CHUYEN DPE 13. HAI TAM GIAC BANG NHAU
TRUONG HQP BANG NHAU THU NHAT CUA TAM GIAC
PHAN I. TOM TAT Li THUYET
1. Hai tam giac bang nhau

+ Hai tam gidc ABC va A'B'C’ bang nhau néu ching c6 cac canh tuong (ng bang nhau va céc
gdc tuong tng bang nhau.

B C B c

. AB=AB,BC=B'C',AC=AC’
+ Tuc la: AABC =AABC' < :
A=A,B=B,C=C
O déay hai dinh A va A’ (B va B', C va C') 14 hai dinh twong ung; hai géc A va A’ (B
va B’, C va C')lahaigoc tuong tng; hai canh AB va A'B’ (BC va B'C’, AC va AC') la
hai canh twong Gng.
2. Trwong hop bang nhau thir nhat ciia hai tam giac

* Truwdng hop bang nhau canh — canh — canh (c.c.c): Néu ba canh ciia tam giac nay bang ba
canh cua tam gidc kia thi hai tam giac d6 bang nhau.

+ Tirc 1a: AABC va AAB'C’' ¢c6 AB=AB',BC =B'C’, AC=AC' thi AABC=AAB'C'.
PHAN II. CAC DANG BAI

Dang 1. Bai tap i thuyét: Viét ki hiéu vé su bang nhau caa hai tam giac, tir ki hiéu bang

nhau cia hai tam giac suy ra cac canh — gc bang nhau.

I. Phuong phap giai:

+ Tur ki hiéu tam giac bang nhau suy ra cic canh va cac goc bang nhau ding thir tu twong tng.
AB=A'B,BC=B'C',AC=AC’

Vidu: AABC=AABC'= .
A=A,B=B,C=C

+ Nguoc lai, khi viét ki hiéu tam giac béng nhau luu y kiém tra lai xem cac gbc hay canh tuong
g da bang nhau théa man yéu cau dé bai chua.

1. Bai tap

[1] Bai 1. Cho biét AABC = AHIK . Hay viét dang thirc trén dudi mot vai dang khac.

Loi giai:

Viét dang thic AABC = AHIK dudi mot vai dang khac: AACB =AKHI , ACAB = AKHI , ...
[1] Bai 2. Cho AABC = ADEF . Hay chi ra c4c goc, cac canh twong wng bang nhau.

Loi giai:



AB =DE, BC =EF, AC =DF
AABC = ADEF = .

A=D,B=E,C=F
[1] Bai 3. Cho AMNP = AIHG . Hay chi ra cac g6c, c4c canh tuong tng bang nhau.
Loi giai:

MN =IH, MP =IG, NP = HG
AMNP = AIHG = .

M=I,N=H,P=0G
[2] Bai 4. Cho hai tam giac bang nhau: AABC va AHIK . Viét ki hiéu vé sy bang nhau cua 2 tam
gi4c theo thir ty dinh twong tng, biét ring: A=H va B=1.
Loi giai:
Hai tam giac AABC va AHIK bang nhauva A=H; B=1 thi ki hiéu bing nhau cua hai tam giac
la: AABC =AHIK .
[2] Bai 5. Cho hai tam giac bang nhau: AABC va AHIK . Viét ki hiéu vé su bang nhau caa 2 tam
giac theo thir tu dinh twong @ng, biét rang: AB=KI; BC = KH.
Loi giai:
Hai tam gi4c AABC va AHIK bang nhau va AB =KI; BC = KH thi ki hiéu biang nhau cua hai
tam giac la: AABC =AIKH .
[2] Bai 6. Cho hai tam giac bang nhau: AABC va AHIK . Viét ki hiéu vé su bang nhau caa 2 tam
gi4c theo thir ty dinh tuong tng, biétrang: A = K ; AB=1IK.
Loi gidi:
Hai tam gidc AABC va AHIK bangnhauva A = K ; AB=IK thi ki hi¢u bang nhau cua hai tam
giac la: AABC =AKIH .
Dang 2. Biét hai tam giac bang nhau va mét so diéu kién, tinh sé do géc, d§ dai canh cia
tam giac
I. Phwong phap giai:
+ Tur ki hiéu tam giac bang nhau suy ra cac canh va cac goc twong tng bang nhau.
+ Luu y céc bai toan: téng - hiéu, téng - ti, hiéu — ti.
+ Str dung dinh li tong ba goc trong mdt tam gic.
1. Bai tap
[1] Bai 1. Cho AABC = DEF véi AB =7cm, BC =5cm, DF =6cm. Tinh cac canh con lai cia moi
tam giac.
Loi giai:
Vi AABC = DEF nén AB = DE, BC = EF, AC = DF (c4c Canh tuong Gng).
Ma AB =7cm, BC =5cm, DF =6cm suy ra DE =7cm, EF =5cm, AC =6cm .

[1] Bai 2. Cho AABC = DEF véi BC =6cm, AB =8cm, DF =10cm.



a) Tinh cac canh con lai cia moi tam giac.
b) Tinh chu vi caa mdi tam giéc.
Loi giai:
a) Vi AABC =DEF nén AB=DE, BC =EF, AC =DF (c4c canh tuong ung).
Ma BC =6cm, AB =8cm, DF =10cm suy ra EF =6cm, DE =8cm, AC =6cm.
b) Chuvi AABC la: AB+BC+AC=8cm+6cm-+10cm=24cm.
Chu vi ADEF la: DE + EF + DF =8cm+6 cm+10 cm =24 cm.

