DIEN TiCH HINH TRON, HINH QUAT TRON

A.TRONG TAM CO BAN CAN DPAT.

I. TOM TAT LY THUYET

1. Cong thurc dién tich hinh tron

Dién tich S cua mot hinh tron ban kinh R dwoc tinh theo cong thirc:
S =rxR’

2. Cong thikc dién tich hinh quat tron

Dién tich hinh quat tron ban kinh E, cung n’ duwoc tinh theo cong thirc:

2
zﬁR " hay Szlﬁ.
360 2

(1 la do dai cung n® cua hinh quat tron).

II. BAI TAP VA CAC DANG TOAN

Dang 1. Tinh dién tich hinh tron, hinh quat tron va cac loai lwong c6 lién quan

Phuwong phdp gidi: Ap dung cdc céng thirc trén va cdc kién thire da co.

1.1. Dién vao 6 tréng trong bang sau (1am tron két qua dén chir s6 thap phan thir nhat):

Ban kinh Do dai dwong Dién tich hinh | S6 do ciia cung | Dién tich hinh
dwong tron (R) | tron (C) tron (S) tron n’ quat tron cung
110
12cm 45°
2cm 12,5cm?
40cm? 10cm?

1.2. Bién vao 6 trong trong bang sau (1am tron két qua dén chit s6 thap phan thir nhat).

Ban kinh
dwong tron (R)

Do dai dwong
tron (C)

Dién tich hinh
tron (S)

So6 do cua cung

tron n°

Dién tich hinh
quat tron cung

n0
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l4cm 60°

4cm 15¢m?

60cm? 16cm?

2.1. Cho hinh vudng c6 cang 1a 4cm ndi tiép duong tron (O). Hay tinh d6 dai dwong tron (O) va dién tich
hinh tron (O).

2.2. Cho hinh vudng cé canh 1a 5cm ndi tiép duong tron (O). Hay tinh d6 dai duong tron (O) va dién tich
hinh tron (O).

3.1. Cho tam gidc ABC noi tiép dudng tron (O; 3cm). Tinh dién tich hinh quat tron giéi han boi hai ban
kinh OA, OC va cung nhé AC khi ABC = 40°.

3.2. Cho tam gidc ABC noi tép dudng tron (O; 6¢cm). Tinh dién tich hinh quat tron gidi han béi hai ban
kinh OA, OC va cung nho AC khi ABC =60°.

Dang 2. Bai toan tong hop

Phwong phap giai: Si dung linh hoat cdc kién thirc di hoc dé tinh géc ¢ tam, ban kinh dwong tron. Tir

do tinh duoc dién tich hinh tron va dién tich hinh quat tron.

4.1. Cho dudng tron (O; R) va mot diém M sao cho OM = 2R. Tir M v& cac tiép tuyén MA, MB véi

dudng tron (A, B 1a cac tiép diém).
a) Tinh d¢ dai cung nhé AB.
b) Tinh dién tich gi¢i han boi hai tiép tuyén AM, MB va cung nho AB.

4.2. Cho duong tron (O) duong kinh 4B. Lay M thudc doan AB. vé day CD vudng géc voi 4B tai M. Gia
st AM = 2cm va CD = 4+/3 cm. Tinh:

a) D6 dai duong tron (O) va di¢n tich duong tron (O);
b) D6 dai cung CAD va dién tich hinh quat tron gi6i han boi hai ban kinh OC, OD va cung nho CD.
III. BAI TAP CO BAN VE NHA

5. Cho duong tron (O; R), dudng kinh AB ¢ dinh. Goi M 14 trung diém doan OB. Day CD vuéng goc véi
AB tai M. Biém E chuyén dong trén cung 16n CD (E khac 4). Noi AE cit CD tai K. N6i BE cit CD tai H.

a) Chung minh bén diém B, M, E, K thudc mot dudng tron.
b) Chimg minh 4E. AK khong doi.
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c¢) Tinh theo R di¢n tich hinh quat tron gioi han boi OB, OC va cung nho BC.

6. Cho ntra dudng tron (O; R) dudng kinh AB. V& day CD = R (C thudc cung 4D). N&i AC va BD cit
nhau tai M.

a) Chimg minh rang khi CD thay dbi vi tri trén nira duong tron thi d¢ 16n goc AMB khéng doi.

b) Cho ABC =30, tinh do dai cung nhd AC va dién tich hinh vién phan gi¢i han béi day AC va cung nhé
AC.

