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1. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM QUAN HE
GIUA TiNH PON PIEU VA PAO HAM CUA HAM SO
1. Kién thirc co ban
1. Piéu kién ham s6 don diéu
Giasrhamsé f (x) xac dinh trén khoang | thi:

f (x+Ax)— f (x)
AX

>0.

a. Hamsé f(x)la ddng bién trén khoang 1 néu véi moi x el taco

f (x+Ax)—f(x)
AX

b. Hamsd f(x)langhich bién trén khoang | néu véi moi x el taco <0.

Tir két qua do ta co :
Cho ham sb f (x)cc’) dao ham trén khoang lién thong | :
+Néuham s f (x) dong bién trén khoang | thi f'(x)=0;vxel .
+Néu ham sé f (x) nghich bién trén khoang | thi f'(x)<0;vxel .
2. Piéu kién dia dé ham s6 don diéu
Pinh Iy : Néu ham s6 y = f (x) lién tuc trén doan [a;b] va c6 dao ham trén khoang (a;b) thi ton
tai mot s6 ¢ e(a;b) saocho: f(b)-f(a)=f'(c)(b—a) hay f'(c)=w.
Y nghia ciia dinh Iy: Xét cung AB cua dd thi ham sé y = f (x)vési A(a; f (a)) va B(b; f (b)).
Khi do6 ta co:

f(b)-f(a)

Hé sé goc cua tiép tuyén véi cat tuyén AB la k =
~a



, f(b)-f(a . i . 42
- bang thuc f’(c) = % c6 nghia la hé s6 goc cua tiep tuyén cua cung AB tai diem
~a
C(a; f(c)) bing hé sé goc cua cat tuyén AB . Vay néu cac gid thiét cua dinh ly

Lagrange dugc thda man thi ton tai mot diém C ctia cung AB sao cho tiép tuyén tai d6 song

song voi cat tuyén AB.

Binh i 2: Cho ham s6"y = f (x) 6 dao ham trén khoing 1.
a.Néu f'(x)>0,vxel thi f(x) dong bién trén khoang I.
b. Néu f'(x)<0,Vxel thi f(x) nghichbién trén khoang I.
c.Néu f'(x)=0,Vxel thi f(x)khong ddi trén khoang I.
Ta c6 mé rong cua dinh li 2 nhu sau:

Dinh 1i 3: Cho ham s6' y = f(x) c6 dao ham trén khoang I .

a.Néu f'(x)=20,Vxel, va dang thirc chi xay ra tai mot s6 hitu han diém trén khoang I thi

f(x) dong bién trén khoang 1.

b. Néu f '(x) <0,Vxel,va déng thirc chi xay ra tai mét s& hitu han diém trén khoang I thi

f (x) nghich bién trén khoang I .

Ta tém tat dinh li 3 trong cac bang bién thién sau:

X | —o0 a b 400 X |—o0 a b 400

Yy + Yy -

y /' y \

II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Cau 1. Ham s6 nao sau day la ham s& dong bién trén % ?

A. y:(x2+1)2—3x. B. y=xvx’+1. C. y:x—l. D. y=-cotx.
x
Loi giai
Chon B.

» Loi gidai tw lugn 1: (Thuc hién tt trai qua phai): Ta lan luot:



» Véihamso y= (x2 + 1)2 —3x x4c dinh trén * thi:
y' :4x<x2 +1)—3=4x3 +4x-3
Ham s8 khong thé dong bién trén % boi y'(0)=-3<0, do d6 dép &n A bjloai.

» Véihams6 y=xvx®+1 xdc dinh trén % thi:

2

Yy =vx*+1+ i >0, Vxelk.
x“+1

Do do6 dap an B la dang, toi day ta ding lai.

» Loi giai tw ludgn 2: (Thuc hién ttr phai qua trai): Ta lan luot:
» Véiham s6 y =-cotx xac dinh trén &\ {k;z, ke Z} nén dap an D bi loai.

» Véihamso y= x—l xac dinh trén F\ {0} nén dap an C bi loai.
X

» Véihams6 y=xyx®+1 xdc dinh trén 2 thi:

2
y’:\/x2+1+x—>0, Vxelk.

Va? +1
Do d6 dép an B la dung, toi day ta ding lai.
> Lua chon ddp dn bang phép thi: Ta 1an luot danh gia:

»  Trwdc tién, ham s6 dong bién trén 2 thi phai xdc dinh trén 2 . Do d¢6, cac dap én C
va D bi loai. Téi day ta chi con phai Iwra chon A va B.

* Vi A la ham s6 bac bdon nén cé dao ham 1a mot da thitc bac ba, va mot da thirc bac ba
thi khong thé luén duwong (do phuwong trinh bac ba ludén ¢6 it nhat mét nghiém), suy ra
dap an A khong thoa man.

Do d9, viéc lura chon dap an B la dung din.

# Nhan xét: Nhu vay, dé€ lwa chon duoc dép an dung cho bai toan trén thi:

= Trong cach giai tir ludn 1 chiing ta 1an luot thir tir trdi qua phai cho cac ham s6 bang
viéc thuce hién theo hai budc:

Budc 1: Tinh dao ham ctia ham sd.

Buéc 2: Danh gia y' dé€ xét tinh dong bién ctia nod trén X .
To6i ham s6 trong B ching ta thay théa man nén ding lai & d6. Trong truong hop trai lai,
ching ta sé tiép tuc ham s6 ¢ C, tai day néu C thoa man thi chung ta lya chon dap an C

con khong sé khang dinh D 1a dtng.



»  Trong cdch gidi tw ludn 2 chiing ta 1an luot thi tir phai qua trai cho cac ham sé.

= Trong cdch lya chon ddp dn bing phép thir chiing ta loai trit dan bang viéc thuc hién theo
hai budc:

Buéc 1: St dung diéu kién can dé€ ham s6 don diéu trén D la phai xac dinh trén D, ching

ta loai bo duoc cac ddp an c va D boi cac ham s nay déu khong xac dinh trén 2.

Budc 2: S& dung tinh chat nghiém cta phuwong trinh bac ba, d€ loai bo dwoc dap an A.
Cau 2. Ham sd nao sau day la ham s6 nghich bién trén 2 ?

A. y=—x"+2x"—x+3. B. y=—x"+2x"+1.
C. y=cos2x—2x+3. D. y=+1-x".

Loi gidi
Chon C.

» Loi giai tw lugn 1: (Thuc hién ttr trai qua phai): Ta lan luot:
=  Véiham s6 y=—x"+2x* —x+3 xac dinh trén 2 thi:
y'=-3x"+4x-1,
y'£0®—3x2+4x—1S0<:>x£% hodc x>1.
Do d¢, dap an A bi loai.
= Véihams6 y=-x"+2x* +1 xdc dinh trén * thi:
y' =—4x° +4x,
Y <0< —4x° +4x <0< —4x(x ~1)<0<>-1<x<0 hoge x>1.
Do d¢6, dap an B bi loai.
* Véiham s6 y=cos2x—2x+3 xac dinh trén 2 thi:
Y =—2sin2x-2=-2(sin2x+1)<0 Vx k.
Do d¢, dap an C la dung, téi day chung ta dirng lai.
» Loi gidi tw ludgn 2: (Thuc hién tir phai qua trai): Ta lan luot:
» Véihamso y= m xac dinh trén [—1; 1:| nén dap an D bi loai.
* Véiham s6 y=cos2x—2x+3 xac dinh trén * thi:
Yy =-2sin2x-2= —2(sin2x+1) <0 Vxelk.

Do d¢, dap an C la dang, téi day chung ta durng lai.



> Lua chon ddp dn biang phép thi: Ta 1an luot danh gia:

»  Trwdc tién, ham s6 nghich bién trén * thi phai xac dinh trén 2 . Do d6, dap an D bi
loai. Tdi day ta chi con phai lua chon A, B va C.

* ViBlaham s6 bac bon nén cé dao ham 1a mot da thiec bac ba, va modt da thirc bac ba
thi khong thé luén am (do phuong trinh bac ba luén cé it nhat mot nghiém), suy ra dap
an B khong théa man.

= Véiham s6 y=-x"+2x* —x+3 x4c dinh trén 2 thi:
y'=-3x"+4x-1,
y'S0®—3x2+4x—1S0<:>x£% hodc x>1.

Do d6, dap an A bi loai.

Do d¢, viéc lua chon dap an C la diing dén.

.1 A LA A .
Cau 3. Ham s6 y = §x3 —2x% +3x+1 dong bién trén cdc khoang:

A. (—oo;1) va [3;+oo). B. (—oo;l] va [3;+oo).

C. (—oo;l] va (3;+oo). D. (—oo;l) va (3;+oo).
Loi giai

Chon B.

» Loi gidi tw ludgn: Ta 1an luot co:
» Tap xacdinh D=IR.

= Daoham: y' =x*—4x+3.

x=3
* Ham s6 dong bién khi: y'20<:>x2—4x+320<:{ -
x

Vay, ham s6 dong bién trén cac khoang (—;1] va [ 3;+w0).

> Lua chon ddp dn biing phép thii: Nhan xét ring ham dong bién khi ¥ =0 do d6 s& c6 hai
ntra doan (dau ngodc vudng “[, ]”) nén cac dap an A, C va D bj loai.

Do d¢, viéc lira chon dép an B la dung dn.

# Nhan xét: Nhuw vay, dé lua chon dwgc dap an dung cho bai toan trén thi:
»  Trong cich giai tw ludn chting ta thwc hién theo hai budc:

Buéc 1: Tinh dao ham ctia ham so.

Budc 2: Thiét 1ap diéu kién d€ ham s6 dong bién, tir d6 rut ra duwoc cac khoang can tim.



= Trong cich lyea chon dip dn bing phép thix chting ta loai trir ngay duoc cac dap an A, Cva D
thong qua viéc danh gia vé sy ton tai cua cac dau ngodc vudng. Trong trueong hop cac
dap an duwoc cho dwdi dang khac, ching ta c6 thé danh gia thong qua tinh chat cia ham
da thirc bac ba - Bai toan sau minh hoa cho nhan xét nay.

Cau 4. Ham sd y = %x3 +%x2 +2 nghich bién trén cac khoang:

A. (—o0;-1] va [ 0;+0). B. (—o0;0] va [1;+00).
C.[-10]. D. (0;1).

Loi gidi
Chon C.

> Loi giai tg lun: Ta 1an luot co:

» Tap xacdinh D=#&

= DPaoham: y'=x"+x

» Ham s6 nghich bién khi: y'<0< x> +x<0< -1<x<0.
Vay ham s6 nghich bién trén [-1;0]

> Lua chon dap an bang phép thir: Nhan xét rang:

= Ham s6 nghich bién khi y'<0do d6 sé c6 hai nita doan ( ddu ngodc vuong “[ , 17)

nén dap an D bi loai.

» Ham da thtec bac ba véi a>0 nghich nién trén doan nam gitta hai nghiém cua
phuong trinh 1" =0 nén cac dap an A va B bi loai.

Do d6 viéc lwra chon dap an C la dang dén.

@ Chu y: Nhu vay, dé lira chon duoc dap 4n ding bang phép thir cic em hoc sinh can
nam vitng kién thitc vé tinh chat cia ham da thitc bac ba va dau tam thitc bac hai.

4

Cau5.Ham so y = % X —%xz —1 dong bién trén cac khoang:

A. (—o0;1] va [1;+0) B. [-1;0] va [ 1;+)
C. (—o0;-1] va [0;1] D. [-1;1]

Loi giai
Chon B.

» Loi gidi tw ludgn 1: Ta 1an luot c6:

» Tapxacdinh D=2



= Dao ham: y'=x3—x,y':0<:>x3—x:0<:{ -

x==1

= Bang bién thién:

— -1 0 1 +m

- -0 + 0 - +

y | = \ﬁ / 5\-6 /x

Tir d6 suy ra ham s& dong bién trén [~1;0]va | 1;+0)

» Loi gidi tw ludn 2: Ta 1an luot co:
» Tapxacdinh D=2
* Paoham: y'=x"-x,y'>0<x’ x>0 xe [—1;0)u[1;+oo)

Dua trén viéc xét dau bang cach vé truc sd nhu sau:

-1 + 0 1 +
@ o o T==

Tt d6, suy ra ham s§ dong bién trén [-1;0] va [1; +0).

> Lua chon ddp dn diing bang phép thir: Nhan xét rang ham da thtkc bac bon dang tring
phwong véi a>0 thi:

» C6 khoang dong bién chita +o nén cac dap an C va D bj loai.
» (6 khoang dong bién chita —© nén cac dap an A bi loai.
Do d6 viéc lwa chon dap an B la dung din.

@ Nhan xét: Nhu vay, dé€ lwa chon dap an dung cho bai todn trén thi:
» Trong cdch gidi tir luan 1 ching ta thyec hién theo hai budc:

Buwdc 1: Tinh dao ham ctia ham so.

Budc 2: Thay vi thiét lap diéu kiény'>0 chang ta di giai phuwong trinh y'=0 roi lap

bang bién thién cho tric quan (bdi viée giai bat phuwong trinh bac ba dé gay nham dau)
» Trong cdch gidi tir luan 2 chung ta thyec hién theo hai budc:

Budce 1: Tinh dao ham ctia ham s0.

Budc 2: Thiét 1ap diéu kiény'>0 ching ta di xac dinh duoc nghiém ctia bat phuong
trinh bang viéc xét ddu ngay trén truc sd ( mién ngoai ciing dau hé sd a va sau d6 dan
dau).



= Trong cac Iia chon d4p an bang phép tht, cdc em hoc sinh can ndm viing kién thikc vé
tinh chat caa ham bac bon dang trung phuwong.

Cau 6. Ham sd y =x" —2x* —5 nghich bién trén cac khoang:

A. (—oo;—lj va [1,'+oo) B. (—oo;—1] va [0;1]
C. [-1;0] va [1;+) D. [-1;1]

Loi giai
Chon B.

» Loi gidi tw ludgn 1: Ta lan luot co:

» Tap xdcdinh D=2

Y ' 3 ' 3 x:O
* PDaoham: y'=4x" —-4x,y' =0 4x" -4x=0<
x=x=1
» Bang bién thién:
x| -1 0 1 T

¥ - 0 + 0 - n

y |+ \:6 5\-6 /x

Tir d6 suy ra ham s& nghich bién trén (—o; —1} va [0;1]

» Loi gidi tw ludn 2: Ta 1an luot c6:

» Tap xdc dinh D=3

*Daoham: y'=x’-x,y'<0=x’ -x<0<xe (—o;-1] va [0;1]

Dua trén viéc xét dau bang cach vé truc sd nhu sau:

“ + 0 1 +
3

Tt d6 suy ra ham s6 nghich bién trén (—o;—1] va [0;1]

> Lua chon ddp dn ditng bang phép thir: Nhan xét rang ham da thttc bac bon dang tring
phwong véi a>0 thi:



» C6 khoang nghich bién chita —0 nén cac dap an C va D bi loai.
» C6 khoang nghich bién khong chira +o0 nén cac dap an A bi loai.

Do do viéc Iwra chon dap an B la dung dan.

Cau 7.Ham s6 y =

2x2 nghich bién trén khoang:
x f—

A. (-o;1] B. [1;+0] C.R\11} D. 2
Loi giai
Chon C.
» Loi giai tw lugn: Ta lan luot co :

= Tap xéc dinh D=E&\{1}

* Paoham: y'= <0 = ham s6 nghich bién trén D.

2

(x-1)
Vay ham s6 nghich bién trén R\ {1}

> Lua chon ddp dn diing bang phép thii: Nhan xét rang ham phan thitc bac nhat trén
bac

nhét luén don diéu (ludn ddng bién hozc luén nghich bién) trén tap xac dinh cua no, do d6 ta lua chon
ngay dap an C cho bai toan.

@Chl]‘)'/: Nhu ’vdy, dé lya chon dwoce dap dn ding bang phép thir cac em hoc sinh can nam vieng kién
thizc vé tinh chdt ciza ham phan thitc bdc nhdt trén bdc nhat.
Cau 8: Hamsd y= i—j dong bién trén khoang:
A. (—o;-1]. B. [-1+). C. (—o;-1) va (-L+x). D. x.
Loi giai

Chon C.
> Loi gidi tir lugn: Ta lan luot co:

= Tap xac dinh D=%\{-1}.

* Pao ham y'= 2 >0,vx=-1=> ham sd dong bién trén timg khoang cia
(X+1)2 g g g

TXDD.
Vay ham sé dong bién trén (—oo;—1) va (-1 +x).

> Lwa chon ddap dn bang phép thiz: Nhan xét rang ham phan thic bac nhat trén bac nhét lun
don diéu (Iudn ddng bién hoic luén nghich bién) trén tap xac dinh cua né, do dé ta lwa chon
ngay dap an C cho bai toan.

X2

1 nghich bién trén cac khoang (ntra khoang):

Cau9: Hamsd y=




A. (—01) va (12]. B. (—0;1) va [2;+).

C. (0:1) va (12). D. (—2;1) va (L+x).
Loi gidi

Chon C.

> Loi gidi twr lugn: Ta lan luot co:
= Tép xac dinh D=Rk\{1}.
x> —2X

(x-1)

* DPaoham y'=

>0,Vx=#1.

= Ham s nghich bién khi y' <0< x*—2x<0<0<x<2.

Vay ham sé nghich bién trén cac nira khoang (0;1) va (1;2).

> Lura chon ddp dn bang phép thi 1: Ta lan luot danh gia:

= Vi D=%k\{1} va v6i ham phan thirc bac hai trén bac nhét thi y'=0 hodc vo

nghiém hodc c6 hai nghiém phan biét d6i xing qua diém 1. Do d6, cac dap an
A va B bi loai. Té1 day ta chi con phai lya chon C hodc D.

= Liy x=2 Vi x=3 suy ra y(2)=4 va y(3):%, tc 12 ham s6 dong bién trén
[2;3], suy ra dap an D bi loai.

Do d6, viéc lya chon dép an C 1a dung dan.

> Lwa chon ddp dn bang phép thir 2: Voi ham phan thic bac hai trén bac nhat c6 ad <0 thi
didu kién y' <0 tuong duong véi Ax* +Bx+C <0 (v6i A>0). Suy ra, ching ta chi c6 thé
nhan dugc [a;b] (v6i a+b=2).

Do d6, viéc lya chon dap an C 1a dung dan.

Cau 10: Ham s6 y =x —% dong bién trén:

A. [23]. B. [2;3]\{0}.

C. 2\(-2:2). D. (—;0) va (0;+x).
Loi gidi

Chon D.

> Loi gidi tir lugn: Ta lan luot co:
= Tép xac dinh D=%\{0}.
\ 2 \ A A A oA s , A g
* Pao ham y'=1+—>0,vx=0= ham so6 dong bién trén tung khoang cua tap xac
X
dinh.
Vay ham sé dong bién trén (—oo;0) va (0;+x).

> Lwa chon ddp dn bang phép thi: Ta lan luot danh gia:



= Vi D=%\{0} va véi ham phan thuc bac hai trén bac nhét thi y'=0 hodc v
nghiém hodc c6 hai nghiém phan biét d6i ximg qua diém 0. Do dé, cac dap an
A va B bi loai. Té1 day ta chi con phai lya chon C hodc D.

= Liy x=1 va x=2 suy ra y()=-1 va y(2)=1, tic l1a ham s6 ddong bién trén
[1 2], suy ra dap an C bi loai.

Do d6, viéc lya chon dap 4n D 1a dung dan.

Cau 11: Ham s6 y=+/2+x—x* nghich bién trén:

A. BZ} B. [—1;%] C. [2+00). D. [-12].

Loi giai
Chon A. ‘
» Loi gidi ti lugn: Ta lan luot c6:
= Tap xac dinh D=[-12].
1-2x

—_— vV
22+ X = X?

= Ham s nghich bién khi y'sO<:>1—2xs0<:>xz%.

* Pao ham y' = xe(-12).

Vay ham sé nghich bién trén E 2]

> Lwa chon ddp dn bang phép thir 1: Ta lan luot dénh gia:

= Tim tip xé4c dinh ctia ham s6 dugc D= [-1 2], suy ra cac dap an C va D la sai.

= Xuit phat tir tinh chat ctia ham s6 y=ax’+bx+c (v6i a<0) nghich bién trén

[—2%;%0), suy ra dap an B khong théa man.

Do do6, viéc lya chon dap an A 1a dung dén.

> Lya chon ddp dn bang phép ther 2: Xuat phat tir tinh chat caa ham s6 y = —x* + x+2 nghich
2 .. 11 x
bien trén {E;+ooj . Suy ra céac dap an B, C, D khong théa man.

Do d6, viéc lya chon dap an A 1a dung dan.

Cau 12: Ham s6 y=x—+/x dong bién trén:

A. (_oo;ﬂ. B. E;mj. C. {0;1] D. (—;0].

4
Loi giai
Chon B.
> Loi gidi twr lugn: Ta c6 diéu kién x>0 = D =[0;+w).



* Pao ham y’=1—L,VX¢0, y’=0c>1—i=0c>x=l.
24/x

2/x 4

= Bang bién thién

X| -00 1/4 +00

0
N/
3///////0\)_-1/4/Y+oO

CT

Vay ham s6 dong bién trén E ; +oo) :

> Lura chon ddp dn bang phép thi: Ta lan luot danh gia:

= Vi tap xdc dinh D =[0;+) nén cac dap an A va D bi loai, T6i day ta chi con
phai lya chon B hoac C.

= Lay x:% va x=1 suy ra y(%jz—% Va y(1)=0, tic 1a ham s6 dong bién trén

1 /4 /4 . .
(Z;l), suy ra dap an C bi loai.
Do d6, viéc lya chon dap 4n B 1a ding dan.

Cau 13: Cho ham sé y:%x3+ax2 +4x+3. Ham s6 ddng bién trén ¢ khi va chi khi:

A. |al<1. B. |a|>1. C.|a|<2. D. |a|<2.
Lo giai

Chon D.

> Loi gidi tir lugn: Ta lan lugt c6 :

= Tap xac dinh D=2X.

* Paoham y' =x*+2ax+4.

= Pé ham s6 dong bién trén * diéu kién la:
y'>20,VxeRe f(x)=x*+2ax+420,VxelR < a’-4<0<a|<2.
Vay véi |a|<2 théa man diéu kién dé bai.

> Lua chon ddp dn bang phép thi két hop tu ludgn: Ta co:

= Tap xac dinh D=23.

* Paoham y' =x*+2ax+4.

Khi do:

= Véi a=-2 thi y'=x? —4x+4:(x—2)2 >0,vxe R, do d6 cac dap an A va B bi loai
(vi ching khong chura gia tri a=-2).