[1] Bai 3. Cho AABC =AIHK . Tinh chu vi caa mdi tam giac, biét ring AB=6cm, AC =8cm,
HK =12cm.

Loi giai:

Vi AABC = IHK nén AB=IH, BC =HK, AC =K (cé4c canh twong (ng).

Ma AB=6cm, AC =8cm, HK =12cm suy ra IH =6cm, IK =8cm, BC =12cm.
Chu vi AABC la: AB+BC+ AC =6cm+12cm+8cm =26 cm.

Chu vi ADEF la: DE +EF + DF =8cm+6 cm+10 cm = 24 cm.
[2] Bai 4. Cho AABC = AMNP, biét A=65°, P =30°.
a) Tim cac goc tuong tng bang nhau.
b) Tinh cac goc con lai cua hai tam giac.
Loi giai:
a) Vi AABC=AMNP = A=M,B=N,C =P (cac gboc tuong ung).
b) Vi A=M ma A=65° nén M =65°,
Vi C=P ma P=30° nén C=30°.
Xét AABC c6: A+B+C =180° (dinh Ii tong ba goc trong mot tam gic)
— B =180°- A-C =180°-65°—-30°=85°.

Ma B=N nén N =85°.

Vay B=85°, C=30°, M =65° va N =85°.
[2] Bai 5. Cho AABC = ADEF hiét B =50°, D =70°. Tinh s6 do goc C.
Loi giai:
Vi AABC =ADEF = A=D (cac goc tuong tng) ma D =70° nén A=70°.
Vay C=60°.
[2] Bai 6. Cho AABC = AMNP. Biét AB+BC =7cm, MN —NP =3cm, MP =4cm . Tinh d6 dai céc
canh mdi tam giac.
Loi giai:
Vi AABC = AMNP nén AB =MN, BC = NP, AC = MP (céc canh tuong tng).
Ma MP =4cm = AC =4cm, MN —NP =3cm = AB-BC =3cm.



Lai c6: AB+BC=7cm suyra: AB=(7+3):2=5(cm), BC=(7-3):2=2(cm).
= NP =BC =2cm, MN = AB =5cm..
Vay AABC cd: AB=5cm, BC =2cm, AC =4cm;
AMNP c8: MN =5cm, NP =2cm, MP =4cm.
[2] B&i 7. Cho AABC = AIJK . Biét AB+BC =9cm, IJ =2JK, AC =5cm . Tinh chu vi mdi tam giac.
Loi giai:
Vi AABC = AIJK nén AB=1J, BC = JK, AC = IK (C4c canh twong ng).
Ma AC =5cm = IK =5cm, 1IJ =2JK = AB=2BC.
Lai c6: AB+BC=9cm = BC =9:(1+2)=3(cm), AB=2BC =6(cm).
=I1J=AB=6cm, IK=BC =3cm.
Chu vi AABC la: AB+BC+AC =6+3+5=14(cm).
Chu vi AIJK 1a: 13+ JK + 1K =6+3+5=14(cm).

[2] Bai 8. Cho AABC =AIJK . Biét AB—BC =10cm,31J =5JK, AC =20cm . Tinh chu vi mdi tam
giac.

Loi giai:

Vi AABC =AIJK nén AB=1J, BC =JK, AC = IK (céac canh tuong ung).

Ma AC =20cm = IK =20cm, 31J =5JK :>3AB=SBC:>%=%

Lai cO: AB—BC=10cm = AB=10:(5-3).5=25(cm), BC =10:(5-3).3=15(cm).
= 13 =AB=25cm, IK =BC =15cm.
Chu vi AABC la: AB+BC + AC =25+15+20=60 (cm).

Chu vi AIJK 1a; 13 +JK+IK=25+15+20=60(cm).

[3] Bai 9. Cho Cho AABC = AMNP, biét A=60°, P =3N . Tinh sb do cac goc con lai caa mdi tam
giac.

Loi giai:

Vi AABC =AMNP nén = A=M,B=N,C =P (cac goc tuong ung).

Vi A=M ma A=60° nén M =60°.

Xét AMNP ¢6: M +N +P =180° (dinh Ii tong ba goc trong mot tam giac)

= N+ P =180°-M =180°-60°=120°.

Ma P=3N nén N =120°:(1+3)=120°:4=30° = P =3N =3.30°=90°.

Suyra: B=N=30°C=P=090°.



Vay: B=30°, C=90°, M =60°, M =30°, N =90°,

[3] Bai 10. Cho AABC = DEF véi D =30°, 2B =3C . Tinh sb do cac goc cua AABC.
Loi giai:

Vi AABC =DEF nén A=D,B=E,C=F (cac goc trong trng).

Ma D =30° nén A=30°.

Xét AABC c6: A+B+C =180° (dinh Ii tong ba goc trong mot tam giac)

= B+C =180°- A=180°-30°=150°.

Ma 2B=3C = B=150°:(2+3).2=60° va C =150°:(2+3).3=90°.

Vay A=30° B=60°C =90°.

