=0 D. Dép an A va B déu dung.

B.2x—y+3z+10=0



x=2-t
Cau 52. Phuong trinh ctia mt phang (P) di qua A(1;-1,—1) va vudng goc voi duong thang d:{y =1+t

z=—-142¢
AXx—y+2z+4=0 B.x -y —2z-4=0 Cx—-y—-2z+4=0 Dx+y—2z+4=0
Cau 53. Goc giira duong thang (d) X I 2_Y _21 == ; L va mit phang (a) —x+2y—3z=0
A.90° B.45° c.o D.180°
x—2 y—-4 z+4

Cau 54. Goc giira duong thing (d): va mit phang (P): x+y+z—2=0 la:

1 2 -3
A.90° B.45° C.o D.180°
Cau 55. Cho mit phang (P):x—y—1=0 va mat phang (Q). Biét hinh chiéu cua gdc O 1én (Q) la diém
H(2;-1;—2). Khi d6 goc giita hai mat phang (P) va (Q) c6 gia tri 1a:

A.p=30° B. = 60° C.p=90° D.p=45°
Cau56. Goi o la goc gitra hai duong thang d | : x42—3 = y;rZ = 216 vad, : %:y—_f:% . Khi d6 cos
a bang:
2 2 1 V2
A.— B.— C.— D.—
J58 J5 J2 58
Cau 57. Trong hé toa do Oxyz, cho phuong trinh dudng thing d: = >_Y 1_ 2_ Z\/__4 va phuong trinh mat
2
phing (a):x—y++2z-7=0 . Géc ciia duong thang d va mdt phing (o) la:
A.45° B.60° C.90° D.30°
Ciu 58. Goc giira hai duong thang d : xra_ y;3 = Z+11 vad : x—25 = yJ:; = z—23 la:
A.30° B. oo’ C.45° D.60°
Cau59. Trong khong gian Oxyz  cho hai duong thing chéo nhau : (d): il g 1_y I 7.z ; 3 v
(4): "Il - y;2 - 2‘12 . Tim khoang cach gifa (d) va (d°) :
3 2 1 5
2 B.-2 C.— D.—>
V14 V14 V14 V14
Xx=34+t x=k
Cau 60. Trong khong gian Oxyz cho hai duong thing (d,):{y=-1+2t (teR)va (d,):{y=1+k (keR).
Khoang cach gifta (d,) va (dz)béng gia tri nao sau day ?
AL B B.l C.2 p.5V2
7 2 7
Cau 61. Khoang cich giita 2 duong thing . X=2=¥F1_2+8 (3 p x-1_y-1_z+1,
1 2 2 1 2 2
A2 B 42 c.? p. 43
3 3 2
x=1+2t x=23+4t'
Ciu 62. Cho hai duong thang d:{y=2+3tvad,: {y=5+6t". Trong cic ménh dé sau, ménh dé nao dung?
z=3+4t z=7+8t'
A.d, Ld, B.d =d, C.d |4, D.d, vad, chéo nhau
x=1+42t x=7+3ts
Cau 63. Vi tri tvong ddi ctia hai duong thang d, :{y =—2—-3t;d, : {y=2+2¢ la:
z=>5+4t z=1-2t

A. Chéo nhau B. Trung nhau C. Song song D. Cit nhau
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x =2t
Cau 64. Trong khong gian Oxyz cho hai duong thing d, :xT—lz%: 2;3 va d,:{y=1+4t. Khang dinh
z=2+6t
nao sau day la dung?
A.d,,d, cat nhau B.d, ,d, trung nhau C.d, //d, D.d,,d, chéo nhau

Ciu 65. Cho dudng thang A, qua diém M ¢6 VTCP ;1, va A, qua diém N c6 VTCP LTZ Diéu kién dé A,

va A, chéo nhau la:

A.ujvé lZ cung phuong. B.|u r ﬁ] MN =0 C.lu [_' _’] MN =0 D.|u r _'] va MN cung
phuong.
x=1-23t
CAu 66. Trong khong gian Oxyz cho dudng thing d: y=2t va mp(P):2x—y—2z—6=0. Gia tri cua
z=-—2—mt

m dé dc(p) la:

Am=2 B.m=-2 C.m=4 D.m=-4
x=-3+t
Ciu 67. Trong khong gian Oxyz cho mit phiang (e):2x+y+3z+1=0 va duong thang d:{y=2—2¢
z=1

Trong cac ménh dé sau, ménh dé nao dung?
A.d 1 (a) B.dcat(a) C.d||(a) D.dcC (o)
Cau 68. Cho hai dudng thing (d1); *=1 ygz - Z; va (d2) *= 3 - > 2;7 . Ménh d& nao dudi

day dung?
A.(d1)=(d2) B.(d1) L (d2) C.(d1)/ /(d2) D. (d1) va (d2) chéo nhau
Cau 69. Puong thang el +31 %: il vudng goc v6i mit phang nao trong cac mit phang sau day?
A.bx—4y—2z+1=0 B.6x+4y—2z+1=0 C6x—4y+22+1:O D.6x+4y+2z+1=0
CAu 70. Puong thang nio sau day song song véi (d): - 1 _¥- 5 4_z +34
A.x—lzy—2:z+1 B.x—ZZy—4:z+4 C.x—lzy—Zzz—f—l D.x—lzy—Zzz—l

1 2 -3 1 1 1 -1 -2 3 -1 -2 3
A A . A A . 2 x—1 y+2 z4+3 . . 2
Cau 71. Trong khong gian vdi hé truc toa do Oxyz, cho dudng thang d: =51 va mit phang
m—

(P):x+3y—2z—5=0 . Dé duong thang d vudng goc véi (P) thi:
A.m=0 B.m=1 Cm=-2 D.m=-1
Cau 72. Trong khong gian Oxyz cho duong thiang (D): x-1 = 2y i 21 i 3 va mat phang

m_
(P):x+3y-2z-5=0.Dinh m dé (P)//(D).
A.m=-2 B.m=2 C.m=-1 D.m=1
x=1+2¢ x=3+4t
Cau 73. Cho hai duong thing d :{y=243tva d,:{y=5+6t". Trong cic ménh dé sau, ménh dé nao dung?
z=3+4t z=7+8t

A.d =d, B.d, |4, C.d, va d, chéo nhau D.d 1d,
Cau74. Trong khong gian voi hé toa d6 Oxyz, cho 2 duong thang d : X+1_y ;— 1_:z ; L va

dz:x+2:y—1:z+m .Dbé d, cit d, thi m bang

2 1
A2 B. 7 c.l D.>
4 4 4 4

Cau 75. Cho hai mit phang (P): x+y-z+5=0 va (Q): 2x-z=0. Nhan xét nao sau day la dung



Ans 2 N 2 .. Lo X _Yy+5 =z
-Mat phang (P) va mat phang (Q) c6 giao tuyén la 1~ 1 2
z
2

2 2 A x
B.Mit phang (P) va mat phang (Q) c6 giao tuyén Ia 1- 1

C.Mat phang (P) song song v&i mat phang (Q)
D. Mit phang (P) vuéng goc voi mat phang (Q)

Cau 76. Vi tri tvong ddi ctia hai duong thang A : ;1 = y;—l = Z;S,AZ :XIl = y;—l = Zgl la:

A. Song song v&i nhau. B. Cit nhau tai diém M(3;2;6)

C. Chéo nhau. D. Cit nhau tai diém M(3;2;—6)
x=1-2t

Cau 77. Cho hai dudng thing A:%:y—_ll: - . Trong cac ménh dé sau , ménh dé nao
z=3—4t

dung ?
A.A va d catnhau B.Avad songsong  C.A va d trung nhau D.Avad chéo nhau

x=2 _y+1_z

Cau 78. Cho hai diém A(2,0,3) , B(2,-2,-3) va duong thang A : . Nhan xét nao sau day la

1 2
ding
A.A,Bva A cung ndm trong mot mit phang
B. A va B cung thuoc duong thing A
C. Tam giac MAB can tai M v6i M (2,1,0)
D.A va duong thing AB 1a hai dudng thang chéo nhau
x=14(m+1)t

Céu 79. Cho hai dudng thang A, :%:yTJrl zJ;m

A, jy=1+Q—m)t . Tim m dé hai duong thang tring
z=14+2m+1)t

nhau.
A.m=3m=1 B.m=0 C.m=0m=-1 D.m=0m=2
Cau 80. Cho duong thing d: 2= 8_Y ; >_z _18 va mit phang (P) x+2y+5z+1=0 . Nhan xét ndo sau day la
dang
A. Duong thang d song song voi mat phing (P) B. Duong thang d thudc mit phing (P)
C. Duong thing d cit mit phing (P) tai A(8,5,8) D. Duong thing d vudng goc véi mit phing (P)
x=1+t
Cau 81. Cho duong thing d {y=2—¢ va mit phing (o) x+3y+z+1=0 . Trong cac khing dinh sau, tim
z=1+2¢
khing dinh dung :
A.d/ () B.dc(a) C.d1(a) D.(a)catd
Cau 82. Cho hai dudng thang d, :di: Ll = y;3 = z;—l , da: x;4 = % =
A.Chéo nhau B.Trung nhau C.Cit nhau D.Song song

Ciu 83. Trong khong gian voi hé toa do Oxyz, cho mit phang (a):3x+2y+2z-12=0 va dudng thang
x=t
(A): y=6-3t . Trong cAc ménh dé sau, ménh dé nao ding.
z=23t
A.(A)c(a) B.(A)cit(a) C.(A)L(a) D.(A)//(a)
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Dang toan 4. PHUONG TRINH MAT CAUVA BAI TOAN LIEN QUAN
A - PHUONG PHAP GIAI TOAN
— D@ viét phuong trinh méat cau (5), ta can tim tam /(a;b;¢) va ban kinh R.
o Tam: I(a;b;c)
e Ban kinh: R =

