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Trong bai hinh hoc trong dé thi tuyén sinh vao 10, cau a sé thuong yéu cau cac em
chiing minh mot t& gidc la t& giac noi ti€p hodc chirng minh cac diém cung thudc mot
duwong tron. Day 12 mot y dé trong bai todn nén cdc em hay kiém diém t6i da tir y nay
nhé!

Chu dé dudi day da hé thong mot sd bién phap chiing minh t& gidc la t& giac noi tiép
ma cac em thuong gap. Hay nam vitng kién thitc da hoc trudc d6 d€ phuc vu cho 1oi
giai nhé!

Chiic cdc em dat két qua cao trong hoc tap!
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7~. TU GIAC NOI TIEP

~. Ly thuyét
1. Dinh nghia .

A
Mot t& giac c6 bon dinh nam trén mot duong tron duoc goi la tie \
giac ndi tiép duong tron (goi tat la tir gidc ndi tiép).
Hinh bén :Tt gidc ABCD Ia tir gidc noi tiép. ’
2. Dinh li. Trong mot tt gidc noi tiép,tong sO do hai goc doi dien ‘ /

bang 180° .

3. Dinh li ddo. Néu mot ti gidc c6 tong s6 do hai gdc ddi dién bang
180° thi t&r giac d6 ndi ti€p duong tron.

4. Mot s6 phwong phap ching minh t& giac ni tiép.

Phuwong phap 1: Tt giac c6 tong hai géc ddi bang 180°.
; T giac c6 4 dinh cach déu mot diém (ma ta co thé xac dinh dwgc).
Phwong phap 2: o e n ) . . L,
biém do la tam cta duong tron ngoai tiép t gidc.
, Tt giac c6 hai dinh ké nhau cung nhin canh chtta hai dinh con lai
Phwong phap 3: A
dwdi mot goc a
, Tt giac cé géc ngoai tai mot dinh bang gdc trong ctia dinh d6i
Phwong phap 4: A 8 goc s o 88 8
dién. (twvong ty phuong phap 1)
Phwong phdp 5: Thuan: Néu mot t& giac ndi ti€p trong mot dwong tron thi tich cua
hai duong chéo bang tong cac tich ctia cac cdp canh d8i dién
Dinh ly ? ~ ey ’ L4 ? ~ A - A A? /4 4 ? 14 ~
Ptoleme hay ding Dao: Nﬁu Tot t? gla,c tho7a man dlezu kién ,tong\ ce}c t'1?h c1,1a EéC 'cA?p
thitc Ptoleme Caflh doi d1en\bang tich ctia hai dwong chéo thi tit giac d6 noi tiép
mot dweong tron.
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Vi du minh hoa:
Bai 1: Cho tam giac ABC, 2 duong cao BB, CC’. Chttng minh t¢ gidac BCB'C’
ndi tiép.

Hudng dan giai
Céach 1: Phwong phap 2: Chitng minh 4 dinh cach déu 1 diém
Goi O 1a trung diém ctia BC. Xét ABB'C ¢6 : BB'C =90° (GT)
OB’ la duong trung tuyén tng véi canh huyén
= 0B =0B=0C=r @
Xét ABC'C ¢ : BC'C=90° (GT)
Tuwong tu tren = OC'=0OB=0C=r @

Tr (1) va (2) = B, C, B, C e (O; 1) = Tt gidc
BC’'B’C noi ti€p duong tron.

Cach 2: Phwong phap 3: T gidc c6 hai dinh ké nhau
cung nhin canh chira hai dinh con la duwdi mot goc

bang nhau Ia t& gidc ndi tiép.

Ta cé: BB L AC (gia thiét) = BB'C =90".

CC'L 4B (gia thiét) = BC'C=90".

= B’, C’ cing nhin canh BC dwdi mot goc vudng
= B/, C’ nam trén duong tron duong kinh BC

Hay t& giac BC'B'C ndi tiép duong tron duong kinh BC.