HUONG DAN VA DAP SO

1.1.
o o Dién tich
Bén kinh dwong | PO dai Dién tich S6 do ciia cung
\ \ hinh quat tron
tron (R) dwong tron (C) | hinh tron (8) | tronn’
cung n’
1,9cm 12cm 11,3cm? 450 1,4cm?
2cm 12,6cm 12,6cm? 351,1° 12,5cm?
3,6cm 22.4cm 40,7cm? 90° 10,2cm?
1.2.
. Dién tich
Bén kinh dwong | PO dai Dién tich hinh | S6 do ciia cung
\ \ \ hinh quat tron
tron (R) dwong tron (C) | tron (S) tron n° qus
cung n’
2,2cm 14cm 15,2cm? 600 2,6cm?
4cm 25,1cm 50,3cm? 107,4° 15cm?
4,4cm 27,6cm 60cm? 94,80 16cm?

2.1. R =22cm,C(0) = 4n2cm,S(0) = 8wcm’

2.2. Tuong tu 2.1.

3.1. S =3zcm?

3.2. Gidi tuong tu 3.1
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2
4.1. 2) l=2”TR; b) SzﬁRz—%q\/?—%)Rz

4.2.a) AC =4cm = BC =43cm

= R=4cm= C=8zcm,S =167cm®

b) AAOC déu = A0C = 60°

= @ =120 = ZEE 74120 :§7rcm
180 3
§7r.4
—=S=3 =2 zem’
2
C

N

5.a) Cht y: KMB =90"va KEB = 90"
— DPPCM.
b) AABE ~ AAKM (g.g)

AE  AB
>—=—
AM  AK

= AE.AK = AB.AM =3R*Xkhong dbi.

¢) AOBC déu.

TR?

= BOC=60"= S =

6. a) Chirng minh dugc ACOD déu = AMB = 60"

b) @:30032()7::600:1/@:2—1{
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B.NANG CAO VA PHAT TRIEN TU DUY

Bai 1. Cho nira dudng tron (O) dudng kinh AB, Goi Ax, By la céc tiép tuyén tai A va B cua (O), Tiép
tuyén tai diém M tily ¥ ctia (O) cit Ax va By lan luot tai C va D.

a) Ching minh AB la tiép tuyén cua dudng tron ngoai tiép AOCD.

b) Cho AB =8cm. Tim vi tri ctia C dé chu vi tr giac ABDC bang 28cm, khi d6 tinh dién tich ciia phan ti

gidc nam ngoai (O).

Bai 2. Cho duong tron tim O, cung AB bang 120°. Cac tiép tuyén cia duong tron tai A va tai B cit nhau
& C. Goi (I) 1a duong tron tiép xuc véi cac doan thing CA, CB va cung AB ndi trén. So sanh d6 dai cua

duong tron (I) véi d6 dai cung AB cia duong tron (O)

Bai 3. Cho dudng tron ¢6 ban kinh bang 3. Ngudi ta t6 d6 mot s6 cung ctia hinh tron, tong d6 dai cac

cung duoc to bang 9. C6 ton tai hay khong mot dudng kinh cia dudng tron ma hai ddu khong bi t6 mau?

Bai 5. Trong mot hinh tron ¢6 ban kinh 20 co thé dit dugc 500 diém sao cho khoang cach gitra hai diém

bat ky 16n hon 2 khong?

Bai 6. Mot hinh vudng va mot tam gidc déu cing ndi tiép trong dudng tron (O;1) sao cho mét canh cia
tam giac song song v&i mot canh cua hinh vudng. Tinh dién tich phan chung cia tam giac va hinh vudng.
Bai 7. Puong tron (O;r) ndi tiép tam giac ABC. Qua O ké duong thang cat hai canh AC va BC lan luot

tai M va N. Chimg minh rang: S, >2r>.

CMN —

Bai 8. Puong tron (O;r) ndi tiép tam giac ABC tiép xuc v6i AB, BC, CA lan luot tai D, E, F. Pit AD =

x, BE =y, CF = z. Chitng minh rang;

a) Sype = xyz(x+y+z)

b) S,z < ?(xy +yz+ zx)

Bai 9. Cho ttr giac ABCD vira ndi tiép vira ngoai tiép dugc trong cac dudng tron.
Chtg minh rang: S,,., = JAB.BC.CD.DA .

HUONG DAN
Bai 1.
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a) AOCD vudng tai O (OC va OD la phan gic ctia hai goc ké bu)

I 1 trung diém ctia CD thi I0 = IC = ID va IO L 4B tai O nén y
L—"
[ . . . D
AB la tiép tuyén ctia dudng tron ngoai tiep AOCD . 3 |
M
b) bat AC = x(cm) va BD = y(cm) C
=
Cppc = AB+2(AC+BD)=28=x+y=10 /
Mit khac OM* = MC.MD => xy =16 A 0 B
. lx+y=10 x=2_ _ [x=8
Giai hé ta duoc hoac
xy =16 y=38 y=2

Vay C cach A mot doan AC =2cm va BD =8cm hoac AC =8cm va BD =2cm. Ca hai truong hop trén
hinh thang vuéng ABCD c6 cung dién tich: S, =40 (cm?).

