CHUYEN PE RUT GON BIEU THUC CHUA CAN THUC BAC HAI

A. KIEN THUC TRONG TAM

Pé rit gon biéu thirc chira can béc hai ta thuwong thuwc hién cdc budc sau:

- Budc I‘: Tim diéi:l kién xdp dinh cda‘ biéu thirc (néu dé chwa cho diéu kién). Chu y dieu kién can
thite, diéu kién mau, va diéu kién phan chia.

- Bude 2: Phdn tich mdu thanh nhdn tir, két hop phdn tich tir bang cdc phép bién doi don gidn.

- Bude 3: Bé ngodc, thu gon cdc biéu thirc mét cach hop Iy. Két hop diéu kién bai todn dé két
luan.

Vi du minh hoa 1: Rit gon céc biéu thirc sau

_ Vx Akl x-to
Jx-2 Jx+2  x-4

b) B=(13—4@)(7+4x/§)—8\/20+2\/43+24\/§

a) A (xZO,x¢4)

Loi giai
a) Voi (x=0,x = 4) ta co:

x/;(\/;+2)+(x/;—l (\/;—2)+\/;—10 _2x-8

x—4 x—4

b) B=(13—4@)(7+4\/§)—8\/20+2\/43+24\/§

(2\/3—1)2 (2+\/§)2 —8\/20+21/(4+3\/§)2

(3\/§+4)2—8\/20+2(4+3\6) =(3v3+4) —8428+643

2

=(3v3+4) -8,[(3v3+1) =43+24V3-8(343+1)=35
a—\/g IJ:(G+2\/;_1]

Vi du minh hoa 2: Cho biéu thuc P = [ﬁ'ﬁ‘ Jazo
a) Tim diéu kién x4c dinh va rat gon P.

b) Tima d& P=5.

c) Tinh gia tri cua P khi a =3+ NP

d) Tim a dé P 1a mot s6 nguyén.
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e) Tima dé P<1.

Loi giai

. a=0 a=0
a) biéu kién:

=
Ja-120

Ruat gon: P= ( J (a\/tzi/z_ J
| MalWay) ][ Na(Yax2) | Vasn
| Ja-1 1 Ja+2 “Ja-1

a#l

a>0

a#l

b) Vi {

Ja
P=5<:>\/_j=5<:>\/;+1=5(\/;—1)

=N a+1=5\/;—5c>4f=6c>fz%@az%(théadiéukién).

a9

Vayvorla=zth1P:5,

c)Khia=3+2x/§=(x/§+1)2,thayvaobiéuthl'rcPdﬁdu’qcrﬁtg()n,tacé:
2

Ja +1 (\/5+1) +1

Va1 \/(x/aﬂ)z—l

_‘\/5+1‘+1_\/5+1+1_\/§+2_
N2e-r V2e-r V2 Sl

Va+l_Ya-142 Va-1 2 _ = 2
Va-1 Na-1 Na-1 Ja-1  a-1

P=

d) Taco: P=

Dé P 1a mot sé nguyén thi \/_2 phai 1a mot s6 nguyén, suy ra Ja-1 phai la uwéc nguyén cua 2.
7 —
_\/5_1 s '\/; =3
=9
C|Va-1=1  |Ja=2 .
Do do: = Sla=4
Ja-1=—-1 |Ja=0 Y0
Va-1=22 _[ —1('V6 nghiém)

Vay voi a = {0; 4;9} thi P dat gia tri nguyén.
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\/2+1 \/;+1

e)Pé P<leo ' <l 221 1<0
) Ja-1 Ja -1
Ja+1-(Va-1) )
= <0 <0
Ja -1 Ja -1

eJa-1<0eJa<l

< a<1.Kéthop diéu kién suy ra: 0<a<l1

Vay voi 0<a<1 thi P<1.

Vi du minh hoa 3:

v =y —yx +4x
1+\/E

a) Tim diéu kién xé4c dinh va rut gon M.

Cho biéu thitc M =

’ N 2
b)  Tinh gia tri ctia M, biét ring x = (1—J§) va y=3-+8
Loi giai
a) biéu kién: x>0;y>0

I e R R N N AR e/
l+\/7 l+\/5

(D)) () )
- 1+\/E - 1+\/E _\/;_\/;

b) Vi x=(1-v3) viy=3-v8=3-242=(v2-1)
M= [(1-43) —(V2-1) =B-1-(V2-1)=\3-\2

B. CAC DANG BAI MINH HQA
I. CAC DANG TOAN

Bai todn rit gon tong hop thwong cé cdc bai todn phuy: tinh gid tri biéu thirc khi cho gid tri cuia dan, tim diéu
kién ciia bién dé biéu thire 16n hon (nhé hon) mét sé ndo do; tim gid tri cia bién dé biéu thire c6 gid tri nguyén;
fim gid tri I6n nhat, gid tri nhé nhat cia biéu thirc, ... Do vy, ta phdi dp dung cdc phirong phdp twong irng,
thich hop cho tung dang toan. (Vd 2).

Dang 1. Riit gon biéu thirc

1-a l-a

a+\/_ ][H a=a
Ja +1 —a
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Bai 1: Rat gon biéu thirc: Az[l_a\/;ntx/;j{l_\/;] (voi a=0;a=#1)

Bai 2: Rat gon biéu thic: M = ( J voi a=20;a#1



Bz‘li3:Rﬁthnbiéuth1'rc:B=( . ! j:[l—i+L]V(ﬁx>0
x+3Vx

J;+3 J; x+3J;
Bai 4: Rt gon biéu thirc: P = x2 +«/Z—2 véi x> 0;x %2
2\/;+x\/5

\/Z+1

Bai 5: Rat gon biéu thie: O = : voi a>0,a=4
s (a 2a  a- 2) a—4Ja+4

: 2 +4
Bﬁi6:R1’1thnbiéuth1’1c:P=( Jx + J: T Gi x20;x#4

x+2 Jx=2) Jx+2
Bz‘li7:Rﬁtg9nbiéuth1’rc:M=£ L _ ! J'HZ\/; voi x>0, x %4
x—4 x+4Jx+4 Jx

: Vb Ja
Bai 8: Rt gon biéu thic: N = axb—bJa) (véi a>0;b>0;a b
( = | ) ( )

HUONG DAN

Bail.Véi a>0;a#1. Taco:

_(1zaVa 1=y | _[ (1) (e s a?) o
A‘(l—\/z +\/5M l—aJ ) 1-Va +a |. (1-Va)(1+a)
1+2va ++a’ el — L
LA e Gl v
Vay A=1.

Bai 2. V6i a=0;a#1, ta co:

(8 (40 S
=(Va+1)(1-Va)=1-a

Vay M =1-a.
Bai 3.

Véi x>0

Bz&ﬁ&*&iajz 1%*2(}

X 1 2 6
= + .

F({ees) e[| R )
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Ve o1 J Vi-2 6
Jx+3 Jx+3)| Jx \/;(\/;-i-?))

Jx+1 ‘ (\/;—2)(\/;+3)+6
oo )| (Vi)

[NxH1) | x43dx-2Jx-6+6
Jx+3) \/;(\/;+3)

_ 1) | xrx :(\/;HJ.*/;(*/;”)
Jx+3) \/E(\/;+3) Vx+3 x/;(«/;+3)

_\/;+1‘\/;+1_1
Vx+3 Jx+3

Vay khi x>0 thi B=1.

Baid. Voi x> 0;x =2, ta co:

_ x\/a x/E—Z
P a2

) w2 . \/5(\/5—\/5)
_ﬁ\/;(ﬁ+x/§) (\/;—\/5)(\/;+\/5)
= Jx + V2 =1

V2+4x Nx+2

Vay P=1.