[3] Bai 11. Cho AABC = AMNP, biét A=40°, P—N =10°. Tinh s6 do cac goc con lai cia AMNP

Loi giai:

Vi AABC =AMNP nén A=M (hai goc twong tng). Ma A=40° nén M =40°.
Xét AMNP ¢6: M +N +P =180° (dinh li téng ba goc trong mot tam giéc)

= N+P=180°-M =180°-40°=140°.

Mit khac P—N =10° = P =(140+10):2=75° VA N =(140°—10°):2 = 65°.

Vay M =40°, N =65° P =75°.

[4] Bai 12. Cho AABC = AMNP biét A:B:C=3:4:5. Tinh cac goc caa AMNP .
Loi giai:

Vi A:B:C=3:4:5 = =k=A=3k,B=4k,C=5k.
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Xét AABC c6: A+B+C =180° (dinh Ii tong ba goc trong mot tam giac)
=3k+4k+5k=180°= (3+4+5).k =180° =12k =180° = k =180°:12 =15°
= A=3.15°=45° B=4.15°=60° C =5.15°=75°.

Vay A=45° B=60°C=75°.

[4] Bai 13. Cho AABC = ADEF . Biét 2 tia phan giac trong ctia goc B va C cat nhau tai O, tao
BOC =135°; E =2F. Tinh céac goc cua ADEF .

Loi giai:



135°

B C

Ta co: BOC =180°—~0OBC ~OCB (tng ba goc trong ABOC bang 180°)

_180° —% ABC —% ACB (tinh chét phan gi4c)

~180° —%(ABC + ACB) ~180° —%(1800 - BAC) (tdng ba gbe trong AABC bing 180°)
1
=90°+  BAC.

—=135°= 90°+% BAC = BAC = (135°-90°).2 = 90°.

Do AABC = ADEF nén BAC =D (hai goc twong ttng) = D =90°.

Xét ADEF c6 E+F =180°—D =180°-90°=90° (tong ba goc trong ADEF bang 180°).
Ma E =2F nén F =90°:(1+2)=30° = E =2F =2.30°=60°.

Vay ADEF c¢6: D =90° E =60°, F =30°.

[4] Bai 14. Cho AABC = AMNP biét AB:BC:AC =5:6:8. Tinh c4c canh cia AMNP biét tam
giac nay co chu vi la 57cm .

Loi giai:
Vi AABC =AMNP nén AB=MN, BC = NP, AC =MP (cAc canh twong ng).
Suy chu vi hai tam giac bang nhau: AB+BC + AC = MN + NP +MP =57 (cm).

AB_BC_AC_
5 6 8

Vi AB:BC:AC=5:6:8 = k= AB=5k,BC=6k, AC=8k.

TacO: AB+BC+AC =57 =5k +6k+8k =57 =19k =57 =k = 3.
— AB =5k =5.3=15(cm), BC =6k =6.3=18 (km), AC =8k =8.3=24 (km).

= MN = AB =15 (cm), NP = BC =18 (cm), MP = AC = 24 (cm).
Vay cac canh cia AMNP |a: MN =15cm, NP =18cm, MP =24cm.

Dang 3. Chitng minh hai tam giac bing nhau theo truong hep bang nhau thir nhat. Tir dé
chieng minh céc bai toan lién quan: hai doan thiang bang nhau, hai goc bang nhau, hai
dwdng thang song song - vuéng géc, dwdng phan giac, ba diém thing hang, ...

I. Phuong phap giai:

+ Chi ra céc tam gidc c6 ba canh bang nhau dé suy ra tam giac bang nhau.



+ Tir tam giac bang nhau suy ra cc cip canh tuong tng bang nhau, cip goc twong Gng bang
nhau.

+ Ném vitng cac khai niém: tia phan giac cta goc, duong cao cua tam giac, dudng trung truc
ctia doan thing, hai dudng thing song song, hai dudng thing vudng goc; nim vimg dinh 1i tong
ba goc trong mot tam giac, tién dé O clit dé giai cac bai toan chtirng minh.

I1. Bai toan.
[1] Bai 1. Tim c4c tam giac bang nhau trén hinh v&, giai thich vi sao?

P

Q

Loi giai:
Xét APSR va ARQP c6: PR la canh chung, PS =QR, SR=PQ (theo gia thiét)
= APSR = ARQP (C.C.C).

[1] Bai 2. Tim cac tam giac bang nhau trén hinh vé&, giai thich vi sao?

<

Loi giai:
Xét AAMB va AANB cd: AB la canh chung, AM = AN, BM =BN (theo gia thiét)
= AAMB = AANB (C.C.C).

[1] Bai 3. Tim cac tam giac bang nhau trén hinh v&, giai thich vi sao?

Loi giai:
Xét AABI va AACI co: Al lacanh chung, AB=AC, Bl =CI (theo gia thiét)
= AABI = AACI (c.c.c).

[2] Bai 4. Cho doan thang AB =6cm. Trén nira mat phang bd AB, vé AABD sao cho AD =4cm
, BD =5cm. Trén nira mit phang con lai vé AABE sao cho BE =4cm, AE =5cm. Chiing minh:

a) AABD = ABAE . b) AADE = ABED.

Loi giai:



a) Xét AABD va ABAE c0: AB la canh chung, AD =BE (=4cm), BD = AE (=5cm)
= AABD = ABAE (c.C.C).

b) Xét AADE va ABED c6: DE lacanh chung, AD = BE (=4cm), BD = AE (=5cm)
= AADE = ABED (c.c.c).