Dién tich nira hinh tron (O): S, =87z (cm?)

Vay phan dién tich tir giic ABCD nam ngoai duong tron:
§=8-S8,=40-8x(cm?)

Bai 2.

Goi R, r theo tht tu 1a ban kinh cta duong tron (O), (D).
Goi tiép diém cta duong tron (I) v6i cung AB va v6i canh CA theo thr ty 14 M va H.
AOAC vudng tai A, AOC =60° nén OC =204=2R va
CM =0C—-OM =2R-R=R (1)

AIHC vuéng tai H, HIC = 60° nén IC = 21H =2r

Do d6 MC=MI+IC =r+2r=3r (2)

Tu (1) va (2) suy ra rzg M

Do dai cung AB cua (O) bang MTR

P dai duong tron (1) bing 277 = Z”TR
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Vay d6 dai duong tron (I) bang d6 dai cung AB ctia duong tron (O).
Bai 3.

Ta t6 xanh cac cung d6i ximg véi cac cung dé qua tam O.

Nhu vay tong do dai cac cung duoc to mau 1a 9.2=18.

Chu vi cta hinh tron 1a 27.3 =67 >18.

Vay ton tai it ra l1a mot diem cua duong tron khong bi t6 mau. Diém doi xtung véi nd qua tdm O cling

khong duoc t6 mau. D6 1a hai dau duong kinh phai tim.

Bai 4.

Gia st dat dugc 500 diém trong dudng tron ¢ ban kinh 20 @ Ty % \
.';, — // ( \! \"\
/ \ o
/ “ /

sao cho khoang cach gitra hai diém déu 16n hon 2.

V& 500 duong tron c¢6 ban kinh bang 1 ¢6 tam la cac diém da —

cho. Vi khoang cach giita hai tdm 16n hon tong ctia hai ban
kinh nén cac hinh tron nay nam ngoai nhau va nam trong

hinh tron ¢6 ban kinh 20+1=21.

Téng dién tich ciia 500 hinh tron ban kinh 1 phai nhé hon
dién tich cta hinh tron c6 ban kinh 21 nén 500.7.1> < 7.21°

hay 500.7 <441.7,vo ly.

Vay khong thé dat 500 diém thoa méan dé bai.

Bai 5.

Ta ki hiéu ABC 1a tam giac déu va PQRL 14 hinh vudng néi tiép trong duong tron (O;1) nhu hinh vé&. Dt
dién tich phan chung cua tam gidc déu va hinh vudng 14 S.

Do dé S=58,50—2.5 i = Sy (™) B

ABC 13 tam gidc déu v PQRL 12 hinh ' - '

vuong ni tiép trong dudng tron (0;1), nén

V3-42
2

taco: AC=+3;RO=~2 = AF =

Taco KF = AF.tan 60° =

S
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{5245

1
=8 AFKF_E 7 fz ;
BH —0B-OH —1-Y2 _¥2-1
2 2
Tac6 MH — BH.an30e - N2-1 L _N2-1
V2 B 6

1

(\/— ) \/— 1 (3—2\/5)\/5
= Seun ZE.MN.BH—E % 7 p

33 o 92 +2v6 —6+/3
6

[S—

Ma §,,. =——. Thay cac gia tri trén vao (*), ta dugc: S =
Bai 6.

, 1
Taco S,y =S, +S

CMN CMO CNO

=E(CM+CN)r

Ap dung bét dang thirc Co-si, ta co:

CM +CN 22JCM.CN 22,/2.8,,,,

Do d6: S,y = 2-Seun -

=82 >2.8

2
CMN — CMN @ SCMN 2 2r

Bai 7.
a)Vi2p=AB+BC+CA=x+y+y+z+z+x
=2(x+y+z) nén p=x+y+z

Mat khac a=BC=BE+EC=y+z nén p—a=x
Tuongtup-b=y,p-c=z

Ap dung cong thirc Hé-rong, ta co:

Sasc z\/p(p—a)(p—b)(p—c)

=Joz(x+y+z)
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b) Sz S;(xy+yz+zx)

<:>\/§.SABC <xy+yz+zx (%)

Tur cu a, nén (*)<:>3xyz(x+y+z)£(xy+yz+zx)2

Dit: xy = a,yz = b,zx = ¢ . Bat dang thirc trén c6 dang:
3(ab+be+ca)<(at+b+c) & (a—b) +(b—c) +(c—a) 20

Bét ding thirc cudi cung, nén bat ding thirc dau da dugc chimg minh. D4u bang xay ra khi ABC 14 tam
giac déu.