Bai5. Voi a>0,a#4:

_ a a ) Ja+1
Q_(a—zx/2+\/2—2j'a—4\/2+4

_ a L_4a ) Ja+1 _[ Ja L J(\/;_Z)Z
Ja(Ja-2) Va2 '(J;_z)z_ Ja-2 Ja-2) Ja+1

ara (Ya-2) Va(1+4a) (Ja-2)
Va-2" NJa+1 Na-2 7 Ja+l
=a(Ja-2)

Vay, 0=+a(Ja-2)
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Bai 6. V6i x>0;x#4:

po[ N 2 ) x4
S Wxt2 Jx-2) Jx+2

i JE(J}—2)+2(J§+2)J:X+4
(\/;+2)(\/;—2) Jx+2

:x—%5+mﬁ+4xiim
(Vx+2)(Vx-2) | x+4

~ x+4 Jr+2 1

)

1

Jx-2

Vay, P=

Bai 7.
Vi x>0;x 24

Al—( 1 jx+2JE
x—4 x+4dx+4) Jx

1 1 Vr(Vr+2)

) (e |

) (Ve-2)(Vx+2) (Vx+2) (=2

I W NG I N B

“Vx2 a2 (Va-2)(Yxe2) x4

Bai 8.

Véi (a>0;b>0;a#b).

(b
N T e

‘[@(f;g@)@(fz;@)}@(@ﬁ)
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|l b=a | p(Ja-
| T e )

=b-a
Vay biéu thirc ¢6 gia tri N =b—a

Dang 2. Rut gon biéu thirc — tinh gi4 tri ciia biéu thirc khi cho gia tri ciia 4n

xialx 2x-1 x-6Vx+4
Jx-2 Jx+2 x-4

Bai 1. Cho biéu thtic: P = voi x> 0,x =4

a) Rut gon biéu thuc P.
b) Tim gié tri cia P khi x=9+4/5 .

y 11 4x+2
Bai 2. Cho biéu thire: 4 =—————+—2"= v6i x#=1
x—-1 x+1 x"-1

a) Rut gon biéu thirc A.

4
b) Tim x khi 4=——
2015

voi x>0;x=1.

x=2 1 ]\/;H
x+24x Jx+2)Jx-1

\/;+1

a) Chimg minh ring P =
Jx

Bai 3. Cho biéu thtc: P(

b) Tim c4c gid tri ctia x dé 2P =2x +5 .

X+ X+ y

Bai 4. Cho biéu thiic: O =—

55 Vo1 X# Y.
X =xy+y x -y

a) Rut gon biéu thuc.

b) Tinh gié trj ctia P khi x =743 ; y=/4-2./3

Jx+l 2dx 2+45dx
+ + \%
Jr-2 Jx+2 4-x

Bai 5. Cho biéu thic: P= 0l x20;x=4.

a) Rut gon biéu thuc.
b) Timx dé P=2.
HUONG DAN
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Bai 1.

a) Véi x=>0,x #4 | ta co:

_xtVx 2Vx-l x-6Jx+4

S Jx-2 Jx+2 x—4

(x+\/;)(\/;+2)—(2\/;—1)(\/;—2)+x—6x/;+4
(&—2)(\/;+2)

X X+ 2x+ x4 240x — 20+ 4/x +/x — 2+ x—63/x + 4

-2

X x+2x+\/;+2

(Vx=2)(¥r+2)

:x(\/;+2)+ x+2= (x+l)(\/;+2)
(\/;—2)(\/;+2) (\/;—2)(\/;+2)

P

_ox+l
Jx-2°
x+1
Vay voi x>20,x#4 thi P= .
Jx-2

2 \
b) Taco: x=9+ 4\/3 = (2 + \/g) thdéa man diéu kién xac dinh

:>\/;=2+\/§.

9+4V5+1_10+445 2544
2++/5-2 J5

Vay v6i x=9+4/5 thi P=2J5+4.

Bai 2.

a) Véi x = £1

Khido P=

1 1 dx+2 x+1 x-1 4x+2 x+1-x+1+4x+2
4= - vt T T vt T
x-1 x+1 x -1 x -1 x"-1 x -1 (x—l)(x+l)

_Aewd A 4oy

(x—l)(x+1) (x—l)(x+1) x—1

4
Vay: A=—— voi x# %1
x—1

4 4
< =
2015 x-1 2015

& x=2016 (TMPK)
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4
Vay khi 4=—— thi x=2016.
2015

) -2 1 1
Bai 3. Cho biéu thire P( x7e | j.*/;+ Vi x> 0:x£1.
x+20x  x+2)Jx-1
a) Voi x> 0;x #1
x—2 1 Jx +1
Taco: P + .
[x+2\/; \/}+2j Jx -1

x=2 N Jx \/;+1= x=2++/x | Jx+1
Vr(Vr+2) Vx(Vee2) Va1 | Vr(Vre2) [ Vx-

i (Vx-1).(Vx+2) ‘/;H:\/;H(d o)
G(re2) [V

b) Ta co: 2P=2\/;+5<:>2£\/f_/j1]=2\/;+5
X

S 2fx+2=2x+5x & 2x+3J/x-2=0

<:>(\/;+2)(\/_—%j=0<:>\/_=%<:>x=% (thoa diéu kién)

1
Vay x = thi 2P=2Jx+5.
Baid4. Voi x#y:

X+’ X+y (x+y)(x2—xy+y2) x+y x+y
a) 0= 2= 2 2 : =
X —xy+y (x=y)(x+y) x-y

X —xy+yt X -y
b) Vi x=7-43 = [(2-V3) =23
y=\/4—2\/—=~/(x/§—1)2=\/§—1
x+y  2-3+3-1 1

x-y (2-+3)-(v3-1) 3-243
34243 34243

(3-243)(3+243) -3
3+2\/§.

-3

Suy ra: Q=

Vay 0=
Bai 5.
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a) Voi x20;x#4:

_\/;+1+ 2x +2+5J}

Cx—2 Jx+2  4-x

(\/}+1)(\/}+2)+2\/§(\/Z—2)_2+5\/;
R R R

_x+2\/;+ x+2+2x—4\/;_ 2+5x

(Vx-2)(Vx+2)  (Vr-2)(Vrx+2)
3x—+/x+2 2+54x

(Vr=2)(2) (Vr=2)(V+2)

_ 3x—Jx+2-2-5Jx _ 3x—6vx
(Vx-2)(Vx+2)  (Vr-2)(Vr+2)

Wa(Va-2)  50n

C(r-2)(Vr+2) Va2

b) V6i x> 0;x#4,dé P=2

<:>—3\/;
\/;+2

Vay véi x=16 thi P=2.

P

=2 & 3Wx =2J/xr +4 o Jx =4 < x =16 (thoa diéu kién)

Dang 3. Rut gon biéu thirc — tim x dé biéu thirc rit gon dat gia tri nguyén

Bai 1. Cho biéu thirc: P:[ véi (a>0a#1a#2).

a\/;—l_a a+l| a+2
a—Ja a+-a ) a-2

a) Rut gon P.

b) Tim gia tri nguyén cta a dé P c6 gia tri nguyén.

voi x#0;x # %1,

, +1 x=1 X —4x—1) x+2017
Bz‘liZ.Chobiéuthl’xc:P=[x I J.“

x—1 x+1 x*—1 X

a) Rut gon P.

b) Tim gi4 tri nguyén cta x dé P co gia tri nguyén.
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Bai 3. Cho biéu thuc: Q=[ 2wl 1 j:[l L“j voi (x> 0;x 2 1),

x\/;—l_\/;—l _x+ x+1
a) Rat gon Q.
b) Tim gi tri nguyén cta x dé Q co gia tri nguyén.
1 1 Jx
x+\/;_\/;+lj: x+2\/;+1

Bai 4. Cho biéu thie: P = ( voi (x>0).

a) Rut gon P.
b) Tim x e R dé P co gia tri nguyén.
1 1

.2 3 )
Bai 5. Cho biéu thuc: P = + J1-—] v6i (a>0;a#9).
T ) )

a) Rut gon P.