[2] Bai 5. Cho AABC c6 AB=AC. Liy M 1a trung diém cua BC. Chang minh rang:

a) AAMB = AAMC . b) BAM =CAM . c) AM L BC.
Loi giai:
A
B M c

a) Xét AAMB va AAMC co:
AM la canh chung,
AB = AC (theo gia thiét),
BM =CM (vi M 1a trung diém BC)
= AAMB = AAMC (c.c.C)
b) Vi AAMB = AAMC (ching minh trén) = BAM =CAM (hai géc tuwong ung).
c) Vi AAMB =AAMC (chiang minh trén) = BMA=CMA (hai goc tuong ung).
Ma BMA+CMA=180° (ké bl) = BMA=CMA=90° = AM L BC.
[2] Bai 6. Cho hinh v& duéi day. Ching minh rang:
a) AABK = AKHA, b) AB // HK. c) AH // BK.

A B

Loi giai:
a) Xét AABK va AKHA c6: AK la canh chung, AB=HK , BK = AH (theo gia thiét),
= AABK = AKHA (c.c.c)



b) Vi AABK = AKHA (chttng minh trén) = BAK = HKA (hai goc tuong ung).
Ma hai goc nay ¢ vi tri so le trong so vgi AB va HK nén AB // HK.

c) Vi AABK = AKHA (chitng minh trén) = HAK = BKA (hai goc tuong ung).
Ma hai goc nay ¢ vi tri so le trong so voi AH va BK nén AH // BK.

[3] Bai 7. Cho AABC c6 AB=AC.Goi M 1a trung diém caa BC. Chang minh rang:
a) AM la phan giac cua géc BAC.
b) AM Ila trung truc cua BC.

Loi giai:

a) Xét AAMB va AAMC c0:
AM la canh chung,
AB = AC (theo gia thiét),
BM =CM (Vi M 1a trung diém BC)
= AAMB = AAMC (c.c.c) = BAM =CAM (hai goc tuong (ng)
= AM la phén giac cua géc BAC ..
b) Vi AAMB =AAMC (chirng minh trén) = BMA =CMA (hai goc tuong (ng).
Ma BMA+CMA=180° (ké bl) = BMA=CMA=90° = AM L BC.
Mit khac M 1a trung diém cua BC = AM la trung truc cua BC.
[3] Bai 8. Cho AABC, duong cao AH . Trén nira mit phang bo AC khong chira B vé AACD
sao cho AD=BC; CD=AB.CMR: AB// CD va AH L AD.

Loi giai:

u :
B H C

Xét AADC va ACBA c6: AC la canh chung, AD=BC, CD = AB (theo gia thiét)

= AADC = ACBA (c.c.c) = DAC =CBA (hai goc tuong ung).
Ma hai goc nay 6 vi tri so le trong so vai AD va BC nén AD // BC.

Lai c6: AH 1 BC (AH la duong cao trong AABC) = AH L AD (tir vubng géc tdi song song).



[3] Bai 9. Cho AABC c6 AB=AC =BC. Gia sir O 1a mot diém nim trong tam giac sao cho
OA = 0B =0C . Ching minh rang: O 14 giao diém cta 3 tia phan giac ciia A;B;C.

Loi giai:

A

C

B
Xét AAOB va AAOC c6: chung canh AO, OB =0C, AB = AC (gi thiét)
= BAO =CAO (hai goc tuong ing) = AO la tia phan gidc BAC .
Churng minh tuong tu ta cling c6: BO la tia phan gidc ABC, CO la tia phan gidc ACB.
Suy ra O la giao diém cua 3 tia phan giac cia A;B;C.
[4] Bai 10. Cho AABCcH AB=AC. Goi D la trung diém ciia BC . Chiing minh rang:
a) AADB = AADC
b) AD la phan giac caa BAC, AD L BC.
c) Trén nira mit phang by BC khong chira A 14y diém E sao cho EB=EC.
Chtng minh ring: A E,D thang hang.

Loi giai:

A

a) Xét AADB va AADC co:
AD la canh chung,
AB = AC (theo gia thiét),
BD =CD (vi D I trung diém BC)
= AADB = AADC (C.C.C)
b) Vi AADB =AADC (chitng minh trén)= BAD =CAD (hai goc tuwong tng)
= AD la phén giac cua BAC.
Vi AADB = AADC (chung minh trén) = BDA =CDA (hai goc tuong tng).
Ma BDA+CDA=180° (k& bu) = BDA=CDA=90°= AD L BC.



c) Xét AEDB va AEDC co:
ED la canh chung,
EB=EC (theo gia thiét),
BD=CD (vi D I trung diém BC)
= AEDB = AEDC (c.c.c) = BDE =CDE (hai goc tuong ung).
Ma BDE +CDE =180° (ké b)) = BDE =CDE =90° = ED L BC.
Vi qua diém D chi ¢ duy nhat mot duong thang vudng goc véi BC ma ED L BC, AD L BC
nén hai duong thing ED, AD tring nhau hay A E,D thing hang.
[4] Bai 11. Cho AABC ¢6 AB=AC va BAC =80°. Tinh s6 do cic goc con lai cia AABC.
A

80°

Liy M 1a trung diém cua BC.
Xét AAMB va AAMC co:
AM la canh chung,
AB = AC (theo gia thiét),
BM =CM (vi M 1a trung diém BC)
= AAMB = AAMC (c.c.c) = ABM = ACM (hai goc twong irng) = ACB = ABC.
Xét AABC c6: BAC + ABC + ACB =180° (tinh chat téng ba g6c trong mot tam giac)
= ABC + ACB =180°-BAC =180°-80°=100°.
Ma ACB = ABC nén ACB = ABC =100°:2=50°.
[4] Bai 12. Cho AABC c6 AB= AC = BC. Tinh sb do cac goc ctia AABC .