Bai 8. Gia str duong tron (I;r) ndi tiép tir gidc ABCD, tiép xtc véi AB, BC, CD, DA lan luot tai M, N, P,
Q.

Pit x= AM = AQ,y = BM = BN,
z=CN =CP,t=DP=DQ

Do tir giac ABCD noi tiép nén:
BAD + BCD =180°

Tu do suy ra BAD = NIP = IAM = NIC

= AIAM & ACIN =2 _ M
IN CN

= AM.CN =IM.IN hay xz=r"

Tuong tu ta co: yt =1’

Ta c6: AB.BC.CD.DA = (x+y)(y+z)(z +t)(t+x)
Khai trién vé phai, va cha y: xz = yr =7’

Ta duogc:

AB.BC.CD.DA =r* (x2 + Y A+ 2xy + 20z + 2t + 2z + 2yt+2zt)
=’ (x+ y+z +t)2 = (rp)2 = SjBCD
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(p=x+y+z+t lantra chu vi cta tir gidc ABCD).

T do suyra S,,., =VAB.BC.CD.DA
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C.TRAC NGHIEM REN LUYEN PHAN XA
Cau 1. M6t hinh tron c6 dién tich S = 2257(em?) . Ban kinh cta hinh tron d6 la:

A. 15(cm). B. 16(cm). C. 12(cm). D. 14(cm).

Cau 2. Dién tich hinh tron ban kinh R = 8cm 1a:

A. 8m(cm?). B. 647 (cm?). C. 167 (cm?). D. 327°(cm?).

Cau 3. Dién tich hinh tron ban kinh R = 10cm la:

A. 1007 (em?). B. 107 (em?). C. 207 (em?). D. 1007*(cm?).

—

Cau 4. Cho dudng tron (0;10c¢m), duong kinh AB . Diém M € (O) sao cho BAM = 45° . Tinh dién
tich hinh quat AOM .

A. 5m(em?). B. 257(cm’). C. 50m(cm?). D. 22—57r(cm2).
Cau 5. Cho dudng tron (O;8cm), dudng kinh AB. Piém M € (O) sao cho BAM = 60° . Tinh dién tich
hinh quat AOM .

A. 32m(em?). B. 16T7r(cm2). C. ?)ZTW(cnf). D. 237(cm?).

—

Céu 6. Cho duong tron (O) duong kinh AB = 4\/§cm. Diém C € (0) sao cho ABC = 30°. Tinh dién
tich hinh vién phan AC' (hinh vién phan 1 phan hinh tron giéi han boi mot cung tron va day cing cung

ay).

A. T — 3\/§cm2 . B. 27 — 3\/§cm2. C. 47 — 3\/§cm2 . D. 27 — \/gcmZ.

—

Cau 7. Cho duong tron(O) duong kinh AB = 3v3em . Biém C ¢ (O) sao cho ABC = 60°. Tinh di¢n
tich hinh vién phan BC . (hinh vién phan 1 phan hinh tron gi¢i han béi mot cung tron va day cing cung

éy) .

A. 2) B ). ),

1871' —627\/5 (cm 2) ) D

1871 — 9\/5
. ——(cm
1 16

21 — 3\/5 1871 — 27\/5
C. T(cm . T(cm

Cau 8. Cho hinh vuong c6 canh 6cm 14 ndi tiép duong tron (O) . Hay tinh dién tich hinh tron (O).
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A. 187(em?). B. 367(cm?). C. 18(cm?). D. 36(cm”).
Cau 9. Cho hinh vuéng c6 canh 5cm 1a noi tiép duong tron (O) . Hay tinh dién tich hinh tron (O).

A. 2LT)TW((:mQ). B. 25Tw(cmZ). C. 15TW((:mQ). D. 25T7T((:7r12).

—

Cau 10. Cho duong tron (O) duong kinh AB = 2\/§cm. Diém C € (0) sao cho ABC = 30°. Tinh
dién tich hinh gi6i han boi duong tron (O) va AC;BC' .

A -3 B. 27 — 243 C.7—3\3. D. 21 —+/3.

—

Cau 11. Cho duong tron (O) duong kinh AB = 2em . Biém € e (O) sao cho ABC = 30°. Tinh
dién tich hinh gi¢i han boi duong tron (O) va AC;BC'.

A T3 B. 27 — 243 C.m—3\3. D. 21 —+/3.

Céu 12. Mot hinh quat ¢6 chu vi bang 34em va dién tich bang 66¢m? . Ban kinh cia hinh quat bang?