(9): (S):(z—a) +(y—0)+(z—c) =R|

— Phuong trinh (S):2” +3° +2° —2az —2by —2cz +d =0 véi a’ +b° +c* —d >0 1a phuong

trinh mat cau tam [(a;b;c), ban kinh: R = \/@2 +0* 4 —d.
B - CAC DANG BAI TOAN PHUONG TRINH PUONG THANG
BT 1.  Viét phuong trinh mat cau (S) c6 tam I va di qua diém A, véi:
e Tam : I(a;b;c)
e Bdn kinh: R=1A

=1(9):(x—a) +(y—b)’ +(z —c)’ = R?|-

— L Mt ciu (S): {

BT2.  Viét phuong trinh mat cau (S) cé duong kinh AB, voi:
+ Tam: [ 1a trung diém AB
PZ

———— Mt cdu (S
' (5): e B4n kinh: R = IA—AZB

BT 3.  Viét phuong trinh mat cau (S) ngoai tiép t& dién ABCD, véi:
e Goimit ciucodang (S): 2 +y’ +2° —2ax —2by —2c2+d =0 (%)
e Thay ldn luot toa d6 cua cac diém A, B, C, D vao (x) ta duoc 4 phuong trinh.
* Giai hé do'ta tim duoc a, b, ¢, d. Thay vao (), suy ra mdit cdu (S).
BT 4.  Viét phuong trinh mat cau (S ) di qua ba diém A, B,C' va tim nam trén mit phang <P ), voi:
* Goimdt cdu co'dang (S): '+ Y+ 25 —2ar -2y —2cz+d=0 (¥
e Thay lin luot toa d6 cua cac diém A, B, C vao (x) ta duoc 3 phuong trinh. Két hop viéc thay toa
dé tam I(a,b,c) vao phuong trinh mdit phing (P), ta dwoc phuong trinh thu'tu.
e Giai hé do'ta tim duoc a, b, ¢, d. Thay vao (%), suy ra mdit cdu .(S)..
BT5.  Viét phuong trinh mat cau (S) c6 tam I va tiép xtc v6i mat phang (P)
cho trudc:
e TOm: I(a;b;c)
e BnkYnh: R=d(I,(P))=IH

— I Mgt ciu (9) :

BT6.  Viét phuong trinh mat cau () c6 tam I va tiép xtic voi duong thing A
e Tim toa d¢ hinh chiéu H ciia I trén duong thing A.
* Phuong trinh mdt cdu c6 tdm la 1, ban kinh R = IH.
BT 7.  Viét phuong trinh mat cau (S) c6 tam I va tiép xtc véi mat cau (1') cho trude, véi:
e Xac dinh tam J va'ban kinh R’ cua mait cau (T).
* Ap dung diéu kién tiép xuc dé'tim ban kinh R cua mat cau (

Tiép xuc ngoai: R+ R' = 1J.
Tiép xiic trong ‘R — R/‘ =1J.
I(—5;1;1)
2 (T):x2+y2+22—2x+4y—6z+520
) J(—3;2;2)
) (T)::I;2+y2+z2—2z+4y—8z+520



BT 8.  Viét phuong trinh mat cau (S) c6 tam I va cat duong thang A theo
day cung AB =k cho trudc trong cac treong hop sau:
Cén tim bdn kinh ciia mdt ciu R = IB ?

e Tinh d(I,A) = IH.

2
AB
* Theo pitago, c6 bdn kinh: R = IB = ,[IH® + —] .
Luu vj: Thay vi cho d¢ dai ddy cung, dé badi cé thé cho tam gidc vudng, can, déu hodc dién
tich. Khi dé ta cin dung hé thiic lugng dé tim ra R =1IB.

BT 9.  Viét phuong trinh mat cau tam I, cat (P) theo mot duong tron (C), c6 ban kinh .
e Tinh khodng cich d(I,(P)) = IH.
e Tinh bédn kinh mdgt cau R =IH” +r°.
C- BAI TAP TRAC NGHIEM
Caul. Cho matcau (S): 2° +y° + 2° — 22 + 4y + 1 = 0c6tam I vabankinh R la:
AI(L-20),R =16 B.I(L-21),R=6 C.I(1-21),R=2 I(1-2:0),R =2

Cau?2. Trong khong gian Oxyz, cho mat c‘éu(S) 122" +2y° +22° + 42— 8y +2=0. Toa dd tam
I va ban kinh R ctia mét cau la:
A.I(—1;2;0);R:4 B.I(1;—2;0);R:2 I(—1;2;0);R:2 D.I(1;2;0);R:4
Cau3. Cho mit cau(S):z° +9° +2° — 22+ 6y + 42 =0. BitOA, (Ola gbc toa dd) la duong
kinh ctia mat cau (S). Tim toa do diém A?
A(-1;3;2) B. A(2;—6;—4) C.A(—2;6;4) D.Khong xac dinh
Cau4. Trong khong gian Oxyz ,dé phuong trinh
2’ 4+ 4> + 2" —2mz +2(m — 2)y — 2(m + 3)z + 8m + 37 = 0 1a phuwong trinh ctia mat cau .
Khi d6 gid tri ctia tham s3m bang bao nhiéu ?
m<—2hay m>4B. m<—4 hay m>2C. m<—4 hay m>—-2D. m<—2 hay m>4.
Caus5. Trong khong gian voi hé toa d5 Oxyz, gia st mdt cau
(Sm) (2t +y° 4 28 — dmz + 4y + 2mz + m® + 4m = 0 ¢ ban kinh nhé nhat. Khi d6 gia tri

cta m la:
Al 4 b D.0
2 3 2
Cau 6. TrongkhonggianvGihétoadoOxyz, chodiém M(1;—1;3) vamatcau (S ) cophuongtrinh

(:1: - 1)2 + (y + 2)2 + 2> = 19. Timkhangdinhdtng ?
M namtrong (S ) B. M namtrong (S ) C. M ndmtrén (S ) D.M trungvdéitamcua (S )
Cau7. Cho mitcau(9):2” +y* + 2° — 2z — 4y — 62 = 0. Trongbadiém (0;0;0); (1,2;3) va (2;-1;-1)

thicébaonhiéudiémnamtrongmatcau (S)

A.l B.3 C.2 0

Cau 8. Phuwongtrinhmatcautam I(1; 2; 3) vabankinh R=3 la:

A +y +2° 20 —4y—62+5=0 B.(z—1 4+ (y—27+(2—3"=9
Clz—1+y—-2+(z-37=3 Ava B déudung.

Ciu 9. Phuongtrinhmitcaudi qua 4 diém A(3,0,0), B(0,4,0), €(0,0,—2)va0(0,0,0)la:
A+ +2°—65—8y+42=0 2y +2 -3 —4y+22=0

Czl+y’ +2°+62+8y—42=0 D.2* +y’ + 2"+ 3z +4y—22=0
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Cau 10. Toadotammatcaudi qua 4 diém A(1;1;1); B(1;2;1);C(3;3;3); D(3;—3;3) 1a:
3 33 333
A(z—2i7) B.(oioio
2 22 2°22
Cau 11. TrongkhénggianvgihétoadoOxyzchocacdiém A(1;0;0); B(0;1;0);C(0;0;1), D(1,1;1).
Bankinhmatcaudi qua bondiém ABCD la :

) C.(3;3;3) D.(3;—3;3)

A.% B.\2 C.3 @
Cau 12. Cho A(2;0;0), B(0;2;0), C(0;0;2), D(2;2;2). Matcaungoaitiéptidién ABCD coébankinh
A.3 B.\3 2 D3
3 2
Cau 13. Cho mat cau (S) c6 tam 1(4;2;-2), ban kinh R. Biét (S) tiép xac (P): 12x — 5z — 19 =0. Ban
kinh R 1a?
A.R =39 B.R =13 CR=3 D.R =313
Cau 14. M3t cau (S) tam I(1 ;2 ;2) va tiép xtic voi (P): z + 2y +22z—5=0 cé ban kinh la :
. ﬁ B. 2 C.é D.3
2 3 3
Cau 15. Cho (S) 1a mat cau tam [(1;2;3)va tiép xdc véi mat phang (P):z —2y +2z+3 =0. Ban
kinh cua (S) la:
A2 B.6 C.1 D.%

Cau 16. Trong khong gian véi hé toa dd Oxyz, cho mat phang (P): x+ y+z+1=0. Viét phuong trinh
mat cau cd tam I(1;1;0) va tiép xtc voi mp(P).

A.(z—1)2+(y—1)2+z2:3 B.(z—1)2+<y—1)2+22:\/§
C.(a:+1)2+(y+1)2+z2:\/§ D.(a:+1)2+(y+1)2+z2:3

Cau 17. Mét cau tam I(1; -2; 3) tiép xtic véi mat phang (P) : 2x —y + 2z — 1 =0 c6 phuwong trinh :
Az -1 +@w+2+(z-3)°=3 B.(z+1)°+(@y—27+(z+3°=9
Clz+1’+(y—2"+(+3*=3 D.(z -1+ (@y+2°+(z-3"=9

Cau 18. Trong khong gian véi hé toa d6 Oxyz, cho diém A(1; -2; 3) va dwong thang d ¢6 phuong
r+1 y—2 243

trinh N T Viét phuwong trinh médt cau tam A, ti€p xuc voi d.
A(z-1+(y+2+(z-3°=5 B.(z -1+ (y+2)° +(z - 3)* =50
Clz+ 12 +(y—27 + (2 +3) = 50 D.(z 17 4+ (y+2 + (2 3)2 =50

Cau 19. Cho mit phang (P): 16z —15y — 122475 =0 va mat cAu (S) 2> +y° +2° =9 . (P) tiép
xuc voi (S) tai diém:

A-(—ﬁ;ll;ﬁ) B.(— 11,2 (11,2 D-(—4—8;9;@)

25 25 3 25 25 525

Cau 20. Trong khong gian Oxyz cho mit phang (P): 2z + 3y + z — 11 = 0 . M4t cau (S)
c6 tam I(1; -2; 1) va tiép xac véi (P) tai H. Toa d0 tiép diém H la.