Loi giai:

Ldy M 14 trung diém cia BC.
Xét AAMB va AAMC coO:

AM la canh chung,



AB = AC (theo gia thiét),

BM =CM (vi M 1a trung diém BC)
= AAMB = AAMC (c.c.c) = ABM = ACM (hai goc tuong ttng) = ACB = ABC.
Tuong tu lay N 14 trung diém AC ta ciing chirng minh duoc AABN = ACBN (C.C.C)
— BAN =BCN (hai goc tuong itng) = BAC = BCA.

Nhu viy AABC ¢ ba goc bang nhau. Ma tong ba géc trong tam giac bang 180° nén céc goc cua
AABC ¢4 s6 do 60°.

Phin 111. BAl TAP TU LUYEN

Dang 1. Bai tap li thuyét: Viét ki hiéu vé sw bang nhau cia hai tam giac, tir ki hiéu bang
nhau caa hai tam giac suy ra cac canh — goc biang nhau.

[1] Bai 1. Cho biét AABC = AMNP. Hay viét dang thuc trén dudi mot vai dang khac.

[1] Bai 2. Cho AMNP =AOPQ . Hay chi ra cac goc, cac canh tuong tng bang nhau.

[2] Bai 3. Cho hai tam giac bang nhau: AABC va AHIK . Viét ki hiéu vé su bang nhau cta 2
tam giac theo thi tu dinh tuong Gng, biét ring: A=1 va B=K .

[2] Bai 4. Cho hai tam giac bang nhau: AABC va APQR. Viét ki hiéu vé sy bang nhau cua 2
tam giac theo thir tu dinh twong @ng, biét rang: AB=PQ; BC = PR.

[2] Bai 5. Cho hai tam gi4c bang nhau: AMNP va AHIK . Viét ki hiéu vé su bang nhau cua 2
tam gi4c theo thir tu dinh tuong ung, biétrang: N = K ;MN = IK .
[3] Bai 6. Chtrng minh rang néu: AMNP = ANPM thi AMNP ¢6 3canh bang nhau.

Dang 2. Biét hai tam giac bang nhau va mét so diéu kién, tinh sé do géc, d§ dai canh cia
tam giac

[1] Bai 1. Cho AABC =AIJK véi AB =7cm, AC =8cm, JK =6cm. Tinh cac canh con lai cia moi
tam giac.

[1] Bai 2. Cho AABC = AMNPVvéi BC =5cm, MN =5cm, AC =7cm.

a) Tinh cac canh con lai ciia moi tam giac.

b) Tinh chu vi caa mdi tam giac.

[2] Bai 3. Cho AABC = AOPQ, biét A=55° P =47°.

a) Tim céc goc tuong tng bang nhau.

b) Tinh cac goc con lai caa hai tam giac.

[2] Bai 4. Cho AABC = APQR, biét B =40°, R =30°. Tinh c4c goc con lai cia mdi tam giéc.

[2] Bai 5. Cho AABC = AMNP biét BC =10cm, MN:MP =4:3 va AB + AC = 14 cm. Tinh c4c
canh cua AMNP.

[3] Bai 6. Cho AABC =AMNP Vé&i M =40°,3B =4C . Tinh s6 do cac goc ciia AABC.



[3] Bai 7. Cho AHIK = AMNP, biét H =40°, P—N =30°. Tinh s6 do cic goc con lai cia AMNP

[4] Bai 8. Cho AMNP = AIJK . Biét 2 tia phan giac trong cia g6c M va géc N cét nhau tai O,
tao MON =120°. Tinh c4c g6c cia AIJK biét 1 =37 .
Dang 3. Chitng minh hai tam giac bing nhau theo truong hep bang nhau thir nhat. Tir dé

chirng minh cac bai toan lién quan: hai doan thing bang nhau, hai goc bing nhau, hai
dwdng thiang song song - vuéng géc, dwdng phan giac, ba diém thing hang, ...

[1] Bai 1. Tim cac tam giac bang nhau trén hinh v&, giai thich vi sao?

A

K

[1] Bai 2. Tim c4c tam giac bang nhau trén hinh v&, giai thich vi sao?

w

\
7

/

[1] Bai 3. Tim cac tam giac bang nhau trén hinh v&, giai thich vi sao?

@

[2] Bai 4. Cho hinh vé:

/

a) Chting minh rang AMNP = APQM .

b) Biét MPN = 20°, tinh s6 do goc PMQ.