Cach 3: Phuwong phap 1 va phuong phap 4: T giac c6 tong 2 goc doi bang 180° va Tt

gidc c6 goc ngoai tai mot dinh bang goc trong cta dinh ddi dién.

Ta cé: BB L AC (gia thiét) = BB'A =90,

CC’L 4B (gia thidt) = CC'A =90
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Xét AAB'B va AAC'C ¢ AB'B=AC'C=90° va BAC chung.

B'_AB _ AB'_AC'
C' AC ~ 4B 4C

Vay AAB'B ~AC'C(g-g) = j

Xét AB'C' va A4BCta cd 4B _AC yy pac chung.
AB  AC

Vay A4B'C' ~ AABC (c-g-c)

= AB'C'= ABC . Ttk gidc BC'B'C c6 gbc ngoai tai dinh
B' bang goc trong tai dinh B . Vay t gidc BC'B'C nodi
tiép. (Phuong phap 2)

Dé€ st dung theo phuong phdp 1 co thé chi ra t& giac
BC'B'C ¢6 C'BC+C'B'C=180° nén tt gidc BC'B'C la

t¢ gidc noi ti€p

~. Bai tap

Bai1: Cho duong tron tim O va diém A nam ngoai duong tron. Ké hai tiép tuyén
AB, AC v6i duong tron (B, C) 1a ti€p diém. Trén cung nho BC 1dy mot diém M roi ké cac
dwong vudng goc MI, MH, MK xudng cac canh BC, CA, AB. Goi giao diém ctia BM va
IK 1a P; giao diém cua CM, IH 1a Q.

a) Ching minh r:?mg cac t giac BIMK, CIMH néi tiép duoc;

b) Chtng minh MI? = MH.MK;

¢) Chitng minh t& giac IPMQ noi ti€p roi suy ra PQ L MI;

Huéng dan giai

a) * BIM = BKM =90° suy ra ti gidc BIMK ndi tiép. (phuong phap 1)
* CIM = CHM =90" suy ra t& gidc CIMH ndi tiép. (phuong phap 1)

b) T gidc BIMK noi ti€p nén IKM = IBM; (ndi tiép cling chan cung MI); KIM = KBM.
(ndi tiép cling chan cung KM) 1)

T giac CIMK ndi tiép nén ICM = IHM (cing chan cung MI); MIH = MCH., (cing chan
cung MH) (2)

Xét dudng tron tam (O) ¢6 : KBM = BCM; (gbc tao boi tiép tuyén va day cung(;

MBI =MCH. (géc tao bdi tiép tuyén va day cung) (3)
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Tte (1), (2), (3) suy ra KIb = [7i01: MRI = M,
Do d6 AIMK ~ AMHI(g.g)

MK M[
i
MI MH

= MI* = MK .MH .

— — e~

¢) *Ta cdé PMQ+ PIQ = BMC + PIM + QIM

— BMC + MCI + MBC =180"
Hay PMQ+ PIQ =180°

Suy ra ti giac MPIQ noi ti€p. (phuwong phap 1)
*Tr d6 ta co @:@:@:@ 'I d
— PQ//BC ma MI L BC nén MI 1 PQ /

Bai2: Cho ntta duwong tron tam O duong kinh S~ ~
AB =2R va tia tiép tuyén Ax cung phia v6i nita duong
tron d6i voi 4B . T diém M trén Ax ké tiép tuyén thi hai MC véi nta dwong tron (C
1a tiép diém). AC cat OM tai E; MB catntrta duong tron (0) tai D (D khac B ).
a) Chttng minh: AMCO va AMDE 1a cac t& giac ndi tiép duong tron.
b) Chitng minh MBCD la tt gidc ndi tiép (xem cach giai Bai 3)
Hudng dan giai

—_—

Vi M4, MC 14 tiép tuyén nén: MAO = MCO =90°. Tt gidc AMCO c6 MAO +MCO =180°
= AMCO 1a tt gidc noi tiép dudng tron duong kinh MO.
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o — L —

ADB =90’ (g6¢ ndi tiép chan ntta duong tron)= ADM = 90° (1)
Lai c6: 04=0C =R; MA=MC (tinh chat tiép tuyén).