= V6i a=-3thi y'=x*-6x+4 khong thé khong am voi moi xeR do d6 dap an C

bi loai.



Cau 14:

Cau 15:

Do d9, viéc lya chon dép an D 1a ding dan.

Cho ham sé y =ax—x*. Ham s nghich bién trén = khi va chi khi:

A. a<0. B.ax>1. C.a<?2. D. 0<a<?2.
Loi gidi

Chon A.

> Loi gidi twr lugn: Ta lan luot c6 :
= Tap xac dinh D=23.
» Paoham y' =a-3x°.
= Pé ham s6 nghich bién trén ® diéu kién la:
y'<0,Vxe e a-3x"<0,Vxe 2= a<3x’ <a<0.
Vay voi a<0 thoa mén diéu Kién dé bai.
> Lira chon ddp dn bang phép thi: Ta c6 véi a=1 thi y’' =1-3x* khdng thé khong duong voi
moi X € R do do6 cac dap an B, C va D bi loai (vi ching chira gia tri a=1).
Do d6, viéc lya chon dap an A 1a dung dan.

Cho ham s6 y= mx_lz. Ham sé nghich bién trén ting khoang cua tap xac dinh

cua né khi va chi khi:

A. m<4, B.m>2. C. m>2. D. m<4.
Loi giai

Chon B.

> Loi gidi tir lugn: Ta lan luot co:

= Tap xac dinh D=k\{1}.
* Pao ham y':z;mz,Vx;tl.
(1)

= Pé ham sb nghich bién trén timg khoang cta tap xac dinh diéu kién 1a:
y'<0,vxe ®\{1} va diu dang thtc chi xay ra tai mot s hiru han diém
2-m<0m>2.
Vay v6i m>2 thoa man diéu kién dé bai.

> Lua chon ddp dn bang phép thi két hop tu lugn: Ta co:

= Tap xac dinh D=Rk\{1}.

= Pao ham y’:z;mz,w;tl
(x-1)
Khi do
= Véi m=0thi y= ( 21)2 >0 = ham s6 dong bién trén timg khoang ciia tap xac
X_
dinh.

— Cac dap an A va D bi loai (vi n6 chura gia tri m=0).
= Véi m=2 thi y'=0 = Ham s6 1a ham hang = dap an C bj loai.



Do @6, viéc lya chon dap an B 1a dung dan.

@ Chu y: Rat nhiéu hoc sinh khi thuec hién bai todn trén dwéi dang tu ludn da dwa ra két lugn
m>2.

§2. CAC PHUONG PHAP GIAl BAlI TAP TRAC NGHIEM CUC TRI
CUA HAM SO

I. KIEN THUC CO BAN

1. Khai niém cuc tri ciia ham sé

Dinh nghia: Cho hamsé y = f (x) xdc dinh tréntdp hop D (D < %) va x, € D.

a. X, goi la mgt diém cye dgi ciaham sé y = f (X) néu ton tai mét khodng (a,b) chira diém x,sao cho
(a,b)c D va: f(x)< f(x),Vxe(a,b)\{x}.

Khi do f(X,) duoc goi la gia tri cuc dai cua ham sé f (x).

b. X, goi la mgt diém cuc tiéu cuia ham sé y = f (x) néu ton tai mét khodng (a,b) chira diém x,sao cho
(a,b)c D va: f(x)> f(x,),vxe(a,b)\{x}.

Khi d6 f(x,) duoc goi la gia tri cuc tiéu cia ham s f (x).

Gia tri cuc dai va gia tri cuc tiéu dugc goi chung la cuc tri.

2. Piéu kién cin dé ham sé c6 cuc tri

Xétham sé y = f (x) lién tuc trén khoang (a;b) va x, e(a;b).

Dinh 1i 1: Gia sirham sé y = f (X) dat cuc tri tai diém X,. Khi @6, néu f (X) cé dao ham tai diém X, thi
f'(x)=0.

3. Piéu kién da dé ham sé co cuc tri

Dinh Ii 2: Gig si- ham s6 y = f (x) lién tuc trén khodng (a;b) chiza diém X, va cé dao ham trén cac
khoang (a;x,) va (%,;b). Khi do:

a.Néu f'(x,)<0 véi moi xe(a;x,) va f'(x,)>0vsi moi X e(xy;b) thihamso f (x) dat cuc tiéu tai
diem X, .

b. Néu f'(x,)>0 voimoi xe(a;x,) va f'(x,)<0vsimoi xe(x%,;b) thi hamssé f (x) dat cuc dai tai
diem X, .

NGi mot cach van tat: Néu khi x qua X,, dao ham doi ddu thi diém X, 1a mét diém cyc tri ciia ham so.

Ta tom tat Hinh 1i 2 trong cac bang bién thién sau:
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T Dinh 1 2 ta ¢ quy tic tim cuc tri sau day

x

Quy tic 1: Dé tim cyc tri cua ham s6 y = f (x) ta thuc hién theo cac budc:
Budc 1: Tinh f'(x).

Buwoc 2: Tim cac diém X, ( =12. ) tai d6 dao ham cua ham sé bang 0 hoac ham sé lién tuc nhung khong

c6 dao ham.

Buoéc 3: Xétdau f'(x). Néu f'(x) doi dau khi x qua diém x; thi ham sé dat cuc tri tai X;.

Dinh 1i 3: Gid si-ham s6 y = f (X) ¢ dao ham cap mgt trén khoang (a;b) chiza diém x,, f'(X,)=0va
f (X) 6 dao ham cdp hai khac 0 tai diém X, .

a. Néu f”(xo) <0 thi ham sé dat cuc dai tai diém X, -

b. Néu f"(x,)>0 thi ham s¢ dat cuc tiéu tai diém X, .

T Pinh 1 3 ta ¢ quy tic tim cuc tri sau day:

Quy tic 2: Bé tim cuc tri cia ham s6 y = f (x) ta thuc hién theo cac budc:

Buéc 1: Tinh f'(x).

Buéc 2: Tim cac nghiém x (i=1,2...) cua phuong trinh f'(x)=0.

Buwdéc 3: V&i mdi i tatinh f7(x ), khi do:

= Néu f”(x)<0 thi ham s6 dat cuc dai tai diém x,.

= Néu f”(x)>0 thi ham s6 dat cuc tiéu tai diém x..
II. CAC PHUONG PHAP GIAI BAl TAP TRAC NGHIEM
Caul. Chohamsd y=x®+6x*+9x—3.Ham sb co:

A. Mot cuc dai va mot cuc tiéu. B. Hai cuc dai.
C. Hai cuc tiéu. D. Khéng ¢6 cuc tri.
Pap s6 tric nghiém A.

> Loi gidi tir lugn: Ta lan luogt co:



= Tapxacdinh D=R.
* Paoham: y'=3x*+12x+9.
y'=0<3x° +12x+9=0< x=-1 hoic x=-3.

= Bang bién thién:

Céau 2.

Vay ham sb c6 mot cuc dai va mot cuc tiéu.

> Lwa chon ddp dn bang phép thi: Ta c6 danh gia:

= Ham da thuc bac ba chi cd thé xay ra mét trong hai truong hop:

- Khong cé cuc tri.

- Mot cuc dai va mét cuc tiéu.

Suy ra, cac dap an B va C bi loai.

= Tinhnhanh y' nhan thiay phwong trinh y'=0 cd hai nghiém phan biét.
Do d6, viéc lya chon dap an A 1a dung dan.

< Nhan xét: Nhu vay, dé lya chon dugce dap an dung cho bai toan trén thi:
= Trong céch gidi t lugn ching ta sir dung quy tic 1 dé giai.

= Trong céach lya chon dap dn bang phép thiz cac em hoc sinh can nam viing kién thdc vé tinh
chat cuc tri caa ham da thic bac ba.

Cho ham sé y = x* —8x?*+2. Ham s6 co:

A. Mbt cuc dai va hai cuc tiéu. B. Mét cuc tiéu va hai cuc dai.

C. Mot cuc dai va khdng c6 cuc tiéu. D. Mét cuc dai va mot cuc tiéu.
Loi giai

Chon A.

> Loi gidi tir lugn: Ta lan luogt co:

= Tapxacdinh D=R.



x=0

* Paoham: y'=4x’-16x,y'=0<=4x’-16x=0 <= .
X==2

= Bang bién thién:

Céu 3.

—o0 -2 2 +00
0
0
400 ( ( +00
\ ) / \ /V
~14 ~14

Vay ham sb c6 mot cuc dai va hai cuc tiéu.

> Luwa chon ddp dn bang phép thiz: Nhan xét rang ham tring phuong véi a>0 chi ¢ thé
xay ra mot trong hai truong hop:

» M0t cuc tiéu.

» Mot cuc dai va hai cuc tiéu.

Do d6 viéc lya chon dap an A 1a ding dan.

< Nhén xét: Nhu vay dé lya chon dép an ding cho bai toan trén thi :

= Trong céch gidi t lugn ching ta s dung quy tic 1 dé giai. Cha y rang, dé nhanh chéng lya
chon dugc dép an dung ching ta thudng thuc hién trich heoc tu lugn | tic 12 khdng can thiét
phai tinh céc gid tri cuc tri ma chi can dua vao bang xét dau cua y' dé chi ra duoc dap 4n ding.

= Trong céch lwa chon ddp an bang phép thiz cac em hoc sinh can nam virng kién thdc vé tinh
chat cuc tri ciia ham da thiic bac bon dang tring phuong.

Cho ham sé y = x* +2x*+3 . Ham sé co:

A. Mot cuc dai va hai cuc tiéu. B. M6t cuc tiéu va hai cuc dai.

C. Mot cuc dai va khdng c6 cuc tiéu. D. Mot cuc tiéu va khong co cuc dai.
Loi gidi

Chon D.

> Loi gidi tir lugn: Ta lan luogt co:
= Tapxacdinh D=R.
= Daoham: y'=4x’+4x,y'=0 < x(X* +1)=0< x=0.

= Bang bién thién:



Céau 4.

Cau 5.

y : 0 +
y +o0 CT +00
\ /
3

Vay ham sé c6 mot cuc tiéu va khong co cuc dai.

> Luwa chon ddp dn bang phép thiz: Nhan xét ring ham tring phuong véi a>0 chi c6 thé
Xay ra mot trong hai trueong hop:

» Mot cuc tiéu.

» Mot cuc dai va hai cuc tiéu.

Suy ra cac dap an B va C bi loai.

Taco y':4x3+4x,y':0©x(x2+l):0<:>x:0.
Tuc 14, ham s6 chi c6 mét cuc tri nén dap an A bj loai.

Do d6 viéc lya chon dap an D 1a ding dan.

R £ X+1 R A s
Cho ham so y=—1. Ham so co:
X_

A. Mot cuc dai. B. Mét cuc tiéu.

C. Mot cuc dai va mét cuc tiéu. D. Khéng c6 cuc tri.
Loi giai

Chon D.

= Tép xacdinh D =R\{1}.

= Paoham: y'=— <0V x e D= Ham s6 khdng c6 cuc tri.

2

(x-1)
> Luwa chon ddp dn bang phép thiz: Nhan xét rang ham phan thirc bac nhét trén bac nhat
khong c6 cuc tri nén ta thiy ngay viéc lra chon dap an D 1a dung dén.
< Nhan xét: Nhu vay dé lua chon dép an dung cho bai toan trén thi :
= Trong céch gidi tw lugn ching ta s dung quy tic 1 dé giai.
= Trong cach lia chon ddp dn bang phép thiz cac em hoc sinh can nam viing kién thic vé
tinh chét cuc tri caa ham phan thic bac nhét trén bac nhat.

\ A 1 \ A 7
Cho ham s6 y = x+—=. Ham so co:
X

A. Mét cuc dai va hai cuc tiéu. B. Mét cuc tiéu va hai cuc dai.



Céau 6.

C. Mot cuc dai va mot cuc tiéu. D. Khéng c6 cuc tri.
Loi gidi

Chon C.

> Loi gidi tw lugn: Ta lan luot c6:

» Tapxacdinh D= ]R\{O}.

= Dao ham: y'=1—i2,y'=o@1—i2:o@x:i1.
X X

= Bang bién thién:

X —o0 -1 0 1 +0

y' + 0 - - 0 +

y Cb +00 2 +00
—o0 -2 —o0 CT

Vay ham sb c6 mot cuc dai va mot cuc tiéu.

> Lua chon ddp dn bang phép thiz: Nhan xét rang ham phan thac bac hai trén bac nhat chi
c6 thé xay ra mot trong hai truong hop :

= Khéng c6 cuc tri.
= M0t cuc dai va mot cuc tiéu (hai cyc tri).
Suy ra, cac dap an A va B bi loai.

Ta co:

y':l—iz,y':0<:>1—i:0c>x:i1.
X

X2
Tuc 14, ham s6 ¢6 hai cuc tri nén dap an D bi loai.
Do d6 viéc lya chon dap 4an C 1a ding dan.
< Nhan xét: Nhu vay dé lua chon dép an dung cho bai toan trén thi:

= Trong céch gidi t lugn ching ta s dung quy tic 1 dé giai. Cha y rang, dé nhanh chéng lua
chon dugc dép an dung chiing ta thudng thuc hién trich Lroc tr ludn két hop véi tinh chat cia
ham phan thizc bdc hai trén bédc nhat, tic 12 khéng can thiét phai 1ap bang bién thién ma chi can
dwa vao s6 nghiém cua y' dé chi ra duoc dap an dung.

= Trong céch lya chon ddp dn bang phép thir cac em hoc sinh can nam virng kién thdc vé tinh
chat cyc tri cia ham phan thirc bac hai trén bac nhat.

x?—3x+3
x-1

Chohamsé y = . Ham sb c6:

A. Khong c6 cuc tri.



B. Hai cuc tri.
C. Hai cuc trj va hoanh d¢ cuc tiéu nho hon hoanh d6 cuc dai.

D. Hai cuc tri va hoanh dd cuc tiéu 16n hon hoanh do cuc dai.

Loi giai
Chon C.
>  Loi gidi tw lugn: Ta lan luot co:
» Tap xac dinh DZR\{l}.
Z_ x=0
= Pao ham: y':X—Z)Z(,y':0<:>x2—2x:0<:{ :
(x-1) X=2
= Bang bién thién:
X —© 0 1 2 +00
y + 0 - - 0 +
y +00 1 +00
\ /
CT
Cb
/ \
—o0 -3 —o0

Vay ham s6 c6 hai cuc tri va hoanh dé cuc tiéu 16n hon hoanh do cuc dai.
> Lwa chon ddp dn bang phép danh gid: Ta co :

Y= x? —2x
(x-2)°

Mt khac: lim y =+ = Ham sé dat cyc tiéu tai x=2 (dat cyc dai tai x=0).

X—>+00

= Ham sb ¢6 hai cuc tri.

y'=0<:>x2—2x:0©{

Do do , viéc lya chon dap an C 1a dung dan.
& Nhan xét: Nhu vay dé lya chon dap an ding cho bai toan trén thi :
= Trong céch gidi tw lugn ching ta s dung quy tic 1 dé giai.

= Trong cach lya chon ddp dn bang phép danh gida mot vai em hoc sinh néu cam thay kho
hiéu thi hdy xem céch giai thich nhu sau:

Chung ta thyc hién theo hai budc:
Buwéc 1: Tinh dao ham dé khing dinh ham sb c6 cuc tri.

Buoc 2: Nhan xét rang: lim y = 400

X—>+00

Suy ra, qua Xx=2 ham sb c6 hudng di 1én, tirc 12 c6 dang:



Cau 7.

X=2

Ham sb dat cuc tiéu tai x=2 (dat cuc dai tai x=0).

Do d6, viéc lya chon dap an C 1a ding dan.

Cho ham sb y = xv/4—x? . Ham sé c6:

A. Mbt cuc dai va mot cuc tiéu. B. Mot cuc tiéu va hai cuc dai.

C. Mt cuc dai va khdng co cuc tiéu. D. Mot cuec tiéu va khong c6 cuc dai.
Loi giai

Chon A.

> Loi gidi ti lugn: Talan luot co:

= Tacédiéukién: 4-x* >0« |x|<2= T4p xdc dinh D = [-2;2].

N 4—2X2 , 2
= Paoham: y'= y'=0c4-2x=0< x=12eD.

N/

= Bang bién thién:

. ) 3 2 2 +o0
/% o\-z/z\o

Tir d6 suy ra ham sé c6 mot cuc dai va mot cuc tiéu.

> Loi gidi tw lugn nhanh: Ta lan luot c6:
= Didukién: 4-x*>0<[X<2=D=[-22].

4-2x°

Ja—xt

* DPaoham: y'=




Tur d6 suy ra phuong trinh y'=0 (c6 dang 4—2x*=0) ludn co6 hai nghiém phan biét thuoc
tap D va d6i dau qua ching. Suy ra, ham sé c6 mot cuc dai va mot cuc tiéu.

Do d6, viéc lya chon dap 4an A 1a dung déan.

A~ by 4 1 1 2 . N . ? N ’ ~
Cau8. Chohamso y= 3 X3 +§ x? +5. Tong cac hoanh d6 cuc dai va cuc tiéu cia ham so bang:

A 2. B. -1. C.0. D.%.

Loi giai
Chon B.
> Loi gidi tw lugn 1: Ta lan luot co:

= Tapxacdinh D=R.

* Paoham: y'=x* +x, y'=0<:>x2+x:0<:{ = X, + X, =—1.

X =0
X, =—
Do d6, viéc lya chon dap an B 1a ding dan.

> Loi gidi tir lugn 2: Ta lan lugt co:

= Tapxacdinh D=R.
2 1 2 1 2 b
* Paoham: y'=x"+Xx, y'=0 x*+x=0=>x +X,=——=-1.
a

Do d6 , viéc lya chon dap an B 1a diing dén.
> Loi gidi tir ludgn duea trén tinh chdt: Ta lan luot c6:
= Tapxacdinh D=R.

* Paoham: y'=x*+X, y"=2x+1.
n 1
y :0<:>2X+1=0<:>X0:_E:>X1+X2=2Xo=_1-

Do d6 , viéc lya chon dap an B 1a diing dén.
> Loi gidi trich lwoct lugn dya trén tinh chdt: Ta lan luot co:

» Ham da thuc bac ba y=ax®+bx? +cx+d c6 hoanh d6 diém udn Ia:

X0:—£:> XOZ—E.

= Khi d6, tong cac hoanh d6 cyc dai va cyc tiéu ciaham sd 1a: x, + X, = 2x, = —1.
Do d6 , viéc lya chon dap an B 1a dang dan.
& Nhan xét: Nhu vay dé lva chon dap an ding cho bai toan trén thi :

= Trong céch gidi tu lugn 1 ching ta tim hai nghiém cta phuong trinh y'=0 ri tinh téng hai
nghiém do.



Bai 9:

= Trong céch gidi tu lugn 2 ching ta tim tong hai nghiém cta phuong trinh y'=0 bang dinh
li Vi-ét va céch giai nay to ra hiéu qua hon trong treong hop hai nghiém ctia phuong trinh
y'=0I¢.

= Trong cach gidi tu lugn dira trén tinh chdt, cac em hoc sinh can biét dugc tinh chat d6i xting
cua cac diém cuc dai va cuc tiéu (néu c6) ciia ham da thirc bac ba qua diém udn. Nhu vay, néu
bai todn yéu cau “Tinh tong cac gia tri cuc dai va cuc tiéu cia ham s6” thi ngoai cach giai tu
luan thong thudng ching ta c¢d thé thuc hién nhu sau:

Tap xac dinh: D=3+,

Pao ham: y' =x*+x, y"=2x+1, V'=02x+1=0< X, :—%,

1 61
=Yoot Yor = 2yU = Zy(_aj =
= Trong cach gidi trich lwoc tw lugn dira trén tinh chdt cac em hoc sinh can biét duoc moi ham
da thuc bac ba y = ax® +bx® +cx+d ludn c6 hoanh do diém udn la x, = —33 va tinh chat d6i

a

xtng cua cac diém cuc dai va cuc ti€u (néu co) cua ham s6 qua diém uon.

Y A 2 R , \ A - Y = A 5 Y A M
Cho ham s6 y =x—-1+—. Tong cac hoanh d¢ cuc dai va cuc tiéu cia ham so6 bang:
X

A. —§. B. -1. C.0. D.E.
2 2
Loi giai
Chon C.

> Loi gidgi tw lugn 1: Ta lan luot co:

® Tap xac dinh: D= ﬁ.'\E\{O} .

® Pao ham: y’=1—£

., y’=0<:>1—£2=0<:>x2—2=0<:>x12=4_r\/§:>x1+x2=0.
X X '

Do do, viéc lya chon dap an C la ding dan.
> Loi gidgi tw lugn 2: Ta lan luot co:

® Tap xac dinh: D= ZQ\E\{O} .
X , 2 2 2
"Paoham: y'=1-—, y¥=01-—=0=Xx"-2=0=Xx+X,=0.
X X

Do @6, viéc lya chon déap an C 1a dung dan.

> Loi gidi tw lugn dea trén tinh chdt: Ta lan luot co:
® T4p xac dinh: D =%\ {0}.

® Tigm can dang x=0, suy ra x, + X, =2.0=0.

Do @6, viéc lya chon déap an C 1a dung dan.



Bai 10:

> Lwa chon ddp dn bang trich Iwoc tw lugn dua trén tinh chdt: Ta c6 hoanh d¢ tam d6i xung:
X, =0=Xx +X,=2x, =0

Do @6, viéc lya chon dap an C 1a dung dan.

= Nhan xét: Nhu vdy, dé lya chon duoc dap an ding cho bai toan trén thi:

= Trong c&ch gidi ti lugn 1 chling ta tim hai nghiém cua phuong trinh y' =0 rdi tinh tong hai
nghiém do.

= Trong cach gidi tw lugn 2 ching ta tim tong hai nghiém cua phuong trinh y' =0 bang dinh Ii
Vi-ét va cach giai nay to ra hiéu qua hon trong treong hop hai nghiém cta phuong trinh y' =0
lé.

= Trong cach giai tu luan dua trén tinh chat cac em hoc sinh can biét duoc tinh chat dbi xing
cta cac diém cuc dai va cuc tiéu (néu co) caa ham phan thac bac hai trén bac nhat qua tam doi
xtng (1a giao diém cua hai duong tiém can). Nhu vay, néu bai toan yéu cau “Tinh tong cac gia

tri cuc dia va cuc tieu ctia ham s6” thi ngoai cach giai tu luan thong thudng ching ta cé thé
thuc hién nhu sau:

Tép xéc dinh: D =%\{0}.
Tiém can ding x=0; tiém can xién y = X+1, suy ra tam ddi xtung | (0;1) , tir d6 ta duoc
Yeo T Yer = 21=2.

x> —2x+1

Chohamsé y = . Ham s ¢6 hai diém cuc tri x,, X,, tich x,.x, bang:

A. 3. B. -2. C. 2. D. 3.
Lo giai

Chon D.