A. R=5(cm). B. R =6(cm). C. R="T(cm). D. R =8(cm).

Cau 13. Mot hinh quat c¢6 chu vi bang 28(cm) va dién tich bang 49(cm’). Ban kinh ciia hinh quat bang?
A. R =5(cm). B. R =6(cm). C. R="T(cm). D. R =8(cm).

Céau 14. Cho duong tron (O; R) va diém M sao cho OM = 2M . Tir M v& cac tiép tuyén MA, MB véi

duong tron (A4, B 1a cac tiép diém). Tinh dién tich gi6i han boi hai tiép tuyén AM, MB va cung nho AB

A. %R? . B. V3R C. R . DR

NE
3

J%_g].

Cau 15. Cho tam giac ABC' déu ngi tiép duong tron (0). Do dai cac cung AB, BC,CA déu bang 67 .

Dién tich ctia tam giac déu ABC 1a:
A.Z;L—g 3. B.% 3. C.61\/§. D.% 3.

Cau 16. Cho tam giac déu ABC ndi tiép duong tron (O) . Do dai clia cac cung AB, BC,CA déu bang

47 . Dién tich cua tam gidc déu ABC la:
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A. 27\/§cm2. B. 7\/§cm2. C. 29\/§cm2. D. 9\/§cm2.

Cau 17. Cho A, B,C,D la 4 dinh cta hinh vudng c¢6 canh la 2cm . Tinh dién tich ctia hinh hoa 4 canh

gidi han béi cac dudng tron c6 ban kinh bang a , tim 1a cac dinh cta hinh vuéng.
A. S =4m-8. B. S =47 +8. C.S=A4r. D. S=8—-4nm.

Cau 18. Cho A, B,C,D la 4 dinh cta hinh vudng c6 canh la 2c¢m . Tinh dién tich cua hinh hoa 4 canh

gidi han boi cac dudng tron ¢ ban kinh bang a , tam 1a cac dinh cta hinh vuéng.

A. S=(r+2a*>. B.S=2r+2)". C.S=(r—2)". D.S=2nr-2)a’.
HUONG DAN

Cau 1. Pap an A.

Dién tich § = 7R*> = 2257 & R’ = 225 = R = 15(cm)

Cau 2. Pap an B.

Dién tich § = 7R* = 7.8° = 647 (cm?)

Cau 3. Pap an A.

Dién tich § = 7R* = 7.10* = 1007 (cm”).

Cau 4. Dap an B.

M
A
o B
OA =0OM N
Xét duong tron (0) co: { —— = AAOM latam gidc vudng cain= MOA = 90".
MAO = 45°

g TR*n _ 7.10%.90 _
Vay dién tich hinh quat AOM 1a 360 360
Cau 5. Pap an C.

25m(cm?)
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—

Xét duong tron (0) c¢6 BAM = 60° suy ra s6 do cung MB bang 2.60° = 120° Suy ra s6 do cung AM
bang n° = 180° —120° = 60°

2 2
Vay dién tich hinh quat AOM la S = T _m8.60 _ 32
360 360

" (em?)

Cau 6. Dap an B.

—

Xét duong tron (0) co: ABC va AOC' 1a gbe ndi tiép va goc & tim cung chan cung

— — 2 2
= A0C =2ABC =230" =60° = § =200 _7f
q 360 6

Xét AAOC c¢6 AOC =60° va OA = O0C = R nén tam giac AOC déu canh bang R.
Goi CH 1a duodng cao cia tam giac AOC, ta ¢o:

V3 1

AOoC

A . 3
Dién tich hinh vién phan AC' la: S0 ~P0c = — T'RQ =

AOC 6

_ {#](2\6 )2 = 27 — 343 (cm?).

Cau 7. Pap an A.
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—

Xét duong tron (0) ¢6: ACB = 90° (goc ndi tiép chan nira duong tron)

Suyra CAB =90° — CBA = 30° (tam giac ABC vubng tai C' )

—

ACB va BOC 1a gbc ndi tiép va goc & tim cing chin

— 2 2
cung = BOC =2ACB =230 =60° =5, . =220 =72

—

Xét ABOC c¢6 BOC =60° va OA = OC = R nén tam giac AOC déu

canh bang R.

Goi CH 1a duong cao cta tam giac AOC', ta co:

CH = CO.sin 60 = @.R =8, = %CH.OA - %.7.3.3 -

S an- g
4

Dién tich hinh vién phan BC' la:

7TR2 \/g 2 i \/g 9
SquatBOC_SABOC:T_T.R = E_T R
2
or—3V3] (33| 18r—2m3
= . = (Cm )
12 2 16

Cau 8. Pap an A.
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Goi hinh vuéng ABCD ndi tiép duong tron (0O) khi d6 OA = OB = OC = OD = R = O la giao
diém cia AC va BD = R = AC
Xét tam giac vuéng ABC ta

c6 AC® =AB*+ BC*=6"+6" = 72:>AC_6f:>R_6\[ 32

2
Dién tich hinh tron (0) 1a § = 7R? = 7r(3\/5 ) — 187 (cm?).

Cau 9. Dap an D.