Suy ra OM la dwong trung trieec ctia AC

—

= AEM =90"(2).

Tt (1) va (2) suy ra ADM = AEM =90° . TG giac AMDE ¢4 hai dinh A, E ké nhau cung
nhin canh MA dwéi mét goc khong doi. Vay 1a tie giac AMDE noi tiép duong tron duong
kinh MA.

Bai 3: Cho nita duong tron tam O dwong kinh 4B, ké tiép tuyén Bx va ldy hai diém C
va D thudc ntta duong tron. Cac tia AC va ADcat Bx lanlugt & E,F (F & gitta B va
E)

1. Chtrng minh: ABD = DFB.
2. Chitng minh rang CEFD la t gidc noi tiép.

Hudng dan giai

1) AADB ¢6 ADB=90° ( noi tiép chin nita dwong tron ) = ABD+BAD =90° (vi tdng ba

gbc clia mot tam gidc bang 180°)(1)

X

AABF ¢b ABF =90° ( BF 1a ti€p tuyén ).= AFB+ BAF =90°

(vi tong ba gdc ctia mot tam giac bang 180°) (2)
Tir (1) va (2) = ABD = DFB p_~1IF

2) Tt gidc ACDB ndi ti€p (0) = ABD +ACD = 180°.

ma ECD +ACD = 180° ( Vilahai gécké b)) = ECD=DB4  * °

Theo trén ABD = DFB, ECD = DBA = ECD = DFB. Ma EFD +DFB = 180° ( Vi la hai goc
Ké bl1) nén = ECD + AEFD = 180°, do d6 t& giac CEFD 1a t& gidc ndi tiép.
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Bai 4: Cho ntta duong tron duong kinh BC =2R. Tt diém 4 trén nira duwong tron vé
AH 1 BC. Ntra duong tron duong kinh BH, CH Tan lwot ¢ tam O,; O, cat AB va CA

thir tw tai D va E.
a) Chttng minh t& giac 4DHE la hinh chit nhat, ti d6 tinh DE biét R=25 va BH =10
b) Chitng minh tt gidc BDEC noi ti€p duong tron.

Huwdéng dan giai

Ta c6 BAC =90° (vi goc ndi tiépchan nira

duwong tron)
Tuong tw c6 BDH = CEH =90°

Xét ti gidc ADHE c6 A = ADH = AEH =90°
hay ADHE la hinh chit nhat.

Tt d6 DE = AH ma AH*=BH.CH (Hé thutc

long trong tam gidc vudng)

hay 4H* =10.40=20°(BH =10;CH =2.25-10=40)= DE =20
b) Ta c6: BAH= C (goc co canh tuong ting vudng goc) ma DAH = ADE (1)

(Vi 4DHE 1a hinh chit nhat) => C= ADE do C+BDE=180° nén tt gidc BDEC ndi tiép

duong tron.

Luu y: C6 thé hudng dan hoc sinh mét cach st dung hé thirc lwong va tam giac dong
dang nhu sau:

Tam giac AHB vuong tai H, dwong cao AH. Ta c6 4H* = AD.AB
Tam giac AHC vuodng tai H, dwong cao AE. Ta cd 4H® = AE.AC

Ta c6 AD.AB=AE.AC = AP _AE
AC 4B

Xét tam giac ADE va tam giac ACB c6 i—g = %, BAC = DAE = 90" (g6c chung)

— AMDE” AACB = ADE = ACB ma ADE + EDB =180° nén ADE + ECB = 180"

T gidc BDEC ¢6 ADE +ECB =180° nén tt gidc BDEC ndi tiép duong tron.
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Bai 5:

Ttr bai toan quen thudc cho (O,R). Trén ntra mat
phang bo AB ké tiép tuyén Ax va By véi (O), 1dy )
N thudc (O), ké tiép tuyén véi (O) tai N cat Ax tai
C, cat By tai D. Goi I va K Ian luot 1a giao diém N
cia AN va CO, MN va OD. Ching minh NIOK la
hinh cht nhat.