> Loi gidgi tw lugn 1: Ta lan luot co:

® Tap xac dinh: D= ﬁi\E\{Z} .
X —4x+3 =

= Pao ham: y'= (x 2)2

1
_3:> XX, =1.3=3.

, y’=0<:>x2—4x+3:0<:>[x1
2

Do do6, viéc lya chon dap an D 1a dung dén.

> Loi gidi tw lugn 2: Ta lan luot co:

= Tap xéc dinh: D = %\ {2}.

X2 —4x+3

(x-2)

Do d6, viéc lya chon dép an D 1a dang dan.

® Pao ham: y'= : y’:0<:>x2—4x+3:0:>x1.x2=§=3.

= Nhan xét: Dé ting do khda cho dang toan nay thong thudng ngudi ta dat ra yéu cau tinh
mot biéu thire d6i xang phirc tap hon giira cac nghiém x, va x,.



Bai 11:

Bai 12:

Cho ham s y = x* —8x* +3. Ham s co ba diém cuc tri x,, X,, X,. tich x,.x,.X, bang:
A 2. B. 1. C.0. D. 1.
Loi gidi
Chon C.
> Loi gidi tw lugn 1: Ta lan luot co:

® Tap xac dinh: D=2

=0
= Pao ham: y'=4x*-16x, y' =0 4x*-16x=0 < {Xi = X.X,. %, =0.

X, =12

Do d6, viéc lya chon dap an C 1a dung dan.

> Lai gidgi te lugn 2: Ta lan luot co:

® Tap xac dinh: D=2

= Pao ham: y' =4x>-16x, y' =0 4x>-16x=0. (1)

Vi X, X,, X; 1a nghiém ctia phuong trinh (1) nén theo dinh 1i Vi-ét ta co:
d
X;. Xy Xg = 5" 0.

Vay ta ludn co x,.X,.X; =0

> Lwa chon ddp dn bang phép thiz: Nhan xét ring ham tring phuong (1 ham s6 chan) luén cé
mot hoanh d6 cuc trj bang 0, nén tich cac hoanh do cyc tri ludn bang 0.

Do d6, viéc lya chon dap an C 1a ding dan.
= Nhan xét: Nhu vay, dé lya chon dugc dap an ding cho bai toan trén thi:

= Trong céch giai ti lugn 1 chdng ta tim ba nghiém ciia phuong trinh y' =0 rdi tinh tich cac
nghiém do.

= Trong céch gidi tw lugn 2 chling ta tim tich ba nghiém cua phwong trinh y' =0 bang dinh Ii
Vi-ét.

= Trong cach gidi lya chon ddp dn bang phép thir cac em hoc sinh can nhé rang véi ham tring
phuong y=ax*+bx*+c¢ (a # O) luén c6 mot diém cuc tri 1a (O;C) do d6 x..%,.X; =0. Ngoai

N A 3b
ra, ta cling ludn c6 X, +X, + X, =X +X%X; =0, xl.x2+x2.x3+x3.x1:x3.x1:—4—a.

Cho ham sé y = x* —3x* —24x+1. Tich céc gia tri cuc dai va cuc tiéu cua ham sé bang:
A. —2921. B. —2291. C. =2912. D. —-2192.
Lo giai
Chon B.
> Loi gidi twr lugn 1: Ta lan luot co:

® Tap xac dinh: D=2



X
= Pao ham: y' =3x* —6x—24, y’=0<:>3x2—6x—24=0<:{ 5
X=—

Khi d6, tich cac gia tri cuc dai va cuc tiéu caa ham sé bang:
Yoo Yer = Y(4)-y(-2) = (4 ~3.4° ~24.4+1)| (-2)" -3.(-2)" ~ 24(-2) +1 | = -2291.
Do d6, viéc lya chon dap an C 1a ding dan.
> Loi gidi tw lugn két hep véi may tinh CASIO fx — 570MS: Ta c6:
® Tap xac dinh: D=4
= PDao ham: y' =3x*—6x—24, y'=0<3x* —6x—24=0.
= Giai nhanh phuong trinh y' =0 bang cch an:
)
D2
BEEEEEERM@E
@

|
! l

= Nhap ham sé ta 4n:
fuong) (1)
i) O] (=9 (3] (=) (3] (i) B3) (3 (=) (2) (@) (aew) I (1) (1

= Khi d, ta 1an lugt véi cac giatri x=4 va x=-2:

G @ E
WO @E
X©@DEE=E 2291

Do d6, viéc lya chon dap an B 1a ding dan.

= Nhan xét: Nhu vay, dé lya chon duoc dap an ding cho bai toan trén chung ta chi co thé sir
dung céach giai tu luan. Viéc tan dung thém céc chirc nang ctia may tinh CASIO fx — 570MS
trong truong hop nghiém cua phuong trinh y' =0 1é hoac ham s6 ¢ hé s6 16n s& dam bao do
chinh xac cho cac két qua.

.. T T S R A . -2
Bai 13: Chohamso y= ZX4 —Exz +§ . Tich céc gia tri cuc dai va cuc tiéu caa ham so bang:

A. —i. B. -1. C.1. D. i
32 32
Lai giai
Chon D.

> Loi gidi tir lugn: Ta lan luot co:

® Tap xac dinh: D=2



Bai 14:

x=0

mPaoham: y=x-x, y=0=xX-x=0< :
X==1
Khi d6, tich céc gié tri cuc dai va cuc tiéu caa ham sé bang:

P=y(1)-y(0)-y(-1) :é'

> Loi gidi tw lugn két hep véi may tinh CASIO fx — 570MS: Ta co:
® Tap xac dinh: D=2,

x=0

mPaoham: y=x-x, y=0=x-x=0< .
x=%1

. , , , ., . N 3 . N s 1 , N , X
Khi d0, tich cac gia tri cuc dai va cuc tiéu ciahamso la P = 2 duoc tinh nhanh bang cach an:

= Nhap ham s y:%x4—%x2+% ta an:

A NAENEEE0ENEPONERZEBEONREE

= Khi d9, ta lan lugt véi cac giatri x=0, x=—1 va x=1:

(ca) (0] (=) 112
@O 114
) (1D = 114

Z_x

\ 4 X +4 , , -7 . - \ = R 5 Y A M
Chohamso y= 1 Tich cac gia tri cuc dai va cuc tiéu cia ham so bang:

A. -15. B. —10. C. 5. D. 0.
Loi giai
Chon D.
> Loi gidi tw lugn 1: Ta lan luot co:
® Tap xac dinh: D= R\{l}.
= Pao ham: y’:l—%, y=0=1- 4 -
(x-1) (x-1)

Khi d6, tich cac gia tri cuc dai va cuc tiéu caa ham sé bang:

=o@(x—1)2=4c{

(1) 144 F-3+4

P=y(-1).y(3)= 11 34 -15.

> Loi gidi tw lugn 1 két hop véi may tinh CASIO fx — 570MS: Ta c6:
® Tap xac dinh: D = IR\{l} .



® Pao ham: y’=1—L y’=0<:>1—( 41)2
X_

(x-1)"

Khi dé, tich cac gié tri cuc dai va cuc tiéu cia ham sb 13 P =—15 dugc tinh nhanh bang cach
an:

X =-1
X,=3

=Oc>(x—1)2=4c{

2
= Nhap ham sé y :XX—X1+4 ta an:

Qe D)@ EH e ) FH @O EQAOE O] E=00]
= Khi d6, ta 1an lugt véi cac gia tri x=—1 va x=3:

@O
o @ &

> Loi gidi tw lugn 2: Ta lan luot co:

® Tap xac dinh: D= E\ {1} .

2 _ox— x=-1
= Pao ham: y':LXZB, y'=0<:>x2—2x—3:0<:{ :
(x—1) x=3
Khi do:
u!

i 2x-1= P =y(0).y(2)=[2(-1)-1](2.3-1) =15

> Loi gidi tw lugn 1 két hop véi may tinh CASIO fx — 570MS: Ta c6:
® Tap xac dinh: D= K\ {1} .

mPaoham: y=———, Y =0 x*-2Xx-3=0< .
X =

X —2x-3 {X=—1
(x=1)

!

Ta co: u—,:2x—l.
\
Khi do, tich cic gia trj cuc dai va cuc tiéu cua ham so 1a P =—15 duoc tinh nhanh bang céach
an:
= Nhap ham s6 y =2x -1 ta an:
(2] =i
= Khi d6, ta lan luot véi cac gia tri x=—1va x=3:
&
B
> Loi gidi tw lugn 3: Ta lan luot co:

= Tap xac dinh: D= R\ {1}.



Bai 15:

mPaoham: y=—"—- Y =0 x"-2x-3=0<

X —2x-3 {x1+x2=2
(x-1) |

!

Khi do: —=2x-1=5 P = y(x).y(%,) = (2% ~1)(2x, -1)

=4x,%, —2(X +X,)+1=4.(-3)-2.2+1=-15

= Nhan xét: Nhu vdy, dé lya chon duoc dap an ding cho bai toan trén thi:

= Trong c&ch gidi ti lugn 1 chling ta tim hai nghiém caa phuong trinh y' =0 rdi tinh tich céc
gia tri cia ham sb tai cac nghiém do.

= Céch gidi tur ludn 1 két hop véi may tinh CASIO fx — 570MS chi ¢d tinh minh hoa, bai né chi
t6 ra hiéu qua trong truong hop nghiém cta phuong trinh y'=0 1é hoac ham sé c6 hé sé 16n.

= Trong cach gidi tu lugn 2 ching ta sir dung két qua:

PN A , u ., . . .2 , N , \ A .
“V&i ham phan thic y =—, gia tri cuc dai cuc ti€u dugc tinh bang cach thay hoanh d6 cta
\'

!

/) A u 2
ching vao —".
v
= Trong cach gidi tw lugn 3 ching ta sir dung két qua duogc giGi thiéu trong 1oi giai tu luan 2 va
dinh i Vi-ét.
Cho ham s6 y =|x|(x+4). Toa do diém cuc dai clia d6 thi ham sé la:
A. (33). B. (-2;4). C. (0;2). D. (0;0).

Lai giai
Chon B.

> Loi gidi tw lugn sie dung quy téc 1: Ta lan luot co:
® Tap xac dinh: D=2
= Viét lai ham s6 dudi dang:
—X(x+4) v6ix<0  (-2x—4v6ix<0
:{x(x+4) v6i x>0 :{2x+4v61x>0 '
= Bang bién thién:

X | —oo -2 0 +00

y' + 0 - 0 +

Vay, toa do diém cuc dai cua do thi ham s6 1a (-2;4).

> Loi gidi tw lugn si dung quy téic 2: Ta lan luot co:

® Tap xac dinh: D=2



Cau 16:

= Viét lai ham s6 dudi dang:

_|x(x+4) Khix<0 - [-2x-4khix<0 ., [-2khix<0
“Ix(x+4) khix>0 Y T |2x+akhix=0 Y |2khix>0
y=0=x=-2=y"(-2)=-4<0
Vay, toa d0 cuia diém cuc dai chla hams6'la -2,y —2 — —2;4 .

Nhan xét: Nhu vay, d€ lwa chon duoc dap an dang cho bai toan trén chiing ta chi c6
thé stt dung cach giai Ty luan. Tuy nhién, nguoi ta thuong khong lwa chon quy tac 1T
cho cdc ham s6& chira dau gia tri tuyét ddi, cu thé, quy tac IT khong thé kiém tra duoc
dau la diém cuc ti€u ctia d6 thi ham s6 thém vao d6 vdi cach cho dap an nhu vay

chting ta chi c6 thé loai trir dwoc dap an C bang phép thé thong thuong

Cho ham s6 y =sin2x —x —2. Ham s6 dat cuc tiéu tai cac diém:

A.x——g+kw, kev B.x—ngkw, ke .

C. x——%Jrkw, ke . D. x—ngkw, ke .
Loi giai

Chon C.

*) Phwong phap ty luan

TXD: D=2R.

Ta c6 y’' =2cos2x —1; Giai y’—0<—>x—+%—kw, ke .

I ke
6

230

y"=—4sin2x —y" ——4sin

—I—FkZTr
3

Do d06, ham so dat cuc tiéu tai x — —Jg' +kw, kci#

*) Lua chon dap an bang phép thir

=

Chon k=0, ta lan luwot tinh cac gia tri ctia ham so tai x:—’é; X=—; X=——; x:g ta
co:

(S50 s

w | =



Cau 17:

Cau 18:

6

2 6

[’w]\@w

2 (nho nhat)

o | =

Nhan xét: Cho dit ham s6 da cho khong tuan hoan nhung chiing ta van cé thé st dung
phuwong phdp lya chon dép dn ding bing phieong phdp thir bdi véi moi k gia tri cia ham s&

chi hon kém nhau k.

Cho ham s8 y — ax® —bx’ —cx+d, a=0 .Khang dinh nao sau day la sai?

A. D0 thi ham s0 luodn cat truc hoanh. B. Ham s6 ludn co cuec tri.

C.limf x —oc. D. D6 thi ham s ludn cé tam doi
xutng.
Loi giai
Chon B.
*) Phwong phap ty luan
TXD: D=2R.

Tac6 y' —3ax’ +2bx +c; Gidi 3ax* +2bx+c=0 1.

Khi phuong trinh 1 v6 nghiém thi ham s8 khong c6 cuc tri. Do d6 khang dinh B 1a
sai

Nhin xét: Nhu vay, d€ lwa chon dwoc ddp 4n ding cho bai toan trén can ndm ving
tinh chat cua ham da thirc bac 3, cu thé:

+) D6 thi ctia ham da thitc bac 3 (cac ham da thiee bac 1) ludn cit truc hoanh (do
nd 1a ham s6 lién tuc va cac gidi han cia ham s6 6 hai dau —~ va +oo tréi dau)

+) Ham s0 ludn c6 cyc tri la khéng dinh sai (da duwoc giai thich ¢ trén)

+) Gi6i han tai vo cuc bang ~ 1a ding (tinh chat nay ding véi moi ham da thiic)

+) D6 thi ham s§ luén c¢6 tdm ddi xting bdi phuong trinh y" =0 b dang

/4 oA b &
6ax +2b =0 ludn c6 nghiém x:—g— voia--0.
a

Hams6 f x =ax’ | bx* | cx | d dat cuc ti€u tai difm x=0; f 0 =0 va dat cuc dai tai

x=1; f1 =1.Cachésd a,b,c,d bﬁmg

A.a= 2,b=3,c=0;d=1. B.a=-2,b=3,c=1d=0.

C.a= Lb=1c=1d=0. D.a= 2,b=3,c=d=0.
Loi giai

Chon D.

*) Phwong phap tuy luan



Cau 19:

T™XD: D==R.
Tacd f' x =3ax* - 2bx t c; f” x =6ax+2b.

D€ ham s6 dat cuc ti€u tai di€m x=0; f 0 =0 va dat ceec dai tai x=1;f 1 =1 thi

diéu kién la

[d=0
\ ﬂ:—z
fO0=0vafl=1 a+btct+d=1 b3
ff0=0vaf1=0«1{c=0 & _0
C =
4 N F71 1 = 3a+2b+c=0
f70=0va f"1 <0 \ =0
2b>0va 6a+20<0

*) Lwa chon dap an bang phép thi
Ham sd' diqua O 0;0 nén d=0, suy radap an A bi loai.

Hamsodiqua A 1;1 néna -b - c{d=1 suyradapan B biloai
Vi f/ 0 =0 nén ¢=0 suy ra dap én C bi loai

Ham s6 f x =x - ax® | bx - ¢ dat cuc tri bang 0 tai diém x=—2 va d6 thi ctia ham

s0 di qua diém A 1,0 .Cachésd a,b,c b?ang

A.a—2,b—0;c——4. B. a—3,b—0;c——4.

C.a=1Lb=1c=-3. D.a=5b=1c=-2.
Loi giai

Chon B.

*) Phwong phap ty luan
TXD: D=2R.
Tacd f' x =3ax’ - 2bx t ¢; f" x =6ax+2b.

D¢ ham s6 dat cuc tiéu tai diém x=-2; f 0 =0 va do thi cia ham s6 di qua diém

A 1,0 thidiéu kién la

f-2=0[-8+4a+2b+c=0 [a=3
fl-2=0<1{12 4a+b=0 <1b=0
f1=0 l+a+b+c=0 c=—4

*) Lwa chon dap an bang phép thix
Hamsodiqua A 1,0 néna-b -c{d=1,suyradapan A, D biloai.

Hamsodiqua B —2;0 nén 4a 2btc¢ 8=0 suyradapan C biloai



Cau 20:

Cau 21:

X mmilxtm® 1

Ham s6 y= cO cuc dai va cuee tiéu khi
x—m
A. m=1. B. m=2. C. m=4. D. vm.
Loi giai
Chon D.

*) Phuwong phap tu luan
TXD: D=R\ m .

Taco’y'zl—%; Gidiy'=0e x m 1=0sx=mllcD.
x—m

Tic 13, y' =0 cb hai nghiém phéan biét thuéc D va d6i ddu qua hai nghiém nay, do d6
ham s6 ludn co cuc dai va cuc tiéu
*) Lwa chon dap an bang phép thit

2

x°+1

4 \ A 14 1 L]
Lay m =0, ham s6 c6 dang y = —y' —1-—. Gidl y =0 x=+1cD
X

Tiic la ¥’ =0 ¢b hai nghiém phéan biét thuoc D va doi dadu qua hai nghiém nay, do d6
ham s06 ludn cé cyc dai va cuc tiéu tai m =0 (Chi c6 ¢ D)

Cho ham s6 y = x’ —3x” —9x . Duong thang nao di qua cdc di€ém cuc dai, cuc tiéu cta

d06 thi ham sd c6 phuwong trinh

A. 8x—y+3=0. B. x—8y+3=0. C.8x+y+3=0. D.-x+8y+3=0.

Loi giai
Chon C.
*) Phwong phap ty luan
TXb: D=TR.

x
Tacd y' =3x"—6x—9; Gidi Y =0=3x*-6x—-9=0&
x

Do thi ham s6 ¢6 cac diém cuc tri A —1;5 , B 3;—27 . Do d6 phuong trinh duong théng

. . 1 )
di qua hai diéem A, B 1a Xrl_ Y =8xtyi13=0
3+1 —-27-5

*) Phuwong phép tw luin két hgp tinh chat
TXD: D=R.
Tacd y' =3x"—6x—9;

1 1

Thyc hién phép chia y cho y' ta dugc y — 3x* —6x-9 [§X_§ —8x-3.




Cau 22:

Toa d6 cac diém cuc dai va cuc tiéu cung thdéa man y=—8x—3
*) Lwa chon dap an bang phép thit

™XDb: D=2R.

x=-1

Tacod y' =3x>—6x—9; Gidi ¥ =032’ -6x—9=0= 5
X =

D6 thi ham s6 ¢6 cac diém cuc tri A —1;5 , B 3;—27 . Dung phuong phap thtr toa do
ciia hai diém A, B vao ttng phuong trinh.
*) Lwa chon dap an bang phép danh gia 1 két hop tu luan

Ham s6 bac ba khi ¢6 cuc tiéu, cuc dai thi phuong trinh duwong thang di qua hai
diém nay phai di qua diém udén cua d6 thi. Lay toa do diém udn thi titng phuong
trinh
Luu yj: Cach tim diém udén
Cich 1: y' =3x"—6x—9; y"=6x—6. Gidi y"=0=x=1=y=—11.Suyra U ;11 .

Cdch 2: Diém udn 1a trung diém ctia doan théng ndi2 diém cuctri A,B =U 1; 11

*) Lwa chon dap an bang phép danh gia 2

Ham s& bac ba voi hé s6 a0 khi ¢b cuc tiéu, cuc dai thi phwong trinh duwong
thang di qua hai di€ém nay c6 hudéng di xudng nén hé sd ctia x va y trong phuong
trinh duong thang la cung dau.
Nhin xét: D€ lya chon dugc ddp an dung cho bai toan trén thi:

+) Trong cach giai tu luan chung ta can nhé phuong phap lap phuong trinh duong
thang di qua hai diém

+) Trong cach giai ty ludn két hop phép thit ching ta tranh dwgc viéc phai nhé
phuong phap 1ap phuong trinh duong thang di qua hai diém nhung can can than
trong khi thi va t6t hon la hay két hop v6i may tinh dé thuc hién tot cong doan nay

+) Trong cach giai tu luan két hgp tinh chat ludn 1a lya chon to6t nhat khi chung ta
khong nhé phuong phap 1ap phueong trinh duong thang di qua hai diém hodc toa d6
hai diém cuec tri cia do thi ham so rat 1é

+) Trong cach lwa chon dép an bang phép danh gia 1 chting ta st dung tinh chat
théng hang ctia cuc dai, cuc tiéu va diém uén doi véi ham s6 da thiec bac ba

+) Trong cach lyra chon dap 4n bang phép danh gia 2 chting ta cAn nhé duoc cac
dang do thi cia ham da thirc bac ba, tir d6 xac dinh duoc hudng caa duong théng di

qua hai diém cuc tri caa d6 thi ham s&
—x’4x—1 :
Cho ham s6 y = 1 Puong thang di qua cac diém cuc dai, cuc tiéu ctia do thi
x J—

ham s6 ¢6 phuong trinh



A. 2x+y—1=0. B. 2x+y+1=0. C.x-2y—-3=0. D.x—-2y+1=0.

Loi giai
Chon A.
*) Phwong phap tu luan
TXD: D=R\ 1 .
J— 2 —
Ta c6 y’:L%x; Gidi y' =0 -2’ -2x &
x—1 -

D0 thi ham s6 c6 cac diém cuc tri A 0;1 , B 2;3 . Do d6 phuong trinh duong théng di
qua haidiém A,Bla 2x+y—1=0

*) Lwa chon dap an bang phép thix

2 —
L%x; Gidi y' =0 -1’ -2x &
x—1

Taco y' =

D6 thi ham s6 c6 cac diém cuctri A 0;1 , B 2;3 . Dung phuong phap thit toa d6 cua hai
diém A, B vao tiing phuong trinh.
*) Phuwong phép tw luin két hop tinh chat

TXD: D=R\ 1.
Ta c6 y’:LQQx; Gidi y' =0 " +2x =0«
x—1 -

Phuong trinh duong thang di qua hai diém cuc tri ctia ham phan thikc bac hai trén bac

/
—x*4+x—1

/
x—1

nhat luén c6 dang y = Sy= 2x{1 *
*) Lwa chon dap an bang phép danh gia 1

+) Phuong trinh duong thang di qua hai diém diém cyc tri ciia ham s§ phan thiec
bac hai trén bac nhat phai di qua diém tam d6i xténg ctia do thi, tic la di qua diém
I 1,—1 . Loai dugc dap an B, D

+) Ham phan thtec béac hai trén bac nhat véi ad <0 khi c6 cuc dai, cuc tiéu thi
phuong trinh duong thang di qua hai diém nay c6 huéng di xudng nén hé s6 ctia x va
y trong phuong trinh dwong thang phai ctiing dau. Loai C

*) Lwa chon dap an bang phép danh gia 2

+) Ham phan thac bac hai trén bac nhat véi ad <0 khi co6 cuc dai, cyc tiéu thi
phuong trinh duong thang di qua hai diém nay c6 huéng di xudng nén hé s6 ctia x va
y trong phuong trinh dwong thang phai ciing dau. Loai C, D



+) Phuong trinh duong thang di qua hai diém diém cyc tri ciia ham s§ phan thiec
bac hai trén bac nhat phai di qua diém tam do6i xting ctia do thi, tic la di qua diém

I 1,—1 . Loai dwgc dap an B

Bai 3: CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
GIA TRI LON NHAT VA GIA TRI NHO NHAT CUA HAM SO
I. KIEN THUC CO BAN

Dinh nghia: cho ham s6 y = f (x) xéac dinh trén tap D

a. Néu ton tai mot diém x, e D sao cho f(x)< f(x,) véi moi xeD thisdé M = f (x,) duoc goi la
gia tri 16n nhat caaham sé y = f (x) tréntap D, ki hiéu M = max f (x).
b. Néu ton tai mot diém x, € D sao cho f(x)> f(x,) véi moi xe D thisé m= f(x,) duoc goi la

gid tri nho nhat cua ham s6 y = f (x) trén tap D, ki hiéu m= min ().