[2] Bai 5. Cho AABC c6 A=80°. V& cung tron tdm B cd ban kinh bing do dai doan AC. V&
cung tron tdm C c6 ban kinh bang d6 dai doan AB . Hai cung tron nay cit nhau tai D nam khéc
phia cua A ddivéi BC.

a) Chting minh AABC = ADCB. Tir d6 suy ra s6 do goc BDC .

b) Chirng minh AB // CD.

[3] Bai 6. Cho AABC c6 AB< AC . Trén canh AC ly diém E sao cho CE = AB. Goi | 1a mot
diém sao cho IA=IC, IB = IE . Ching minh rang:

a) AAIB =ACIE

b) So sanh 1AB va ACI .
[4] Bai 7. Cho AABCc6 AB=AC.Goi M 1a trung diém ctia BC.
a) Ching minh rang: AM 14 phén giac ciia BAC
b) Chiing minh rang: AM 1a dudng trung truc cua doan thang BC.
¢) Trén nira mit phang bd BC chira A ldy diém E sao cho EB=EC.

Chting minh rang: A E,M thang hang.

[4] Bai 8. Cho AABC c6 AB=AC va BAC =60°. Tinh sb do cac goc con lai cia AABC.

[4] Bai 9. Cho tam giac nhon ABC. Gia sit O 1a mot diém nam trong tam giac sao cho
OA = 0B =0C . Chtrng minh rang: O 1a giao diém cta ba dudng trung truc ctia ba canh AABC

PAP SO BAI TAP TU LUYEN

Dang 1. Bai tap Ii thuyét: Viét ki hiéu vé su bang nhau caa hai tam giac, tir ki hiéu bing
nhau cia hai tam giéc suy ra cac canh — goc bang nhau.

[1] Bai 1. Cho biét AABC = AMNP. Hay viét ding thic trén dudi mot vai dang khac.
Loi giai:
Viét dang thirc AABC = AMNP dudi mot vai dang khac: AACB=AMPN, ACBA=APNM , ...
[1] Bai 2. Cho AMNP = AOPQ . Hay chi ra c4c goc, c4c canh twong ung bang nhau.
Loi giai:

MN =OP, NP = PQ, MP = 0Q
AMNP = AOPQ = .

NMP = POQ, MNP = OPQ, MPN = OQP
[2] Bai 3. Cho hai tam giac bang nhau: AABC va AHIK . Viét ki hiéu vé su bang nhau cua 2 tam
giac theo thir ty dinh twong Gng, biét ring: A=1 va B=K.
Loi giai:
Hai tam gi4c AABC va AHIK bing nhauva A=1i; B=K thi ki hiéu bang nhau cua hai tam giéc
la: AABC =AIKH .



[2] Bai 4. Cho hai tam giac bang nhau: AABC va APQR . Viét ki hiéu vé su bang nhau caa 2 tam
gi4c theo thir tu dinh twong ung, biét ring: AB=PQ; BC=PR.
Loi giai:
Hai tam giac AABC va APQR bing nhau va AB = PQ; BC = PR thi ki hiéu bang nhau cua hai
tam giac la: AABC = AQPR.
[2] Bai 5. Cho hai tam giac bang nhau: AMNP va AHIK . Viét ki hiéu vé su bang nhau cuaa 2
tam giac theo thi tu dinh twong @ng, biétrang: N = K ;MN = IK .
Loi giai:
Hai tam gidc AMNP va AHIK bing nhauva N = K ;MN = IK thi ki hiéu bang nhau cua hai
tam giac la: AMNP =AIKH .
[3] Bai 6. Chung minh rang néu: AMNP = ANPM thi AMNP c¢6 3canh bang nhau.
Loi giai:
Vi AMNP = ANPM nén MN = NP, NP = PM (C4c canh tuong &ng) = MN =NP=PM => AMNP
¢ 3canh bang nhau.
Dang 2. Biét hai tam giac biang nhau va mét sé diéu kién, tinh sé do géc, dé dai canh cia
tam giac
[1] Bai 1. Cho AABC = AIJK véi AB =7cm, AC =8cm, JK =6¢m. Tinh cac canh con lai cia moi
tam giéac.
Loi giai:
Vi AABC =AIJK nén AB=1J,BC =JK, AC = IK (c4c canh tuong ng).
Ma AB =7cm, AC =8cm, JK =6cm suy ra 1J =7cm, IK =5cm, BC =6cm.
[1] Bai 2. Cho AABC =AMNPvéGi BC =5¢cm, MN =5cm, AC =7cm.
a) Tinh cac canh con lai cia moi tam giac.
b) Tinh chu vi cia mdi tam giAc.
Loi giai:

c) Vi AABC =AMNP nén AB=MN, BC =NP, AC = MP (cac canh tuong ng).

Ma BC =5cm, MN =5cm, AC =7cm suy ra NP =5cm, AB =5cm, MP =7cm.,
d) Chuvi AABC la: AB+BC+AC=5cm+5cm+7cm=17cm.
Chu vi AMNP la: MN + NP +MP =5cm+5cm+7 cm =17 cm.

