TRUONG HOP PONG DANG THU BA

1. TOM TAT LY THUYET
. Dinh ly: Néu hai gbc ctia tam gidc nay lan luot bang hai géc ctia tam giac kia thi

hai tam giac d6 dong dang.

G AABC,AA'B'C’

T A=A,B=B

K
AABC «» AA'B'C' A
L B C BY Cv

II. BAI TAP VA CAC DANG TOAN
Dang 1. Chitng minh hai tam gidc dong dang

Phuong phdp gidi: Chi ra hai cip goc tuong ting bang nhau trong hai tam gidc dé suy ra
hai tam gidc dong dang.

1. Cho tam giac ABC c6é duong phan giac trong AD. Qua C ké duong thang song song
v6i AB, cat tia AD tai E. Chitng minh:

a) AABD «» AECD; b) AACE can tai C.

2. Hinh thang ABCD (AB||CD), c6 DAB = CBD .Chting minh AABD > ABDC.

3. Cho AABC c6 AM la phan giac cta @(M € BC) . Keé tia Cx thudc ntra mat phang

bo BC khong chtra A sao cho BCx = %B:‘I: Goi N la giao ctia Cx va tia AM. Chung

minh:
a) BM.MC = MN.MA; b) AABM «» AANC;
c) Tam gidc BCN can.

4. Cho hinh binh hanh ABCD. Mot cat tuyén d qua A bat ki cat dwong chéo BD tai E va
cac duong thang BC, CD Ian luot tai F va G. Chiing minh:

a) AGCF «» AGDA; b) AGCF «» AABF;

c) AGDA «» AABF va tich s6 BF.DG lu6n khong d6i khi d quay quanh A.

Dang 2. St dung cac truong hop dong dang th ba d€ tinh do dai cac canh, ching
minh hé thitc canh hoic chitng minh cac géc bang nhau

Phuwong phdp gidi: St dung treong hop dong dang thit ba (néu can) dé chiing minh hai
tam giac dong dang, tir d6 suy ra cac cip gdc twong ting bang nhau hoéc cdp canh tuong
utng ti le.

5. Cho tam giac ABC vudng tai A, duong cao AH. Chitng minh:

a) AB? =BH.BC; b) AH? = BH.HC.
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6. Cho tam giac ABC vudng tai A, Q la diém trén AC. Goi D la hinh chiéu ctua Q trén BC
va E 1a giao diém cua AB va QD. Chting minh:

a) QA.QC=QD.QE; b) AB.AE = AQ.AC.

7. Cho tam gidc ABC (AB < AC), duwong phan gidc trong AD. Goi M va N theo thit ty
1a hinh chiéu cta B va C trén duong thang AD. Chting minh:

a) % = 2—2; b) AM.DN = AN.DM.

8. Cho tam giac ABC (AB < AC), duwong phan giac trong AD. Trén tia d6i cua tia DA
lay diém I sao cho ACI = BDA. Chtng minh:
a) AABD «» AAIC; b) AABD «» ACID;

) AD? = AB.AC-DB.DC.
HUONG DAN

PHIEU BAI TU LUYEN

Bai 1: Cho tam gidc ABC c6 duong phan giac trong AD. Qua C ké duong thang song
song v6i AB, cat tia AD tai E. Chting minh:

a) AABD” AECD; b) AACE can tai C.

Bai 2: Cho hinh thang ABCD c6 AB//CD, AB =4cm , DB =6cm va X = CBD. Tinh
do dai CD.

