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Pham Nguyen — DT: 0935555826

LOI NOI PAU
Nham gitp cho cac em hoc sinh chuéan bj tot cho ki thi vao 10 va tuyén sinh
vao cac truong THPT chat lugng. Chung ti bién soan cudn : “ CHINH PHUC TOAN
9 BANG SO PO TU DUY”

Noi dung sach duoe trinh bay theo ting dang toan, Vi du minh hoa minh hoa va BAI

TAP TU LUYEN ap dung. Mdi bai gbm cac phan:

A. Toém tit kién thirc can hoc
B. Phuong phap giai cac dang toan:

a. Phén nay duoc trinh bay theo cac van dé:
- Mdi van dé duoc khai quat bang so do tu duy, va huéng giai nhanh minh hoa.
- Mbi dang toan déu c¢é cac phuong phap giai, cac Vi du va cac BAT TAP TU
LUYEN tu luyén déu c6 huéng dan giai hay dap sé nham giop ngudi doc tu
triém tra lai két qua cua minh.
- Pé kiém tra cudi chuong.
b. Cac BAI TAP TU LUYEN duoc chon loc va téng hop tir Sach giao khoa, cac
dé thi vao 10 cia cac tinh trén ca nuée, cac dé thi hoc sinh gioi, ...
Chung t6i hy vong cubn sach sé& 1a mot tai liéu tham khao hitu ich giup nguoi
doc dé dang tiép can, nim vitng va trau doi kién thirc mon Toan 9.
Du d3 hét strc ¢ gang trong qua trinh bién soan, song chic kho tranh khoi
nhirg thiéu sot nhat dinh. Ching t6i xin dén nhan nhimg y kién phan héi va chan
thanh cam on moi su gop y cia quy doc gia dé lan tai ban sau sach duoc hoan

thién hon.
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SO PO 1 - NOI DUNG TRONG TAM CHUONG 1

(a+b) =a*+2ab+5

(a—b) =a*—2ab+4*

// @'~ =(a—b)a+b)
[0 Héng d8ing thifc déng nhé % (a+8)' =a +3a0+3a0% +4°
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/
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/
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Thyc hin phi hg

Thue hign phép tinh
& ROt gon bidu thirc

tgo bicu thirc ién quan

\\ Rt gon.
Tim gid tri bidu thirc vira nit gon

Con bac ba claa B x a0 cho X =@

Car bac ba

H s |
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N\~ fz 3a
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Chuong 1 — CAN THU'C
I. CAN BAC HAI - CAN THUC BAC HAI

1. Kién thirc trong tim

a. Can bac hai so hoc

- A ) A A A A A 2
e (Can bac hai cia mot s6 khong am a la s6 x sao cho x~ =a.

e S6 duong a co ding hai cin béc hai 1a hai sé d6i nhau:
Sé duong ki hiéu 1a va, s am ki hiéu la —/a.

e S60c¢o ding mot can bac hai la chinh s6 0, ta viét \/6 =0.

e Vi sé duong a, s6 \/C—t duoc goi 1a ciin béc hai sb hoc cua a.
S6 0 ciing duoc goi la cin béc hai s6 hoc cia 0.

e Vi hai s6 khéng am a, b, taco: a<b < \/;<\/Z.
b. Can thic bac hai

o V&i A lamot bidu thirc dai sb, ta goi VA 1a ciin thire bic hai

cua A.

o A xac dinh (hay c6 nghia) khi A=20.

\/Xz‘:w:{i\ néu A=0

A néu A <0

2. Cac dang toan

a. Dang 1. Tim diéu kién dé biéu thirc chira ciin c6 nghia

Vi du minh hea 1. Tim diéu kién cua cac biéu thirc sau:

1
a) N=Tx b) V2x+6 c)
—3x+2
Huéng dan giai:

a) Biéu thirc V=7 xac dinh khi: —7x>0<x<0.

Facebook: https://www.facebook.com/thayphamnguyen 3
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Vay x <0 thi biéu thire V=7 xac dinh.
b) Biéu thirc v2x +6 xac dinh khi: 2x+6>02x > -6 <> x > -3.
Vay x> —3thi biéu thirc V21 +6 xac dinh.

¢) Biéu thuc

xéc dinh khi:

—3x+2

20<:>73x+2>0<:>3x<2<:>x<%
3x+2 3

2 .3 .
Vay X<z thi biéu thue

xac dinh.
3 —3x+

Vi du minh hoa 2. Tim diéu kién ctia biéu thirc sau: A = Vx* —6x+5

Hurémg dan giai:

Biéu thire A=+/x* ~6x+5 = f(x ~1)(x—5) x4c dinh khi:

x—1=20 x=1
< &x>5
{r—SzO {tZS
o (x-1)(x-5)20 ) (Dang JA.B)
5

Vay khi x =5hodc x <1 thi biéu thirc A xac dinh.

Vi du minh hoa 3. Tim diéu kién xac dinh cua biéu thirc:

a+4\,/5+4+ 4-a

P=
Ja+2  2-a
Huwémg dan gidi:
.z . az=0 az0 a=0
Biéu thirc P xac dinh < < o
2-Jaz0  |Jaz2 |az4

Vay khi a>0 va a =4 thi biéu thire P xac dinh.

4 Facebook: hitps://'www.facebook.com/thayphamnguyen
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Chu y: Trong bai vira co can thire, vira co mdu thirc nén cdn tim diéu kién dé

biéu thirc trong can khong am, dong thoi tim diéu kién dé mau cuia biéu thirc

khac 0. Riéng biéu thirc Ja + 2 luén dwong nén khong can tim diéu kién.

Dé don gian hoa viéc nhdn dang va tim diéu kién, cac em co thé tham khao so

do bén duwoi.

SO PO 2: TIM PIEU KIEN CUA BIEU THUC CHUA CAN

PIEU KIEN

BIEU THUC
CHUA CAN

\ﬁ::».izo

JA+B=>4+B20

ﬁ:.{‘»O
A

J4-B= 4-B20 i Vidu Jx-5=x-520

Vidy: J;:xzo

L Vidy Jx+3=ox+320@x2—3

J'—x =7-x20

\f 1
| Vidy =-2x>0 ;
) X x-11

1

=>x-11>0

Vid =x>0; : =x+8>0
My, 7; [y

! =xa( ! =x=-120
_Vidy F ' (I_l):

e 3 N
1 [AZO [Y)O >0 (s
I | Vidy 1 jx2 c"[x— bﬂ,x-O
| JA-B |J4-B=0 ) T3 12007 (w2 (et
e ( 3
\ 1 A20 >0 >0
= vigy ! :‘[x_ aJ’"- &x20
| V4+B [NA+B=0 | Fr2 42207 [r+250%x20
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SO PO 3: TiM PIEU KIEN CUA BIEU THUC CHUA CAN

{420

(1820

«, JAB= AB20& (<o [\ 1}[“’“r+1l=|x-"|(r+1|>0

[{° [[x=220 [x22
| 1B<0 $ ) &x2l
= [lx+120 ([x2-]

x-240 [x<2

=y
|_I:c+l£0 (x<-1

exs-1

:‘420 &x2) vxs-l

f: i x=2 _ x=2
. L Vidy 272,272
] [ASO Jx+1=

B <0 re

DIEU KIEN
BIEU THUC

A<0 | ;:&(x—”lltﬁ-lbo
x=2)(x+1)

([x=250 [x>2
&
x+1>0  [x>-1

x>l

=]

x<2

x—’<0 (
1 & x<-]
-1

|xl<0

|\ &x>) Vix<-
Y

Yine nstﬁ(nEO)} viw ¥ gie-fsxsB

‘A
e

Il

r
‘ > Fx:\,{; (n20) , x242
X'zne n L Vidy x22¢e
LS—J; x<—y2
\
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BAI TAP TU LUYEN
Bai 1. Vi gia tri nao cua x thi mdi biéu thue sau co nghia:
a) V- 3x b) V4-2x
¢) V=3x+2 d) Vx+1
e) m f) @

Bai 2. V&1 gia tr1 nao cua x thi mo1 biéu thire sau ¢6 nghia:

a) +Vx-2 b) +4x-2
X — x+2
c) +yx -2 d) 1
x2—4 3-2x
4 -2
°) 2x+3 D x+1

Bai 3. Vi gia tri nao cuax thi mdi biéu thire sau co nghia:

a) \/ﬁ b) m
c) VoxZ —6x+1 d) V-x?+2x-1
&) V-lx+3| f) V=242 -1

Bai 4. Voi gia tri nao cia x thi mdi biéu thirc sau ¢6 nghia:
a) ﬂ b) m
o) Vx2-3 d) Va2 —2x-3
€) m f) Vx> —5x+6

HUONG DAN GIAI
Bail.a) x<0 b) x<2
Y
2 1
> — >
e).:c_9 f) x e

Facebook: https://'www.facebook. conv/thayphamnguyen 7
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Bai 2.

+x=2

a)

. . 42 o x=220 x=2
Piéu kién cua biéu thue la: { <:>{

x=2=0

Vay diéu kién cua biéu thirc la x >2.

b) * i Jx-2
xX+2
-2 . .2 -2z >
Piéu kién cua biéu thue la: * >0<:> x22 o x=22
x+2#0 x# -2

Vay diéu kién cua biéu thic la x>2.

+yx-—2

c
) x> —4

foEZO [x=2

lx274¢0®1x¢12c>x>2

Piéu kién:
Vay diéu kién cua biéu thirc la x>2.
1
d) 3 2y Dang \/%vé’iA>0
1

= Diéu kién

3
>203-2x>00x<—
3-2x 2

~ - A [y B “A , . 3
Vay diéu kién cua biéu thirc la x < 5

4 A
e) /—— . Dang ,/— vGiA>0
2x+3 B
4

= Diéu kién 20<:>2x+3>0<:>x>—§

2x+3

n 4 A 1A a 1R L1 3
Vay diéu kién cua biéu thic la x > 3

g ) A
f) Dang ,[— véi A <0
x+1 B

= biéukién 20 x+1<le x<-1

x+1

Vay diéu kién cta biéu thirc 1a x <—1.

8 Facebook: hitps://'www.facebook.com/thayphamnguyen
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Bai 3.
a) Vi x> +1>0Vx. Vay ham s ludn xac dinh Vxe/7 .

b) Vi 4x> +3>0Vx. Vay ham s ludn xé4c dinh Vxe/7 .

c) V9x2—6x+1=\/(3x—1)2 Vi (3x71)2 >0 Vax

Vay ham so xac dinh vé1 moi x.

d) \/—x2+2x—1—\/—(xz—2x+1)_ ~(x-1)"

Ham s6 xdc dinh & ~(x-1) 20 x-1=0o x=1,
Vay ham sé xac dinh khi x =1.
e) \/—|x+5|

Pidukién: —|x+5/20 = x+5=0 x=-5
f) v-2x% -1
Pidu kién —2x% —1= —(2x2 +1) <0 Vx

Vay khéng ton tai gia tri x dé ham sé co nghia.

Bai 4. Vo1 gia tri nao ctiiax thi mo1 cén thue sau c6 nghia:
A ‘A 5 <A , \ 2
a) Di1éu kién cua bieu thuc la 4-x>>0 x> <4 -2<x<2
Vay diéu kién cia biéu thic la 2<x <2

b) Didu kién cta biu thuc 1a x> 1620 < x> 216
< x>4 hoac x<-+4.

Viy diéu kién cua biéu thire la x>4 hodc x<—4.
¢) Diéu kién ciia bidu thic 1a x° =320 < x> 23
& x> hoic x < -3

Vay diéu kién cta biéu thie 1a x 2 \/g hodc x = —\/5 .

Facebook: https://'www.facebook. conv/thayphamnguyen 9
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d) X’ —2x-320 & (x+1)(x-3)20

x+120<:> x=2-1
x—=32>20 x=3

x+1<0 x<-1
{x—BSOQ{xS?;

Vay biéu thire xac dinh khi x =3 hodc x<—1.

e) Diéu kién cta biéu thuec la x(x+2)>0<«< x<-—2hodc x=0.

Vay diéu kién cua biéu thie la x <-2hodc x =20.

f) Diéu kién cia biéu thire 1a x* —5x+ 620

e (x-2)(x-3)=20< x<2hofic x =3

Vay diéu kién cia biéu thircla << x<2hodc x >3 .

b. Dang 2. Tinh gia tri biéu thirc

Vi du minh hoa 1. Tinh gia tri cta cac biéu thirc sau:

a) A =49 +25-4.,J0,25

b) B — (V169 ~ 121 ~81): Va9

Huwong ddn giai:

a) A =+/49 + 25 - 4.4/0,25

=7+5-4.0,5
=7+5-2
=10.

b) B=(\/@—ﬁ—\/ﬁ):\/@

=(13-11-9):7

10
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Vi du minh hoa 2. Tinh gia tri biéu thirc sau:
a) 0= (ﬁfﬁ)erﬁ b) P=3J5- (17\/5)2
Huéng ddn giai:
a) Q= (\E—ﬁ)z 2 =
nén ‘ﬁfﬁ%ﬁfﬁ

\E—\/Eh\/i viv3-N2>0

_ -2+ 2
_ A
Viy 0=3.

b) =35 (1-5) =35-fi-V5 vi1-vF<onen |-E|-5-1
=35 (5 1)
=3/5-5+1
=2V5+1,

Vay P=25+1.

Chu y: Trong cac bai toan tinh gia tri biéu thirc va bai todan it gon thirong
xudt hién cac dang biéu thirc “dn” cua cdc hang dang thirc. Pé tinh toan va
giai quyét nhanh bai toan, cac em cdn bién déi, va su dung thanh thao cdc

dang cua cac hang ding thire dang nho.

Pé don gian hoa viéc nhdn dang va xuwr Iy bai toan, cac em co thé tham khao so

dé bén dudi.

Facebook: https://'www.facebook. conv/thayphamnguyen 11
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SO PO 4: SU DUNG HANG PANG THUC
TRONG BAI TOAN CHUA CAN

Chay: \=(\ﬁ) x20; \ﬁ:(\ﬁ)

CAC HANG DANG THU'C DANG
NHO

Vi DY MINH HOA
1.612V5=512y5+1 =(J§)2+2¢§+1 =(\B+|)1
ebfmasaabept |2 VENI=BI23 4] =\/(\/3)2 24341 :J(\/3+ ) =31
5.x-2a e 1=(Va) +24a+1=(Va o1

1.6-2«6:5-2J§+1:(JE):-z\/E+1:(_«/§—1):
2 12010 = 52V 42 = (V) 252+ (42) = (5 —+2)
3 43 AYa® 5 oy S Ay _5-444
:V{(\/fi-s)l-ztmww=V](m—2):—422
S (e
1'J§+|_ NE ”_ N =
47”72'—(\/5]‘ ( JE|(2+~/E)
“2-Va 2- \/_ \m

1. 8-27= x 3)(\ 31+9)
1

a -0 =(a-b)a’ +ab+b*) |2. 11 a\/{ fa = I(JJ__) (I\a)fl;f;;+a)+\/a

1
:1+\/c_r+a+\/:_1:1+2 a+a:(l+~,/;)z

127 -27=(x-3)(x" +31+9)

E \/_(wxﬂ) f{(vx) +l} e (V1) (e +1)

Tx- \/_+l xX— \/_+1 x— \/_+l X—vx+l1
_\/x(vx+l)

10263 = {35948 1 =3[(3+1) = 1
(V1) = v s3e43r+1
Y63 -10=3333-9+33 -1 :dm:ﬁq
(Vr-1) = wr-3eeady-1

(@-b) =a* -2ab +b°

a’ =b’ =(a-b)a+h)

2+\/;

@ +b' =(atb)a’—ab+b’) |,

{a+b) =a’ +3a°h+3ab" +b°

(@-b) =a* -3a’b +3ab” - b’

12 Facebook: htips://www.facebook. com/thayphamnguyen
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Bai 1.

Bai 2.

Bai 3.

Bai 4.

Bai 1.

BAI TAP TU LUYEN

Thuyc hién cac phép tinh sau:

a) —0,81/(-0,125)>

2

c) (\./5 —2)_

Thure hién cac phép tinh sau:

) VG-23) \Ga2v2)
S GRS TN

) VW52V (5 )

Thuyc hién cac phép tinh sau:

a) 5+2v6 —5-26
¢) V4-23 +y4+2.3
&) V17-1242 + 9+ 42

Thuce hién cac phép tinh sau:

a) (V3-v2)J5+26
cJ\/E—\/t)—\{zg—lz\E

b) y/(-2)°

d) (242 -3)

b) J(5—2J8)2—\f(5+2\/8)2
d) \f(3+\/:7)2 —\/(1—\/5)2
§ V21 (Va5

b) V7-2410 -7+ 2410
d) V24485 +49-445
f) J6-42 +422-1242

b)[s—mﬁ T_[M&/ET
JE_JE 1+\/§

d) \/13 +30y2+ 9+ 442

HUONG DAN GIAI

a) Bién ddi biéu thirc: —0,84/(-0,125)° :4),8><’4),]25‘

=-0,8x0,125=-0,1

Vay biéu thirc c¢6 gid tri la: 0,1

b) Bién d6i biéu thirc :\/(-2)® =

=|-8/=8

Facebook: https://'www.facebook. conv/thayphamnguyen
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Bai 2.

Vay biéu thire co6 gia tri la: 8

. N 2
¢) Bién doi biéu thire: (\/5—2) =

\/5—2‘:2—\/5 vi V3-2<0
Vay biéu thirc ¢o gia tri la: 2—3

d) Bién dbi bidu thire: y(2v2-3)’ =‘2\/5 f3‘ —3-22

vi 3-2y2=3-8 =0 -8 >0

Vay biéu thire co gia tri la: 3-22

a) Bién déi biéu thirc: \/(372\6)2 " J(3+ 2)
=‘3—2\/5 +‘3+2\/5‘

=3-242 434242 =6 (vi 3-242 >0)
Vay biéu thire co gia tri la: 6

b) Bién déi biéu thre: \f(sfz\/é)2 f\f(5+z\/8)2
- ‘5—2\/E|—|5+2\/6|

:(5—2£)—(5+2£):—4\E (vi 5-246 >0).

Viy biéu thire co gia tri 1a: —44/6

¢) Bién déi biu thirc: \f(zf\/E)2 +\/(1ﬂ/§)
o

=2 V3443121 (vi2=350, 1-43 <0).
Vay biéu thirc co giatrla: 1

d) Bién d6i biéu thue: \K(?H\ﬁ)z —\/(1—\5)2
:‘3+\/5 —‘1—\/5

)

14
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=3+\/E—(J§—1):4 (vi 344250, 1-2 <0).
Vay biéu thirc co gia tri la: 4

o) Bién doi bidu thire: V(v5 v + (45 + v2)

=525 442
:Z\E vi \G—\/E>O;\E+\E>O
Vay biéu thite ¢6 gia tri la: 24/5
, ) ” 2
f) Bién di bidu thirc: J(ﬁ +1) ,\f(
=|\/5+1’7‘\/575‘
—241-(5-12) =242 - 4 (Vi V24+150,02-5<0)

&
o
(S

Vay biéu thirc ¢6 gia tri 1a: 242 -4 245
Bai 3.

a) V5+2v6 —5-216
Ta co: 5+2\E:3+2\6‘6+2:(\6+\ET;

52%:32@.\5&:(\@\5)2
Neén V/5+26 V526
52 (63
=[N3 2|3 2| (V3 +2) (V3 -+2)
=22 (vi B2 5043-4250)

Vay bidu thirc ¢o gié tri la: 242 .
b) 7-210 -7+ 2410
Taco: 7-2J10=5-2y52 +2= (J_ \/_)

Facebook: https://'www.facebook. conv/thayphamnguyen 15
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742010254252 +2 =(\E+\/5)2;

Nén 7-2410 —\7+2410

(5 (5

NE ][ 4] (5 B) (45 B)
=22 i V5-2>0,{5442>0)

Viy bidu thire co gia tri la: 242

c) Bién d6i biéu thire: \}4—2\/5 + 3 +\/§

V3
2 \/5 \/§+]
= (\/5—1) +%

:‘\6—1’+«E+1 —3-1+3+1=243

Vay biéu thirc co gia tri la: 2\/§

d) Bidn ddi bidu thirc y24+8y5 +/9—445

:J4(6+2J§)+J9—4J§

= 4(5+ 245 +1) +\5-435 -4
=J4(\/§2+2\/§+1]+\/\/§21 52422
O
=25+ +[\5 2|
=2{5+24+45-2=3\5

Vay biéu thire co gia tri la: 3\/5

¢) Bién ddi bidu thire: V17-12v2 419 +442

:\/9—12\E+8 +\f8+4\/5+1

16 Facebook: hitps://'www.facebook.com/thayphamnguyen
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- \j32 _ 2_3_2J§+(2J5)2 + \}(2\/5)2 12242 412
_ ‘f(s—zﬁ)g +\/(2 2 +1)2

:‘3—2\5 + 2«/§+1‘

—3-22+2{2+1=4
Vay biéu thirc ¢6 gia tri la: 4

) Bién dbi bidu thirc V6—4v2 +v22-12¢2
4422 4418-122 +4
2?0 ain s \/(3\/5)2 —2.332.2+27

- \f(z\/i)z +\j(3\/52)2

:‘2—\5‘+‘3\E—2‘
—2-2+32-2=242

Vay biéu thie c6 gi tri la: 242
Bai 4.

a) Bién déi bidu thue (V3 —v2)5+2v6
- (V3-2) (V3 +42)
(BB
=(V3-\2)(V3+42)

(F (8 -2

s2i (B) (5-1).

b) Ta co: \/g—l_ A =
‘ 4+2\/§,,(‘/5+1)2,
va ]+\/§ == 1+\/§ 7(\/5-%1)

Facebook: https://'www.facebook. conv/thayphamnguyen
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Suv ra 4-23 2_ 41203 )
uy ra: \/5—1 ]+\/§

(6
=(4—2J§)—(4+2J§)=_4J§

Vay biéu thire c6 gia tri la: —443

¢) Bién ddi biéu thirc \/\/5 —\9-y29-12¢5

5 \o—yR0-1245 +9 J\E—\]()‘(z—“”)

- (5 o5 +3) =\N5 —o-25

)
= V5-(v5-1)=1=1

Vay biéu thire co gia tri la: 1

d) Bién dbi biéu thuc \f13+30\/2+ V9+442

_J13+3o f2.+\f(2£+1)2 _\/13+30 /2+(2\/5+1)
\13430\3+ 242 :J13+30 (JEH)Z
=\/13+30(\/5+1)=J43+30\/5

— 2542532 418
2
_ (5+3J5) —5432

Vay biéu thire co gia tri la 5+3v2

18 Facebook: hitps://'www.facebook.com/thayphamnguyen
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c. Dang 3. Rat gon biéu thirc

Vi du minh hoa 1. Rut gon céc biéu thirc sau:

a) 5v25a° —25a v&i a<0 b) V494" +3a v&i a=0
c) Vi6a* + 64> vGiabat ky d) 3v9a® —64* voi a bét ky.
Huréng ddn gici:

a) 5v25a> ~25a=5.|5a| - 25.
Vi a<0nén 5a <0, do d6 |54|= -5a
Viy 5v254° —25a=5.[5a|-25a
=5.(-5a)—25a
=-25a-25a=-50a .
b) 494" +3a=7d|+3a.

Vi a=0nén 7a=0, do do |7a|:7a.

Vay 49a* +3a=|Td|+3a=Ta+3a=10a.
C) \/@-&-6(12:

V&i moi a ta déu ¢o 44’ > 0 nén ‘4a2‘=4a2.

Vay V16a* +6a* =

d) 3v9a® —6a’ =3 (3(13)2 —6a’ :3.‘3a3|—6a3

4a’|+6a°.

d4a’|+6a’ =4a” +6a* =10a’.

Véi a <0 thi 3¢° <0 nén |3a’* — 34’ ,taco:

3W94° —6a’ = 3.‘3a3|—6aj :3.(—3a3)—6a3 =_—09a° —6a’ =—15a’
V&1 a>0 thi 3¢° > 0 nén ‘3a3| ~3a°, tacod:

394" — 64’ :3.‘3&3‘76513 =3.(3a3)76a3 =9a’ —6a’ =3a’.

Facebook: https://'www.facebook. conv/thayphamnguyen 19
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Vi du minh hga 2. Rut gon cac biéu thirc sau:

a) dx—x" —dx+4 voi x=2 b) 3x+vV9+6x+1" VO x < -3

x+6\/;+9 . . N .
¢) —— vbi x=0va x =9 d)ﬂvmxi—l
x-9 x+2
Huwéng ddn giai:

a) Bién ddi biéu thie dx—i® —dr+4 =dx—J(x-2)° =4x—|x-2|
Vi x=2nén 0, do do |x-2|=x-2.

Vay dx—vx’ —dx+d =dx—(x-2)=3x+2

b) Bién ddi bidu thic 3x +v9+6x + x2 =3x + N x)2 =3x+

Vi x<-3nén 3+x <0, dodo |3+x|:f(3+x)
Viy 3x+V9+6x+x7 =3x—(3+x)=3x—3-x=2x-3

2
x+6\/;+9: (‘/;+3) \/;+3

0 (Jrea)(x3) o3
d) Bién doi biéu thue V' +dxid y(+2) :|“2\

x+2 x+2 x+2

3+x|

¢) Bién d6i biéu thuc

Vo1 x <=2 thi x+2<0nén |x+2|=-(x+2)

Jorarea 2] —(x+2)

Vay
x+2 xX+2 xX+2

=-1

* V&1 x>-2 thi x+2>0 nén |x+2|=x+2

Vay VAt t+4x+4 |x +2] _X+2

=1.
x+2 x+2 x+2

20 Facebook: hitps://'www.facebook.com/thayphamnguyen
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BAI TAP TU LUYEN

Bai 1. Rut gon cac biéu thie sau:

a) x+3+4x>—6x+9 (x<3)

b) \fx2+4x+4—\/x_2 (-2<x<0)

0) Vx~ =2x+1 (x>1)

x—1

Vx® —4x+4
2

d) [x—2/+ (x<2)

Bai 2. Rut gon céc biéu thirc sau:

a) Vl-4da+4a* - 2a

¢) a2 +/xt—8x%+16
Vat —4x? 14

x2=2

e)

b) x—2y—+x* —4xy+4y?
[ 2
x°=10x+25

x-5

) (x—4)? P Sk S
g Vx2 —8x+16

d) 2x-1-

Bai 3. Cho biéu thirc A= \/x2 +24x% -1 f\}xz BN

a) Va1 gia tri nao cua x thi A c6 nghia?

b) Tinh A néu x=+2 .

Bai 4. Cho 3 s duong x.y,z thoa diéu kién: xy+ yz+zx=1.

Tinh: Azx\/ 5

1+x

(1+y3)(1+2°) +y\/(1+32)(l+x2) +Z\/(l+x2)(l+y2)
1+y2

1+Z,2

Facebook: https://'www.facebook. conv/thayphamnguyen
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Bai 1.

Bai 2.

HUONG DAN GIAI

a) x+3+VxZ—6x+9 (x<3)
f 2 : A
=x+3+ (xf?;) :x+3+‘x73| vi x<3 nén |x-3|= —(x-3)

:x+3—(x—3):6

b) \/x2+4x+4f\jx72 (-2<x<0)

= J(x+2) £ =[x+ 2|y

vi x =—2nén ‘x+2‘=x+2 va x <0 nén x| = —x

=x+2-x=2

{2
C)le-'_l (x>1)

X —

:,kx_qzzh_q:

x-1
x—1 x—-1 x-1

[ 2 4.,
d) [eoofs Y4 o)
X — x-2

=1vi x>1nén |x,]‘:x,|_

Vi x <2nén [x-2|=—(x-2)

Biéu thirc = ‘Jc—2|+H = —(x—2)+
x-2

=—x+2-1=—-x+1

a) Bién d6i biéu thire \1-4a+4a° —2a
2
=,/(l—2a) 72a:‘172a‘72a

. 1
Voi a3 thi 1-2a>0 nén [I-2a|=1-2a, ta ¢ :

V1-da+da’ —2a:‘I—Za‘—Za:l—Za—2a:1—4a

22
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. 1
Voi (125 thi 1-2a<0 nén |172a‘zﬂafl,tacc'):

V174a+4a272a:P72472a:2a7172a271
b) Bién d6i biéu thirc x -2y - \/xz —4xy+ 4y2

=x—-2y— ﬁFZﬂZ:x—Zy—h—2ﬂ

Véi x-2y<0 thi [x—2y

X2y /x274xy+4y2 :x,zy,|x,2y|=x72y+(x—2y)=2xf4y

Vdix—2y20thﬂxfEﬂ:(fothacéz

x—2y—Vx2—4xy+4y2:ax—lyﬂx—2yyzx—2y—(x—2y):0
2 )4 2 2 > V2|2
c) X +Vx —Bx"+16 =x"+ (x —4) =x +P -4
Vo1 4’ -4<0e 2’ <4< —2<y<2 thi ‘x2—4‘:—(x2—4),tacé:
x2+Vx4—&¥+J6:x2+hg—ﬁ:x2—bg—4):4
V6i X’ —420x" 24 x<-2hoac x 22 thi ‘xz —4‘ :(x2 —4), taco:

x2+Vx4—8x2+H3:x2+%2—4yzx2+(x2—4):2x2—4

=—(x—2y),tacé:

2
PP (i T SR | i) PRI oot
x-5 x—5

x-5

V6i x—5<0<>x <5 thi [x-5|=—(x-5), taco :

[,.2 x—35 _
2x—l——£——5%i££:2x—l—L—jg:2x—1+£—§:2x
x— x— x—

V6i x—5>0<>x>5 thi [x—5=(x-5), taco :

2 _ ) x—5
S NP toxes [
x-5 x-5

—oxo1-X5 oy o
x-=5
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Bai 3. Biéu thuc A:\fx2+2\ix2—l —\sz N NEe. |

a) Biéu thire xac dinh khi v* —1>0 = x* 21 x<—1 hodcx>1.

b) Tinh A v&i x> /2 .

A:\/x2+2\u‘x2— —\fo—Q, x* -1
z\/(x2—1)+2\/x2—1+1—\/(x2—1)—2 o141

2

() ()
\/lel‘

Vi x22thi ¥ 227 —121=2Vi 121l —-1-120

Va?l 141+ -1-1
=P —1+1+4x2-1-1

=2vx? -1

\/x271+1

+

Vay A= +

Bai 4. Cho 3 s6 duong x,Y,z thoa diéu kién: xy + yz+zx =1.

Tinh: A:x\K(lwg)(sz) +),\/(1+12)(1+x2) +Z\j(1+x2)(1+_\,2)

1+ x> 1+_y2 1+z2

Ta co: 1+y2 = (;\‘y—o—yz—o—zx)+y2 = ,1}'+y2 +yZ+272X
=y(x+y)+z(y+x)=(x+y)(y+z)
Tuong tu: 1+7° =(y+z)(z+x)

1+x7 =(z+x)(x+Y)

Suy ra:

* Jm ) (y+z)x+2)(y+2)
Xyf—————— =X
1+ x7 (x+y)(x+z)
—x(y+2) =x(v+2)

24 Facebook: hitps://'www.facebook.com/thayphamnguyen
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. }Jm—-)mx ) _VJ(x+z)(y+z) x+7)(x+y)

(x+
14y’ (s3]

\Jx+ f)z

I rz)(1+y2) e n(xrz)een(yrz)
2 o (x+2)(y+2)

!"]

[
/\;

2
=z x+\,) = x+x

Viay A=x(y+z,)+)-'(x+:{)+z(x+y)=2(xy+yz+xz):2

d. Dang 4. Giai phwong trinh
Vi du minh hea 1. Giai cac phuong trinh sau:
a) x> —11=0 b) x> —24/13x+13=0
Huéng dan gidi:
a) xz—11:0©(x+\/ﬁ)(x—\m):0®x:\/ﬁhoéc x=-11.