Viéc st dung dao ham dé tim gid tr1 16n nhét va nhé nhét ctia ham sb duoc chia
thanh cac dang sau:

Dang 1: phuong phap khao sat truc tiép duoc st dung dé tim gia tri Ion nhét va nho
nhét ctia ham sb trén mot khoang. Ta thyuc hién theo cac budc sau

Budc 1: tap xac dinh.

Budc 2: dao ham y', roi giai phuong trinh y' =0.

Budc 3: 1ap bang bién thién.

Budc 4: két luan vé gié tri 1on nhét va gia tri nho nhat dua vao bang bién thién.

Dang 2: gia tri 16n nhat, gia tri nhé nhét cia ham sb trén mot doan. gid su la doan
[a;b] ta thyc hién theo cac budc sau:

Budc 1: tinh dao ham y', r0i giai phuong trinh y'=0dé tim cic nghiém x e (a;b). gia
su la cac nghiém x;, x,...

Budc 2: tinh cac gia tri f(a), f(b), f(x), f(x).

Budc 3: tir do:

] ':f[iar;?]’: Min{f (a), f (b), f (%), f (X,)....

; I\XAE[aa?éy]/zMax{f (a), f(b), (%), f (%),

Dang 3: Phuwong phdp khao sét gian tiép, duoc thyc hién thong qua viéc sir dung d6i s6 méi t dé
dwa ham s ban dau vé dang y=F (t) don gian hon.



Vay dé sir dung phuong phép ta thuc hién theo cac budc sau:
Budc 1: Bién ddi ham s6 ban dau vé dang méi dé x4c dinh an phu y = F (@(X)).
Bude 2: it t=¢(x), taco

= PDiéukiéncuat la D,
n y= F(t)

Budéc 3: Tim gid tri 16n nhat, nhé nhat ciia ham sé y = F (t) trén D,.

I1. PHUONG PHAP GIAI BAlI TAP TRAC NGHIEM

Caul: Chohamsd y=-x+ -1 Gig tri I6n nhat cua ham s6 trén khoang (0;2) bang
X

A.-2. B.-1. C.0. D.1.
Loi giai

Chon C.
> Loi gidi tw lugn 1: Ta lan luot co:

=(0:2)

= Tap xac dinh: D

Dua vao bang bién thién ta c6 Maxy = y(1)=0.

xe(0;2)
» Loi giai ti luagn 2:
V6i xe(0;2) sir dung bat dang thirc Cosi ta co

x+322 = y:2—(x+1j£2—2:0
X X

Suy ra Maxy = 0dat dugc khi x= 1 < x=1
xe(0;2) X



> Loi gidi tuw lugn 3: Ta bién doi

2
1 1
- \/_——j <0 = Maxy =0 dat dugc Vx——==0 < x=1.
y ( \/; Xe(0;2¥ ’ ' \/;

Do dé viéc lua chon dap an C 1a ding dén.

> Loi gidi tw lugn két hop tinh chat: Ta lan luot c6:

« Tapxdcdinh O~ 0
2
= Dao ham y'=—1+i2= X2+1, Yy =0 X" +1=0 < x=41.
X X

Vi ad <0 (VA y'=0 c6 hai nghiém phan biét) nén ham s dat cuc dai tai x=1, tir

do suy ra XI\G/(IE')?%()y:y(l):O.

>  Lwa chon ddp dn bang phép thiz: Ta lan luot thu:
= V6i y=1,ta co phuong trinh:

x#0 .
—X+2-==1<x*-x+1=0, v0 nghiém = Dap an D bi loai.
X

=  V6i y=0, tacod phuong trinh:

2 .
e xe2-Lto0E e oxs120 @ (XY =0 & x=1e(0:2)
X

Té1 day chung ta dung lai va khéng dinh vi¢c lya chon dap an C la dung dén.
o Nhan xét: Nhu vay, dé lra chon duogc dap an dung cho bai toan trén thi :
. Trong cach gidi tw lu@n 1 chdng ta sir dung phuong phap da duoc trinh bay ¢ dang 1.

= Trong céch gidi tee lugn 2 ching ta st dung kién thtic vé bat dang thire dé tim gié trj 16n
nhat ciia ham sb (day 1a dang toan quen thudc ma cac em hoc sinh da duoc 1am quen ¢ cac lop
9,10)
= Trong cach gidi te lugn 3 ching ta sir dung phép bién doi dai s6 thong thuong dé danh gia
ham sé.

= Trong cach gidi t lugn két hep tinh chdt cac em hoc sinh can nam viing tinh chat cyc tri
ctia ham phan thtc bac hai trén bac nhat hodc hinh dung duoc bang xét dau cua tam thic bac
hai.

= Trong cach lwa chon ddp dn bang phép thiz cac em hoc sinh can luu ¥ hai diéu:

- Bai toan hoi gia tri 16n nhat thi chling ta bat dau tir gié tri 16n nhit trong cac dap an dé thu
va nguoc lai néu bai todn hoi gia tri nho nhét thi chlng ta bat dau tir gia tri nho nhét trong cac
dap an dé thir.



Cau 2:

- Ham s co gid tri Ion nhat bang M thi sé phai ton tai x, @& y(%,)=M .

Bai tiép theo cac em hoc sinh sé thay su thay d6i ¢ cau hoi.

Chohamsé y = x? +2 Gia tri nho nhét ciia ham sé trén khoang (0;3) dat tai x bang
X
A.-1. B.1. C.2. D.4.
Loi gidi
Chon B.
> Lo gidi tw lugn 1: Ta lan luot co:
- Tapxac dinh 2 =(%3).
I (e
* Daoham y'=2x—— = — V=0 x-1=0=x=1
X
= Bang bién thién
X —o0 0 1 3 +0

Duya vao bang bién thién, ta co lv(lolg) y=y(1)=3, dat duoc tai x=1.
> Lo gidi tw lugn 2: V6i x €(0;3), st dung bat dang thirc Cosi ta co:

x2+g:x2+1+1233x2.l.1:3.
X X X \/ X X

Suy ra Miny =3, dat duogc khi x* =

x€(0;3)

1.1
X X

< x*=1«<x=1 - Gng voi dap an B.
>  Loi gidi tee lugn 3: Ta bién doi:

:(x—1)2+2(\/_—%j2+323.

x=1=0
Suy ra Xll/(lgg)y:&dat duoc khi {&_%0 <:>{
X

>  Loi gidi tee lugn két hgp tinh chdt: Ta lan lugt co:

x=1

< x=1 -ung voi dap an B.
Xx-1=0 & p

= Téap xac dinh D= (0; 3) :



2(x*-1)

—; ¥ =0x-1=0<x=1.

=  Dao ham y’:ZX—%:
X X

Vi qua x=1 thi y’ d6i ddu tir 4m sang duong nén ham s dat cyc tiéu tai x=1 (va
d6 cling chinh 13 gia tri nho nhat ctia ham s trén khoang (0;3)).

Do d6 viéc lva chon dap an B 1a dung dén.
> Lwa chon ddp dn bang phép thi: Ta ¢ cac dap an A va D bi loai vi x€(0;3).
Khi do6 ta c6 nhan xét:

1)=3
v = Min y =3 dat duoc tai x=1.
y(2) =5 xe(0;3)

Do d6 viéc lua chon dap an B 1a dung dén.
by 4 1 . . . 14 \ 14 N
Cho ham s6 y =2x+— véi x>0. Gia tri nhé nhat cia ham so6 bang
X

A.-1. B.2. C.3. D.4.
Lai giai
Chon C.

Ty luan 1. Xét ham sb trén tap (0;+).

Taco y’=2—%; y’=o©2—%=0 o x=1.

Bang bién thién
X | -00 0 1 +00
¥ N -0 +
§\ +o0 \i T +w
y i

Dua vao BBT ta co (rg_1in)y=3 khi x=1.

Ty luan 2. V&i x>0, st dung bat dang thite Cosi ta co

y=2x+X—12 =x+x+% 233,/x.x.%:3.

] . 1
Vay miny=3 khi x=—= < x=1.
dy miny >

Lua chon dap 4n bang phép thir két hop voi sit dung may tinh CASIO fx 570MS.
Ta lan luot thir
Vi y=-1biloai bdi x>0 nén y>0. Dap an A bi loai.

Véi y =2 ta cd phuong trinh 2x+i2 =2 x=-0,5651( loai do x<0) bang cach 4n
X

MODE,
MODE MODE MODH [1][ »[3]
- |OR-1-H -] —0.5651

E l R(—)E



Dép an B bi loai.

=-2 . .
. V6i y =3 ta c6 phuong trinh 2X +i2 =3 { bang cach an
X =
M EE:EE =3

[v] L 1
Té1 day ta dung lai khrfmg dinh viéc chon dap an C la ding.

A \ g 3 . . s
Cau4: Chohamso y= 2 x* —x%. Gi tri nho nhét caa ham sé bang

A 1. B3 c-L. D.0.
4 4
Léi giai

Chon C.

Tu luan 1. Tap xac dinh =.

Tacd y =3x>-3x?, y’:0<:>[ i

Bang bién thién
X -00 0 1 + o
y : 0 . - 0 +
y +ooxCT + o0

-1;4/

Dua vao BBT ta co miny:%1 khi x=1.
Tu luan 2. Ta bién ddi yzgx4 -x* <4y =3x*-3x°

=2(x* =26 +5¢) +2(x* =26 +1) -1 =2(x2 —x) +(x2 ~1) ~1= 1.
Tacod 4y>-1< yz-%.

. “1,,.. | X¥*=x=0
Vay miny=—Kkhi < x=1.
A =3 {xz—lzo

> Loi gidi t lugn két hep tinh chat
Tap xéc dinh D = K.
x=0

Dao ham y'=3x3—3x2:>y’:0c>3x2(x—l)=0<:>{ L
X =

Vi dau cua Yy’ chi phu thudc vao X—1 nén ham s dat cuc tiéu tai X=1, tir 46 suy ra
. T
Miny = y(l) = 7 ung vai dap an C.

Lea chon phwong dn bang phép thee: Ta lan luot thir.



Céau 5:

V6i y = -1, ta c6 phuong trinh

3

Ext - =13 -4’ +4=02(x - 2¢ + X7 )+ (X" - 2x* +1)+3=0
2 2

& 2(x* —x) +(x*-1) +3=0

Phuong trinh trén vo nghiém nén phuong an A bi loai.

Voi y = —% , ta ¢6 phuong trinh

ZX -x° :—§<:>3x4—4x3+3:0<:>2(x4—2x3+x2)+(x4—2x2+1)+2:O

2 2
= 2(x2 —x) +(x2 —1) +2=0
Phuong trinh nay v6 nghiém nén phuong an B bi loai.

: 1
Voi y = R ta c6 phuong trinh

ZX -x? :—1<:>3x4—4x3+1=0<:>2(x4—2x3+x2)+(x4—2x2+1)=0

= 2(x2 —x)2 +(x2 —1)2 =0 x=1

Té6i day, chung ta ding lai va khing dinh viéc lya chon phuong an C 1a ding dan.

Cho ham s6 y =sin* x+cos® x. Gid trj I6n nhét caa ham sb bang

A. 0. B. 1. C. 2. D. 3.
Loi giai

Chon B. ‘

Lot gidi tw lugn 1. Ta lan luot co:

Y S N N2 e on T
Vi ham s6 tuan hoan vaéi chu ky EY nén ta xét trén doan D = {O; E}

Pao ham

y' = 4sin® x.cos X —4¢0s® x.sin X = 2(sin2 X —C0S” x).sin 2X =—sin4x
y’=0<:>sin4x:0<:>x:k—”:>x:0 x="vax=2.
4 4 2

e Bang bién thién

x 0 /4 /2
y | -0 -
y |1 /2 1

Dua vao bang bién thién, taco vy, =1, dat duoc khi x = %T,k e?



* Loi gidi tur lugn 2: Ta bién doi:

. . 2 . 1.
y =sin® x+cos* x = (sin? x+cos? x)” —2sin? x.cos? x =1—§sm22x£1.

Tudésuyra y,, =1, dat dugc khi sin?2x=0 <>sin2x=0 <> 2x=kx @x:%,keﬁi.
* Loi gidi tw lugn 3: Ta c6 danh gia:

= y =sin® x+cos* x <sin’ x+cos* x =1

sin® x <sin? x
cos* x < cos? x

.4 -2 Y H
[sin* x =sin? x (1-sin?x)sin’x=0
Tu do suyra Y, =1, dat dugc khi , ©
cos* x = cos? x

(1-cos? x)cos? x =0

< sin?x.cos? x=0 <:>%sin22x:0 &sin2x=0 < 2x=kr @2:%,kez.

* |_ya chon dap an bang phép thir: Ta lan luot thir

+Véi y=3, ta c6 phuong trinh: sin® x+cos* x =3 vd nghiém, boi |sin x| <1 va [cosx| <1 =
dap an D bi loai

4
. ] SIN" X = . n ., .
+Véi y =2, ta c6 phuong trinh: sin® x+cos*x=2 < { , v0 nghiém=> dap an B bi
cos" x=1

loal
+V6i y =1, ta ¢ phuong trinh: sin® x+cos* x=1 <> (sin? x+cos? x)* —2sin? x.cos? x =1
1. . k : -
@—Esm22x=0 < sin2x=0 < 2x=kr <:>x=7”,keZZ.T(nday, chung ta dung lai va

khing dinh viéc lya chon dap an B 1a dtiing dan.

Gia tri 16n nhat cua ham sé y = x* +2x—5 trén doan [-2;3] 1a
A. 5. B. 3. C. 10. D. 19.
Loi gidi
Chon C.
* Loi gidi tir lugn 1: Ta lan luot co:
+ Xét ham s trén tap D =[-2;3]
+Pao ham y'=2x+2
+y=02x+2=0=x=-1

+Tinh y(-2)=-5, y(3)=10, y(-1)=-6



Cau 7:

Vay max y = max{-5;10;-6} =10, dat duoc khi x=3.

xe[-2;3]

* Loi gidgi tw lugn 2: Ta bién doi:
2 xe[-2;3] )
y=x’+2x-5=(x+1)"-6 < (3+1)"-6=10

Tir @6 suy ra max y =10, dat dugc khi x=3.
xe[-2;3]

* Lyra chon dap 4n bang phép thir: Ta lan luot thir:

x=-6¢[-2;3]

+V6i y=19, ta c6 phuong trinh X* +2x-5=19 < x*+2x-24=0 <
x=4¢[-2;3]

dap an D bi loali.

r: , \ 2 2 X=—5¢[—2;3] r'
+ Vi y =10, ta ¢6 phuong trinh X° +2x-5=10 < x“+2x-15=0 < . T6i
x=3¢e[-2;3]

day chung ta dung lai va khing dinh viéc lya chon dap an C 1a ding dan.
CHUY:
1. Cac em hoc sinh can rét than trong & phép danh gia ¢ 1oi giai tu luan 2. Dé co duoc Ii giai thau

d4o cac em hiy xem phép bién doi sau:

= (x+1)°<16.

0<x+1<4 x+1)° <16
—2<X<3 &-1<x+1<4 <:{ <:>[( )

-1<x+1<0 (X+1)ZS

2. O bai tiép theo cac em hoc sinh s& thdy mot cach giai khac.
Gia tri nho nhat cua ham sé y = x* —4x—5 trén doan [0;1] la
A. -10. B. -8. C. 8. D. 10.
Loi gidi
Chon B.
* Loi gidi tw lugn 1: Ta lan luot co:
+ Xét ham sé trén tap D =[0;1]
+Pao ham y'=2x-4
+y =0<x=2¢[0;1]
+ Tinh y(0)=-5; y()=-8

Vay miny =min{-5;-8} = -8 dat duoc khi x=1.

xe[0:1]
* Loi gidi tir lugn 2: Ta lan luot co:

+ Xét ham s trén tap D =[0;1]



+Pao ham y'=2x-4
+ vxe[0;1] y' <0 suy raham sb nghich bién trén [0;1]

Vay miny =-8 dat dugc khi x=1.

xe[0:1]
* Loi gidi tr lugn 3: Ta bién doi:

xe[0;1

]
y=x2—4x-5=(x-2)"-9 > (1-2)°-9=-8

Suy ra miny =-8 dat dugc khi x=1.

xe[0:1]
* Lyra chon ddp dn bang phép thi: Ta lan luot thir:
+Voi y=-10, ta c6 phuong trinh x> —4x-5=-10 < x* —4x+5=0 V0 nghiém = dip 4n A
bi loai.
x=3¢[0;1]

+Véi y=-8, taco phuong trinh X* —4x-5=-8 < x*-4x+3=0 <
x=1e[0;1]
Té6i day chung ta ding lai va khang dinh viéc lya chon dap an B 1a dung dén.

* Lyra chon ddp dn bang phép danh gid: Ta di phac thao parabol y = x*> —4x—5 va dinh céc
diém x=0, x=1 clng gia tri twong tng cua chang trén do thi

by

<Y

Tur d6 suy ra miny = y(1) = -8, tng véi dap an B
xe[0:1]



NHAN XET

Nhu vay, noi dung lua chon déap an ding trong cau 7 c6 khac so vai cau 6, cac em hoc sinh hdy
Iua chon cho minh mot cach thich hop véi ban than.

Cau8: Giatri nho nht cua ham sé y = x° +6x° +9x—12 trén doan [-4;0] la
A. -11. B. -15. C. -16. D. -18.
Loi giai
Chon C.
* Lo giai tu luan: Ta lan luot c6:
+ Xét ham s6 trén tap D =[-4;0]
+Dao ham y' =3x*+12x+9

x=-1e[-4;3]

+y=0x+4x+3=0
x=-3¢e[-4;3]

+Tinh y(-4)=-16; y(-3)=-12; y(-1)=-16; y(0)=-12

Vay miny =min{-16;-12} =-16 dat duoc khi x=—4 hay x=-1.

xe[0:1]
* Loi gidi twr lugn két hop sir dung may tinh CASIO fx-570MS: Ta lan luot co:
+ Xét ham s trén tap D =[—4;0]
+Pao ham y' =3x*+12x+9

x=-1e[-4;3]

+ y' =0 < x* +4x+3=0 bam may tinh giai phuong trinh bac hai, dugc
x=-3e[-4;3]

+ Tinh gié tri: bAm may tinh gi4 tri biéu thac

e Ghi biéu thuc véi bién sé X 1én man hinh

Math

A HERRZ +9R-12

e Tinh y(-4) =... bAm |CALC| v¢i [X =(-)4

] Math &

A AT HRRE+TR-12
-4 -16

e Tinh y(-3)=-12; y(-1)=-16; y(0)=-12

Math &




Céau 9:

Twong tu, bdm [CALC| véi [X = (-)3|; |CALC| véi [X =(-)1]; [CALC] véi [X =0

WIHEREAAN-12 || KRN +aN-12
12 16
WEHERE 12
12

Vay miny =min{-16;-12} =-16 dat duoc khi x=—4 hay x=-1.

xe[0:1]
* Lira chon dap 4n bang phép thir két hop st dung may tinh CASIO fx-570: Ta lan luot thir:
+Véi y=-18 ta co phuong trinh x® +6x° +9x-12=-18 < x* +6X* +9x+6=0

Bam giai phuong trinh bac ba, ta duoc x ~ —4,1958 ¢ [—4; O] = loai dap an D

0] Math¥

A=

-4, 195823545

+Véi y=-16, ta c6 phuong trinh x> +6x* +9x-12=-16 < x> +6x* +9x+4=0

x=-4¢e[-4;0]
x=1e[-4,0]

dinh viéc lya chon dap an C 1a diing dan.

h1=

Bam giai phuong trinh bac ba, ta dugc . T6i day ching ta dirng lai va khang

] Math¥ [

Az
-4 -1

Gid tri 1on nhat caa ham sé y = x+v2—x bing

B. V2.

Math &

A 2. C.1. D.0.

Loi giai
Chon A.
* Loi gidgi tw lugn 1: Didu kién: 2—x2 >0 < [x|<2

+ Tap xéac dinh D =[ —/2;/2 ]

X _ N2-x% =X
NS 2= X?

x>0
+y=0=42-% =x<:>{

+Pao ham y'=1-

=S x=1
2-x*=x?



+Tinh y(—2)=—/2; y@ =2; y(J2)=+2

Vay max y = max {—/2;2;+/2} =2 dat duoc khi x=1.

xeD

* Loi gidi tw lugn 2: Ta co:

Cau 10: Gia tri nho nhat ciia ham sé y =+/x ++/1—x béng

A.E. B. 2. C.
2

N | w
O
H

Lai giai
Chon D.