A. H(3;1.2). B.H(5;4;3) C.H(1:2;3) D.H(2;3;-1)

Cau 21. Trong khong gian Oxyz cho mat cau (S) xt+yt + 2" —20—2y—22—-22=0, va mit
phang (P) -3z — 2y + 62 4+ 14 = 0 . Khoang cach tir tam I ctia mét cau (S) dén mit phang

(P) la
A2 B.1 C3 D.4



Cau22. Cho (S): 2* 4+ y* + 2* —4x — 2y + 10z+14 = 0 . Mt phang (P): x +y + 2 —4 =0 cat mat
cau (S) theo mot duong tron c6 chu vi la:

A.87 Bl4r C.4m/3 D.27

Cau 23. Trong khong gian véi hé toa dd Oxyz, cho mit phing (P): 2z —2y —z—4 =0 va mjt
cau (S) s 2t +yt 422204y 62 -11=0 . Mat phang (P) cat mat cau (S) theo mot
dwong tron co chu vi la

A.87 B.27 C.4n D.67m

Cau 24. Trong khong gian véi hé truc toa dd Oxyz cho toa d6 cho mat cau (S) :<x - 2)2 +yP4+2°=9
va mit phing (P):z +y —z+1=0. Biét (P) cit (5) theo mot dudng tron, bén kinh cua

duong tron la:

Al B.3 c.3 D6

I Cho diém I(1; 2; -2)va mét phéng (P): 2z + 2y + 2 + 5 = 0. Viét phuong trinh mjt cau (S)
c6 tam 14 1, sao cho (P) cat (S) theo dudng tron giao tuyén c6 chu vi bang 87r|

I(x—1)2 +(y—2) +(z+2) =25 B.(c—1) +(y—2) +(z+2) =09

C.le—1) +(y—2) +(-+2) =5 D.(o—1) +(y—2) +(z+2) =16

Cau 26. Cho mat cau <S):x2 +yt 4+ 2" =22 —4y —62+5=0 va mat phéng (a):x—l—y—i—z:O.

Khang dinh nao sau day dung ?
a) di qua tam cua (S)

Cau 27. Cho mat phéng (a) cdr—2y+32+1=0 va mat cau
(§):2” +9° +2° — 22 + 4y + 62 = 0. Khi d6, ménh d@é nao sau day la mot ménh dé sai:

A. (a) cat (S) theo mot duwong tron I(a)-(S)

C. (a) c6 diém chung véi (S) D. (a) di qua tam cuta (S)

Cau28. Cho mat cau (S) c6 phuong trinh 2’ +3° 4+ 2> —3z -3y —32=0 va mat phang
(P) : x4+y+2—6=0.Nhan xét nao sau day la dung

A. Mat phéng (P) cit mit cau (S) theo dwong tron (C)
B. Tam mat cau (S) 1a I(3,3,3)

C. Mit cau (S) va mat ihéni (P) khéni c6 diém chung
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Chu dé 7: NGUYEN HAM - TiCH PHAN - ’NG DUNG CUA TiCH PHAN
I, Nguyén ham
A- Tém tat ly thuyét

1. Khai niém nguyén ham va tinh chat

1. Khdi niém nguyén ham

— Cho ham sd f(z) xdc dinh trén K. Ham s& F(z) dwoc goi la nguyén ham cua ham s6 f(z) trén
K néu: F'(z) = f(x), Vz € K.

— Néu F(z) lamodt nguyén ham cua f(z) trén K thi ho nguyén ham cua ham s6 f(z) trén K la:
ff ~dz = F(z)+ C, const =C € R.

2. Tinh chat: Néu f(z), g(r) 1a2ham sd lién tuc trén K va k = 0 thi ta ludn co:

. f flaYz = f(z) +C. o f kf(z)dz = & f Fla ).
o [[f@) £ 9@z = [ fa)e+ [ gla)a

Bang nguyén ham ctia mot s6 ham thwong gip (voi C 1a hing s’ tuy y)

@ f dx—a+1+C' f(a:z:—kb)”’-dx:%-%%—c
©) f%-dmzln‘x‘—ké’ fax:_b-dx:%-ln‘ax+b‘+0

1 1 1 1 1
® f;-da::—;—FC fm-dx:—g-awbqtc

® fsinx-dx =—cosz +C fsin(a$+b)d$ = —lcos(ax%—b)—i—C’

a

© fcos:c-d:n:sinx—kC’ fcos(ax—l—b)-dx:l-sin(ax+b)+0

a
1 1
® f —dx = —cotz +C —dx———cot(ax—i—b) C
sin” z sin®(ax + b) a
1 1 1
@ f —dr =tanz +C ———dz = —tan(az +b) + C
cos” cos’(az + b) a
fez.dmze!f +C’ f€a1‘+b.dx:l.€a’f+b+c
a
® fa”-dx— @ +C f dz —l-lnx_a +C
Ina ©—a® 2a T+a

¢ Nhan xét. Khi thay = bang (az + b) thi ldy nguyén ham nhan két qua’ thém 1
a

Mot s6 luu y

1. Can nam vitng bang nguyén ham.

2. Nguyén ham cua moét tich (thwong) cua nhiéu ham ham s6 khdéng bao gio’ bang tich
(thwong) cua cac nguyén ham cua nhiing ham thanh phan.

3. Muon tim nguyén ham cua mot ham s, ta phai bién d6i ham s6 nay thanh mét tong hodc
hiéu cua nhithg ham s6 tim dwoc nguyén ham (dwa vao bang nguyén ham).
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2. Cac phwong phap tim nguyén ham cia ham sé
Dang toan 1. TINH NGUYEN HAM BANG BANG NGUYEN HAM
{ Phwone Phan }

- {
. Tich ctia da thitc hodc liy thira —*— khai trién.

. Tich cdc ham mti —— khai trién theo cong thirc ma.

1

2

3. Chtta cdin —— chuyén vé liy thura.

4. Tich lwgng gidc bac mot ctia sin va cosin —— khai trién theo cong thitc tich thanh téng.
5

Bac chan ctia sin va cosin —£— Ha bac.

.

Dang toan 2. TINH NGUYEN HAM BANG PHUONG PHAP POI BIEN SO

Pinh ly: Cho ff(u)du = F(u)+ C va u = u(z) 1a ham sb c6 dao ham lién tuc thi

ff[ dx—F[u(x)]—l—C.
1. Doibién s6 dang 1: dit ¢ = ¢(z).

I:ff(ax—i—b)"-xdrc — s t=ar+b=dt=adz

m
n

T
=Sl

I:ff(ax2+b)"~azdx — L t=a2’ + b= dt = 2axdz

vde —2— t=2""4+1=dt =(n+1)2"dr, v6im, ncZ

o [ = f,”/ fl(z)-de —— DPat t = yf(x), trir mot sb trueong hop ddi bién dang 2.

I:ff(lnx)-—-dx t=Inz
° T ) L)Détt b1 .
I:ff(a~|—blna:)-—-dm —atone
T
o I:ff(e")-e"-dx — - Pitt=e¢".
. I:ff(cosx)~sinmdx —— Pt t = cosz = dt = —sin zdx.

o [ = ff(sinm) -coszdr —— D3t t = sinz = dt = cos zdz.

.Ifo(tanx)' 12 dr —=—Pit t = tanz = dt = dr = (1 + tan’ z)dz.

cos™ T cos™ T
1 PP < 1 2
o[sz(cota:)- ——dx Dat ¢t = cotz = dt = —— ~dx = —(1 + cot” x)dz.
sin” z sin” x

. o ) . o _ |t =sin’x = dt = sin2xdx
o /] :ff(sm x;cos” x)-sin2zdr ———— Dadt

t =cos’x = dt = —sin?xda;'

. I:ff(sinmicosm)~(sin$:Fcosx)-dx — — Pt t=sinz £ cosz.

2. D6ibién sb dang 2: dit z = o(t).

o I:ff(\/a2 —2*)-2""dr —— D3t z = a.sint = dr = a.cost.dL.

° I:fﬂ‘/x?—l—az)'xz”dx Lﬂétxza.tantjdx: adt '

cos’ t

int
= do = 2200 gt
cost cos’ t

o szf<\/l‘2—a2)'$2”dl' — . Pitz =
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° I:f du e Batx—a—lidx——ﬂ

(x — a)".\/cm;2 +bx +c t t*

° I:fR Naz +b,...,Yax +b|-

dr —2 — patt" =azx +bvoin = B.C’.N.N{nl;nQ;...;nk}-

0

I_f t=oratzibkn 577
\/x—i—a $+b PP Pit +0>0 .
' T+a<0
t:\/—x—a+\/—x—b khi {x+b<0

Dang toan 3. TINH NGUYEN HAM BANG PHUONG PHAP NGUYEN HAM TUNG PHAN
r Phwong Phap ]
\ J

(Dinh ly: Néu hai ham s6 u = u(z) va v = v(z) co dao ham va'lién tuc trén K thi \
szu(m)m’(x)-dm = u(w)v(w)—fu’(x)v(x)dw hay I = fudvz uv—fvdu .