Ta c6 bai toan sau:

Cho ntta duong tron tim O duong kinh 4B . L&y diém M thudc doan thang 04, diém
N thudc ntra duong tron (0). Tl 4 va B vé cac tiép tuyén 4x va By.Duong thang
qua N va vudng géc véi NM cat Ax, By tht tu tai C va D.

a) Ching minh 4CNM va BDNM la cac t giac noi ti€p duong tron.

b) Chiing minh AANB ddng dang véi ACMD tix d6 suy ra IMKN la t&t gidc ndi tiép.

X y
D[ _
C N
I K
A M O B
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a) Ta ¢6 t& gidc ACNM c6: MNC =90° (gt) MAC =90° (tinhchat tiép tuyén).

— MNC+MAC =180° ACNM 14 ti& gi4c ndi tiép duong tron dudng kinh MC . Tuong tu
t& gidc BDNM ndi ti€p duong tron duong kinh. MD

b) AANB va ACMD cé:

ABN =CDM (do t& gidc BDNM ndi tiép)

—_—

BAN =DCM (do t& gidc ACNM ndi tiép ) nén AANB ~ ACMD (g.8)

¢) AANB ~ ACMD = CMD = ANB =90° (do ANB 1a géc ndi ti€p chan nira duwong tron (0))

—

Suy ra IMK =INK =90° = INK +IMK =180° . Vay IMKN la t& giac ndi ti€p duong tron
duong kinh IK

Bai 6: Cho tt giac ABCD noi ti€p (O), M la diém chinh gitra cia cung AB. N6i M vé6i
D, M véi C cit AB Ian luot 6 E va P. Chitng minh t giac PEDC ndi tiép duegc duong

tron.
Huéng dan giai
(D 1B) \
Tacd: MEP= (g6c co dinh nam bén trong (O))
Ma Dcp=PY (o 5c noi tiep) M
_ Am B
__ sd(4D+Md)
Hay = DCP = 0)

Lai c6: AM = MB
Neén : 1\@=D/a’ C

Nghia 1a: Tt gidc PEDC c6 géc ngoai tai dinh E bang géc
trong tai dinh C. Vay t& gidc PEDC noi ti€p dugc duong tron.
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Bai 7: Dinh ly Ptoleme.

Ta c6 : Tk giac ABCD noi ti€p (O) Ta phai chitng minh: AC. BD = AB. DC + AD. BC

Hudéng dan giai

Lay E € BD sao cho BAC = EAD
= ADAE " ACAB (g. g)
_AD _DE
AC BC
= AD.BC=AC. DE (1)
Twong tw: ABAE ™ ACAD (g. g)

BE _ AB
~CD AC

— BE. AC=CD. AB (2)

N

Tir (1) va (2) = AD. BC + AB. CD = AC. DE + EB. AC

— AD. BC + AB. CD = AC. DB (dpcm)

B

AN
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f~. CHUNG MINH CAC PIEM CUNG THUQC MOT PUONG TRON
~. Ly thuyét
Phuong phap: - Chi ra khoang cach tir mot diém t6i tat ca cac diém déu bang nhau.

< Loi dung cac tam giac vudng c6 canh huyén chung
< Chttng minh cc dinh cia mot da gidc ciing nam trén mot dwong tron.
< St dung cung chtra goc.

<> Chuing minh cac t& gidc noi ti€p.

. Bai tap.

Bai 1: Cho hinh thoi ABCD c6 géc A béng 60° , AB=a.Goi E, F, G, HIan luot la trung
diém caa cac canh AB, BC, CD, DA. Chting minh rf?mg 6 diemE, F, G, H, B, D cung
nam trén mot duong tron. Xac dinh tdm va tinh bén kinh ctia dwong tron dé theo a.