Goi hinh vuéng ABCD noi tiép duong tron (O) khi d6 OA = OB = OC = OD = R 1a giao diém
cua AC va BD:>R—AC

Xét tam giac vuong ABC taco AC® = AB> + BC* =5 +5 =50 = AC = W2 = R=

52
2

25T

Dién tich hinh tron (0) 1a S = 7R* = 5 “—(em®).

Cau 10. Pap an A.

Dién tich hinh tron (0) 1a: S, = TR

Ta co goc ACB 1a gbc ndi tiép chin nira dudong tron = BAC = 90" — CBA = 90" — 30" = 60".
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Tam gidc AOC ¢6 CAO =60° va OA= OC = R nén tam giadc AOC déu canh bang R.

Gia st CH 1a duong cao cua tam giac ABC, ta ¢o:
V3 13 3

CH = CO.SiIl600 ZTR = SABC :—CHAB —5 —R 2R = 5 RQ.

Dién tich hinh gidi han boi duong tron (O) va AC,BC la:
2
L R ¥ O Y N [N

Cau 11. Dap an B.

Dién tich hinh tron (0) 1a: S, = TR

—

Ta c6 goc ACB 1a goc noi tiép chin nira duong tron = BAC = 90" — CBA = 90° — 30° = 60".

Tam gidc AOC c¢6 CAO =60° va OA = OC = R nén tam giac AOC déu canh bing R.

Gia sit CH 1a duong cao ctia tam giac ABC, ta co:

N 13 N

CH = CO.SiHGOO ZTR = SABC :—CHAB _5 —R 2R = 5 RQ.

Dién tich hinh gidi han boi duong tron (O) va AC,BC la:
1 V3o, 1
25(0)_SABC :_ TR — 9 —F :E(W—\/E)RQ

2( x/_)(zx/_) — o — 3.

Cau 12. Pap an B.

- B _ s |ZR:132 |l.2R:264 {23:12 {R:G
acoiq 2 == = == =

Vay R = 6(cm).

Cau 13. Pap an C.
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o
aco 2 Tltor=28 " ll+28=28 " =14 T |i=14

B _ 49 [lR — 98 {1.23 =196 IQR =14 {R =7
[ +2R =28

Vay R = T(cm)

Cau 14. Dap an D.

2
Xét AOAM ¢6 AM =JOM?> —04* = R\3 = 5, = OA-2AB _ & 2\/5

Ma AOAM = AOBM(c—c—c)= S, = =25, =3R’

OAMB

Xét AOAM co cosm:g—ﬁ[:%#m:m"#@:mw

TR*120 wR’
360 3
Dién tich gii han boi hai tiép tuyén AM, MB va cung nho AB 1a

TR’ T
S = Soaus ~ Spap = V3R’ —T3 T R’ [\/g—g]

Dién tich quat tron Sq =

Cau 15. Pap an D.

Goi RR 14 ban kinh ctia dudng tron (0). Do dai cua cac cung AB,BC,CA déu bang 67 nén ta
c6 C=2rR=61+6wr+6r =187 ,suyra R=9 hay OA=0B=0C =9

Taciingc6 AOB = BOC = COA = 120"
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- 1

suyra AOB = BOC = COA—=120" suyra S, =8 —§ —~g

AAOB AAOC ABOC g AABC

' OAC = OCA = 30°
Xét tam giac AOC ¢6: { —
COA =120°

—

Ké duong cao OF |, ta c6 dong thoi 1a dudng trung tuyén, phéan giac ctia goc COA

Taco AOFE = COE = %AOC

) ECO = 30° 1 R
Xét tam giac COE c6: { —— = 0F =-C0 =—
CEO = 90° 2 2
Ap dung dinh 1y Pytago ta c6: CE =OC* —OE® = ,|R* — [g] = gb’,
. 1 1 R 3R 3R J3R?
Vay 5.0, = EOE'CE = 279 9 = 3 Suy Seoy =255 = 1

Vé’ SABC = 3SCOA = 4 = 4. = 4

Cau 16. Pap an A.