Van dung giai toan:

— Nhan dang: Tich 2 ham khac loai nhan nhau, chang han: mu nhan luong giac

fe“.sinx.dx,....
o u=ee _ Viphin e — e dz
— Dat B Nouyén ha'm B -Suyra: I = fudv = uv — fvdu.
de — i ieee dx — e P = e

— Tht! tw wu tién chon u: log — da - lwong — miiva dv = phdn con lai. Nghia la néu c6

In hay log, x thichon u = In hay u =log = = %.lnx va dv = con lai. Néu khong
na

cO In; log thichon u = da thitc va dv = con lai. Néu khong co'log, da thic, ta chon
u = luong giac,....
— Luu y'rang bac cua da thifc va'bac cua In twong ung voi so lan 18y nguyén ham.

Qano mii nhan lirane giac 1a dano ne1ivén ham tirne nhan l1an hai. /

Dang toan 4. TINH NGUYEN HAM CUA HAM SO HO'U TY
P(z)

Bai toan téng quat: Tinh nguyén ham / = f 0@)
x

-dz, voi P(z) va Q(x) la cac da thirc khong can.

Phwong phap giai:
— Néubac cia tir s6 P(z) > bac ctia miu sb Q(z) —L2— Chia da thtrc.
— Néubac ctia tir sb P(z) < bac ctia miu sd Q(z) —— Xem xét mau sb va khi do:

+ Néu mau s6 phan tich dwoc thanh tich sb, ta sé st dung d6ng nhit thirc d& dwa vé dang tong
cda cac phéan sé.

Mot sb trueong hop dong nhit thirc thwdng gip:

. 1 1 a b
(az +m)- (bx—l—n) an—bm |az+m bz +n
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mx +n A B (A+ B)-z—(Ab + Ba) A+B=m
(z—a)-(x—b) z—a xz—0b (r—a)-(z—b) Ab+ Ba=-n
° 1 = A + Br+0C ,voi A =0b" —4ac <0.

(x—m)-(az” +br+¢c) z—m azx’+br+c
1 A B C D

- - + :
af (z—b) z-a (z—a) z-b (z-b)

(z —
+ Néu miu s kho ong phan tich dwoc thanh tich ) (blen dbi va dwa vé dang lwong giac).

B- Bai tip tric nghiém
IDANG 1: DUNG BANG NGUYEN HAM CO’ BAN|
NHOM 1 : DUNG BANG NGUYEN HAM

2 +2+iléhémsén€10?
-2z x 2

Caul. Nguyénham F(:v) ctia ham s f(x) =

A. F(x) = —1n‘5—2x‘ +21n‘x‘—§+0. B. F(x) = —ln‘5—2x‘ +21n‘x‘ —|—§-|-C.
x x

C. F(az)zln‘5—2x‘+21n‘x‘—§+0. D. F(:c) = —ln‘5—2x‘—21n‘x‘+§+0.
x x

Cau2. Cho f(z) = —z’ + 32* — 2z. Mot nguyén ham F(z) cua f(z) thoa F(l) =0 la:

o 1 o 1
A.—x——{—x“—xQ—l—— B.—m——l—x“—xQ——

4 4 4 4

z' z
C.—Z—i—x?’—:ﬁ—l D.—Z+x3—x2+1

Cau3. Kétquacia fx (z2 + 1)2 dx bang:

[ +1) [+ +1)
A. F(x):T+C B. F(:E)ZT+C
c.m)_‘; ‘“3+x +C D.F(@:%(ﬁﬂ)%@

Cau4. Tim ho nguyén ham F (m) ctia ham s6 f (:1:) = 32° - 3", tadugc két qua la:

A. F(z) = 2" — 3 +C B. F(z) =12 + 5 +C
In3 In3
3 T 3 z
Cra=2-2 1¢ D.Fo) =L +3_4¢
3 In3 3 In3

Cau5. Nguyén ham ciia ham sb f(z) = (1 —2z)° la:

A. —%(1—23;)6 +C B.(1-22)+C C.51-22)°+C  D.51-2z)'+C

Cau6. Timhimsd f(z) bitrang f(x) =22 +1 va f(1) =
A. 2’ +1+3 B.2° +1-3 C.2° +ux D. Két qua khac

Cau7. Timhamsd y= f(z) biét f'(z) = (2> —2)(z + 1) va f(0) =

2 A

A.y:f(x)zz—?+3 B.y:f(x)zz—?—3
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4 2
x X

C-ny(x)Zz+?+3 D.y = f(z)=3z" -1
NHOM 2: HAM SO VO TY (CHUA CAN)

1

Cau8. Nguyén ham cta hamsd f(z) = \/_ la
2x —1
A.ff(l‘)dX:\/QX—l-l-C. B.ff(x)dsz\/Qx—l—l—C'.
C.ff(x)dxz 2};_1+C. D.ff(x)dx:—2\/2x—l+6'.
Cau9. Tim nguyén ham ctia ham s f(z) = L
3—z
A.ff(x)dx:—Z\/3—m+C. B.ff(x)dx:—\/S—x+C’.
C.ff(x)dx:Q\/?)—x—i—C. D.ff(m)dx:—S\/B—:z:—I—C.

Cau10. Tim nguyén ham ctia ham sd f(z) = y/2x +1.

A.ff(x)dx:é<2x+1)«/2x+1+0. B. ff v 2x—|—1>\/2x+ +C.
C.ff(x)dx:—é\/2x+1+0. D. ffx :—\/2x+ 1+C.

Cau11. Tim nguyén ham ctia ham sé f(z) =z —2.

A.ff(x)dxz%(m—Q)%/E—l—C. B. ffx :——x 2)\/——|—C

C. [#(a)dc == (e 2o -2, D. [ fle)ix = Lo—2) + .
Cau12. Hamsb F(z) = (z + 1)2 Vz 41 + 2016 1a mot nguyén ham cua ham sb nao sau day?
A f(o) = 2o+ 1o+ 1 B. f(z) =2(s+ o+ 1+C
C.f(x):§<x+1) z+1 D. f(z)=(z+1)Vz+1+C
Cau 13. Biét mot nguyén ham ciia ham sb f(x) = \/11? +1 1a ham sb F(a:) thdéa man F(—l) = %
Khi d6 F(a:) 1a ham s nao sau day?
A.F(m):x—zx/l—Bx—l—?) B.F(gc):gc—2 1-3x —3
3 3
C.F(x)zx—%x/l—iix—kl D. F(z) = —%\/1—3){
Cau 14. Biét F(z) = 631 — 2 la mot nguyén ham cta ham s f(z) = ¢ Khidé gia tri ctia a bang
1—2
A. 3. B. 3. C.6. D.l.
6

1 1
au15. Tinh —_——
Cau 15 in f[\/; 2]dx
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A.£—£+C Bor-Y+c c—-liic b E_*ic
2 2 2 Wz 2 Jz o 2

NHOM 3: HAM SO LUQNG GIAC
Cau16. Chohamsd f(z) = 2z + sinz + 2cosx. Mot nguyén ham F(z) cia f(r) théa F(0) =1 la:

A. 2° —cosz +2sinz + 2 B. 2° +cosz + 2sinz + 2
C.2+cosz +2sinz D. 2° 4+ cosz + 2sinz — 2
Cau17. Mot nguyén ham ctia ham sé f(z) = tan’ z la:
3 3 1 .
A. tan” z B. tan x‘ 5 C. tanzx — z D. 2sinz
3 3 cos” x cos® x

Cau 18. Mot nguyén ham ctia ham sé f(z) = cos' z — sin’ z 1a:

A. cos2x B. %sin 2 C. 2sin 2z D. cos’ x

Cau19. Biét F(z f(1+tan$d$ khi d6 F(z) la:

A. F(z) = ! +C B. F(z) =tanz + C
cos’ T
C. F(z) =—tanz + C D. F(z) =cotz + C

Cau 20. Goi F (z)1a nguyén cia ham s6 f(z) = sin® z théa man F (0) = 0 va F(z)1a nguyén ciia ham so
f(z) = cos® z théa man F,(0) = 0. Khi d6 phuong trinh F,(z) = F,(z) c6 nghiém la:

2

A.x:§+lm,keZ B.x:%k,keZ C.o=knkcZ D.z=knkcZ

Cau 21. Nguyén ham ctia ham s0: y = cos” z.sinz 1a:

A. %COSS r+C B. —cos’z +C C. %sin3 r+C D. bap an khéc.
Cau 22. Mot nguyén ham cta ham s6: y = cosbz.cosz la:
A. F(m) = cos b6z B. F(x) = sin 6z
C.l 1S.infiavz—klsinélar D. 1 31n6:1:+sm4x
216 4 21 6 4

Cau 23. Tim f (sinz + 1)’ cos zdz la:

4 < 4 . 4
A.wjuc B. SH;”’JFC C.WT+1)+O D. 4(sinz + 1)’ + C
Cau 24. Nguyén ham ciia ham s6 y = sin® z.cosz 1a:
A. F(x):isirfx—i—C B. F(x):—isin‘lx—i—C
C. F(x):Zcos z+C D. F(x):—zcos z+C
Cau 25. Nguyén ham cta ham sb: y = f L%Q dx la:
sin” z.cos”
A.F(m)z—cosmfsinz%—C B.F(m)zcosx+sinx+0

C.F(m):cotxftanx+0 D.F(x):—cotxftanx—i-C
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Cau 26. Tim nguyén ham f —dx =
sin” r.cos’ x

A. 2tan2z + C B. 2cot2z +C C.4cot2z+ C D.2cot2z + C
NHOM 4: HAM SO MU, LOGARIT

—T

Cau 27. Tim nguyén ham ciia ham s6 f(z) = e” —e

A. ff dx =e"+e " +C. B.ff(x)dx:—e‘”+e"”+0.
C.ffde:e‘”—e’”nLC. D.ff(x)dx —-"—e "4+ C.
Cau 28. Tim nguyén ham cta ham s6 f( ) =2"37%,
9" 1
A. d = —+C. B. rldx =|=| .———+C.
ff [ ] In2 — ln9 ff( ) * [2] In2—-1n9
C. [ () = el D. [ f(z)dx = A1 .
n2—1In9 9/ In2+1n9
Cau 29. Ho nguyén ham cta ham s6 f(z) = e"(3 +e ") la
A. F(z)=3e"+2+4+C. B. F(z) =3e" +e"Ine” +C.
C. F(z) =3¢ ——+C. D. F(z)=3¢" —2 4 C.
e
Cau 30. Tim nguyén ham ctia ham s6 f(z) = Ve .
— 1 2x—1 0 2x-1
A.ff(x)dx—ge el B.ff(m)dx—e el
_ 1 4x—2 _ 1 2x—1
C.ff(x)dx-ie +C. D.ff(x)dx-a\/e +C.

