PO DAI PUONG TRON, CUNG TRON
A.TRONG TAM CO BAN CAN PAT
I. TOM TAT LY THUYET
1. Cong thirc tinh d9 dai duwdng tron (chu vi dudng tron)
b dai (C) cua mot dudng tron ban kinh R dugce tinh theo cong thirc:

C =27R hodc C = 7d (v6i d = 2R).

2. Cong thirc tinh do dai cung tron
Trén duong tron ban kinh R, d6 dai / cia mdt cung n° dugce tinh theo cong thire:

_ 7Rn
180

II. BAI TAP VA CAC DANG TOAN
Dang 1. Tinh d¢ dai dwong tron, cung tron
Phirong phap giai: Ap dung cong thirc dd néu trong phan Tom tét 1y thuyét.

1.1. Lay gia tri gan dung ctia 714 3,14, hiy dién vao 6 trong trong bang sau (don vi 6 dai: cm, lam

tron két qua dén chir s6 thap phan thir hai).

Ban kinh R ctia dudng tron

Puong kinh d cua duong
16 6
tron

D06 dai ¢ ctia duong tron 30 25,12

1.2. Lay gia tri gan dtng cta # 1 3,14, hiy dién vao 6 trong trong bang sau (don vi do dai: em, 1am

tron két qua dén chir s6 thap phan thi hai).

Ban kinh R ctuia duong tron 10 8

Duong kinh d cia duong tron 5

D0 dai ¢ cia duong tron 9,42 6,28

2.1.



a) Tinh d6 dai cung 60° ciia mot duong tron c¢6 ban kinh 3dm.
b) Tinh chu vi vanh xe dap c6 duong kinh 600mm.

2.1.

a) Tinh d6 dai cung 40° ciia mot dudong tron c¢6 ban kinh Sdm.
b) Tinh chu vi vanh xe dap c6 duong kinh 400mm.

3.1. Liy gia tri gan dang cua n 1a 3,14, hiy dién vao 6 trong trong bang sau (don vi do dai: em, 1am

tron két qua dén chir s6 thap phan thi nhat va dén do):

Ban kinh R ctia dudng tron 12 22 5,2
Sb do n° ctia cung tron 90° 60° 31° 28°
Do dai / cua cung tron 40,6 30,8 8,2

3.2. Lay gia tri gan dung cua 713 3,14, hiy dién vao 6 trong trong bang sau (don vi do dai: cm, 1am

tron két qua dén chir s6 thap phan thir nhat va dén do):

Ban kinh R ctuia duong tron 14 20 4,2
S6 do n° ciia cung tron 90° 50° 35° 20°
D0 dai / ciia cung tron 40,6 30,8 4,2

Dang 2. Mot sb bai toan tong hop
Phuwong phdp gidi: Ap dung cong thirc trén va cac kién thirc d co.

4.1. Cho tam giac ABC vudng tai A c6 AB = 5c¢m, B = 60°. Pudng tron tdm 7, duong kinh AB cit
BCoD.

a) Chtirng minh 4D vudng goc voi BC.
b) Chirng minh duong tron tdm K duong kinh AC di qua D.
¢) Tinh d¢ dai cung nho BD.

4.2. Cho ntra dudng tron (O; R) dudng kinh AB. V& diy CD = R (thudc cung AD). Néi AC va BD cit
nhau tai M.

a) Chirg minh tam giac MCD dong dang véi tam giac MBA. Tim ti s6 dong dang.




b) Cho ABC = 30°, tinh d6 dai cung nhé AC.

5. Cho duong tron (O; R) véi day cung BC ¢b dinh. Piém A thudc cung 1én BC' . Pudng phan giac

ctia goc BAC' cat duong tron (O) tai D . cac tiép tuyén clia duong tron (O; R) tai C' va D cit nhau
tai £. Tia CD cat AB tai K, duong thang AD cat CF tai I .

Cho BC = R\/g. Tinh £ theo d¢ dai cung nho BC' ciia duong tron (O;R).

6. Cho duong tron (O; R) véi day cung BC ¢ dinh. Piém A thudc cung 1én BC' . Pudng phan giac

ctia goc BAC' cat duong tron (0) tai D . céc tiép tuyén ctia dudng tron (O; R) tai C' va D cit nhau
tai F. Tia CD ciat AB tai K, duong thang AD cit CE tai I .Ching minh AKIC' 1a t giac noi
tiép.

7. Cho tam giac déu ABC noi tiép duong tron (O; R). Ké duong kinh AD cit BC taiH . Goi M
12 mot diém trén cung nho AC . Ha BK 1 AM tai K . Puong thing BK cit CM tai E . Tia BE
cat duong tron (O; R) tai N (N khac B ).Chimg minh tam giac MBE cén tai M .

8. Cho tam giac déu ABC' ndi tiép dudng tron (O; R). Ké duong kinh AD cat BC tai H . Goi M
12 mot diém trén cung nho AC . Ha BK 1 AM tai K.BDuong théng BK cit CM tai E.Tia BE
cit duong tron (O; R) tai N (N khac B). Tinh d6 dai cung nhé MN theo R

II1. BAI TAP CO BAN VE NHA

1. Cho 7t = 3,14. Hay dién vao cac bang sau:

Ban kinh R Puong kinh d b6 dai C Dién tich S

94,2

28,26

2. Cho dudng trong (O) ban kinh OA. Tir trung diém M cta OA vé day BC L OA. Biét d¢ dai

duong tron (O) 4 cm. Tinh:

a) Ban kinh duong tron (O);



b) D6 dai hai cung BC cua duong tron.