\ x>0
* Loi giai tur lugn 1: Diéu kién {1 S0 <0< x<1, suy ra tép xac dinh D =[0;1]

+Dao ham y' = ;y':0<:>x:%e[0;1]

1 1
2Jx  21—x

+Vay miny = mm{y(o) y( ) y(l)}zl,datduqc khi x=0 hoac x=1.

xeD

* Loi giai ty lugn 2: Ta lan luot 6

:(\/;+\/1—x)2 =X+1-X+2Jx(1-x)>1 < y>1

x=0

Vay miny =1, dat duoc khi x(1-x) =0 c{

xeD

<0< x<1, dat x=cos’t voi te{o;%}

G o . s .. [x=0
* Loi giai tw lugn 3: Bicu kién
1-x=>0

+ Khi d6 ham sb chuyén vé dang y =/cos’t ++/1—cos’t =|cost|+|sint| =cost +sint (vi

o)

. ) T . T T 3r
+Hamso y=+2.sinjt+— [>1,vivei 0<t<= <:>—<t+ <—né — t+= (<1
by=+2 ( 4) T \/_ ( j )
t=0
. .. T x=1
Vay miny =1 dat dugc khi sm(t+—):— khi do 7 suyra .
4 \/_ _E X:0

> Loi gidi twr lugn 4: Ta c6 diéu kién:

x>0
< 0<x<1 .Pit x=sin tVoIte{ } *)
1-x>0



Khi d6 ham sb duoc chuyén vé dang:

y =+sin’t +1-sin’t = |sint|+|cost|=sint+cost (Do (*))

teO

) 3z
=4J2sin|t+=| > 1donhantha —<t+—<—
\/_ ( 4) y 4 4 4

Suy ra miny dat duoc khi

2

tE[O;g} t+
S|n(t+ j ﬁ &
4 t==— x=1
t+ 2

Sy BN

T

= =
3_72_ T
4

>  Lua chon ddp dn bang phép thi: Ta lan luot thir:
Véi y =1 ta co phuong trinh:
x=0
X+V1l-x=2<2,/x(1-x)=0<
Y (=) {x =1
Tuc 1a ham s6 ¢6 gia tri nho nhét bang 1.
Do d6 viéc lya chon dap an D 1a dng dan.

Chu y: Dé téi vu thoi gian lya chon dép an diing cho mét cau hoi trac nghiém thuan tdy, cac em
hoc sinh déu da biét t6i phuwong phdp trich liroc tir lugn. Cu thé & day 1a viéc bo qua budc “dat
dugc khi” néu khang dinh dugc su ton tai gid tri X, thudc tap diéu kién D sao cho y(x,) bang

gia tri 1on nhét hodc gi tri nho nhat can tim.

Cau 11. Gié tri 16n nhit caa ham s y =sin x++/3cosx+4 trén [0; 7] bing:

A. 8 dat tai x_% B. 6 dat tai x_%

C. 8dattalx_% D. 6dattalx_%
Loi giai

Chon B.

> Loi gidi tw lugn 1: Xét ham sb trén tap D =[0;r].
bao ham: y’=cosx—+/3sinx.

xeD

y'=0< cosXx— \/§smx 0« cotx= \/_<:>x_E

Ta co: y(O)=4+J§; y[%jze; y(”):4_\/§_
Khi d6 ta co

maxy = max{4 J_64+J_} 6, dattaix=%.

xeD



Cau 12.

> Loi gidi twr lugn 2: Bién d6i ham sb vé dang:

J3

yzz(%sin x+7cost+4:23in(x+%)+4£2+4:6.

Suy ra max y =6 ,dat duogc khi

XE[O;H]

i ( 7[) or]l 7 g P
Sin| X+— |=1 & X+—=—&X=— .
3 3 2 6

> Loi gidi tir lugn 3: Bién d6i ham sb vé dang
sinx++/3cosx=4—-y ™)
Phuong trinh (*) c¢6 nghiém khi va chi khi
1+3>(4-y) & (4-y)' <4 2<4-y<252<y<6.
Suyra rrE(e}_x]y=6,dat duoc khi

XE[O;ﬂ']
sinx+\/§cosx:2<:>sin(x+£j:1 = X+Z:£©X:Z .
3 3 2 6
> Lwa chon ddp dn bang phép thil: Ta lan lugt danh gia:
V61 y =8, ta c6 phuong trinh
8=sin X ++/3C0s X +4 < sinx++/3cosx =4, vd nghiém do a?+b? <c’ .
Suy ra cac dap an A va C bi loai.
V6i y=6, ta c6 phuong trinh

Xe[O;;z]

6 =5in X ++/3c0s X +4 < sin x++/3c0s X = 2 <:>sin[x+%]:1 o x+%:%<:>x:%
Do d6 viéc lya chon dép an B 1a dung dan.
>  Lua chon ddp dn bang phép thi: 2: Ta co:
y(%}:G va y(%)=4+\/§ .Suy ra max y==6, dat tai x:%.

xe[0;7]
Do d6 viéc lya chon dép an B 1a dung dan.

Cha y: Trong 10i giai ty luan 3, chiing ta sir dung kién thac vé diéu kién c6
nghiém cta phuong trinh asinx+bcosx=c la a’+b*>c?,

Gia tri 16n nhat caa ham sé y = trén doan [0; 7] bang:
2—C0S X
Al B. L. L D. L.
3 2 NG N7
Loi giai
Chon C.

> Loi gidi tw lugn 1: Xét ham sb trén tap D =[0;r].



Cau 13.

Dao ham: y’:RLX_lZ, y’:0<:>2cosx—1:0<:>cosx:126:5x:z.
(2—cosx) 2 3
. 1 )
Taco: y(0)=0, (fj:—, 7)=0.Khi dé:
4(0)=0, (%)=, ¥(x)

1 1 . V4
= 0;—=—, dat duoc khi x==.
iy = mec{0 g - . e o =

> Loi gidi tir lugn 2: Bién d6i ham sb da cho vé dang sinx+ y.cosx =2y (*)

Phuong trinh (*) ¢6 nghiém khi va chi khi 1+ y*>4y®* « 3y*<1< —%s y sis.
1 .
Suy ra maxy=——, dat duogc khi
y xeD y ,\/§ : )

. 1 2 \/§ 1 . T xb 71 1 V4
S|nx+—cosx:—<:>7smx+£cosx:1<:>sm x+€ :1<:>x+€:5<:> X=—.

VRN 3

>  Luwa chon ddp dn bang phép thiz:Ta lan luot danh gia

Voi y= 2L taco phuong trinh

J2
sinx__1 o 2sinx+cosx=2, vO nghiém do a®+b*<c? .
2-cosx <2

Suy ra dap an D bi loal.

Voi y= L taco phuong trinh

3

SInX :icn/gsin x+cosx:2<:>§sin x+%cosx:1

2-cosx /3

. T xeD T T T
SSiN X+— [=leoX+—=—< X=— .
( 6) 6 2 3

Do d6 viéc lya chon dap an C 1a dung dan.

Gié tri nho nhat ciia ham sé y = cos® 2x —sin xcos x+4 bang

A. 3 dat tai X:%+kﬂ',keZ. B.gda’[taiX:%+kﬂ,keZ.
. /2 7 . /4
C. 3 dattal X:€+kﬂ',keZ. D.EdattaIX:€+k7r,keZ.
Loi giai
Chon B.

> Loi giai tw lugn 1: Dat t=sin2x, diéu kién [t|<1. Ham s6 c6 dang:

y:l—sinZZX—%sin 2X +4 = —t? —%t+5.

Dao ham: y’=—2t—%, y'=0<:>—2t—%=0©t=—%.



, 9 1 81 7 c 4
Taco: y(-1)==, y|-=|=—=, y(1)==.Khi do
y( ) 2 y( 4) 16 y() 2
mi_py:mln{g;f—l;g}:g, dat duoc khi t=1<:>sin2x=1<:>x=%+k7z,kez.

> Loi gidi tw lugn 2: : Dat t =sin2x, diéu kién |t <1. Ham s6 c6 dang:

2 2
y:1—sin22x—lsin2x+4=—t2—lt+5=8—1—(t+lj Zg_[Hlj I
2 2 16 2 16 4 2

Suy ra min y:%, dat duoc khi t=1<sin2x=1< x:%+k;z,k e7.
> Loi gidi tir lugn 3: Bién d6i ham sb vé dang

2 2
yzl—sinz2x—lsin2x+4:—sin22x—lsin2x+5:8—1— sin2x+ 28—1— 141 = Lsy
2 2 16 4 16 4 2

yra minyzg,datduqc khi Sin2X=1<:>X:%+k7z,keZ.

>  Luwa chon ddp dn bang phép thi: Bién d6i ham sb vé dang

yzl—sin22x—%sin2x+4<:>23in22x+sin2x+2y—10:0 :

Ta lan luot danh gia

V6i y=3 ta c6 phuong trinh 2sin® 2x+sin2x—4=0, v0 nghiém do [sin2x|<1.
Suy ra dap an A bi loai.

Voi y:% ta c6 phuong trinh Zsinz2x+sin2x—3:0<:>sin2x:1<:>x:%+k7r,ke7£.

Do d6 viéc lya chon dap an B 1a dung dan.

>  Luwa chon ddp dn bang phép thit 2: Ta co

y| Z 217_\/5 vay| 2 LN mi_nyzz,datdu’oc khi x=Z+krz,keZ.
6 4 4) 2 7 T2 4

Do d6 viéc lya chon dép an B 1a dung dan.

Bai tap tuong tu: Gia tri 16n nhat ciia ham sé y =2sin? x+2sinx—1 bang

A. 3 dat tai X:%+k27r,keZ. B.ZdattaiX:%+k2ﬂ',ke}Z.
C.3dattaix:%+k27r,ke2i. D.ZdattaiX:%+k27r,keZ.

Chon C.



CAC PHUONG PHAP GIAl BAI TAP TRAC NGHIEM
DUOGNG TIEM CAN CUA PO THI
l. KIEN THUC CO BAN
1. buong tiém can diung va duong tiém can ngang.
Pinh nghia 1: Puong thang y =Y, goi la dudng tiém can ngang (goi tat Ia tiém can ngang) cia db thi
hamsé y = f (x) néu
limy=y, hoic limy=y,
Dinh nghia 2: Puong thang X = X, goi la duong tiém can dung ( goi tat Ia tiém can ding ) ctia d6 thi ham
so y=f(x) néu

limy =40 hoac limy=+ow

XX X—Xg
2. Bbuong tiém can xién
Pinh nghia 3: Puong thang y = ax+b goi la dudng tiém can xién ( goi tat Ia tiém can xién ) cua do thi

hamsé y = f (x) néu

lim [ f (x)—(ax+b)]=0 hodc lim|[ f (x)—(ax+b)]=0.

X—>—00 X—>+00

I1. Cac phuong phéap giai bai tap tric nghiém.
. , 1 It . ” X . N A v
Bail. Chohamso y= 1 So duong tiém can caa do thi ham so6 bang:
X —

A. 0. B. 1. C. 2. D. 3.
Loi giai

Chon C.

>  Loi giai t lugn: Ta cd tap xac dinh D =K \{1}.

Tir do ta nhan duoc két lugn

Puong thang x =1 la tiém can dang vi limy=oo.
Puong thang y =0 la tiém can ngang vi limy =0.
X—>00

Vay dd thi ham s6 da cho c6 hai tiém can.

>  Lua chon ddp dn bang phép danh gia: Dua trén tinh chat cia ham bac nhat trén bac nhat
(ludn c6 Mot tiém can dung va mot tiém can ngang) nén ta két luan ngay do thi ham sé c6 2
tiém can.

Do d6 viéc lya chon dap an C la ding dan.

Nhan xét: Nhu véy, dé lua chon dép an dung cho bai toan trén thi:



Bai 2.

Cau 3

Trong cach giai tu luan ching ta sir dung phuong phéap da dugc hoc dé tim ra cu thé hai duong
tiém c4n cho d6 thi ham phan thirc bac nhét trén bac nhét.

Trong cach giai bang phép danh gia ching ta loa trir ngay cac dép an A, B va D thong qua tinh
chat vé s6 tiém can caa moi dd thi ham phan thirc bac nhat trén bac nhat- Bay 1a dang ham s
co ban da duoc trinh bay trong SGK.

Tuy nhién, dé ting d6 kho cho cau hoi tric nghiém, né thuong dugc phét biéu duéi dang “Hay
lya chon phuong trinh cac dudng tiém can cau dd thi ham s6”.

2

N A X°—x-1 J \ < . A o X ales Ay
Chohamso y = —~—3 So duong tiém can caa do thi ham so bang:

A. 0. B. 1. C. 2. D. 3.
Léi gidi

Chon B.

> Loi gidi tir lugn: Ta c6 tap xac dinh D =%\{2}.

Tir d6 ta nhan duoc két luan

Puong thang x =2 la tiém can dtng vi limy=oo.

Duong thang y = x+1 la tiém can xién vi lim(y-x-1)=0.

X—>00
Vay d6 thi ham s da cho c6 hai tiém can.

>  Luwa chon ddp dn bang phép danh gia: Dua trén tinh chat ciia ham phan thac bac hai trén
bac nhat (luén c6 mot tiém can dang va mot tiém can xién) nén ta két luan ngay do thi ham sé
cd 2 tiém can.

Do d6 viéc lya chon dap an B 1a dung dan.
Nhan xét: Nhu vy, dé lva chon dap an ding cho bai toan trén thi:

Trong céch giai tu luan chlng ta sir dung phuong phap da duoc hoc dé tim ra cu thé hai duong
tiém can cho d6 thi ham phan thirc bac hai trén bac nhat.

Trong céch giai bang phép danh gia chiing ta loa trir ngay cac dap an A, B va D thong qua tinh
chat vé s tiém can ciia moi do thi ham phan thac bac hai trén bac nhat- Pay 1a dang ham sé co
ban da duogc trinh bay trong SGK.

2

R S6 tiém can cua @6 thi ham sé bang:

Chohamsé y =
A 0. B. 1. C. 2. D. 3.
Loi giai
Chon A.
» Loi giai tu luan: Ta ¢6 tap xac dinh D = %\ {—%}
(2x-1)(2x+1)
2x+1

=2x-1.

Ham sb duoc bién ddi vé dang: y =

Vay d6 thi ham sé khong cé tiém can.



Cau 4

Caub

< Chi y: Rat nhiéu em hoc sinh khi thyc hién bai toan trén di Iya chon ngay dap an C boi ngd
nhan d6 1a ham phan thic bac hai trén bac nhit. Do do, dé tranh nham lan khong dang co cac
em hay thuc hién phép bién d6i (chia da thirc):

ax’ +bx+c
y=——7—=kx+I+

dx+e dx+e
Khi do:
»  Néu m=0 thi dd thi ham sé méi c6 hai tiém can (tiém cén ding va ti€ém cén xién).
= Néu m=0 thi dd thi ham s6 khong c6 tiém can.

. 2 LK. . . . .. € \ 0 F 2R zaar e R N X
Ngoai ra, d€ toi uu thoi gian ta di thay gia tri X = g vao tir so dé xét tinh suy bien cua ham so.

mx* —(m+2)x+2

Chohamsé y= . S6 tiém can cua ham sb bang:

x-1
A. 0. B. 1. C. 2. D. 3.
Loi giai
Chon A.
» Loi giai ty luan: Ta c6 tap xac dinh D = I.’\E\{l}.
. . e s Xx=1)(mx-2
Ham s6 dugc bién doi vé dang: y:( 3(( 1 )=mx—2.

Vay, db thi ham sé khéng co tiém can.

> Lua chon dap 4n bang phép dang gia 1: Thay x =1 vao tir sd, ta thay:

m—(m+2)+2=0= Ham s6 suy bién thanh ham bac nht.

Vay, db thi ham sé khong co tiém can nén viéc lya chon dép an A 1a ding dan.

> Lua chon d4p 4n bang phép dang gi4 2: Nhan thay phuong trinh TS = 0 ¢6 nghiém x=1

(boi a+b+c=0) tirc ham s6 suy bién thanh ham bac nhat.

Viy, d6 thi ham sé khdng cd tiém can nén viéc lya chon dap 4n A 1a dung déng

X+1 Lo.- T I

7 g So tiém can cua do thi ham so6 bang:

A 1l B. 2. C. 3. D. 4.
Loi giai

Chohamsb y =

Chon C.
> Loi giai ty ludn: Ta c6 tap xac dinh D=3\ {£3}.

Tir d6, ta nhan duogc két luan:
= Cic duong thang x =+3 14 tiém can dung vi limy = oo,

X—+3

=  Puong thang y =0 1a tiém can ngang vi limy =0.

Vay, db thi ham s co ba dudng tiém can.
& Nhan xét: Nhu vay, dé lya chon dugc dap an ding cho bai todn trén trong cach giai tu
luan, chung ta str dung dinh nghia dé tim ra cu thé ba dudng tiém can cho do thi ham s.
Tuy nhién, néu cac em hoc sinh c6 thém kién thirc vé tiém can cua d6 thi ham phan thic tong

, u(Xx . N S~ p . NPT f oz ,
quat y = % véi u(x) va v(x)khong cé nghiém chung thi cé thé lya chon duoc dép an dung

V(X

bang phép danh gia, cu thé:
= Néu phuong trinh V(X) =0 c6 nghiém X = X,, thi duong thang X = X, 1 tiém can dimg
ciia d6 thi ham sb. S6 nghiém phén biét ctia phuong trinh v(X) =0 1a s tiém cén dimg cia do

thi ham sd.



Cau 6

Cau7

»  Néubac u (X) nho hon hoac bé“mg bac cua V(X) thi d6 thi ham s6 con c6 tiém can ngang,

c6 phuong trinh y =a, dugc xac dinh boi a=Ilimy.

X—>0

- Néubae Y 16m hon bae V(%) (gia s Y¥) = 9OVX) TN (X)y
y=9(x)

Iim[y —g (X)] =0 < Duong 1a tiém can cia d6 thi ham sb. Khi do:

- Néubac g(x) bang 1 thi y=g(x) la phuong trinh tiém cén xién cua do thi ham so.
- Néubac g(x) 16nhon 1 thi y=g(x) la phuong trinh tiém c4n cong ctia d6 thi ham sb.
x—1
x?
A. 1l B. 2. C. 3. D. 4.
Loi giai

Chohamsé y = S6 tiém can cua d6 thi ham sé bang:

Chon B.

» Loi giai ty luan: Ta c6 tap xac dinh D =R\ {O}
Tur d6, ta nhan duoc két luan:

=  Puong thang x=0 14 tiém can dtng vi Iirrg y=c0.

=  Puong thang y =0 13 tiém can ngang vi limy=0.
X—0

Vay, db thi ham sé ¢o hai duong tiém can.

> Luya chon dap an dung bang phép danh gia: Nhan thiy TS va MS khong c6 nghiém chung

va phuong trinh MS = 0 ¢c6 m{t nghi¢m nén dd thi ham s c6 hai tiém can (mot ti€ém céan ding

va mot tiém can ngang).

Do d6, viéc lya chon dap an B 1a dung dan.

XX =2x*—x+4
x> —x-2

A l. B. 2. C. 3. D. 4.

Loi giai

Chohamsé y = . S tiém can caa dd thi ham sb bang:

Chon C.
» Loi giai ty luan: Ta c6 tap xac dinh D = %\ {—1, 2}.
Viét lai ham s dudi dang:
2
y= x—l+m SE x—l+m.
Tir do, ta nhan duoc két luan:
*  Puong thang x =-1 la ti¢ém cén ding vi XILr[]l y = oo,

=  Puong thang x =2 |4 tiém can ding vi Iin‘zl y =0
X—>

=  Puong thang y = x—1 1a tiém cén xién vi Iim[y—(x—l)]:o.

Vay, db thi ham s co ba dudng tiém can.

> Lua chon dap 4n bang phép danh gia: Xét phuong trinh MS = 0, cu thé:

x> -x-2=0< x=-1 hoic x=2.

Khi do:

= V6i x=-1thi TS=2nén x=-1 khong la nghiém cta phuong trinh TS = 0.

= Véi x=2 thi TS=2nén x=2 khong la nghiém cta phuong trinh TS = 0.

Nhu vay TS va MS khong c6 nghiém chung va phuong trinh MS = 0 ¢6 hai nghiém phén biét
nén dd thi ham sb c6 ba tiém can (hai tiém can dang va mot tiém can xién).



Cau 8

Do do, viéc lya chon dap an C 1a ding dan.
> Luya chon dap an bang phep danh gia két hop sir dung may tinh CASIO fx — 570MS: Xét
phu:ong trinh MS = 0, cu thé:

X2 —x-2= 0= x=-1hoac x=2.
* Nhap TS = X*—2x* —=X+4 (4 4n:

II3!2mlIIK4

»  Khi dd, ta lan luot voi cac giatri x=-1va x=2:
CALC|(-) LE]

CALC|2 ]
Nhu vay TS va MS khong c6 nghiém chung va phuong trinh MS = 0 ¢6 hai nghiém phén biét
nén dd thi ham sb c6 ba tiém can (hai tiém can dang va mot tiém cén xién).
Do d6, viéc lya chon dap an C 1a ding dan.
> Lua chon dap an bang phép danh gia két hop sir dung may tinh CASIO fx -570MS:
Ta lan luot xét cac phuong trinh:

X} —2x* —x+4 =0 x ~—1.2695 bang c4ch an:

1
l !

MODE|
MODE MODE|(MODE| 1] [>][
1H|(-) 2BI|(-) tH4H | -1.2695
v] | Ro |
x* —x—2=0< x=-1hoic x=2 bang cach an:
IMODE MODE| (MODE| 1] [>]2
1=(-)1=(-) 2= | 2
[v] | -1
Nhu vay TS va MS khong c6 nghiém chung va phuong trinh MS = 0 ¢6 hai nghiém phén biét
nén do thi ham sb c6 ba tiém can.
Do d6, viéc lya chon dap an C 1a ding dan.
Cho ham s6 y =+/x* —1. Sé tiém can cua d6 thi ham sé bang:
A. 0. B. 1. C. 2. D. 4.
Lai gidi

Chon C.
> Loi giai tu luan: Piéu kién:
X’ =120 < |X|=1= D =(—o0;—1]U[L+x).

»  Giasu (d,):ax+b, 1atiém can xién bén phai cia d6 thi ham s, ta co:

2
a, = lim £ = 1im ¥ =1 _ jim [— 1—%}:—1,

X——o ¥ X—>—00 X X—>—0 X
. . . -1
b, = lim (y—ax) = lim (\/x2 —1+x)= lim ———=—=0.
X—>—00 X—>—00 X—>—00 X2 —1-x
Vay, duong thang (d,):y =—x la tiém can xién bén phai cua (C).
*  Giasu (d,):y=a,x+b, 12 tiém can xién bén trai cua d6 thi ham sé, ta co:
y VX2 -1

, : , 1
a, = lim == lim =I|m( 1-= |=1,
X—>+00 X X—>+00 X X—>+00 X

b, = lim (y—ax)= lim (x/ﬂ+x)= lim-——= 0.