Cau 31. Tinh f(3 cosx — 3" )z , két qua la:

T T T T

A. 3sinz — 3 +C B.—-3sinz+ 3 4+ CC. 3sinz + 3 +C D. —-3sinz — 3

n3 In3 In3 In

+C

Cau 32. Hamso F (a:) — ¢' + tanz + C 1a nguyén ham ciia ham s6 f(z)nao?

1 , ,
A f(z)=¢" ——; B. f(z)=¢" +— C. flx)=¢€"+
sin’ z sin’ x cos” x

D. Két qua khéc

Cau 33. Néu ff(z)dx = ¢’ +sin2z + C thi f(z) bang
A. e" + cos2z B. ¢’ —cos2z C. e" +2cos2z D. e + %cos 2%

Cau 34. Tim nguyén ham cta ham s6 f (x) =2"—-4".

o (27) o
A Flz)=——-——"L+C B. F(z) = 1-2"Y+C
(%) In2 In2 <$) 1n2( )
C.Fw=2|i-L|1c D. Fla) = ——(1-2)+C.
In2 In2 2In2
" \ T 2
Cau 35. Tlmfe' [3— 51].
xr'e’
A Flz) =3¢ +—— ¢ B. F(z) = —3¢" ——— 4 C
2z 2x
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C. F(x)=3ez—%+c D. F(x):_geuriﬁc
2x 2x

NHOM 5: HAM PHAN THUC
3+ 5

Céu 36. Mot nguyén ham ciia ham s y = la:
z+2
A. F(z)=3z+4In|z+2|+C B. F(z) = =3z + |z + 2/ + C
C. F(x):Sx—ln‘x—i—Q‘—i—C D. F(x):3x+ln‘x+2‘+0
Cau 37. Mot nguyén ham ciia ham s f(z) = il la:
x
A. ln‘x—l—l‘ B.x+ln‘x+1‘ C.x—ln‘x—l—l‘ D.21n‘m+1‘
: v’ 42z -1
Ciu 38. Cho ham s0 f(z) = ———————. Mot nguyén ham F(z) cta f(z) thoa F(1) =0 la:
T +2x+1
Azt 29 B. z + +2  Coo-2ln(z+1) Dz +2
z+1 z+1 z+1
, , $(2+rc)
Cau 39. Ham so nao sau day khong 1a nguyén ham cua ham so f (17)2—2?
(:L‘—}—l)
2 2 2 2
AT T 1 B 2 +x+1 C. x p. 2 +x-—1
z+1 41 41 41
) 2
, (mZ—FI)
Cau 40. Cho ham s f(x) = -———"—. Mot nguyén ham F(z) cita f(z) thoa F(1)=—4 la:
x
z’ 2 z’ 1
A=+ 2Ing] - = 44 B. —+2Inja| - — —4
2 T 2 2z
z’ 2
C.—+21n‘x‘——2—4 D.F(x):x3—2x+0
2 T
A A \ , \ e | \
Cau 41. Nguyén ham cta ham so f(a:): la:
z+1
,1:3 x2 1_3 :L_Z
A.F(J:):———+a:+2ln‘x—|—1‘—|—0 B.F(m)z————l—x—ﬂn‘x—}—l‘—}—c
3 2 3 2
7’ A
C.F(x)z————i—:v—ln‘x—i—l‘—i—C D.F(x)z————x—?ln‘m—i—l‘—i—C
3 2 3 2
3 2 . .
Ciu 42. Goi ham s6 £’ (@) 13 mot nguyén ham cia f(z) = — +23:1; 32 1,biét F (1)21-\/5}’ F(@) 13
" +2x+1 3
: 2 1 ’ 2 1
A. F(m):x——l—x—k 1B B. F(m):x——kx—l— —|——3
2 z+1 6 2 z+1 6
2 1 2
C.Flz) =2 2+ +C D. Fla)=2+z+
2 r+1 2 z+1
2’ — 2z +1

Céiu 43. Tim mét nguyén ham F(x) cia ham s6 f(z) = biét F(1) = % Két qua la:
T
2 2

A.F(z):%—2z+lnx+2 B.F(x):%—2x+lnx—2
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2

C.F(w)z%—?x%—lnx—l—% D. F(m):%—2x+lnx——
35 +30+3 A 5o |t”
Ciu 4. Ta cé: f(z) = 22 203 —+ + s 1B=
" — 3z +2 (x—l) r—1 x-2 O
Tinh f f(x)dz = F(z) + C, ta duoc két qua la:
3 2 1
A. F(z) = + -+
B. F(z) = 1+21n‘$—1‘+1n‘$—2‘+0
x_
C. F(z) =3Iz —1|— v —2+C
D. F(z) = —3In|z — 1|+ 2In|z + 2| - 11+C
m_
A A Tde o LA A 1.,
Chu 45. Nguyén ham cua ham s0 f(z) = ——— la:
T X
A.lnz —Inz* +C B. ln:v—l%—C C. lnx+l+0 D. Két qua khac
T i

Cau 46. Tinh nguyén ham f —dx ta dugc két qua sau:

A.—ln‘2x+1‘+0
2

A ~ N , N £ 2$4+3 \
Cau 47. Nguyén ham cta ham so f(x) = la:
x
3
AQi—§+O BQL—E+C C.
3 3 7’
z
7 2 &z
Cau48.Kétquacua ® 1—7° 1la
AAN1-2" +C B._—L ¢ C.
1-2°
: 1
Cau 49. Mot nguyén ham F(X) cia ham so f(z) =
ot nguy (%) f(x) T
1
A F(z)=ln 22 + 5| + 2016 B.
2
C.Fz)=—— D.
(22 +5)
A A A 1A A 1 .
Cau 40.Nguyén ham ctia ham s6 y = f(z) =—7 la
(1+2I)
A.F(x)z_—l. ! B.
2 1422
C F(x)zl. ! D.
2 1+2z

B. —1n\2x+1\+0 C.

—%1n‘2x+1‘+0 D. Inf2e + 1+ C

2%—31nx +C D. Ketquakhac
L ¢ bpi—s+c
1— 22
1a
F(x) = In[2z + 5
1
F - __ -
@ (20 +5)
F(z)=In|(1+2¢) |+ C
1
F<x>:1+2x
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IDANG 2: PHUONG PHAP POI BIEN|

z—1
Caul. Tinh | ———dz
f\/x2—2x—|—5
A 2222 Lo B. 20z —22+5+C

V' =2z +5
c Y -245 D. V2’ —22+5+C

2

la

Cau2. Ho nguyén ham cia ham s6 f (x) =
7’41

A.F(x)zln\/xQ—f—l—i—C B.F(x):\/xQ—f—l—I—C
C. Fla)=2a* +1+C D. Fls) = ———+C

3(952 + 1)
Cau3. Mot nguyén ham cua hamsb f (x) = cosz.e™" 1A
A. F(:z:) =™ B. F(m) =™ C. F(:z:) = D. F(m) = sin z.e™”
Caud. Chohimsé f(z)= (2" +1) .Khids:
( 9 + 1)2017 ( 9 + 1)2016
x x
A.ff(a?)datzw—i—(] B.ff(x)dxzw
( 9 + 1)2[)16 ( 9 + 1)2017
x x
Cau5. Hamsd F (x) = a nguyén ham cia ham sé
A. f<x> = 2ze" B. f(a:) =¥ C. f(x) = (;: D. f(a?) =z%" —1
Cau 6. Kétquacua f cos zy/sinz + 1dz bang:
A. F(@:% (sinx+1)3—|—C B. F(@:—% (sinm+1)3—l—0
C. F(x)z% (sinm—l—l)—i—C D. F(:v)z%(sinx—i—l)s—l—C'
Cau7. Kétquacua f d dz bang:
e’ +3
A. F(z)=+e"+3+C B. F(z)=2Ve"+3+C
C.Flz)=¢ +34C D. Fz)=—%— 1 ¢C