Bai 3: Cho A ABC vudng tai A ¢ AK la duong cao AB =12cm, AC = 16cm.

a) Chting minh: A ABK ~ A CBA. Tinh d¢ dai doan thing BC, AK.

b) Chttng minh: AABK” ACAK

c) Chttng minh: ACAK” ACBA

Bai 4: Cho tam giac ABC. Trén céc canh BC, CA, AB ldy lan luot cac diém M, N, P sao
cho AM, BN, CP déng qui tai O. Qua A va C vé cdc duong thang song song véi BO cat
CO, OATan lwot 0 E va F.

a) Chttng minh: AFCM” AOBM va APAE” APBO

MB NC PA 1

MC NA PB

Bai 5: Cho A4BC c6 3 goc nhon, cac dwong cao AD, BE, CF citnhau & H . Chiing
minh:

b) Chitng minh:

a) AD.BC =BE.AC =CF.AB
b) AD.HD = DB.DC va suy ra cac hé thitc teong tue

C) AABH” AEDH va suy ra cac két qua tuwong tu
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d) AAEF ~ AABC va ABDF ~ AEDC

e) AAHB ~ AAFD va suy ra cac két qua tuong tu.

f) Diém H cach déu 3 canh cia ADEF

Bai 6: Cho hinh thang ABCD (AB // CD). Goi O la giao diém cua hai duwong chéo AC va
BD.

a) Ching minh OA.OD = OB.OC.

b) Duong thang qua O, vudng goc véi AB, CD theo thit tu tai H, K. Chiing minh
oH _ 4B

OK CD

Bai 7: Cho tam gidc ABC c6 E = 2.6' ,AB =4 cm, AC =8 cm, Tinh d6 dai canh BC ?

LOI GIAI PHIEU BAI TU LUYEN

Bai 1:
a) Do AB//CE nén BAD = DEC . Chting minh duoc /T\
A B

AABD ~ AECD(g - g)
b) Chttng minh dwoc CAD = @(: ];4\D) nén AACE can tai C.

Bai 2: Xét AABD va ABDC:

—

A =CBD; ABD =BDC (so le trong)

= =AABD” ABDC (g-g)

AB BD BD* 6 D c
= = :Z:9cm

>— ==
BD CD AB

Bai 3: a) Chtiing minh: A ABK —~ ACBA. Tinh d¢ dai doan thang BC, AK.

A
%’\c
B K

ABK = CBA(= 90" — BAK)
AABK,CBA: |~~~ — AABK” ACBA
AKB = CAB(= 90)
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AABC vudng tai A: BC =y AB* + AC® =20cm

BAAC _ 8. 6em

S :%AK.BC:%AB.AC:>AK:

ABC

ABK = KAC(= 90° — BAK)
b) AABK,CAK :{_—_ = AABK” ACAK
AKB = CKA(= 90")

AABK” ACAK
c { = ACAK” ACBA (cach khac g-g)

AABK” ACBA
Bai 4:
FCM = OBM (0B | /CF)
a) AFCM,0BM :{ __ ~ " — AFCM ~ AOBM
FMC = OMB
PAE = PBO(OB//AE)
APAE,PBO:{_— = APAE” APBO
EPA = OPB
MB OB

PA AE MC PB FC

APAE” APBO = — =—
PB  BO

NedAC AE AC

OeEC:W_% AE AN

OcFA ON AN _FC NC
OcAC” FC _AC

MB NC PA:AE FC:1
MC NA PB FC AE
Bai 5: a) Vi 4D, BE, CF la duong cao cuia AABC = AD L BC; CF L AB;BE 1 AC

b)

AAEC:ON//AE,{

AAFC:ON//CF,{

Ttr cac két qua trén suy ra dpem:

| | . CFA=BEA=90°
Xét ACFA va ABEA co: = ACFA~ ABEA(g —2)
A chung
cr _ac

—— =2~ — AC.BE=CF.4B (1)
BE  AB
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Xét ACFB va AADB coO:
CFB = ADB = 90°

N = ACFB ~ AADB(g - g)
B chung

— FCB = DAB va %:Q@ AD.BC = CF.AB (2)

Tt (1) va (2) suy ra: AD.BC =BE.AC =CF.AB

b) Xét ACDH va AADB cé: ?