Goi R 1a ban kinh ctia duong tron (0) . Do dai cta cac cung AB,BC,CA déu bang 47 nén ta
c6 C =2nR=4r +4r +47m =127 ,suyra R=6 hay OA=0B=0C =6

o 1

Ta ciing c6 AOB = BOC = COA = 120° suy ra AAOB = AAOC = ABOC — ~AABC

OAC = 0CA = 30°
Xét tam giac AOC ¢6: { —
COA =120°

—

Ké duong cao OF , ta c6 dong thoi 1a duong trung tuyén, phan giac ciia goc COA.
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—

Tac6 AOE = COE :%Z(_)\c

o —

. ECO = 30° 1 R
Xét tam giac COE ¢6: { —— =0F==-00==
CEO = 90° 2 2

2
Ap dung dinh ly Pytago ta c6: CE =NOC* — OE® = ,|R* — [g] = gR

2
S0 = Lopop =1 B VSR _ oK
Vay 2 2727 2 8
2 2 2
Suyra S, =25, = \/§4R vasS, . =35, = 3€R = 3€R = 2743 em?.

Cau 17. Pap an A.

A B
0
D C
Ta c6 dién tich ctia hinh hoa can tinh bang 4 1an dién tich ctia hinh vién phan AC' S = A4S o oninac
Hinh vién phan AC bang S patane — Sanpc

Quat tron ADC' ¢6 ban kinh DA = DC = 3cm va sb do cung 90° C6o:
. 7R>.90° 1 R

vienphan AC SquatADC “ Paapc T 360" 9

:[1_1]R2 = 71—4_2.22 =72

=85 =45 =4.(r—2)=4r 8.

vién phan AC

Cau 18. Pap an C.
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0
D c
Ta c6 dién tich ciia hinh hoa can tinh bang 4 1an dién tich cia hinh vién phan AC : § =4S .
5—48 =420 — (x—2)a”.

wpAC 4
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D.TU LUYEN CO BAN VA NANG CAO

Bai 1:

a) Tinh dién tich hinh tron c6 ban kinh 1a 4 cm.

b) Tinh dién tich hinh quat c6 ban kinh 13 4 cm, s do cung la 72°.
Bai 2: Tinh theo a dién tich hinh tron (0);

a) Biét d6 dai canh cta hinh vudng noi tiép duong tron (0) 13 a.

b)  Biét d6 dai canh cua tam gidc déu ndi tiép cta dudng tron (0) 13 a.

Bai 3: Cho duong tron (O;R) c6 AB la day cung va AB = R. Tinh dién tich hinh vién phan giéi han boi
cung AB vaday AB.

Bai 4: Hiy tinh dién tich hinh vién phan AmB theo R biét goc & tim Z_O\B =120 va ban kinh hinh tron
la R.

Bai 5: Hinh vanh khin 13 phan hinh tron bao gdm phén giita hai hin ; g tam. Hay l1ap cong thirc
tinh dién tich hinh vanh khan $ theo R, va R, (R, > R,).

Bai 6: Trong mot tam giac déu, vé nhimng cung tron

di qua tdm cua tam giac va tung cdp dinh cua n6 (hinh
bén) canh tam giac bang a. Tinh dién tich hinh hoa thi
gach doc.

Bai 7: Cho hinh tron (O;R); A 1a diém sao cho OA = 2R. V& hai tiép tuyén AB, AC dén duong tron (0)
(B va C latiép diém).

Tinh dién tich phan cua tir gidc OBAC' nam ngoai hinh tron (0).

Bai 8: Cho doan thing AB: M 1a diém ndm giita A va B trén cing nira mit phing bd AB vé cac nia

duong tron c6 duong kinh AM ; MB va AB. Xac dinh vi tri cuia M dé dién tich hinh gidi han boi ba

nira dudng tron trén co gia tri 1n nhét.

Bai 9: Cho ba hinh tron ¢6 ban kinh R; R ; R, c6 dién tich lan luot 1a 5;8,:8, tiép x(c ngoai va cung tiép
xlic v6i dudng thang d trong d6 R, 1a ban kinh c6 d dai nho nhat.

Tim gié tri nho nhit cua . /S.S, theo d6 dai cho trudc R,.

23. TOAN HQC SO PO - THCS.TOANMATH.com



Bai 10: Mot to gidy hinh tron ban kinh 100cm c¢6 9800 16 kim cham. Chimg minh rang c6 thé cit ra & to

gidy ay mot hinh tron ban kinh 1em khong c6 16 kim cham nao.
HUONG DAN

Bai 1:

a) Dién tich hinh tron c6 ban kinh 4cm la:

S = 7R* = 157(cm?)

b) Dién tich hinh quat tron c¢6 ban kinh 4cm, s6 do cung 72° la:

2 2
g — TR™n _ TR (cm?)
! 360 5
Bai 2: B
a) AB 14 canh cua hinh vuéng ni tiép duong tron (O; R)
A C
Ta co: AB—R\/§:>R—%
2
, D
hinhtron = 7TR2 = % (dth)
b) AB 14 canh cua tam giac déu noi tiép duong tron (0; R)
A
Ta co: ABzR\/§:>R=%
3
, ma’ B C
hinhtron = ﬂ-R = ? (dth)
m

A dalllliin. B
Bai 3:
AB = R,AB la day cung ctua duong tron (O; R)

= AB la canh cua luc giac déu noi tiép duong tron (O;R)

= sdAB = 60° nén la tam giac déu.
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_ 043 _ J3R?