[2] Bai 3. Cho AABC = AOPQ, biét A=55°, P =47°.
a) Tim céc goc tuong tng bang nhau.
b) Tinh cac goc con lai caa hai tam giac.
Loi giai:

c) Vi AABC=A0PQ = A=0,B=P,C=Q (cac goc twrong rng).



d) Vi A=0 ma A=55° nén O=55°.
Vi B=P ma P =47° nén B =47°.
Xét AABC cO: A+B+C =180° (dinh Ii tong ba goc trong mét tam giéc)
= C =180°- A-B =180°-55°-47°=78°.
Ma C=Q nén Q=78°.
Vay B=47°, C=78°, O=55° va Q =78°.
[2] Bai 4. Cho AABC = APQR, biét B = 40°, R =30°. Tinh cac gdc con lai cua mdi tam giéc.
Loi giai:
Vi AABC =APQR = A=P,B=0Q,C =R (c4c goc twong ng).
Vi B=Q ma B=40° nén Q =40°.
Vi C=R ma R=30° nén C =30°.
Xét AABC cO: A+B+C =180° (dinh li tong ba goc trong mot tam giac)
= A=180°-B-C =180°-40°-30°=110°.
Ma A=P nén P =110°.
Vay A=110°C =30°, P=110°, Q =40°.

[2] Bai 5. Cho AABC = AMNP biét BC =10cm, MN:MP =4:3 VA AB + AC = 14 cm. Tinh céc
canh cua AMNP.

Loi giai:

Vi aABC = AMNP nén AB=MN, BC =NP, AC =MP (céc canh twong tng).

Ma BC=10cm=NP =10cm, MN:MP =4:3= AB:AC =4: 3.

Lai cO: AB+AC=14cm = AB=14:(4+3).4=8(cm), AC=14:(4+3).3=6(cm).
= MN = AB=8cm, MP = AC =6cm.

Vay AMNP c6: MN =8cm, NP =10cm, MP =6cm.

[3] Bai 6. Cho AABC = AMNP VGi M = 40°, 3B = 4C . Tinh s6 do cac goc cia AABC.
Loi giai:

Vi AABC =AMNP nén A=M, B=N,C =P (cac gdoc tuong (ng).

Ma M =40° nén A=40°.

Xét AABC c6: A+B+C =180° (dinh Ii tong ba gdc trong mot tam giac)

= B+C =180°- A=180°-40°=140°.

Ma 3B =4C :%:% = B =140°:(4+3).4=80° va C=140°:(4+3).3=60°,



Vay A=40° B=80°C =60°.

[3] Bai 7. Cho AHIK = AMNP, biét H =40°, P— N =30°. Tinh sé do cac goc con lai cia AMNP
Loi giai:

Vi AHIK =AMNP nén H =M (hai géc twong ing). Ma H =40° nén M = 40°.

Xét AMNP cO: M +N +P =180° (dinh li tong ba géc trong mot tam giéc)

= N +P=180°-M =180°-40°=140°.

Mat khac P-N=30° =P =(140+30):2=85° va N :(140°—30°):2:55°.

Vay M =40°, N =55° P =85°.

[4] Bai 8. Cho AMNP = AIJK . Biét 2 tia phan giac trong ciia g6¢c M va goc N cat nhau tai O,
tao MON =120°. Tinh cac goc cia AlJK biét 1 =37 .

Loi giai:

N

Ta c6: MON =180°—OMN —ONM (tbng ba goc trong AMON bing 180°)

:180°—% PMN —% PNM (tinh chét phén giac)

:1800—%(PMN+PNM)

=180° —%(180" —MPN ) (tong ba goc trong AMNP bang 180°)

:90°+%MPN :

=>120°=90°+ 2 MPN = MPN =(120°-90°) 2=60°.

Do AMNP = AIJK nén MPN =K (hai goc tuong tng) = K =60°.

Xét AIJK €O | + J =180°— K =180°—60°=120° (tong ba gbc trong AIJK biang 180°).
Ma 1 =33 nén J =120°:(1+3)=30° = | =3J =3.30°=90°.

Vay AIJK €O: | =90° J =30° K =60°.

Dang 3. Chieng minh hai tam giac bang nhau theo trwdng hep bing nhau thir nhat. Tir d6
chitng minh cic bai todn lién quan: hai doan thiang bang nhau, hai goc bang nhau, hai
dwdng thang song song - vudng géc, dwdng phan giac, ba diém thing hang, ...



[1] Bai 1. Tim cac tam giac bang nhau trén hinh v&, giai thich vi sao?

|
P <
K
Loi giai:

Xét APQI va APQK c6: PQ la canh chung, PI = PK, QI =QK (theo gia thiét)
— APQI = APQK (c.c.c).

[1] Bai 2. Tim cac tam giac bang nhau trén hinh v&, giai thich vi sao?

B

N
1

D

Loi giai:

+ Xét AABC VA AADC c0: AC la canh chung, AB=AC, BC =DC (theo gia thiét)
—> AABC = AADC (C.C.C).

+ Xét AABI va AADI c6: Al lacanh chung, AB=AC, Bl =DI (theo gia thiét)
—> AABI = AADI (c.C.C).

+ Xét AIBC va AIDC ¢0: IC lacanh chung, 1B=IC, BC =DC (theo gia thiét)
—> AIBC = AIDC (C.C.C).

[1] Bai 3. Tim c4c tam giac bang nhau trén hinh v&, giai thich vi sao?