CDH = ADB = 90°
AA = ACDH ~ A4ADB(g - g)
HCD = BAD(cmt)
HD CD CH
BD AD AB

< AD.HD = CD.BD; AB.HD = CH .BD;CD.AB = CH.AD

, . . AEH = BDH =90° ., AH _EH
c) Xét AAEH va ABDH c6: = AMHE” ABDH(g—-g) =
AHE = BHD(dd) BH DH
AH _EH
Xét AAHB va AEHD c6: BH DH = AMAHB” AEDH(c—g—c¢)
AHB = EHD(dd)

Tuong tw ta c6: AAHC ~ AFHD;ABHC ~ AFHE

d) Vi ACFA” ABEA = £4 _AC
EA 4B
FA _AC
Xét MEF va MBCeo: AE 4B "™\ augr AABC(c—g—c)
A(chung)
ABDF” ABAC

Chttng minh twong tw ta cd

— ABDF” AEDC (t/c..)
ABAC" AEDC

—

e) Vi ABDF” ABAC = BDF = BAC < ADF = ABH (ciing phu véi BDF = BAC)
, \ . ABH = ADF ,
Xét AAHB va AAFD co: = AAHB” AAFD(g—g)
A(chung)
Tuong tw ta c6: AAED ~ AAHC
f)
AAHB” AAFD — ABH FDA —_— ——

— — = FDA=FEDH = DH latia phan giac FDE 3)
AAHB> AEHD — ABH = EDH
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Lai c6: FEB = FAD (cung phu véi AEF = ]ﬁ)
Ma: HAB = @(cmt)

— FEB = HED = EH la tia phan giac FED 4)

Tt (3) va (4) suy ra: H la giao diém cta 3 duong phan giac trong tam gidc FED hay H

cach déu 3 canh ctia tam giac FED

Bai 6:
A H p

AOB =COD "
a)s = AOAB’ AOCD:%=%

OAB = OCD (AB//CD) oc
dpcm

AHO = CKO(=90°) 04 OH b

— = AOAH” AOCK = —=—— K

OAH =OCK (AB//CD) oc Ok
Ma AOAB” AOCD = 04 _ 4B nén or _ 4B

oCc CD OK CD
Bai 7: "
Keé duong phan gidc BD ctia tam giac ABC.
~ D
Xét AABC va AADB c6 A chung,
ACB = ABD|= ABC suy ra AABC «» AADB (g.g)
B
2 2

:ﬁzA—C:AD:AB :4—:2 (cm)

AD AB AC 8
= CD =6 (cm).
AABC c6 BD la dwong phan giac nén BC _D = BC = ABLD _ 46 _ 12 (cm).

AB AD AD 2

PHIEU TU LUYEN SO 2

Bai 1: Cho hinh cht nhat 4BCD, goi E la trung diém cua 4B, F la trung diém cta CD

. Chiing minh hai tam gidac ADF va CBE d6ng dang v6i nhau.

Bai 2: Cho tam gidc ABC vuodng tai 4, AB =15¢m; AC =20cm . Ké duwong cao AH .

a. Chtng minh : AABC~ AHBA tlt 6 suy ra: AB> = BC.BH
b. Tinh BH va CH .
Bai 3: Cho hinh thang ABCD (AB //CD).
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Biét AB =3cm; AD = 2,5cm; BD = 6cm va DBC = DAB.

a. Chting minh hai tam gidac ADB va BCD dong dang.

b. Tinh d6 dai cac canh BC va CD.

Bai 4: Cho tam giac vuong ABC(;I = 900) ¢ AB=9cm, AC =12cm . Dung 4D vuodng goc
v6i BC(D € BC). Tia phan giac goc B cat AC tai E.

a. Tinh d6 dai cac doan théng AD,DB va DC.

b. Tinh dién tich cdc tam gidc 4BD va ACD.