3. Cho tam giac ABC c6 AB=AC =3cmva A=120°. Tinh d6 dai duong tron ngoai tiép tam giac
ABC.

4. Cho tir gi\c ABCD ngoai tiép duong tron (O). V& ra phia ngoai tir gidc nay bdn nira duong tron
c6 duong kinh 1an luot 1 bon canh cua ti gidc. Chirng minh rang tong d6 dai cua hai nira dudng

tron c¢6 dudng kinh 13 hai canh dbi dién bang tong do dai hai nira duong tron kia.

5. Cho tam giac can ABC ndi tiép dudng tron (O; R). Ké dudng kinh AD cit BC tai H. Goi M 1a
mot diém trén cung nhé AC. Ha BK | AM tai K. dudong théng BK cit CM tai E.

a) Chung mnh bdn diém A, B, H, J thudc mot duong tron.
b) Chirng minh tam giac MBE céan tai M.
¢) Tia BE cét dudng tron (O; R) tai N (N khac B). Tinh d6 dai cung nhé MN theo R. Gia sir A= 40°.

6. Cho duodng tron (O; R) véi day cung BC ¢6 dinh. Piém A thudc cung 16n BC. Pudng phan giac
ctia BAC cét duong tron (O)tai D. Cac tiép tuyén ctia dudng tron (O; R) tai C va D cit nhau tai E.
Tia CD cét AB tai K, duong thang AD cat CE tai 1.

a) Chirng minh BC song song DE.
b) Chimg minh AKIC 1a tir gidc ndi tiép.
¢) Cho BC = R/3 . Tinh theo R dd dai cung nho BC cta duong tron (O; R).

HUONG DAN VA DAP SO

1.1.
Ban kinh R cta duong tron 9 8 3 4,78 4
Puong kinh d cua duong tron 18 16 6 9,56 8
Do dai C cua duong tron 56,52 50,24 18,84 30 25,12
1.2
Ban kinh R ctia duong tron 1,5 10 2,5 1 8




Puong kinh d cua duong tron 3 20 5 2 16

Do dai C cua duong tron 9,42 62,8 15,7 6,28 50,24
2.1.a) [ =7 dm; b) C =600z mm;
22.3) = 1()Tﬂafm; b) C =400z mm;
3.1.
Bén kinh R cta duong tron 12 38,8 22 5,2 16,8
Sb do n’ cua cung tron 90° 60° 80,3° 31° 28°
Do dai | cia cung tron 18.8 40,6 30,8 2,8 8,2
3.2.
Ban kinh R cta duong tron 14 46,5 20 472 12
S6 do n’ ciia cung tron 90° 50° 88,3° 350 20°
D¢ dai | cua cung tron 22 40,6 30,8 2,6 4,2
4.1.

a) ADB 13 goc noi tip trén duong kinh AB = AD 1 BD.

b) Do ADC =90° nén De duong tron (k;%)

¢) AIBD can tai I c6 B = 60"

7[.260

= AIBD déu = @:60031@: =—7cm

180 6

4.2. a) Khi M ¢ ngoai hay M nidm trong dudng tron thi AMCD va AMBA déu ¢6 2 goc bang nhau =
bPCM.



Lo CDh 1
Ty sO dong dang la: —=—
y g dang 1B 2

b) @:30031&::600:%:%

Ban kinh R Puong kinh d b6 dai C Dién tich S
5 10 31,4 78,5
3 6 18,84 28,26
15 30 94,2 706,5
3 6 18,84 28,26
5.
B

Vi dg dai duong tron 1a 67 nén 67 = 27.R = R = 3cm (R 1a ban kinh dudng tron)

Xét ttr giac ABOC' ¢6 hai duong chéo AO L BC' tai M 1a trung diém mdi duong nén ti
giac ABOC' 1a hinh thoi.

—_ =

Suyra OB = OC = AB = AABO &u = AOB = 60° = BOC =120°
Suy ra s6 do cung 16n BC 1a 360° — 120° = 240°

7.3.240
180

Do dai cung lon BC 1a |l = 47 (cm)

6.



—_—

+ Vi AD la tia phan giac BAC = D 1a diém chinh gitta cung BC'.
Nén OD 1 BC = phuong an D dung
+Ma DE 1| OD(DE la tiép tuyén ctia (O)) suy ra BC' / /DE = phuong 4n A dung.

L —

+) Xét (0) ¢6 DAC = DCI (gbc ndi tiép va goc tao boi tiép tuyén va day cung DC')

—

Ma BAD = DAC (AD la phan giac) nén KAI = KCI nén ti giac KICA noi tiép
7.

Xét duong tron (O) c6 tam gidc ABC déunén sd AB = sdAC

AMB 13 goc ndi tiép chan cung AB = AMB = %sdAB = 1220 = 60°

—

Suy ra KBM = 90° — KMB = 90° — 60° = 30°

suy ra saNM = 2.NBM = 2.30° = 60° NBM = 30°(cmt) va BEM = %[ 4BC — stM]

= %(120° — 60") = 30° tam giac MBFE cantai M .