b) Tim aeR d& P c6 gia tri nguyén.
HUONG DAN
Bai 1. Vi (a>0;a = La#2)

a)P:(a\/;_l a a+lJ‘a+2

a—\/;_a+\/; a-2
_ (\/2—1)(41+ a+l) (\/EH)(a—\/EH) a+2

Ja(Va-1) Ja(Na+1) | a=2

_at a+1—(a_\/;+l)_a+2_2\/2_a+2_2(a—2)
B \/Z 'a—2_\/;‘a—2_ a+2

2(a—2)_2a—4 _2a+4-8

b) Taco: P= =
a+?2 a+?2 a+?2
_2a+4_ 8 o 8
a+2 a+?2 a+?2

P nhan gi tri nguyén khi va chi khi: 8:a+2 hay (a+2) 1 uéc nguyén cua 8.

a+2=+*1 a=-l,a=-3

a+2=%2 a=0a=-4
&

a+2=%4 a=2,a=-6

a+2=4%8 a=6;a=-10

Két hop didu kién a > 0;a#1;a#2 tasuyra a=2 hodc a=6 thi P dat gia tri nguyén.
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voi x#0;x =1,

x—1 x+1 x* =1

x+1 x—1+x2—4x—lj x+2017
X

Bai 2. Cho biéu thie: P= ( -

a) Voi x # 0;x = £1

P_(erl_x—l x2—4x—lj X+2017

+ 2
x—1 x+1 x =1 X

((x1) = (x-1) x2—4x—lJ x+2017

(-D)(x+1) ool x

_ (x2+2x+1)—(x2—2x+1)+x2—4x—1] x+2017

2
x =1 X

xz—lJ x+2017

xP -1 X
x+2017
X
+2017 . 2017
b) Taco: P=2 —1+
X X

= Dé P 1a s6 nguyén < 2017:x hay x 1a u6c nguyén ctia 2017 (cha y 2017 1a s6 nguyén td).
x=2017

1 , ‘
o) | kéthop didu kign x# 05x % £1, suy ra: x=2017,
x=-

x=-2017

Vay, voi x=2017 thi P dat gia tri nguyén.

Bai 3. Cho biéu thuc: Q:( 2okl 1 J:(l i} v6i (x20;x £ 1).

wWr-1 Jx-1) U xidx+1

a) Voi x20;x#1

2x+1 1 x+4
Taco: O= - -
¢ (x&_l J}—J( o X+J

2x+1 1 _(1_ x+4 j
(\/;)3_13 V-1 x++x+1

B (\/;—1)(36+ x+1) (\/;—1)(X+ x+1

B 2x+1 x++vx+1 | x+Jx+1-x-4
) x++x+1
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2x+1—x—\/;—l ) \/;—3
(\/;—1)(x+ x+1) x+x+1

x—/x ) Jx-3
(\/;—1)(x+ x+1) | x+/x+1

*/;(\/;_1) x+Nx+1 Jx
(\/;—1)(x+ x+1)‘ Jr-3 Jx-3

N
Jx-3

b) Tim gi tri nguyén cta x dé Q c6 gia tri nguyén

0- Jx —‘/;_3+3—1+ 3
Vx-3 Jx-3 Ux-3

D& 0 06 gid tri nguyén thi 3i(v/x —3) hay vx —3 1a uéc nguyén cta 3.

Vi-3=3  [Vx=6 [x=36
Jx-3=1  |Jx=4 |x=16
Suy ra: &

=
Jx-3=-1 |Jx=2 [x=4
Jx-3=-3 |Jx=0 L[*¥=0

Vay véoi x={0;4;16;36} thi Q dat gi4 tri nguyén.

Biéu thirc rat gon 1a: Q =

(thoa diéu kién)

q 1 1 Jx
Bai 4. Cho biéu thirc: P = - : voi (x>0).
(x+\/; \/;-i-lj x+2\/;+1 ( )
a) Vi x>0, ta co:
P_( 11 J Jx
x+dx Ax+1) x+2dx+1
B T U
Vr(Vr+1) Vatl (J}+1)2
2
St (o R
G(aa) ] eE w
b) Tim x € R dé P co gia tri nguyén.
. 1- 1 .
bé P co gié tri nguyén thi pP=—Y-"1 phai 1a s6 nguyén.
X X
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x=1(thda diéu kién)
Do d6 x la u6c nguyén cua 1. Suy ra:

x=—1(loai)
Vay véi x=1 thi P dat gia tri nguyén.

R 1 1 3
Bai 5. Cho biéu thirc: P= + J1-—— | véi (a>0;a#9).
Sraerd e R )

a) Véi a>0;a+9, ta co:
1 1 3
P= + J1-—
St i

_ Ja+3+vJa-3 (\/2—3J
(Va—3)(Va+3) | Va

_ 2Ja [\/2—3} 2
(Va-3)(Va+3)\ Va ) a+3

b) Tim a€R dé P co gia tri nguyén.

pé P= 2 dat gia tri nguyén thi Ja+3 phai 1a uéc nguyén cua 2.

\/;+3

Ja+3=2  [Ja=-1
+3=1 =-2 5
Suy ra: Ja = Ja (khong thoa man dicu kién).

Ja+3=-1 |Ja=-4
Ja+3==2 |Ja=-5

Vay véi khong c6 gia tri a € R thoa man dé P dat gia tri nguyén.

Dang 4. Rut gon biéu thirc — tim x dé biéu thirc théa bang hoic 16n hon (nhd hon) mdt sb cho truée

Bai 1. Cho biéu thtic: 4 =(

1 Ax)
Jx-1 x—=1) Jx+1
a) Tim diéu kién va rit gon biéu thirc.

b) Tim céc gia tri ciax dé 4<0.

1
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Bai 2. Cho biéu thtic: P= (1 +



a) Tim diéu kién va rat gon biéu thuc.

b) Tim céc gid trf ctiax dé Py/5+2v6. (V1) =x-2005+2 +43.

Lo 1 J Jx
x—vJx Nx-1) x=2Jx+1

Bai 3. Cho biéu thiic: P = ( (voi x> 0;x#1)

a) Rut gon biéu thic P.

e : 1
b) Tim céc gia tri cia x dé P>5.

Ja _ Ja JJ’
Ja-1 a-+Ja)

l(Vé'i a>0a#1)

Bai 4. Cho biéu thirc: P = (

a—

a) Rut gon biéu thuc P.

b) Tim cac gia tri cia a dé P<0

N

2 X 1 1 2
Bai 5. Cho biéu thuc: M = - : + 51 x>0,x#1
ai o biéu thirc L\/;—l x_\/;J (\/;H x—l} (v6i x>0,x#1)

a) Rat gon biéu thic M.

b) Tim cac gia tri ciia x d¢ M >0

HUONG DAN

Bai 1. Cho biéu thirc: 4= [

1 Sx)
Jr=1 x=1) Jx+1

N x>0 .
a) biéu kién: { . Khi do:

x#1
A:( | _J}J. 1 G+l x|
Jr-1 x-1] Jx+1 (J}—1)(J}+1) x—-1{ x+1
R e A A N 1 Jx+1
(Vr=1)(Vx+1) Vast (Vx-1)(Va+1) 1
_ 1
Jx-1
Biéu thirc rit gon la: A:\/;l_1
b)Dé 4<0 < ! c0eVr-l<0oVr<lox<l.
Vx -1

Két hop diéu kién, suy ra: A<0<0<x<1.
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» 1 1
Bai 2. Cho biéu thie: P=| 1+ .
[ Jx j Jx

N x>0
a) biéu kién: {
x#1

(1] 1 Vx-1+1 1
Khldo.P—(l \/;_J.x_\/;_( NE J.\/;(\/;_l)

Jx 1 1

Vet (Va1 ()
b) P.\/5+2\/3.(\/;—1)2 = x—2005+2 +3

@ﬁ (V3+v2) (Vr-1) = x-2005 442 3
x -1

<:>‘\/§+\/§‘=x—2005+\/§+\/§
342 =x-2005+/2+3

< x =2005 (thoa min diéu kién).