Huéng dan giai

Goi O la giao diém cua AC va BD ta ¢6 B
OB=0D
Do ABCD la hinh thoi nén ta c6 AC LBD .
_— i A
Ta c6 BAD =60° nén BAO =30° (tinh chat 0 ¢
duwong chéo hinh thoi)
H G

Tam giac ABO vuong tai O co

D

OB = ABsinBAO = OB = a.sin 30" :%

Xét tam gidc vudng ABO c6 A4BO+BA0 =90" (hai goc phu nhau) ma B40 =30°suy ra
ABO =60’ hay EBO = 60"

OE = %AB = EB = EA ( tinh chat duong trung tuyén trong tam giac vuong va E la trung
diém cua AB.

Tam giac EOB la tam giac can tai E c6 EBO = 60° nén tam giac EBO la tam giac déu

= OE=0B

Chttng minh twong ty vdi cac tam gidc vuong BOC, COD va DOA ta c6 :
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OE=0B=0F=0C=0G=0D=0H

Vay 6 diem E, F, G, H, B, D cung nam trén mot dwong tron tam O. Ban kinh OB :%

Bai 2: Cho tam giac ABC vudng tai A. Trén AC 1dy diém D. Hinh chi€u cua D 1én BC la
E, diém ddi xting ctia E qua BD la F. Chiing minh 5 diém A, B, E, D, F cung nam trén
mot duong tron. Xac dinh tam O cua dwong tron do.

Huéng dan giai
Do DE L BC = DBE =90’
Vi E va F d6i xting v6i nhau qua BD nén BD 1a duong trung truc ctia doan thang EF

= BF = BE;DF = DE

F A
ABFD = ABED (c-c-c) = BFD = BED =90’
Cach 1. 2
Goi O la trung diém caa BD. s
Xét tam gidc vuong ABD vuong tai A
c6 AO la trung tuyén nén B~ E —C

AO=%BD=OB=OD (1)

Tam gidc vudng BDE vuong tai E ¢6 OE la trung tuyén nén EO = %BD =0B=0D (2)

Tam gidc vudng BFDvuong tai F c6 OF la trung tuyén nén FO = %BD =0B=0D (3)
Tt (1),(2),(3) = 04=0B=0D=0E =OF . Vay 5 diém A, B, E, D, F cing nam trén mot
duong tron tam O véi O la trung diém ctia BC.

Céch 2:

@ T gidc BADE c6 BAD + DEB =180° nén tit gidc BADE la tr gidc noi tiép.

Tam ctia duwong tron nay la trung diém ctia BD

@ T giac BEDE 6 BFD+DEB =180° nén t gidc BFDE 1a t gidc noi tiép.

Tam ctia duong tron nay la trung diém ctia BD
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Tt ® va @ suy ra5 diém A, B, E, D, F cung nam trén mot dwong tron tam O véi O la
trung diém ctia BC.

Bai 3: T mot diém A ¢ ngoai duong tron (O) vé cac ti€p tuyén AB, AC. Cat tuyén
ADE khong di qua tam O (D nam gitta A va E). Goi I 1a trung diém cta DE.

Chtng minh 5 diém O,B,A,C,I cung thudc mot duwong tron.
Hudng dan giai

Do AC va AB la cac tiép tuyén nén

OCA=0BA =90°

Do I 1a trung diém cua ED nén OI L ED

(duong kinh di qua trung di€ém ctia day
thi vudng goc vaéi day cung)

hay OID = OI4 =90°

Goi P la trung diém cua OA

Xét tam giac vudng OCA c6 CP la duong trung tuyénnén CP = %AO =0OP=PA
Xét tam gidc vudng OBA co6 BP la duong trung tuyén nén BP = %AO =OP=PA