Viy tdp nghiém cua phuong trinh la: § = {f\m,\m}

b) .x2—2\/ﬁ.x+13:0<:>(x—\/ﬁ)2 0o x—13=0x=413

Vay tap nghiém cua phuong trinh la: §= {\/ﬁ}
Vi du minh hea 2. Giai cac phuong trinh sau:
a) x-9Jx +14=0 b) va¥—10x+25=7-2x
Huong dan giai:
a) Diéu kién: x>0, PT:
v Wx+14=0x ~9Vx +14=0 (Va-2)(vx -7) =0

Suyra: Vx-2=0e Jy=2c =4
hodc Vy-7=0oVr=7= x=49
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Vay phuong trinh ¢6 nghiém la x = {4-; 49}
by Vi —10v+25 =7-2v & J(x=3) =T-2x¢ S|x-5=7-2x
Voi x <5 thi x=5<0=|x—5=5-x, nén:
‘.X‘—S‘ =7-2x <5-x=7-2x < x =2thda didu kién.
Véi x =5 thi x=520 3|x—5| =x—5_nén:
‘x75‘ =7-2x ©x—5=7-2x<3x=12 < x =4khong thoa diéu kién.

Véy nghiém cua phuong trinh la x=2.

Pé don gian hoa viéc nhdn dang va xir Iy bai toan, cac em co thé tham khao

so do bén dudi.

MOT SO DANG PHUONG TRiNH CO BAN

Dang toan Vi du minh hoa

l.x* =4 x*=2"< x=2hoicx=-2

x—1=x< 0x=1(PTVN)

2.(.15—1)2 =x’ e

—B* < A=14B x—lz—x<:>2x:1<:>.\f:%

Vay phuong trinh c6 nghiém la x = 1

Ja=+B

A=B

2 (thoa)

>
\/Z—B@{BZO ﬁ‘x‘l‘@{:_° ) { e

2 =
A=B - x- —x=x7-2x+1
A >1
- Néu B <0 thi - x=1 - x=1 . 0 (o)
) - 2x7-2x=0 °X JC 1 odl
phuong trinh vo 1 (théa man)

nghiém. Vay nghiém cta phuong trinh 13 x=1.
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|2—3x5<:{

)
|
(USRS
>
Il
n

2—

Vay tap nghiém cua phuong trinh la: S = {—1;%}

< A=Bhay A=—-B

B=0 x2+x+l:-x<:> x+l‘—2x
Al=B<={[A=B V 4 2
A=-B
2x=0 x=0
| P
- x+5:2x - x=5(th0aman)
1
x+—=-2x x =——(loai)
2 6
R o . 1
Vay nghiém cua phuong trinh: x = 5
3x+1=x+3
3x+1l=lx+3le
Brsil=les [3x+1_—x—3
=18l

2x=2 x=1
= =
{4,\7:4 {le

Vay tap nghiém cua phuong trinh: S = {—1;1}

A=0

All-0 {320

|x+5‘+’xz 725\=0

x=-5
x+5=0
<9, =elx=5 S x=-5
x°=25=0

x=-5

Vay nghiém cta phuong trinh: x =-5

@+J§_o©{g—

0
0

V1-x% +4x+1=0

2 _ 2 _ — 4
e ll=x7=0 a7 =1 o Jx=%l
x+1=0 x=-1 x=-1

Véy nghiém cua phuong trinh : x=-1

Facebook: https://'www.facebook. conv/thayphamnguyen
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BAI TAP TU LUYEN

Bai 1. Giai cac phuong trinh sau:

a) J(x—3)? =3—x b) Vax> —20x+25+2x =5
c) V1-12x+36x> =5 d) Vx+2vJx-1=2

Bai 2. Giai cac phuong trinh sau:

a) V2x+5=+vl—-x b) Vxl—x =3-x
¢) V2x?—3=+4x-3 d) V2x—1=/x-1

Bai 3. Giai cac phuong trinh sau:

a) Val+x =x b) Vi—x* =x-1
¢) Val—dx+3=x-2 d) Vel -1-x*+1=0

Bai 4. Giai cac phuong trinh sau:

a) Va' —2x+1=x"-1 b) Vax? —4x+l=x-1
/ 1
cvat—2x% +1=x-1 d) x2+x+Z:x

Bai 5. Giai cac phuong trinh sau:

a) Bx+1]=x+1] b) |x2—3|:‘x—\/§|

c)\/9x2—12x+4=\/;2 d) 24 i 4 ax14=0

HUONG DAN GIAI

Bai 1. Giai cac phuong trinh sau :

a) V(x-3F =3-x & |x-3=3-x

3—x=20 x<3 x<3
S x—3=3—x<2x=6=4x=3 < x<3
x—-3=x-3 0x=0 0x=0

Vay, tap nghiém cua phuong trinh la x <3 .
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b) V4x? ~20x+25+2x=5 < \/(2x-5) =5-2x

5-2x>0
<:>‘2x—5|:5—2x ={[2x-5
2x—-5=2x-5

x <

19 | L

5
= xzi(th('immin) S xs—.
2 2

5
Ox =0(Duing vdi moi x < E)

Vay tap nghiém cua phuong trinh la: x<

¢) Bién déi biéu thire V1-12x+36x% =5

IS (1—6,\c)2 :5@|1—6x‘:5

12 | W

2
|:l—6x—5 =y x:—;

1-6x=-5 le‘

5
Vay tap nghiém cua phuong trinh la: S= {% l}

d) Vx+2Jx—1=2. Piéukién: x>1

Bidn ddi bidu thirc x+2vx—1 =2 <> x—1+2Jx—1+1=2

e Vet 1) 22 Vam1-1=2

= vx—-1-1=2 o Nx—1=3
vx—-1-1=-2 Nx—1=—-1(PTVN)

< x—1=9 < x=10(théamdn)

Vay nghiém cua phuong trinh la x =10
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Bai 2.
- A A c A ’ —x >
a) Bién doi1 biéu thic \XZX+5=\/1—X<:>1 x=0
2x+5=1—-x
o <1 - XS14®x,_i

Vay nghiém cia phuong trinh la: x = —é

b) Bién doi biéu thirc Vx* —x =3-x < {3 x=20

X —x=3-x

x<3
= { 5 3 alx= ﬁ({h&amdﬂ)
X =
X = —\/E(thfiam&“n)

Vay tap nghiém cua phuong trinh la: S= {—\ﬁﬁ } :

¢) Bién d6i biéu thire v2x> -3 =/4x-3

A\m

2x% -3=4x-3 x =0 (khéng thoaman)

x =2 (thoamdn)

{4x—320 x>
—
2x? 4x0 [

Vay, nghiém cua phuong trinh la: x =2

d) 21 - T—l@{x_l>0 @{x>1

2x-1=x-1 x =0 (khdng thoa min)
Vay phuong trinh v6 nghiém.
Bai 3.
a) Bién dbi bidu thre Vx® +x = x

{XEO {x>0
4, , & < x=0
x=0

X“+x=x
Vay nghiém cua phuong trinh la x=0.

b) Bién doi biéu thirc V1-1? =x-1

x—1=0 x=1
= 1—x° :(x—1)2 < (x—l)2+x2—1 =0
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(TP A

v>1 x=>1
Q{(x—l)bc:OC} x=0 (khf)ngihoaman)@le
x =1 (théaman)

Vay nghiém cua phuong trinh la: x=1

c) Bién ddi biéu thie Va2 —d4x+3=x-2

X*ZZO _x22
= <
)52—4x+3:(x—2)2 x?—dx+3=x>—4x+4

x=2 :
@{Ole(PTVN)

Vay phuong trinh vo nghiém.

d) Bién ddi biéu thirc Vx> —1-x>+1=0

o)
x“ =120
<:>\;'x271:x271<:> 2 5
X —1:(x —1)

2

=1 [XZ]_
@21121_0©x5—1
=)0} () -2) o
x>1 x>1 (x=>1
x<—1 x<-—1 x<-1
- x271:0© x2=1<:> X =+l (théamén)
2-x>=0 X =2 _x:i\E

©x:{—\/5;—1;1;\/5}

Vay tap nghiém cua phuong trinh la: x = {—\/5;—1; 1 \E}

Bai 4.
a) Bién doi biéu thirc Vx> —2x+1=x>—1

= (x—l)2 :x2—1<:>|x—l‘:x2—1
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X2 =120 21
Lemet x_l:xz_l <> _xg_x:O
x—1=—(x3—1) x—1+(x-1)(x+1)=0
_ [x=1
le xS—l
x=-1 [ x =0 (khong thdama
e JF | x= (khong Qaman)
x(x—l)zO x =1 (thdaman)
(x—l)(x+2)=0 x =1 (théamadn)
- | x = =2 (thdamdn)

Vay tap nghiém ctia phuong trinh la: § = {-2;1}

b) Bién doi biéu thirc V4x> —4x+1=x—1

o \(2x-1) =x-1opr-1|=x-1
x-120 251 x=1
o 2x-1=x-1 <{[x=0 - XZg(khongthoaman)
2x-1=—(x-1) |[3x-2=0 ||x= ~, (khong théaman)

Vay phuong trinh v nghiém

¢) Bién d6i biéu thire x* —2x2 +1=x-1

= (x2—1)2:x—1<:>‘x2—1:x—1
x-120 x=1

e -1=x-1 = x?—x=0
xz—lz—(x—l) A2—1)+(x—1):0
xz1 x=1

P x(x—l):() P x(x— ):O
_(x—l)(x+1)+(x—1):0 (x-1)(x+2)=0
x>1
[x=0 (khdng théamdn)

=<l x=1 < x=1
x=1
| x =2 (khéng théamdn)

Vay nghiém cua phuong trinh la: x=1

32
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- £ A: 1A , 1
d) Bién d61 biéu thue sz +x+z =x

X+—|=x
x=0 x=0 x=0
I Ox = ! Ox = ! PTVN
- x+5—x P x——E@ x——E( )
1 1 1
Y4 —=—x 2x=—— x =—— (khéng théamdin)
2 2 4

Vay phuong trinh vd nghiém.

Bai 5. Giai cac phuong trinh sau:

a) Bién ddi biéu thue [3x + 1| =[x + 1]

4x=-2 xX=——

{3x+1—x+l {gx—o x=0
2

3x+1=—(x+1) At 1

. 1
Vay, tap nghiém cua phuong trinh la: § ={5; O}

x2—3:x—\/§

CA xR q R , » .
b) Bién d6i biéu thirc [x* —3|= | \/ﬂ@[xzsz(x\/g)

(e ) )-{s- )
_(.xfxg)(er 3)+(x7\6):0

R R b
(x—\/g)(x+ 3+l)=0 -v3=0

Vay tap nghiém cua phuong trinh la: S = {—l —3:1-43; \E}
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¢) Bién déi bidu thire vox? —12x +4 =vx*
o (3x-2) =V e px=2 =]

X

4x=2 X

=1
_1
2

. 1
Vay tap nghiém cua phuong trinh la; S = {2; 1}

d) Bién dbi bidu thire vx? —4 + x> +4x+4 =0

Q{x2—4—0 (x—2)2(x+2)_o

5 <
x“+4x+4=0 x+ﬂ =0

_—

x=2=0 x=2
Sl x+2=0=<x="2=x=-2
x+2=0 x=-2

Vay nghiém cia phuong trinh la: x=-2
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II. LIEN HE GIUA PHEP KHAI PHUONG VA PHEP NHAN, PHEP CHIA

1. Kién thirc trong tAm

a. Khai phuong mét tich \/’ﬁ = \/E\/E (Az20,B=0)

Nhién céc cin thire bic hai: VAVB=vAB (A20,B20)

b. Khai phuong mét thuong: \/%“MJ‘E‘., (A=0,B>0)
B

STES

Chia cac can bac hai: JZ (Az0,B>0)
J5

2. Cac dang toan
a. Dang 1. Thyc hién phép tinh

Vi du minh hga 1. Tinh:

a) \/810.40 b) V24.412.,/0.5
0 12° 4) V180: V5 s
3°.4° V200: 48
Huréng ddn giai:
a) Taco:

J810.40 = 81.100.4 = 811004
— 9 10722 =9.102=180. Vay bidu thire o gid tri 1a: 180
b) Tacod: V24.12.40,5 = 24.12.0,5 = /144 =+12° =12

c) Taco\/: \/f r Jit =4

Vay biéu thirc co gia tri 1a: 4

d) Ta co J180:4/5 \/180:5:@:62152

J200:J8 200:8 25 5

Viy biéu thirc co gia tri la: 1,2
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Vi du minh hga 2.

a) So sanh: \16+4 va JE+JZ
b) Véi a>0;h>0. Chimg minhva +b < Ja +/b
Huwéng ddn gidi:
a) Ta co:
V16 +44 =4+2=6 =36 1)
J16+4 =20</36 2)
Tu(l)va2)suyra: V16+4 <16 +/4

b) Vo1 a>0;6>0,giasta>b=a’ >b’
Dé so sanh Ja + b voi Ja +b
ta so sanh (\/a+b)2 v (\/E+\/E)
(\/a+b)2=a+b
(\/;+\/3)2=a+h+2\/5

Vi 24ab > 0nén suy ra («/a+b)2 <(\/E+\/3)2.
Do d6 Va+b <Ja++/b.

Ta co:

Vi du minh hoa 3. Thyc hién phép tinh
a)A=(\/ﬁ+\/§—\/5_0).\/§ b) B = /50 - V18 + /200 — /162
Hurémg ddn gidi:

a) Ap dung tinh chat phan phdi cua phép nhan ddi voi phép cong va phép
nhan cac cin thirc bac hai cia cac sb khéng am, ta co:

A= (VI8 +32 ~50) 2
= VIBA2 + 3242 - 5042

=J18.2 +4/32.2 —/50.2

=36 +/64 —/100
—6+8-10
—4
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b) Str dung phép khai phuong mét tich cua cac s6 khong am, ta co:
B =50 — 18 + 4200 - /162
=+/25.2 —/9.2 +4/100.2 —+/81.2

=252 =942 +10042 V8142
V2.(25 -9 + /100 - 81)
V2.(5-3+10-9)

W2

* Nhin xét: Trong cac BAI TAP TU LUYEN dang nay, cac em cdn chii y xem

f

xét cdn chung, va chii y dén viéc ap dung kién thirc hang ddng thire trong SO
PO 4.
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Bai 1.

Bai 2.

Bai 3.

Bai 4.

Bai 5.

Bai 6.

BAI TAP TU LUYEN

Tinh:

a) v49.36.100
c) V147.75

Thure hién cac phép tinh sau:

a) V5./45
¢) V12,5.4/0,2.0,1

Tinh:
a) /45 : /80

N
15 "\15
Thuc hién cac phép tinh sau:
a) \E VB

9

) (V125 +1245 —\/5) 5

Thuc hién cac phép tinh sau:

a) V12-\27+43
¢) ¥252 — /700 + /1008 — /448

Thure hién cac phép tinh sau:

) 243 23
&) (35 +\3+5)

b) 4/0,45.0,3.6
d) v/4,9.1200.0,3

b) V13.452
d) 48,445.0,5

b) V13: /468
88 [ 8
D \T60 V223
b) (7 48 +327 -2 12):J§

d) {\E‘\/@*ﬁj‘ﬁ

b) (Vi2-2475)\3
d) ﬁ(M+J2_7—J§)

b) (143 -2)(143+42)
d) V15-v216 +4/33-1246

38
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HUONG DAN GIAI

Bai 1. Thuc hién cac phép tinh sau:

a) Bién di bidu thire: v/49.36.100 = v/49.4/36.4/100
= \/7_3\/6_2 10% =7.6.10 = 420

b) Bién ddi biéu thirc: /0,45.0,3.6 = /0,81 =4/0,9% =0,9

¢) Bién di biéu thire: V147.75 =1/49.3.3.25
=49.9.25 = J49.J9.[25 =7.3.5=105
d) Bién dbi biéu thire: 1/4,9.1200.0,3 =+/49.0,1.12.100.3.0,1

=49.36 = 4936 = 7.6 =42

Bai 2. Thuc hién cac phép tinh sau:

a) \5.4/45 =5.45 =225 =\15? =15

b) V13.452 =13.52 = /676 =26

¢) V12,54/0,2.4/0,1 =4/12,5.0,2.0,1 = /0,25 = 0,5
d) 48,4:/5.0,5 =/48,4.5.0,5 =122 =11

Bai 3. Tinh:
V45 J?ﬁ \F 3
45:+/80 = =\ ==
) Va5 80 Jso V8o Vie 4

J3 (13 [1 1
b) V13 :4468 = Y2 — [0 _ [1 _
)13 Jaggs V468 V36 6
)\ﬁ. /ﬁ_\/ié_\/iﬁ_ [
N5 Va5 V1545 V1536 Va4 2

d)\/zssl\/s _\/288. 8 _\/288%
169 V225 V169 225 V169 8
6225 364225 615 90
V169 Jiew 1313
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Bai 4. Thuc hién cac phép tinh sau:

- 4 Z:1:A . 2
a) Bién do61 biéu thirc: ‘/%:\/g: }79—2 = 79—2%:\/1:1

Vay biéu thic ¢co gla tri la: 1

b) Bién dbi bidu thue: (7\/-@ 327 2412 ): 3
=(28 3+9J§—4J§):I=33J§:J§=33

Vay biéu thire co gid tri la: 33

) Bién ddi biéu thirc: (V125 +1245 -5 ):+5
:(5 5+7\/§—\/§):\/§:11\/§:\/§:11

Vay biéu thire co gia tri la: 11

d) Bién dbi bidu thirc: {Jj—ﬁ-ﬁ-ﬁ} 7

—{ﬂ—ﬂ+ﬁ}\/_—ﬂ: 7:4
7

7 7 7

Vay biéu thure co gia tri la: =

Bai 5. Thuc hién cac phép tinh sau:

a)Tacé:\/E—\/E+\/5
=23-3V3+V3=13(2-3+1)=0

b) Ta co: (E—:ﬁ)ﬁ:\/ﬁ.ﬁ—zﬁ.ﬁ
— 3624225 =6-2.15=-24
¢) Ta co: V252 — 700 + 1008 — /448

=67 —10\7 +1247
= (6-10+12)47 =847

40
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d) Bién déi biéu thire \/5(\/5+\/E—\]§)
=\/§(2\/§+3\/§—\5)

- 3.43=34=12
Bai 6. Thuc hién cac phép tinh sau:

a) Bidn ddi biéu thirc \2+3 —y2—+/3

z\/4+2\5\]4—2\6 _\/(\EH)Z \/(\5])2

2 2 2 2

AL (B e [
V2 V2 V22
:\/§+1_\/§—1 :\/§+17\/§+1
V2o 2 V2

2
2

Vay biéu thire ¢o gia tri 1a: V2
b) Bién déi bidu thire (143 -2) (153 ++2)

{(1+\/§)2 —(x/fﬂ ={('1+2«/§+3)—2}
:4+2\f§—2:2+2\/§

Vay biéu thue co gia tri la: 2+2\/§

¢) Bién déi biéu thirc (\ff%—\/g +\/3+\/§)2
_(\/3_\/5]2 +2\/3—\/§.\/3+\/§+(\/3+\/§)2
:(3_\/§)+2\/(3—\/§).(3+\/§)+(3+«/§)

—3-5+2( =5 43445
=6+249-5=6+4=10

Vay biéu thire co gia tri la: 10

Facebook: https://'www.facebook. conv/thayphamnguyen
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d) Bién dbi biéu thirc y15-+216 + 33126
:\/15—6\/€+\/33—12\/F:\/(3_\/g):+\/(3_2\/€)z
=[5~ V6] +[3- 26| = (3-V6) + (26 - 3)

=V6

Vay biéu thirc ¢6 gia tri la: /6 .

b. Dang 2. Riit gon biéu thirc va tinh gia tri biéu thirc

Vi du minh hoa 1. Rt gon céc biéu thuc sau:

a) 5v254> -25a Vo1 a<0 b) V494* +3a Vo1 a>0
¢) V16a* +6a>véi a bat ki d) 3J94° —64° véi a bét ki.
Huéng ddn giai:

a) Biéu thirc 5v254> —25a =5.|5a|-25a
vi a<0nén 5a<0, do d6 |5d|=-5a.
Vay 5v25a° —25a=5.(—5a)—25a =-25a—25a=—-50a.

b) Biéu thie v494® +3a = |7a| +3a.
V61 a>0nén 7a=0,do d6 [74|=7a.
Vay V49a® +3a=Ta+3a=10a.
¢) Biéu thuc V16a* +64° =|4a2‘+6c12 .
Véi moi ata déu cé 4a® >0 nén ’4(11’ =4a° .

Vay V16a" +6a” =4a* +6a° =10a’.
d) Biéu thirc 3v9a" —6a" =3.[3¢*|-6a’.

Néu a >0 thi 3¢>>0 nén

3 3
3a i:3a s

o

tacod: W94 —64’° =3.3¢° —64° =3a
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Néja<0thi&f<0nélﬁa1=f&f,mcé:
W94’ 64 = 3.(73.@3)76@3 =-154>.

Vi du minh hoa 2. Rut gon céc biéu thuc sau:

a) 4x—x?—4x+4Vv0Ol x =2 b) 3x+49+6x+x” VOl x <=3

: . [x=0 2
g ZXOVE+9 g |x dy YA i v
x-9 x#9 xX+2
Huomg ddn giai:

a) Biéu thirc 4x— X2—4X+4:4X—1I1(X—2)2:4X—|X—2‘

Vi x22 nén x—220,dodd [x—2|=x-2.
Viy 4x—¥* —4x+4=4dx—(x-2)=3x+2

b) Biéu thirc 3x+\/m=3x+\/(3+x)2 =3x+[3+2|
Vi x<-3nén 3+x<0,dodo [3+x[=-(3+x)

Vay 3x++4/9+6x+x" =3x—(3+x)=2x-3

x+6\/;+9= (\/;+3)2 :\/;+3
=9 (r+3)(Ve-3) Va3

d) Bidu thie Y t4xra (r+2) Jr+2)

X+2 x+2 x+2

¢) Biéu thirc

Véix>—2ﬂﬁx+2>0n&1h+ﬂ:x+2.

2
Vay\/;c+4x+47,\c+27

= =1
X+2 X+2

V61 x <=2 thi x+2<0nén |x+2|=—-(x+2).

Vay Vx2+4x+4A7—(x+2):_

X+2 xX+2
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BAI TAP TU LUYEN

Bai 1. Rut gon cac biéu thire:
f J6 by V10 4415
Y s i

2315210 ++/6 =3 "
252410 -3 +6 24

Bai 2. Rt gon cac biéu thirc sau:

c)

a) TINY o (,\>O y>0)
Y+ 4fxV
\/;+a( \f b\F la=06>0
ab—1 ab #1

o SNx ey (o oy
)k (Vx -y

d ‘x q\/_-5-1 >0

) x+2\/_+l( :
x—1 (\'—2 v+1)2

VFEA e

Bai 3. Rut gon va tinh:

a) J‘/;_l :\/‘/E_1 VOI a=7,25,b=3,25
\@+1 \/;+1

: 3 {5

b) \flSaZfSa\/]S +16 véi a= =1
- 2 5

c) J10a% - 4010 + 4 voi a:,|§+ /5

d) \/az+2\ia2—l —\jaz—Z a* =1 v6i a=+5

(xzLyzLv>0)
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HUONG DAN GIAI

Bai 1. Rut gon cac biéu thire:

(%]

rffwﬁiﬁ
\F\F\F(\E\F]I—7

a) Biéu thuc:

~]

.z ., . 3
Biéu thure rat gon la: \/;

\/ﬁ+\/g_\/§(\5+\/§)_£
B +412 . 2(\/5+\/§) 2

Js

Biéu thire rut gon la: BN

215 - 2410 +/6 -3
25 -210-3++6

25 (V3 -v2)+ 3 (2 - f)_zﬁ(\/?—ﬁ)—ﬁ(ﬁ—\ﬁ)

b) Biéu thue:

¢) Biéu thirc:

2V5(1-+2)-V3(1-+2) (2V5-V3)(1-+2)
(2\f V3)(V3-+2)

[
B)i-+2)

(245-
Ao
1-v2
Biéu thirc rat gon la: \/f\/\?
-2 .o \/5+\/5+\/€+\/§+\E
d) Biéu thurc: hadiida
:\/E+\/§+\/6+\/§+4:\/5+ 3+2+2+\/g+\/§
V23444 V2443444
\f+f+2 6+\f

“Daedi i
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VBB JEeNBeB
T RBai R

V2 (V243 +44)
NEPRCINA

Biéu thire rut gon la: 1+ \E

—1+42

=1+

Bai 2. Rut gon céac biéu thue sau:

i Ve(Vred)
vy ()

a) Voi (x >0,y > O) thi *

_Vx
b

2 L L oAx
Biéu thire rit gon la: —

e
a>0b>0 thi \/;+a\/g—\/g—b\/;
ab#1 ab—1
i) ) () )
R e T

_a-b
Jab -1

b) Vi {

Ja-

Biéu thirc rat gon la:
Jab -1

<

H

¢) Bidu thirc xgii/‘)[ (x-)

j;;:f x-2 o)

()
Vi +y

=x—\Jxy+y—x+2Jxy -y

—(x—2 xy+y)

:xy

Biéu thire rat gon la: J;
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N
(x+1) ‘\/}n‘ Jx+1

-2
d) Véi (x>0) nén, |= W+l _
x+2J;+1

Ve
\/;+1

et -2y +1)
b=V -t

e ) e [
N CE VTS P

Néu 0<y<1=Jy- 1<0:>‘\E 1‘ -(Wr-1),

.xl’\/}_l‘xl_("l) 1

hi =—

N N e R A S
Néu y>1=y- 1>0:>‘\G 1‘ (Vr-1).

Thi £ R I 1)= 1
-1 (em1)? \/54 (x-1) *-]

Biéu thue rut gon la:

e) Biéu thire (xz1,y£1,y>0)

Bai 3. Rut gon va tinh:

s L

_ Va-1 \/;+1_ (‘/;_1)(\/;"'1)_ a-1
WEH'WE—I\/(\/EH)( bl)_\/;
7.25-1 [625 [25 5
3,25—1_\/2,25_ 9 3

Vé&i a =7,25;,b=3,25 thay vao ta dugc: \/

n 1A , . ... 5
Vay biéu thire co6 gia tr1 la: 3
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b) Ta co:\/154° —8a15 +16 = (\Ea—4)' :’\Ea—4‘
L. 3 5 .
Vo1 a= \/; +\/;thay vao ta duoc:

‘\/Ea—4‘= \/E[\E+\E}4
\E‘f\/ﬁ 54
5 3

[ 2
c) Taco: \/10a2—4a\/1_0+4= (a 10—2) =
.. 2 5 .
Véi a= \/; + \/;thay vao ta dugc:
‘a\/ﬁz‘=‘[ﬁ+\ﬁ}\/ﬁz
5 2
\E.m+\g_m_z

d) Ta co: \ja2+2m —\}a2 —2m
:\j(az—l)+2\/ﬁ+l—\j(a2—l)—2 A -1+1

R
\/az—l—l‘

=[3+5-4|]=4

a\/E—Q‘

:\2+5—2|:5

Ja? —1+1

Vva® -1+1|-Wa*-1-1

Vo1 a =\/§ thay vao ta duoc:

W5 —1+1-V5 —1-1

:’\/zilﬂ‘f‘ﬁfl’

:’\/5—1+1‘—’\/5—1—1‘

:\2+1|7|271| =3-1=2
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c¢. Dang 3. Giai phwong trinh
Vi du minh heoa 1. Giai cac phuong trinh sau:

a) V2x+5=5 b) Vx-7+3=0
¢) \10(x-3)=+20 d) B2 =x+2

Huéng dan giai:
¢) Pidu kién xac dinh 13 2x+5> 0« x> ‘%

Khi d6, phuong trinh duoc dua vé dang;
2x+5=25<>2x=20<>x =10 théa man diéu kién
Vay phuong trinh da cho cé nghiém x =10,
f) Diéu kién xac dinh la x>7.
i-7+3=0Jx-7=-3
voi moi X=7tacod /x -7 >0va -3 <0 . Vay phuong trinh vo6 nghiém.
g) Piéu kién xac dinh la x>3
Khi d6, phuong trinh duoc dua vé dang:
10(x-3)=20=x-3=2x=5.
Véay x =5 langhiém cua phuong trinh.
h) Vo1 x+220< x=-2 thi
Vixt =x+2e 307 =(J(+2)2 37 =x7 +4x+4
& 2(x*-2x-2)=0e " -2x-2=0

& (1) -3=0e (x-1-V3)(x-1+43)=0

x—1+3=0 |x=1-3
< “
x—l—\/.a:O .x:1+x/§

Vay nghiém cua phuong trinh 1d x =1-3; x=1+/3.

(thoa man diéu kién)
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BAI TAP TU LUYEN

Bai 1. Giai cac phuong trinh sau:

a) V3x+1=4/10 b) V16-7x =11
) Va2 +6x+9 =3x-6 d) Vx?—4x+4-2x+5=0

HUONG DAN GIAI

Bai 1. Giai cac phuong trinh sau:
a) Diéu kién co nghia:3x+1>0 < x 2—%

Khi do, phuong trinh v3x+1= JI0 & 3x+1=10 x =3 (thoa diéu kién)

Vay nghiém cua phuong trinh la: x =3

b) V16-7x =11

Diéu kién co nghia: 16 -7x 20 < x < %

Khi do, phuong trinh Vi6-7x =11 16-7x=11 x = %(th(’)a diéu kién)
A ‘a , . . 5

Vay nghiém cua phuong trinh la: x = 5

¢) Vil +6x+9 =3x—6 < (x+3)2 :3x—6<:>‘x+3|:3x—6

x=2
3x-6=20 9
= [x+3=3x6 = X_E(TM)
x+3=-3x+6 3.
.l 0l _Z(L)

Vay nghiém cua phuong trinh la: x = %

d) Va? —dx+4 -2x45=0 (x-2) =2x-5 = [r-2|=2x-5
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X =

12| W

2x-5=20
=N [x+3—2x—5 <4 x =8(TM)

=2x
x+3 2x+5 x:§(L)

I11. BIEN POI PON GIAN BIEU THU'C CHUA CAN THUC BAC HAI

1. Kién thirc trong tim

1. DPua thira s6 ra ngoai dau can

+ V& A>0vaB>0thi VA2B = AVB

+V6iA<0vaB>0thi VA’B = -AVB
2. Pua thira s6 vao trong déu can.
+V6iA>0vaB>0thi AVB=+Aa2B

+ Vi A<0vaB>0thi AVB=-A%B

3. Khir mau cta biéu thirc ldy can.

FV6iAB>0vaB=0th |2=YA8
B |8
4. Truc can thuc & mau.
TSR TE) S5 1) T e A
JB B
C CWAEB)

+ Vi A>0va A= B? thi 5
JA+B  A-B

c___clazp)
JatyB  A-B

+V6iA>0,B=>0vaA#B thi

Dé don gian hoa viéc nhdn dang va xir ly bai todan, cac em co thé tham khao so do bén

dudi.
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MOT SO DANG CO BAN BIEN POI CAN THUC BAC HAI

Dang toan

Vi du minh hoa

V61 A=0vaB=0thi

JA%B = AB

V495 =\75=75

V&1 A<0vaB >0 thi

A28 =—aJB

(-3 13 =—(-3) V13 =313

Vo1 A= 0vaB=>0thi

AB =A%B

#23 =223 =12

Vo1 A<0vaB =0 thi

aB = A28

*37=-\(-3).7=—63
*xJT:fF:fm vo1 x<0

VoiA>0va AzB thi

C __cWATB)
JA+B  A-B

*\/E: /ﬂzﬁzﬁ.\{gz X Ay
Véi AB>0thi A_JaB TN TNy
B |B
Vo1 xy >0
VdiB>Othii=ﬁ *izﬁ
JB B Js s
s (6

£+2:(£+2)(£—2)

L5 5(J’7+2)
J7-2 (\ﬁfz)(ﬁu)

) 5(\/5+2) 5(ﬁ+2)

7-2? 3
V@iA>o,B>0ﬁi\;Bthi s sV
\/Z‘;/EZC( 2D T (V1-4B)(V7443)

52
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5(V7+B) (V74 4B)

7-3 4
), 2(V7-5)
NZENG _(\mﬁ)(ﬁﬂﬁ)

() ()

7-5 2 B

%

2. Cac dang toan

Vi du minh hoa 1. Rat gon céc biéu thirc sau bang cach dua thira s ra ngoai

dau can:

a) \/245.35 b) V63a® véi a<0

,2 374
c) 2xy" (9a’b

o — V61 a,b,x,y>0
3a Bxy’

Huromg dan gici:

a) Biéu thirc 24535 =449.5.5.7

= 492547 =757 =35{7.
b) Biéu thie V63a® =\9.7.¢° =ONTVa* =347 /4]

Vi a<0 nén |a|=-a. Do d6: V63a" =-37a.