Bai 3.
a) Voi x>0;x #1:

1 1) W
P:(x—\/f\/}—lj'x—z\/}ﬂ
B T )
J}(x/}—l) J}(\/;—l) Jx
I I L

TEE) T e

b) Véi x> 0;x %1 thi x—_1>%<:>2(x—1)>x<:>2x—2>x
X

‘ 1
& x> 2 (théa diéu kign). Vay v6i ¥>2 thi P>

Bai 4.

a) Voi a>0;a#1:

P_[J; Ja ] Ja+1

o=t (o)
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()
Va1 Va-1)'Va-1

{ﬁj}(ﬁ_l):ﬁ_l

a>0;a=1
b) Véi a>0;a=1 thi P<0<=Ja-1<0& o0<a<l,

\/Z<1

Vay voi 0<a<1,x>2thi P<O0.

: Jx 1 ( 1 2 J
Bai 5. Cho biéu thuc: M = — : +
(&_1 PR o OV

a) Piéu kién: x> 0,x = 1. Khi do:

e (=]

Jadx ' Va-l 2
Ve (Va-1) N (Ve-1) ]| (V) (V1) (V) (Vr-)

x-1 || Nx-1+2

Vi (Va=1) )| (Vr+1) (Ve -1)

e [
Ve(Ve-1) ]| (Vren)(Vx-1)

x4l _\/}+1.(\/;_1)

o Vx-1 Vx
_x—1
Jx
BYDé M >0 =50 ma x>0,x%1 nén vx >0

NP

Dodo: M >0 x-1>0x>1
Vay x>1 thi M >0,
Dang 5. Riit gon biéu thirc — tim x dé biéu thirc dat gia tri 16n nhit (gtln), gia tri nhé nhit (gtnn)
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Bai 1. Cho céc biéu thirc sau:

M =x+\/;—1 N=—x+\/ﬁ+2
a) Tim gia tri nho nhat cua M.

b) Tim gié tri 16n nhét cua N.

Bai 2. Cho biéu thtc:

Q=[ : 2\/;_2 J[ ! - 2 jvéixZO;x;tl

\/;+1_x\/;—\/;+x—l
a) Rut gon biéu thuc.
b) Tim x dé Q dat gia tri nho nhat.
Bai 3. Cho biéu thirc:

po 15x—11 3Wx-2 2x+3
x+2Jx-3 1-Jx  Jx+3

a) Rut gon biéu thuc.
b) Tim gié tri 16n nhat P.
Bai 4. Cho hai biéu thirc:

x+3 . Afx-1 5Jx-2
IR N R
a) Tinh gia tri cta biéu thirc P khi x=9 .
b) Rit gon biéu thirc 0.

Jx-1 x-1

vol x20;x =1

P voi x>0;x#4

\ .7 . 5 AR 1A , P .y . 5 A
¢) Tim gia tri cua x dé biéu thuc 5 dat gia tri nho nhat.

Bai 5. Cho biéu thtic: 4= (

Vx 2 j 1
Jr-1 x=+x ) Jx-1
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a) Tim diéu kién xac dinh. Rut gon A.
b) Tim gia tri nho nhét cta A.
HUONG DAN

Bai 1. Cho cac biéu thire sau:
M=x-Jx-1N=-x+Jx—-1+2

a) biéu kién: x>0

2

1y s 5 1 1 ,
Suy ra, Mmin<:>{(\/7—5j ——} =—Z<:> x—5=0<:>x=Z (thda diéu kién)

Vay M . =—§<:>x=l.
4 4
b) Piéu kién: x>1.

N=—x+\/x—1+2=—x+1+\/x—1—%+§

4

Vameax:_QXZE'
4
: 1 2Jx -2 1 2
Bai 2. Cho biéu thuc: O = - : -
¢ [J;H xJ;_J;H_J (J;_l x—l]
a) Voi x20;x =1
o1 _ 2Jx -2 (1_2)
Jx+1 xfx—Jx+x-1) \Jx=1 x-1
1 2(\/;—1) 1 2

e (V) [V () (Ve )
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:J_l 2] N Jx+1-2 ]
(1) (1) (Vx=1)(vx +1)

{5z

SR S S W N W
) )
Vx-1
NEESh

-1 x+1-2 2

1

\/§+1 \/;+1 _\/;+1

2 2
P <l1l-——— < | —— = \/;-i-l
" ( \/;+1jmin (\/;—'—l)max ( )min

Vix20xzl=Vx>0=Jx+1>1

Vay P=

b) P=

=-1

3(\/;4-1) = x+l=1<x=0=>P, =1- 2

mi Jo+1

Vay, P, =-1x=0

15Vx—11  3Vx-2 2x+3
x+240x =3 1-vx  Jx+3

Bai 3. Cho biéu thie: P=

a) Voi x20;x =1

_I5Vx 11 3Wx-2 24x+3
x+24x=3 1-VJx  x+3

_15Vx-11 3Wx-2 24k 43
_(\/;+3)(\/;—1) Jr-1 Jx+3

15V -1 (3 = 2) (W +3) (24 +3) (V-1
‘ el

) 15\/;—11—(3x—9\/;—2\/;—6)—(2x—2x/;+3\/;—3)
_ (+x+3)(vx-1)

_ 15Vx =11=3x—9Vx + 2/x + 6= 2x + 2/x = 3/x +3
(Vr+3)(vx-1)

P
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sxrrx—2 (Vx-1)(-sv+2) _5Ux 2

) () s

Vay P:M
\/;+3
b)P__5J;+2_—5(J¥+3)+17 17
Jx+3 Jx+3 \/_+3
17
P <
" (\/;+3jmax
Jx 20
Vix20x#l= 17 OPmaX<:>(\/;+3). <:>\/;mm<:>x=0
\/;+3

Vay, P, =1?7<:>x=0.

max

x+3 Jr-1 5Jx-2
va Q= +
Jx -2 Jx+2  x—4

a) Vi x=9 . Tacod: P= x+3 = 9+3 = 12 =12

Jx=2 Jo-2 3-2

b) V&i x> 0;x # 4, ta co:

Jiol sfr-2 (Ve-1)(Vx-2)+sVr-2

Bai 4. Cho biéu thtic: P= voi x>0;x %4

:\/;+2+ x—4 x—4
_x=3Vx+2+45Vx -2 x+24x _ Vr(Vx+2) W
x—4 x—4 (\/_+2)(\/_—2)_\/§—2

o oy P o . P
c¢) Tim gia tri cua x d¢ biéu thitc — dat gia tri nhoé nhat: — = x+3 =/x+ 3
0 0 Vx Jx

. L e . . 3
Ap dung bat dang thic Cosi cho hai s6 khong dm Jx va T, ta co:
X

P s 22(VF) ] -2

DAu bing xay ra khi v/x = 3 x=3 (théa didu kién)

Jx

. P
Vay gia tri nho nhat ctia g la {—j =23 o x=3.
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Vi 2 j 1
Jx-1 x=+/x ) Jx-1

Bai 5. Cho biéu thirc: 4= [

s x>0
a) biéu kién: .
x#1

_(\/}+2j.1_\/§+2.1
R N A N N AN e R

(\/;)2+2 Jr-1_x+2
Je(Vx-1) 1

A=

>0
by A=X2 e v {x thi Vx> 02 >0

Jx Jooo x#l "x

Ap dung bét dang thirc Cosi cho hai sé duong Jx > 0;

E )

= 4, =22 & V& = & x =2 (thoa didu kién)

Jx

Véy Amin:2\/§<:>x:2-

>0, suy ra:

2
Jx

Dang 6.Néng cao phat trién tw duy

Jx +1 1

Bai 1. Cho biéu thirc P = : ;0 =x"—T7x* +15 (v6i x> 0,x #1)

xx+x+vx 2 —x

a) Rat gon P

b) Vi gia tri ndo cia x thi O —4P dat gia tri nho nhat

Bai 2. Cho biéu thiic: P = [

Ji-2 a2 J( 2

: vol x> 0;x #1
x—1 x+2\/;+1 x2—2x+1j

a) Rat gon P

b) Tim céc gia tri cia x d¢ P >0

¢) Tinh gié tri cia P khi x=7—-43

d) Tim gia tri 1on nhit cia P va gia tri tuong (mg ctia x
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o(Vxrai=a e a-ax4)
Vx? —8x+16

a) Rat gon 4.Tim x dé A dat gia tri nho nhat.