8.




Theo cau trude sé do cung NM bang 60° nén do dai cung NM 1a [

BTVN
1.HS tw lam

2.2) 27R=47r = R=2cm
b) A0B = 60" (AOAB déu)

— BOC =120"

3. 4=120° = 0AC = 60°
= AOAC déu = R = AC =30cm
=>C=27xR=6xcm

4. Dait AB=a; BC=b;CD=c; AD=d.

a
2r.—

C C
a2 78 pygng gy —2 =€
2 2 2 2 2

C C
Vay =P =%(a+c)
Co @_,_@:Z(b_,_d)
2 2 2

T giac ABCD ngoai tiép, két hop tinh chat tiép = a+c=b+
d = BbPCM.

S. HS tu lam

6. a) AD la phan gisc BAC

TR60 7R

180

3



— D la diém chinh giita BC = OD L BC

Ma DE la tiép tuyén = DPCM.

b) @%Sdﬁ):zﬁ:@:DPCM.

NG}

0) HC:T:E()\C:@O:»J%\C:QOO

7.R.120°
=l =—=

R
BC 180

2
3
B.NANG CAO PHAT TRIEN TU DUY

Bai 1. Cho mot duong tron (O;R). Hai tiép tuyén tai A, B cit nhau tai M tao véi nhau mot goc 60°.
a) Tinh d6 dai cung 16n AB theo R.

b) Tim dién tich hinh gi¢i han béi hai tiép tuyén va cung nho AB.

Bai 2. Cho duong tron (O;R).

a) Tinh goc AOB néu biét d6 dai cung nho AB bang SﬂTR;

b) Xac dinh diém C trén cung lon AB sao cho khi ké CH 1 AB taithi AH=CH,

¢) Tinh d6 dai cac cung AC, BC;

d) Tinh chu vi, dién tich ABC.

Bai 3. Léy bdn diém A, B, C, D theo thir tu trén duong tron (O) sao cho sd ;\_1} =60°, sd EBE’ =90°;
sdCD =120°.

a) Tu giac ABCD 1a hinh gi?

b) Tinh d6 dai duong tron (O). Biét dién tich t giac ABCD bang 100 m?.

Bai 4. Cho tam giac ABC déu canh a. Liy A; B; C lam tim dung ba dudng tron véi ciing ban kinh

1a a. Hay tinh dién tich phan chung cta ca 3 duong tron.



Bai 5. Cho hinh vudéng ABCD c¢6 canh 1a 3 cm. Tinh dién tich phan chung ciia bon hinh tron c6 tim

lan luot 1a cac diém A, B, C, D va ¢6 cung ban kinh 3 cm.

Bai 6. Bén trong mot hinh chit nhat kich thudc 10x20 ¢ 151 diém. Chirg minh rang ton tai bon

trong cac diém do6 nam hoan toan trong mdt duong tron c6 ban kinh 1,5.

Bai 7. Trong hinh vudng canh 1a I, nguoi ta dat mot sé dudng tron ma tong do dai cua chung la
2020. Chimng minh rang bao gio ciing tim duge mot dudng thing cat it nhat 632 trong cac dudng

tron noi trén. A X

Bai 8. Cho ABCD Ia hinh chit nhat véi AB =
10 cm. V& dudng tron (O), (O’) voi duong \ A
kinh AB va CD. Goi P va Q 14 giao diém ctia /

(0), (0”). Biét rang dudng tron duong kinh
PQ tiép xtc voi AB va CD. Tinh dién tich D c

phan chung cta hai duong tron (0), (O).

Bai 9. Cho hinh thoi ABCD c6 canh AB =5 c¢cm va duong chéo AC = 8 cm. Puong tron tam A ban
kinh R = 5 cm tiép xtic v6i duong tron tim C tai M thugc doan AC. Pudng tron nay cat CB tai E va
cit CD tai F. Tinh ti s6 do dai cta cung BD va cung EF.

Bai 10. Ba duong tron (O;R),(O;R,),(O,;R,) v61 R<R <R,, tiép xUc ngoai voi nhau tung doi

mot, déng thoi tiép xuc voi mot duong th'fmg. Goi S.S,,S, lan luot 1a dién tich cta hinh tron

(O;R),(O;R,),(O,;R,). Chirng minh rr:ing: % = 1 !

s s, 4fs,

Bai 11. Cho nira dudng tron (O) duong kinh AB, Goi Ax, By 1a cac tiép tuyén tai A va B cua (O),
Tiép tuyén tai diém M tuy ¥ ctia (O) cat Ax va By lan luot tai C va D.

a) Chimg minh AB 1a tiép tuyén ctia dudng tron ngoai tiép AOCD .

b) Cho AB =8cm. Tim vi tri cia C dé chu vi t gidc ABDC bang 28cm, khi d6 tinh dién tich cta
phan tt giac nam ngoai (O).

HUONG DAN GIAI - PAP SO
Bai 1.

a) Tt gidc OAMB c6 AMB =60°A = B =90° nén:



AOB = 360° —90° — 90° — 60° = 120°
= s6 do cung nho AB 14 120°.
= s6 do cung 16n AB 1 360°—120° = 240° .