2 314 2 5 2
¢) Biéu thue 22 240 2w .W
3ab '\ 8xy 3ab J 4230y

_ 2xy° Jg\/a_z\/c;\/bj
3ab \/Zr.,{ny.Jy_z

B 2)(),'2 3. ‘(1‘ bz\/g

 3ab’ 2|y|\%
B 2).‘y2.3.|a| b’ a
- 3ab.2.‘y‘ . Txy
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. . . 2xy (94°D*
Vi a,b,x,y>0nén |a|=a; |y|=y, tacd ——.
ab,x,y la| =a; |y|=> 2\ Sy’
21:y 3 ab‘ a
3ab.2.y QJLy N 2y
Vi du minh hga 2. So sanh:
X .1
a) 2+/3va 342 b) %.\Bva 6.\/:

) V7-V5va V543
Huong ddn gidi:
a) Dua thira s6 vao trong d4u cin réi so sanh cac can thirc tim duoc.
Ta cod: 243 =+/3.2° =V12;

W2 =423 =18
Vi V12 <18 nén 23 <32 .

b) Bién d6i twong tu cau a, ta co:

1£_J__ J‘
o[-

§<\/Enen—\/€<6\f.
¢) Taco:
(V7-V5)(v7++5)
J7+45
(V1) -(5) 75 o
V1445 145 V1445

(V5 -3)(V5 +3)
NP

"7 -5 -

*5-\3=
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() () _ 53 o
NSV N SO A -

Vi V7 +/5 > 5 ++/3nén

2 - 2
V745 54437

Vay V7-+5<5-+3

Vi du minh hoa 3. Rut gon cac biéu thire sau:

3+43 \/H V7

)1+\/_ 22

Huréng dén giai:

a) Cach 1: Phan tich tir thanh nhan tir roi rit gon.

3_,_\/5_\5(\/54—1)
1+V3  1+43

Céch 2: Truc cin thirc & mau.

3+\@_(3+\/§)(1-\/_) 3-3/3+43-3 —2( 5
V3 (1443)(1-43) 1-3 -

b) Cach 1: Phan tich tir thanh nhan tir rdi rat gon.

NEE N et B R T
2-\2 _\/5(\/5—1)_\/5_\/5.«./5_ 2

Céch 2: Truc cin thie & mau.

Jiz-y7 (V14VT)(2442) ogiz o7 e VaR-Ta

=3

2-\2 (2-\2)(2+42) 2> -(\a)
_2V14-27+2V7-Via _1a
42 2
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Bai 1.

Bai 2.

Bai 3.

Bai 4.

Bai 5.

Bai 6.

BAI TAP TU LUYEN

Pura thira s6 ra ngoai dau can
a) v49.360

c) m vol a<0

Pua thira s vao trong du can ;

a) 5\2

13 .
¢) x,|—vo1 x>0;y>0
x}l

Sap xép theo thir tu ting dan :

a) 5v2; 245, 243; 32
c) 4\/5; \/3_7;3\/;; 2\/E

So sanh :

a) V15 -V14va iz - 13

Rut gon cac biéu thire:

a) W2 148 — /18

b) \/_—%\/E+2\/ﬁ

¢) V254 +/49a —J64a v6i a=0
d)—@—;@i\/@ Véi b>0
Giai cac phuong trinh :

a) 5v12x — 43x +2448x = 14

b) V4x—-20+Jx-5 —g\/9x—45 —4

9 3«/{—52\/;3—7:\/;]

b) —+/500.162
d) %\222563 véiatuy ¥

b) —2+/5

=37 .
d) x,[— vo1 x <0
X

b) v27; G\E; 228; 57
d) 3v6; 247:4/39; 542

b)v/105 - V101 vav101 =97

56
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d) J36x-72-15 xzf =4(5+\/x72)

Bai 7. Phén tich cac da thuc sau thanh nhan t ;

a) 33 44/15-345

b) m+mvc’vi ~-1l<a<l

c) \/HT—\/b_S+\/£—Mvéi a>0;b>0
d) x—y+\/x}7—\/y_3vdix >0;y>0

Bai 8. Khir mau cua cac biéu thirc dudi dau cén va rat gon (néu c6 thé duoc) :

b)\g

3
a)\f7

11
c)\/;

Bai 9. Khur mau cua cac biéu thire dudt dau cén va rit gon (néu co6 thé duoc) :

a) —Xy, P— VOl x>0;y20
X

3
&) 2 v6i az0:b>0

49p
Bai 10. Truc cin thic & mau
2-3

21)3\/6

c) ;
2233

Bai 11. Truc cin thire & mau
Js-1
J5+1
I —
o 210 -5
4 —

10

a)

T
b) Y v6i x<0
35
3.
d) —Txy |—vOl x<0;y<0
Xy

by b
NI

d)1+ a

Ja

VoL a >0

37

7+2\,/§

d) 1+va

2—a

b)

Vol a>0;a#4
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Bai 12. Rut gon cac biéu thurc sau

560.34/15
a) —————
154/50.2418

x>
) ey

Bai 13. Thuc hién phép tinh :

va1 x>0;y>0

a) ! + !
3+\/5 3—\/5
o =3 5
Gsis 5B

Bai 14. Giai cac phuong trinh :
a) V2x—1=+2-1
¢) Va+5=43-2

Bai 15. Tinh gia tri cia cac biéu thirc sau

(1) -4
1-x

a)

(J_ J_) +4yxy di{ -

1+\f_

Vol x=2

y x2+2xy+y2

3.2 2.3 4
+y O T U
c)x )'\/x} Xy £y o,

b) 1!27(@—@)2

-2
d) —2= Vi x#2

Vx2—4x+4

2 2

P
W2-4 3244

3

d) 3
2W2-33 242433

b) V3x+11=3++2
d) Vx+38 =3+45

58
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HUONG DAN GIAI

Bai 1. Dua thura s0 ra ngoai dau cén :

a) Bidu thire 1/49.360 =+/49.36.10
= J4936.10 = 7.6.10 =42410

Vay biéu thirc ¢6 gia tri 1a 42410

b) Biéu thire —/500.162 = —100.5.81.2

= J100.4/81.4/10 = —10.9.4/10 = —90V10

Vay biéu thire ¢6 gia tri 1a —90410

¢) Bidu thire 1256 =25.5.0° =\/2_5.\/a_2.\/§:5‘a‘.\/§
V6i a<O0nén |a|=—a . Vay: V1250 = -5a\5

d) Bidu thire 22502 = 1225.a® = 2.15/a] =5]d].

Vay biéu thirc ¢6 gia tri 1a 5|a|

Bai 2. Pua thira sé vao trong dau can :

a) 5v2 =522 = /50
b) ~245 =225 =20

13 13 13 .
c) X, [—= /xz.—z f—xvt’n x>0;y>0
Xy Xy y
-37 37 :
d) x\/— :—\}xz.— =—-37x vo1 x <0
x x

Bai 3. Sip xép theo thur tu ting dan :

a) Ta co: 5\/5:\/5; 2\/5:@;2\/5:\/5; 3\/::\/§
Vi V12 <18 <20 <50 .
Do do: 243 <32 <25 <542 .

Facebook: https://'www.facebook. conv/thayphamnguyen 59



Pham Nguyén — DT 0935555826

b) v27; 6@:\/6; 228 =112; 57 =175
Vi V12 <27 <112 <175

Do do: 6 %-:JE(_’ 28 <57

¢) Ta co: 4\/:=\/§;\/3_7; 3ﬁ=\/a;2\/5=@
Vi 32 <37 < J60 < 63 .

Do do: 42 <37 <2415 <37

d) Ta co: 3v6 =+/54; 247 =+28; /39; 542 =450
Vi: V28 <439 <50 < /54 .

Do doé: 247 <39 <52 <36
Bai 4. So sanh ;

a) V15 -+14va V12 - V13

Ta co:
e T
s
CRCa
o seia JiI5+ s
1
15414
e (Y

Jia+13
2

(54) () 1aeis
TSN RN FEN e

1
144413
1 1
Vi\/E+\/H>\/H+\/E:> <
54414 J1a+413
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Vay V15 V14 <14 -13.
b) v105 —V101 va V101 - o7

(4805 -0t (4505 + V101
J10s + o

(*/E)Z*(\/ﬁ)2 _105-101
Jios 3101 105 +ho1

4

105 + 101
(«/ﬁ—@)( 101+\/5)
V101 ++/o7
(-]
N TTENCY

101-97 4

Ta co: V105 -+101 =

J101 -+/97 =

4 4
Vi V105 ++/101 >/101 +4/97 = <

J105 /101 V101 ++/97
Vay V105 —101 <101 -~/97

Bai 5. Rut gon céac biéu thuc:

a) Biéu thirc 3v2 +48 —18 =32 +4.242-3\2
—32+8V2-32 =82

Biéu thire rut gon la: 8\6

b) Biéu thire \/_—%\/E+2\/ﬁ:\/§—%.3 3+2.13V3
=3-3+2613=26\3

Biéu thire rut gon la: 26\/5
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c) Biéu thire v25a +/49a —/64a = 5\/; + 7\/;—8\/;

=(5+7-8)Va =4va v6i a>0
Biéu thirc rut gon la: 4\/E

d) Bidu thitc —/36 —%\/5419 +é\/150b:—6\/g —%.3 6b+§.5\/67;
= —63b—\J6b +J6b =—6b v&i h>0

Biéu thire rat gon la: 4‘3\/5

Bai 6. Giai cac phuong trinh :

a) Sv12x —4+3x +24/48x =14

Piéu kién: x>0

Phuong trinh bién dbi vé dang:
5412x —4+/3x +24/48x =14

= 10V3x —43x +83x = 14
= (10-4+8)V3x =14
e 143x =14

1 . LA A
3x=1=3x=1<x :;(thoa man diéu kién)

A . ~ . . 1
Vay phuong trinh da cho ¢6 nghiém x = 3

b) \/4x720+\/x757%\/9x745 -4
Piéu kién: x =5

1
J4x—20++/x -5 —%\/935—45 —4 & 2Wx-5+vJx-5 —;.3\/x—5 =4

< 24x-5=4

& \Jx—5=2=x-5=4¢ x =9 (théa man diéu kién)

Vay phuong trinh da cho ¢o nghiém la: x=9.

62
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0 Wxos Wx-1_ g

2 3

biéu kién: x=0

Wx-5 2Jx-7
TS =Jx -1

3(3\/1—5)—2(2\/5—7)
= 5 =vJx-1
@3(3\/;—5)—2(2\/;—7):6(\/;—1)
= 9Jx —15-4x +14 =6/ -6
= ox—afx—6Jx =15-14-6

& —Jx=-5

& +x =5 = x =25 (thoa man diéu kién)

Vay nghiém cia phuong trinh d& cho la: x =25.

d) V36x-72-15 x2—52 =4(5+\/x—2)

Piéu kién: x=2

J36x-72 1572 — a5+ Jx_2
25

<:>6\fx72715.§\/x72 =204+4x-2

S 6Vx—2-3Jx—-2-4Jx-2=20

& —Jx—2=20

SAx—2=-20.

Taco:vy=22= VI =Jx-220;VP=-20<0 = Phuong trinh vé nghiém.

Vay phuong trinh da cho vo nghiém.

Bai 7. Phién tich cac da thire sau thanh nhén tr
a) Bidu thue 3—\/5+\/B—3\E=\/§(\/§-1)+ \E(JE—s)

=3(V3-1)-V5.45(3-1)
=V3(V3-1)(1-45)
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b) Biéu thie Vi-a+v1-a® =Vi—a+ [{1-a)(1+a)
=Vi—a(1+\1+a) voi -1<a<1

¢) Bidu thite Va® —vB® +ab —\ab? véi a>0:5>0
_(\/ﬁ—@}[\/@—@]
=£[@J§]+JE[J¥J?]
=a(a-b)+b(a=b)

(a=b)(va+b)
(V=) (N + b )(Va+ b

(V=) (a+ Vo
d) Bidu thic x—y ++x% —yy* véix>0;y>0
(x—y)+(y«f;—y\/;)

()54
(-

Bai 8. Khir mau cua cac biéu thire dudi dau can va it gon (néu cé thé duoc) :

3o 3N BT V21
a)Bleuthuc\E_W_ﬁ.ﬁ_ =

b) Bidu thire | 7 - V7 _ N7 _ V75 35

20 20 245 2dsAfs 10
11 Vi Vit Vi3 VB3

¢) Biéu thirc |- =

12 Ji2 23 233 6

(GBf |a-e)
NE

d) Biéu thirc J

64
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(G- 5

NN N I

Bai 9. Khir mau cua cac biéu thire dudi dau can va rat gon (néu cé thé duoc) :

a) Biéu thirc —x»\[ —xy ’ =—Xy.—

1 el
=—XY.—AJXy = —y\/xy Vo1 x>0;,y=20
X

35*

¢) Biéu thue Sa’ Sa” b ~5ab = \/‘iab Vo1 a>0;h>0
V496~ \ 4952 ]b\
d) Biéu thuc ~Txy ’— =—Txy = —Txy.—~/3xy
o xv ‘XV|

=-Txy. L \/37)1: 7\3xy VO1 x<0;y<0
(—x)

3
b) Biéu thuc \/ 2" =\/ 32”35 | ’\/ 105x \/ 105x véi x <0

Bai 10. Truc cin thic & mau

I G AN RN T X
W6 3646 18 18
by ! V2-43
NS Ny Ny

f-E BB g
(e

c) 1 _ 2\/5+3\/§
2233 (242-343)(22+343)

242433 224343
G
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242433
-19

d) 1+\/;—(]+\/5)\/;— ¥ 6 a>0
Ja  Vaia a

Bai 11. Truc cin thirc & mau :

G (F)(5 )
\/§+l (\/54-1)(\/5—1)

a) Biéu thue

(\/5“)2 _6-2J5 _3-45
U

v 37(7—2\5)
7+2\/§7(7+2\/§)(7—2\/§)
737(772\/5)737(772\/5)

72—(2\/5)2 37
s (-5}
4-v10 (47\/5)(4“/5)
_8410420-20-5v10 _3V10 _ 10
42_\/52 6 2

1+\/;:(1+\/;)(2+\/;)
2-Va  (2-Va)(2+Va)

b) Biéu thurc

—7-23

¢) Biéu thuc

d) Biéu thuc

24+vNa+2a+a 2+4+3a+a .
= = vol1 a>0;a#4

2 _
S
Bai 12. Rt gon cac biéu thirc sau :

560315 1546015 41515 215 1

15J502{18  30450.18 245029 2103 2

a) Biéu thuc
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ﬁﬁ.(ﬁ—ﬁ)

b) Biéu thirc 27(\6 —«/5)2 =

o r(VEeh)
XXy )T s 0050 Ve
\/;4_\{}_’ \/;4.\/; X VOl x>y y>0va x#y

d) Biéu thirc X2 X2 X2 i
2

\/x2 —4x+4 \/(x_g)z “’C*“

Néu x <2thi ‘fo‘ =f(x72), ta co:

¢) Biéu thire

x=2 _ x-=2 _ x=2
\/x2—4x+4 |x72| 7()‘72)
Néu x > 2thi ‘x—z‘:x—Z,ta co: X2 _ X2 =
\sz—4x+4 ‘x—2| x

=-1

Bai 13. Thuc hién phép tinh :

| 3-243442
3+xf 3-2 (3 \/_)( —\/E)

a) Biéu thire

Vay biéu thire ¢o gia tri la: -

b) Bidu thi 2 2 2(3\/5+4)_2(3\/§_4)
) Biéu thirc W2 4 3244 (3\/574)(3\/5+4)

6\/_+8 62+8 16
(3\/—) o T18-16

Vay biéu thie ¢o gia tri la: 8

i s (S B) (5]
s B (BB

2572\/E+3+5+2\/E+3: 16 _Q,
R

Vay biéu thie ¢o gia tri la: 8

¢) Biéu thire

S —
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3 3 2\/5+3\/§f(2\/573\/§)
22-3 2 2+3\/§:3' (z\ﬁ_zﬁ)(z 2+3\/§)

d) Biéu thuc

. 63 :3_( 63 J:_IS\E
(2@)2_(3\/5)2 8-27 19

1843

Vay biéu thire ¢6 gia tri la: -
Bai 14. Giai cac phuong trinh :

a) Didu kién: x z%

2

Bién dbi phuong trinh vé dang:  2x—1=v2-1=2x-1= (\/’E— 1)_
©2x-1=3-242
& x=2—+/2 (thoa man didu kién)

Vay nghiém cia phuong trinh la: x=2 7\6

b) Diéu kién: x> _T“
. A A M 2
Bién ddi phuong trinh vé dang: \3x+11=3+v2 = 3x+11= (3+ \/5)

& 3x+11=11+6v2 < x=2+2 (thoa man didu kién)

Vay nghiém cua phuong trinh la: x = 2«/5
¢) Piéu kién: x>-5
Ta co: véi moi gid tri cia x=>-5 thiVI =yx+5>0, vP=13-2<0 .

Suy ra, phuong trinh +/x +5 = /3 -2 v0 nghiém.
d) Piéu kién: x >-38

C . 2
Bién doi phuong trinh vé dang: +x+38 =3+ J5 = x+38= (3 - \/E)

& x+38=1446y5 < x=-24+6V5(thoa man diéu kién)

Vay nghiém cua phuong trinh la: x =-24+ 6\/5

68
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Bai 15. Tinh gia tri cua cac biéu thire sau

(1+J§)2—4J§_1+2.\/I+(JI)2—4J}
- 1-x

2l () (1)

I N T

V&1 x=2 , thay vao biéu thirc da rut gon ta duoc: 1—\/,_ =1 —\.E .

a) Biéu thire

1Vx

Vay biéu thic ¢6 gia tri 1a 1—+2 khi x =2

(V=) +ar (S5) 2+ () +4d

b) Biéu thirc
I+ xy 1+4jxy
() 2o (b)) ()
B 14+4/xy - 144/ xy

X = L
Véi { thay vao biéu thuc da rut gon,

ta duoc: (\/;hﬁ)z (\EH)Z

1+\E ]+\,5 B

Vay biéu thire ¢o gia tri 1a 1++/2 khi {

1+\E

x=2

):

3.2 2.3 4
-2 ,  x+y lx +2x7y +x
c) Biéu thie : \/ u : Y

y x* +2xy+ y2

x=2 ,
Vi {‘ : thay vao biéu thirc, ta co: \/;(.H )= \/5(2 +1)= 32
y:

R » . o Cx=2
Vay biéu thuc co gia tri la 3\6 khi { :
y =
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RUT GON BIEU THUC CHUA CAN THUC BAC HAI

1. Kién thirc trong tAm

bé rut gon biéu thirc chira cin bac hai ta thuong thuc hién cac bude sau:
- Bude 1: Tim diéu kién xac dinh cia biéu thire (néu dé chua cho diéu
kién). Chuy diéu kién ciin thire, diéu kién mau, va diéu kién phém chia.

- Bude 2; Phén tich mau thanh nhén tir, két hop phan tich tir bing cac
phép bién do6i don gian.

- Budc 3: Bo ngodc, thu gon cac biéu thire mot cach hop ly. Két hop diéu

kién bai toan dé két luan.

Vi du minh hoa 1: Rit gon cac biéu thirc sau (TS10 HCM 2015-2016):

Jx +«/§—1+«/§—10
Jx=2 Jx+2 x-4

b) B=(13-43)(7+4/3) —8\/20+ 2443+ 2443

a) A=

(x=0,x=4)

Hudng dan giai:
a) Vo1 (x> 0,x=4) taco:

V(x4 + (D -2)+Vx-10 _2x-8

x-4 x—4

A 2

b)B = (13-4/3)(7 +4\/§)—3J20 +24/43+ 2443
=(23-1)*(2+3) 73J2()+2\;(4+3\E)2
= (33 +4) —820+2(4+33) = (33 +4)> 828+ 63

= (V3 +4) —8J(V3 +1)? =43+243-8(3/3+1)=35

70
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a—\/;+1 ) a+2«/;71
Ja-1 ' Va=+2

Vi du minh hoa 2: Cho biéu thirc: P =(

a) Tim diéu kién xac dinh va rat gon P.
b) TimadéP=5.

¢) Tinh gia tri cia P khi a =3+242

d) Tim a dé P la mét sé nguyén.

e) Timadé P<1 .
Giai :

o az0 a=0
a) Diéu kién:

\/Efmo@
a—\/g J[a+2\/§ 1}

a=z=l

+1|: —
Ja-1 Ja+2

- MH : \/5(\/5+2)_1 Va+1
) Va-1 Ja+2 _\/a_fl

Rut gon: P —[

la=0
b)Vc'n{

a#l

pose Yarl s a+1=5(va-1)

Ja-1

= a+l:5\/5—5<:>4\/5:6<:>\/_:%<:>a:% (thoa diéu kién).

i

Vay voi a:%thi P=5s.
¢) Khi a=3+2v2 =(v2 +1)’, thay vao biéu thirc P da duore rit gon,

Ja+1 ) (\/5+1)2 +1
Va1 () -1

taco: P =

7“/5+1‘+17\/5+1+17\/5+27
7‘\E+1‘717«/5+1717 2 e
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Jatl Ja1+2 a1 2 2
Ja-1 Ja-1 Ja-1 Ja-1 Ja -1

d) Taco: P=

A o ~ A ~ . 2 IS B n A ~
bé P la mét s6 nguyén thi Ta phat 1a mét s6 nguyén, suy ra
a —

Ja -1 phat la uéc nguyén cua 2.

s

Ja=2
a

\/E:O a=0

| Ja =-1(V6 nghiém)

Ja-1=2

Do do :

Vay vor a={0;4;9} thi P dat gia tri nguyén.

\/EH{ Jc_1+1_
Ja-1 Ja-1

Ja+1-(Va-1) )
= \/5_1 <le <0

Ja -1
<:>\/E—1<0<:>\/(_1<1

e)Pé P<le 1< 1<0

Sa<l. Két hop diéu kién suyra: O<a<l
Vay vo1 0<a<Ithi P<1.

Vi du minh hoa 3:

Cho biéu thire: M = xy —oy -y (TS 10 Khdnh Hoa 2015-2016)

1+xy

f) Tim diéu kién xac dinh va rat gon M.

g) Tinh gia tri ctia M, biét ring x = (17\@)2 va y=3- J8
Giar :

a) Piéu kién: x>0;y>0

72
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M:x\/;_\/;—}’\/;ﬂﬂ/;:x\/;—y\/;rﬁ—\/;
1+\/x_y 1+\/E
:@(\5—\/}_’)+(\/§—\/§):(J}—\/E)(\/EH):\/;_\/;

1+ /xy 1+./xy

b). Vi x=(1-V3) va y=3-\8=3-2J2=(2-1y
M =13 —J(2-1) =3 -1-(v2-1) =3 -2

2. Cac dang toan

Bai toan rut gon tong hop thuong co cac bai toan phu: tinh gia tri biéu
thirc khi cho gia tri cua an; tim diéu kién cta bién dé biéu thire 1on hon (nho
hon) mét s6 nao d6; tim gid tri ctia bién dé biéu thirc ¢ gia tri nguyén; tim
gia tri 16n nhét, gia tri nho nhét cua biéu thire,... Do vy, ta phai 4p dung

cac phuong phap tuong mg, thich hop cho tirng dang toan. (Vd 2).

a. Dang 1. Rit gon biéu thirc

BAI TAP TU LUYEN

Bai 1. Rit gon biéu thue: A:[l_a\/gﬂ/a}-{l_\/g
1*\/6_1 ‘ a

] (Vo1 a>0;a=1)

I1—a

Bai 2. Rut gon biéu thue; M =[a—\/‘;+l J(H

a—Ja
Ja 1 Ja

JVdi a=0;a#1.

.2 X 1 2 6 .
Bai 3. Rut gon biéu thie: B= + H1-—=4+——|vS1 x>0.
& (x+3\/; ﬁ+3J ( Jx x+3ﬁ]

x\/E \/5—2

Bai 4. Rat gon biéu thie: P= + VO x> 0:x %2
s 2Wxix2 x-2 ‘
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Bai 5. Rut gon biéu thire: 0 = VOl a>0a=4.

O(a aJ_\/EH

+ :
a-2Ja Na-2) a-4Ja+4
. , .z , 2 +4 .
Bai 6. Rut gon biéu thire: P = Jx + : al VOl x=20:x 4.
Vo2 Jx-2) Jx+2
Bai 7. Rut gon biéu thie: M:( L ! ].x * 2\/;vc')’i x>0x=4.
x—4 x + 4/x+4 Jx

Bai 8. Rut gon biéu thirc: N

[‘/\‘E—/’_ \/[ J(a\/!?—b\/&)

(Vo1 a>0.b>0,a+b)

HUONG DAN GIAI

Bail. Voia =20,a #1). Taco:

N {]i\}_ le}z [(l\/f_t)il_+ﬁ+\/_) IN(]_I)E{:\BT

_(1+2\/Z+\/EJ.(1+\/;) (1+J_) (1+\f) -1

Vay, A=1.

Bai 2. Vi a=0;a#1, taco;

() ) S S

=(Va+1)(1-Va)=1-a

Vay, M =1-a.

Bai 3.

74
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Va1 x>0

B(sf\rls][l%if}

ASNS S  O  B
Je(Vr+3) Vee3[| Ve Jr(Vr+3)
Ve o J,(\E—2+ 6 J
Vo3 Jx+3) 1 Vo Vx(Wx+3)

(x+1) [(x-2)Wx+3)+6
A x+3) ‘\/;(\/;+3)

Je+1) [ x+3J/x—2Jx-6+6
\/;+3 ' \/;(\/;+3)

_ Jx+1 _ x++/x J_[J;+1J‘J;(J;+l)
Vr+3 ) (Vx(Wx+3) ) (Ve +3 ) Vr(Wx+3)

_\/;H_\/;Jrl _
Jx+3 Jx+3

Vay khi x>0 thi B=1.

1

Bai4. V&1 x> 0;x =2, taco:

P 2 +\/§—2
_2\/;+x\/5 x—2
B ()
V2 dr(Vaedn) (Vr-V2)(Vxe2)

N
NCFN AN

Vay P=1.

=1

Bai 5. Vo1 a>0a24:
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Q‘[a_;/aﬂfaa_z]:afﬁlw

_ a L a ' Ja +1 _[ Ja L a J.(\/E_zf
Va(Va-2) Na-2] (Ja-2) a2 Va-2) Ja+i

_Na+a (Ja-2) a(+a) (Ja-2)

“Ja-2 Ja+l Ja-2  Ja+1
=Ja(a-2)
Vay, O=va(Ja-2)

Bai 6. Vo1 x> 0:x = 4:

po[ M 2 ) x+4
Vxs2 Vx—2) Yxe2

\/E(\/Ez)+2(\/§+2)]: 4
() ) e

_ x—2Jx +2Jx +4 X\/§+2
(ol )| s

- x+4 Vo421l

7(\/;+2)(\/§72)x x+4  Jr-2

1
Vay, P = :
Y \/;72
Bai 7.
Vo1 x>0.x#4.

M_[l l ]x+2\/§
-4 x4+ 4fx+4)  x

1 ﬁ( x + 2)
_(JE—2)(JE+2 J_+2)
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1

1
(Vi-2)(Vx+2) (x+2y

11 _(e)(rg) g
Jr-2 Jx+2 (\/E—z)(\/}+2) x—4

.(\/;‘FZ)

Bai 8.
Vo (a>0,b>0,a7£b).

b a
N:{ﬁ—\/a_bb}(a\/f_)—b\/&)

ab
[\
| aa) Ja(\/a_@)]"/_b(‘f *)

- M}.Ja_b(\/c;—\/g)
b

=b-a.

Vay biéu thuc ¢co giatrila N=b-a.

b. Dang 2. Rit gon biéu thirc — Tinh gia tri ctia biéu thirc khi cho gia tri

cua an.

Cac budc thuc hién:
- Rut gon, chu y diéu kién cua biéu thue
- Rut gon gia tri cua bién néu can

- Thay vao biéu thirc rit gon
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BAI TAP TU LUYEN

Bai 1. Cho biéu thire: P = x+\/;_ 2\/;*]_’_ x—6Vx + 4
Jx-2 Jx+2 x—4

voix =0, x#4

a) Rut gon biéu thuc P,
b) Tim gia tri ctia P khi x = 9.+ 4./5.

. V2 . 1 1 dx+2 ..
Bai 2. Cho biéu thuc: 4= - + )f+ vOl x2+1
x—1 x+1 x" -1

a) Rut gon biéu thie A.
‘ 4
b) Tim x khi A= ——
2015
Bai 3. Cho biéu thirc p:( x-2 , 1 ].\/;+1Vé’ix>0:x¢l.
x+24x  Wx+2 ) Wx -1

Jx +1
N

a) Ching minh ring P =

b) Tim cac gia tri ctia x dé 2P = 24/x +5.

+yt x+y

xz_xy_l_yz'xz_yz

Bii 4. Cho biéu thire: O = VO X#£ Y.

a) Rut gon biéu thure.

b) Tinh gia tri cia P khi x=7-43; y=+/4-23

JE+1+ 2Jx +2+5\/E
Jx-2 Jx+2 4-x

Bai 5. Cho biéu thic: P =

vOo1 x>0;x#4.

a) Rat gon biéu thirc.

b) Timx d& P=2.
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HUONG DAN GIAI
Bai 1.
a) Voix 20, x # 4, ta co:

_x+\/; 240x -1 x—0x +4

= - +
Je-2 Jx+2 (\/;—2)(\/;+2)

VO ) -V D -2 +x-63x +4
(Vx = 2)(Jx +2)

P

X x+2x+x+2\/;—2x+4\/;+\/;—2+x—6\/;+4

(x -2)(x +2)

X x+2x+\/;+2

C Wx-2)(x+2)

x4+ 42 (e +2)
Wr-Dx+2)  (x-2)(x+2)

N x+1
Jr-2-
. x+1
Vay voix =20, x# 4 thi P =
dy ¥ 2
b) Ta c6: x=9+4/5=(2++/5) théa man diéu kién x4c dinh

:>J_=2+J§.
9+4\/§+1_10+4\/§:2\/§+4

2+y5-2 5
Vay voi x =9+ 45 thiP=2/5+4.
Bai 2.

Khi do P=

a) Vol x =+1

Ao 11 4x+2 x4+l x-1 4x+2 x+l-x+1+4x+2
x—1 x+1 x*-1 x*-1 x*-1 x*-1 (x=1(x+1)
4x+4 4(x+1) .
= Vo1 X#+1

TGN+ (-Dx+l) x-1
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,\ 4 .
Vay: A=—] VOl x=+1
v

4 4 4
<:> =
015  x—1 2015

b) Khi A = - = x-1=2015
& x=2016 (TMDK)

Vay khi A = —2 thi x=2016.
2015

Bai 3. Cho bidu thirc p:( x-2 ! ],‘/;“ V6 x>0 x £1.

+
x+240x  x+2) JWx -1

a) Vol x>0:x =1

Tacé:P:[ X2 ! j\/;H

+ .
x+20x  x+2)Jx -1

x=2 Jx J\/}+1_(x—2+\/§}\/5+1
Vx(Wx+2) Jx@x+2) ) Vx -1 (Vx(Wx+2) ) Vx-1

(dpem)

) (\/}—1),(\/}+2)J Jr+1 Jx+l
x(Wx+2) Jx-1 Jx

NP

S x+2=2x+5Jx & 2x+3Jx—2=0

b) Ta co: 2P—2\/¥+5<:>2[‘/;“]_2\/§+5

@(\/hz)[f_%}:o@ \/_:%«:x:%(théa didu kién)

Vay x:%thi 2P =2Jx +5.

Bai4. Vo1 x=y:

3 3 2 2 , ,
a) 0- X +y Xty Ty +yT) X+y Xty

X oxpyt -y’ oyt (@-pNx+y) x-y

80
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b) V&i x=7-43 =,/(27\/§)2 =2-43;

y=4-243 = (\/5—1)2:\/5—1
x+y 23 +43-1 1

-y (2-B)-(B-1) 3-23
34243 34243

(3—2\/5)(3+2\/§) -3
3+243

-3

Suyra: Q=

Vay: 0=
Bai 5,
a) Vol x>0, x#4:

B

(Vxe1)(Vrr2)e 2V (Vx-2) ais0x
i) e

_x+2Jx+x+2+2x—4Jx 245V

(Ve-2)(Wr+2)  (Vr-2)(Vr+2)
3x—Jx+2 2+54x

(7] () 2)
C3x-Vx2-2-50x . 3x-6vx
(Vr-2)(Vx+2)  (Vr-2)(Vr+2)
We(Vx-2) 5
(Vx-2)(Vx+2) x+2

b) Vi x=0;x=4,d8 P=2

@i:2®3\/;:2\/;+4<:>\/;:4<:> x=16(thoa diéu kién)

\/;+2

Vay voi x=16thi P =2.
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c. Dang 3. Rit gon biéu thirc — Tim x dé biéu thirc rit gon dat gi tri nguyén

- Rut gon biéu thurc

- Lay tir chia cho mau tach biéu thirc thanh tong ctia mot s6 nguyén va

mot biéu thire ¢o tir 1a mot s6 nguyén

- Trong biéu thirc mai tao thanh, ta cho mau la cac uée nguyén cua tir dé

suyra x .