Bai3.Cho 4= vol x >4

b) Tim cac gia tri nguyén ciia x dé 4 co gia tri nguyén.

Bai 4. Cho bidu thre: M = 2. : ~+ ! . 2020
3 2x +1 2Jx-1) | x+1
I+ —F= 1+
I 3 3o

a) Rat gon M;

b) Tim gié tri 16n nhat cta M.

Bai 5. Cho biéu thic P= [

Ja +2J5—\/5J
Jab-b Jab-a

:[ 1 1 ]vc’yia>0,b>0,a¢b.

b\/; ax/B
a) Ching minh ring P= \/5.
b) Tinh gi4 tri biéu thitc P khi a=3-+/5 va b=0,5.

¢)Tim gia tri 10n nhat ciia P néu & +4b* =8.

HUONG DAN

Jx +1 1

Bai 1.Cho biéu thirc P = : ;0=1x"
wWrx+x+dx ¥ —+x

—~7x* +15 (véi x>0,x#1)

a) Rat gon P
b) Véi gia tri ndo ctia x thi Q —4P dat gia tri nho nhét

Huéng din

B (/7 _
a)P_x x+x+\/;'x2—\/;_\/;(x+ x+1)'\/_(\/_ 1)

—L x(Vx-1){x+vVx+1)=x—-
P—\/;()H_ xH).\/_(\/_ 1)( 1) 1

b) Q—-4P=x"-7x* +15-4(x-1)
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= (x* —8x% +16) + (x> —4x+4)~1=(x* —4) +(x-2)" -1
S 0-4P>-1

Dau "=" xay ra khi: x =2 . Viy gia tri nho nhat 0 —4P la —1

V-2 Jx+2 J( 2

x—1 x+2\/;+1 x> =2x+1

Bai 2. Cho biéu thitc: P = ( j voi x> 0;x #1

a) Rat gon P

b) Tim cac gia tri cia x dé P >0

¢) Tinh gié tri cia P khi x=7—-43

d) Tim gia tri 16n nhat ctia P va gia trj twong g clia x
Huéng din

a) Voi x> 0;x =1, ta co:

p_ -2 x+2 ‘(x—l)z
(Vx=1)(vx+1) (\/;H)Z 2

(Vx-2)(vx +1) i (Vr+2)(Vx=1) | (x-1)

P= .
) () |
b | = 2Vr V=2 x e fx —2x +2 .(x—l)z
TR
. N (Vx - 1)2 (Vx+ 1)2

(&—1)(\/}“)2' 2
P:—J}(J}—l)
Vay P =—Jx(Jx-1)

b)Taco P>0
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<:>—\/;(\/;—1)>0<:>\/;(\/;—1)<0<:>{x¢0 {xio @{x;to

=
Jx-1<0 ~ |Jx<1  |x<I
Két hop voi diéu kién dé bai, ta duge 0 < x <1

Vay voi 0<x<1thi P>0

O V6i x=7-43=3-223+4=(\3-2) thi

P2y ((3-2) -1}

phE-f(5-2-)

P=(\3-2)(1-+3)
P=\3-3-2+23

P=3J3-5

Vay v6i x=7—-4/3 thi P=3J3-5

d) Ta ¢ P:-&(&_l)zﬁ_xz_((_ljz+l

2
1Y 1Y 1)
Nhan thay: Vr—=] 20> —[Jx-=| <0=>-|x—=| +
2 2 2
Dau "=" xay ra khi va chi khi:

\/;—%20<:>\/_=%<:>x=i (thoa min)

Vay voi x = % thi P dat gia tri 1on nhat 1a %

o(Ver i fimaia)

\/)c2 —8x+16

Bai 3. Cho 4= voi x >4
a) Rat gon A.Tim x dé A dat gi tri nho nhat.
b) Tim cac gia tri nguyén cia x dé A4 co gia tri nguyén.

Huéng din
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a) Diéu kién dé biéu thirc 4 xéac dinh 1a x > 4.

x[\/(m+2)2 +\/(m_2)2j _ x(‘«/ﬂ+2‘+‘m—2‘) x(\/x—4+2+‘\/x—4—2‘)

\/(x‘4)2 x4 x—4
xX(Vx—-4+2+2-vx-4
+Néu 4<x<8 thi x—4—-2<0 nén A= ( p ): 4x4:4+ 164
X— X — X—

Do 4<x<8nén 0<x—-4<4= 4>8.

+Néu x>8 thi Vx—4-2>0 nén

x(\/x—4+2+\/x—4—2) 2x /x_4 2x 8 L,
A= = = =2Jvx—4+ >2+/16 =8 (Theo bat dang thirc
x—4 x—4 Jx—4 Vx—4 ( ¢
. 8
Co s1). Dau bang xay ra khi va chi khi 2+x—-4 = Sx—-4=4<x=8.
) g xay —

Vay GTNN ctia 4 bang 8 khi x=8.

b) Xét 4<x<8 thi A=4+ 16 , ta thdy 4 e Z khi va chi khi € Z < x—4 1a uée s6 nguyén

x—4 x—4

duong cua 16. Hay x—4 € {1;2;4;8;,16} < x ={5;6;8;12;20} déi chiéu diéu kién suy ra x =5 hodc x=6

2
M:2m+§ suy
m m

Jx-4

ra m 6{2;4;8} & xe {8;20;68}.

=m’+4
+ Xét x> 8 taco: Azi,dét Vx—4 =m:>{x >n21 khi @6 ta co: 4=
m>

Tém lai @& 4 nhan gia tri nguyén thi x e {5; 6;8; 20;68} .

Bai 4. Cho bidu thre: M = 2. : ~+ ! . 2020
3 2Jx+1 2Jx-1) | ¥+l
1+ I+| —F=
I 3 V3 )]

a) Rat gon M;
b) Tim gié tri 16n nhét cta M.

Huéng din
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a)Taco: M = % 3 + 3 2020

3+@J;Hy 3+@J;4y'x+1

2 [ 3 .\ 3 } 2020
37 3+4x+4/x+1 3+4x—4Jx+1] x+1

z 3 N 3 } 2020
3 dx+4Vx+4 4x—dx+4] x+1

M:

gg[ o j 2020
374 (x+vx+1 x=+/x+1) x+1
x—x +1+x+/x+1 2020

ol rfEriees el
2 (x+1) —x x+1

le. 22x+2 .2020
2 x“+x+1 x+1

4y 2020

=— .ITXD: x>0.
x +x+1

b)Tacd: x> +x+1>1.Vi x>0

2020 < 2020

nén M = 5 <
x +x+1 1

=2020.

Vay gia tri 1on nhat ctia M 1a 2020 khi x=0.

Ja +2\/5—@J
~ﬁ%—b -ﬁ%—a

Bai 5. Cho biéu thirc P=[ :[ 1 1 jvc’wi a>0,b>0,a=b.

bJ; aJB
a) Ching minh ring P= \@.
b) Tinh gia tri biéu thitc P khi a=3-+/5 va b=0,5.

¢)Tim gia tri 10n nhat ciia P néu & +4b* =8.
Huéng din

a) Ta co:
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| Na o 2da-vb (1 1)
" | Jo(Jab) Ja[vo-a) [rwz rbIJ Jab(Ja—b) a-Vb

ab(x/g—«/g)z
Hay P= 5=
Jab(a—b)

ab.

2
b) Khi a:3—\/g,b:%:> ab= 3-V5_6-25 :[*/5_1] N PzJ;:@.

2 4 2

¢) Theo bat dang thic AM —GM ta c6: a® +4b* > 2 a*.4b* =4ab = 4ab<8=ab<2. Viy P< \/5,
diu dang thic xay ra khi va chi khi &8® =4b>=4=a=2,b=1.