Xét tam gidc vudng OIA ¢ IP la duong trung tuyén nén [P = %AO =0OP=PA4

Vay OP=PA=PC =PIl =PB nén 5 diém O,B,A,CI cung thudéc mot duong tron.
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~. BAI TAP THAM KHAO (tu luyén)
Dang 1: Tt giac c6 hai dinh lién ti€p ctiing nhin mét canh duéi géc bang nhau
Bai 1: Cho duwong tron duong kinh AB, C la mét diém trén dwong kinh AB. Trén duong
tron 18y diém D, goi M 1a mot diém chinh gitta cung BD. Duong thang MC cat duong
tron tai E, duong thang DE cat AM tai K. Duong thang di qua C va song song véi AD
cat DE tai F. Chitng minh rang:
a) Tt giac AKCE ndi tié€p mot duwong tron
b) CK L AD
c)CF=CB
Bai 2: Cho duong tron tam O c6 duong kinh BC. Goi A 1la mot diém thudc cung BC (
4B > AC ); D 1a diém thudc ban kinh OC. Pudng thang vudng goc v6i BC tai D cit AC
tai E, cat tia BA tai F.
a) Chiing minh tt gidc ADCF la t giac noi ti€p
b) Goi M 14 trung diém ctia EF. Chting minh ring : AME =2ACB
c) Chting minh rang AM Ia tiép tuyén ctia dwong tron (O)
d) Tinh dién tich hinh giéi han boi cac doan théng BC, BA va cung nho AC cua
duong tron (O) biét BC = 8cm; ABC = 60°
Bai 3: Cho hinh vudéng ABCD. Trén canh BC, AD Ian luot 1ay cac diém E, F sao cho
EAF =45°. Biét BD cit AE, AF theo tht ty tai G, H. Chitng minh ring
a) ADFG; GHFE la cac t giac ndi tiép
b) Tam gidc CGH va t¢ gidc GHFE c6 dién tich bang nhau
Bai 4: Cho tam giac ABC can tai A ngi ti€p duong tron (O). Trén tia ddi cua tia AB 1ay
diém D sao cho AD = AC.
a) Chting minh rang BAC =2BDC
b) Goi M la diém trén cung AC, trén tia d6i ctia tia MB 1dy diém E sao cho ME = MC.
Chtrng minh réng bon diém B; D; E; C thu¢c mot dwong tron
Bai 5: Trén duong tron (O) 1ay hai diém B va D. Goi A 1a diém chinh gitra cung 16n BD.
Céc tia AD, AB cat tiép tuyén Bx va Dy cua dwong tron lan luot tai N va M. Chiing
minh.

a) Tt giac BDNM noi ti€p duong tron
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b) MN//BD

C) MAMB = MD?
Bai 6: Cho tam gidac ABC vudng ¢ A, véi AC > AB. Trén AC 1ay diém M, vé duong tron
tam O duong kinh MC. Tia BM cat duong tron (O) tai D. Puong thang qua A va D cat
duong tron (O) tai S.

a) Chiing minh ABCD la t¢ giac noi tiép.

b) Chitng minh ABD=ACD

c) Ching minh AC la tia phan giac cta goc SCB

d) Goi E la giao diém ctia BC v6i duong tron (O). Chitng minh rang cac duwong thang
BA, EM, CD dong quy.

e) Chitng minh DM la tia phan giac cua goc ADE

f) Chiing minh M la tam duong tron ndi ti€p tam giac ADE

k) Biét ban kinh duong tron (O) 1a R va ACB=30". Tinh d0 dai cung MS.
Bai 7: Cho duwong tron (O;R) c¢d AB la duwong kinh ¢6 dinh, con CD ka duong kinh thay
doi. Goi (d) la ti€p tuyén caa duong tron tai B; AC, AD Ian luwot cat (d) tai P, Q.

a) Ching minh t& gidc CPQD ndi tiép duge dwong tron

b) Chting minh duong trung tuyén Al cua tam tam gidc AQP vudng goc véi DC

c) Khi CD thay d6i thi tam E ctia dwong tron ngoai tiép tam giac CPD chuyén dong

trén duong nao ?