BAI TAP TU LUYEN

Vol (a>0a#la#2).

L2 -1 1 2
Bai 1. Cho biéu thic: P—[“ a-] _aNdT J-“

a—\/a - a+\/¢_z a-2
a) Rut gon P.

b) Tim gia tr1 nguyén cta a dé P co gia tri nguyén.

VOl x #0;x = +1.

Bai 2. Cho biéu thic: P—[”l’“‘l x3—4x—1} X+ 2017

x—-1 x+1 xi-1 X
a) Rut gon P.

b) Tim gi tri nguyén ctia x dé P ¢6 gié tri nguyén.

g 2x+1 1 x+4 .
Bai 3. Cho biéu thie, Q=| ————— ||l -————— | vO1 (x=0;x=1;).
Q (x\/;_l \/;_M x+\/;+1j ( )

a) Rat gon Q.

b) Tim gia tri nguyén cua x dé Q c6 gia tri nguyén.

.. S 1 | Jx .
Bai 4. Cho bleuihuc:P—( - J: vl (x>0).
x+x x4 x+2Vx +1 (x>0)

a) Rat gon P.

b) Tim xel] déP co gia tri nguyén.

82
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Bai 5. Cho biéu thuc: P:[ Jvéri (a>0,a+9).

S
@

+
§|~
+
(%)
N~

—

|
e

a) Rat gon P.

b) Tim a<[] déP c6 gia tri nguyén.

HUONG DAN GIAI

Bai 1. V6i (a>0,a#l,a#2):

a) P= aJ;fl_aJE+l_a+2
a—a a+Ja ) a-2

(Va-1)(asvas1) (Va+1)(a—va+1)] o0a

Ja (Ja-1) Ja(Ja+1) | a-2

_at a+L{a7JE+Q_a+272J2.a+272m72)

Ja a-2 JE'a—Zi a+2

2(a-2) 2a-4 2a+4-8
a+?2 a+2 a+2

b) Taco: P=

2a+4 8 3
_2a+4 )

a+2 a+2: a+2

P nhan gia tri nguyén khi va chi khi: 8:(a+2) hay (a+2) la udc nguyén cia 8.

a+2==x1 a=-1a=-3

a+2=x12 a=0, a=-4
= =

a+2=14 a=2, a=-6

a+2==x=38 a=6; a=-10

)

Két hop diéu kién a> 0-q = l;a=2 tasuyra: a=2 hodc a=06 thi P dat gia tri

nguyén.
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Bai 2. Cho biéu thic: p=| X1 X1 ¥ -4l x #2007 (o iy,
x—1 x+1 x -1 X

a) Vo1 x = 0;x = +1

£x+l x—1 x2—4x—1]x+2017
P= + .

x—1 x+1 x2 -1 x

(w1 —(x-1) +x2—4x—1] x+2017

(x—l)(x+1) x -1 x

(Jc2-~—23c+1)—(x2 —2x+1)+x2—4x—1} 42017
x' -1 '

X

=1 x+2017
x*=1) X

x+2017
X

x+2017 2017
=1+
x X

b) Taco: P=

= P& P lasb nguyén < 2017:x hay x la uéc nguyén cia 2017

(chuy 2017 la s6 nguyén to).

x=2017
x=1 x4 A c A

= | két hop dicu kién x = 0;x = £1, suy ra: x=2017.
x=-

x=-2017

Vay, vo1 x=2017thi P dat gia tr1 nguyén.
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Bai 3. Cho biéu thic: Q

a) Vol x> 0;x =1

2x+1

Jx

Ta co: Q—[ .

X

2+l 1

|

Jx

2x+1 1

xJ;—l_J;

x+4

_x+\/;+1

=i

]vé‘i (x20;x¢l;).

1 x+4

_x+\/;+l

|

x+4

)

-1

(o

2x+1 B

=1

)

X++/x+1

_x+\/;+l

x+1-x—4

(J;—I)(x+ﬁ+l)

2x+1-x—+/x -1

[rE

X++x+1

J

(\/;—l)(x+ x+1)

Jx -3

(\/;—1)(.1‘+\/;+l)

x—/x

S

x+\/;+1

Jx -3

(J;—l)(x+\/;+1)

Jr(Vx-1)

X+

x+\/;+1

x+1

|

Biéu thirc rat gon la: Q

(\/;—1)(1'+ x+1)'

=

X

Jx-3 } 3
Jx

Jx -3

b) Tim gia tri nguyén cia x dé Q co gia tri nguyén.

0

o oWx o x-3+3

1+

SN SR e

Jx -3

Pé Q co gia tri nguyén thi 35(\/;—3) hay /x -31a udc nguyén cua 3.
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_\/;—3:3 Jx=6 x=36
Jx-3=1 Jx=4 |x=
=

2

0

16 \
Suy ra: & (thoa diéu kién)
Vx-3=-1 |Jx= 4

X =
Vx-3=-3 |Jx=
Vay voi x={0;4;16;36} thi Q dat gia tri nguyén.

11 ]_ Jx
x+dx Ax+1l) x+2dx +1

x=0

Bai 4. Cho biéu thue: P = { Vol (x > O) )

a) Vo1 x> 0,ta co.

O U
P_[x+\/3_c \/;+]}‘x+2\/;+1
~ I

ﬁ%ﬁﬂ)iﬁl(ﬁ;ﬁ

| ()R s

_\/;(\/;H)} \/; - \/;\/; X

b) Tim x e[l dé P c6 gia tri nguyén.

Dé P dat gia tri nguyén thi P = I=x l—1 phai la s6 nguyén.
X X

Do d6 x la udc nguyén cta 1. Suy ra: B‘ i 1_?1(11(:; ié;wu kién)
Vay va1 x =1thi P dat gia tr1 nguyén.
. o 1 1 3) '
Bai 5. Cho biéu thire: P = m‘l‘m . 1—$ VOl (a> O,Clig) .

a) Vo1 a > 0;a=9,ta co.

a5 )-z)
_ Na+3+Va-3 (a-3
(Eslea
2a {42—3]2 2

Ja ) a+3

)

86 Facebook: hitps://'www.facebook.com/thayphamnguyen



Pham Nguyen — DT: 0935555826

b) Tim a<ll dé P co gia tri nguyén.

2 2 e . T A
bé P=——dat gia tr1 nguyén thi/a + 3 phai la uéc nguyén cua 2.
\/c_r +3
Ja+3=2 Ja=-1
Ja+3=1 Va=-2 o
Suy ra: (khong thoa man diéu kién)

=
Ja+3=-1 |Ja=-4
Ja+3=-2 |Ja=-5

Vay v6i khong co gia tri a <[] thoa man dé P dat gié tri nguyén.

d. Dang 4. Rit gon biéu thirc — Tim x dé biéu thirc théa biing hodic 16m

hon (nho hon) mgt s6 cho truée

- Rat gon.

- Cho biéu thirc riit gon thoa diéu kién ta dugc phuong trinh hodc bat phuong
trinh, chu y diéu kién cia an trong bai toan.

BAI TAP TU LUYEN

Bai 1. Cho biéu thire:

WEEEA

-1 x=1) Jx+1
a) Tim diéu kién va rat gon bicu thire.

b) Tim céc gia tri cua x dé 4 <0.

Bai 2. Cho biéu thic: P= (1 +

1 1
Jx-1) x=/x
a) Tim diéu kién va rat gon biéu thuc.

b) Tim cdc gid tri ciia X d& Py/5+2J6.(Vx ~1) =x-2005 412 +5.
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.. o 1 1 Jx L
Bai 3. Cho biéu thie P = + : vol x> 0:x #1
(x—\/; \/;_J T E> txl)

a) Rut gon biéu thuc P.

b) Tim cac gia tri cua x dé p> % :

2 1 .
Bai 4. Cho biéu thirc Pz[ (Vo1 a>0a#1)

Vi a ) ax
\/E—l a—\/:z Ca-1
a) Ruat gon biéu thirc P.

b) Tim cac gia tri cua a dé P<o0.

Vx 1],[1 2

\/;fl_xf\/; : \/;+1+x—1J (vo1 x>0, x#1)

Bai 5. Cho biéu thire M [

a) Rut gon biéu thire M,

b) Tim cac gia tr1 cua x dé M>0.

HUONG DAN GIAI

1 Jx)
Jr-1 x=1) Jx+1

Bai 1. Cho biéu thire: 4 _[

o x=0 .
a) Piéu kién: { L Khi do:

X #

A:{ 1 \E} 1 :[ Jr+1 \/E} 1

Jr-1 x-1) Jx+1 (\/}_1)(\/;.1.1) x—1 :\/EH
R L e LA N 1 Jr+1
(\/§+1)(\/E—1)\/E+1 (J}+1)(\/§—1)' 1

1

Jr-1
l

Jx -1

Biéu thue rat gon la: 4=
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b) Dé A<O<:>L<O<:>\/;—l<0<:>\/;<1:>x<l,

Jr-1

Két hop diéu kién, suyra; A<0<0<x<l.

2 1 1
Bai 2. Cho biéu thire: P=|1+ —_—
( J;_J x—+/x

L x>0
a) Piéu kién: { .
x#1

o (] 1 Jx-1+1 1
Khi do: P[l J;-lj'x—x/; ( Jx -1 ]'\/}(\/E—l)
Jx 1 !

VUV -1) (o)
b) P,J5+2\E.(\/Efl)2 =x—2005++/2 +43

= (\/_1 3 (V3 +42) (Va-1) =x-2005+ V2 +3
x-1

©|J§+\/§‘=x72005+\/§+\/§
e B+V2=x-2005+2+3
& x=2005 (théa man diéu kién)
Bai 3.

a) Vol x> 0;x#1:

P{x—lﬁJr\/;l—l]: x—;/\/;;H

ey )

e ] (F)(E) e

TE[E-) T ek x

Facebook: https://'www.facebook. conv/thayphamnguyen

89



Pham Nguyén — DT 0935555826

. s x—1 1
b) V&1 x> 0;x =1 thi x—>5<:>2(x—1)>x<:>2x—2>x
X

e x>2 (thoa didu kién) . Vay véi x>2thi P> % .

Bai 4.
a) Vol a>0a#1:

P:( Ja  a J Ja+1
Va-1 Ja(Wa-1)) Ja-Da+1)

[ Na 1
A Va-1 Va-1) Ja-1

-[ﬁ:i]_(ﬁ_l)-@_l

, a>0,a=l
b)Véla>0;a¢1thiP<0©\/E—l<0c> < 0<a<l.

\/§<1

Vay vor O<a<1x>2thi P<0.

\/\;/;—1 _x—lJ}J:(\/?clﬂerz—l]

a) Diéu kién: x>0, x 1. Khi do:

Mz[\/glx—lﬁ}[\/ifle]

Bai 5. Cho biéu thirc: M ={

Ve | - 2
e e (exee Moz e

el
(EE) ()

S L
Vel 1 x4l o
BN R (Vx-1)
_x

Jx

%0
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2 r—1 | A
b) Dé M>0<:>%>0ma x>0, x#1 nén Jx >0
X

Dodo: M>0x-1>0x>1
Vay x>1thi M >0.

e. Dang 5. Riit gon biéu thirc — Tim x dé biéu thirc dat gia tri 16n nhat
(GTLN), gia tri nhé nhat (GTNN)

- Rut gon.
- Bién d6i biéu thire (BT) vé dang;
+ S6 khong 4m + hing s6 = GTNN.

VD: A’ +m=m. Khi d6 GTNN cua biéu thirc bing m xay ra khi va chi
khi 4=0.

+ Hang s6 — s6 khong 4m = GTLN.

VD: M — A’ < M . Khi d6 GTLN ciia biéu thire bing M xay ra khi va chi
khi A=0.

+ Str dung bt ding thirc Cési: Cho hai s6 duong a va b, ta co:

a+b=2Jab . Dau “=" xdy ra khi va chi khia=b.

+ |4|+|B|z|4+B|

BAI TAP TU LUYEN
Bai 1. Cho cac biéu thire sau:
M:x+\/;—l N=-x+Jx-1+2

a) Tim gia tri nho nhét ctia M.

b) Tim gia tr1 lon nhét ctia N.
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Bai 2. Cho biéu thire:

1 2Jx -2 1 2 ..
- _ : - =0 1
¢ [\EH x\/;\/;ntxl}(\/;l xJ Vo=l

a) Rut gon biéu thuc.
b) Tim x dé Q dat gia tri nhé nhat.

Bai 3. Cho biéu thire:

15Jx =11 3Jx-2 2Jx+3

P= vOl x> 0;x #1

= + —_
x+2dx =3 1-Jx  Jx+3

a) Rut gon biéu thurc.

b) Tim gia tri 1én nhat cua P.
Bai 4. Cho hai biéu thire:

x+3 o Afx-1 sdx—2 .

=—— vaQ= 1 vol1 x> 0:x #4
Jx-2 Jx+2  x-4

a) Tinh gia tri cua bidu thirc P khi x = 9.

b) Rut gon biéu thirc Q.

P

N oy [ A 1A - P oy . 5 A
¢) Tim gia tr1 cua x dé biéu thure E dat gia tr1 nho nhat.
Jx 2 1

+

NS i

Bai 5. Cho biéu thire: A=(

a) Tim diéu kién xac dinh. Rat gon A.

b) Tim gia tri nhé nhét cua A.

HUONG DAN GIAI
Bai 1. Cho céc biéu thirc sau:

M=x—+Jx-1 N=—x+Jx-1+2

a) Piéu kién: x>0
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M=x-+x-1=x- x+lz—%—[\/;—l] —22—2

1" 5 5 1 1o s
Suy ra, Mmmc>[[\/_—5} —Z} Z_ZQJ;_EZOQXZZ (thoa diéu kién)

5 1
L= x=—,
min 4 4

b) Piéu kién: x=1.

Vay M

N=-x+Jx-1 +2=—x+1+\fx—1—i+%

Suy ra, Nm,dx@{—[\/x—l—%J +§} %

1 1 1 5 s a-A 1A
& \jx7175=0<:> Vx— =5<:>x71=1<:>x=1 (thoa dieu kién)

n 5 5
VaiyM_ =~ x==.
4 4

Bai 2. Cho biéu thue: 0= 1 _ 2Vx -2 ( I ZJ
- {\/;H x—Jx+x-1)Jx-1 x-1

a) Vo1 x=0;x #1 .

(1 2dx-2 V(1 2
Q(ﬁH x\/;\/;ﬂclj{\/;l x—J
_ 1 2(\/;—1) . 1 2
Jr+1 (x—l)(\/EH) 1 x-1 (\/}—1)(\E+1)

1 2(Vx-1) | Jx+1-2
Jx+1 (J;_l)(J;+1)2 (Vx-1)(Vx +1)
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v )

:'\/;*1: \/;*1 —J;l(f—o—l)\/;l
(\/§+1)2 (J?—l)(\/gﬂ) (\/§+1) Jx+1

Wx =1
Vay P= _
oA S
b)P—\/ CWx+1-2 2

\/_-»-l \/;+1 _\/;+1

2 2
P o|1l-— = —/— ~ \/;+1
o [ \/; + l}min [\/I + 1 Jmax ( )mm

Vi xz();x¢1:>\/;203\/;+121

:>(\/I+1) SYxtl=les 0= P =1- 2 _

min min \/6 + 1

VéY: Pmin=_1<:>x=0-
15Jx —11 3JE 2 2JE+3

Bai 3. Cho biéu thire: P =
x+2Jx - 3 o Jx+3

a) Vor x> 0;x=1 .

15Vx —11 3J_ 2 2Jx+3

x+2x - 3 o Jx+3
_Isde-11 3Jx-2 2Jx+3
_(«/;+3)(\/;—1) \/;—1 \/;+3
_15J}—11—(3\F—2)(\/E+3)—(2\E+3)(\5—1)
‘ )

P:
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) 15\/;—11—(3x+9\/;—2\/;—6)—(2x—2\/;+3\/;—3)

- (Vx+3)(Vx 1)

15Jx —11-3x=94x + 2Jx +6 - 2x+ 2Jx —3Vx +3
(Vx+3)(Vx 1)

 Sx+Tx-2 (\/;—1)(—5\/;+2) _=5Jx+2

TWE)(aon) (e e

Vay p=Vr+2
«/;4-3
5Jx+2 —5(\/;+3)+17 17
b) P= - S P
Jx+3 Jx+3 Ji+3
17
P <
" [\/}+3}max
Jx=0
Vixz0Ox#l=4 17 Onén PMQ(\EH) o Vim o x=0
> min
J;+3

A 17
Vay, P, :Tcuzo.

x+3 . Jr=1 5Jx-2
ao= +

v
Jx =2 T Jx+2  x-4

x+3 9+3 12

Jr-2 Jo-2 3-2

Bai 4. Cho biéu thirc: P = VOi x> 0;x = 4

a) Vo1 x=9.Taco: P= 12

b) Vo1 x> 0;x # 4, ta co:

0- Jx -1 +5\/}72:(\/}71).(\/§72)+5\/572

_\/)_c+2 x—4 x—4
Cx-3Ux 4245V -2 x+2dx  Jx(Wx+2) o Ux
- x—4 x4 (x+2)Wr-2) Jx-2
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. -, A LA . P e B X P ¢+ 3 3
¢) Tim gia tr1 cua x dé biéu thic 5 dat gia tri nho nhat: a LA Jx+

Jx Vx

] o _ .z 3
Ap dung bat dang thure Cost cho hai s6 khong am Jxva N ta co:

X

g— x+§%>2(¢ﬂ{j%}—%ﬁ

Lol . 3 A

Dau bang xay ra khi Jx = T < x =3 (thoa diéu kién).
X

Viy gié tri nho nhat cua g la [E} =23 x=3.

Vx ):
x/_lx\/_\/_l

Bai 5. Cho biéu thuc: A=(

o x>0
a) Diéu kién: { :
x=1

_(J§+ 2y 1. J£+ 2,1
I N N N N e

W) 2 -1 ox+2
IRVATOEE ) BN

x+2 2 x>0 2
b) A= ——=+x + —vdi thi \/;>0;—>0.
AV Np {m %

Ap dung bét dang thire Cosi cho hai s6 duong Jr>0,—— \/_ >0 suyra:

i A

5 4, =22 & Jx == & x = 2(thoa didu kién)

Jx

Vay 4, =22 & x=2
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V. CANBACBA

1. Kién thuec trong tam

-Néu x* =a thi x 1a cin bic ba cia a. Ki hidu: x=a
- Moi s6 a déu co duy nhét mot cin bac ba.

+ Cén bac ba ctia s6 duong 1a sé duong

+ C#n béc ba ctia s6 4m 14 sb 4m

+ Cén bac ba cia 0 1a sd 0.

- Néu A<B<:>%/Z<%/E
- V&i A, B bétki taco: YaB=YaB
3
- Véi A, B batki, B # 0 ta co: Ja_3a
B p
2. Cac dang toan

Vi du minh hoa 1: Rut gon biéu thurc:
) 8 - 2327 - L3023 b) J-1250" +6da’ +5a
Huréng ddn gici:
) ¥8 - 2427 - 23125

7 () -

=2,2(,g,é5

=2+6-1=7

b) ¥-1254° +3/64a’ +5a
= /(=5a)’ +3/(4a) +5a

=-Sa-+4da+5a
=4a
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BAI TAP TU LUYEN

Bai 1. Rut gon biéu thirc:

a) Y27 +3-8-Y-125 b) 31000 -3—27 -3 729

¢) 48+ 3135 384 - a0

Bai 2. Tinh:

a) ﬁ{g b) 54 :32
¢) Ys—\37. Ys+37 d) J-0,5. 31,25. %%

Bai 3. Rt gon :

& Y(a+1) +3(a-1) b) %/_2“_}“

c) {/f +1+3x(x+1) -3 (x—l)3
Bai 4. So sanh :
a) 332va 32 b) 7¥8va 837
Bai 5. Giai phuong trinh :
a) Y3x—-1=2 b) 3-2x+1=0
¢) Y4-2x+5=3

HUONG DAN GIAI

Bai 1. Rut gon biéu thuc:
a) Bidu thue 327 +3-8 -3 125

98
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b) Biéu thire 31000 —3-27 -3/-729

W T

=10-
¢) Bidu thire %/E + 3135 -3384 —a0

33635 a6 -Yas
=236 +335 436 —23s
=35 -236

Bai 2. Tinh:

a) Biéu thirc Jiﬁ (_ 39 _
16 4 16
b)Bléuthu’c %/5_4:%/_2:#%:”=3’(3)3 _

c)Bleuthu’cJS \F\ﬁ’”\ﬁ \f 8+\F)—\/82 37 \F 3

RESTER (e (R RRHER

Bai 3. Rut gon :

a) Biéu thire {’/(a+1)3 +%/(a—1)3 =a+l+a—-1=2a
- 3
b) Biéu thirc a+l - {/;Jrﬁ _(%+1)[Ja_2_%+1)
%/0_2—{/;-4-1 i/a_z—%+l Va? ~¥Ya+1

¢) Biéu thire ijB +14+3x(x+1) -3 ()c—l)3

=3fa+1

=%/x3 +3x% +3x+1 7131(1\:71)3

Y1) Y1y

:x+1f(xfl):2
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Bai 4. So sanh :

a) Taco: 32 =332 =54> 32 Nén 332 > V32
b) Ta co: 73/8 =372.8 = 32744 va 837 =837 = 33584 ma Y2744 <3[3584
Nén 7% < 8%

Bai 5. Giai phuong trinh:

Cha y: Khi giai phuwong trinh, cin thicc bdc ba khong cdn diéu kién ciia biéu
thire trong can, chi can chii y dén cac diéu kién ciia mdu, hodc cin bdc chdn
néu co.

a) Px-1=23x-1=8 x=3

Vay nghiém cia phuong trinh la x=3.
b)3-Y2x+1=0=3=32x+1e27=2x 11 x =13

Vay nghiém cua phuong trinh la; x =13

o) Y4 2x15=30t 2x=204 2x= 8 2x=120x=6

Vay nghiém cua phuong trinh la x=6.
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VI. ON TAP CHUONG 1

(a+b)’ =a* +2ab+5*

(a=b) =a*~2ab+*

/ a*—b*=(a-b)a+b)
3.3 2 2,3
/[o %ngﬁngwcdé"gnha% (a+b) =a’ +3a°b+3ab* +5
\

/
/

(a-b8) =a’-3a’b+3ab?- ¥

&’ +b =(a+b)d" —ab+b*)

a' =b =(a-b)a* +ab+5")

C#n béc hai clia a B sd x sao cho X=a

6 C#n bic hai

Cin bic hai 55 hoc cla a B x s20 cho ¥ =@ (x20)
/ Va20vaz0
\_Cang thire r
0;6>0 a>0b>0
/ < [550850 =5 [
/ la>b
/ 9 Héng dang thire

leng =axbh

(A vid=0

]\C_éngm JF=|4
=4 wid<0

/ 0 Khai phuang mgt tich ing ik JiB =i

/ Nhin céc cin thic bic hai | =29 TWC

(420.B20)
VANB=VAB (420B20)

Khai phufdhg mt thirs \[‘_BT=§_§ L e
- al p Ng Mo ng _ ,
/{ Chia hai can thi'c bac I\ai] Céng thirc

A A

—= = (420;B>0)
JE B " :
Yéc dinh didu kidn cie bidu thirc

/' Tim c3n chung, bicu thifc in hgp, hing d3rg thirc,...
Bién doi don gidn 4/
¢dn thifc bac hai \

Bua thia s3 ra ngoai can
\ Cang thue

CAN BAC HA1
CAN BAC BA

JEB=|4B (B=0)

AJB =48 (420,820)

AJB =—J#B (4<0:B20)
VB

T (4B 20;B=0)

4 _AyB

/" JB B

Bura thira s5 vao trong cin

Kni méu cba bigu thic By cén

Tryc c3n & mdu

o &

_CWA-EB) ¢
\ :/4 +:}B

_Cifd++B)
A2 Ji-B A-B
\ C _CWi-B) C _CA+B)
Tim didu kin cua bidu thirc s_}‘-l +B A-B' T J4-B A-B
Cin chung (co ban)

Biéu thirc ién hgp

0 Thue hién phép tinh
& RUt gon bidu thire

~_ Hing d2ng thic

Bura thira s5 vao trong cin
hodc Ra ngodi cén

\ Thye hién phi hdp, tao
\\Rt'ngon

\ Tim gié tr] bifu thirc vira it gon

biéu thife in quan

C3n bic ba claa B ¥ sao cho *° =@

{[a_;=a Vae R
Cong thite_ /.~ Yad =Yaifo

N
\[;-iﬁ (6=0)
,3/6:0

O Cén bac ba
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BAI TAP ON CHUONG 1

Bai 1. Thuc hién phép tinh :

2) [2«/8—4\/@5(—%«@}.3\@

b) 2\5(273\5)%172\5)2 +6:/6
0) (20%—15@%5):@

Bai 2. Thuc hién phép tinh:

1

V [Iiﬁﬁiﬁﬂ}'(ﬁﬁ)z

3+2\/_ °+\/_ "
") 3 \E+1 ( +\/_)

N |of 4] T

Bai 3. Phan tich thanh nhan t (a.b,x,y>0; x> y):

a) 5+x+25-x

b) xy —xfy +/y -1

&) Na—b-Na® -1?

d) Vax +fby —Jbx —Jay

Bai 4. Rut gon ro1 tinh gia tr1 cua cac biéu thire sau:

a) A=2x+Vx>—6x+9 VOl x=-5
2
b) B=+v1-6a+9%* -3avéi a =3

102
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Bai 5.

Bai 6.

Bai 7.

Vax? +4x+1

c) C= 9 (x2—8x+16)vé'i x=8
x“-16
f 2
d) Dosx-YOX 0xHl o6y 3
1-3x
Giai phuong trinh :

a)%\/ZE*\/EJrS:l\/‘E

4
b) V3-x—~27-9x +1,25v48-16x =6
0 sdx-2 2

8Jx+2.5 7

d) Vox* +12x+4 =4

Chimg minh cac dang thirc sau:

a+b-2vab 1
Va—b Na+b

W26 4 2
b)[\/ﬁ+2 3 }E_ ]

c) [2+E€J.[2Ti\/\%}=4avé’i a>0.a#l

d) [3+2\/§+2+ﬁ}
B+2 241

Cho biéu thirc:

a)

[\61\/3?]1

P=[ 2 ., IGJ: 2 1| vei —1<a<1.
Ji+a 1—a?
a) Rat gon biéu thire P.

b) Tinh gi tri cia P v6i a = %

¢) Tim gia tri ciaa dé P=2

=a-bvot a>0:b>0,a%b .
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Bai 8. Cho biéu thirc:

x+1 \/;—l_x\/;+«/;—x—l

a) Ruat gon biéu thice Q.

\/;}:[ 1 e ]""’iDO;x#ﬂ

Q:[H—

b) Tim cac gia tri cua x sao cho O > 1.

Bai 9. Cho biéu thire:

3(Vx+3

R 2Jx N Jx _ ( ): 2‘/;72,1 VOl x=0;x#9
Jr+3 Jx-3 x=9 Vx-3

a) Rut gon R.

b) Tim cac gia tri cuia x dé R <—1.
¢) Tim cac gia tr1 cua x dé gia tri cua biéu thire R nhé nhat, tim gia tri

nhé nhét do.
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HUONG DAN GIAI BAI ON TAP CHUONG 1

Bai 1. Thuc hién phép tinh :

a) Biéu thuc [2«/8—4\&5(—%\@].3\6

:2J€3J374J§3JE+5J53J3—%v@sdg

:6NEE—12NE§+15¢T_—%AQE

—36-36+2 43043 -3V3
—36-36+2+273

b) Biéu thirc 2J5@—3q§)+ﬁ—2J5f+6JE
=4J576v€+{174J5+8)+6Jg

=9

¢) Biéu thirc (20\/300 15675 +5\/%) 15
=(200V53-225¢§l+25q§):qqg

—0:15 =0

Bai 2. Thuc hién phép tinh:
a [N SRR R
)[I—JE 5442 lj (V2+1)
(B B) (B B)(FE)|
) (Jgfﬁ)(«gﬂﬁ) .(JEH):

{ 25+§2}'(ﬁ1+1)2[Bfﬂ'(ﬁlﬂf

(J5+ﬂ2 1 1

NG
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3+2\/_ °+\/_
® \/_ \EH( ﬁ)

B3 ()

B e
=3i2+42-2-43
-\2

T 5

—5.|3|.[6. %Mﬁzj

i
o -3
N 5 \ﬂ;\f
f N

=

M|w l\)\

P L
2

1
5

=6.3—+2

Bai 3. Phan tich thanh nhan to (a.b.x,y > 0;a> b, x> y):

a) 5+vx+25-x

=5+ x+(5+\/;)(5—\/;)
:(5+«/;)(1+5+\/;):(5+\/;)(6+«/;)

b) xy—x\f;+\/)_f—l
:xﬁ(\g—l)+ﬁfl=(\ﬁfl)(,‘c\6+l)
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c) mf\}az —b?
=J(I*b*J((£*b)(a+b) =\/afb(lf\/a+b)

d) Vax +Jby —Jbx - Jay

- (Va )+ 5 (Vo -a)

~Jx (Ve 5)- 5 (Vb - a)
— (Vb ){x 5]

Bai 4. Rut gon ro1 tinh gia tri cia cac biéu thire sau:

a) A=2x+Vx>—6x+9 :2x+1f(x73)2 :2x+|x73|

Véi x =-5, thay vao bicu thire: 4 =2.(-5)+ -5-3[=-10+8=-2

Vay A=-2.
b) B= 1—6a+902—3a=\’(1—3a)2—30=‘l—3a‘—3a
.- 2 . .2 . 2 2
Vi a:E,thayvaobleuthuc. B= 1—3.5—3.5:‘1—2‘—2:1—2:_1

+l|

Véi x =8, thay vao biéu thirc: € = ‘ ( 4)=17'4 17

V9x2—6x+1 3)‘*1 ‘315 ]l
1-3x

d) D=5x- 5
1 3x 1-3x

"5 l‘ 10

Vo1 x=-3 - _M_
o1 x . D 5.( 3) 1_3‘(_3) ~15 m 16
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Bai S. Giai phuong trinh :

Bai 6.

a) Biéu kién: x=0.

PT: gm_mﬁ_%m@&_}ljm_s@% Py

o4x=10
—4x =100 < x =25 (thoa diéu kién)

Vay phuong trinh da cho c6 nghiém la: x =25
b) Piéu kién: x<3

PT:\V3—x —\27-9x +1,25J48-16x =6
S3-x-3B-x+53-x=6

S33-—x=6y3—-x=2

—3—x =4 < x =—I(thoa diéu kién)

Vay nghiém cua phuong trinh la: x =—1
¢) Diéu kién: x>0

5Vx -2
PT:L:%QSS\/;—M:M x+5=19Jx =19

8vx+2,5 7

@&zl:le(th(’)am.ﬁn)

Vay phuong trinh ¢6 nghiém la: x=1.
A PTNO 1125 +4 =4 \[(3x+2) =4 o fx+2 =4

2
3x+2=4 3x=2 x==
= L
{3x+2:—4 {3)::—6 3

Vay tap nghiém cua phuong trinh la: §= {—2;%}.
Chimg minh cac ding thire sau:

a) Vo1 a>0b>0a#b

_a+b-24ab | 1 _(\/;‘\/f;)z' 1
Ja—\b Na+db  Na-\b Na+ib

:(\/;_\/E)(\/;+\/E):a—b (dpem).