Vay GTLN cua P 13 +/2.
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IL.TRAC NGHIEM REN PHAN XA

Bai 4- Riit gon biéu thic chira cin

2
Cau 1. Gi4 tri ctia biéu thire 1/(4 _ \E) _J6—25 la:

A.5— 25 B. 4. C.2+245. D.1.
Cau 2. Gia tri cua biéu thirc ,/ \/_ 2 + \/_ —A\T7— 2 0 la:
A N2 B. 0. C. 2. D. 25
Cau 3. Gié trj cia bidu thire 32 + V50 — 348 — V18 la:
Al B. 0. C.2. D.3.
Cau 4. . Gia tri ctia bidu thire V125 — 4445 + 3420 — +/80 1a:
A 5. B. —55. C. 10v5 . D. 55
Cau 5. Rat gon biéu thuc 5\/5 + 2\/% —a é —/25a véi a > 0 ta duoc
a
A a . B. 4Va . C. 2Va. D. —Va.
32a a 3 L.
Céu 6. Rut gon biéu thirc 3+/8a + — — =y — — \/Z voi a > 0
N2 3 V2
ta duoc:
SV B 2L/ c. 2 . D. 27 2 |
0 5 10 5

Ciu 7. Gid trj ctia biéu thire («/5 2 ) 7-2J10 la:

A 4. B.5. C.2. D. 3.

Cau 8. Gid trj ctia biéu thirc (JE - 1) V6 +2v5 la:

A. 6. B. 4. C.2. D. 3.

Céu 9. Rut gon biéu thirc Na —N9a* + a? % + a22 36a’ v6i a > 0 ta duoc

A 14o +ava. B 14va—ava . C.14Va +2ava.  D.20Va —2aa.

Cau 10. Rt gon biéu thirc B a_ —\/_ + = 1 QOOaJ 3 — ta dugc

A. 66v2a . B. 52v/2a . C. 54\/;. D. 54v2a

Cau 11. Pang thirc nao dudi day 1a ding?
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2714 214
A-a—b a’b _ B.a—b a’b :M'
b’ a’ —2ab + b’ b? a’ —2ab + b’
C-a—b a’b’ _ D-a—b a’b’ o
b a® —2ab +b* b a® —2ab + b’
Cau 12. Véi dang thirc nao duéi day 1a ding?
.a\/7+b\/7 a—>b \/— B. a\/7+b\/7 a—2b \/—
NS N Joo Naih
a\/_—i—b\/_ D a\/_—i-b\/_ a—>b \/—
R NN AN
Ciau 13. Chon khang dinh dung?
23 -6 216](-a] —-3a N3 -6 216](-a] 3a
A. — 1—=|= . B. — ===
Js—2 3 JVe) 2 Js—2 3 JWWe) 2
o [2B-V6 Voi6](=a)_—a (286 P216|(-a|_a
Js -2 3 W6 2 Js—2 3 Jle) 2
Céu 14. Chon khang dinh dung?
A \/ﬂ—ﬁ+\/17—f 9 \/ﬂ—xﬁer/f— 5 12
1-V2 1=+ (\/_ Bl 1-+2 —3 (\/_ )
S R Y 1SS S
1 ) W[ ) Ve 1B (T E)
Cau 15. Cho bidu thite P = —2% Gidtricia P khi 2 = 9 Ia
Vo +1
A2 B 2 C.9. D. 18.
2 4
Cau 16. Cho bicéu thic P = x> 0;z=1. Giatricia P khi z =4 la:
Jr -1
A. 4. C. -2. . 2.
3
Cau 17. Cho biéu thitc P = —— Gid tri cia P khi 7 = —>— 1
Jz +1 23
A. 4. C.3. D. 1.
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Vo +1

x—2'

Cau 18. Cho biéu thiuc P =

Gid tri ctia P khi z = 3+ 242 1a:

A 4432, B. 4— 32, C.3. D. 3v2.
Ciu 19.Chobiéuthacpz%\/;+2voix>o. So sanh P véi 4
xr
A. P>4. B. P<4. C.P=4. D. P <4.
) G o +3 , ..
Cau 20. Cho biéu thirc B = vol > 0. Sosanh A voi 1
Jz +2
A B>1. B. B<1. C. B=1. D.B<1.
CﬁuZl.Chobiéutht’IcP:@ v6i £ > 0. Tim z biét P = vz .
Vo +1
A. 1. B. 2. C. 3. D. 4.
Cau 22. ChobleuthucA—\/\/:+ voi x > 0;x = 4. Tim céac gia tri cua biét
-2
P
2
A.xz=02=5. B.z=0 C.z=0z=25. D.z=5z=1
" 2
Cau 23. Cho P =
Jo +1
C6 bao nhiéu gia tri t € Z 3¢ P € Z?
A. 1. B. 2. C.0. D. 4.
Ciu24. Cho A— — o7+ 5+‘f NCR:
x/§ AR RN R -
Chon cau dung
A.B>A>0. B. A< B<O0. C.A<0<B. D. B<0<A.
) Nz -1 , o
Cau 25. Cho A = \/_ voi > 0 Co bao nhiéu gia tri cua = dé A co gia tri nguyén
Tz +2
A. 2. B. 1. C.0. D. 3.
Cﬁu26.Chobiéutht’rcA:\/;+1 2 2+5J— Vo x> 0 = 4
Vo2 otz d-a

Rut gon biéu thirc A ta dugc:
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3Vz Jz 2z 3
AA="2 g gA=_NT | C. A= . D. A=
Jz +2 A A Jz +2
cau27.ChobiéuthtrcA:“/;+1+ 2z +2+5\/; Voi > 0 = 4
Vo-2 otz 4-u
Tim z dé A =2
A.12. B. 4. C. 16. D. 25.
2
, — 11—z
Ciu 28. Cho bidu thie 5 — | V7.—2 Vo +2 ( )V('ri:r>();a:¢1
r=1 giofrt1f 2
Rut gon biéu thirc B ta duoc:
A.B:x—\/;. B. B=+z—=x. C.B:\/;—l—x. D.B:x—I—Q\/;.
2
Cau 29. Cho biéu thire B = | Y2 =2 _ Vo t2 L= ias0m=1
-1 x—i—?x/;—f—l
Tim z d& B> 0.
A.z>1. B. z<2. C.O0<zx<1. D. 2z <1.
2
, — 1—=z
Ciu 30, Cho bidu thie 5 — | V7.—2 Yz +2 ( )V('ri:v>0;:r¢1
=1 giofrt1f 2
Tim gié tri 16n nhit cua B.
1
A 1. B. 2. C.3. D. —.
4
po| Mz | s ].[*/;—1_1]
, 4—al| |, . . ,
Ciu3L Chobiduthie (2 V7 v-2lr Ao v6i £ 202 = 42 =9 Rt oon bidu
thire P ta duoc
AP=_2T  gp__2  cp__" pp-_t
r—3 Jr +3 z—3 r—3
Céu 32. Cho biéu thic P = e + S Vo -1 _ 2 Vol > 0;2 = 42 = 9. Tim = dé
2+\/; d—z m—2\/; \/;
P=-1
A.x:g. szi;x:—l C.IIE;I:—I. D.xzé.
16 16 4 4
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p_ 4Nz + 8z J {\/;—1 9
2 —$ _
Céu 33. Cho bidu thirc 2+ r—2x \/— Git>0r=dr=9
A.m:i. B.m>—i. C.m<£. D.m>i.
18 18 18 18

Ne—-9  Nr+3 We+1

Céu 34. Cho biéu thuc C = - - v6i 2 > 0;2 = 4;2 = 9. Rut gon biéu

sz +6 Nr-2 3-+&

thirc trén ta duogc:

N I L SR T co N1 o Natn
Vo -3 Vo +3 Vo +3 Vo +3
Céu 35. Cho biéu thire ¢ = — 2% —9 —\/;+3—2\/;+1V(’yixzo;x¢4;m:¢9.TimxdéC<1
r—5Nr+6 Jr-2 3-4&
A.0<z<9. B.0<z<92z=4. C.4<z<9. D.0O<z<4.
Jz 2