X—>+00 X—>+00 X—>+00 X2 _1 -




Cau9

Véy duong thang (d,):y =x latiém can xién bén trai cia (C).

Vay, dd thi ham s ¢o hai duong tiém can.

@ Nhan xét: Nhu vay, dé lua chon duoc dap 4n ding cho bai toan trén trong cach giai tu
luan, chiing ta st dung dinh nghia dé tim ra cu thé hai duong tiém can cho do6 thi ham so.
Tuy nhién, néu cac em hoc sinh cd thém kién thic vé tiém can cau do thi ham so vo ti dang
y=vAX*+Bx+C (A=0)thi co thé lya chon dap an dung bang phép danh gia, cu thé ta xét
cac truong hop sau:

Truong hop 1: Néu A< 0 thi d6 thi ham s6 khong cé tiém can boi vi khi d6 ca tap xac dinh va
mién gia tri caa ham sé déu khdng chira oo.

Truong hop 2: Neu A >0 ta xét hai kha nang:

» Khaning 1: Néu A=B?*—4AC =0 thi ham sb c6 dang:

y=vA
=  Khaning2: Néu A=B*—-4AC #0 thi d6 thi ham sb c6 hai tiém cén xién, dugc x4c dinh

nhu sau:
Giasir (d):y=ax+b latiém can xién bén phai ciia do thi ham sé. Khi do:

2
\/AX +Bx+C =—\/K.

x—%‘ — Db thj ham sé khong c6 tiem can.

a= lim
X—>—0 X
b= lim [\/sz +Bx+C +x«/K}
Bx+c B

= lim =——
o JAX +Bx+C —xJA  2A

Giasir (d):y=ax+d latiém can xién bén trai ctia dd thi ham sé.

Khi do:
2
a=lim \/AX +Bx+C =—\/K.

X—>+00 X

b= lim |:\/AX2+BX+C +x\/KJ

X—>+00

_ lim Bx+c _ B

o A 1 Bx+C +xJA  2JA

Néu viéc tim tiém can xién khdng phai 12 muc dich chinh trj cta bai thi, thi cd thé s dung ngay
két qua trén, nhu sau:

= Khi x——o0, dd thi c6 tiém cn xién bén phai y = —(x\/K + i).

2\A

»  Khi X — 0, db thi c6 tiém can xién bén phai y:—[x A+ij.
2JA

Phuong phép trén dugc mé rong cho 16p ham sé dang:

y =cx+d ++/Ax* + Bx+C; yz\/anxn +a X" +..+a,.

\ £ COSX Lz ,.A U U £y
Cho ham s6 y =——-. S0 tiém can caa do thi ham so bang:
X

A. 0. B. 1. C. 2. D. 3.
Loi giai

Chon C.

> Loi gidi ty ludn: Ta c6 tap xac dinh D =& \{0}.



Cau 10

Cau 11

Tu d0, ta nhan duoc:
= Do thi ham sb ¢6 tiém can dimng x=0 Vi limy =co.
x—0

.. |sinx

1 1 . sin
= Taco smx_

<=—valim==0=Ilim =0.
ERE T

X

= y =0 latiém c4n ngang caa do thi ham sb.
Vay, dd thi ham sé co hai duong tiém can.
Cho ham sé y =8*1. S4 tiém can cta db thi ham sb bing:
A. 0. B. 1. C. 2. D. 3.
Loi gidi
Chon B.
> Loi giai tu ludn: Ta c6 tap xac dinh D = % nén d6 thi ham s6 khong ¢ tiém can dimg.
Mat khéc, ta co:
lim y =0, suy ra duong thang y =0 la tiém can ngang bén phai cua do thi ham sb.

X—>—00

lim y =0, suy ra dd thi ham sé khéng c6 tiém can ngang bén trai.

X—>+0

Vay, db thi ham sé c6 mot dudng tiém can.

. . X—2 . TR £ os
Chohamso y = 2 Phuong trinh cac duong tiém can cua do thi ham so la:
X+

A x=-2vay=-1. B. x=-2va y=1.

C. x=2vay=-1. D. x=2va y=1.
Loi giai

Chon B.

> Loi giai ty luan: Ta c6 tap xac dinh D= % \{—2}.

T d6, ta nhan duoc két luan:

=  Puong thang x = -2 14 tiém can dung vi lim y = cc.
X—>—

*  Puodng thang y =1 13 tiém cén ngang vi limy =1.
X—00

. ax+b
» Lua chon dap an bang phép danh gid 1: V6i ham phan thue y = rd’ lan lugt co:
_l’_

= Tiém can ngang la Y =— =1 nén cac dap an A va C bi loai.

o Ol

= Tiém can dimg la X =——=-2 nén dap an D bi loai.
C

Do d6, viéc lya chon dap an B 1a ding dan.

> Luwa chon dap én bang phép danh gia 2: Ta lan luot danh gia:

»  Ham s xéc dinh tai x=2nén khong thé nhan duong théng X =2 lam tiém can, suy ra cac
dap an C va D bi loai.

ax+b
* Ham phén thic y =
cx+d

Do @6, viéc lya chon dap an B 1a dung dan.

& Nhdn xet: Nhu vay, dé lua chon duoc dap an dang cho bai toén trén thi:

= Trong cach giai tw lugn, chung ta thyc hién theo dung phuong phap da duogc hoc trong
SGK dé tim hai duong ti¢m can cia ham phan thirc bac nhét trén bac nhat.

= Trong cdch lywa chon ddp dn bang phép thir 1, chung ta str dung 1an lugt cong thirc vé hai
duong tiém can cia ham phan thuc bac nhét trén bac nhit dé loai bo dan cac dap an.

A A \ a A as 2 S
c6 tiém can ngang la Yy =—=1 nén dap an A bi loai.
C



Cau 12:

= Trong cdich lwa chon dép dn bang phép thir 2, thi & nhan xét du tién chung ta loai duoc
cac dap an C va D boi x = 2 van thudc tap xac dinh ciia ham sd. Cudi cling, bang viéce sir dung
cong thirc vé phuong trinh dudng tiém c4n ngang, ching ta loai bo duoc dap an A (¢ day ching
ta khong str dung cong thirc vé phuong trinh dudng tiém cin dimg béi ching gidng nhau trong
hai dap an).

2 A . \ A 12
Cho ham s6 y:LX;A'. Phuong trinh cac duong tiém can cua do thi ham so 1a:
X+
A. x=-1va y=x-4 . B. x=—1va y=-x-4.
C. x=1va y=-x-4, D. x=1va y=x+4.

Loi giai
Chon A.
Loi giai ty luan: Tap xac dinh D =X\ {-1}.

- X - N X ;= 8 <\ , A A A
Viet lai ham s6 dudi dang y = X —4—1-)(—1 . Tlr @6 ta nhan dugc ket luan:
+
* Puong thang x =—11a tiém can dang vi lim y = 0

* Duong thing y = x—4latiém can xién vi lim[ y—(x—4)]=0.

X—0

A

Lwa chon diap &n bang trich lwoc tw luan: Ta cd phép bién dd6i ham sé:

8 ‘L A A s
y:x—4+—1 = y=x-4 latiém can xién cua do thi. Do dé chon A.
X+

Lwa chon dap 4n bang phép danh gia 1: Ta lan luot danh gia:
* Ham s6 xac dinh tai x =1 nén khéng thé nhan duong thang x =1lam tiém can ding, suy ra
dap an C va D bi loai.

ax® +bx+c

X A b A s . a .
* Ham phan thuc hitu ty y=———— ¢0 tiém can xién la y=Ax+B véi A=—=1 nén
dx+e d

dap an B bi loal.
Do d6 chon A.
Lwa chon dap 4n bing phép danh gia 1: Ta lan lugt dédnh gia:

. A1y . a S
* Tiém can xién la y = Ax+ B véi A:azl nén dap an B va C bi loai.

. e S
* Tiém can dang X = 3 =—1 nén dap an D bi loai.

Do d6 chon A.
Nhan xét: Nhu vay dé chon dap an dning cho bai toan trén thi:

* Trong cach gidi ti lugn ching ta thuc hién theo ding phuong phap da duoc hoc trong SGK
dé tim hai duong tiém can caa ham phan thuc bac hai trén bac nhat.

* Trong céch lwa chon ddp dn bang trich ot tu lugn, dugc hiéu 1a phwong phdp nhanh dé dat

u(x)

dugc muyc tiéu dé ra cho dang cau hoi nay véi moi ham phan thic y :ﬁ, cu thé ching ta
v(x

thuc hién phép chia da thirc dé chuyén ham sé vé dang:



Cau 13:

u, (x)
v(x)

Khi d6 ta thdy ngay:

y=f(x)+ Véi U, (X) c6 bac nho hon v(X).

- y=f(X) 1amot tiém can cia @6 thi.

- C4c duong tiém can dang 1a nghiém (néu c6) cua phuong trinh v(x)=0

Phuong phap nay luén duogc uvu tién Iya chon vi n6 gilp chi ra dugc dap an ding mét cach
nhanh nhit. Tuy nhién dé tranh sai sét khong dang c6, cac em hoc sinh hdy than trong ¢ budéc
chia da thuc.

* Trong céch lwa chon ddp dn bang phép thir 1 thi & nhan xét dau tién ta loai duoc dap an C va
D bai diém x=1 van thudc tap xac dinh cua ham s6. Cudi cing bang viéc sir dung cong thirc
duong tiém can xién, ching ta loai duoc dap an B (6 ddy ching ta khong st dung cong thic vé
phuong trinh duong tiém can dung boi chling gidng nhau trong hai dap an).

* Trong cach lya chon ddp dn bang phép thi 2, ching ta st dung lan luot cong thic vé hai
duong tiém can cua ham phan thire bac hai trén bac nhat dé loai bo dan cac dap an.

Viéc lya chon dép an ding bang nhiing phép thir khac nhau phu thudc rat nhidu vao cach cho
céc lya chon tric nghiém, ching ta sé thiy duoc nhan xét nay & bai toan sau.

Cho ham s6 y =+/x* + x+1. Phuong trinh cac duong tiém can ciia d6 thi ham sb 1a:

A. y:x+% va y:—x—%. B. y=x+1va y=-x-1.
1 . 1 R
C. y:x+§va y=—x—§. D.y=x+2 va y=-x-2.

Léi giai

Chon C.
Loi giai tw luan: Tap xac dinh D= %.

* Giasir (d;):y=ax+b, latiém can xién bén phai cua d6 thi ham sb, ta co:

2
a = lim L= gim XX i | he i o
X—>—0 ¥ X—>—00 X X—>—00 X XZ

. . . 1 1
= lim[y-ax]= lim [\/x2+x+1+x}= lim——22 =
bl X%—oo[ a1 ] X—>—0 X—>—00 ,X2+X+1—X 2

Vay duong thang (d,):y = —x—% |a tiém can xién bén phai cua (C).

* Giasir (d,):y=a,x+b, latiém can xién bén trai cua d6 thi ham sb, ta co:

2
. AP+ x+1 . 1 1
a, = lim Y lim ——== ||m[ 1+_+_2]:1
X—>+OOX X—>+00 X X—>+00 X X

_ _ : 1 1
, = lim[y—a, = lim | Vi +x+1-x = lim ===



Cau 14:

Vay duong thang (d,):y = x+% |a tiém can xién bén tréi cua (C).

Lwa chon dap 4n bing trich lwgc tw luan: Tap xac dinh D= %.
* Gia st (d,):y=ax+b latiém can xién bén phai ciia d6 thi ham sé, ta co:

VX2 +x+1

a, = lim L = fjm XX X*2 _ Iim( T J 1
X—>—00 X X—>—00 X X—>—00 X X

. . . 1 1
= lim[y—ax]= lim [\/x2+x+1+x}: lim ——t2 2
5 X_”“’[ ax X oo X+ x+1-x 2

Vay duong thang (d,):y = —x—% |a tiém can xién bén phai cua (C).

Do d6, viéc lwa chon dép an C 1a ding dan (boi duong tiém can nay chi cd duy nhit trong dap
an C).
Lwa chon dap an bang phép thir: Ta biét rang do thi cua ham sb ludn cé hai tiém can xién

dang y=ax+b, i=12 véi: b _+—_+l = Cac dap an A, B va D bi loai.

2JA

Do d6 viéc chon déap an C 1a dang dan.

Nhan xét: Nhu vay, dé lya chon dugc dép an ding cho bai toan trén thi:

* Trong cach gidi t lugn ching ta thuc hién theo dung phuong phap di biét dé tim cac dudng
tiém can caa ham sb vo ty.

* Trong cach lya chon ddp dn bang phép thir, chiing ta ciing st dung kién thirc thu duoc trong
nhan xét cua bai 4

Tuy nhién, cac em hoc sinh ¢6 thé d& nhan thay rang:

- Phuong phap tu luan s& mat nhiéu thoi gian. Ngoai ra, rat nhiéu hoc sinh khong c¢6 dugc ky
nang t6t dé thyuc hién boi trong SGK trinh bay rat so lugc.

- Phuong phap nhap nhanh cho du giam duoc mot nira thai gian (& bai toan nay) nhung van dé
gay nham Ian trong tinh toan. Ngoai ra, néu c6 nhiéu hon mét két qua tic nghiém chira phuong

trinh y = —x —% thi khong thé giam duoc thoi gian.

- Phuong phap Iya chon dap an bang phép tht sir dung kién thirc khong duoc trinh bay trong
SGK nén han nhiéu em hoc sinh khdng biét hoic khdng con nhé.
Do vay, ching ta sé quan tam téi viéc sir dung dinh nghia lya chon dugc dap an ding trong
phuong phap lwa chon dap an bang phép thir & bai toan tiép theo.

. m?+1)X+4 o .
Cho ham so y=(—)2. Do thi ham s6 ¢6 tiém can khi:
X+
A. m=-1. B. m=1. C. m=+1. D. moi m.

Loi gidi
Chon C.
2m? -2
X+2

Loi giai tw luan 1: Viét lai ham sé du6i dang y =m? +1—



Cau 15:

Do thi ham s6 co tiém can khi: 2m? —=2 %0« m = +1.

Vay véi m=+1 thi do thi ham sé c6 tiém can.

Loi giai twe luan 2: D6 thi ham sb ¢6 tiém can khi va chi khi: tir s6 va mau s6 khdng c6 nghiém
chung < (m* +1)(-2)+4=0< m==+1.

Vay v6i m= +1 thi @b thi ham sé c6 tiém can xién.

Lwa chon dap an bing phép thir: Ta lan luot danh gia:

. R r 2X+4 T LA Loy
*Vai m=-1 ham so c6 dang: y = +2 =2 nén do6 thi ham so6 khdng co6 tiém can.
X+
= cac dap an B va D bi loai.
2x+4

* Vi m=1ham sb c6 dang: y = =2 nén do thi ham sé khong ¢ tiém can.

X+2
= dap an A bi loai.

Do @6, viéc lya chon dap an C 1a ding dan.
mx? —mx+m?® +m
x-1
A mz-lvam=2. B. mzlvam=2.
C. mz-1va m=0. D. m=1va m=0.

Chohamso y= . D06 thi ham s6 c6 tiém can x1én khi:

Léi giai

Chon C.

2
- R et s A 4 m°+m
Loi giai tw luan: Viet lai ham so6 dudi dang: y =mx+

m =0 {mio
m? @

Do thi ham sé co tiém can xién khi va chi khi: {

+m=0 m=-1

Vay véi m=—1 va m=0 thi do thi ham s6 c6 tiém can xién.
Lwa chon dap an bang phép thir: Ta lan luot danh gia:
* Vi m=0 , ham s6 c6 dang: y=0 = db thj ham s6 khdng c6 tiém can = cac dap an A va
B bi loai.
2
o N, X" —X+2 2 S ia Aan .
* Va1 m=1, ham so6 c6 dang: y=—1: x+—1 = y=x latiém can xién = dap an D
X— X—
bi loai.
Do d9, viéc lya chon déap an C 1a dung dan.



BAI 5: CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
PIEM UON CUA PO THI - PHEP TINH TIEN HE TOA PO
I. KIEN THUC CO BAN
1. Piém udn caa do thi
Dé tim diém udn cua dd thi ta st dung két qua sau:
Pinh Iy: Cho ham s6 y = f (x) c6 dao ham cip mot lién tuc trén (a;b) va c6 dao ham dén cap hai trén
céc khoang (a;x,) va (%,;b). Néu f"(x) ddi dau khi x di qua diém x, thi I(xp; f (%)) la mot diém
udn ciia @6 thi ham sé y = f (x).
* Nhan xét:
1. Tai diém udn, tiép tuyén cua do thi phai xuyén qua do thi.
2. Diém x, khong nhat thiét phai 1a nghiém ctia phuong trinh y" =0,
2. Phép tinh tién hé toa dd
2.1. Cong thirc chuyén hé toa dp
Cho diém 1(Xy;Y,) va diém M (x;y) trong hé toa do Oxy, khi détrong hé toa do IXY diém M s& ¢ toa
” {XM =X—X,
YM =YY
2.2. phwong trinh ciia dwong cong y=f(x) doi vdi hé toa dp IXY
Tacokétqua: Y =f(X+x%))-Y,
II. CAC PHUONG PHAP GIAI BAl TAP TRAC NGHIEM

Bai 1: D6 thi ham sb y=%x3+x2 —2 ¢6 s6 diém ubn bang:
A. 0. B. 1. C. 2. D. 3.
Loi giai
Chon B.
Loi giai tw luan: Tap xac dinh D=2
*Paoham y' =x*+2x, y'=2x+2, y'=0=2x+2=0 (*).

Vi phuong trinh (*) luén c6 mot nghiém nén do thi ham sé c6 mot diém udn.

Lwa chen bing phép thir: S6 diém udn cua cac ham da thic bang sé nghiém phuong trinh
y" =0 va ddi ddu qua nghiém d6. V&i ham sé bac ba y=ax® +bx? +cx+d thi y” =6ax+2b
nén phuong trinh y” =0 ¢4 mot nghiém va qua d6 y” d6i dau. Nén do thi ham sé c6 mot diém
udn.

Do d9, viéc lya chon dap an B 1a dung dan.
Nhén xét: Nhu vay, dé lva chon dugc dap an dung cho bai toan trén thi:
* Trong cach giai tu lugn, ching ta thuc hién theo cac budc:

Budc 1: Tim tap xac dinh D



Bai 2:

Cau 3:

Budc 2: Tinh dao ham y’, y” rdi xét xem phuong trinh y” =0 ¢6 bao nhiéu nghiém va qua dé
y" déi dau.

Budgc 3: Két luan vé s6 diém udn caa do thi ham sé.

* Trong cach lya chon ddp dn bang phép thi ching ta nhan dinh rang cac ham da thirc bac ba

luon cé y" la mot nhi thirc bac nhat (phwong trinh bac nhat ax+b=0 véi a=0) nén ludn cé
mot diém udn.

Tong quat: Ham da thirc bac k (k> 2) s& c6 phuong trinh y”=0 1a mdt phuong trinh bac
k—2, do d6 sé& co tdi da k —2 diém uén.
Db thi ham sd y =x*—x? +1c6 sd diém udn bang:
A. 0. B. 1. C.2. D. 3.

Loi giai
Chon C.
Loi giai tw luan: Tap xac dinh D=2
bao ham y' =4x*-2x , y"=12x*-2 y"'=0<12x*-2=0 (*)
Vi phuong trinh (*) ludn c6 hai nghiém phan biét nén d6 thi ham sé c6 hai diém
uon.
Lua chon dap an bang phép thir: Vi ham sb tring phuong y=ax*+bx’+c
thiy”=12ax’+2b Va vi a va b trdi diu nén phuong trinh y"=0 c6 hai nghiém
phan biét va qua d6 doi ddu. Nén d6 thi ham sé c6 hai diém udn.
Do d6, viéc lya chon dap an C 1a dung dan.
Nhan xét: Nhu vay, dé lya chon dugc dap an diing cho bai toan trén thi:
* Trong cach gidi tw lud@n chung ta thuc hién theo hai budc nhu bai 1.
* Trong cach lwa chen ddp dn bang phép thiz chiing ta nhan dinh rang cac ham
da thuc bac bon
Dang triung phuong luén c6 y” la mot tam thirc bac hai dang 12ax* +2b=0 Vi
a=0 nén luon c6 mot hoic hai diém udn, tly thudc vao dau giira a va b.

D6 thi ham sé y = x* +8x% +10 ¢6 sb diém udn bang:
A. 0. B. 1. C. 2. .D. 3.
Lo giai.

Chon A.
» Loi giai tw luan: Téap xac dinh D = &,

' 3 " 2
= Paoham: Y =4x +l6x’ y"=12x"+16 y”=0<:>12x2+16:0(*)
Vi phuong trinh (*) v6 nghiém nén d6 thi ham sé khéng c6 diém uén.

> Lua chon dap an bang phép thi: Voi ham tring phuong c¢6 ab>0, nén do thi ham sé
khong c6 diém udn.



Cau 4:

Céau 5:

Cau 6:

Do doé, chon dap an A.

Do thi ham sé y =3/x ¢6 s diém udn bing:

A. 0. B. 1. C. 2. .D. 3.
Loi giai.

Chon B.

» Lo giai tw luan: Tap xac dinh D= & .

y = 1 Y = 2
= Pao ham: X ox¥x® .

Vi y" d6i dau khi qua x, =0e D nén db thi ham s6 c6 mot diém udn.

@ Ch( y: Rat nhiéu em hoc sinh sau khi thuc hién tinh y’ va y”, roi thiét lap phuong trinh
y” =0 va thiy n6 vo nghiém nén da két luan ham sé khong c6 diém udn.

D6 thi ham s6 y =cosx ¢0 s6 diém ubn bang:

A 0. B. 1. C. 100. .D. V6 s6.
Loi giai.

Chon D.

>  Lai giai tw luan: Tap xac dinh D = &.

= Pao ham: y':—sinx1 y"=-cosx
T A A [N
"=0< —-Cc0sXx=0< x==+kr,ke.Z vO sO nghiém.
y > :
Vay, do thi c6 vo s6 di€m uon.

Cho ham sé y = x* —x* +4x—1. Biém ubn caa d thi ham sb 1a:

A. U(Eij B. U(EZ) C. U(l§j .D. U(Elj
3 27 28 2 8 3 27

Lai giai.
Chon D.
> Lo giai tw luan: Tap xéc dinh D= 7.