7R240 4rzR
180 3

Do dai cung lo6n AB 1a / =

b) Ta co @:@:%@:600

= MA = OA.tan MOA = R\/3 M
= Dién tich tir gidc MAOB la:

1
Suson =20 =2 MAAO = R*3

7R*120 B 7R?

Di¢n tich hinh quat OAB la: S, = 360 3

Vay dién tich gidi han béi hai tiép tuyén va cung nho AB 1a:
S =Syon =S, =R (JE-%J

Bai 2.

a)Datsédo A/O\B=n°:>

sdfél??:n":;[;;’Z:%:n":lSOO:A/O\B:lSO"

b) CH L AB va AH =CH suy ra ACHA vuong can tai H
= BAC = 45° = sd BC = 90°

¢) sd AC =360°—150°—90° = sd AC =120°

-Po dai cung AC Ia ¢ = ZR120_ 27K
T80 3
7RO _ 7R

-bo daicungBCla /- = TR



d) Ké 0K¢AH:»1?07<=%A/079=75°
— BK = OB.sin75° ~ 0,966.R = AB ~1,932R

-TacHsdAC =120°= AC = R\3

-Taco CH = AC.sin45°~1,225.R

Do vay dién tich AABC 1a § = %AB.CH ~2,367R*

sd BC =90°= BC = R\2

Suy ra chu vi AABC 1a AB+ BC + CA ~4,538R

Bai 3.

a) ABCD la hinh thang can.

b) Goi R 1a ban kinh cua (O), EF 1a duong cao di qua O cuia hinh thang.

2.100 200

Ta co: EF:AB+CD=R(\/§+1)

(M

EF:0E+0F:§(\/§+1) )

Tir (1) va (2) suy ra R = —=> 10(\5—1)

\EHZ

Do dai dudng tron bing 20(ﬁ —1);; (m).

2
Bai 4. Dién tich tam gidc déu ABC Ia §, =< 3

Dién tich cua hinh quat ciia dudng tron

ban kinh a va c6 goc & tam 60° la:




Dién tich cua hinh vién phan tao boi
mot canh A4ABC va cung nhd cang boi
o (27-343)

canh ay la: S;=S,-S, = 5

Vay dién tich chung cta 3 duong tron
2
la: S =S, +38, =%(n—\6)

Bai 5. Goi a la dién tich ciia moi mién
a,,a,,a,,a, da dugc danh dau trén hinh 1.
Tuong tu, b 1a dién tich cia moi mién
b,b,,b,,b, va cla dién tich ciia mién ¢

(mién can tim dién tich).
Goi E 1a giao diém gitra cung nhé AC cua

duong tron (D;3cm) va cung nho BD ciia

duong tron (C;3cm).

Goi S, _ 1a dién tich hinh quat dugc gi6i han boi hai ban kinh CE, CD va cung nhé ED cia

(C;3em); S 1a dién tich hinh vién phan dugc gioi han boi day cung ED va cung nho ED cia

(C;3ecm);

Va SD‘a la dién tich hinh quat dugc gidi
han béi hai ban kinh DE, DA va cung nho

EA ciia (D;3cm).

D@ thiy CDE 1a tam giac déu canh 3 cm

az\/g _ % (sz)

nén S, = ——

4

Laicd: S— =8 = —Sepe P 2 p

97 9B _67-93

m

=a+b=§ _-§_=
D.EA ED 19 4

97 6m-93 93-3z (C
4

%)

m?)




Vay c=SABCD—4(a+b)=9—4(9\/%+3”J=9—9\/§+3ﬂ (cm?)

Bai 6. Chia hinh chitr nhat 10x20 thanh 50 N —

m_f_

hinh vudng canh 1a 2 (nhu hinh v§). Tdn tal [ —_ —1
mot hinh vudng chira bon diém. Puong tron co T

tam 13 tAm hinh vuéng ndy, ban kinh 1,5 chira EEEE

e toasd il S .
hinh vuéng nay. Suy ra diéu phai chimg minh. F_ ] ,

Bai 7. K¢ cac duong kinh cua cac dudong tron song song voi canh AB cua hinh vudng r6i chi€u cac

duong kinh d6 1én canh AB. Céc hinh chiéu déu ndm tron trong AB.

Téng cac dudng kinh 1a 2020 nén tong cac hinh chiéu 1a:

2020 6312929 63148 (vi 4B=1)

V4 T
Ma mbi duong kinh < 4B nén ton tai it nhat 632 duong tron.

020
/4

Téng céc hinh chiéu nay > 631.4B nén ton tai mot diém cua AB thudc it nhat 632 hinh chiéu.

Puong thing vudng goc voi AB tai diém d6 1a duong thing phai tim.
Bai 8. Ta c6 (O) va (O’) cét nhau tai P va Q nén 00' L PQ.
Mat khac OP=0Q =0'P=0'Q nén OPO'Q la hinh vuong.

NG

Do d6 00'=OP~2 =5v2em = PO = 5v2cm,OH = %00'_5

Di¢n tich hinh quat OPQ la:

zR’n 7590 257
S = = = cm..
360 360 4

Dién tich AOPQ la:

0

[5\/— 25

S, =—PQOH——5 cm”.