Cau 36. Cho biéu thiuc C =

+

1
: voliz >0z =1
\/;—1 x—\/;J \/;—1 ’

Rut gon biéu thirc C' ta dugc

ACc=2"%2  pc=2%t2 co_Yet2 oo o
- e Ve PR
CAu 37. Cho biéu thirc C = \/;;_14%_2& :ﬁl_lvéix>0;x¢1
Tim gié tri nho nhat cua C .
A C =1, B.C =+2. C. D.C =22
2:v—|—1 T+ 4

Cau 38. Cho biéu thiic P =

9 —1 \/2—1][ sV +1

Rat gon P .
A.P:i. B.P:i. C.P:M. D.P:i.
v —3 Jr +3 v —3 Jr -3
. 2 +1 1 z 44
Cau 39. Cho biéu thirc P = — -
N \/5—1][ v+ +1

Tim cic gia tri nguyén cia  dé P nhan gia tri nguyén duong.
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A .z =1z =36. B.z=12z=36. C.zx=42=6. D. z =16;2 = 36.
HUONG DAN
Bai 4- Ruit gon biéu thirc chira ciin

Cau 1. Pap an A.

Ja 5] =25 = - 45) _\/75_2@“4(4_@)2 _J(@_l)z
—f=B| -5 -1 =45 B r1=5-25

Cau 2. Pap an A.

J(&+J§)Q —J7-2M0 = ,/(ﬁ+¢3)2 5 - 2542 + 2

S AN R VN RN N S [N N N N N )
Cau 3. Dap an B.

V32 4450 = 378 =18 =162 +425.2 = 3v4.2 =92 = 42 4+ 5¢2 62 — 342 = 0.

Cau 4. Pap an B.

V125 — 4445 + 3320 — /30 =25.5 — 439.5 + 345 — V16.5 = 545 — 4.35 + 3.25 — 45
— 535 — 1245 + 635 — 44/5 = —545.

Cau 5. Dap an D.

5JE+2\/%—0L\/%_F_ - .ﬁ a\/;l_a

—5va+va—2va —5va = —a.

Cau 6. Pap an C.

3V8a +— ,/3225“ d —2a =3 42a+1ﬂ—i£—@

J3 V2a 4 s 3
—32\/_+ W2 a 3 ko =620 +1 \/Z——\/Q——\/Z
5 3 2
— 2. 6+%—§—1] 47\/7

Cau 7. Pap an D.

(J3+J§)\/7—2«/1_:(J3+J5)\/5—2J3.&+2 :(J3+«/§) (JE—&)Q
=(\E+\/§)‘\/3—\/§‘=(J3+ﬁ)(ﬁ—ﬁ):5—2:3.
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Cau 8. Dap an B.

Ta 6 (\/g—l)\/6+2\/g :(\/3—1)\/5+2\/g.1+1:(\/3—1) (J3+1)2
z(\/g—l)(\/3+1):5—1:4.

Cau 9. Pap an A.

. 1 2 -
Véi @ >0 taco 2\/; —9%* + d? 16 + =360’
a a

:2\/_— 9a°.a +a2&+%. 360" .a
a a

=2V — 3ava + 4o + 2 60'Va = 2Va - 30 + dava + 12V = 14va + ava .
a

Cau 10. Pap an D.

Ta co 1 g——\/_—F4 200a] :[—ﬁ——\/_\/_+4\/ﬁ\/—\/—
2 8 1242
4%—12«ff+ 104240 = \/_\/_

— 2240 — 1224 + 64+2a = 54+2a
Cau 11. Dap an B.

Ta c6 a—>b a’d! _a—b a’db’ _(a—b) Hb (a—0b) H52 H
v N —2ab+6 8 fa—pp B -t ¥ (b

Cau 12. Pap an A.

b ewa  ab_adadh e (V] ~(4]

Taco

Vb Nasb Vm Vot
Yl o) (oo ) e

Jab Ja +b

Cau 13. Pap an B.

(236 H] |- [zf ol @][%J

Tac

Js—2 3 Jiz -2 3
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ileE) o Sz -]

22—2 3 '[_%]: 2(v2 -1]
o e

Y

L

¥

2 J6 2 V6] 2
Cau 14. Pap an C.

m_@ﬁ_ﬁ], 1
RN N

Vit 7 5
ot ol J.a(ﬁ—ﬁ)

Ta co

) ﬁ(lﬁ)@(@l)]a(ﬁ@ )

N V-1
= (7= V5)a[V7 = V5] = o (V7 + V5|7 5] = —2a

Cau 15. Pap an A.

Taco P = 29 _ 18 189

Jor1 3+1 4 2
Cau 16. Pap an B.

Thay z = 4 (thoa diéu kién) vao P ta dugc P = = =2.
Cau 17. Dap an B.

2 2(2+J§) 1+23 )
25 [2\B|2445) 48 =4+l =3+

:>\/;:,/(\/§+1)2 :\/§+1

4+93 _4+2\/§_2(\/§+2)
B+i+1 V342 342

Cau 18. DPap an A.

Tacéx:3+2\/5:(x/§+1)2;»\/Z:,/(\/EH)2 =2 +1

Thay Vo =2 +1 vao biéu thirc P ta duoc
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Taco =z =

Khidotacd P = =2




_x/5+1+1_J§+2_(
_«/§+1—2_J§—1_(

Cau 19. Pap an A.

— 4432,

P

epliey

N v+ 2z +2 c+ 2z +2-4r  o— 2o +2
Taxét: P—4 = —4 = =
Jr Jr Jz
(x—2ﬁ+1)+1 (\/;—1)2+1
- Jz -z

2
Vi(x/;—l) F1>1>0Ve>0vaz>0ye>0

nn P—-4>0<P>4véiz>0
Cau 20. Pap an A.

\/;+3:(\/;+2)+1:\/;+2+ P U
Je+2 otz o+2 Jo+2 Vo +2

Viz206Vr 205 +222>0 g

Cach1l: Taco B =

1 1
—>0&1+——=>1hay B>1
\/;—1—2 NT 42
Cach 2: ta xét hiéu
o Nr+3 o Ne4s-Ve-2 1
Jr +2 Jr +2 A
Vil>ové\/520’vx20:>\/;+222>0nén 1 >0
Jr +2

Hay B—1>0< B> 1.
Cau 21. DPap an A.

V6i 720 ge8 P =z

R x—1_£®3x/¥—1_*/;(*/;+1)
Je+1 Je+1 o+

s —l=s4+Vrez—2r+1=0

@(x/g—l)Q:O@\/;ﬂ@xﬂ(TM)

CAu 22. Pap 4n C.
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x/§—1@x/¥+1:\/¥—1

A:
voi T2 0T =4y e 2 T —2 2
:>2(\/;+1):(\/;—2)(\/;—1)<:>2\/;+2::v—3\/;+2
Jz =0 x = 0(tm)
<:>x—5\/;=0<:>\/;( r—-5=0& \/;:54:} £ = 25(tm)

Vay gi4 tri can tim [a £ = 0i& =25

Cau 23. Dap an B.
2 ((“) Ve +1)ef2)= {5122
N

v6i 720 nén Vo + 1€ {1;2)

Tacé P = Ma Nz +1>0

+)\/;+1:1<:>x:0

+) \/; +1=2&z=1
Viy c¢6 hai gia tri ciia Z théa man diéu kién.

Cau 24. P4p 4n C.