Loi giai:
Xét AoRs va AOPQ co:

or=0P, OS5 =0Q (cung la ban kinh caa duong tron (0),



RS = PQ (theo gia thiét)
= AORS = AOPQ (c.c.c).
[2] Bai 4. Cho hinh vé:

a) Chung minh rang AMNP = APQM .

b) Biét MPN = 20°, tinh s do goc PMQ.
Loi giai:
a) Xét AMNP va APQM c6: MmN 1a canh chung, MN =PQ, NP =MQ (theo gia thiét),
= AMNP =APQM (c.c.c)
b) Vi AMNP =APQM (chirng minh trén) = PMQ = MPN (hai gdc tuong rng).
Ma MPN =20° = PMQ = 20°.
[2] Bai 5. Cho AABC ¢6 A=80°. V& cung tron tim B c0 ban kinh bang d¢ dai doan Ac. V&
cung tron tdm ¢ ¢6 ban kinh bang do dai doan AB. Hai cung tron ndy cit nhau tai D nam khéc
phia cua A ddi véi BC.
a) Chung minh AABC = ADCB. Tir d6 suy ra s6 do goc BDC .
b) Chtng minh AB // cD.

Loi giai:

A ’ c

a) Xét AABC va ADCB c0:BC la canh chung, AB=cCD, AC =BD (theo gia thiét)
—> AABC = ADCB (C.c.c) = BDC =CAB (hai goc twong tng) = BDC =80°.
b) Vi AABC =ADCB (chitng minh trén) = ABC = DCB (hai goc tuong (ng).

Ma hai géc nay & vi tri so le trong so v4i AB va cD nén AB // CD.



B HD E“

[3] Bai 6. Cho AABC €O AB < AC . Trén canh AcC lay diém E sao cho CE = AB. Goi | 1a mot
diém sao cho 1A= IC, IB = IE . Chirng minh rang;

a) AAIB =ACIE
b) So sanh IAB va ACI.

Loi giai:

|
C) Xét AAIB v ACIE cO:IA=1IC, IB=IE, AB=CE (theo gia thiét)

—> AAIB =ACIE (c.c.c) = IAB = ICE (hai gdc twong (rng).
Ma E thudc AC nén ICE = ACI . Vay IAB=ACI .
[4] Bai 7. Cho AABCCO AB=AC.Goi M la trung diém ciia BC.

a) Chting minh rang: AM 13 phan giac cia BAC

b) Chiing minh rang: AM 1a dudng trung truc cua doan thang BC.

c) Trén nira mit phang bd BC chira A lay diém E sao cho EB=EC.

Chimg minh rang: A E,M thang hang.

Loi giai:

a) Xét AAMB va AAMC cO:
AM la canh chung,
AB = AC (theo gia thiét),
BM =CM (Vi M 1a trung diém BC)



—> AAMB = AAMC (C.C.C)
= BAM =CAM (hai géc tuong (ng)
= AM la phan giac cia BAC.
b) Vi AAMB =AAMC (chitng minh trén) = BMA=CMA (hai goc tuong ung).
Ma BMA+CMA=180° (ké bl)) = BMA=CMA=90° = AM 1 BC.
Ma M 14 trung diém ctiia BC nén AM la dudng trung truc cia doan thang BC.
C) Xét AEMB va AEMC CO:
EM la canh chung,
EB=EC (theo gia thiét),
BM =CM (Vi D 1a trung diém BC)
— AEMB = AEMC (C.c.c) = BME =CME (hai géc tuong (ng).
Ma BME +CME =180° (ké b)) = BME =CME =90° = EM 1 BC.
Vi qua diém M chi c6 duy nhat mot duong thang vudng goc véi BC ma
EM 1 BC, AM 1 BC nén hai duong thang EM, AM triing nhau hay A E,M théng hang.

[4] Bai 8. Cho AABC €O AB =AC va BAC =60°. Tinh s6 do cac goc con lai ciia AABC.

Loi giai:

Ly M 1a trung diém cua BC.
Xét AAMB va AAMC cO:

AM la canh chung,

AB = AC (theo gia thiét),

BM =CM (Vi M 1a trung diém BC)
—> AAMB = AAMC (C.c.c) = ABM = ACM (hai goc tuong ing) = ACB = ABC.
Xét AABC c0: BAC +ABC + ACB =180° (tinh chit tong ba goc trong mot tam giac)
= ABC + ACB =180°- BAC =180°-60°=120°.
Ma ACB = ABC nén ACB = ABC =120°:2=60°.

[4] Bai 9. Cho tam gidc nhon ABC . Gia sit O 1a mot diém niam trong tam giac sao cho
OA = OB =0OC . Chtrng minh rang: O 14 giao diém ctia ba duong trung truc ctia ba canh AABC

Loi giai:



A
M
B ‘
C
Ldy M 1a trung diém AB.

Xét AAMO Va ABMO CO:

MO la canh chung,
OA=0B (theo gia thiét),
MA=MB (Vi M 1a trung diém AB)

—> AAMO = ABMO (C.Cc.c) = AMO =BMO (hai goc tuong ung).

Ma AMO +BMO =180° (ké b)) = AMO = BMO =90° = OM L AB.

Ma M 1 trung diém cta AB nén oM la dudng trung truc cia doan thang AB.

Hay o thudc dudng trung truc cia doan thang AB.

Chtng minh hoan toan twong tu ta ciing c6 O thudc dudng trung truc cua doan thang BC va
AC.

Viy o 1a giao diém cua ba dudng trung tryc cta ba canh AABC.

-HET-