2 2

Dién tich hinh vién phan PmQ la:



25(7—2
S =S —SA=§TE—§=#(cm2)

Vay dién tich phan chung cua hai duong tron (0), (0°) la:

25(z-2) _25(x-2)

2
. . cm-).
vp l 2 ( )

Bai 9. ABCD 14 hinh thoi = A=C

Piat A=C=n° taco AM = AB =5cm.

w.5.n
180

D6 dai cung BD 13 /- =
BD

w.3.n
180

D¢ dai cung ,E-I\T la Eﬁ =

. — — Y.
Suy ra ti s0 do dai cung BD va EF la 22 = >

EF

Bai 10. Tir cong thic tinh dién tich hinh tron, ta thiy hé thirc can ching minh tuong dwong véi:

NN B Y

Ké OK 1 O,B,O,N 1. O,B,0H 1 O,A. % ~
\ B O
Ta c6 cac t gidc O,NKH,KHAB 1a céac hinh chit nhat \‘\ il -~ /\ I
q , LUK -‘@—\}\T_ H
va ba diém H, O, K thing hang T — .

Dodé ON=HK =OH+0K (1)
Mit khac OH* = 00! —O,H* =(R,+ R)" ~(R, - R)’
Suy ra OH =2,/RR, (2)

Tuong ty, ta c6: OK =2,/RR, (3),0,N =2/RR, (4)



Tir (1), (2), (3), (@), suy ra: VR(JR +R, )= JRR,
Bai 11.

a) AOCD vudng tai O (OC va OD la phan giac cua hai goc ké bu)

I 1a trung diém ctia CD thi 10 =IC = 1D va IO L AB tai O nén y
L
7 R . . D
AB la tiép tuyén cta duong tron ngoai ticp AOCD . 3 I
M
b) Bat AC = x(cm) va BD = y(cm) 2
—1
CABDC=AB+2(AC+BD)=28:>x+y=10 /
Mit khac OM* = MC.MD => xy =16 A 0 B
o |x+y=10 x=2_ _ [x=8
Giai hé ta dugc hoic
xy =16 y=28 y=2

Vay C cach A mot doan AC =2cm va BD =8cm hodac AC =8cm va BD =2cm. C4 hai truong hop
trén hinh thang vuéng ABCD c6 cung dién tich: S, =40 (cm?).

Dién tich nira hinh tron (O): S, =87 (cm?)

Vay phan dién tich tr giac ABCD nam ngoai duong tron:
S=8-5,=40-8x(cm?)

C.TRAC NGHIEM REN LUYEN PHAN XA

Ciu 1. S6 do n° cua cung tron c6 do dai 30,8¢m trén dudng tron c6 ban kinh 22cm 1a (ldy = ~ 3,14

va lam tron dén do).
A. 70°. B. 80°. C. 65°. D. 85°.

Ciu 2. Sé do n° cta cung tron c6 d6 dai 40,2¢m trén duong tron c6 ban kinh 16em 1a (lay = ~ 3,14

va lam tron dén do).
A. 144°. B. 145°. C. 124°. D. 72°.

CAu 3. Tinh d6 dai cung 30° ctia mot duong tron ¢ ban kinh 4dm .



47 s s 2T
A. ?(dm) B. g(dm) C. g(dm) D. ?(dm)
Cau 4. Chu vi duong tron R = 9 ban kinh la:
A. 187. B. 9. C. 127. D. 277
Cau 5. Chu vi duong tron ban kinh R = 6 la:
A. 187. B. 97. C. 127. D. 277 .

Ciu 6. Biét chu vi duong tron 1a C' = 487 . Tinh dudng kinh cua duong tron.

A. 48. B. 24. C. 36. D. 18.

Cau 7. Biét chu vi duong tron 1a C' = 367(cm). Tinh duong kinh ciia duong tron.

A. 18(cm). B. 14(cm). C. 36(cm). D. 20(cm).

Cau 8. Cho ba diém A, B,C thiang hang B nam giita A va C . Chon khing dinh dting.

A. D dai nira duong tron dudng kinh AC' bang hiéu cac do dai ciia hai nira duong tron duong
kinh AB va BC'.

B. Do dai nira duong tron duong kinh A C bang tong cac do dai cia hai nira duong tron dudng

kinh AB va BC.

C. P dai ntra dudng tron duong kinh BC bang tong cac d6 dai cua hai nira dudng tron dudng

kinh AB vaAC .

D. B¢ dai ntra duong tron duong kinh AB bang tong cac do dai cta hai nira duong tron duong
kinh AC va BC'.

Cau 9. Cho ba diém A, B,C thang hang C' nam gitta A va B, dong thoi

AB = 3AC . Chon khang dinh sai.

A. Do dai nira duong tron duong kinh AB gip ba lan do dai cua nira duong tron duong kinh AC .
B. Do dai ntra dudng tron dudng kinh AB gip 1,5 1an do dai cua nira dudng tron duong kinh BC..

C. B¢ dai nira dudng tron duong kinh AB bang téng cac do dai cua hai nira duong tron duong
kinh BC' va AC' .



D. 6 dai nira dudng tron duong kinh BC' bang tong cac do dai ctia hai nira duong tron dudng

kinh ACva AB.

Cau 10. Cho tam giac ABC vuong tai A, canh AB = 5cm,]§ = 60°. Puong tron tam I, duong
kinh AB cit BC ¢ D . Chon khing dinh sai?