ve' + 3z

A N 1 . A LA 1y
Cau8. Hamso f(z) = B o6 cac nguyén ham la:
x

A. F(z)=In>z+C B. F(x)z%lnx—kC’
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C.F(x):11n295+0 D. F(z) = ! +C
2 r.a’
Cau9. Hamsd f(z)=1In 96(l + i) 6 cac nguyén ham la:
rz Inz
2 2
A. Fz)=In*z+2° +C B.F(x):M—I—C
2
In® z 5 2
C. F(z) = +2°+C D. F(z) =Inz(lnz + )+ C
2Inz
Cau10. Goi F(z)la nguyén ciia ham s6 f(z) = LQ thoa man F(2) =0. Khi d6 phuong trinh
88—z
F(z) = x ¢6 nghiém la:
A z=0 B.z=1 C.z=-1 D.z=1-+3
3
Cau11. Mot nguyén ham cua ham sé: y = al la:
2 — 2
A. F(z)=av2 — 2’ B. —%(xQ +4) 2 -1’
c. toh_ g D. —1(:&—4) 2 g
3 3
Cau 12. Tim nguyén ham F (x) biét f(z) = 22 . Két qua la:
z++Nz’ -1
_ 2 5 2/, 2 o 2 5 2/, 2
A.F(x)—gx —g(x —1) " —1 B.F(x)—gx +§(x —1) ' —1
_ 2 3 2 2 2 _ 2 3 2 2 2
C.F(x)—gx —3(x —1—1) z —1 D.F(x)—gm —|—§(m —I—l) z —1
Cau13. Timnguyén ham F(z) biét f(z) = —————  Két qua la:
sSinx + cosx
1 . 1 .
A. F(x) = E(x - ln‘smx + cos x‘) +C B. F(z) = E(x + ln‘smx + cos x‘) +C
1 . 1 .
C. F(z) = 5(:1; - ln‘smx - cosx‘) +C D. F(z) = E(x + ln‘smx - cosxD +C
Cau 14. Tinh nguyén ham f ze Hdz , ta dugc:
A. Flz) = %e‘”zﬂ +C B. F(z) = %e”zl e
1 2?41 1 22
C. F(z):—Ee +C D. F(x)zae +C
Cau15. Tinh f MIHTde. Két qua sai 1a:
T
A. F(x):Q(Qﬁ—l)Jrc B. F(:r):2(2‘/;+1)—|—0
C. Flz)=2" + ¢ D. F(z)=2"" + ¢
Cau 16. Ham sb nao dudi day 1a mot nguyén ham cua f(z) = ! ?

2

1+
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

X

V1+2°

C. F(x):ln(x+ 1+:1;2)

A. F(z)

. Cos T
Tim f — dz .
sin” z

—+C
19cos"” z

T

Mot nguyén ham F(z) cta ham s6 f(z) = ¢

e’ +2

A. F(z)=In(e" +2)+In3
C. F(z)=n(e" +2)+2In3

3cosx

Tim nguyén ham ciia ham s6 f(z) = €***".sinz

_ 1 3cosz
A.ff(m)dx—ge .cosz +C

1
C. d - _ - 3cosx —|—C
J Hwdr = e

Nguyén ham ctia ham sb: I = f

dx .
V2x —1+44
A.F(x)= 2X—1—41n(\/2x—1+4)+0

C. F(x)=2x — 1 —i—4ln(\/2x +1 +4) e,

z* 4 z)e”

Trwong THPT Hdi An

B. F(z) = llm/l—l—ia:2
F(z) = ln(x—\/H——xz)

D.

1
B. Flz)=—+C
() 19sin™ z
1
D. Flg)=——+C
(@) 19cos”

thoa F(o) = —-In3 1a

B. F(z) = ln(e“' —1—2)—1113
D. F(z) =1In(e” +2)—2In3

B. ff(a:)dx = 36" +C
D. ff(x)dx = 3e**".cosz + C
la:

B. F(x) = 2X~|—1—41n(\/2x+1+4)+0

D.F(x)=+v2x —1 —gln(\IZX—l +4)+C

Nguyén ham ciia ham sé: y = f Qda: la:

z+e”

A. F(x) = ze" —I—l—ln‘we” —|—1‘—|—C
C.Fx)=ze" +1 —ln‘xe_z + 1‘ +C

Nguyén ham cta ham sé: y:f de ~la:
r—a
AL c B I[Pt
20 |z+a 20 |lz—a
Ay s Lk dx .
Nguyén ham cua ham so: y = f ; - la:
a —x
1 — 1
A —m[ % B w2
20 |la+=z 20 la—=x

B.F(x)=¢" —l—l—ln‘xe‘T —|—1‘—|—C’

D. F(x) = ze" —l—l—l—ln‘xew —|—1‘ +C

Nguyén ham ciia ham sb: y = fx 4z + 7 dx la:

1

AR :
20

g<4x+7);—7-§(4x+7) ]+C

c. il =%c  p lunlPtYic
a T+ a a T —a
c.lul> =% c  p. it tYic
a T+ a a T —a

5 3
B.%[gumz_7.z<4x+7>2]+o
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5 3 5 3
c. L2 (ag 4 7) —7-3(4x+7)2]+0 D. ilg(4x+7)2 7. 244700
1415 3 1615 3

IDANG 3 : PHUONG PHAP NGUYEN HAM TUNG PHAN

Caul. Mot nguyén ham cia ham sé f(z) = ze” la:
2

A.e" +C B.e”’(:ﬂ—l)—i—C’ C.e’(x—i—l)—i—C’ D.%e"—f—C
Cau2. Mot nguyén ham ctia ham sé f(z) = (2° 4 2z).e” la:
A. 2z +2).e B. 7’¢’ C. (2" + )¢ D. (z° —2z2).¢"

Cau3. Chohamsd f(z) = z.e . Mot nguyén ham F(z) cua f(z) théa F(0) =1 la:
A, —(z+1)e " +1 B. (z+1)e"+2 C.(z+1e"+1 D. (z+1)e " +2

Cau4. Nguyén ham ciia ham sb f(z) = ze” 13 ham sé:

2

A. F(z) =2¢" B. F(z) = %e" C. F(z) = 22%" D. F(z)=¢" + ze”

Caub5. Cho f(z) = f Intdt. Pao ham f'(z) 1a ham s6 nao dudi day?
1

1 1

A. — B. Inz C.ln’x D. —In’x
z 2
Cau 6. Hamsd f(z) = (z +1)sinz ¢ cac nguyén ham la:
A. F(z)=(z+1)cosz +sinz + C B. F(z) = —(x +1)cosz +sinz + C
C. F(z)=—(x 4+ 1) cosz —sinx + C D. F(z) = (z +1)cosz —sinz + C
Cau7. Goihamsd F(z)la mot nguyén ham cia f(z) = xcos3z, biét F(0) = 1. Vay F(z) la:
A. F(z) = %xsin&v +écos3x +C B. F(z) = %xsin?)x +%cos3x +1
1, . 1 1 8
C. F(z) =—2"sin 3z D. F(z) = —zsin3z + —cos3z + —
6 3 9 9

Cau8. Tim f z cos2zdx la:

1 1 1 1
A. —zsin2z +—cos2z +C B. —zsin2z + —cos2z + C
2 4 2 2
z? sin 2z
C.T+C D. sin2z + C
Cau9. Két qua nao sai trong cac két qua sau ?
2
A. fxsinxda:zm—i—C B. fxsinxdx:—xcosx+sinx+0
2
— 2 1
C. fxcosxdx = gsinz +cosz + C D. fxsiandx :M—l—zsinQCE—l—C

Cau 10. Két qua nao sai trong cac két qua sau ?

A. fxe”dw _re le“ +C B. fa:exda; =zge" —e" +C
3 9
2 T —x 1
C. | ze'de =—e" +C D. | —dt=—-—+C

Cau 11. Két qua ndo sai trong cac két qua sau ?
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A.flna;dx:xlnx—x—FC B. lnxdx:l—FC
x
7’ 7’ z? z’
C.fmlnxdm:—lnm———i—C’ D. f:vzlnmdx:—.lnm———i—C
2 4 3 9
Cau 12. Két qua ndo sai trong cac két qua sau ?
3
A.fanxdx:xanz—Q(rclnx—x>+C’ B.fanxda;:hl I+C
lna: —Inz 1 lnx —lnx 1
C. f =——-—+C D. f —~ — 1T +C
Cau 13. Két qua ndo sai trong cac két qua sau ?
1 —T _ —T —T
A. f = _262’”—4621+O B.f:ve dr = —xe " —e " +C
2
C. fxe“d ze " ; e¥ +C D. fa;e%dx:%.eh +C
Cau 14. Két qua ndo sai trong cac két qua sau ?
3
A.f:vzlnmdx—x—l—i—C
3
3
B. x21nxda;:x—.lnx—x——l—0
3 9
C.fln(x+ 1—|—x2)dx:xln(x+\/1+x2)—\/1+x2 +C
e’ sinx — cosx
D.fe'”sinxd:v: ( )—l—C
2
Cau15. Tim nguyén ham ctia ham sé f(z) = z.sin (2a; + 1)
x
A. ff(m)dx:—E cos(2x+1)—|—z s1n(2x—|—1)—|—C
7’
B. r=——.cos(2z+1)+C
J fayis = =cos(20 +1)
1
C. :—cos2x+1——sm2:c+1 +C
J faya (20 41) = sin (22 + 1)
1
D. =2 cos(2z +1)+=.sin(2z +1)+ C
J faya (20 4+1)+5-sin(20 +1)
Cau 16. Tim nguyén ham cua ham sb f(x):x.ln(l—i—x)
2
A. +C
ff :z;+1)
B. :—ln 1+z ——:IJ ‘Inl42)+C
[ F@yd (1+2) =2’ In(l+2)
_1 9 1, =z
C.ff(x)da;—g(x —1).ln(1+x)—zx +5+C
1 x 1
D. :—ln 14+z2)—=2’ ———l——lnx—i—l +C
[ #@yd (1+a)= 7o =5 (z+1)
Cau 17. Nguyén ham ctia ham sb: [ = f (m —2)sin 3zdx 1a:
(211—2)0083:E 1 (:1;—2)(:0831‘ 1

A.F(x)= — +§sin3x+0 B. F(x) = —|—§Sin3x+0

3
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(m+2)cos3x 1 (x—2)cos3x 1
—t  +-—sin3z+C D.F(x)=——+§sin3m+0

C.Fx)= —
) 3 9 3
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II, TICH PHAN
Khai niém tich phan

(D Cho ham s& f(z) lién tuc trén K va a, b € K. Ham s8 F(z) duoc goi la nguyén ham cua f(z)

trén K thi F(b) — F(a) duoc goi la tich phan cua f(z) tu' « dén b va dwoc ki hiéu la f f(z)dx

b
Khi do: |T = f f(z)-dz = F(z)| = F(b)— F(a)|, voi « goila can duoi, b la can trén.