= Paoham: ¥ =3X —2x+4 y'=6x-2
ChO y"=OC>6X_2:0<:>XU :%:} BlémU6n U(%,%j

& Chay:

1. Viéc st dung may tinh CASIO fx — 570 VN PLUS tinh tung d6 cta diém uén
trong bai toan trén dugc thyc hién bo1 mét trong hia cach sau:

Céch 1: Ta an:

(a1R3%)qdp(alR33%)d+40alR3%pl=



Cau 7:

- 1 Ei Ma.ih &
[3]7-[ 5] +dxz-b
<
=27
Cach 2: Ta thyc hién theo cac budc:

] L

= Nhaphamsé y=x*—x*+4x-1 4n
(aee) (5] (5] (o3 (=) (aeed) (O (23 () (4D (o) ) (=) (A
= Khi d6, dé co duoc y(%j ta 4n:

Math &

KE-RZ a1
_
mOEEE z7

2. Trong ciu 5 chiing ta c6 thé sir dung phuong phép trich lugc ty luan, boi trong
bdn dép an chi c6 dap an C chita x=-1, con trong bai toan nay thi khong thé bai

2 b r r hY A 4 1
ca hai dap an A va D déu cé x:5

Cho ham sé y = x* —4x* +3. Cac diém ubn cua dd thi ham s 1a

A.u(_ﬁszau(f 7] B.u(_zz)vau[zzj.
39 3 9 39 39
c. u{-ﬁ 5} vau(f 5} D. ul(-léjvéuz(léj.
39 3 9 39 39
Loi giai.
Chon A.

> Loi giai tw luan Tap xac dinh D = &
J6

r_ 3 "__ 2
= Pao ham: y' =4x —8x’ y" =12x _8.Cho y"=0<:>12x2—8=0<:>x=i?

Vay, 6 thi ham s6 c6 hai diém uon la U (_f gj vau (f ;J

@ Chay: Viéc sir dung may tinh CASIO fx — 570 VN PLUS tinh tung d¢ ciia diém uén trong
bai toan trén duoc thuc hién bai mot trong hia cach sau:

Cach 1: Ta thuc hién theo cac budc:

=  Nhaphamsé y=x*—4x*+3 4n

i) O] (9 (4] & (=) (8] (uew) O (3 () (8]

J6 J6
y —? y ?
»  Khi do, dé c6 duoc , ta 4n:



Céau 8:

Math &

K -4%2 +3

-
(=) () (6] EBIE °
m Math &
A —4%=+3
7

(6] B = =
Cach 2: Vi véi ham trung phuong y{—?j = y(?} nén a chi can an:
= Nhaphamsé y=x*—-4x*+3 4n
Q)"4$p4Q)d+3

6 6

-5 (3]
= Khi do, dé co dugc , ta an:
= Math &
R
7
rps6)a3= =
Cho ham s6 y = x* —3mx’ + x+4m. Diém U (1;3) 1a diém uén cta d thi ham sé khi m nhan
gid tri bang:
A. m=0. B. m=1. C. m=2. .D. V6 nghiém.
Loi giai.

Chon B.

» Loigiai tw luan Tap xac dinh D= % .

Pao ham: Y’ = 3x* —6mx +1 y"=6x-6m

Dé diem U (1,3) 1a diém uén ciia d6 thi diéu kién can va du la:
y"(1)=0 (6-6m=0
= =
y(1)=3 1-3m+1+4m=3
Vay, véi m=1 thoa man diéu kién dau bai.
> Lua chon dap an bang phép thir: Ta lan luotj danh gia:

m=1

= V6i m=0, ham sb c¢6 dang: y = x®+x.

Suyra: y'=3x*+1, y'=6x, y"=0<6x=0< x, =0= Dap an A bi loai.

= V6i m=1, ham s c6 dang: y = x> —3x% + x+4.

Suy ra: y'=3x*-6x+1, y"=6x-6, y'=0<6x-6=0< x, =1=U (1;3), thoa man.
Do d6, viéc lya chon dap an B 1a ding dan.

@ Nhan xét: Nhu vay, dé lva chon duoc dap an ding cho bai toaans trén thi:

»  Trong cach giai tu luan, ching ta thuc hién theo cac budc:



Cau 9:

Cau 10:

Buwoc 1: Xac dinh cac dao ham y' va y”.

Budéc 2: Thiét lap diéu kién dé @6 thi ham sé nhan diém U 1am diém ddi xang.

= Trong céach lya chon dép 4n bang phép thtr, chling ta thyc hién tir trai qua phai va can téi
hai 1an thir méi lya chon duogc dap 4n dung.

& Hoat ddng: C4c em hoc sinh hiy d& suat mot phép thir khac dua trén tinh chat diém ubn
ctia dd thi ham s bac ba (Diém udn 1a tam dbi xing).

@ Chuay: Tac cac két qua:
1. B4 thi ham sb bac ba nhan diém uén lam tam ddi xang.
2. D6 thi ham sb bac bén dang trung phuong nhan truc Oy 1am truc ddi xung.
3. D6 thi ham phan thirc nhan giao diém hai duong tiém can 1am tdm ddi xing.
Cho ham s y = x* +3x? +1. DB thi ham s ¢6 tam dbi ximg 1a diém:
A. (L4). B. (15). C. (-11). D. (-13).
Loi giai.
Chon D. ‘
» Loi giai ty luan: Ta lan luot co:
y' =3x*+6X, Y =6X+6
y'=0=6x+6=0<x=—1=y(-1)=3.
Vay, d6 thi ham s6 c6 tim d6i xtmg 1a diém 1(-1;3).
& Hoat dong: 1. Ban An thuc hién pheép thir sau:
Vi x=1, ta dugc y(1)=5.
Do d6, viéc chon dap an B 1a dung dén.
Khi so dap an dtng, chung ta thay ngay viéc lya chon B 14 sai. Cau hoi dat ra la
“Sai 1am cua An xuat phat tir dau ?”
2. Ban Minh thuc hién phép thir nhu sau:
Vé6i x=1, ta dugc y(1)=5= D4ap an A bi loai.
Véi x=-1, ta dugc y(-1)=3= Dap an C bi loai.
Nhan thay, diém M (-3;1) thuoc do thi. Do d6, viéc lya chon dép an D la dung
dan.
Cau hoi dat ra 1a “Minh da dya trén co so gi dé tim ra diém M rdi khang dinh
tinh dung dan trog lya chon cia minh ?”,

2X+3

Chohamsé y= d6 thi ham sé ¢o tam ddi ximg 1a diém :

A (12). B. (2:). C. (1-1). D. (_%;1)

Léi gidi.

Chon A.



Cau 11:

> Loi giai tu luan 1 : Ta lan luot 6 :

= Tiém can dang x=1.

= Tiémcanngang: y=2.

Vay tam déi xtng cua do thi ham so 1a 1(1;2).

> Loi giai ty luan 2: Ham phan thic bac nhat trén bac nhit luén c6 tdm déi xang la:

|(—%;%)= 1(L2).

> Luya chon dap 4n bang phép thir 1: Ta lan luot dénh gia:

= T4pxdc dinh D =Rk\{1} nén tdm doi Ximg c6 hoanh d¢ bing 1. P4p 4n B, D loai.

= Nhén thdy diém M (0;-3) thudc d6 thi nhung diém N (2;0) khong thudc do thi dap an C
bi loai.
Chon dap an A.

Lya chon dap 4n bang phép thir 2.

= Tam ddi xtmg c6 tung d6 bang 2 suy ra cac dap an B, C, D bi loai.

@ Nhan xét: Nhu vy dé lya chon duoc dpa an dung cho bai toan trén thi:

Chohamsé y=

Trong céch giai ty luan 1: Chidng ta chuyén n6 vé viéc tim toa d6 giao diém hai dudng
tiém can caa do thi ham sé.

Trong cach giai tu luan 2: Cac em hs can nh¢ duge CT vé tam dbi xang cua d6 thi ham
sb bac nhét trén bac nht.

Trong céch lua chon dap an bang phép thir 1, ta thyuc hién:

- Khang dinh duoc hoanh do tam d6i xing bang 1, ta loai dugc dap an B, D.

- Pé lya chon A va C ta lay diém M thuoc do thi va diém dbi xtng véi né qua
I (L-1). Vi N khong thuoc d6 thi ham s6 nén 1 (1,-1) khdng phai tim doi xing.

Trong céch lya chon dap an bang phép thir 2 vai viéc khing dinh dugc tung d6 tim dbi

xtng bang 2 ta chi ra duogc dap an dung ngay.

X2 +2X+2

B Do thi ham s ¢ tam d6i xtng 1a diém:
X+

A. (0;1). B. (0;-2). C. (-2-2). .D. (-2;1).

Léi giai.

Chon C.

» Loi giai ty luan: Viét lai ham s6 dudi dang y = X+ ——.

X+2

Tu d6 ta 1an luot co:

= Tiém can dang: x=-2.

= Tiém can xién: y =X.

Suy ra d6 thi ham s6 c6 tam d6i xtung 1a | (—2;—2) :



Cau 12:

Céu 13:

Céu 14:

Cau 15:

> Luya chon dap 4an bang phép thu: Ta lan luot danh gia:
= Tépxdc dinh D=%\{2} nén tdm d6i xtmg c6 hoanh do bang -2. Loai A, B.

= Nhan thiy diém M (0;1) thudc do thi nhung diém N (—4;1)khong thudc do thi nén dap én

D loai.
Chon C.
Cho ham sé y = x* —2x+3. Db thi ham s ¢6 truc di xtang 1a:
A. x=-1. B. x=0. C. x=1. D. x=2.
Lo gii.
Chon C.
> Loi giai tu luan: D6 thi ham sé nhan duong thiang x =1(x = ;—Z] lam truc ddi xung.
Cho ham sé y = x* —x* +1. D6 thi ham s ¢6 truc ddi xtang 1a:
A. x=-1. B. x=0. C. x=1. .D. x=2.
Loi giai.
Chon B.
> Loi giai tu luan: Ham s6 12 ham chin nén d6 thi ham sé nhan truc tung 1am tryc ddi xang.
Cho ham s6 y = |x[’ (x*~1). Db thi ham s6 ¢4 truc d6i xang la:
A. x=0. B. x=1. C. x=2. .D. x=3.
Lo giai.
Chon A. , ’
» Loi giai ty luan: Ham so6 xac dinh trén D = & la tap doi xang.
> Taco f(-x)=f(x).Vayham y= |x|3 (x2 —1) Ia ham chén nén db thi ham sb nhan truc
tung lam truc ddi xung.
Cho ham s6 y =v1—X ++/1+ x . Db thi ham s6 ¢6 truc déi xang Ia:
A. x=-3. B. x=0. C. x=1. .D. x=3.

Loi gii,
Chon B.
> Loi giai ty luan: Ham sb xac dinh trén D =[-1; 1]1a tap d6i xung.
> Taco: f(—x)=+v1+x++1-x=f(x).Vayham sé Ia ham chén nén db thi ham sé nhan
truc tung lam truc ddi xang.



@ Cha y: Trong truong hop téng quat, dé chimg minh d6 thi ham s6 nhan duong thang x =a
lam tryc ddi xung ta 1am nhu sau:

. Ham s c6 dang

i ez X=Xx-a x=X+a
=  Budc 1: Voi phép bién doi toa do: &

Y=y y=Y
Y=f(X+a)eY =f(X).
= Budc 2: Nhan xét rang d6 thi ham s6 Y = f (X)) 1a ham s6 chn.
= Budc 3: Vay do thi ham sé nhan duong thang x =a lam truc d6i xing.
CAu 16: Cho ham sb y = x? +mx+1. D thi ham s6 nhan duong thang x =3 1am truc di xtng khi:
A. m=3. B. m=6. C. m=-6. .D. m=-3.
Lo gii.
Chon C.

. - A . \ A A \ < m Y A= a
» Loi giai tuy luan: Do thi ham s6 nhan duong thang X = Y lam truc doi xung.

Vay ta cé —%:3<:>m:—6.

Cau 17: Cho ham sb y=x4+mx3—(m—1)x2+(m2—m)x+1.D6 thi ham sé nhan truc Oy 1am truc déi
xang khi :
A. m=0. B. m=1. C. m=2. .D. m=3.
Lo gii.

Chon A.



Cau 1. D thi ham sé y = x* +8x% +10 ¢6 sb diém ubn bang:
A. 0. B. 1. C. 2. .D. 3.
Lo giai.
Chon A.
» Lo giai tw luan: Tap xac dinh D= & .
r_ 3 "__ 2
= Ppaoham: ¥ =ACHIEX yI=I2XH16 010y 116 -0(%)
Vi phuong trinh (*) v6 nghiém nén d6 thi ham s6 khong c6 diém udn.
> Lua chon dap an bang phép tha: Voi ham tring phuong c¢6 ab>0, nén d thi ham sb
khong c6 diém ubn.
Do do, chon dép an A.
Cau 2. B thi ham s6 y =3/x c6 sé diém uén bang:
A. 0. B. 1. C. 2. .D. 3.
Lo giai.
Chon B.
> Loi giai tw ludn: Tap xéc dinh D = .

!/ l " 2
Y= ¥'=-

. 3[ 2 3f 2
*  Pao ham: x° IXV X"

Vi y" dbi dau khi qua x, =0 D nén d6 thi ham s6 c6 mét diém uon.
@ Cha y: Rat nhiéu em hoc sinh sau khi thuc hién tinh y’ va y”, roi thiét 1ap phuong trinh
y” =0 va thay n6 vo nghiém nén da két luan ham sb khong c6 diém udn.
Cau 3. Do thi ham sé y =cosx ¢6 sé diém udn bang:
A. 0. B. 1. C. 100. .D. Vb sb.
Loi giai.
Chon D.
> Loi giai tw luan: Tap xéc dinh D= & .

= Paoham: Y =-Sinx y"=-cosx
T A A A
y"=0<:>—COSX:O<:>X=E+k7z,keZ vO0 sO nghiém.

Vay, do thi c6 v6 s6 di€m uon.

Cau 4. Cho ham sé y = x> —x? +4x—1. biém udn cua dd thi ham sé 1a:

A U Ei . B. U EZ . C. U l§ . .D. U ll .
3 27 28 2 8 3 27

Lai giai.
Chon D.
> Loi giai tw luan: Tap xac dinh D= .

Pao ham: y':3x2—2x+41 y'=6x-2



ChO yn:0<:>6x_2:o<:>xu =£:} Dlému{:)nu(l,l
3 3'27

& Chay:

1. Viée str dung méy tinh CASIO fx — 570 VN PLUS tinh tung d6 ctia diém udn trong bai toan
trén dugc thuc hién boi mot trong hia cach sau:

Céach 1: Ta 4n;

(alR3%$)qdp(alR3%$)d+40alR3$pl=

1 o 1 EL Maih &
[2]7-[3)" +4xz-
I
zZ7
Cach 2: Ta thuc hién theo cac budec:

=  Nhaphamsé y=x>—x*+4x-1 an
(et (O (s (203 (=) (aeed) (O (23 () (4D (i) O] (=) (1

= Khi d6, dé co dugc y[%j ta an:

K3 -HE 4y~
;
EOEEE 7

2. Trong cau 5 ching ta c6 thé st dung phuong phép trich luoc ty ludn, bdi trong bon dap an
chi ¢6 dép an C chita X =—1, con trong bai toan ndy thi khong thé bai ca hai dap 4n A va D déu

. 1
CO X=—.
3

Cau 5. Cho ham sé y = x* —4x* +3. Cac diém udn caa d thi ham s 1a

A. U, —ﬁ;Z vau, @Z . B. U, —1;Z va U, EZ :
39 39 39 39
C. U, —ﬁ;E va U, ﬁé : .D. U, —1;§ va U, 15 .
39 39 39 39
Loi giai.
Chon A.
> Loi giai tw luan Tap xac dinh D= % .
r_ 3 " __ 2
= Paoham; ¥ =4 —8x y'=12X"-8 cp, y”=0<:>12x2—8=0<:>x=i§
Vay, d6 thi ham s6 ¢6 hai diém uén 1a ul[—g;g] va U, (?g]

@ Chay: Viéc sir dung may tinh CASIO fx — 570 VN PLUS tinh tung d6 caa diém udn trong
bai toan trén duoc thuc hién bai mot trong hia cach sau:

Cach 1: Ta thuc hién theo cac budc:

=  Nhaphamsé y=x*—4x?+3 4n



i) O] (=9 (4) &> (=) (4] (ew) O] (23 () (B

J6 J6
175 s
»  Khi do, dé c6 duoc , ta 4n:

K4 -4%2+3

Math &

|-l

MEEAEDEREE
$4-4%%+3

Math &

|-l

) =) ] DI (B B E
V6| _ (6

Cach 2: Vi véi ham trung phuong y(—?J = y(?J nén a chi can 4n:

= Nhaphamsé y=x*—-4x*+3 4n

Q)M$p4Q)d+3
ARG
yf"?‘ 5
»  Khido, dé co duoc , ta an:
m Math &
A —4%=+3
<
rps6)a3= e
Cau 6. Cho ham s6 y = x* —3mx? + x+4m. Diém U (1;3) 1a diém uén ctia d6 thi ham s6 khi m nhén gia
tri bang:
A. m=0. B. m=1. C. m=2. .D. V06 nghiém.
Loi giai.
Chon B.

» Loigiai tw luan Tap xac dinh D= % .

= DPaoham: y'=3x2—6mx+11 y" =6x—6m

Dé diém U (1,3) 1a diém uén ciia d6 thi diéu kién can va du la:
y"(1)=0 (6-6m=0
& &
y(1)=3 1-3m+1+4m=3
Vay, véi m=1 thoa mén diéu kién dau bai.
> Lua chon dap 4n biang phép thir: Ta lan luotj danh gia:

m=1

= V6i m=0, ham sb ¢d dang: y = x®+x.
Suyra: y'=3x*+1, y"=6x, y"=0<6x=0< x, =0= Dap an A bj loai.
= V6i m=1, ham s c6 dang: y = x> —3x% + x+4.

Suyra: y'=3x’-6x+1, y"=6x-6, y'=0<6x-6=0< x, =1=U (1;3), thoa man.



Do d6, viéc lya chon dap an B 1a ding dan.

@ Nhan xét: Nhu vay, dé lra chon duoc dap an dung cho bai toaans trén thi:

=  Trong cach giai tu luan, chidng ta thuc hién theo cac budc:

Buéc 1: Xac dinh cac dao ham y' va y”.

Budéc 2: Thiét 1ap diéu kién dé @6 thi ham sb nhan diém U 1am diém ddi xang.

" Trong cach lya chon dap an bang phép thir, ching ta thuc hién tir tréi qua phai va can toi
hai lan thu méi lya chon dugc dap an ding.

& Hoat déng: Cac em hoc sinh hdy dé suat mot phép thir khac dya trén tinh chat diém uén
ctia d6 thi ham s bac ba (Diém udn 1a tam dbi xing).

& Chay: Tacd cac két qua:

1. B4 thi ham sé bac ba nhan diém ubn lam tdm dbi xang.

2. D6 thi ham sé bac bdn dang tring phuong nhan truc Oy lam truc doi xung.

3. P thi ham phan thirc nhan giao diém hai duong tiém can lam tam d6i xang.
Cau 7. Cho ham s6 y = x®+3x? +1. o thi ham s6 c6 tam dbi xing 1a diém:

A (L4). B. (15). C.(-1L1). D. (-13).

Loi giai.

Chon D.

> L&i giai tw luan: Ta lan lugt co:

Yy =3x*+6X, y"=6X+6

Yy =0 6x+6=0<x=—1=y(-1)=3.

Vay, d6 thi ham sé c6 tam doi xtmg la diém 1(-13).

& Hoat dong: 1. Ban An thuc hién phép thur sau:

Véi x=1, ta duogc y(1)=5.

Do d6, viéc chon dap an B 1a dung dan.

Khi so dap an dung, chung ta thay ngay viéc hra chon B 1 sai. Cau hoi dit ra 1a “Sai l1am cua

An xuit phat tir ¢au ?”

2. Ban Minh thuc hién phép thir nhu sau:

Véi x=1, ta dugc y(1)=5=> Dap 4n A bi loai.

Véi x=-1, ta duoc y(—1)=3= Dap an C bj loai.

Nhén thay, diem M (-3;1) thude dd thi. Do d6, viéc lua chon dép an D la dung dan.

Cau hoi dat ra 1a “Minh da duya trén co sé gi dé tim ra diém M i khang dinh tinh ding dan
trog lua chon ctia minh ?”.

.2 : , ) 7
Cau 8. Chohamsé y = X—+13 dd thi ham sb c6 tam déi xtmg 13 diém :
A. (32). B. (2;1). C. (L-1). .D. (—1;1)

Léi gidi.

Chon A.



> Lo giai tu luan 1 : Ta lan luot 6 :
=  Tiém can ding x=1.
= Tiémcanngang: y=2.
Vay tam d6i xtng cua do thi ham sé 1a 1(1;2).
> Loi giai ty luan 2: Ham phan thac bac nhat trén bac nhat luén c6 tam déi xung la:
d a
I (—g;g] =1(32).
> Luya chon déap 4an bang phép thtr 1: Ta lan luot danh gia:
= Tépxdcdinh D =k\{1} nén tim ddi xtmg c6 hoanh d¢ bang 1. Pap 4n B, D loai.

= Nhén thay diém M (0;-3) thudc dd thi nhung diém N (2;0) khong thudc dd thi dap an C
bi loai.
Chon dap an A.
> Lua chon dép an bang phép thir 2.
= Tam d6i xtmg c6 tung d6 bang 2 suy ra cac dap an B, C, D bj loai.
< Nhan xét: Nhu vay dé lua chon dugc dpa an dung cho bai toan trén thi:
= Trong cach giai tu luan 1: Ching ta chuyén né vé viéc tim toa do giao diém hai duong
tiém can cua do thi ham sé.
= Trong cach giai ty luan 2: Cac em hs can nhé dugc CT vé tam d6i xting cua do thi ham
sb bac nhat trén bac nhat.

= Trong céach lya chon dap an bang phép thir 1, ta thyc hién:
- Khang dinh duoc hoanh d¢ tam dbi xing bang 1, ta loai dugc dép an B, D.
- Pé lya chon A va C ta lay diém M thudc do thi va diém ddi xting véi nd qua
I (L-1). Vi N khong thudc d6 thi ham s6 nén 1 (1,—1) khdng phai tam doi xung.

= Trong cach lya chon dap an bang phép thir 2 véi viéc khiang dinh duoc tung d6 tam ddi
xing bang 2 ta chi ra dugc dap an ding ngay.