Dang 2: T giac c6 tong hai goc d6i dién bang 180°
Bai 1: Cho tam gidc ABC ¢6 3 goc nhon. Puong tron duong kinh BC cat canh AB, AC
lan lwot tai F; E. Goi H la giao diém ctia BE, CF; D la giao diém cua AH véi BC.

1. Chting minh rang;

a) Céc tix gidc AEHF; AEDB noi ti€p duong tron

b) AF.AB = AE.AC

2. Goi r 1a ban kinh duwong tron noi tiép tam gidc ABC. Chtiing minh rang néu

AD+BE +CF =9r thi tam gidac ABC déu.
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Bai 2: Cho tam giac ABC ¢6 3 goc nhon (AC > BC) ndi ti€p duong tron tam O. Vé cac
tiép tuyén véi duong tron tam O tai A va B, céc tiép tuyén nay cat nhau tai M. Goi H 1a
hinh chiéu vuong goc cta O trén MC.

a) Chting minh rang: MAOH la t gidc noi tiép

b) Tia HM la phan giac cua goc AHB

¢) Qua C ké duong thang song song véi AB cat cac duwong thang MA, MB Tan luot
tai E va F. N&i HE cat AC tai F, n6i HF cat BC tai Q. Chting minh rang PQ//EF.
Bai 3: Cho tam giac ABC nhon ni tiép duong tron (O) cac duong cao AD, BE, CF cit
nhau tai H.

a) Chting minh rang cac t giac BFEC, BFHD noi tiép

b) Chting minh rang H 1a tam duwong tron ndi tiép tam giac DEF

¢) AD cat cung BC tai M. Chting minh rang tam giac BHM can.
Bai 4: Cho ntra duong tron (O) duong kinh AB. Biém M thudc nita dwong tron, diém C
thudc doan OA. Trén nita mat phang bd AB c6 chita M vé tiép tuyén Ax va By. Duong
thang qua M va vudng gdc véi MC cat Ax, By tai P va Q. AM cat CP tai E; BM cat CQ
tai F.

a) Ching minh rang ti gidc APMC noi tiép.

b) Chtng minh rang @:lv

c¢) Ching minh rang EF // AB
Bai 5: Cho ntra dwong tron duong kinh AB. C la mot diém thudc nita dwong tron. Trén
tia d6i cua tia CA 1ay diém D sao cho AD = AB. Trén doan AB ldy diém E sao cho AE =
AGC; DE cit BC tai H; AH cit ntra dwong tron tai K. Chitng minh:
a) DAH =BAH
b) OK L BC
c) Tt gidc ACHE ndi tiép
d) B, K, D thang hang

Dang 3: Ttk giac c6 goc ngoai tai mot dinh bang goc trong tai dinh déi dién
Bai 1: Cho ntta duwong tron duong kinh AB = 2R. Ké ti€p tuyén Bx véi nita duwong tron.
Goi C, D 1a hai diém di dong trén dwong tron. Cac tia AC, AD cit Bx Ian luot tai E va F

(F nam gitta B va E).
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a) Chtng minh rang AABF ~ABDF

b) Chuing minh t& giac CEFD ndi tiép dwoc

c) Khi C, D di dong trén ntra dwong tron. Chitng minh AC.AE = AD.AF c¢6 gia tri
khong doi.

d) Cho BOD=30°, DOC =60°. Hay tinh dién tich ctia tt gidc ACDB.
Bai 2: Cho tam gidc ABC vuong tai A (AB > AC), dudong cao AH. Trén nita mat phang
bo BC ¢6 chita diém A, vé nita duong tron duong kinh BH cat AB tai E, vé ntra duong
tron duong kinh HC cat AC tai F.