(2) Déi voi bién s6 18y tich phan, ta co thé chon bat ki mdt chif khac nhau thay cho =, nghia la:
b b b
I:ff(x)-dx:ff(t)-dt:ff(u)-du: ..... = F(b) — F(a).

(3 Néu ham s8 y = f(z) lién tuc va khong am trén doan [a; b] thi' dién tich S' cua hinh thang cong
gioi han boi dd'thi cua y = f(z), truc Oz vahai duwong thang z = a, z = b la:

S:]f(x) dz

Tinh chat cua tich phan

@ ] f(2)de = —] f(2)d va f fx)da = 0. f kf(x)de = k f f@)dz, voi (s = 0).

@f[f(m)ig(m)]dx:]f(az)dxi]g(x)dx. ® ff dx_ff dx+ff

a

Dang toan 1. TINH TICH PHAN BANG PHUONG PHAP DUNG BANG NGUYEN HAM
4 6 A 4 A Y 6 r .7 . Ay .
Caul. Néu j; f(:n)da: =10 va fo f(x)dx =7 thi j; f(x)dx co gia tri la:

A. 17 B. 170 C.3 D.-3
2 4 4
Cau2. Cho ff(x r=1va ff(t)dtz—?) ) ff(U)dUCégiétrjlé:
A.—21 1]3.—4 2 C.2 D.4

Cau3. Cho biét ]f(w)dx =3 ]g(x) dr =9, Giatrj cia A= ][f(x) + g(x)] dz 1a
A. Chua XQé.C dinh B% 12 C.3 2 D.6
b b c
Caud. Giast [ f(@)dz=2va [ f(e)dz =3 via<b<cthi [ f(z)dr bing?

As B.1 c1 D.-5
Céu5. Choham s f () lién tuc trén doan [0;10] thoa: | f(2)de =7, [ " f(w)dz = 3. Khi do, gid tr

cﬁaP:LI:JZf(:E)dm—kj:of(x)dx la
A.P=1 B. P=4 C.P=3 D. P=2

Cau6. Néu f(l):12, f'( )hentucva ff d$—17 Gia tri ctia f( )béng

A.29 B.5 C. 15 D. 19
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4 2
Cau7. Néu f(z) lién tyc va f f(2)dz =10 i f f(22)dz bing
A. 29 : B.5 C.9 D. 19
d d
Cau8. Néu ff($)d$=5 va ff(-’fz')d$:2,Vé'i a<d<b thi fabf(x)dxcégiétrilé:
b

A7 B.3 C.—3 D.5
Cau9. Cho f(z) 1a ham s lién tyc trén [a; b] . Dang thirc nao sau day sai?

A. ff :—]f(x)dx B. ]kdw:k(b—a)VkeR

f dx—ff dx—{—ff Ydx (ce[a b]) D. }f(x)dxz]f(x)da:

a

Cau10. Biét f (22 —4)dz = 0, khi d6 b nhan gi4 tri bing

0

R b=1 b=0 b=1 R b=0
“b=14 By = Clp=2 b=14
Caull. Tim m ,biét [ (20 +5)r =6
A.m=1m = —6. B.m=1m=6.
C.m=-1m=—6. D.m=-1,m =6.
Cau12. Cho F(z) = f (t* 4 t)dt . Gia tri nho nhat cua F(z) trén [—1;1] la:
1
5 5 5
A — B. 1 C. —— D. —
3 6 6
2
Cau13. Cho ff Jdr =3.Knido [[4f(x) - 3|dr bing
0
A2 B. 4 C.6 D.8

Cau 14. Céc s thyc x sau day thoa man dang thuc [ = f (1 — t>dt =0 la.

0
A. =0 hoic z=-2 .B. £=0hoiic =2 .C. =0 hoic z=1. D. x=0 hoic z=-1

5

d.
Cauls.  Giisi | —InK . Gid trj ctia K 1a:
4 2z —
A.9 B.8 C. 81 D.3
0 2
3"+ 5 —1 2
Cau 16. Giast [ = —de:alng-i—b.Khidégiétrj a—+2bla
x —
—1
A.30 B. 40 C.50 D. 60
R dx
Cau 17. Tinh tich phan [ = f \/7 (o1a tham s thuc duong).
a’ —ax

A I=a. B.I:(—2+2\/5)a

[=—2+2 D.I=—a.
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Cau 18. Cho f(iv) = 4_m +sin’z. Tim m dé nguyén ham F(a:) ctia ham sd f (a:) théa man

T

F(0)=1 w F[E]zz

4] 8
4 3 4 3
Am=—— B.m=" C.m== D.m=—>
3 4 3 4

i
9
Cau19. Giasy I = fsin3msin2xdx: a+b§ khi d6 @ + b 1a
0

1 3 3 1
A —— B.— C. —— D. —
6 10 10 )

1
Cau20.  Déhamsd f(z)=asinmz+b théa man f(1)=2 va f f (x)dx=4 thi a,b nhan gia
0
tri :
Ala=mb=0 Ba=mmb=2 Ca=2mb=2 D.a=2mb=23

2w
Cau2l.  Cho f(z)= Asin2z + B.Tim A va B, biét f'(0)=4va ff(:c).d:z::s
0

AA=2B=Lt B A=1B=>c A=2B="" D A=1B=—-
27 2 27 2

1
Cau22.  Cho = [(az—¢')dv. Xacdinh o dé 1 <1+
0
A. a < 4e. B. a <4e+1. C. a<2e D. a <2e+2.

0 2
Cau 23. Néuf:f[4—e 2]d$:K—26thigiétricﬁaKla‘lz

—2

A. 11 B. 10 C. 12,5 D.9
r (x2 —2x)(x—1) , _
Cau 24. Cho tich phan J.—ldx =a+bIn3+cIn2 (a,b,c € Q). Chon khang dinh dang trong cac
1 X+
khang dinh sau:
A.a<0 B.c<0 C.b>0 p.a+b+c>0

2
Céu 25. Tim cc hing s6 4,B dé ham sb f(x) = Asinzx+B thoa cac diéu kién: f'(l) =2; If(x)dx =4
0

A. T . B. T . C. 2. D. T .
B=2 B=-2 B=2 B=2
Dang toan 2. TINH TICH PHAN BANG PHUONG PHAP DOI BIEN SO

b

f[f(a:)] u'(z) - de = F[u(m)] ’

a

a = F|u(b)| - F|u(a)]-

— Buée 1. Bién doi dé chon phép dit ¢ = u(z) = dt = u'(z)- dz (xem lai cac phuong phap doi bién sé trong

phan nguyén ham)
. r=> t = u(b) e 2
— Buwdc 2. Doi can: = (nh¢: doi bien phai doi can)
E— r=a |t=ua)

u(b)
~ Bué6c3. Puavédang I = f F(t)- dt don gian hon va d? tinh toan.
u(a)
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3
Cau 1.Bién déi f

2
dz thanh ff(t>dt voi t =+/14+ 2. Khi d6 f(t) 1a ham nao trong cac ham
o 1+41+z 1

sau day?
A, f(t) =2t —2t B. f(t)=1"+1 C.f(t)=20+2t D.f(t)=t—t

1
Cau 2. Cho tich phan I%/l — xdx ,v6i cach dat ¢ =3/1—x thi tich phan da cho bang véi tich phan nao
0
1 1 1 1
A.3[ddr . B.3[dr. C.[rdr. D.3 st .
0 0 0 0

243 \/g

Cau 3. Tichphan /= dx bang:
'! xVx* =3
AL B.x. c.z p.~
6 3 2

Cau4. Tich phan Ix2\/a2 —x’dx (a > 0)bang
0

7Z'.Cl4 72'.614 7Z'.Cl3 72'.a3

B. C.

A. . . .
8 16 16 8

1
A < A ’ A e M \ A A LA+ s L4 . M
Cau 5. Biéttich phan jx%/l —xdx = % , VOl I la phan s0 toi gian. Gia tri M + N bang:

0

A.35 B.36 C.37 D.38
1
2.y s . dx .
Cau 6. DOai bieén x = 2sint tich phan tré thanh:
}[ V4-x’
: : : :
A. [1dt B. [dt C.I;dr D. [dt
0 0 0 0

Dang toan 3. TINH TICH PHAN BANG PHUONG PHAP TiCH PHAN TUNG PHAN
Dinh IV: Néu v = u(z) vd v = v(z) 12 hai ham s6 c6 dao ham va lién tuc trén doan [a;b] thi:

b b

—ju’(w)w(m)'dx hay I = fudv = u.vz —fvdu.

a a a

b

a

I= fu(w)'v'(x)'dx = [u(x)v(x)]

Thuc hanh:
— Nhén dang: Tich 2 ham khac loai nhan nhau, ching han: mil nhan luong giac,...
b