VT
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b)[3ﬁ+f r] > {ﬁ(ﬁﬂ) wgJ )
Z-

\/1_2+2 3 2(\/54-1) 3 ﬁ

{\/_ \/_] \/— 26 %——l(dpcm)

¢c) Voi a>0.a=1:

[2+ﬂ}[z—ﬂ} 2+—JE(J;_1) . 2——\/5(“\/;)
-1 1++va \/Z—l 1++va

:(2+Jc_z).(2—\/§):4—a(dpcm)

34243 2+42) (. 1
d)[ﬁ+2+ﬁ+l}'[l\/§+«/§J
B \/5(\/?+2) \/E(JEH)
- \/§+2 ! \/5+1

:(ﬁ+«/§):(\/§+\/§)=1 (dpem)

};(\m\/y‘,)

Bai 7.
a) Vor -1<a<l

p_[2+m}[2+1}

_ 2+\/1—7 ) 2+m

[ )

_7+\/: ﬂm \/—
Vi+a 2+\/l a’

. / 25
b)VO’la:Eé}’: 1_E: 2_:_
49 49 49

¢) Tim gia tr1 cua adé P=2
P=2&1-a=2 =1-a=4<a=-3(khong thoa diéu kién —1<a<1)

Viay khéng ¢o gia tri nao ciiaa dé P =2.
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Bai 8.
a) Vo1 x> 0;x # +1

i EN 2 )

x+1 ) \/;,1 XX +x —x—1

[x+1+\/;_ 1 2
e+l o (&—1)(“1)

_xtyx 4l x+1—2x/;

x+1 '(\/;—1)(”1)

=x+\/;+1. (\/;_1)2 _X+ x+1_\/;—1
x+1 ‘(\/;_1)()(_,_1) x+1  x+1

B x+\/;+l x+1

x+1 '\/;,1

_x+\/;+1

© Jxod
x+\/;+1> x+\/;+l

b >l le™——"——-1>0
)Q \/;—l \/;_1
C>x+\/;+1—\,/;+1>0<:> x+2 20

Jx -1 Jx -1
x+2

Vi x>0, nén x+2>0 nén >0<:>\/;41>0<:>\/;>l<:>x>]

Vr-1
Vayvor x>1thi 0>1.
Bai 9.

a) Vo1 x=0,x#9

N R 3(\/;+3) :[2\/—__2_1J

R=

+ —
e+3 a3 x-9 Jx-3
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e e ) ) 2s e
I L
C2x—6Vx+x+3x =3V =9 Jx+1

) (\/E+3)(\/§—3) x-3

 3x-64x -9 .\/}+173(‘/;+1)(‘/;‘3) Jx -3
7(\/}+3)(\/§—3)\/;f37 (Vr+3)(Va=3) Va1

(Vx+3)

Vi x20:>\/;+3>0

b) R<-1&< <-1&<

nén 4\/3_‘:_6<0<::>4\/;—6<0<::>\/;<<§<:>x<2
Jx +3 2 4

Viy voi 0£x<% thi R<—1.

¢) Tim céc gia tri ciia x dé gid tri cua biéu thuc R nho nhat, tim gia tri
nho nhét do.

R:3(x/§—3)_3(\/}+3)—18_3 8

(\/;+3)_ (\/;+3) - \/;+3

ol ot

Taco: x>0Jx>0=>/x+323.
Do d6: (J}+3) ofx+3=3Jxr=0x=0

Vay, Rmin:3—%:—3@ x=0.
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VIL PE KIEM TRA CHUONG 1

PE SO 01
I. TRAC NGHIEM (3,0 diém). Hay chon mét dap an tra 1oi ding
Cau 1: Diéu kién xac dinh cia Jx—2 la:
A x=2 B x<2 C x>2 D x<2
Cau 2: Cho +x =3 thi:

A x=3 B x=-3 C. x=9 D x=-9
Cau 3: Cho /-64 = x thi:
A x=8 B. x=-8 C.x=4 D x=—4

Ciu 4: Két qua caa phép tinh: (V3-2)(\3+2)la:
Al B. -1 C.5 D. -5

, |
Cau 5; Két qua cua phép tinh: ——1a:
q phep N

A V241 B. —(/2+1) C V2-1 D. -(+2-1)
Cau 6; Két qua cua phép tinh; 36 —/81+3/-27 1a;
A 6 B. -9 C. -3 D. -6

I. TU LUAN (7,0 diém)
Céu 1 (2,0 diém) Thuyc hién phép tinh

2) (V12127 a8)3 b) \/%\/8:1 \/3_7;

Cau 2 (2,0 diém) Tim x biét

a) \J(x-5) =2 b) % 64x +%\}81x =7

4 2 7
J (vo1x20; x=1)

Jr+1 Jx-1 x-1

Chu 3 (3,0 diém) Cho biéu thic: P =

a) Rut gon biéu thirc P.
b) Xac dinh xdé P<-2.

112
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DAP AN
Phan Cau Dap an DPiém
: A 0,5d
PHAN L 2 C 05
TRAC ’ D 0,5d
NGHIEM | 4 5 5
(3 diém) 5 y 054
© D 0,5d
a) (V12427 -48) 3 = (43 +03-163)3 | 0.25d
=(2V3+3\3-43)\3 =33 =3 gi;

Cau | V&Y (V12 +27 —-/48)3 =3
1 b)\/ﬁ (8,1\/%_\/16.8,1,90_\}16,81.9 0,5d
9V 4 V25 9.4.25 9.4.25 0,25d
68l 49 18 _ . \F}s,l\/% 18
= ——====— Vay. J—.]—.==—
425 25 5 oVa4V25 5 0254

. a) J(x-3)" =2 |x-3|=2 0,254
PHAN IL 05
g A x—=5=2 x=7 >
TU LUAN & o
. L—s =2 L:; 0,25d
(7 diém)
Vay x=1{3, 7
&7 0,25d
Ciu | b) DKXD: x>0 0,25d
0,25d
I N P N A L
2 3 2 3
L 4\/;-0-3\/_' =7 09256

& Tx =7 Jx =1 x=1 Thoa man didu kién 0.25d
Vay x={1}

Cau | a) Vo1 x20; x= 1 ta ¢co:
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Vay iﬁx<l thi P<-2

po 42 k-7 0,754
JJ_r+1 \/;—1 x-1
AW -2 +)-(x-7)
(x+D(x -1) 1d
:4J§—4—2J§—2—J§+7: Jr+1 1
Wx+Dx -1 Wr+DEx-1) Vr-1
. 0,25d
Vay P——\El_l Véi x20; x#1 ’
b) Vi x20: x# 1=>P = 0,25d
Jx-1
Dé P< -2 thi <-2 0,254
x_
o1 +250@2‘E‘150
Jx -1 Jx-1
= 24/x —1va+/x -1 khac déu 0,25d
Lap bang xét dau ta co: %£x<1
0,254
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PE SO 02
Cau1: (2.0 diém)

1.1. Tim didu kién dé biéu thirc V3x+1 c6 nghia
1.2 Tim x biét : \/(x—+3)* =3
Céu 2 : (3.0 diém)
2442

2.1. Truc cin thirc & mau:
l+\/_

2.2 Tinh: A = 557735
2.3. Tinh: B = /18 ++/50 —+/98

Cau 3: (2,0 diém)

3.1. Tim gia tr1 lon nhét cua biéu thire: P = 2+/x - x

3.2. Pon gian biéu thue: M=(\ﬁﬁ+\/§]:\/§
d

)(\/;H \/;+2)
\F Vx Vx-2 Yx-l

Ciud: (3,0 diém ) Cho biéu thirc Q =(———

4.1. Rat gon biéu thure Q
4.2. Tinh gia tri cia Q véi x=4-243
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DAP AN
Cau | Ngi dung Piém
1.1. Dé biéu thire co nghia thi 3x+1 >0 0,5
Suyra: 3x=>-1 0,25
Vay XZ—l
1 3 0.25
(24) 12. \/(x—\/§)2=3<:>‘x—\/§‘ =3 0,5
*Khix 23 <> x—V3=3 < x=3+3 095
* Khi x S\EC} x—\/gz—3<:> x:\/g—3
0.25
142 1442 0,5
-2
0.5
22, A= 55477.435=4557735 025
2 = J5.11.7.11.5.7 0,25
(3d) — J27 1 0,25
=57.11=7385 0,25
23. B=18+/50 /98 =/9.2+ 252 /492 0,5
=32 +5V2-72
= (3+5-7)V2=12 0:2>
0,25
31 P=2«..F—x:1—x+2\/;—1:1—(x/§—l):Sl 0,5
3 0.5
maxP=1voix=1
2d)
30 M=(\g—£+\/§];\/§=(§f—%\/§+\/§}\/§ 0.5
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3B 3(Bo) 3

=(l_§+1}5;\g 0,25
35523 0,25
5
Cach 2: M:JT i+ 0,5
25 V25
I 3
=531 0,25
_3
5 0,25
4.1
X X 0,25
Q=(\/—] \/—) (\/\/:Jr; \/\/:tz (x> 0x #1lx#4)
_Vx-(x ) (WxHD).(x D) -(Wx +2)4x -2 0,5
Yx(x-1) (Vx-2).(Vx-1)
I e B D i e QL 0,5
&(&—1)’ Wx-2.(Jx -1)
Xx—1-x+4 0,25
\F(\F D (x-2(x-1)
4 _ 1 xeek) 0,25
Vx(x-1) 3
(3d)
_Jx-2 0,25
3V
4.2,
X=4-23=(5-1) 0,25
J By o2 [ W3-1]-2
WaB-y 33| o
fB-1-2
0,25
e 1(D 0 \3>1) ;
-3 \BA-\B)_-B 0.5
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MOT SO BAI TOAN CHUYEN CO CHUA CAN THUC TRiCH TU

VIIL
PE THI HQC SINH GIOL THI CHUYEN TOAN 9
CoJx o 2x+4x 2(x-1)
Caul: ChoP= = Y% _ +
Xx++x+1 \/; \/I -1

a. Tim PKXD rdi rut gon P.

b. Tim gia tri nho nhat cua P.

¢. Tim gié tri nguyén cia biéu thirc Q =

2/x

Hiréng ddn gidi:

a. Diéu kién xac dinh cua biéu thirc la . x>0, x# 1

b P= \/}(\/E—l)(x+«/5+1)_2\/;_1_2(\/;

X+vx+1

P= x—\/;+1

1y 3 3
-]z
Min P = > khi x=%.
c. Q= 21 —%

\/;+ﬁ—l

Vorx>0vax#1.

+1)

Ap dung bt dang thirc C6-si (Dang toan GTLN, GTNN) cho 2 s6 duong ta co:

1
M=Jr+——-1>1=0<0<2

Jx

Dodo Qez<=0=1

\/;+1

Ciu 2: Cho biéu thirc: A = n

Jx . xx —5x+64x —24

Jx -3

a. Tim tap xac dinh va rit gon A.

b. Tim gia tri nho nhét cua A.

\/;+3

x-9
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Huéng dan gidi

®

Tap xac dinh : x =0 vax #9

(Vx +D(x +3) +/x(Vx =3) + x/x = 5x + 6/x — 24
(Vx =3)(Vx +3)

xx =3x+7Jx =21
(Vx =3)(Vx +3)

A=

(Wx=3)(x+7) _ x+7
Wx=3)Wx+3)  Jx+3

boA L XTOHI6 o

16
Jx +3 Jx +3
Jx +3+

-6

16
\/;+3

W)

16

<
Jx +3

Vay GTNN cia A =2 khi v/x +3= X +3=4x =1 (théa man

diéu kién).

. 2x +1 Jx x—4
Céu 3. Cho biéu thuc: P = - | x——
au S, Sho bien e [x\/;ﬂ x_\/;HM J;_zj

a. Ruat gon biéu thuc P.
b. Tim cac gia tri cia x dé PJ4-x <0.

Huéng Ddn Gidi
a. Dieu kién xac dinh: x20;x#4

Rut gon P = 2x+1 Vx .(x X_4J
XvVx +1 x—J;+l J;—Z
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i 2x+17\/;(\/;+l). (2)(Vx-2)
(\/;+l)(x—&+l)

X—vx+1 -
oy

- (Vx+1)(Vx-2) =k -2

Vx +1
Biéu thirc rit gon la: P =+/x -2
) x<4 x <4
b. Tacod P\/ﬁ<0@{(\/§_2)m<0©{&<2©x<4

Két hop voi diéu kién ta cd 0<x <4 la cac gia tri can tim.

\/}+4_\/§+3+ 8Jx +9
Je+3 Jx-2 x+Jx-6

Céu 4: Cho biéu thirc: P=

a. Rat gon biéu thirc P.

\/47\/E+J4+\/E

10

b. Tinh gia tri cia P khi x =

¢. Tim tat ca cac gia tri caa x dé P co gia tr1 nguyén.

Hudng dan giai

a. DKXD:x>0,x #4

\/§+4_\/}+3+ 8/x +9

Vi3 Jx-2 x+vJx-6

_ Vx+d Vx43 o 849
Vi3 Jr-2 (fr-2)(x+3)

_ (Vx+H(x-2)-(Jr+3)(x +3)+8x +9
(Vx-2)(Jx+3)

_ x+2Jx—8-x—-6Jx—9+8/x +9
(Wx-2)(Vx +3)

Taco:P=
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_ 4k 4
Vx-2)(Wx+3) Vr+3

4

\/;+3
Vi x— Ja—15 +J4+15

10

Biéu thirc rut gonla: P=

b. =1 ( théa man diéu kién) thay vao P ta co

4

\/I+37

P= 1

4

\/;+3

c. Voix=0taco P =

Vi Jx+323 véix >0vad>0 =0<P<l

Do P co gia tringuyén — P =1

Céu 5. Rut gon bidu thire A=(Vx—1-1) P dx—344dx—1 véi x =1,

Hudng dan giai

" 2
Rt gon biéu thire 4= (Vx—1-1) +y4x-3+4Jx—1 véi x>1
Ta o6 (\/x—l—l) —x—2Jx-1
Vi 4x~3—1—4\/‘x"~1:(2~./:\'—~1+1)2

Do véi x =1 thi 24 —1+1>0 nén Vadx—3+4/x -1 =2Jx—1+1
Vay A=x+1.
Caiu 6:

a) Tinh gia tri biéu thirc: M = (8 =332 +V10) (W2 +10): /64
b) Khong ding may tinh hay so sanh: A=+10+13 vdi B=+11++12
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Huwéng dan giai

a) M =(8-3vV2+10)2 +10): ~64
M = (242 =32 +10)(v2 +10): §/(-4)’
M = (2 +V10)(2 +10): 64

M=8:(-4)=-2
b) A*=23+2110.13 =23+24/130
B*=23+2J11.12=23+2132

=B >4, ma A>0,B>0. Viy B> A.
Cau 7:

Vr-2 Jr+2

.2 1-x.,
a) Rut gon biéu thire P = . Y
) Rt N SN TN

x +1

b) Tim gia tri x nguyén dé biéu thire M = nhan gia tri nguyén.

X—

Huromg ddn giai
a) PK: x=20,x=1
oo V-2 Jx+2 | (1-x)°
L Wx-DErE) (xe)?|o2
- N O R s
RN TN Sl 2 =—x+x

b) Tacod Mf:x+l+i1
xi

M nhan gia tri nguyén < x—1 la udc cua 2

x=0
x—1==1 x=2
= = )
x—-1=%2 x=3
x=-1

Vay cac gia tri x thoa diéu kién bai toan la {-1,0,2;3}.
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2a (Va2 ~3b ) 35 (2 - 3b) - 2ava
a 2+@

Ciau 8. Cho biéu thuec M =

a. Tim diéu kién ciia a va b dé M xac dinh va rut gon M.

b. Tinh gi tri ca M khia= 14342, b —10+¥.

Huéng ddn giai

 2Ja(Va +V2a -38) 3B (2a -3B) - 20va
i N2+t

a,h=0 {a>0
o

PK xac dinh ctia M:
az0 b=0

_ 2a+2aN2 - 23ab +23ab —3b - 2a\2

M

a2 +3ab
_ 2a-3b _ (N2a+\Bb)N2a-3b) _2a-3b
a2+B3ab  JaW2a+3)  a

, 3b ..
b. TacoM = 2- = véi a=1+3\}2,b=10+¥
a

36 30+22V2  (30+22v2)(3V2-1)  102+68V2

T4 a2 a+32)6v2-) 17

Vay Ez\/6+4ﬁ=,/(2+\5)2 =242

TrdoM=2-(2+2)=-2

Cau 9. Rat gon cac biéu thirc sau;

a. A=(5+\E)(\/ﬁ—£)\/5—@

b. B= \/\/§+2\75\/\/§—2 5+l
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Hudng dan giai

a. A=(5+21)(VI4-V6)5—21 =521 (V14 -6 )5+ 214521
=V2V5+21 (V7 -V3) 2 =410+ 2421 (V7 -+3) 2
- (\/7+\/§)2(ﬁ—@).ZZ(\ﬁ+\/§)(\ﬁ—\/§).2=8

b Tacs [\/\E+2+\/\/§—2J: 542445 -2420V5 42452
. : ;

J2
=@=\/§+]

SuyraB=0.

Cau 10. Rat gon biéu thue:

Jmﬂ{\/(zﬂ)?' —\/(Z—X)B}
A=

4+4J4-x

vor —2<x<2

Huréng dén giai:

Dit a=v2+x;b=+2-x (a,b=0)
=a’+b’=4;a°—b*=2x

V2+ab(a’~b*)  V2+ab(a—b)(a’+b* +ab)

=>A= =
4 +ab 4 +ab
A V2+ab(a—b)(4+ab) _Jazab(ab)

4+ ab

— AV2 =4 +2ab(a—b)

= AV2 =,/(a* + b +2ab)(a~b)=(a+b)(a—b)

S AR =2 b =2x > A=x2
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Cau 11, Cho A :\/20162 +2016%2017° +2017*.
Chimng minh A la mot sd tu nhién.

Huwoéng ddn gidi

Cho A =+/20162 + 2016220172+ 2017> . Dat 2016 = a, ta ¢6 -

A =+/2016> +2016>2017* + 20172

:Jaz+a2(a+1)2 +(a+1)’
=J@ +a+1)y =a*+a+l

Via=2016 1a mot sb tu nhién, nén A 1a mot s6 tu nhién.

Bai 12: Thu gon cac biéu thirc sau:

a A= Jx + 3 _\/;+3 voi ¥20 x#9
Jr+3 Jx=3) x+9

b, B=21(\/2+ﬁ+\/3—\@)2—6(\/2—ﬁ+\/3+£)2—IS\E

Huéng dan giai

a. Voix=20vax#9taco:

Y [ Jx 3 J\/—+3 x=3x+3Jx+9 | Jr+3 1
Jr+3 Jx-3) x+9 (Ve+3)(Ve-3) | x+9 Va3

1

Jx-3

Biéu thirc rat gon 1a: 4=

b. B:%(\/4+2\@+\/6—2\E)2—3(\/4—2ﬁ+\f6+2\5)2—ISJE

Ta co: \/4+2\f:1/(\6+1)2:\/§+1; \/4—2\6:,/(\/5—1)2:\5—1
6— zJ_fﬂ/ —5-1; Jo+245 = (\/§+1)2:\/§+1
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Do do, B=%(\/§+1+\/§—1)2—3(J§—l+\/§+1)2—15J1_5

:%’(JLJ%)Q ~15J15 = 60
Cau 13: (Khong dung may tinh cam tay)

a. Chung minh (\/573\/5)\,410+3\/ﬁ =2

aWa-1)  a
a—1 a+\/;

Rt gon rdi tinh gia tri ctia P tai a = 20147 .

b. Cho biéu thac P = voia>0vaal.

o

Huéng ddn gidi:
a. Ching minh: (\/2_”—3\/_)\}10+%\/_ 2
Ta co: (F %«f)\j10+3\r

=211 =310+311

=(J11-3120+6411 (\/_ I
W =3)11+3)=11-9=2

b, po 4= a (PK: a>0vaa#1)
a-1 a+a
Taco: P= a(\/zil)f Ja _oa b arl —Ja-1

a-1  giJa Ja+1 a+l Ja+1

c. Vo1 a= 20142, taco: P=+42014" -1=2014-1=2013
Ciu 14.
a. Rat gon biéu thire:

P:\/2+\/5_\/2+\/2+\/§_\/2+\/2+\/2+\/§.\jz—\/2+\/2+\/§

b. Cho x=3/1+65 —\65 -1 . Tinh Q= x* +12x+2016

126
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Huréng dan giai:

a. Cachl

Tacod:

* \/2+\32+m .\/27\/2+m

[ E BT b
] \/zz_[mf - fi (o)

=\2-42+3

Suyra :

P:\/2+\E.\/2+\/2+\5,J2+\j2+\/2+\5_\/2—\/2+\/2+\E

P2 B2 2. Jz-m
B (VB

— 243 \4- 2+f
—\2+B2-3

= 2—(\/3_3)2 =J4-3=1

Cach 2 :
P=+2+3 J2+\/2+ \]2+\j2+\/2+ \/2—\}2+\/2+ .Suyra:

P’ _(2+\/5).(2+M).{2+\12+m}[2—\/2+MJ
(2+\/§),(2+m),(zm)
P2(2+\/§).(Z+M).(2—m)
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P =(2+3)(2-\3)=4-3=1

ViP>0nénP=1.

b. O=x +12x+2016 véi x = Y1+/65 — /65 -1
3
Taco - x° :({’/HJ@W@])

:(%/HJ@T 3({/1+\/E)2.%/\/§1 +33/1+\/E.({/\/t¥1)2 (i/J6_51)3

= 1465 65 +1-34V65 ~ 11+ V65 ({1 Vo5 ~ V65 -1}
Y (-

- 23364 165 - V65 1)
:212_(2/1+\/§%/\/51)

=2-12x.Viy: x’ =2-12x

Dodd: Q=x"+12x+2016=2-12x+12x+2016 =2018

Cau 15.

a. Rat gon biéu thue:

A:( x+2  Jx+2 1 J Jx +1

+ + ;
x\/;—l X+x+1 1—\/3_c x+~,/;+l

(\6 —1).3/10 + 643
21445 +3

vol x =20, x #1.

. R 2013
b. Cho x = , tinh gia tr1 ctia biéu thie P = (x2 +4x —2) .

Huéng ddn gidi:

x+2+x+\/;—2—x—\/;—1_x+\/;+l
(J;fl)(er\/;H) Jx+1

a. Bién dbi biéu thirc A4 =
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x—1 x+ax+1

— . =1
Wx—Dx+/x+1)  Vr+1

Vay A= 1.

(B-URGBY (BopaBy 2

b. Taco: x= = = -J5—
neet JW20 417 +3 V2044 2(J5+2)

:>x2+4xf2:(\/§f2)2+4(\Efz)f2:974\/§+4\/§f10:f1

2013

SP=(¥+4x-2) = (1) =1

Vay P=-1 .

Ciu 16.

 Cho Al ¥ x=3 TVxw10) Jxe7
o Jx-2 x+2dx+4  xfx-8 ) x+2dx+4

Tim x sao cho A<2.
Huwréng dan giai:
Diéu kién xac dinh cta biéu thirc: x>0 va x#4.

) J}(x+2&+4)—(x—3)(ﬁ—2)—(7ﬁ+10)_ Jx+7

. (Vi —2) (v 245 +4) ETEN

Ay Jxer4(Yre2)
C(Vr-2)(xravxrd) xe2dxad o JerT

4(Vx +2)

Pébiduthic d<2—— 12
J;+7

@2(\/;+2)<\/;+7@\/;<3@05x<9.

0<x<9

Két hop vai diéu kién ta co {
x#4
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Ciu 17: Chimg minh dang thirc: J\/gf\/3f\;294] 25 = cotgas’

Huéng ddn gidi:

Tacc'):VT:\/\/g—\B—m =\/\B—,ﬂ3— (2J§—3)2
o2 = 5[5

=1 = cotg45” (dpcm)

\/X—MH/’HW _[1 1 J
\/xz—4(x—1) x—1

Cau 18: Cho biéu thirc O =

a. Tim diéu kién cta x dé Q co nghia
b. Rut gon biéu thirc Q

Huéng ddn giai:
a Qconghia < x>1va x=2

b O_\fx—‘/ﬂf(x—l)+\/x+,/4(x—1)_(l_ 1 ]
T Jx2—4(x—l) x-1

Jer=1)=2dx—T+1+J(x=1)+2Vx=1+1 y2

Jxi —dx+4 x-1

YT )
J(x-2) x-1

Q2|Jﬁ—l|+ﬂ+l_x2

|x72‘ x—1

0=

l—\!x—1+\fx—1+1.x—2

*Néul<x<2taco: Q= 5 A
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2 2
Viay biéu thue O = -
* Néu x > 2 ta o

_Nx—l-I+Vx—1+1 x-2

)
¢ x—2 x—1
Vay bidu thire 0= ——=
: u Q0=
Y vx—1
Ciu 19: Tim gi tri 16n nhét cia biéu thie M =2 Yoltayy—4
xy
Lo a-A n , 1 y—4
Véidieukién x>1,y>4 taco : M= +
X ¥

Ap dung bit ding thirc Cési cho hai sé khong am,

. l+x-1 x Jx-1 1 T
Taco: Jx-1=Jl{(x-1)< =2 = <= (vi xduon
* (¥ 2 2 =7 ¢ 2

N 1 I 4+y-4 ¥
Va Jyv—-4==J4(v- . _
a \jy 5 4() 4)3 B 1
:>—“y_4

.})

o |

s% (viy duong)

.

vx—1 N V-

x v

_3

S M=
uy ra 1

1
<—+
2

=

Vay gia tri lénnhétcﬁaMlé% & x=2,y=8

Ciu 20. Rut gon cac biéu thire sau

1 1 1 1 1

= + S L + +
1445 5449 o+ 13 V2001 + /2005 /2005 + /2009

a. A

b. B=x"—3x+2000 v&i x=33+2v2+33-242
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Huréng dan giai:
a. Taco: A= V5 -1 + Vo5 + V13-49 o+ 2005 -+/2001 N V2009 -4/2005
5-1 9-5 13-9 2005-2001 2009-2005

2009 -1

Rut gon, ta dugc A = m

b. Ap dung cong thire : (aurb)3 =a’ +b*+3ab(a+b) , voi

a=3+242,b=33-22

Taco x=33+2v2+33-2V2 =a+b

= 5 :(a+b)3 =a’+b* +3ab(a+b)=a’ +b* +3abx

oy =(3 + 2\/5)+(3 - 2\/§)+3.{}(3 + 2«./5)(3 - 2J§).x
oy =6+339-8x

& X0 =6+3x
Viy B =x’ —3x+ 2000

=6+3x—-3x+2000
= 2006

Két luan B = 2006.

Bai 21.

a. Tinh tong: P:£+i+i+...+i
15 35 63 399

c

b. Choa, b, ¢, d lacac sb duong va =

a_
=
- r 1
Hay truc can thirc & mau cua biéu thire sau:

Jaib o rdd
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Huréng dan giai:
a. Taco
P= i+ 2 i 2
15 35 63 399
2 2 2 2
=— +—t . +—
35 537 179 19.21

11T 1 1 1 1 I 1

b. Bién ddi1 biéu thirc sau :

1

1 _
Ja+-Jb ++Je +Jd _(\/E+\/57)+(\/5+\/E)

_ (Ja +4d)-(b ++e)
| )+ (b +4o) | (Ja+Jd)~(b +Vo) |

Ja+Jd-B -2

:a+d+2\/£—(b+c+2\/5)

 Jasd—Jb—e
a+d+2mfb7c72ﬁ

Ja+d —b-e

a+d-b-c

(a’o %:gﬂad:ijZN/ad —2\/5]
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2x+2/x* —4
i -4 +x+2

Huréng dan gidi:

CAu 22: Thuc hién tinh: 4 = voi x =26 +3
Bién dbi biéu thuc:

A_\/x+2+x—2+2«/(x+2)(x—2)_ \/(\/x+2+\/x—2)2 g
- JE+H2)(x=2)+x+2 _\/x+2(\/x—2+\/x+2)_\/x+2

1 - 1 e
V261213 B2y 32 V3o

Thay x= 26 +3 vao duoc:

Vay 4=\3-2

3x+\Ox—3 Vx4l Jx-2

Cau 23: Cho biéu thire K =
x+dx =3 Jx+2 1-x

voi (x=0;x#1)

a. RuatgonK

b. Tim x nguyén duong dé K nhén gia tri nguyén.
Huromg ddn giai

3x+\/§73_\/;+1+\/572

x+vx=3 Jx+2 1-x

) 3x43vx =3 (Va+ 1) (Vx -1) - (Ve -2)(Vx +2)
(Vx+2)(Vx-1)

a. Bién d6i biéu thuc K=

x+3x+2 _(\/;”)(\/;“) Jx +1

s () e

JE+1:_l+ 2
Jx - Jx -1

b. K=

—_
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K nguyén khi 2 chia hét cho (Vx -1) <x-1€U(2)

Jr-1=2 Jx=3

=9

Jx-1=-2  |Jx==1(Loai)
o o |lx=4
Jx-1=1 Jx=2 =0

Jr-1=-1  |[Jx=0
Vi x nguyén duong nén x = {4;9}
Viy, dé K nguyén thi x = {4;9}.

Ciu 24. Cho x - 2

| |
[_\/ﬁ+1—l_\]ﬁ+1+l}

Tinh gia tri cta biéu thire: 4= (x'—x* —x* +2x 1)

Hiréng ddn giai:

Taco x=

1 1
[J\EH]_\/\EHHJ

-2

] (3

J2+1-1

2016

Ta Iai co:. A :(x4 —x3—x:+2x—l) 7[()(_ l)(x3 _x+])]20]6

Thay x=+/2 vao A, ta duoc:

2016

A=[(Vz-1)(a2 -z o) = (Vo) ()] = e =
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Chwong 2: HAM SO BAC NHAT
I.  KHAINIEM HAM SO

1. Kién thirc trong tAm

- Néu dai luong y phu thudc vao dai luong X (thay dbi), sao cho voi mdi

gia tri cua X ta ludn xac dinh dugc mét va chi mét gia tri tuong ung cua 'y

thi y duoc goi la (dgl) ham sé cua X, va X dgl bién sb.

+ Kihi€u: y = f(x), v = g(x),...

+ Khi X=X, thi gia tri cia ham s§ f(x) tai X, la f(x)). Ki hiéu:
Yo=/(%) .

+ Tap hop cac gia tri ciia X dé ham s6 y = f(x)xac dinh goi la tap xac
dinh ctia ham sé.
Ki hiéu: TXD =D.

+ Khi gia tri ciia X thay d6i, ma gia tri cia ham s6 y = £(x)khong thay
d6i (ludn nhan mot gia tri nhat dinh), thi ham sé d6 goi 1a ham héng.

+ Ham sd c6 thé duoc cho boi cong thirc v = f(x)hodc bang cac gia tr1 x,
y trong ung.

- D6 thi ciia ham sd y = f(x)1a tap hop tat ca nhimg diém M(xo;yo) trong

mit phang toa d6 Oxy sao cho ¥, = f(xo).
+ Diém M(xy; ) ) bét ky duoc goi 1a thude d6 thi ham sb
y=f(x) & fx)=x
+ Diém M(Xg; ¥ ) bt ky khong thudc db thi ham s néu y = f(x) <

S (%) # ¥
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+ Biem M(xp:¥) : khoang cach tir M dén truc Ox: (7,0, = vl 5
khoang cach tir M dén truc Oy: d(y/,0,) = |%o| . Khoang cach tr M dén
gdc toa do O (0;0) la d( MiO) =m .
- Su déng bién, nghich bién ctia ham so:
Cho ham s6 y = £(x)xac dinh trén tap D.
Voi A;% bat ky trong khoang (a;b) va X <X
+Néu /(n)<f(x) e f(xn)-f(x)>0
= Hamsb y = f(x) déng bién trong khoang (a;b).
+Néu f(x)> f(xy) & f(x2) = (x) <0

= Ham sb v=f(x) nghich bién trong khoang (a;b).

+ Viéc chitng minh ham sé dong bién, nghich bién con dwogc sir dung dé tim

GTLN, GINN ciia ham so trong mét khoang gia tri cho truoc ciia bién.
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Cong thiic ¥ =f(x)
) inh nghia ham s& Tim diéu kién xac dinh cla ham sb
Tap xéc dinh D /\'/ TXD: viét tap hop cac gia tri
. xthod mén dieu kién

DB thi ham s§ la tap hgp tdt ca nhifng
di€m (x;: v ) thoa man biéu thic y = £(x) .

i 2 i€m (x0: 30 Gcdothi flxw)=Mx
KHAI NIEM Oaﬁthi ham s& / Diem [ xp thudc db thi 0

HAM sO

Di€m(x0: 30 ) khdng thude dd thi /()= .