Sous 1 1 (dvdt)
7R’n  wR’
5 qualOAB % = T (dvdt)
o — 343
vicnphanm = SIIWL‘OAB - SOAB = TR2 (dth)
Bai 4:
A0B = 120"

= AB la canh ctia tam giac déu noi tiép duong tron (O; R)

— OH = g;AB — R3,5d4B = 120°

S0 = A8 _ e vy
2 4
f , 120 R’

S — R — R 2 — 2 (dvdt

(quaiOAB) 360 360 3 (dvdt)

R 3., R

(vienphanAmB) = S(quatOAB) - SAOB =m ? - T Rz = E (47T - 3\/5) (dth)
Bai 5:
S = 71'.RI2
S, = 7T.R22

S -8

vanhkhan = 1 2
= (R’ — R?) (dvdt)
Bai 6:

Goi O 1a tam cua tam giac déu ABC

Tac('):OA:zAHZQGL\/g a\/g
3 3 2 3

O nam trén cung chira goc 120° dung trén doan AB H
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, /
nén cé s6 do OA = 60°

= ATAO déuco 10:141:,40:@
hoathi 65('1:1'enphanAmO)
(vienphanAmO) = SquatAI() - SAIO
) (ol
7r[a 3] {a 3] \/g a? , \/g
3 3 m— a — a?
6 4 6 4 36
2
Suyra: S, . = %(27r — 343) (dvd)

Bai 7:

AOAB ¢ B=90";

OB — %OA(: R)

Nén AOBA la nira tam giac déu
Suy ra: BOA — 60"; AB = B30

—

Ma AOBA = AOCA nén BOC =120°

vas,, =25 =29B48 _ ppfs— p3 (dvdy
s 120 R
Mat khac: S .. = WR% =T (dvdt)
2 2
DO dé S{:amim = SOBAC - S(qum‘,()BC) = Rz\/g - WR? = %(3\/5 - '/T) (dth)
Bai 8:

bat AB =2a,AM =2z
Suy ra: MB = 2(a —z)

Goi S la dién tich hinh gidi han bdi ba nira duong
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tron trén; S, S

,»S, 1a dién tich cac ntra duong tron

c¢6 duong kinh 1an luot 1a AM; MB; AB.

2

2 2
Taco: §=8,~(5, +8,) =7 >~ 2 (a-2)

T— 47
2

2 2 2 2
" —x" —a +2ar—x 9
= 5 = —7(z” — ax)

2 2 2 .
- —W[x —%] —|—7r% < W“Z (khong déi)

Dau “=" xay ra khi z = % & M 1atrung diém AB.

2

Dién tich gi6i han bai ba nira dudng tron 16n nhat 1a w% khi M 14 trung diém ctia doan thang AB.

Bai 9:

D@ thay OACD 1a hinh chir nhat do d6 AC = OD
oD* =00"” -0'D*

=(R +R,)’—(R,—R) =4RR,

Suyra: AC =2\RR,

Chung minh tuong tu ta cling co:

AB=2,RR,;BC=2|RR;AC =AB+ BC

17737 27737

< 2/RR, =2|RR +2RR & =

5152 min < R R, min < mazx

R R,

Ma tong = khong ddi

1 1 1
=——+
& e
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Do dé tich —— .1 maz =

< R =R =4R,.

1 2 3

Viy gia trj nho nhit cta \[$,S, 1a 167R? (dvd).

Bai 10:

Ta can ching minh dugc hinh tron (0;1cm) khéng c6 16 kim cham nao.

(1) Tam (O) cua hinh tron (O;1cm) cd mép gidy lem.

(2) Tam (0) cta hinh tron (O;1em) cach moi 16 kim cham khong nhé hon 1cm.
Tu (1) = tam (0) thudc hinh tron (0’;99cm) ¢6 dién tich la:

99’7 = 98017 (cm”)

Tir (2) = tAm (0) phai & ngoai 9800 hinh tron c6 tam 1a 9800 16 kim chan va c¢6 ban kinh 13 1cm, dién

tich 1a: 9800.1°.7 = 98007 (cm”)

9801 > 9800

Suy ra trong to gidy van con chd tréng dé chon duge tam (0).
Ta c6 dpem.

_____________________ Toan Hoc So Db
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