A. D¢ dai cung nhd BD cua (I) 1a %(cm). B. AD L BC.

C. D thudc duong tron dudong kinh AC'. D. B dai cung nhd BD cua (1) 1a 576(cm)

Céu 11. Cho tam giac ABC vuodng tai A, canh AB = 4cm,£A3 = 50°. Puong tron tam [, duong
kinh AB cat BC' & D . Chon khang dinh sai?

A. BCA=40" B. P dai cung nho BD cua (1) 1a %” (em).
C. DAC =50", D. B¢ dai cung 16n BD cua (1) la 377T(cm) :

Céu 12. Cho tam giac ABC ¢6 AB=AC = 4cm,;i = 100°. Tinh d¢ dai duong tron ngoai tiép tam
giac ABC'.

A. 6,227 . B. 3,11x. C. 67. D. 12,447 .

Cau 13. Cho tam giac ABC ¢6 AB=AC =3 cm,;l = 120°. Tinh d6 dai duong tron ngoai tiép
tam giac ABC'.
A. 127, B. 9. C. 6. D. 37.

Cau 14. Chu vi duong tron ngoai tiép tam gidc déu canh a (cm) la:

a3 (cm). B. 2ma3 (em). C. ray'3 (em). D. a3 (em

3 3 3 3

A.

).

Ciau 15. Chu vi duong tron ngoai tiép tam gidc déu canh 3(cm) la:

43 (em). B. W\/g(cm) : C. 23 (em

3 ) ). D. 27/3(cm).

A.




Cau 16. Cho duong tron (O) ban kinh OA . Tir trung diém M cia OA vé day BC 1 OA. Biét do

dai duong tron (O)1a 47(em). Do dai cung lon BC' 1a:

A2 BT c. = p. 2T
3 3 3 3

Cau 17. Cho duong tron (O) ban kinh OA . Tir trung diém M cia OA vé day BC 1 OA. Biét do

dai duong tron (0O) la 6m(em). Do dai cung 16n BC la:

A.4—7T. B. 8. C. 4. D. 2.

3
HUONG DAN

Cau 1. Pap an B.

Do dai cung tron [ = 7TRn<:> m-22.n = 30,8 = n ~ 80°
180 180

Cau 2. Dap an A.

Do dai cung tron | = 7TRn<:> m16.n _ 40,2 = n = 40,2.180 A~ 144°.
180 180 16.m

Cau 3. Dap an D.

D¢ dai cung tronl = mhn_ 7430 27
180 180 3

(dm)

Cau 4. Dap an A.

Chuvi C =27R =27.9 = 18~7.

Cau 5. Dap an C.

Chuvi C =27R =27.6 = 127.

Cau 6. Dap an A.

Chuvi C = nd = 487 = d = 48. Vay duong kinh can tim 1a 48 .
Cau 7. bap an C.

Chuvi C = 7d = 36 = d = 36. Vay dudng kinh can tim 1a 36(cm).



Cau 8. Dap an B.

D¢ dai nira duong tron duong kinh AC 1a [ = w.%.

D9 dai nira duong tron duong kinh AB 1a [ = W.ATB.

D9 dai nira duong tron duong kinh BC' 1a l = W.BTC :

Ma ba diém A, B,C thang hang sao cho B nam gitta A va C' nén AB + BC = AC

Do d6 llz7r. :7T.——|—7T.—:l2+l3.
2 2 2 2

AC [AB BO] AB BC
=T + 5

Vay d6 dai nira duong tron duong kinh AC' bang tong cac do dai ciia hai nira dudng tron duong
kinh AB va BC'.
Cau 9. Dap an D.

D9 dai nira dwong tron duong kinh AC 1a ] = 7'('.%.

Do dai nira duong tron duong kinh AB 1a [ = 7T.A7B.

D9 dai nira duong tron duong kinh BC' 1a [, = W.BTC.

Ma ba diém A, B,C thang hang sao cho C' nam gitta A va B va AB =3AC

AC+CB=AB
nén {AB =3AC

AB=3BC

| 2
Do do ZQIW.AB:W' AO—I—BO :7T.A0+7T.B0211+13 nén C ding, D sai.

2 2 2 2 2
Laico AB=3AC =1, = WATB: ngc = 3.%% = 3, nén A ding.
AB :§BC =1, = wﬂzﬁﬂﬁzﬁg nén B duing.
2 2 2 2 2

Cau 10. Pap an A.



—_

+ Xét duong tron (I) duong kinh AB ¢6 ADB = 90° (gbc ndi tiép chan nira dudng tron)
Nén AD 1 BC = phuong 4n B ding.

+) Goi K 1atrung diém ciia AC = KA = KC = KD = K dudng tron duong kinh AC =
phuong an C ding.

+) Tacd AIBD cantai I ¢6 B =60° = AIBD déunén BID = 60°

7r.§.60 5
Do dai cung nhd BD cua (I)la ] = 1200 = ?(cm) = phuong an D dung.

Cau 11. Pap an D.

c

+) Xét tam gidc ABC vuéngtai A c¢6 B =50° nén C = 90° — 50° = 40°. Do d6 A dung.

—

HVIiAC L AB va Ae I;’Z—B] nén AC latiép tuyén cua (I) = DAC = B = 50° (gbc tao

bai tiép tuyén va day cung va goc noi tiép cting chin mot cung thi bang nhau) nén C dung.