Tal x=4=>3=S(x)

PP P
Tinh gia tri cua ham s6 y= f(x) . < ux=xn= 1= f(xn)

Cho ham s6 »= f(x)v6i x<x .

, Slx).
€) sy bién thién cda ham s& |- Tinh .\~

N ,f""'- J< f(x3)=> Ham sé ddng bién

Néu -
< flx1)> f(x3)= Ham sé nghich bién.

SO BO: KHAI NIEM HAM SO

2. Cac dang toan

a. Dang 1. Tim diéu kién x4c dinh ciia ham s
PHUONG PHAP GIAI TOAN
1. Tim diéu kién xac dinh cia ham sb 1a di tim céc gia tri sao cho biéu

thirc cua ham s6 co nghia

2. O day ta can chu y diéu kién cua mau thire, biéu thire trong can, ...

Vi dy minh hoa 1: Tim di€u kién xac dinh cua cac ham s6 sau:

1 1 1
a) y=——x-3; b) y=——++1-x c) y=
) y=-3 ) Y= Vv a3
Huéng ddn gidi:

a) Ham sb y = f%x -3 xac dinh vo1 moi x thude R.
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b) Ham s6 y = ++/1—x xac dinh vé1 x thoa méan:

1
V2x+1

c¢) Ham s6 y = ! xéc dinh véi x théa man: x> —320 x> £3ox#4/3.
x° -3

BAI TAP TU LUYEN

Bai 1. Vo1 gia tr1 nao cua x thi cac ham so sau xac dinh:

-1
R - B S
a) y=x A b) ¥ (x+1D)(x-3)
1 3Wx-1
c) y=—0—-= d) y=—7—7—
x°=2x+3 |x|72

Bai 2. V&1 gia tri nao cua x thi moi can thure sau ¢6 nghia:

a) y=vx-5-vx+3 b) y=vx+2+v2-x

HUONG DAN GIAI
Bai 1. Voi gia tri nao ciia x thi cac ham sb sau xac dinh:
a) Ham sé y = x° — 2x” + x —1 xac dinh v&i moi x thude R.

b) Ham s y = xé4c dinh khi:

=
(x+D(x=-3)

_3 jx+l¢0 x#=-1
(x+1)x )¢0<:>lx73¢0<:> 3

bl
¢) Vi x2—2x+3:(x—1)' +2 > 0vo1 mot X thude R.

C ta A 1 e N .
Do d6, ham s6 y = —————xac dinh vé1 mo1 x thude R.
x°=2x+3
: 3Wx-1 , . .
d)Ham so y= 2 xac dinh khi:
Xl—<
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x—1>0 x21 x>1 x>1
= — =
If-220 " ||d=2 " |xz2  |(x=2
A 1AL s . e 1s Lo | x21
Diéu kién c6 nghia cua ham so la:
xE2
Bai 2. V&i gi tri nao cua x thi mdi can thire sau co nghia:

a) y=+/x—5 =yx+3

N T e <. |*x=5=20 x=5
Diéu kién c6 nghia cua ham so la: o &Sx>5
x+3>0 x>-3
b) y=vyx+2+42—x
& -2<x<2

x+22>20 x=>-2
=
2—x=>0 W2

Diéu kién co6 nghia cua ham so la: {

b. Dang 2. Tinh gia tri ham sé khi cho gia tri ciia 4n

PHUONG PHAP GIAI TOAN

1. Viéc tinh toan theo kiéu nay s& gitip ta xac dinh duogc toa do ciia nhiéu
diém thudc do thi ham sé mot cach nhanh chong. Ngoai ra, phuong
phap str dung két hop may tinh cam tay (sir dung Slove) sé& gitp cai
thién thoi gian mot cach hiéu qua.

2. Tinh gia tri cia ham s6 y = f(x) khi cho gia tri cta an x, la ta thay

gia tri clia x, vao biéu thirc y= f(x)dé tim duoc y, = f(xp).

Vi du minh hoa 1: Cho ham s6 f(x):%x—l.

Tinh f(_%j;f(—l)Lf(o);f(l);f(%j
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Huong ddn giai:

Thay cac gia tr1 ciia x vao ham so, ta dugc cac gia tri tuong irng sau:

3 1 3 1 3
-{‘5}5(‘5)‘1“5‘1"5

1 1 4
N==(-1)-1=-c-1=—=
S =3 (D)1= -5 -1= 3
. 1
F(0)==.0-1=-1
3
1 2
l)==1-1==-=
3) 13 1 1
=2l =2 1=—=
f(z} 372 2 2
BAI TAP TU LUYEN

Bai 1. a) Cho ham séy—%x
Tinh: f(=3); £ (-2):./(-1):./(0):.£(1):./(2):. £ (3)
b) y—§x+2
Tinh: £(-3); £(-2); £ (-1): £ (0); £ (1): £(2): £ (3)
¢) Co nhén xét gi vé hai ham s6 noi trén ?

Bai 2. Cho hai ham s f(x)=x> va g(x)=3—x.
a) Tinh f(-3), f [—;J 1(0), g(1), g(2), £3).

b) Xac dinh a dé 2 f(a) = g(a).
Jx+1
Vx-1

a) Tim tap xac dinh ctia ham so.

Bai 3. Cho ham sé f(x)=

b) Tinh f(4-243).

¢) Tim x nguyén dé f£(x) la sé nguyén.
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HUONG DAN GIAI
Bai 1.
.3 .3
a),b)He‘lmséy:§x;vahams()y:gx+2

Tinh f(=3); 7 (-2): £ (-1): £ (0): £ (1): £ (2): £ (3)

X -3 =2 -1 0 1 2 3
1 1 6 9
xX)=—x -—— —— —— 0 — — z
f( ) 5 5 3 3 5 5
f(x):§x+2 72+2 f§+2 ,l+2 0+2 l+2 9+2 2+2
5 5 5 3 3 5 5

¢) Co nhan xét gi vé hai ham sd néi trén ?

I T S N S
Ham soy=gx va ham soy =§x+2la hai ham s6 dong bién vi khi gia tr1 x
tang thi gia tri twong Umg cua y cling ting.

V&1 cung mot gia tri cua bién x, gia tri cia ham so y =;x +21udn ludn lén

o . 3 _
hon gia tri cua ham so y:§x la 2 don vi.

Bai 2. Cho hai ham sé f(x)=x> va g(x)=3—x.

a) Tinh f(-3)=(-3)" =9

142 Facebook: hitps://'www.facebook.com/thayphamnguyen



Pham Nguyen — DT: 0935555826

b) Xac dinh a dé
a=1
2f(a)=g(a)<>2a* =3-a < 2a" +a-3=0(a-1)(2a+3) =0 3

a=—-—
2

A 3
Vay, a=la=-=.
' 2

\/;H
Jx-1

x=0 {xzo

Bai 3. Cho ham s6 f(x) =

Ll
Jx—1#0

a) Ham so xac dinh voi
x=1

R V4-23 41 (‘/g‘l)zﬂ_\f—lu_ 3
b £l4 2\5)_\/4—2\/5—1_\}(\/5_1)2_1_@11_\/52'

\/;+1:\/;71+27

) ’
=14+ ———1a s0 nguyén
\/;_1 \/;—1 guy

Jx-1
= (\/; —1) la uéc nguyén cua 2

1=2 Jx=3
1

¢) Taco: f(x)=

x=9

Jx
PN g_iz_lﬁ gzz =N ;:;1 (thda man)
Jr-1==2 | Jx=-10N)

Vay, voi x ={0,4;9} thi ham so dat gia tri nguyén.
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¢. Dang 3. Xac dinh diém thudc (khéng thudc) do thi ham sé
PHUONG PHAP GIAI TOAN

1. Cho d6 thi ham s6 y=f(x) .

2. Mot diém (x);¥y) duoc goi la thude do thi ham sb néu khi ta thay cac
gia tri toa do cua diém d6 vao phuong trinh ciia ham sé va thoa man
<y=f(x%)=».

3. Mot diém (xo; yo) dugc goi la khong thude dd thi ham s6 néu khi ta
thay cac gia tri toa do cua diém d6 vao phuong trinh cuia ham sé ma

khong thod man < y = f(x9)# yp.

Vi du minh hoa 1: Xac dinh cac diém sau trén hé truc toa do Oxy.
A(0;-3);B(1;3);C(-2;-2);D(2;6);M (0;4)
Huéng dan giai:

A(0,-3);B(1;3),C(-2,-2);D(2;6);M (0;4)
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Vi du minh hoa 2: Cho ham sb y = f(x)=+/x

Trong cac diém A(4:2), B(2;1), C(9;3), D(8:2+/2). diém nao thude va diém nao

khong thudc d6 thi ctia ham sb.
Huéng ddn gidi:
Thay toa d6 timg diém da cho vao phuong trinh y = f(x) = \/; .
+x, = 4thay vao ham sé: f(4)= Ja=2= ¥,4»suy ra A thude do thi ham so.
+x = 2thay vao ham so: f(2) =2 vy suy ra B khong thuge d6 thi ham sd.
+ X =9thay vao ham so: f (9) —Jo=3-= v » suy ra C thude d6 thi ham so.
+Xx;, =8thay vao ham so: f (8) NN vy, suy ra D thudc d6 thi ham sé.
Vay, cac diém A, C, D thudc db thi, diém B khong thude do thi.
Vi du minh hoa 3: V& trén mit phiang Oxy céac diém A(I;Z);B(f'l;O);C(Z;O)
a) Tinh dién tich tam giac ABC (theo don vi do cua truc toa do).
b) Tinh chu vi tam giac ABC (theo don vi do cua truc toa do).\
Huréng ddn gici:
Biéu dién cac diém A(1;2);B(-1,0);C(2;0)
trén hé truc toa do Oxy.
a) Ta co: BC=BO+0C =|-1|+|2[=3, AH =2

Supe = %B(T.AH _ %_3.2 — 3(don vi dién tich) ™

b) Tacd: BH = BO+OH =|-1]+[l|=2

Tam giac AHB vudng tai H, theo dinh ly

Phytago, ta c6: AB> = AH? + BH* =2 +2° =8
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Suyra 4B =242

Tuong ty, tam giac AHC vudng tai H, ta c6: AC? = AH? +CH® =2 +1° =5.

Suyra AC = J5

Vay chu vi tam gidec ABC bang: AB+BC+CA=2y2 +3++/5 (don vi do dai)

. Dang 4. Sy dong bién, nghich bién cia ham sé

PHUONG PHAP GIAI TOAN

1. Tim diéu kién xac dinh ctia ham so.
2. Xét x;:x, thude tip xac dinh ctia ham so véi x; < x,
a. Néu f(x)<f(x)e f(x)-f(x)>0=Hamsb y=1(x)
déng bién
b. Néu f(x)>f(x;) & f(x:)=f(x)<0=Ham 6 y = f(x)

nghich bién.

Vi dy minh hoa 1: Cho ham 6 f (x) = +x~1
Chumg minh ring ham sb dong bién trén tap s6 thuc R.
Huéng ddn giai:
Ham s f(x)= %xfl xac dinh v&1 mo1 x thude R.
Xét %%, 1a hai s6 thuc bat ki trén tap sé thuc R, véi x; < x5, ta cd;

f(x]):%xl —1va f(xz):%xz—l

146
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DO dé _f()té)_f(xl):(lxzlj(lxll]:l(xZ *xl)
3 3 3
Ma x, <x, =>x,—x; >0, suyra %(xQ ~x1)>0 hay f(x)-f(x)>0

Vay ham 6 S(x)= %x—l déng bién trén tap s6 thue R.

BAI TAP TU LUYEN
Bai 1.
a) Chimg minh ham sé £ (x) = —%x _3nghich bién trén R.
b) Chimg minh ham s f(x)=2x-1 dong bién trén R.

Bai 2. Chumg 6 rang ham s6: £ (x) = x* luon dong bién trén R.

HUONG DAN GIAI
Bai 1.

a) Chimg minh ham s& £ (x) = —%x ~3nghich bién trén R.

Ham sb f(x)= —%x —3 xac dinh vd1 moi x thude R.
5

Xét x;:x, 1a hai s6 thue bat ki trén tap sb thuc R, voi x <x;,

L, . 2 2 2
Do do: j(xz)—j(xl)—[—gxz—3]—[—§x1—3]——§(x2—x1)
Mai x; <X, = x,—x; >0, suyra —%(xz—xl)<0 hay f(x,)-f(x)<0

Vay ham ) f(x) = —%x -3 nghich bién trén tap sb thuc R.
5
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b) Ham sb f(x)=2x-1 xac dinh véi moi x thude R.

Xét x;x, la hai s6 thuc bét ki trén tap s6 thue R, vai X, <Xy, taco:
f(x)=2x-1va f(x;)=2x,-1

Do do: f (%)~ f (%) =(2x~1) = (2%~ 1) =2(x, ;)

Ma x; <x; =X —x >0, suyra 2(x, —x)>0 hay f(x,)-f(x)>0

Vay ham sé f (x)=2x-1 dong bién trén tap so thuc R.

Bii 2. Ham s6 f(x)=x" xéc dinh véi moi x thude R.
Xét x;x, la hai s6 thue bat ki trén tap s6 thue R, vai X, <Xy, taco:
f(x)=x" va f(x)=x’

Do d6: f(x)—f(x)=x"—x=(x fx])(xzz + XX +x]7')
2 I 21,3 2 1Y 3
:(xle)[[xz XX+ on }+4x1 i|:(X2XI)sz +2xlj N ]
‘ \ 1Y 3,
Ma x; <x, =>x,—x>0va [xz +5xlj +Zx1 > 0v31 Mol X; X,

1Y 3,
Suy ra: (xz—xl){[x2+5x1] o }>0hay f(x)=f(x)>0

Vay ham sé f (x)= x* déng bién trén tap sb thuc R.
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II. HAM SO BAC NHAT

1. Kién thire trong tim
a. Khai niém ham sé bac nhét

- Ham sb bac nhat 1a ham sé duoc cho bai cong thue y=ax+b (hoac

ax+by+c=0)trong d6 a, b, ¢ la cac hé s6 véi a #0.

- Diéu kién dé ham sb: y =ax +bla ham s6 bic nhit <>a#0.

Vi du minh hoa : Cho ham s6: y=(3-m)x-2 (1)

Tim cac gid tri ciia m dé ham s6 (1) la ham s6 bac nhét.

Huéng ddn giai: Ham s6 (1) labac nhat < 3-m#0< 0 m#3,
b. Tinh cht:

Ham sd bac nhat y =ax +b xac dinh vad1 moi x thudc R va ¢o tinh chét sau:
+ Pong bién trén R <a >0

+ Nghich bién trén R <>a <0.

Vi du minh hga : Cho ham s6: y=(m—-2)x-2 (1).

Tim cac gia tri cua m dé ham sb (2):

a) Pong bién trén R b) Nghich bién trén R
Huréng dan giai:

a) Ham s6 (1) Pong bién < m-2>0om>2

b) Ham s6 (1) Nghich bién < m—2<0om<2.

c. P6 thi ham sb bac nhat

e D6 thi cia ham s6 y=ax ¢o {ng 1a mot duong thang (xién) di qua hai diém

0(0;0) va M(1;a).
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Vi du minh hoa : V& do thi ham s y = —2x .
Cho x=1 tacd y=-2 suyra do thi ham
s6 di qua diém (,-2). Cho x=0ta co

y =0 suy ra d6 thi ham sé di qua diém

(0,0) = D4 thi ham sé y =—2x la dudng T 1
thang di qua hai diém (1;-2) va (0;0). 1\,
D6 thi ham sé y =-2x la duong thang di
qua hai diém (L-2)va (0,0).
e D6 thi cia ham s6 y=ax+b co
470 15 mot duong thiang (xién) di M?
b#0 ) 1$B
o cp R \ b on
qua hai diém A(0;b) va B[——;OJ. ;
a +
. i _"}f +Htt++t++ _.1 " ,.. 4+ ..AO ..... fos ,1‘; ......
Vidu minh hoa : Védo thihamso 4 3
-05

y=2x+2.

Cho x=0tacod y=2 suyrado thi _
ham s di qua diém (0;2). Cho x=-1tac6 y =0 suy ra do thi ham s6 di qua
diém (-1,0) = D6 thi ham s6 y = 2x+1 1a duong thing di qua hai diém (0;2)
va (—1;0)_

d. Puwong thf’mg song song va duwong thfmg ciit nhau

Cho hai dudng thing (d):y=ax+b va (d"):y=ax+b (ad #0);

6 a=a o o a=da
‘(“’)”“’)‘i’{b#bf (d)—(d)c»{b_b,
o(d)cit(d)=a=a o (d)L(d)ead=-1
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e. Hé s6 goc cia dwong thing y=ax +b (a#0)
e Puong thang y =ax +5 ¢ hai hé sé 1a a va b trong do hé sb a
duoc goi 1a hé s goc ciia duong thang.
e Goi a la goc tao bai duong thang y=ax+b (a#0) véi tia Ox: Cach
xéac dinh goc nay nhu sau, trudc tién ta xac dinh giao diém A cia duong
thing véi tia Ox, goc o la goc tao boi tia Ax, va phan phia trén cua
dudng thing.
e ala hé sé goc cua duong thang, o 1a goc tao bai dudng thing

y=ax+b (a#0) voi tia Ox: Ta co biéu thirc lién hé sau: tana =a.

Vay néu biét hé s6 goc a ta co thé suy ra so6 do cua goc a va nguoc lai.

Do do a goi la hé s6 géc ciia dwong thing (hé sé cho biét goc o)

a>0e0" <a<90° a<0e90° <o <180°

e Cac duong thing co ciing hé s6 goc thi tao véi truc Ox

cac goc bang nhau.
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2. Cac dang toan

a. Dang 1. Ham s6 bic nhéat— Sy ddng bién va nghich bién ciia ham sé
béc nhét
PHUONG PHAP GIAI TOAN
1. Pé xac dinh mot ham s6 co phai 1a ham sb bac nhét hay khong, ta chu y
dén s6 luy thira ciia an s6 (thuong 1a an x) chi gdm dang lity thira bac 1 va
bac 0. Khi d6 ham s bac nhit co dang: y =ax+b (a=0)
2. Su déng bién va nghic bién cua ham s bac nhat:
+ Viéc chimg minh ham sé dong bién — nghich bién da dugc néu trong phén
truge. O day ta chi xét ridng cho ham s bac nhat: y = ax + 5
+ Ham s6 dong bién<=a>0

+ Ham s6 nghich bién< a <0

BAI TAP TU LUYEN

Bai 1. Trong cac ham s6 sau, ham s6 nao la ham so6 bac nhat? Hay xac dinh cac

hé s a, b va xét xem ham s0 nao dong bién? Ham s6 nao nghich bién?

3
a) y=-2x-3 b) y:—Zx
¢) y=-3x"+5 d) y=B(x-1)++2

Bai 2. Cho ham sb bac nhat y =(m+3)x+7 :
a) Tim céc gia tri cia m dé ham s y 1a ham s dong bién.
b) Tim cac gia tri cia m dé ham s6 y 1a ham s6 nghich bién.
Bai 3. V& tam giac AOB trén mit phing toa dé Oxy, biét:
O(0;0); A(2:4); B(4:1).
a) Tinh khoang cach tir cac dinh A, B cia tam giac dén gbc toa do O va khoang

cach gitra hai diém A va B;
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b) Tinh dién tich tam giac AOB ( theo don vi do trén mdi truc toa do),

Bai 4.

a) Cho ham s6 y = ax+6.

Tim hé s6 a ctia ham sd, biét rang: khi x=—1 thi y=5.

b) Cho ham s6 y=ax+5. Tim hé sb a; b ciia ham s6, biét rang; khi x=-1 thi
y=1vakhi x=0 thi y=-2.

Bai 5. Voi cac gia tri nao cua m, thi cac ham so sau la ham s6 bac nhat?

a)y=xm+3 +%;

b)y=xvm? —4m+4-3;

c)y:( 2 Jx+2
m? -1 2’

Bai 6. Cho ham sb bac nhat y=(3—2ﬁ)x+\/5—l

a) Ham sb da cho ddng bién hay nghich bién trén tap R? Vi sao?
b) Tinh gia tri ciia y khi x=3+24/2;

¢) Tim cac gia tri cia x déy = 0.

HUONG DAN GIAI
Bai 1.
a) Ham s y = —2x—3 1a ham s6 bac nhat, trong d6 a=-2;h=-3 .
Ham s6 ¢o hé s a=-2<0nén ham sb nghich bién trén R,

. 3 . .
b)Ham so y = —Zx la ham so6 bac nhat, trong d6 a=-=:p=0

-hlq)

. A ;1A A 3 A1 I . 4 n
Ham s6 co hé s6 a = 3 < 0 nén ham s0 nghich bién trén R.

¢) Ham sb y= —3x7+5 khéng phai 14 ham s6 bac nhat.
d) Ham sb y = \/g(x —1)+ V2 = 3.5 =3 +2 la ham sé béc nhét, trong do

a:\/g;b:—\@+\6. Ham s6 c6 hé s6 a :\/§>0nén dé)ng bién trén R.
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Bai 2. Ham s6 y=(m+3)x+7 1a ham sé bac nhit, co hé sé a=m+3
a) Ham so dong bién <>a=m+3>0om>-3 |

b) Ham sb nghich bién ©a=m+3<0=m>-3 ;

Chii y: Khi m=-3 thi ham sé y=0x+7. Gia tri cia y khong thay ddi voi moi
gia tri cla x, va ludn bang 7. Do do, ta goi y la mdt hang s (ham hing = ham
s6 ¢6 gia tri khong dbi).

Bai 3. Vé tam giac AOB trén mat
phang toa d6 Oxy, biét
0(0:0); A(2:4). B(4:1).

Dung hé toa do Oxy, roi dung cac
diém O, A, B theo dé ra, noi AB,
OA, OB dé duoc tam giac AOB.

a) Goi H, K lan luot 1a hinh chiéu

cua A, B trén tia Ox. Ta ¢6: OH = 2;
AH=4,0K=4,BK=1.

Ap dung dinh ly Phytago véi tam giac AHO,ta cé:

OA=NOH? + AH?> =8 +2* =25
Ap dung dinh ly Phytago véi tam giac BKO, ta co:

OB=OK? +BK? =4 +12 =17
Goi E 1a hinh chiéu cua A trén Oy, I la giao diém cua EA va KB, ta co: Al =2,
BI=3.

AB=AAI? + BI? =22 +3% =J13

b) S0 = Saxo —Sus —Spok

~Lar +KO)IK—%AI.IB—%OK.BK

2

=1(2+4)4—%.2.3—%4.1 _ 7 (don vi dién tich)
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Bai 4.

a) Cho ham s6 y=ax+6 .

Khi x=-1 thi y =5, thay vao ham sd ta co: 5=a(-1)+6,suyra a=1.
b) Cho ham sé y =ax+5 .

Khi x=~1 thi y=1 thay vao ham s6 ta co: 1=a.(-1)+b=b=a+1
vakhi x=0 thi y=-2 thay vao hamsétaco: 2=a0+b=>b=-2.
Suyra a+l=-2<a=-3

Vay ham s6: y=-3x-2

Bai 5. V&i cac gia tri nao clia m, thi cac ham sé sau la ham s bac nhat?
a) Ham s6 y=x.\/m+% la ham sb bac nhat

S\Vm+3# 0o m+3>0m>-3

Vay khi m>-3 thi ham sé da cho 1a ham sb bac nhét.
b)y=xm?*—4m+4-3=x. (m—2)2—3=x.|m—2|—3;

Co6 hé sd |m—2| > 0véi moi sO m#2 .

Vay khi m#2 thi ham s6 da cho 1a ham s6 bac nhét.

¢) Ham sé y:(
m? -1

O 2 o £
jx+5 la ham sd bac nhat

e— 20 m?-120c m=+1

m? -1
Vay vo1 m # 1 thi ham s d3 cho 1a ham sd bac nhat.

Bai 6. Cho ham s6 bac nhét y=(3-2v2)x++2-1
a) Ham s6 y=(3—2\/5)x+\/5—1 la ham s6 bac nhét vi ¢6 dang y=ax+5 .

Trong d6 hé s& a =3-2+2 >0 nén ham sé dong bién trén tap R.
b) Khi x =3+ 242 thay vao ham s, ta co:

y=(3-2v2)(3+22)+V2-1=9-8+2-1=42;

c) bé y=0 <:>(3—2\/§)x+\/§—1=0<:>x=31_\/5 —agfD-
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b. Dang 2. b thi ham s6 y=ax va hé 56 gbéc cua duwong thz;mg y=ax
PHUONG PHAP GIAI TOAN

1. D6 thi ham s6 y=ax (a#0) la mot duong thing di qua goc toa dé 0(0,0) va
diém A(La).
2. Cach vé& do thi ham s6 y=ax (a=0)
+ Xac dinh 1 diém bt ki cta db thi, ching han:
* Cho x=1= y=a,tacodiem A(lLa)
* Cho x=0= y=0, tacé diém O(0;0)
+ V& duong thang di qua hai diém A, O.
3. Hé sd acua duong thfmg y=ax
+ Néu a >0 suy ra ham s6 dong bién
+ Néu a <0 suy ra ham s6 nghich bién
+ Hé s6 a con cho ta biét duoc goc a la goc tao bai dudng thang y=ax
voi tia Ox nén ngudi ta goi a la hé s6 goc cta dudng thing. Vi biéu thire lién
hé givaava o la tana=a .
+ Néu a>0thi « la goc nhon

+ Néu a<O0thi o la goc ti

BAI TAP TU LUYEN

Bai 1. Cho ham sb y = —%x

, . C ‘2 .5 ,. - 2 A v m 3A L
a) Xac dinh vi1 tri cua diém A{l;—zj trén mat phang toa do, va vé do th

ham so do.

b) Xét xem trong cac diém sau, diém nao thudc do thi ham so?

B(2-5); ¢(37): D(l;%]; E(0;4)
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Bai 2. Cho ham s6 y =3x:
a) Vé do thi ham sb.
b) Diém A thudc dd thi ham sd, biét 04 =210 Xac dinh toa do diém A.
Bai 3. Cho cac ham s y=-2xva y=x.
a) V& trén cung mot hé truc toa do Oxy dd thi ctia hai ham sb trén.
b) Qua diém H(0;4) v& dudng thang d song song véi truc Ox, cit cac
duong thiang y =2x va y=x lan luot & A va B.
Tim toa d¢ cac diem A, B.
¢) Tinh chu vi va dién tich tam giac AOB.
Bai 4.
a) Trén mat phang toa do, vé dudng thang d di qua O (0;0) va diém

(42

272
b) Puong thing d 1a db thi cia ham sb nao?

Bai 5. Cho ham s6 y=-2xva y= %x
a) V& trén cung mot hé truc toa dd Oxy d6 thi ctia hai ham sé trén ;
b) Qua diém (0;2) v& duong thang song song voi Ox cat hai duong
thing y=-2xva y= éx lan luot & A va B. Chimg minh tam giac AOB
la tam giac vudng,

Bai 6. Tim gid tri ciiam dé ham s0 y = (3-vim+2)x

a) Pong bién.
b) Nghich bién.
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HUONG DAN GIAI

Bai 1.

a) Vi tri cua diém A[l;—%] trén mat ph%ng toa do duoc biéu dién nhu hinh vé.

b) Thay toa do tung diém da cho vao

. 5
phuong trinh y = Rt ta duoc:

Flxg)==xp :—%2 5oy
f(xc)"%xc - _%'3“§¢yc,
I(XD):%)CD :%‘(]):g:}l)
f("E)‘%XE —%.OoiyE

Suy ra cac diém B, D thudc do thi

ham s¢ y=- Ex , diem C, E khéng thudc d6 thi ham s6. Cac diem B, C, D, E

-

duoc xac dinh & hinh vé B(z;—s); c(3; 7); D(—l;%} E(();4)_

Bai 2. Cho ham s6 y =3x

a) Cho x=1ta c6 y=3 suy ra do thi
ham s6 di qua diém M (1;3)

Cho x=0ta ¢6 y=0 suy ra dd thi ham
s6 di qua diém O (0;0).

b) Biém A(x,;y,) thudc db thi ham
s6 y=3x nén y,=3x,. Goi H, K lan
luot la hinh chiéu vudng goc clia A 1én

cac truc Ox, Oy.

8

o C
!

f(xl=?-x

L TR

Ta c6:OH =x ;0K =y, =3x,, biét 04=2/10,
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0A4=\OH? + AH* =JOH? + OK?

= Jx 2 +(3x,) = |x4| /10 =210
=>x,=2suyra y,=-6 hodc x,=-2suyra y,=6
Viy ta co hai diém 4,(2;6) va 4 (-2;,-6).
Bai 3. Cho cac ham s6 y=-2x va y=x.

a) ¥V& d6 thi ham s6 y=-2x(d; ) y=dox

Cho x=1ta ¢ y=-2 suy ra do thi ham s

di qua diém M (1;-2). Cho x=0taco y=0 | .

suy ra dé thi ham sé di qua diém O (0;0). I\
*V& dd thi ham s6 y=x(d, ) |
Cho x=1ta co y=1 suy ra do thi ham s di TN
qua diém N(L;1). Cho x=0ta co y=0 suy

ra do thi ham s6 di qua diém O (0;0). =

b) Puong thing (d;) di qua H va song song
Ox c6 phuong trinh y =4 .
Diém A thude (d;) =y, =4, A thudc d6 thi ham s6

y=-2x4=-2x,=>x,=-2. Vay A(-2;4).

"

Diém B thudc (d;) = yz =4, B thudc do thi ham s6 y=x<4=x; >xz=4.

Vay B(4:4) .

¢) Goi K 14 hinh chiéu cua B trén truc Ox. Diém H chinh 1a hinh chiéu cia A,

B trén truc Oy. AH =2; BH =4, OH =4 ; OK =4,
=>AB=AH+BH =2+4=6

Dién tich tam giac AOB: S, 05 = %OH.AB . %4.6 - 12 (dvdt)

OA=\OH? + HA? =4 +2% =25 ; OB=\JOH? + HB? =& + 8 =42
Chu vi tich tam giac AOB = OA + OB + AB = 4+2/5 +42
Bai 4.

Facebook: https://www.facebook.com/thayphamnguyen

159



Pham Nguvén — DT 0935555826

a) Trén mit phang toa do, ta dung diém A[—%;%) . V& duodng thing di qua O

(0;0) va diém A[—;;;J ta duoc duong thang d can dung,

b) Pudng thing d di qua gdc toa d6 O (0;0) nén c6 dang y=ax. Vi diém A

thude duong thang d nén toa do cua né théa man phuong trinh y=ax. Ta co:

3 1
—=da.|-——|=a=-3.
)

Vay dudng thang d co phuong trinh 1a: y =-3x
Bai 5. Cho ham s6 y=-2x va

1
}!:—x

2
a) V& do thi ham sé y =-2x (d,)

Cho x=1taco y=-2 suyra dd thi
ham s6 di qua diém M (1,-2). Cho
x=0tacd y=0 suy ra do thi ham

s6 di qua diém O (0;0).

V& db thi ham sb y = %x (dy)

Cho x=1taco yzé suy ra do thi ham sé di qua diém N[l;;} Cho x=0taco
y =0 suy ra d6 thi ham s6 di qua diém O (0;0).

b) Pudng thang (d5) di qua H(0;2) va song song Ox ¢ phuong trinh y = 2.
Diém A thude (d3) =y, =2, A thudc db thi ham s6
y=-"2x2=-2x,=>x,=-1.

Vay A(-1:2).

Diém B thudc (d3) = yg =2, B thude d6 thi ham sb

y=—x< 2:%);3 = xp =4. Vay B(4.2).

¢) Piém H chinh la hinh chiéu ctia A, B trén truc Oy.
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AH =1 .BH=4; OH =2

= AB=AH +BH =1+4=5.

OA* =OH? + HA* =2° +1% =5,

OB? =OH” + HB* =27 + 4> =20;

AB* =5% =25

— AB* =0A4% + OB* . Suy ra tam giac AOB vuéng tai O.
Bai 6. Tim gia tri cia m dé ham s6 y=(37 m+2)x

a) Ham s6 dong bién

S3I-Im+2 >0 Vm+2 <3<:>{

&S 2<m<T

m+2<9 m<7

m+2=0 {mz—Z
<
Vay khi —2 <m <7 thi ham s6 dong bién trén R.