Bai 5: Cho hinh binh hanh 4BCD véi duong chéo AC > BD. Goi E,F lan luot la chan
duong vuong gocké tir C dén cac duong thang 4B va 4D .Goi G la chan duong vuong
gécké tt B d&n AC.Chting minh rang:

a. ABCG dong dang v6éi ACAF

b. BG.AF =CG.CF

Bai 6: Cho hinh binh hanh 4BCD, trén tia d6i ctia tia DA 1ay diém M sao cho DM = 4B,
trén tia d0i ctia tia B4 1ay diém N sao cho BN = AD. Ching minh:

a. ACNB va AMDC can.

b. ACNB ~ AMDC

c. Ching minh M,C,N thang hang.

Bai 7: Cho tam giac ABC(AB< BC) c6 cac géc déu nhon, duong phan giac 4D . Cac

duong cao BE, CF citnhau & H , duong phan giac 4D . Vé tia Dx sao cho CDx = BAC
(tia Dx va A cung phia d&i véi BC), tia Dx cat AC & K. Chting minh:

a. AABE ~ AACF . Ttt d6 suy ra: AE.AC = AF.AB

b. AABC ~ ADKC.

c. DK =DB.

Bai 8: Cho tam gidc ABC vudng tai 4, c6 4B =6cm, AC=8cm,BC =10cm. Buong cao
AH(H e BC).

a. Chi ra c4c cdp tam gidc dong dang.

b. Chting minh réng AH? = BH.HC
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c. Cho 4D la dwong phan gidc ctia tam gidc 4BC(D € BC). Vé duong thang vuong goc
véi AC tai C cit duong phan gidc AD tai E.Chting minh tam gidc ABD dong dang
tam giac ECD.

Bai 9: Cho tam giac ABC, duong trung tuyén AM . Qua diém D thudc canh BC, vé
duong thang song song véi AM , cat AB va AC theo thé tu tai E va F .

a. Chitng minh rang khi diém D chuyén dong trén canh BC thi tong DE + DF c6 gia
tri khong doi.

b.Qua 4 vé duong thing song song v6i BC, cat EF & K . Chiing minh rang K 1a trung
diém cta EF .

Bai 10: Cho cac tam gidc ABC va A'B'C' ¢6 A+A'=180°,B=B". Goi BC =a, AC =b,

AB=c¢,B'C'=a",A'C'=b",A'B'=¢'. Chtitng minh rang aa'=bb'"+cc'.
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LOI GIAI PHIEU TU LUYEN SO 2

Bai 1:

D F C

AECF 1a hinh binh hanh (Vi ¢ 4E,FC song song va bang nhau), suy ra: AF //EC.
Khi d6, ta c6: AFD = ECF (hai goc dong vi)
CEB = ECF (hai goc so le trong)
Tu d6: AFD = CEB
Xét AADF va ACBE, ta co:
B=D=90"
AFD =CEB
Do vay: AADF ~ ACBE (g.g)

Bai 2:

a. Xét AABC va AHBA, ta co:
=H=90"

h

B chung
Do d6: AABC~ AHBA (g.g)
AB BC
>—=—
HB BA
= AB.BA= HB.BC hay 4B’ =BC.BH
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b. Ap dung dinh ly Py-ta-go vao tam giac vudng ABC':
AB*+A4C* = BC?
=15 +20° = BC®

= BC=25cm.

Theo a, ta co: AB _BC hay 15 _25

HB BA HB 15
:HB:ﬁz9cm.

25
CH =BC—-HB=25-9=16cm.
Vay HB =9cm,CH =16cm.
Bai 3:
A B
D C

a. Xét AdDB va ABCD co:
ABD = BDC (hai goc so le trong)
DBC = DAB

Do do6: AADB~ ABCD (g.g)

AD AB DB

b. Vi AADB~ ABCD nén = =
BC BD CD

25 3_6
BC 6 CD

= BC =5cm,CD =12cm.

Hay

Bai 4:
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A4 E C

a. Ap dung dinh ly Py-ta-go vao tam giac vuong ABC:
AB*+4C* = BC?
=9?+12° = BC*
= BC=15cm.