+) Vi DAC =50° = BAD = 90° —50° = 40° suy ra s6 do cung BD nho 1a n° = 2.40° = 80°

4
m.—.80 87
Do dai cung nhé BD cua (I) 1a ] = 1280 = ?(cm) nén phuong an B dlng.
) 71'%.280
+ 806 do cung I6n BD 1a 360° — 80° = 280° Do dai cung 1én BD 1a [ = ?80 = 3m(cm)

nén D sai.



Chu 12. D4p 4n A.

Goi O 1a tim dudng tron ngoai tiép tam gidc ABC'. Vi tam giac ABC cantai A nén AO vira la

duong cao vura 1a phéan giac cia BAC

100°

Suyra CAO = 50°

Goi I 1a giao diém cia AO va BC. Xét tam giac CAI ¢6 AC = 4;,CAI = 50°

nén sin CAI = j—é & CI = AC.sin CAT = 4.5in 50°(cm)

Xét tam giac OAC cantai O (vi OA=0C")

6 OCA—=OAC =50° = AOC = 180° — 50° — 50° = 80°

Xét tam giac CIO vudngtai I cb sinC/’O\I = ﬂ — 0C = Ig\ _ 4sin 50
oc sin COI sin 80°

Nén ban kinh duong tron ngoai ti¢p AABC 1a R ~ 3,11em Chu vi duong tron (O)

~ 3,11

la C =27R =~ 6,227(cm)
Cau 13. Pap an C.

TN
7

A
/

Goi O 1a tam dudng tron ngoai tiép tam giac ABC' . Vi tam giac ABC cantai A nén AO vira la

duong cao vua la phan giac cia BAC

120 —60°

Suy ra CAO =



—O0C-CAO — 60° . OA=0C=AC=3
Xét tam giac co 04 =0C;CA0 =60" = ACAO 43, nen o
Nén ban kinh duong tron ngoai tiép AABC 1a R = 3cm
Chu vi duong tron (0) la C = 27R = 67 (cm)

Cau 14. Dap an B.

A B

\:/
Goi O 1a tam dudng tron ngoai tiép tam giac déu BAC, suy ra O ciing 1a trong tim cia tam
giac ABC'.

Tia CO L AB tai D thi D la trung diém cua AB = OC = %C’D

a3

Xét tam giac vuong ADC ¢c6 AC = a;CAD =60° = CD = AC.sin60° = 5

2a\/§:a3

= 0C = PR 3 Nén ban kinh dudng tron ngoai tiép tam giac ABC
1aR:“33 :>O:27TR:27TC;\/§.

Cau 15. Pap an D.

A B
!/
Goi O 1a tam dudng tron ngoai tiép tam giac déu BAC, suy ra Ociing 1a trong tdm cua tam

giac ABC'.



Tia CO L AB tai D thi D latrung diém cia AB = OC = %C’D

— 33

AC = 3;CAD =60° = CD = AC.sin60° :T

éOCz%.ﬂ:\/gcm

2

Xét tam giac vuong ADC' ¢6

Nén ban kinh duong tron ngoai tiép tam giac ABC 1a R = \/g = (C =27R = 27r\/§(cm)
Cau 16. Dap an D.

/N
0/

C

A

Vi dg dai duong tron 1a 47 nén 47 = 27.R = R = 2cm (R 1a ban kinh dudng tron)

Xét tir gidc ABOC' ¢6 hai duong chéo AO L BC tai M 1a trung diém mdi dudng nén tix
gidc ABOC la hinh thoi.

—

Suyra OB = OC = AB = AABO déu = AOB = 60° = BOC = 120°
Suy ra s6 do cung 16n BC 13 360° —120° = 240°

m.2.240 8w
= —(cm).
180 3

D.PHIEU BAI TU LUYEN CO BAN VA NANG CAO

Do dai cung lon BC 1a | =

Tric nghi¢m:
Bai 1: D9 dai cung 30° cua duong tron duong kinh 10m la:

5 5 5 5
A.gmz. B.—Em. C.—”cm. D.—ﬂm.

Bai 2: Do dai nira duong tron dudng kinh 8R bing:
ArR. B27R. CArxR. D.8xR.
Bai 3: Ban kinh hinh tron c6 d6 dai cung 30° 1a 2 z 1a:

A.12. B. 18. C. 10. D. 15.



Bai 4: Mot may kéo ndng nghi¢p c6 hai banh sau 16n hon hai banh trude. Khi bom cang, banh sau
¢6 ban kinh 1a 0,75m, banh trudce c6 ban kinh 1a 0,5m. Hoi néu may kéo di dugc 471m thi banh sau

va banh trude lan dugc s6 vong 1an luot 1a bao nhiéu? (Biét 7 =3,14)
A. 100 vong va 150 vong. B. 120 vong va 140 vong.
C. 100 vong va 120 vong. D. 120 vong va 150 vong.

Bai 5: Mot duong tron tam O co6 chu vi la 187, cung AB trén duong tron ¢6 do dai 67 . Tinh goc

AOB?
A. AOB =90" B. AOB =150" C. A0B =60 D. A0B =120’
Pap an:
Cau 1 Cau 2 Cau 3 Cau 4 Cau 5
B C A A D
Tu luin:

Bai 1: Cho 7 =3,14. Hiy dién vao cac bang sau:

Bén kinh R Duong kinh d bo dai C

94,2

Bai 2: Mot chiée ban hinh tron ¢6 ban kinh 1a 0,25m. Tinh chu vi chiéc ban do, léy s6 7=3,14.