¢) Ham ) nghich bién

m+2=0 mz=-2
<:>3—\/m+2<0<:>\,fm+2>3<:>{ 5 9@{ 7 <om>T
m+2>

Vay khi —2<m <7 thi ham s6 déng bién trén R.
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c. Dang 3. D6 thi ham s6 y=ax+b (a#0)
PHUONG PHAP GIAI TOAN

1. D6 thi ham s6 y = ax+5 (a#0) la mot duong thang cat truc Oy tai diém co

tung d6 bang b, va song song voi duong thing y=ax néu b+ 0, trung vdi

duong thang y=ax néu h=0.

2. D6 thi ham s6 bac nhéat y=ax+b (a #0)ciing con duoc goi 1a phuong trinh

duong thing y = ax+5; b dugc goi 1a trung d6 gde cia duong thing.

3. Cach vé& dd thi ham sb y=ax+b voi (a=0;b=0)

a. Cach thir nhat: Xac dinh hai diém bat ki ciia dd thi, chang han:

Cho x=1= y=a+b ,tacod diém A(La+b)

Cho x=-1= y=—a+b , taco diém B(-L,—a+b)

V& duong thiang di qua hai diém A, B.

b. Cach thir hai: Xé4c dinh giao diém cua d6 thi voi truc Ox, Oy:

Cho x=0= y =5 , taco diém M (0,b)

Cho x:—2:>y:0 ,ta co diém N{—é;oj
a a

V& duong thang di qua hai diém M, N.

4. Giao diém cua hai d6 thi ham s6 la duong thang y =ax+b (d;) va

y=a's+b' (dy)(a=a')

Ta thuc hién cac budc nhu sau:

a. Lap phuong trinh hoanh d6 giao diém cua hai duong thing

b'-b

a—a'

ax+b=a'x+b'= x=

b. Thay gia tri x vira tim dugc vao (d}) hodc (d;) dé tim duoc y.

¢. Két luan.

Vi dy minh hoa 1: Cho ham s6 y=2x-2 vahamsé y=-3x+5
a) V& trén cung mot hé truc toa do, dd thi hai ham s da cho.

b) Tim toa do giao diém M cia hai duong thing y=2x-2 va y=-3x+5
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Huréng ddn giai:
a) - V& d6 thiham s6 y=2x-2 ;!C
y==3x+5 y=2'X—24-'.
Cho x=0= y=-2 ,taco diem 4(0;-2)
-2 . o4k [\

Cho x=—7:1¢y=0,tacodlem o . —

MYy
B(1,0) A

o g ol

2 0 ﬁ \ 2 4

V& duong thing di qua diém A va diém B o/
ta duoc db thi ham s& y=2x—2. N/ |

- V& d6 thi ham s y = —3x+5

Cho x=0= y=5 ,taco diém C(O_;S)
Cho x:—i=3:>y:0 , ta co diém D(i;oj
-3 3 3
V& duong thang di qua diém C va diém D ta duoc d6 thi ham s6 y =-3x+5.

b) Phuong trinh hoanh d6 giao diém clia y=2x-2 va y=-3x+5;

2x—2=—3x+5<:>5x=7<:>x=%,

thay x = gvéo phuong trinh duong thing y = 2x -2

7 4

Ta co: y:2x—2:2%—2: . Vay toa dé giao diém M(}

le| =N

55
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BAI TAP TU LUYEN
Bai 1. a) Biét d6 thi ham s6 y = ax +7 di qua diém M (2;11). Tima ?
b) Biét rang khi x =3 thi ham s6 y=2x+5 co gia tri bang 8. Tim b ?

¢) Co nhan xét gi vé dd thi cua hai ham sb vai cac gia tri tim duoc cua
ciuavab?
Bai 2. Xac dinh ham s6 y = ax +5, biét rang do thi ciia n6 1a dudong thiang song
song v&i duong thang y = -3x va di qua diém A(1;-1).
Bai 3. a) V& trén cung mot hé truc toa d6 Oxy d6 thi ctia cac ham sé sau:

1 1 1 1
y=—-x; y=—-x+1; y=-—-x; y=-—-x+1
3 3 3

b) Bén duong thang trén cit nhau tao thanh tir giac OABC (O la gbc toa
do). Tur giac OABC la hinh gi? Tai sao?

Bai 4. Cho ham s6 y =(m+1)x
a) Vi gia tri nao cua m thi ham sé dong bién? Nghich bién ?
b) Xac dinh gia tri cia m dé d6 thi ham s6 di qua diém 4(2;4)
¢) Xéc dinh gia tri ciia m dé do thi ham s6 di qua diém B(2;-4)

Bai 5. Cho ba duong thing y=-x+1 (d)) ; y=x+1 (dy) va y=-1 (i)
a) V& ba dudng thing da cho trén cing mot hé truc toa do;
b) Goi A 14 giao diém cua (d;) va (ds); B la giao diém cua (d}) va (d)
; C la giao diém cua (dy) va (ds). Tim toa d6 cac diém A, B, C. Chimg
t6 rang AABC can.

Bai 6. Cho ham s6 y=(m—2)x+m
a) Xac dinh m dé dd thi ham sb cit truc tung tai diém co tung do béng 3;
b) Xac dinh m dé do thi ham sb cét truc hoanh tai diém c6 hoanh do
bang 3.
¢) V& do thi cua hai ham sé tim duoc & cdu a, b trén cung mot hé truc

toa do Oxy.
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HUONG DAN GIAT
Bai 1.
a) P thi ham sé y = ax +7 di qua diém M (2;11) . Thay toa dé M vao phuong
trinh, ta co:
ll=a2+7<2a=4<a=2, tacohamsd y=2x+7
b) Khi x=3 thi ham sé y=2x+b co gi tri bang 8. Thay x=3 va y=8 vao
phuong trinh, ta co:
8=23+bh<>b=2,tacohamsd y=2x+2
¢) D6 thi cia hai ham s6 y=2x+7va y=2x+2 la hai duong thing song song
véi nhau vi ¢ cung hé sé a=2.

Bai 2. Puong thing y = ax +5 song song v&i duong thing y = -3x nén a=-3,
taco y=-3x+b
DPuong thang y = -3x+b qua diém A(L,-1), tacod: —-1=-3.1+b<>b=2

Vay ham s cén tim 1a: y=-3x+2.

Bai 3.
a) Vé trén cung mot hé truc toa d6 Oxy do thi cua cac ham so sau:
-1 -t +1
y:—.x+1 y- 3X,
| ,
- } y=3x
-1 T~ e
Y= B
= o
A C
-+ + + + I = + + =} +
4 2 0 2

DPuong thing y = %:c di qua hai diém O(0,0)va (3;1)

Puong thing y = %x +1 di qua hai diém (0;1) va (3;2)
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Pudng thing y = —%x di qua hai diém 0(0;0)va (3,-1)
Puong thing y = —%x +1 di qua hai diém (0:1)va (3;0)
b) Hai duong thing y = %x va y= %x-{-l song song vai nhau vi co cung hé so

; 1
goca=-.

Hai duong thiang y = —%x va y= —%:H-l song song vdi nhau vi ¢ cung hé sd
goc a = L
3

Nén tir giac ABCO la hinh binh hanh vi ¢6 hai cip canh déi song song véi

nhau.

Bai 4. Cho ham s6 y =(m+1)x

a) Ham s6 y =(m+1)x dong bién <> m+1>0<m>-1
Ham sb y =(m+1)x nghich bién <>m+1<0c>m<—1.

b) Piém A(2;4) thude do thi ham sé y = (m+1)x, suy ra:
4=(m+1)2<2m=2<m=1

¢) Piém B(2;-4) thude dd thi ham sé y =(m+1)x, suy ra:

—4:(m+1)2<:>2m:—6<:>m:—3

Bai 5. Cho ba duong thang y = —x+1 (d) ; y=x+1 (dy) va y=—1 (d5)
a) V& ba dudng thang da cho trén cing mot hé truc toa do;
Buong thang y=-x+1 () di qua hai diem (0;1)va (1,0)
Duong thang y = x +1 (d5) di qua hai diém (0;1)va (~1,0)

Duong thang y =1 (d;) di qua hai diém (0,~1) va song song véi truc Ox.
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b) - Goi A la giao diém cua (d;) va ()

Phuong trinh hoanh dé giao diém cua

24
y=-x+1 y=x+1

(dl) va (%) .;,1
—xA+1:x‘4+1C>2)C4:0C>xA:O . .
3 o z
Thay x, =0vao (d), suyra: y,=1. Vay ' y=-1
c 7 B

A(0;1)

- B la giao diém cua (d,) va (ds)

Diém B thuoc (d5) suyra: yz=-1.

Diém B thuc (d)), thay ygz=-1vao (d,), ta co: —1=—xz+1<>xz=2. Viy
B(2;-1);

- C la giao diem ctia (ds) va (d5)

Diém C thudc (ds) suy ra: yo=-1.

Diém C thudc (dy), thay yo=-1 vio (&), ta co: —l=xq+lx-=-2.
Vay (7(—2_;—1);

Goi H la giao diém cua BC voi truc Oy, ta ¢c6 BC L Oy va HB=HC .

Tam giac ABC c6 AH vira la duong cao, vira la trung tuyén nén A4BC cén & A.
Bai 6. Cho ham s6 y =(m—2)x+m

a) Diém thude truc tung c6 tung do bang 3 co toa dd 1a (0;3)

Ham s6 y =(m—2)x+m c6 do thi di qua diém (0;3), ta co:
3=(m-2).0+m<m=3. Suyra d6 thi ham s6: y = x +3

b) Diém thudc truc hoanh c6 hoanh do6 béng 3,cotoaddla (3;0)

Ham sé y = (m—2)x+m ¢6 d6 thi di qua diém (3;0), ta co:

3 A Lc Ls 4 1 3
Oz(m—2).3+m<:>4m:6<:>m:5. Suy ra do thi ham so: y:—gx+5

¢) Hoc sinh tu vé dd thi.
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d. Dang 4. Hé s6 g6c cia dudng thé’]ng — Puwong thﬁng song song va
duong thz:mg ciit nhau

PHUONG PHAP GIAI TOAN
1. Hé s6 goc ciia duong thang y = ax+b (a #0):
a. Puong thing y=ax+5 co hai hé sb 1a a va b trong 6 hé sé a duoc
goi la hé s6 goc cua dudng thing.
b. Goi o la goc tao bai duong thang y = ax + 5 (a = 0) voi tia Ox. Cach
xac dinh goc nay nhu sau: trudc tién, ta xac dinh giao diém A cua
duong thing voi tia Ox, goc o la goc tao béi tia Ax, va phan phia trén
ctia duong thing.
c. Biéu thire lién hé giraava o : tana =a
Vay néu biét hé s6 goc a ta co thé suy ra s6 do ctia goc o va nguoc lai.
Do do, a goi la hé sé goc ciia dwong thing (hé s6 cho biét goc a).
Néu a>00° <a <90’

Néu a <0 90" <ar <180°
d. Cac duong thang co cung hé sb goc thi tao vai truc Ox cac goc bang
nhau.
2. Puong thing song song va duong thing cét nhau:
Cho hai dudng thing (d): y=ax+b va (d"): y=dx+b (ad #0)
a. Hai duong thing song song

’
a=da

(d)P(d’)ﬁ{bib,

b. Hai duong thing tring nhau
_ ' a= (l’

(d)=d) <= {b—b’

¢. Hai dwong thang cit nhau

+ (d)cat(d)=aza

+ L) aa=-1
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Vi du minh hoa 1: Cho ham s6 y = —ax+5.
Hay xac dinh hé s a biét rang;
a) Do thi ham sb song song véi dudng thang y =3x.
b)Khi x =1++/3 thi y=4—/3 .
Hurémg dén gidi:

a) Do thi ham s6 y = —ax +35 song song v&i duong thang y = 3x nén

—-a=3&a=-3
b) Khi x =1++/3 thi y=4—+/3, thay vao phuong trinh ham s6 ta co:
4-3=-a(1+\3)+5= a(1+V3)=5-4+B=a=1.
Vi du minh hoa 2: Tim hé sé goc cua duong thing di qua gbc toa do va:
a) Di qua diem A(-3;1).
b) Pi qua diem B(-1-3).
¢) Cac duong thang trén tao véi tia Ox goc nhon hay goc tu ?
Huéng dan gidi:
Phuong trinh duong thang can tim c6 dang y = ax +5

Do duong thang di qua gbc toa do 0(0,0) nén b =0, suy ra dudng thang ¢

dang: y=ax
a) P4 thi ham s6 di qua diém A(-3;1), thay vao phuong trinh ta co:

1=a.(-3) @a:—%

Vay phuong trinh dudng thing can tim la: y = —%x
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b) P4 thi ham sé di qua diém B(-1,-3), thay vao phuong trinh ta co:

“3=a(-1)<a=3
Vay phuong trinh duong thang can tim la; y =3x
¢) Puong thing y = - %x c6 hé s goc a = 7§ < 0 nén tao vo1 tia Ox goc tu.

DPuong thiang y =3x ¢6 hé s6 goc @=3>0 nén tao voi tia Ox gdc nhon.

BAI TAP TU LUYEN
Bai 1. Cho ham s6 y = 3x +5 . Hay xac dinh hé s6 b, trong mdi truomg hop sau:
a) Do thi ham sé cét truc tung tai diém co tung do bfmg -3,
b) D6 thi ham sé cét truc hoanh tai diém co hoanh d6 bang —4.
¢) D6 thi ham s6 di qua diém A(-12).
Bai2. Chohamsb y =mx+2
a) Tim hé s6 m biét rang khi x=1 thi y=6.

b) V& dd thi ham sb voi gia tri cia m tim duoc ¢ cdu a va dd thi ham sb
y=2x+1 trén cung mot hé truc toa do.
¢) Tim toa do giao diém A cua hai dd thi trén.
Bai 3. Xac dinh ham sé y=ax+b, biét :
a) D6 thi ham s6 cit truc tung tai diém co tung d6 bang -3, cat truc
hoanh tai diém co hoanh d6 bing 2.
b) Do thi ham s6 di qua diém A4(1;3) va B(-2,6).
Bai 4. Tim ham s6 trong mdi trudng hop sau, biét d6 thi cta no 1a duong thang
di qua gdc toa do va:

a) bi qua diém M(Bﬁ;—ﬁ)
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b) Co hé s6 goc bang —/2
¢) Song song véi dudng thang y = —5x+1
Bai 5. Viét phuong trinh duong thing song song véi duong thiang y=-2x+5
va théa man mét trong cac diéu kién sau:
a) P1 qua géc toa do.
b) Bi qua diém A(-110).
Bai 6. Xac dinh ham s6 y =ax+5 trong mdi truong hop sau, biét :
a) Khi @ =—2, dd thi ham s cit truc tung tai diém co tung do bang /2 .
b) Khi @ =—4, d6 thi ham s6 di qua diém A(-2,-2).
c) P6 thi ham s6 song song vdi duong thiang y=—3x va di qua diém

B(1;3—J§).

HUONG DAN GIAI

Bai 1. Cho ham s6 y =3x+4 . Hay xac dinh hé s6 b, trong mdi truong hop sau:
a) Goi giao diém cta d6 thi ham s6 vai truc Oy A M véi y,, =-3

Diém M thude Oy, suy ra x, =0= M(0;-3).

Diém M thudc db thi ham s6 y=3x+b =y, =3x,, +b < 3=30+b<>b=3
Vay ham s6 can tim 1a; y =3x+3

b) Goi giao diém ciia do thi ham s6 véi truc Ox la N véi xy = —4

Diém N thude Ox, suy ra yy =0= N(-4;0)

Diém N thuge do thi ham s6

y=3x+b=yy =3xy+b = 0=3(-4)+b=h=12

Vay ham s6 can tim 1a: y=3x+12
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¢) D6 thi ham s6 di qua diém A(-1,2), suy ra toa do diém A théa man phuong

trinh: y, =3x,+b<=2=3(-1)+b=b=5

Vay ham so can tim la: y=3x+35

3:
Bai2. Chohamso y=mx+2 T
251 |
a) Khi x=1 thi y=6; thay vao phuong y=dx+2,g
trinh taco: 6=m1+2<m=4 “_ y=2x+1

b) Ham s6 y = 4x+2 c6 do thi la duong [ /¥
.‘"ﬁ‘Ev

théng di qua hai diém (0;2) va [—é;O] HHHHH ¢ .E.m::::::? HH
| sk
Ham s6 y=2x+1 ¢6 do thi 1a duong thing
di qua hai diém (0;1) va [—%;0} S

¢) Hai d6 thi cat nhau tai M[%;()J _
Bai 3. Xac dinh ham s6 y = ax+5, biét :

a) P4 thi ham sb ¢t truc tung tai diém co tung d6 bang -3, suy ra toa do giao

diem la M (0,-3)
M thude db thi ham sd y=ax+b,suyra: 3=a0+b<>b=-3

D6 thi ham s ¢t truc hoanh tai diém c6 hoanh d6 bf:mg -2, suy ra toa do giao

diém la N(-2;0)

N thudce d6 thi ham sb y = ax+5, suy ra: O:a.(—2)—3®a:—%
Al 1 £ A 1. 3

Véy ham so can tim la: y:_fx_?’

b) Do thi ham so di qua diem A(1;3) va B(-2;6).
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Diém A(1;3)thudc do thi ham s6 y=ax+b,suyra: 3=a.l+b=b=3-a

Diém B(-2;6)thudc do thi ham sd y=ax+h, suyra: 6=a.(-2)+b

Thay b=3-avao: 6=a.(-2)+(3-a)=3="3a<a=-1

=b=3—-(-1)=4 . Vay ham s6 can tim la: y =—x+4

Bai 4. D6 thi ham s6 1a duong thang di qua goc toa do nén co dang: y =ax

a) Do thi di qua diém M(3\/§;f\/§) ,suyra; —3=a33 <a :—%

Véy ham s6 cdn tim la: y = f%x

b) DS thi co6 hé sé goc bang —v2 = a=-2. Vay ham sé can tim la:
)J = —\/E.X

¢) Bo thi ham s6 song song vdi duong thang y = —5x+1=>a =-5. Vay ham s
can tim la; y=-5x

Bai 5. Phuong trinh duong thing can tim ¢6 dang: y=ax+5

a=-2

Song song voi duong thing y=-2x+5, suy ra {b .5 Taco: y=-2x+b

a) Puong thing y=-2x+5 di qua gbc toa do, suyra b=0.
Vay phuong trinh duong thang: y=-2x

b) Puong thang y = -2x+5 di qua diém A(-110), suy ra:
10=-2.(-1)+b<=b=8

Vay phuong trinh duong thang: y=-2x+8

Bai 6. Xac dinh ham s6 y = ax+5 trong mdi trudng hop sau, biét :
a) Khi a=-2, suyraham sd: y=-2x+b

D6 thi ham s6 cit truc tung tai diém co tung d6 bang /2 ,

thay x=0:y=+2 vaoham sd taco: V2 = —2.0+b < b=+2

Vay ham sb can tim la: y=—2x++/2

b) Khi a =—4, suy ra ham s6: y=—dx+b
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D6 thi ham s6 di qua diém A(-2;-2), thay vao ham so ta co:
-2=-4(-2)+b=b=-10

Vay ham sd ¢an tim 1a; y = -4x-10

¢) P4 thi ham sb song song véi duong thiang y = —\/gx ,suyra a= 3.

Ta co: y=—\/§x+b

D6 thi di qua diém 8(1;3—\/37), thay vao ham s6: 3—-v3 = —3.1+b <> b=3.

Vay ham sb can tim 1a: y= f\/gx+3
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e. Dang 5. Mt sb dang toan lién quan dén phuong trinh dwong thing

Paco a=k

bi qua diem M (x,1y,) va <: = PTDT
o6 hé sb goc la k M(x.y)ed ey, =k, +b=b

Goi ptdt chn tim la )

) (x:v)ed= y=ax+bh (1)
yv=ax+o Pi qua 2 diém
S — (x:y.)ed= y,=av, +b (2)
(v ) va (xiy,)
. [y =ax, +b fa=?
Giai hé phuong trinh | ‘ 3 = PIDT
l_\'_. =ar,+bh  |b=
Di qua diém (x,1v, ) va song s d//d'= a=a'vibzh'
i diém (%2, ) va song song <: = PIDT
dudmg thing d:y'=a'x+b' (v:y,)ed= y,=a'x, +b=>b
. .2 A 1 ld'= aa'=-1=a
. Di qua diém (x,;y, ) va vuén; ¥« T
VIET PHUONG TRINH i qua dim (-, j} e o = PTPI
PUONG THANG géc dwong thing v'=a'x+b (»\};}JU]E d= yo=a'x,+b=> b
y=ax+b

Bict hé so b va di % Pacéh
qua diém (x,3¥, ) = PIDT

(x,.v,)ed= y,=ax,+b=>a

2 Bén true Ox :d, ., =|»
Khoang cach tir diém // : CES S e |

k=
M(x.:y T~ .
/. (%::%,) % Dénte Oy :d,, o, =|3,|

*Cho hai diém : A (x 1 v, ) va B(x,00,)

\\\
\\ 1. Khoang cach (d6 dai AB) la: 48 =
\\L

X, +x,

. [T T

2. M la trung diém ciia AB M (x,,;y,, )véi { -
| b= y.+ Vs

L- M=T

SO PO TU DUY BAI TOAN VIET PHUONG TRINH PUONG THANG

1. Xac dinh cAc gi4 tri cha cac hé s6 dé ham sb dong bién, nghich

bién. Hai dwong thiing song song; ciit nhau; vudng géc, tring

nhau
Vi du minh hoa : Cho hai ham s6 y = (k +1)x+3 (d;) va y=(3-2k)x+1 (dy)
a) Xac dinh k d& ham sé y = (k +1)x +3 dong bién, nghich bién ?
b) Xac dinh k dé ham s y = (3— 2k)x+1 dong bién, nghich bién ?
¢) Tim k dé ham sb y=(k+1)x+3 va y=(3-2k)x+1 cung ddng bién ?

d) Timk dé ham sb y=(k+1)x+3 va y=(3-2k)x+1 cung nghich bién ?
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e) Tim k dé duong thing (d1) va (d2) song song ?

f) Tim k dé duong thing (d1) va (d2) cét nhau ?

g) Tim k dé d6 thi ham s0 y = (k+1)x+3 va y=(3—2k)x+1 trung nhau ?
h) Tim k dé duong thang (d1) vudng goc véi duong thang y = 2x + 5 ?

i) Tim k dé duong thing (d1) cit duong thing y = 2x + 2 tai diém c6 hoanh do

bang 1.

i) Tim k dé duong thing (d2) cit duong thing y = -3x +1 tai diém co6 tung do
bang 4.

Huéng ddn giai:
a) Ham so y=(k+)x+3 déng bién khizk+1>0<k >—1

Ham s& y = (k +)x +3 nghich bién khi:k +1<0< k<1

b) Ham s6 y = (3— 2k)x +1 ddng bién khi:372k>0<:>3>2k<:>k<%

Ham s6 y = (3—-2k)x+1 nghich bién khi:3-2k <0 < 3 <2k <:>k>%

¢) Ham s6 y=(k+1)x+3 va y=(3-2k)x+1 cung dong bién

k>-1

k+1>0 3
= = 3 &-l<k<=
3-2k=>0 k<5 2

d)Ham s y=(k +1)x+3 va y=(3—2k)x+1 cung nghich bién

k+1<0 N .
B0 k>%(Vo nghi¢m)

{ k<-1
e) Pé do thi ham sé y=(k+1)x+3 va y=(3-2k)x+1 song song

{k+1:3—2k
Lamt

<::>3k:2<:>,’c:z
3#1 3

176

Facebook: hitps://'www.facebook.com/thayphamnguyen



Pham Nguyeén — DT: 0935555826

f) Dé db thi ham sd y = (k +1)x+3 va y=(3-2k)x+1 cit nhau

<:>k+l¢3—2k<:>3k¢2<:>k¢§

g) Pé db thi ham s6 y=(k+1)x+3 vay=2x+ 5 vudng goc:

& (k+1).(2)=-12k+2=-1

<:>2k=—3<:>k=_73

h) Dé @6 thi ham s6 y = (k+1)x+3 va y=(3-2k)x+1 tring nhau

k+1=3-2k
=
3=1(5L)

Vay khong co gia tri k thoa diéu kién bai toan.

i) Dé d6 thi ham s6 y = (k +1)x+3 cit dudong thing y = 2x + 2 tai diém ¢6
hoanh d6 béng 1:

Ta c6 giao diém co hoanh d6 bang 1 = x, =1, thay vao

Vo=2x,+2=y,=21+2y,=4

Vay toa do giao diém la (1; 4), thay vao y = (k +1)x+3

=S4=(k+D)+3=4=k+4<=k=0

KL: vi k = 0 thi do thi ham s6 da cho cat duong thang y = 2x + 2 tai diém co

hoanh d6 bang 1.

) D6 thi ham s6 y =(3—2k)x+1 cét duong thiang y = —3x +1 tai diém co tung

do6 bang 4:

Ta c6 giao diém co tung d6 bang 1=> y, = 4, thay vao

Yy ==3%;+l e d =3+l & x =1
Vay toa do giao diém la (~1; 4), thay vao y=(3-2k)x+1

=4=0B-2k)(-D)+1 ©4=-"3+42k+1<6=2k k=3
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KL: v&i k =3 thi db thi ham s6 da cho cit duong thing y = -3x + 1 tai diém co

tung dd bang 4.

2. Viét phwong trinh dwong thiing (d) biét hé sb goc a, va (d) di qua

1 diém cho trudc (x0530)
PHUONG PHAP:
+ Thay (xg; ) vao y=ax+b ta dugc phuong trinh y, =ax; +b (1)

+ Thay gi4 tri a vao phuong trinh (1) ta tim dugc hé s b.
+ Thay gia tri ciaavab vao y=ax + b ta dugc pt dudng thang can tim.

Vi du minh hoa : Viét phuong trinh duong thang biét no co hé sb goc la
k =3, va di qua diém A (3;2)
Huéng ddn giai:
Phuong trinh duong thing co dang: y = ax + b.
Pi qua diém A (3;2)néntaco: 2=a3 +b (1)
No6 c6 hé sb gock=3=a=3.
Thay giatria=3 vao (1) tadugc: 2=9+b=>b=-7

Vay phuong trinh duong thing can tim la; y=3x—7

3. Viét phwong trinh dwong thing biét dwong thing y = ax + b di qua 2

diém (x;331) va (x2;02)
PHUONG PHAP:

+ Thay (x;; y1) vao y = ax + b ta dugc phuong trinh y; =ax; +b (1)
+ Thay (x,; y,) vao y = ax + b ta dugc phuong trinh y; = ax; + b (2)
+ Biéu dién b theo a, ta co: b=—ax; + y
+ Thay b vao (2) ta tim dugc a, tir d6 suy ra gia tri cia b.

O day ta c6 thé giai hé phuong trinh (1) va (2) dé tim a, b.

+ Thay gia tri ciaa vab vao y =ax + b ta dugc pt dudng thang cin tim.
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Vi du minh hoa : Viét phuong trinh duong thang di qua A(1; 5) va B(-2; 3).
Huromg dan gici:

Phuong trinh duong thing c6 dang: y = ax + b (d).

(d)diquaA(1;5)=5=al+b; (d)diquaB(-2;3)=3=a(2)+b

a+bh=5 {3(2—2 a=

2

Suy ra a, b la nghiém cta hé phuong trinh: < = 3
—2a+h=3 a+b=5 13

3

b

A X \ 2 X s \ 2 13
Vay phuong trinh duong thang can tim la: y==x+—.
J 2

4. Viét phwong trinh duwdng thfmg biét duong thz‘]ng y=ax+bdi
qual diém (Xo3 Yo) va song song voi dudng thfmg cho trude
(d):y=ax+b’

PHUONG PHAP:

+ Do duong thing (d) // (d) ©Tim dugca=a’ ,b# b’ (1)

+ Thay (X¢; yo) vao y = ax + b ta duoc phuong trinh y, = axy + b (2)

+ Thay gia trj a’ vao a trong phuong trinh (2) = b.

+ Thay gia tri ciaa vab vao y =ax+ b ta duoc phuong trinh dudng thing can

tim.

Vi du minh hoa : Viét phuong trinh duong thing y = ax + b, biét n6 song song

v6i duong thang y = x + 5, va di qua diém M (2; 3).

Hurong dan gici:
Do song song véi duong thang y = x + 5 =>a = 1, suy ra phuong trinh:
y=x+b

Puong thing y = ax+5 di qua diém M (2; 3), nén 3=2a+b

Ta o6 a=1 o a=1
A0 N3 atb  |b=1

Vay pt dt can tim 1a: y=x+1.
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5. Viét phuong trinh dwong thzsmg biét dudng th:zmg y=ax+b di
qua 1 diém (xo; yo) va vuéng goc voi duwong thing cho trudce

d)yy=ax+bh’

PHUONG PHAP:

+ Do dudng thang (d) L (d’) < aa'=-1 = Tim duoc a = (1)
a

+ Thay (xg; vo) vao y = ax + b ta dugc phuong trinh yo = axy + b (2)
+ Thay gia tr1 a tim dugc vao phuong trinh (2) = b.
+ Thay gia tri cia avab vao y =ax + b ta dugc phuong trinh duong thang can

tim.

Vi du minh hoa : Viét phuong trinh duong thing y = ax + b, biét no vudéng

goc voi duong thing y = x + 5, va di qua diém M (2; 3).

Huéng ddn giai:
Do vudng goc voi duong thingy=x+ 5 (3 ddya’ = 1)=>a=-1.

Puong thing y=ax+5b di qua diém M (2; 3), nén 3=2a+5

Ta co; {a = @{G_]
3=2a+b b=5
Vay pt dt can tim 1a: y=-x+5.
6. Viét phwong trinh dwong thing cho biét b va (d) di qua 1 diém
(%03 ¥o)

PHUONG PHAP:

+ Puong théng (d) di qua (xo: yo). thay (xo; yo) vao pt (d) = yo=axp + b (1)
+ Thay gia tr1 b cho trude vao (1)= tim duogc a.

+ Xac dinh duoc a va b ta viét duoc phuong trinh duong thang can tim.

Vi du minh hoa : Viét phuong trinh duong thang biét nd co hé sé b =3, va di
qua diém A (3;2)

Huéng ddn giai:
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Phuong trinh duong thiang ¢6 dang: y = ax + b.
Piquadiém A (3;2)néntacod: 2=a3 +b (1)

N6 co hé s b =3. Thay gia tr1 nay vao (1) ta duoc: 2 = 3a+3:>a:—§

Vay phuong trinh duong thiang can tim la: y = —%x +3

7. Chirng minh cic dudng thing di qua mét diém c6 dinh (hodc
chirng minh cac dwong thi’ing df.‘mg quy):
PHUONG PHAP:
Cho ho duong thing (d,,), y = fix;m). Goi A(xo; yo) la diém ¢ dinh ma

ho dd thi di qua.
+ Thay gia tr1 (X, yo) vao (dn) = yo = f(xg;m)
+ Xo; Vo la cac gid tri cu thé nén phuong trinh: f{x,;m) — y, = 0 1a phuong trinh
theo m.
+ Vi da thirc bang 0 véi moi m nén cac hé sd cia no phai dong thoi bang 0.

+ Tir d6 ta tim dugc (xo; yo) 1a diém ¢6 dinh cua ho duong thang (d).

Vi du minh hga 1: Cho phuong trinh: (m—1)x+(m—-4)y =2m-5¢o do thi la

duong thang (d). Chung to rang (d) ludn di qua mdt diém cb dinh.

Huéng dan gidi:
Goi A(xg; o) la diém co dinh cua ho duong théng trén.
Ta co: (m—1)x,+(m—-4)y, =2m-5
< (x,—y, —2)m—(x,+4y,+5)=0
Vi da thirc bang 0 véi moi m nén cac hé s6 phai dong thoi bang khong:

X0 _yo_z =0 0
~ =
X, +4y,+5=0 7

KL: Vay ho duong thing ¢é phuong trinh trén luén di qua diém A [%,—%J

¢O dinh.
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1. BAI TAP ON CHUONG II

Bai 1. Cho duong thang (d) co phuong trinh: y = mx + 2m — 4.

Tim m dé d6 thi ham s6 di qua goc toa do.

Bai 2. Trong hé truc toa dd Oxy, biét duong thang y = ax + b di qua diém
A(2;3) vadiém B (-2; 1). Tim caché s avab.