1 3
A= —— 742
Ta co: \/5_1 \/g

By 343 341 CB+1-4d3 1-33
T[] BT Ty T
R RN I N
"2 o1 3445
:(5+£)(\/g_2)+ ngg“) - 36(3_6) 355 5445 o515
(Vo252 (V5-1)[5+1) (3+5)(3-+5] 1 4 4

:12J3—20+5+J3—9J3+15:\/3

A= 3*/_ 0(dol — 33 < 0)

Ta thay 2 VéB:\/g>0nénA<0<B
Cau 25. Pap an A.
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Tacé:A:Q\/;_l:(2\/;—'—4)_5 2(\/;—'—2) 5 )

= — —9_
Ji +2 Ji +2 Je+2  Nr+2 Jr 42

Taco 2>0=>Vr >0z 4+2>2>0= —> >0 suyra
Jo +2
5
2— <2 hay A <2(1)
Jz +2
Laicé\/;+222:>L§§suyra2— > 22—§<:)A2—1(2)
Jo+27 2 Vr +2 2 2
TL‘r(l)Va(Z)tac():—%§A<2maAEZ:>A€{O;1}
. Nz —1
Vo A=1e Jr =15 0o -1=Vr+26 Vo =35 s =9(im)
Jo +2
x:l;xzf) .
Vay voi 4 thi 4 dat gia tri nguyén. Hay ¢6 2 gia tri cia Z thoa man d¢ bai.

Cau 26. Pap an A.

\/E+1+ N +2+5J¥

r—2 Nr+2 d-z

(\/Z+1)(\/Z+2)+2\/5(\/5_2) 2 5dn

(\/;—2)(\/;4-2) (\/5—2)(\/;%)
_a+etr242-ar—2-5 306l 3\/;(‘/;_2) 3z

Taco A=

T R R R

3z
Jr +2

Cau 27. Pap an C.

Vay A = voi ¢ > 0;x = 4

Y-

vei T2 0z =4 06 \/;‘*'2

Xét A =2 e e :2:>3\/;:2(\/;+2)@\/;:44:>x:16(TM>

o +2

Cau 28. Dap an B.
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T —2 \/;-i—?

r—1 _a;+2\/;+1

(1—zp v -2 o +2 | (@ —1)

Tacd B =

2 (Vo =1V +1] (J;H)Q' 2

Vo —2)(Vo+1) (Vo +2)(Va-1) (\/2—1)2 (\/ZH)2

(J;—l)(\/g—kl)? (\/5—1)(\/5“)2 | 2
- m_Q_x_J;2+2.(\/§—1)2.(\/§+1)2 :—2x/5(x/;—1)
Vo =1)(Va +1] 2 2

Vay B =~z —z
Ciu 29. Pap 4n C.

_ra

x—x>0<:>\/;(1—\/;)>0

B>0«
Theo céu trude ta co B=+z -2z Xét vei £= 0z =1

cé\/;ZO nén\/;(l—\/;)>0:>l1_\/;>0<:>l\/;<1<:>lx<1

ta

z=0 z=0 z=0

Két hop didu kiéntaco 0 <z <1
Cau 30. Dap an D.

Tac()B:\/;_@’ voi T2 0w =1
1 1) 1 1)
KhidcaB:\/E—x:—(x_\/;):Z_[x_\/}JrZ]:Z_[[_E]

2

1_[(_1

Nhan thiy 4 2

<L
4V6iz20;z¢1

, | Ni-iooe x:1<:>x:l<TM>
Dau “=" xdy ra khi 2 2 4
1
Vay gia tri 1on nhat cua B 1a 4 Khi va chi khi
Cau 31. DPap an A.

Tr=

L
1

Didukién > 0,z = 4,2 =9

e 8:10]:[\/;—1 2]: Wz 8z Je—1 2

2o d-1) |o2ds Az 2+¢;+(2_J;)(2+¢;) \Ve(fe—2) V=

P =
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4&(2—ﬁ)+8x JE—1—2(J——2) o7 + 4 JZ(J——Q)

_(2—«/5)(2+«/;) «/;(J;—z) _(2—\/5)(2+\/2)' 3z
4\/5(2+\/§) \/5(2—\/2) o

:(2—\/5)(2+\/§)' r—3 Jz-3

Vay P =

Az voi x>0,z = 4,2 =9
Jr—3
Cau 32. Pap an A.

Véi didukién: T> 02 =42=9 1y06. p—

4 e dr i —3—=0odr+ 4z -3z —3 =0
Tz —3
o e\ +1) - 3§z +1) =0
\/E:—l(ktm)
Ve + 1)z —3)=0
& (Vo +1)( ) éﬁziﬁx:%(tm)

Véi x:&thiP:—l.
16

Cau 33. Pap an D.

\7’a:>9:m(\/;—B)P>x+1<:>m(\/;—3).\/_4x >z +1
z—3
<:>m.4x>x—|—1<:>m>x+1
4z

Taco:véimoigiatri z >9thiz+1>94+1=10
4r > 4.9 =36
Vélym>Ezi

36 18

Cau 34. Pap an C.

Taco o — 5z +6=2—2 x—3x/5+6:x/§(f—2)—3(f—2):(f—?,)(f—z)

Wo-9  Vo+s 2foi1_ we-9 Vo3 241
t—Wr+6 Vr—2 3-z _(\/5—2)(\f—3) t—2 o-3

2 x—9—(\/Z+3)(\/§—3)+(2x/5+1)(ﬁ—2) VT —9-a4942 -3 -2
(\/_—2)(\/——3) (\/_—2)(\/——3)
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nén C =




RN AP it x_zz\/;(\/_—Z)‘l—(\/_—Q)_(\/;‘Fl)(\/;—Q) Jo a1

2f(e -] (r-gffe-g) (oofVeos) (Vg

Nzl
Jr -3

Cau 35. Pap an B.

N

y C

voi x> 0,0 =4,2=9

C:x/;+1
Theo cau trudc ta cod \/;_3 voi x> 0,0 = 4,2 =9
Dé0<1<:>\/;+1<1<:)\/;+1— Lk A DI S
v —3 Je—3 Jr-3 r—3

Ma4>0nén\/;—3<0<:>\/;<3:>$<9

r>0zc=42=9

Két hop diéu kién suyra 0 <z <9z =4.

Cau 36. Dap an B.

Jz 2 ] 1
Jr -1

tacd C =

Jo z 2
= \/;_1+\/;(\/2;_1) .(«/5—1):;2.(JE—1):L2

Vay C =212 v o> 00 =1
Jz
Cau 37. Pap an D.
C:x—i—Q
Theo cau trudc ta co: O voi T > 0w =1
2 2 2
coTHI_w 22
Xét Voo Nz Jz

2

vei > 0.2 =1 4 qung bat ddng thirc Co-si cho hai sb duong Vo va Vo ta dugc:

2
f+\/_>2/f\/_
<:>\/Z+Tz2\/5

<:>C’22\/§
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2
\/; = — =1z = 2(tm)
Dau “=" xay ra khi \/;

Vay gié tri nho nhat ciia C' 1a 2\/5 ST =2.
Cau 38. Dap an A.

DKXD:{:BEO
z=1
p_|2e41 1 ].[1_ z+4

N N v+ 41
- 20 + 1 o .x+\/;+1—x—4]
- (ﬁ—l)(w—l—\/;—i—l) \/;—1 . z—l—\/;—i-l
:2x+1—x—\/;—1' T —3 _ x—\/g $+\/E+1(x¢
(\/;—1)(95+\/;+1)':c+x/;+1 (J}-l)(xqt\/;ﬂ)' r—3
I ) I
LR
Vay P = \/; voix >0z =1Lzx=9

z—3

Cau 39. Pap an D.

x>0
PKXD: jz =1
Tz =9
Taco: P = \/; —\/__3—'—3:1—}— 3

r—3  Nz-—3 Jo -3

Pé P nhan gia tri 1a s6 nguyén duong thi

3 3 3
2 ez 2 ez €7
{PEZ@ N oV -3 o Ve -3
£=>0 1+—3 >0 3 >—1 —3+‘/;_3>0
r—3 z—3 \/;_3
(\/; - 3) e UB)()
== .
\/; > 0(2)
Jr -3
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9)



(1)@(\/;—3)6{1;3}
r-3=1 |Jo=4

= = =
r—3=3 &=

Nhan thiy voi T = 162 = 36 2, thoa man (2).

z = 16(tm)
z = 36(tm)

Nén « =16 hodc ¢ = 36 thi P nguyén duong.

Toin Hoc So Do
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