Bai 3: Cho dudng tron (O) ban kinh OA. T trung diém M cua OA vé& diy BC L OA. Biét do dai
duong tron (O) 1a 47 (cm) . Tinh:

a) Ban kinh duong tron (O). b) B¢ dai hai cung BC cua duong tron.
Bai 4: Tam gidc ABC c6 AB=AC =3cm, A= 120°. Tinh do dai duong tron ngoai tiép AABC.

Bai 5: Mot tam giac déu va mot hinh vudng ¢ cing chu vi 1a 72¢m. Hoi 6 dai dudng tron ngoai

tiép hinh nao 16n hon? Lén hon bao nhiéu?



Bai 6: Cho hai dudng tron (O; R) va (O’; R’) tiép xuc ngoai voi nhau tai A. Mot duong thang qua A
cat duong tron (O) tai B, cat duong tron (O') tai C. Ching minh ring néu R’ = %R thi do dai ctia
cung AC bang nira d9 dai ctia cung AB (chi xét cac cung nho AC, AB).

Bai 7: Cho ntra duong tron (O; 10cm) c6 duong kinh AB.

V¢ hai nua duong tron duong kinh OA va OB

0 trong nura duong tron (O; 10cm). A 0 B

Tinh chu vi cia hinh AOB. (Hinh v¢)

Bai 8: Cho ba diém A, B, C lién tiép trén mot duong thang. Chimg minh rang d¢ dai cta nira dudng

tron dudng kinh AC bing téng cac d6 dai cua hai nira dudng tron c¢6 dudng kinh AB va BC.
Bai 9: Cho duong tron (O; R)

2) Tinh AOB biét d¢ dai cung AB 1a 2%

b) Lay diém C trén cung 16n AB sao cho BAC =45". Tinh do dai cac cung nhd AC va BC.
HUONG DAN GIAI

Bai 1:

Béan kinh R | Puong kinh d bodai C

5 10 31,4
3 6 18,84
15 30 94,2

Bai 2: Chu vi caa chiéc ban hinh tron 1a: C =27R =2.3,14.0,25=1,57M
Bai 3:
a. Po dai ban kinh duong tron

C=2nR=47r=27nR= R=2cm

b. Ta c6: BM =~JOB® —OM? =~/2> —12 =/3(cm)




BC =2BM =2/3(cm)

Vay d0 dai hai cung BC cua duong tron la: 23 (cm)

Bai 4: Ta c6: AB = BC = A la diém nam giita cung BC

Suy ra: 40 L BC = BAH = HAC = 60"

=> AABH la nira tam giac diéu

=> AB = BO =3(cm)

Vay do dai dudng tron ngoai tiép AABC: C =27R = 6x(cm)
Bai 5:

Do dai cac canh cta tam giac diéu: 72:3=24 (cm)

Ta cb: AH = AB* — BH? =~J24> —12? =123

= OA :%.12\5:8\6:R=8x/§
Do dai dudng tron ngoai tiép tam giac diéu:

C=27R=1637

Do dai cac canh cua hinh vuong: 72:4=18

Ta co: NQ =+/NP* + PQ* =+/18° +18° =182

R:%:%ﬁ M

Do dai dudng tron ngoai tiép hinh vudng:

C=27zR=182x

Vay do dai duong tron ngoai tiép tam giac diéu 16n hon do dai hinh vudng 1a:
16V37 ~ 1827 ~ 7,087

Bai 6:

Ké duong thang 00’ di qua A

o'




—_

C6 BAO = CAO (dbi dinh)

Ma BAO = ABO (tam giac can)

—

Vi ACO =CAO (tam gidc can)

—

— ABO = ACO
— BOA=CO 4
Do dai cung: AB = 7ZRn = 7RBOA
180 180
P dai cung: AC = nRn _ 7R co4 _2 _ TRBOA
180 180 180 2.180
Vay cung AC bﬁng ntra d6 dai ciia cung AB.
Bai 7:
D¢ dai cung AO va cung OB
27r
PAOZPOBZTzz’Sﬂ-(cm) y 0 .
Do dai cung AB

27R
Py === =5(em)

Vay chu vi cia hinh AOB: P,, + P, + P, =2.2,57+ 57 =107 (cm)

Bai 8: Goi C11a do dai duong tron dudng kinh AC, Cz, C3 1an luot 1a d6 dai cac dudng tron dudng

kinh AB va BC.

Ta co: C, =7.4C; C,=nA4B; C,=rnBC;

Vi B nam giita A va C nén AC = AB +BC A

Vay C,+C, =nAB+nBC =rn(AB+BC)=nAC




Nghia 1a d6 dai ctia nira duong tron duong kinh AC bang tong cac d6 dai ciia hai nira dudng tron c6

duong kinh AB va BC. -
Bai 9: Bleore—— !

2) it AOB=a =1 ="R%
48180 ¢
ﬂ=ﬂl:>a=1500
6 180

b) Ta c6: sd¢ CB = 90"
—sd AC =360° —(150° +90°) = 120"

va, . _ZRI20_2zR - 7R90 _ xR
Vo T g0 T s 0 T80 2

HET