. iy . 2 . .2 | . L.
Bai 3. Biét duong thang y = ax + b di qua diem M (2;5] va song song voi

duong thang 2x + y =3.

Tim cac hé sd avab.

Bai 4. Tim m dé duong thang y = 2x — 1 va duong thang y = 3x + m cét nhau
tai mot diém nam trén truc hoanh.

Bai 5.Cho dudng thing (d) ¢6 phuong trinh: ax+(2a—1)y+3=0. Tim a dé
duong thing (d) di qua diém M (1; -1). Khi d6, hay tim hé sé goc cua duong
thang (d).

Bai 6. Trong mit phiang, voi hé toa d6 Oxy, cho duomg thang (d) co phuong
trinh: y=(m-x+n.

a) Vo1 gia tri nao cua m va n thi (d) song song vt truc Ox.

b) Xac dinh phuong trinh cta (d), biét (d) di qua A (1; —1) va c¢6 hé s6 goc
bang 3.

Bai 7. Trong mit phing Oxy, duong thing y = ax + b di qua diém M ( -1;2) va
song song v&i dudng thing y =3x+ 1. Timhésdavab.

Bai 8. Cho hai dudng thing (d): y=-x+m+2va(d’): y=(m’-2)x+1

a) Khi m =— 2, hay tim toa d6 giao diém cua chiing.

b) Tim m dé (d) // (d°).

Bai 9. Tim m dé duong thing y = — 3x + 6 va dudng théng y = %x72m+l cat

nhau tai mot diém ndm trén truc tung.
Bai 10. Trong mit phing toa d6 Oxy, tim m dé duong thang (d):

y=(m*-1)x+1 song song véi duong thang (d’): y=3x+m— 1.
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Bai 11. Viét phuong trinh duong thang (d) di qua 2 diém A (1; 2) va B(2; 0).

Bai 12: Cho hai duong thang (d;): y=(2 +m )x + |
va (dy): y=(1+2m)x+2

a) Tim m dé (d;) va (d,) cét nhau .

b) Véim =—1, v&(d,) va (d,)trén cing mit phing toa dd Oxy rdi tim toa dd

giao diém cia hai duong thang (d;) va (d;) bang phép tinh.

Bai 13: Cho ham s6 bac nhéat y = (2 - a)x + a. Biét d6 thi ham s6 di qua diém

M ( 3;1), ham s6 ddng bién hay nghich bién trén R ? Vi sao?

Bai 14: Cho ham s6 bac nhit y = (1- 3m)x +m + 3 di qua N (1;-1) , ham s6
déng bién hay nghich bién ? Vi sao?

Bai 15: Cho hai duong thang y = mx — 2 v&i (m# 0)vay = (2 - m)x + 4 véi
(m #2) . Tim diéu kién cua m dé hai duong thang trén;

a) Song song

b) Cét nhau

Bai 16:

a) Vi gia tri nao ctia m thi hai duong thangy =2x+3+mvay=3x+5—-m,

cit nhau tai mot diém trén truc tung .
b) Viét phuong trinh duong thang (d) biét (d) song song voi (d’): y = _?lx va
cét truc hoanh tai diém co hoanh do bang 10.
Bai 17: Cho cac duong thang (dy) : y=4mx—(m+ 5) vo1 (m=0)
(d2) :y=0Cm+1)x+(m-9)
a) Voi gia tri nao cua m thi (d;) // (dy)

b) Vi gia tri ndo ciam thi (d,) ¢it (dy). Tim toa d6 giao diém khi m = 2.
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HUONG DAN GIAI BAI TAP ON CHUONG II

Bai 1. Puong thing (d) co phuong trinh: y = mx+2m —4 co hé sb
a=m, b=2m—4

. . , m#0
Dé do thi ham s6 di qua goc toa doé < Sm=2
2m—4=0

Bai 2. Puong thing y = ax + b di qua diém A (2;3 ) =>3=2a+b
Puong thing y = ax + b di qua diém diém B (-2; 1) =1=-2a+b.

3=2a+bh azl

Suy ra a, b la nghiém cua hé PN
1=-2a+bh

2.
h=2
Vay phuong trinh dudng thing can tim la: y = %x +2

Bai 3. Puong thing y = ax + b song song v&i duong thang

2x+y=3= y=-2x+3=a=-3
\ 2 . -2 1 1 .
Puong thang y = ax + b di qua diem M[Z;Ej :5=2a+b,\/0’1 a=-3.
13
Suyra h=—
4 2

Vay phuong trinh duong thing can tim la; y = -3x +§

Bai 4. M(xo;yo) la giao diém cua dudng thé‘ing y=2x - 1 va duong thé.ng
y=3x+m.
M (xo;yo)thu(f)c truc Ox =, =0;

N _ 1
M (xq;y, ) thude y = 2x — 1 =30 =2% ~1 0=2%) ~ 1< % =

M(xo;yo)thuéc y=3x+m =y, =3xg+m< ()=3.%+m = m :7%
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Bai 5. (d) co phuong trinh: ax+(2a-1)y+3=0 di qua diém M (1,-1).
Suyra: al+Q2a-1).(-1)+3=0-a+4=0ca=4.

Vay phuong trinh (d): 4x+7y+3=0< y= ,%x,%

Heé sb goc ciia duong thing (d) 1a -% |

Bai 6. Trong mit phang, voi hé toa dd Oxy, cho duomg thang (d) c6 phuong

trinh: y=(m-Dx+n.

m—-1=0 {m=1
Ly

a) Puong thing (d) song song vai true Ox <:>{ .0
n

n=0
b) (d) di qua A (1; —1) va co hé sd goc bang -3, suy ra:

m-1=-3 m=-2

=

{—1(m—1).1+n {n2
Bai 7. Duong thing thing y = ax + b di qua diém M ( -1, 2)
o2=a(-1)+be-a+b=2
va song song véi duong thangy =3x+ 1 =a=3; h=1

—a+b=2 {a:3

Ta suy ra: =
a=3, b=l b=5

Bai 8. Cho hai duong thing (d): y=—x+m+ 2 va(d’): y=(m" -2)x+1
a)Khim=-2,taco: (d):y=—x; (d)y=2x+1
Phuong trinh hoanh d6 giao diém: —x=2x+1< x= —% ,

thay vao (d) suyra y= %

Vay toa do giao diémciadvad’ khim=-21a (—%3 .
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b) P& (d) // (d") {‘1’””‘2@{ & m=
m+2#1
Vay vaor m=1 thid va d’ song song voi nhau.
Bai 9. Puong thing y = -3x+6 va dudng thing y = %x—2m+1 cit nhau tai
mdt diém nam trén truc tung.
Piém M(x ;yo) thudc truc hoanh x, =0
Piém M (x,;y,) thude dudng thang y=-3x+6, suy ra:
Yy =3x,+6),=-3.0+6y,=6

Vay toa do diém M (6:0)

<9
(4]

2m M thudc duong thing y:%x—2m+1
2-2m+l<=0=6-2m<< m=3

Bai 10. Dé duong thang (d): y = (m” —1)x+1 song song v&i duong thang (d°): y

=3x+m-1.

N . m=2
m —-1=3 m =4
Lt < Slm=-2cm=-2

1#m-1 m=2
m=2

Vay voi m=-2 thi dudng thang d song song véi duong thang d.

Bai 11. Viét phuong trinh dudng thing (d) di qua 2 diém A (1; 2) va B(2; 0).
Phuong trinh dudng thing can tim ¢6 dang: y =ax+5 (d)

Piém A thudc d,suyra: 2=al+bb=2-a

Piém B thudc d, suy ra: 0=a2+b < 2a+b=0, thay b=2—a vao ta co:

2a+2—-a=0oa=-2,suyrab =4

Vay phuong trinh dudng thing can tim 1a: y = —2x+4
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Bai 12: Cho hai duong thang (d,): y=(2+m)x+ 1 va (dy): y=(1+2m)x +2
a) Dé (d)) va (d,) citnhau < 2+m=1+2mom=1

b) Voim=—1,taco (d,) y=x+1 codd thi la duong thing di qua hai diém
(0;1) va (-1;0)

va (dy) y=-x+2 codd thi la duong thing di qua hai diém (0,2) va (2;0)
Phuong trinh hoanh do¢ giao diém cta (d,) va (d,):
x+l=—x+2<2x=1<x =%, thay x =%vao phuong trinh (d,), suy ra :

3

y:l+l:—
2 2

Vay, toa do giao diém cua (dy) va (dy) la: (%%J

Bai 13: Ham s6 bac nhat y=(2-a)x+a diqua diem M ( 3;1), suy ra

l:(2—a)3+a<:1:6—3a+a<:>2a:5<:>a:%

. 5 :
Vayhamso cantim: y=|2—-= [x+==——x+—
2 2 2

Do do, ham sé nghich bién trén R vi ¢o hé s goc bing _% <0
Bai 14: Ham s6 bac nhat y:(l—3m)x+m+3 diqua N (I;-1), suyra:
—1:(1—3m).1+m+3<:>—l:l—3m+m+3<:>2m:5<:>m:%

. LA 5 5 13 11
Vay ham so can tim : y=|1-3.— [x+—+3=——x+—
2 2 2 2

Do d6 ham sb nghich bién trén R, vi c6 hé sd goc bing —% <0.
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Bai 15: Cho hai duong thing y = mx — 2 voi (m=0)vay = (2 - m)x + 4

vO1(m #2).

) . m=2-m
a) Hai duong thang Song song <:>{ - <2m=2om=1

b) Hai duong thang cit nhau < m#2-m<2m#2<m#1
Bai 16:

a) Hai duong thing y =2x+3+m va y=3x+5-m , cit nhau tai mot diém trén

truc tung.

Giao diém M thudc truc tung nén 6 toa do 1a M(0;y,,)

M thudc duong thing y=2x+3+m <y, =20+3+m>y,, =3+m

M thudc duong thing y=3x+5-m <y, =3.0+5-mSy, =5-m

Suyra: 3+m=5-m

b) Viét phuong trinh duong thang (d) biét (d) song song vai (d°): y = %lx va
cit truc hoanh tai diém c¢6 hoanh d6 bang 10.

Phuong trinh dudng thing can tim ¢6 dang: y =ax+5 (d)

Duong thing d song song vai (d°): y = —%x ,suyra a= —%

Diém thude Ox c6 hoanh do bang 10 ¢6 toa do l1a (10,0).
Puong thang d di qua diém (10;0)nén ta co:

y:—lx+b<:>0:—l.10+b®b:5
2 2

Vay phuong trinh duong thing can tim la: y = —% x+5

188

Facebook: hitps://'www.facebook.com/thayphamnguyen



Pham Nguyen — DT: 0935555826

Bai 17: Cho cac duong thang (dy) : y=4mx—(m+5) v&i (m#0)
(dy) : y=(3m+1)x+(m—-9)

. Adm=3m+1 m=1
a) Puong thing (d,) // (dy) @{ {

-m—-5#m-9
b) Puong thiang (d;) cit (d,) < 4m#3m+1<>m#1
Khim=2tacod: (dy): y=8x-7 va(dy): y=7x-7

Phuong trinh hoanh dé giao diém cua (d;) va (d;): 8x—7=7x-7<x=0, suy

ra y=-7

Vay toa d6 giao diém la: (0,-7)

¢) (dy) : y=4mx—(m+5)

Goi A(xo; Vo) 1a diém ¢d dinh ctia ho duong thing (d;) trén.

Ta co: y, =4mx, —(m+5) < 4mx,—m—-5-y, =0 m(4x,-1)-5-y, =0
Vi da thirc bang 0 voi moi m nén cac hé s6 phai dong thoi bang khong:

1
4

{4%—1:0 St
Yo=-5

~5-y,=0

KL: Vay ho duong thang (d,) c6 phuong trinh trén ludn di qua diém A [%;—5]
c6 dinh.
(dy) - y=(Bm+1)x+(m-9)

Goi B(xo; Vo) 1a diém cb dinh cua ho duong thing (d;) trén.
Ta co: y, =(3m+1)x, +(m—9)

< 3mx, + X, +m—-9-y, =0 m(3x, +1)+x, -y, -9=0
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Vi da thirc bang 0 voi moi m nén cac hé sb phai dong thai bang khéng:

1
3x,+1=0 Y0 T3
f=—1
X, =Y, —9=0 28
yoz—?

KL: Vay ho dudng thing (d,) c¢o phuong trinh trén ludn di qua diém B

—l;—E c6 dinh.
3 3
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IV. DE KIEM TRA CHUONG 2

PE KIEM TRA 1 TIET

pél Moén: Pai s6 9 — Chwong 2

Thai gian: 45° (Khong ké phat dé)
Ciu 1 (3d): Cho ham sé y =2x+1 ¢ dd thi la duong thing (d).
a) Tim toa do diem A thudc (d) biét réng A c6 hoanh do béng 2.
b) Tim toa do diém B thudc (d) biét rang B ¢6 tung dé bing — 7.
¢) Biém C (4 ; 9) c6 thude (d) khong?
CAu 2 (3d): Cho ham s6 y=(2m—5)x+3.
a) Tim diéu kién ciia m dé ham sd 1a ham sd bac nhat.
b) Tim diéu kién cia m dé ham s dong bién? Nghich bién?

¢) Tim diéu kién cia m de d6 thi cua ham so song song voi

dudng thing y=3x-1.

Céu 3 (3d): Cho ham sb bac nhéat y=ar+2.

a) Xac dinh hé s goc a, biét rang db thi cua ham sé di qua diém M (1 ; 3).
b) Vé dd thi ciia ham sd.

¢) Tinh goc tao béi dd thi ctia ham sé va truc Ox.

Céu 4: (1d) Cho ham s6 béc nhit y = 1(x) =(1-V5)x++2.

Khong tinh hay so sanh (1) va f(\/g)
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HUONG DAN CHAM-Dé 1

Cau Noi dung Piém
a) Thay x, =2 vao phuong trinh y =2x+1, tim duoc y, =5 1
Cau 1 | b) Thay y, =7 vao phuong trinh y=2x+1, tim duoc x, =—4 1
0.5
(3d) | c)Taco: 2x. +1=24+1=9=y, os
Két luan: Piém C thudce (d). ’
a) Ham s6 y =(2m—5)x+3 la ham s6 bac nhat khi 2m 50 1
suy ra e 5
m —
Y 2
b) Ham s6 y =(2m—5)x+3 dong bién khi 2m—5>0 0,5
5
) suyra m>—
Cau 2 2
(3d) | Ham s6 y=(2m—5)x+3 nghich bién khi 2m-5<0 0,5
suy ra m 3
Y 2
¢) D6 thi coa ham sé song song voi dudng thang y =3x—1 khi 0,5
2m—-5=3
Suyra m=4 0,5
a) Thay toa do cua M tim ; 1
duoc a=1 4 0,5
b) Lap bang gia tr1 dung. 5 ’ 0,5
N , 2
Ciu 3 | Vé ding b thi ctia ham s, / 1 0,5
AAa
(3d) c)Tinhdu’GCtana:ﬁzl 4 a/24 (01 2 3 4 5 x
A -1
0.5
Suyra o = 45" 2
-3
-4
Ciaud Chiraa=1 —\/g <0 nén ham sé da cho nghich bién. 0,5
(1d) | Taco1<5= f(1)>/(V5) 0,5

Moi cich giii khdc ditng vin cho diém toi da phin twong iing.
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PE KIEM TRA 1 TIET

Pé 11 Mén: Pai s6 9 — Chwong 2

Thoi gian: 45° (Khong ké phat dé)
Cau 1 (3d): Choham s y=-2x+2 c6 dd thi la duong thang (d).
a) Tim toa dd diém A thudc (d) biét ring A c¢6 hoanh dd bang — 3.
b) Tim toa d6 diém B thudc (d) biét réng B ¢6 tung do béng 4.
¢) Piém C (- 1 ; 5) ¢6 thude (d) khong?
Ciu 2 (3d): Cho ham s6 y=(3m-2)x+1
a) Tim diéu kién cia m dé ham sé la ham s6 béc nhét.
b) Tim diéu kién ctia m dé ham sb dong bién? Nghich bién?

¢) Tim diéu kién cua m de do thi cia ham so song song voi

dudng thing y=x-3.

Cau 3 (3d): Cho ham sb bac nhat y=ax+3.

a) Xac dinh hé s goc a, biét rang dé thi ciia ham s di qua diém N (-1 ; 2).
b) V& d6 thi cua ham sb.

¢) Tinh goc tao bai dd thi ciia ham sb va truc Ox.

Céu 4: (1d) Cho ham 6 béc nhét y = f(x)=(3-v7)x-+5 .

Khong tinh hay so sanh £(3) va 1(7).

Facebook: https://'www.facebook. conv/thayphamnguyen 193



Pham Nguyén — DT 0935555826

HUONG DAN CHAM PAI SO 9- Pé2

Céu Noi dung Piém

a) Thay x, =3 vao phuong trinh y =-2x+2, tim dugc 1

y,=8

Cau 1 | b) Thay y, =4 vao phuong trinh y=-2x+2, tim duogc
3d -1

3d) | x, 05

¢) Taco: —2x,+2=-2(-1)+2=4=y,

Két luan: Piém C khong thude (d). 0,5

a) Ham so y=(3m—-2)x+1 laham sd bac nhat
. 2
khi 3m—-2=0 suyra m#;

b) Ham so y =(3m-2)x+1 dong bién khi 3m—2>0 suy ra
0,5
m>=
Cau 2 3

(3d) | Ham sb y:(3m—2)x+l nghich bién khi 3m—2<0 suy ra
0,5
m<—
¢) 6 thi ctia ham s6 song song voi duong thing y=x-3 khi| 05

3m-2=1 0,5

Suyra m=1

a) Thay toa do . 1
cua M tim dugc 4 0,5
a=1 B 3 0’5
b) Lap bang gia 2
Cauld| . ;
tri dung.
@Bd)y | 4A¢
Vé dung do thi 4,3 2 41 |01 2 3 4 5 x 0,5
. -1
cua ham so.
2
0,5
3
¢) Tinh dugc
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OB
tana =—=1
0A

Suy ra o =45°

Cau 4
(1d)

Chi ra @=3-+/7 >0 nén ham sé da cho dong bién.
Taco 3>\ﬁ:>f(3)>f(ﬁ)

0,5

0,5

Moi cich giai khdc ditng viin cho diém toi da phin twong irng.
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VII. MOT SO BAI TOAN HAM SO BAC NHAT TRiCH TU DPE THI HQC

SINH GIOIL, THI CHUYEN TOAN 9

Trong cac dé thi hoc sinh 101, thi vao 10 chuyén. Dang bai tap dd thi ham so6
béac nhét it duoc ra, vi kha niang danh dé va phan loai mire d6 cua hoc sinh gioi,
chuyén khéng cao. Do d6 no it duge ra trong dé thi, dong thoi néu ra sé han ché
trong mét sb cau hoi, chu dé nho ma cac hoc sinh phéo thong it khi dugce hoc trén

16p nhu: toa do diém c6 dinh cua ho db thi ham s véi tham sé m. .

Ciu 1: Cho duong thing (d) c6 phuong trinh: x(m+2)+(m—3)y =m—8

a) Xac dinh m dé duong thang (d) di qua diém P(-1;1).
b) Ching minh rang khi m thay doi thi duong thang (d) ludn luén di qua mot
diém cd dinh.
Huréng ddn gidi:

a) Vi duong thang (d) di qua P(-1;1) nén

(M+2) (=) +(m=3)1=m-8<> 5=m—-8=m=3

b) Goi (x,:¥,) la toa dd diém c6 dinh ma (d) di qua

Taco: (m+2)x,+(m-3)y,=m-8 Vm.

< (X, + Y, —Dm+(2x, -3y, +8)=0 Vm.

= 0= ez

Vay diém cb dinh ma (d) di qua la (-1;2).

Cau 2: Chimg minh rang khi m thay d6i, cac duong thing

(m+1)x —y—m—3=0 ludn di qua mot diém c6 dinh. Tim diém c6 dinh do.

Hiréng ddn gidi:
Gia sir diém c6 dinh ma cac duong thiang di qua c6 toa dd (xo; o).

Khi d6 phuong trinh an m: mxg+xg - yo - m - 3 = 0 ¢6 vd sb nghiém.
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Hay x,—-1=0 - x, =1
X, =¥, =3=0 |y, =-2

0

Piém cb dinh c6 toa db (1; -2)

Ciu 3. Cho phuong trinh duong thang 3x + 7y = 167. Tim toa do cac diém

thudc duong thing sao cho toa do cac diém do la cac so nguyén duong.
Huwéng ddn gidi:

Két hop voi diéu kién ta co 0<x <4 la cac gia tri can tim.

Ta co phuong trinh : 3x + 7y = 167

1677y _ y+1

3x+T7y=167T<x = 56_2y_T

dat }TH =t oy=3t—1

Nén x=58-T7t (teZ)

Vi x; y nguyén duong nén3t—1>0 <:>t>% vasS8-Tt> 0ot < %

Vi teZ nént e {1,2,3;4,5,6,7,8}

Cac nghiém nguyén duong cua phuong trinh Ia :

(51;2), (44, 5), (37, 8), (30; 11), (23; 14), (16; 17), (9; 20), (2; 23)
Ciu 4: Cho dudng thang (d) y =-2x+3

a) Xac dinh toa do giao diém A, B cuia duong thang d véi truc Ox, Oy. Tinh
khoang cach tir O dén duong thing d.
b) Tinh khoang cach tir diém C (0;-2) dén duong thang d.

Huwoéng ddn gidi
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. ¥ . \ z " . . 3
a) A la giao diém cua duong thang d voi truc Oxnéntaco: y, =0=x, = 3
« A 2 3
Vay toa do diem A [2;OJ .
B 1a giao diém cua duong thang d véi
truc Oynéntaco: x, =0=y, =3
Vay toa d6 diém B (0,3)

Tam giac AOB vuong tai O, ¢c6 OA = 3;

OB="2
2

Goi H 1a hinh chiéu coa O trén dudng

thang AB.

Ap dung hé thire lugng trong tam giac vudéng AOB, ta ¢o:

1 1 1 1 4 5 3

s=——+—=—+—=—,suyra OH =—

OH®> 04> OB>* 9 9 9 J5
b) Ta co :

AC=A0+0C = 3]+ -2|=5

OH _ 04
CK AC’

AOH 1 AACK (g —g),taco :

suyra: CK =

3
=5
OHAC 5
== 5
0A 3 v

Ciu 5. Cho duong thang (d) y=ax+3a+2 (1)

a) Xac dinh a dé duong thing (d) tao véi tia Ox mdt goac 45°. V& dudmg thang
trong truong hop do.
b) Xac dinh a dé duong thing (d) di qua diém A (-L-3)
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¢) Ching minh rang véi moi a, ho duong thang (d) ludn di qua mét diém co
dinh trong mat phfmg toa do.
Hudng dan giai
a) Puong thing d tao voi Ox goc 45° nén hé
sO goca=tgd5" =1, taco: (d) y=x+5
b) Puong thang d di qua diém A (-1-3),ta

cé:a(—1)+3a+2=—3<:>2a=—5<:>a=5.

c) Cach 1: Goi M (x,;y,)la diém ma ho duong

thang (1) di qua véi moi a, thé thi toa dd
(x,; ¥, ) ciia diém M phai théa man (1)
vO1 moi a, nghia la v&1 moti s6 thuc a, ta co:

Yo=ax,+3a+2 (x,+3)a+2-y,=0 (2)

Phuong trinh (2) nghiém dang v&1 mo1 gia tri cua an a, do do phai co cac hé so

bing nhau va bing 0.

+3-0 -3
Taco: {xo @{xo
Vo= Vo, =2

Vay ho dudng thang (1) luén ludn di qua diém ¢6 dinh M (-3;2) véi moi a.

Cach 2: Goi M (x,;¥,)1a diém ma ho dudng thing (1) di qua véi moi a, thé thi

toa d (x,;y,)ctia diém M phai théa man (1) véi moi a, ta ¢6 :
Khia=1,thi y,=x,+5

Khia=-1, thi y,=-x,—1 matoa dd diém M khéng ddi, nén :
X, +5=-x,-1=2x,=-06x,=3=)y,=2

Vay ho duong thang (1) ludn ludn di qua diém ¢b dinh M (-3;2) véimoi a.
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CAu 6: V& d6 thi ham s sau:
a) y=|x[+ [1-x|
b) ¥ =|x—1| + |x+1]|

Hudng dan giai

a) y=|x|+ \1fx|

—2x+1khix<0 )
1 khi0<x<1 (2)
2x khix>1 (3)

=
I

Db thi ham sb duoc vé nhu hinh a.

OA
b) y = |x-1] + |x+1]
Hinh a.
—2x khix<-1 1)
v =42 khi —-1<x<1 (2)

2x khix >1 (3)

Do thi ham sb duoc vé nhu hinh b. y=|x=1]+|x+1]

Ciu 7: Cho hai dudng thang

y=(m+1)x+3 (d)

y=3m(m+1)x+5  (d,) Hinh b.

a) Chimg minh ring khi m :% thi hai duong thiang (d, ) va (d,) song song véi
nhau.
b) Tim tat ca cac gid tri cia m d hai dudng thang (d,)va (d,) song song voi

nhau.

200 Facebook: hitps://www. facebook.com/thayphamnguyen



Pham Nguyen — DT: 0935555826

Huréng dan giai:
. 1 . 1 4
a) Khi m== ta co: y:{3+1}x+3:3x+3 (d)

y=3.l l+1 x+5=ix+5 (d,)
3.3 3

C a4y 2 . oo A A 4 . .
Hai duong thang (d,)va (d,) co cung hé s6 goc a = 3 én ching song song

va1 nhau.
b) Hai duong thang (d,)va (d,) song song véi nhau khi va chi khi :
m=-1
m+1=3m(m+1)< (m+1)(3m-1)=0< 1

m=—
3

KL: Vay vé1 m=—1 hodc m :é thi (d,)va (d,) song song vdi nhau.

Cau 8. Tim gia tri cia k dé ba duong thang sau dong quy tai mot diém trong mét

phéng toadd: y=2x-7 (d).y=x+5 (d) va y=kx+5 (d,)
Huéng ddn gidi

Goi M (x,;5,) 14 giao diém cua hai duong thing y=2x-7 (d,) va y=x+5 (d,)
M thudc (d,), suy ra: y, =2x,-7

M thudc (d,), suy ra: y, =x,+5

Do do,taco: x,+5=2x, -7 x,=12=y, =17

Vay toa do giao diém M cua (d,) va (d,) 1a (12;17)

Dé ba duong thang dong quy tai diém M, thi duong thing y=kx+5 (d,) phai di
quadiémM <y, =kx, +5 ©17=k12+5 k=1

Vay voi k = 1 thi ba dudng thing dong quy.
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KEU GOI GOP VON TU CONG PONG HO TRQ VIET SACH
CHINH PHUC TOAN 9 TAP 3 — HINH HOC THEO SO PO TU DUY
Chao ca nha,
Téi la Nguyén, viét sach 1a niém dam mé véi t6i! Da tir lau 1im rdi tir ngay céc cubn sich SO DO U
DUY TOAN 9, CHINH PHUC TOAN 9 TAP 1 DAI SO, CHINH PHUC TOAN 9 TAP 2 PAI SO dwoc

ra doi ciing d 6 thang r6i. Dén hom nay, t6i lai diy 1én trong minh sy khao khat dwoc viét tiép, hoan
thién cuén CHINH PHUC TOAN 9 TAP 3 — HINH HOC THEO SG PO TU DUY.

Dé viét tiép Tap 3 HINH HQC, t6i sin sang chia s& tét ca cac file word ciia cac cudn trude danh cho cac
anh chi em tUng h¢ t6i. Béi 1y do quan trong nhét ctia mdt cudn sach ra doi véi 161, 1a dén dwoc véi doe gia
va thue sy ¢6 ich cho anh chi em. Va khi thuc hién du 4n viét cuén 3 nay, sau mdi chwrong khi hoan thién,
t61 s& glri mail dén tat ca cic anh chi em di Gng ho toi.

(161 thiéu cac tac pham trude:

1. Cuén 1: SO PO TU DUY TOAN 9 (31 so dd). Trinh bay cic néi dung chinh, cic ndi dung khé
clia Toan 9 dudi dang so d6 tw duy gitip cac em 6n tip sau mdi chuong dé cac em dé nim bat va
nhé 1au hon, gido vién ciing c6 tai lidu dé phat cho cic em.

PHAM NGUYEN
(Gigo vién chuyén luyén thi tai pne.edu.vn)

sC PO TU DUY

danh cho giéo vién

Link tai liéu file PDF:
So db tu duy: https://www.facebook.com/chinhphuctoan9/

2. Cuén 2, 3: CHINH PHUC TOAN 9 — TAP 1 (207 trang), TAP 2 DAI SO (296 trang). Ap dung
cac so d6 1a viéc khong d& véi cac em hoc sinh yéu, va yéu cau can phai hiéu 18 cic ngi dung kién
thire, do d6 t6i dd viét Tap 1 (Chwong 1, Chwong 2), Tap 2 (Chwong 3, Chwong 4 ) véi néi dung
nim trong Dai s6 16p 9 véi cach phan dang rat chi tiét va trong tim cling cic hwéng dan cu thé
nhét, dé cac em c6 thé TU HOC, VA LAM DPUGC. Thém vao d6 1 cac bai tip tr luyén, cac dé
kiém tra, dé thi dwoc gi6i thiéu ngay sau mdi dang, mdi bai, va mdi chuong s& gitip cac em rén
luyén va ty danh gia dwgce ban than.



' PHAM NGUYEN
(Gido vién chuyén luy‘n thi tgi pne.edu.vn)
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Link tai ligu:
Tép 1: https://www.facebook.com/chinhphuctoan9/

3. DU AN viét sach: CHINH PHUC TOAN 9 — TAP 3 HINH HOC
Chao cac anh chi, nhw t6i da tirng chia s&, day 1a dw an ¥ nghia va rit tim huyét véi riéng ca nhan
t61, toi khao khat viét tiép va hoan thién tron bd sach nay vi nd rat c6 ich cho cac em hoc sinh, céc
gi4o vién khi st dung sach. Trude hét, téi mudn néi sy ing ho ciia moi ngudi qua cac cudn sach
trwde 1a ni€ém ddng vién rat 16n danh cho t6i. Céc ban giao vién, cac anh chi phu huynh va cac em
hoc sinh di luén dong vién t6i c6 ging hoan thién cudn hinh hoc. Tuy nhién, van dé chi phi 14
mot van d& 16n véi toi, véi mot dw an ca nhan. Toi cin mot it von dé viét tiép.
Do d6 t61 mong dwoc moi nguoi ing hd dé t6i c6 thé thuc hién dy an nay thanh cong.

4, Céac ban cé thé ung hd tdi, va nhan cac vu dai nhw sau:

a. Unghé 100.000 vnd dé nhan toan bé file word SO PO TU DUY TOAN 9 va file pdf
sach TAP 3 HINH HOC khi t6i viét xong cac chuong.

b. Ung hé 200.000 vnd d& nhan toan b6 file word SO PO TU DUY TOAN 9, file word
CHINH PHUC TOAN 9 TAP 1 DAI SO va file pdf sach TAP 3 HINH HOC khi téi viét
xong cac chuong.

¢.  Ung ho 300.000 vnd d& nhan toan bé file word SO PO TU DUY TOAN 9, file word
CHINH PHUC TOAN 9 TAP 1 DAI SO, file word CHINH PHUC TOAN 9 TAP 2 DAI
SO va file pdf sach TAP 3 HINH HOQC khi t6i viét xong cac chuwong.

d. Du an s& bt dau trién khai khi s6 tién ung hé dat dwoce 20.000.000vnd. Thoi gian thuc
hién dy an: 5 thang.

5. Cach thuc tng hé:
e Dé ting ho, cac ban vui long chuyén khoan vio tai khoan véi néi dung: Ung hé Nguyén viét
sach + Ho tén + SDT
e Thong tin tai khoan:



Ch tai khoan: Nguyén Thuy Nhi Uyén (ba x3 tac gia)

56 tai khoin: 040036663040 ngin hang Sacombank, chi nhianh Tp Hué.

Sau dé vui long thong bao lai cho Nguyén biét vio sdt 0935555826 hoiic nhin tin vao
Facebook: https:/www.facebook.com/thayphamnguyen

T6i s€ lién tuc cdp nhit danh sach Gng hé cong khai gém ho tén, sb tién ang h ctia anh chi
em trén trang fanpage: https://www.facebook.com/chinhphuctoan®/