a) Ching minh t& giac AFHE la hinh chit nhat

b) Ching minh BEFC la t& gidc noi tiép

¢) Chtng minh: AE.AB = AF.AC

d) Chting minh EF la ti€p tuyén chung cua hai nira duong tron.
Bai 3: Cho tam gidc ABC vudng tai A va mot diém D nam gitta A va B. Duong tron
duong kinh BD cat BC tai E. Cac duwong thang CD, AE lan lwot cat duong tron tai cac
diém tht hai F, G. Chting minh:

a) Tam giac ABC dong dang v6i tam giac EBD.

b) T giac ADEC va AFBC ndi tiép dugc

c) AC//FG.

d) Cac duong thang AC, DE, BF dong quy.
Dang 4: T giac c6 bon dinh cach déu mot diém
Bai 1: Cho hai duong tron (O) va (O’) cat nhau tai A va B.Cac tiép tuyén tai A ctia hai
duong tron (O'); (O) cat duong tron (O); (O’) Tan luot tai C va D. Trung truc ctia AC va
trung truc cia AD cdt nhau tai S.

a) Tk gidc 40SO' la ti gidc gi ? Visao? Ching SB L AB.

b) Lay E d6i xing vdi A qua B. Chitng minh t& gidac ACDE noi tiép
Dang 5: Chitng minh 5 diém nam trén mét duong tron
Bai 1: Ttr diém A bén ngoai duong tron (O) vé hai tiép tuyén AB; AC va cat tuyén AMN.
Goi I 1a trung diém ctia MN.

a) Ching minh 4B*= AM AN.

b) Ching minh réng 5diém A, B, I, C, O cung nam trén mot duong tron

KB

c¢) Goi K la giao diém ctia BC va Al. Chting minh rang: %:K_C
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Bai 2: Cho ba diém A, B, C nam trén duong thang xy theo thit te d6. V& duong tron (O)
di qua hai diém B va C. Ttr diém A vé hai ti€p tuyén AM, AN (M, N thudc duong tron).
Goi E la hinh chiéu cua O trén xy; AO cit MN tai F.

a) Ching minh AM?=AB. AC

b) Ching minh 5 diém A, N, O, E, M cung nam trén mot dwong tron

¢) Puong thang ME cat dueong tron (O) tai I. Chting minh rang IN // AB

d) Chttng minh rang tim dwong tron ngoai tiép tam giac OEF luén nam trén mot
duong thang c§ dinh khi duong tron (O) thay ddi.
Bai 3: Ttr diém A 6 bén ngoai duong tron (O) vé hai ti€p tuyén AN, AM. Trén nira mat
phing b AN khong chita M 14y diém B sao cho 4BO=90°. Duong thing BO cit AN tai
D, cat duwong thing AM tai C. Duong thang BM cat AN tai K. Goi I 1a trung diém ctia
AC. BI cat AN tai E. Chting minh:

a) Nam diém A, B, N, O, M cung nam trén mot dwong tron.

b) BD la phan gidc ctia tam gidc BKN.

c¢) DN.AK=AN.DK

d) Tam gidc BEN can
Bai 4: Cho hinh vudng ABCD va mét diém M trén canh BC. V€ hinh vuong AMPQ sao
cho P va Q thudc cling mdt nita mit phang bo AM khong chita dinh B. Chttng minh
rang:

a) Ba diém Q, C, D thiang hang

b) Nam diém A, M, C, P, Q cung thudc mot duong tron

c) diém P chay trén mot doan théng c6 dinh khi M chuyén dong trén canh BC
Bai 5: Cho duong tron (O) va mot diém A nam bén ngoai duong tron. Tir A ké hai tiép
tuyén AB, AC (B va C la tiép diém) va cat tuyén AMN (M nam gitta A va N) véi duong
tron . Goi E la hinh chiéu cua O trén MN, I la giao diém th hai cta duong théng CE
voi duong tron.

a) Chtng minh réng nam diém A, O, E, C, B cung nam trén mot duong tron

b) Chtrng minh AEC=BIC

c) Chutng minh BI//MN

d) Xac dinh vi tri cia cat tuyén AMN dé€ dién tich tam giac AIN 16n nhat.
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