Xét AABC va ADAC co:
ABC = DAC (cung phu voi C )
C goc chung
AB AC BC
AD DC AC
9 12 15 9 12 5
AD DC 12 AD DC 4
= AD =7,2cm; DC =9,6cm; DB =5, 4cm.

Do dé: AABC~ ADAC (g.g) =

b. Tinh dién tich cdc tam gidc 4BD la: %.BD.AD = %.5, 4.7,2=19,44cm’

Tinh dién tich cac tam gidc ACD la: %.DC.AD = %.9,6.7,2 =34,56¢cm’

Bai 5:

a. Xét ABCG va ACAF co:

G=F (=90")
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BCG =CAF (hai goc so le trong)
Do d6: ABCG~ ACAF (g.g)

BG CG

b. ABCG~ACAF (g.g) =>——=——
®8) = =%

Hay BG.AF =CG.CF
Bai 6:

A D M

a. Xét ACNB c6: BN = AD (gt), ma AD =BC nén BN =BC.
= ACNB can tai B.

Xét AMDC c6: DM = AB (gt), ma AB=DC nén DM =DC.
= AMDC can tai D.

0o 3
b.Vi ACNB can tai B nén BCN = BNC = 180 -8

.o~
Vi AMDC can tai D nén DCM = DMC = 180 -D

Ma B=D (vi cting bl véi 2 gbe bang nhau) nén BCN = BNC = DCM = DMC

Xét ACNB va AMDC c6:
DCM = BNC (cting b1 véi hai goc bang nhau CBA va B/C\D)
CMD = NCB (cmt)

Do d6: ACNB ~ AMDC (g.g).

c.Ta cé: CMD = NCB (hai géc dong vi)

DCM = BNC (hai goc dong vi)
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BCD=CDM (hai goc so le trong)

Ma DCM +CDM +DMC =180° (Dinh Ii tong ba goéc trong mot tam giac).
Nén NCM = NCB+BCD+DCM =180".

Do d6 M,C,N thang hang.

Bai 7:

a. Xét AABE va AACF co:

E=F (=90")

A goc chung

Do do: AMBE ~ AMCF (g.g) = 2L - 48
AF ~ AC

Hay AE.AC = AF.AB
b. Xét AABC va ADKC c¢:
BAC =CDx (gt)
C goc chung
Do d6: AABC ~ ADKC (g.g)

c. Theo b. va tinh chdt duong phan giac ta co: bs _DE vi cing bang A—B
DC DC AC

= DK = DB.

Bai 8:
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4 C
a. Cac cdp tam gidc dong dang: AABC ~ AHBA; AABC ~ AHAC; AHBA ~ AHAC .
b. Xét hai tam gidc vudng AHBA v AHAC c6: BAH + HAC =90°
ACH + HAC =90"
Suy ra: BAH = HCA
= AHBA ~ AHAC (g.g)

o BH _ AR hay AH® = BH.HC
AH CH

c. Vi EC1 AC,BA 1L AC = BA//CE
Xét AABD va AECD cé:
BAD = DEC (hai goc so le trong)
ABD = DCE (hai goc so le trong)
Do do: A4BD ~ AECD (g.g).
Bai 9:

B D M C

DE DF BD DC _BC
= =——=2

a. Ta co: = + = =
AM AM BM MC BM

Vay DE+DF =2AM .
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Ma 4AM khong doi, nén DE + DF khong doi.

b. Ta chttng minh duoc: K _KE (cing bang K4 )-
AM  AM McC

= FK =KFE
Do dé: K 1a trung diém ctia EF .
Bai 10:

JANIVAN

C A D

Vé AADE bang AA'B'C', ké EF [/ BC.

Vi BF)/BC = AE AL b _AF e aF (1)
AB AC "¢ b

AABC va AEDF dong dang (g.g)
BC 4B a c
bt _A5

DF ED AF+c¢' a'

=aa'=cAF +cc' (2)
Tt (1) va (2) suy ra: aa'=bb'+cc'.

========== TOAN HQC SO DE\)
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