. U == c+ovoveenns Vi phdn du —EEEE R dx I d b d
- Dz‘lt _ Nguyén ha'm - : Suy ra: - uav = U/.Ua - vau.
d’U — e ieeen dx B ' —I'mrrrrwaee

a a

— Thir t wu tién chon u: log — da — lwong — mii va dv = phan con lgi. Nghia 1a néu c6 In hay log = thi

1 .
chon u=In hay u= loga T = 1—.lnx va dv = con lai. Néu khong ¢6 In; log thi chon + = da
na

thirc va dv = con lai. Néu khong co log, da thirc, ta chon « — luong giac,. ...
— Luu y rang bac cua da thirc va bic cua In twong (mg voi sb 1an 1ay nguyén ham.
— Dang mii nhin lwgng gidc 1a dang nguyén ham timg phéan luan hoi.
1
Céu 1. Biét ring tich phan [ (22 +1)¢"dz = a + b Khi d6 tich ab bing
0

A. 1. B. —1. C. —15. D. 2.

Cau 2. Tim a >0 sao cho J.x.eadxz 4
0
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A4 B.l, c.l, D.2.
4 2
1
Céu 3. Cho ham s6 : f(x)z( “1)3 +bxe*. Tim a va b biétrang f'(0)=-22 va j f(x)dx =5
X+ 0
Aa=-2,h=-8. B.a=2,h=8 . C.a=8,b=2, D.a=-8b=-2
1
1

Céiu 4. Biét rang : J.xcos 2xdx = 1 (asin2+bcos2+c), voi a,b,c e Z.Ménh dé nao sau ddy 1a dung:
0

A2a+b+c=-1 B.a+2b+c=0 . C.a-b+c=0. D.a+b+c=1

Céu 5. Cho m 12 mét s6 duwong va [ = j(4‘” In4—2"In2)dx. Timmkhi I =12
0

A.m=4, B.m=3 . Cm=1, D.m=2

T

2
Cau 6: Bict I(2x—1)cosxdx=m7z+n. Tinh T =m+2n.
0

A. T =-5. B. T =-3. C.T=-1. D. T=7.

Céau 7: Cho tich phan [ = jf sin2z¢™dz . Mot hoc sinh giai nhu sau:

) z=0=1t=0 )
Buoc 1: Pat t = sinz = dt = coszdzr . D6i can T :>I:2f te'dt
r=—=1t=1 0

2
1_ 1t I
. foedt—e e

1
=1

0

) u=t du =dt L ,
Buoc 2: Chon dv:etdté v :>j;tedt:te

1
Bude3: 1 =2 [ te'dt =2
0
Hoi bai giai trén ding hay sai? Néu sai thi sai tir budc nao?

A. Bai giai trén sai tur budc 1. B. Bai giai trén sai tr budc 2 .
C. Bai gidi trén hoan toan dung. D. Bai giai trén sai ¢ budc 3.
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111, ’'NG DUNG CUA TiCH PHAN TRONG HINH HOC

1. Tinh dién tich hinh phang
Note: Dién tich hinh phang gidi han bdi cac duong

b
y =f(x); y=9(X); x=a; x =b(a<b)la: S=j|f(m)—g(m)|da:

Chii y: Néu bai toan cho thiéu mot trong hai duong thang X =a hodc X =b hoic ca hai thi ta
phai di giai phuong trinh f(x) = g(x) dé tim ra chung.
2. Tinh thé tich vat ’thé tron xoay 7
Note: Thé tich khoi tron xoay sinh ra khi quay hinh phang giéi han béi céac
duongy =f(x); y=0; x=a; X=b (a<b) quanh Ox la:

b
Vou = 7[[f(@)] da

Cau 1.
Cau 1: Dién tich hinh phang dwoc gi¢i han béi cac dwong y = (e + 1)x,y = (1 + e”’) z la:
A. £ —2(dvdt) B. < — 1(dvdt) C. < —1(dvat) D. < + 1(dvdt)
2 2 3 2
Cau 2: Dién tich hinh phang dwogc gi¢i han béi cdc dwong y = sin2z,y = cosz va hai dwong thing
=0,z = URFY
2
1 1 3 1
A (dvdt) B._ (dvdt) c.> (dvdt) D. - (dvdt)

Cau 3: Dién tich hinh phang gi¢i han boi y = 2,y = sin’z + = (0 <z < 7r) c6 két quala

A B.

N |

C or pD. =
3

Cau 4: Cho hinh phang (H) dwoc gidi han béi dwong cong (C):y =e”, truc Oz, truc Oy va duong
thang z = 2. Dién tich cta hinh phing (H) la:

2

A e+4 B. e —e+2 c.%+3 D.e’—1

Cau 5: Dién tich hinh phing gi¢i han boi y = n z Sy= la

Al B.1-1n2 C.1+In2 D. 2 -1n2

Cau 6: Cho (C): y:%x3+mx2—2x—2m—% .Gid tri m €

0;%] sao cho hinh phang gi¢i han béi do
thi (C), y = 0,z = 0,z = 2 c6 dién tich bing 4 la:

Am=—— B. m=

— m:§ D.m=——
2 2 C. 2

Cau 7: Dién tich hinh phang gi¢i hanbdi y = e” —e *;0x;2 =1 1a:



Dé cwong 6n thi THPT Quéc Gia ndm 2017 Trworng THPT Hdi An

Al B.e+1—1 C.e+1 D.e+1—2

€ (& €

Cau 8: Dién tich hinh phang gi¢i han bé&i y = 5 + ‘x‘ Y =

7’ —1‘,:5 =0,z =1 c6 két qua la:

A.E B.% C.§ D.ﬁ
6 3 3 3

Cau 9: Dién tich hinh phang gi¢i hanbdi y =|Inz |;y =1 la:

1

A e—2¢" +2 B.e+-—-2 C.e +2—1 D.3
e
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Cau 10: Dién tich hinh phang dwgc gi¢i han béi cac dwong y = 4[4 —— ,y = la:
477 b
A. 27 + é(dvdt) B, 2rt4 (dvat) T+ é(dvdt) D. 27 — é(dvdt)
3 C. 3 3

Cau 11: Vi gia tri m dwong ndo thi dién tich hinh phang gi¢i han béi hai dwong y = 2° va y = ma
bang % don vi dién tich?
A.m=1 B.m =2 Cm=3 D.m=4

Cau 12: Tinh dién tich hinh phang gi¢i han bé&i dd thi ham s6 y = —2” + 32* — 3z + 1 va ti€p tuyén cta

d6 thi tai giao diém cta do thi va truc tung?

A. 27 B. > C. 2 D.
4 3 4

NS

Cau 13: Dién tich hinh phing gi¢i han bé&i do thi ham s6 y = 2° — 42 + 5 va hai tiép tuyén véi do thi
ham s6 tai A(1;2) va B(4;5) c6 két qua dang % Khi dé a + b biing

g 13

A. 12 .
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C. 13 D.
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Cau 14: Dién tich hinh phang gi¢i han béi dwong y = 4 — ‘x‘ vay = % bang:

A2 B. 2> .
3 3 3 3

Cau 15: Dién tich ctia hinh phang gi¢i han béi cac dwong y = 2* + 22 truc Oz va hai duwdng thing
r=0,2=a,(a<0)la:

A. d® +d’ B. —%a‘q’—i—aQ C. —%a?’—cﬁ D.%cﬁ—l—a2

Céu 16: Dién tich ctia hinh phéng (H ) gi¢i han boi céc dwong y = 2° +az —a vay =z v6i a <1l
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3 3.2
A (a —g 1) B. 5a 9a6—|— 3a+1
C e’ +3a* —3a—1 D 5a® — 9a*
' 6 ' 6

Cau 17: Dién tich hinh phdng dwoc gi¢i han bdi cdc dwong y = Inz, truc hoanh va hai dwong thing

r==—,x=ela:
e

2 1 1 1
A 2— - (dvdt) B. - (dvdt) C.e+ - (dvdt) D.c— - <dvdt)

=xInx

Céu 18: Cho hinh phing (H ) nhw hinh vé:

*=3
4
)
Dién tich hinh phéng (H) 1a :
24 ,
A 232 B.1 ¢ dmz-2 D. 2144
2 2 2 | 2 4
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Cau 19: Thé tich khdi tron xoay dwogc tao thanh khi quay hinh phang (H) dworc gidi han béi cac dwong

sau: y = f(x) truc Oz va hai dwong thang z = a,r = b xung quanh truc Oz la:
A.V:ijz(x)dx B.V:]fz(x>dx C.V:W]f(w)dm D.VIQW}f2<$>dI

Cau 20: Thé tich khdi tron xoay sinh ra do quay hinh phing gi¢i han béi cac dwong y = 2°, truc Oz,
z = —1, £ =1 mot vong quanh truc Oz la:
67 27

A m B. 27 C. — D. —
7 7

Cau 21: Cho hinh phang (H) giéi han bdi dudng y = 2°,2 = y°. Thé tich cia khdi tron xoay sinh ra khi
quay hinh (H) xung quanh truc truc Oz la

A B. 2~ .
3 5

3m
o
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Cau 22: Cho hinh phang (H) gi¢i han boi dwong y = 27 — 2°,y = 0. Thé tich ctia khdi tron xoay sinh ra
khi quay hinh (H) xung quanh truc truc Oz la

AT B. 107 c. T p. T
15 15 15 15
Cau 23: Cho hinh phing (H) giéi han boi dwong y = 2°,y = 22. Thé tich cua khdi tron xoay sinh ra khi
quay hinh (H) xung quanh truc truc Oz la
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AT B. 2T c. 2. p. &7
15 15 15 15
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