X2 +2X+2
X+2

A. (0;1). B. (0;-2). C. (-2;-2). D. (-2;1).

Cau 9. Chohamsé y = . D6 thi ham s6 ¢6 tam ddi xtng 1a diém:

Léi giai.

Chen C.

» Loi gial tu luan: Viét lai ham so6 dudi dang y=x+—2.
X+

Tir d6 ta 1an luot c6:
= Tiém can dang: x=-2.
=  Tiémcan xién: y=X.

Suy ra d thi ham sé ¢ tam dbi xtng 13 | (—2; —2) .



> Lua chon dap an bang phép thu: Ta lan luot danh gia:
= Tépxacdinh D= 3\{2} nén tm ddi xtmg c6 hoanh do bang -2. Loai A, B.
= Nhén thdy diém M (0;1) thudc do thi nhung diem N (—4;1)khong thudc do thi nén dép én
D loai.
Chon C.
Cau 10. Cho ham s6 y = x* —2x+3. Do thi ham sé ¢6 truc dbi xing la:
A x=-1. B. x=0. C. x=1. D. x=2.
Loi giai.
Chon C.

> Loi giai tu luan: D thi ham sé nhan duodng thang x :1(x = _—b) lam truc ddi xung.

Cau 11. Cho ham s6 y = x* —x? +1. 6 thi ham sé ¢6 truc dbi xang la:
A x=-1. B. x=0. C. x=1. .D. x=2.
Loi giai.
Chon B.
> Loi giai tu luan: Ham sb 12 ham chén nén do thi ham sé nhan truc tung 1am truc ddi xang.
Cau 12. Chohamsd y = |x|3 (x2 —1). Do thi ham sb c6 truc d6i xang 1a:
A. x=0. B. x=1. C. x=2. .D. x=3.
Loi giai.
Chon A.
> Loi giai tu luan: Ham s6 xéac dinh trén D = 2 14 tap d6i xing.
> Taco: f(—x)=f(x).Vayham y= |x|3 (x2 —1) 1a ham chin nén d6 thi ham sé nhan truc
tung lam truc déi xang.

Cau 13. Cho ham s6 y =+/1—x ++/1+x . D4 thi ham s6 ¢6 truc ddi xang la:
A. x=-3. B. x=0. C. x=1. .D. x=3.
Loi giai.
Chon B.
> Loi giai ty luan: Ham sé xac dinh trén D =[-1; 1]1a tap déi xung.

> Taco: f(—x)=+v1+x++1-x=f(x).Vayham sé la ham chan nén d6 thi ham sé nhan
tryc tung 1am truc déi xing.

Chu y: Trong trudng hop tong quat, dé chimg minh do thi ham sé nhan duong thiang x=a
lam tryc ddi xumg ta 1am nhu sau:



= Budc 1: Véi phép bién doi toa do: {3(( =X, {X =X T8 Ham sé co dang
Y=f(Xta)oY=f(X).

= Budc 2: Nhan xét rang d6 thi ham so Y = f (X)) 1aham s6 chan.

= Budc 3: Vay do thi ham sé nhan duong thang x =a lam truc dbi xang.

Cau 14. Cho ham s6 y = x? + mx+1. D6 thi ham sé nhan duong thang x =3 1am truc déi xtng khi:
A. m=3. B. m=6. C. m=-6. .D. m=-3.

Loi giai.
Chon C.

» Loi giai ty luan: Do thi ham s6 nhan duong thang X = _E lam truc doi xang.
. ., m
Vay ta co —E=3<:>m=—6.

Cau 15. Cho ham s y = x* +mx® —(m-1)x? +(m2 —m)x+1. P4 thi ham sb nhan truc Oy 1am truc déi
xang khi :
A. m=0. B. m=1. C. m=2. .D. m=3.
Lo gii.

Chon A.

Loi gidi tw lugn: D6 thi ham sb nhan Oy 1am truc di xtng khi:

Ham sb 12 ham sb chin < Cac hé sb bac I¢ bang 0

m=0
S5, =<m=0
m - —-m=0

Vay m=0 thoéa yéu cau dau bai.

Cau 16. Cho ham s6 y = x* —mx* — 2mx +3m.. D thj ham sé nhan diém 1 (1;1) 1am tam d6i xang khi
A. m=0. B. m=1. C.m=2. D. m=3.
Loi giai
Chon D. o
» Loi giai tir lugn 1: Véi phép bién doi toa do:

{X =x-1 {X=X+l
f—
Y=y-1 y=Y +1
Ham sb c6 dang Y +1=(X +1)’ —=m(X +1)° =2m(X +1)+3m

=X*+(3-m)X?+(3-4m) X +1 1)



Ham s6 (1) 12 ham s6 1¢ khi va chi khi 3-m=0<m=3
Vay véi m=3 dd thi ham s6 nhan diém 1 (1;1) lam tam d6i xtng.

> Loi gidi tw lugn 2: D4 thi ham da thirc bac ba nhan diém udn lam tam ddi xing, nén bai toan
dugc chuyén vé “Tim m dé 1(L1) la diém uén”

» Tap xac dinh D=2
= Dao ham: y'=3x* —2mx —2m;y" = 6x —2m
biém | (L1) 1a diém udn cia do thi diéu kién can va du I3
y"(1)=0 (6-2m=0
f—
y(1)=1 1-m-2m+3m=1

Vay véi m=3 dd thi ham s6 nhan diém 1 (1;1) lam tam d6i xtng.

&Sm=3 .,

> Lira chon ddp dn bang phép thit két hop mét phan tw lugn: Ta lan luot 6

DPao ham: y'=3x* —2mx —2m; y" = 6x —2m
n m
y =O<:>6x—2m=0<:>1=§=1:>m=3

=Céc dap an A, B,C déu loai.
Do d6 viéc lya chon dap 4n D 1a ding dan.

mx —1

Cau 17. Choham s6 y = . D6 thi ham s6 nhan diém 1(3;1)lam tam d6i xung khi

A. m=0. B. m=1. C. m=2. D. m=3.
Loi giai

Chon A.

> Loi gidi tir lugn 1: V&i phép bién doi toa do:

X=x-3 X=X+3
=
Y=y-1 y=Y +1
m(X +3)_1<:>Y :(m—l)X +3m-1

X+3-3 X

Ham s6 (1) la ham sb ¢ khi va chikhi m—1=0<m=1

Ham sb co dang Y +1=

(1)

Vay véi m =1 do6 thi ham sb nhan diém 1(3;1)lam tam déi xung.

> Loi gidi ti lugn 2: Ham phan thiic bac nhat trén bac nhat ludn c6 tam d6i xing 1a

! (—Q;EJ = (8m)=(31)=m=1 (ngvoi dap an A.
c C
Cau 18. Goi I 1a dinh ctia parabol (P):y =2x’—3x+1 . Phuong trinh ctia parabol (P) déi véi hé toa do
IXY c6 dang:
A Y =2X2. B.Y =X?2. C.Y =-X2. D.Y =-2X?2.

Léi giai

Chon A.



> Loi gidi tir lugn : Ta lan luot 6 :

» Toa do dinh | (é—lj
4 8

= COng thiee chuyén hé toa do theo phép tinh tién theo vecto Ol 12

X:x—§ x:X+§
S T
Y=y+= =Y —=
y 8 y 8

Khi d6 trong hé toa d6 IXY parabol (P) c6 phuong trinh
2
(P):Y —ézZ(X +§J —3(X +§j+1<:>(P):Y =2X?

Cau 19. Goi I 1a tam d6i xtng cta dd thi ham s6 (C):y = x> +3x”> —4 . Phuong trinh cta cia dudng
cong (C) d6i véi hé toa do IXY c6 dang:
A Y =X3+3X . B.Y=X*+X. C.Y=X3-X. D.Y =X*-3X.

Loi giai
Chon D.
> Loi gidi tir lugn : Ta lan luot 6 :

y'=3x*+6Xx ;y"=6X+6
y"=0< 6x+6=0< x=-1= Tam ddi xang | (-1-2)
Cong thiec chuyén hé toa dé theo phép tinh tién theo vecto Ol 13
X=x+1 Xx=X-1
=S
Y=y+2 y=Y -2
Khi do6 trong hé toa d6 IXY (C) c6 phuong trinh
(C):Y —2=(X -1y’ +3(X 1)’ —4 = (C):Y = X*-3X

Cau 20. Goi I Ia tam dbi xing cia dd thi (H):y = 3:(‘;12 . Phuong trinh ctia dudng cong (H) déi véi hé
toa d6 IXY cé dang:
A.Yz-% B.Yz-% c.vz% D.Y:%
Lo giai

Chon A.
> Loi gidi tir lugn : Ta lan luot 6 :

= Hai duong tiém can la x=—1va y =3, suy ra tim ddi xtng 1(-1;3)

= COng thirc chuyén hé toa do theo phép tinh tién theo vecto Ol 13
X=x+1 X=X-1
=
Y=y-3 y=Y +3

Khi d6 trong hé toa d6 IXY (H) c6 phuong trinh



3(X -1)-2

(H):Y +3= (X—1)+1 =

Bai 6: CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
SU TUONG GIAO CUA HAI PO THI

I. KIEN THUC CO BAN

Dé xét su tuong giao cua hai dd thi y = f (x) va y =g(x) ching ta thuc hién theo cac buéc
Buwdc 1: Thiét 1ap phuong trinh hoanh do giao diém f (x) = g(x) Q)

Bueéc 2: Giai hoic giai va bién luan (1), tir d6 dwa ra 10i két luan.

II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Bai3. Chohamsé y=4x?—6x+1.Sd giao diém cua do thi ham sé va truc Ox bang:

A. 0. B. 1. C.2. D. 3.
Loi giai

Chon C. 7

» Loi gidi t lugn :  phuong trinh hoanh do giao diém
35

4x* —6x+1=0<x,, = 2

Vay sb giao diém cua do thi ham s va truc Ox bang 2.
> Loi gidi tw lugn két hop véi may tinh CASIO FX- 570MS :  Phuong trinh hoanh d6 giao
diém

4x* —6x+1=0<>x ~1,3090 hoic x, ~0,1090 bang cach an:

MODE MODE MODH [1][>][2]

-0 -N - [ 13090
v] [ 01909

Vay sb giao diém cua do thi ham sé va truc Ox bang 2.
Bai4. Chohamsé y=x®—3x*—x+3. Sb giao diém cua dd thi ham s6 va truc Ox bang:
A. 0. B. 2. C. 3. D. 4.
Loi giai
Chon C. q
» Loi gidi tw lugn :  Phuong trinh hoanh d9 giao diém
x® —3x2 —x+3:0<:>(x—1)(x2 —2x—3)=0<:>x:3 hoic X = +1.
Vay sb giao diém ciia do thi ham sb va truc Ox bing 3.
>qLd’i gidi tie lugn két hop véi may tinh CASIO FX- 570MS :  phuong trinh hoanh dé giao
diém

x*—3x?—x+3=0< x=3 hoic x==1 bang cach an:



MODE MODE MOBE[T][»][3]

IE%HHIH% —:ﬂﬁ
-1

= 1

Vay sb giao diém cua dd thi ham s va truc Ox bang 2.
@ Cha y: dé ting do kho cho bai toan ngudi ta c6 thé phét biéu dudi dang:

Dang 1: Giao diém caa db thi ham sé y = x® —7x? +11x + 3 véi truc Ox c6 toa do Ia:
A. (2-+50). B. (3,0). C. (2++5:0). D.Ca A,B,C.

Dang 2: Tong hoanh d6 cac giao diém cua do thi ham s6 y = x® —7x? +11x + 3 vai truc Ox c6
toa do bang:
A. 3. B. 4. C.5. D. 7.

Bai5.  Chohamsé y=x*—2x*-1.S6 giao diém cua do thi ham s6 va truc Ox bang :

A 1. B. 2. C. 3. D. 4.
Loi giai

Chon B.

> Loi gidi tw lugn :  Phuong trinh hoanh d6 giao diém x* —2x?-1=0. Q

Pit t = x?, diéu kién t > 0. Phuong trinh c¢6 dang t* —2t—1=0 2)

Phuong trinh (2) ¢6 ac<0 nén c6 hai nghiém trai dau (t, <0<t, , t, bi loai) va véi t, ta duoc:

x> =t, < X, =1t

Vay sb giao diém cua do thi ham sé va truc Ox bang 2.
> Lua chon ddp dn bang phép thiz © Ta lan luot dénh gia
= Ham tring phuong nhan Oy lam truc d6i xtng va y(0) = -1

= \/i a=1>0 nén no chi co thé 1a:

o !
V.V, \q /

-1

X

Do d6 viéc lya chon dap an B 1a dung dan.
Bai 6.  S6 giao diém cua duong cong y = x® —2x? -1 va duong thang y =1-3x bang:
A. 0. B. 1. C. 2. D. 3.
Loi giai

Chon B.
> Loi gidi tw lugn : Phuong trinh hoanh d6 giao diém

X} —2x"-1=1-3x = x*-2x*+3x-2=0. *)



<:>(x—1)(x2—x+2)=0<:>x=1

Vay sb giao diém cua d6 thi va duong thang bang 1.
Chu y: Dé sir dung may tinh CASIO FX- 570MS giai nhanh phuong trinh (*), ta an:

OD @M »[3]

Bai7. Chohamsb y=x*+3x*+1. Giao diém cua d6 thi ham s6 va duong thang y =2x+5 c6 toa

do la:

A (-13). B. (1-v5;3-215). C. (1+5;3+245). D.CaABC.
Loi giai

Chon D.

> Loi gidi t lugn : Phuong trinh hoanh d¢ giao diém
X+ x?2+1=2x+5<= x3+3x*—2x—-4=0.
X=-1

=145

» V6i x=-1=y =3, dugc giao diem A(-13).

<:>(x+1)(x2+2x—4)=0<:>[

" V6i x=-1-5=y=3-25 , dugc giao diém B(l—Jé;s—zJé).

= Véi x=-1+5=> y=3+25 , dugc giao diém c(1+J§;3+ 2\5).

Ta duoc (d)n(C)={AB,C}

> Lira chon ddp dn bang trich lwoc tir lugn: Phuong trinh hoanh d6 giao diém
X+ x*+1=2x+5<= x3+3x*-2x-4=0.
& (x+1)(x* +2x—-4) =0 x =1 hogec x=-1£+5.

T6i day ta khang dinh viéc lua chon dép an D 1a dung dan boi vi ba gia tri trén twong ng véi
hoanh d6 cac diém trong A, B, C.

> Lira chon ddp dn bang phép thir © Ta lan luot dénh gia

= Diém A(-13) thugc ca (C) va (d) nén cac dép 4n B va C loai.

= Diém B (1— J5:3— 2J§) thuoc ca (C) va (d) nén dép 4n Aloai.

Do @6 viéc lya chon dap an D 1a dung dan.

& Cht y: Dé sir dung may tinh CASIO FX- 570MS thtr toa d6 cia cac diém A, B va C ta lan
luot thuc hién:

= Nhap biéu thirc x* +3x*+1, ta an:

ALPHAK [ : B ArriAN B B airaay



Bai 8.

= Khi d6 ta lin luot thir véi cac bd (-1;3) (1-+5;3-215)

(@0 B1 - K - | [ 49

Tuc 1a diém A thuoc (C) .
cAad@ EE-8 ;808
Tuc 1a diém B thudc (C) .
Goi M, N 14 hai giao diém cua duong thang y=x+1 va

hoanh d6 trung diém | cia doan thang MN bang:

3x-1

duong cong y= . Khi do

A -2 B.1. =3
2
Loi giai

Cheon C.

> Loi gidi t lugn 1: Phuong trinh hoanh d6 giao diém
3x—1 X#2 X#2

=X+l &

X—2 x*—4x-1=0 x=2++5

=2 :Zi«/§:>x1:%(xM+xN):2

Vay hoanh d6 trung diém | cua doan thang MN bang 2.
> Loi gidi tu lugn 2: Phuong trinh hoanh d6 giao diém

3x -1 X # 2
=X+l = Xy + Xy =4
X—2 x?—4x-1=0

:xlzé(xM +Xy)=2

Vay hoanh d6 trung diém | cia doan thang MN bang 2.

> Lua chon ddp dn bang phép thiz 1 Vi duong thang y = x+1 di qua tam déi xting 1(2;3)

cta duong cong nén I 1a trung diém cua doan thang MN

Do d6 viéc lya chon dap an C la ding dan.

Cau 21. Chohamsé (C):y = 4;__16 . Tong binh phuong cac hoanh o
véi duong thang y = 6x+5 bang
A % . B. 2—2 C. %
Loi giai

Chon D.

giao diém cia do thi ham s6 (C)

p. =
36



Loi gidi tw lug@n 1: Phuong trinh hoanh d6 giao diém:

>
Il

X#1
=
6x> —5x+1=0

., (1Y (1Y 13
:>X1+X2:§ +§=£

Loi gidi tw lugn két hgp véi may tinh CASIO fx — 570MS:Phuong trinh hoanh d6 giao diém:

4x—-6
x-1

:6x+5<:>{

NI~ Wl

>
Il

Xx=1

) S
6x° —=5x+1=0 x

4x—6
x—1

:6x+5<:>{

NI~ Wl

Ta tim duoc nghiém bang cach 4n
BIC)A —
EEEEEDE P 03333

® 1.3

2 2
Khi d6 X2 + %2 =(%j J{%j =%, bang cach an:

@8
OOEDDEFROOD ERNODE | 1336

Loi gidi tw lug@n 2: Phuong trinh hoanh d6 giao diém:

5
k21 %% =g

) e
6x° —-5x+1=0 :1

Ax—6 :6x+5<:>{
x-1

2, 2 2 ? 13
= e =l -2 =(F] -2(3)-5

Loi gidi tw lugn 2 két hep véi may tinh CASIO fx — 570MS: Phuong trinh hoanh d6 giao
diem:

4X -6
x-1

5
x#1 X1+Xz—g

) e
6Xx° -5x+1=0 1

:6x+5<:>{



5V (1) 13
Khi d6 X2+ %2 = (% +%, )’ —2%X, :(Ej —2.(Ej 36 bang cach an:

|

5 {5 6 ) B

1- Ml = | 13134

Cau 22. Cho ham sb y = x* —3x? +1. D6 thi ham s6 cit duong thing y =m tai 3 diém phan biét khi:
A.-3<m<1. B. -3<m<1. C. m>1. D. m<-3.

Loi gidi
Chon A.

Loi gidi tw lugn 1: Phuong trinh hoanh do giao diém:
-3’ +1l=me X -3x*+1-m=0 . (1)
Xétham séy = x* —3x* +1-m, ta co:

Tap xac dinhD = .
Pao ham: y’ =3x* —6x,

x=0

y’:0<:>3x2—6x=0<:{ .
X=2

Bang bién thién:

X - 00 0 2 + 00

y + 0 -0 +

y 1-m + 00
_00/ \ -3‘111/

Tir d6, dé d6 thi ham sb cit duong thang y =m tai ba diém phan biét thi (1) c6 ba nghiém
phan biét, tuc la: ye,.Yor <0< (1-m)(-3-m)<0<-3<m<1.

Vay, véi —3<m<1 thoa mén diéu kién dau bai.

Loi gidgi tur lugn 2: Xét ham séy = x* —3x? +1, ta co:

Tap xac dinhD = %

Pao ham: y’ = 3x* —6X,

x=0

y':0<:>3x2—6x:0<:{ .
X=2

Bang bién thién:



X - 00 0 2 + 00
y + 0 -0 +
v 1 + o0

Tir bang bién thién, ta thdy d6 thi ham sé cit duong thang y =m tai ba diém phan biét
khi—-3<m<1.

> Lwa chon ddp dn bang phép danh gid: Dé dwong thang y =m cit d6 thi ham sé tai ba
diém phan biét thi m phai nhan gia tri ¢6 dang y., <M<y, (dang nay chi c6 & trong A).

Do @6, viéc lya chon dap an A 1a dliing dén.
>  Lua chon ddp dn bang phép tha:
Phuong trinh hoanh d6 giao diém: x°* -3x*+1=m < x*-3x* +1-m=0 (*) :
Khi do:
» V6i m=-1, phuong trinh (*) c6 dang:

x=1

x=1++/3

Suy ra co ba giao diém. Vi vay m=—1 théa man nén dép an C va D bi loai.
x=0

X=3

x3—3x2+2:0c>(x—1)(x2—2x—2):0(:{

* V6i m=1, phuong trinh (*)c6 dang: x> —3x* =0 < {

Suy ra c6 hai giao diém. Vi vdy m =1khéng thoa man nén dap an B bi loai.
Do do, viéc luya chon dép an A 1a ding dan.

X/

< Nhdn xét: nhu vay, dé lya chon dugc dép an ding cho bai toan trén thi:
= Trong cach giai tw lugn 1, chdng ta thuc hién theo cac budéc:

Bude 1: Thiét 1ap phuong trinh hoanh dd giao diém, ta dugc mot phuong trinh bac ba
(f(x)=0).

Burée 2: Dé phuong trinh ¢6 ba nghiém phén biét, tirc 6 thi ham s6 y = f (X) cit tryc OX tai
ba diém phan biét, diéu kién la @6 thi ham s6 y = f (x) c6 CD, CT va Y,.Y., <0.

= Trong cach gidi ti lugn 2, chung ta thuc hién theo cac budc:

Bude 1: Lap bang bién thién cua ham sé. i .

Buée 2: Bé @6 thi ham so cat duong thang Y =m tai ba di€ém phan biét, diéu kién la

Yer <M<Yep-

= Trong céch lia chon dép dn bang phép danh gia, chiing ta st dung nhan dinh ¢ bugc 2
cua loi giai ty luan 2.

= Trong cach lia chon dédp dn bang phép thiz, chiing ta lwa chon cac gia trj trong tng cua
m dé thuc hién cac phép thir va qua mdi phép thtr ching ta s& loai bo duoc cac dap an sai.

Céac em hoc sinh nén két hop sir dung may tinh CASIO dé nhanh chéng tim ra nghiém caa
phuong trinh bac ba.



Cau 23. Chohamsé (C):y = >)<(—r; . Do thi ham s cét duong thang (d):y =mx—1 tai 2 diém phan

biét khi:
A.vm. B. me x\{0}. C. mex\{2}. D. me ®\{0;2}.
Loi giai
Chon D.
>  Loi gidi tir lugn: Phuong trinh hoanh d6 giao diém:
X—m X#2
X—2 g(x)=mx*-2(m+1)x+m+2=0, (*)
Duodng thang (d)cat d6 thi (C) tai hai diém phén biét khi phuong trinh (*) ¢6 hai nghiém
phan biét khac 2
m=0 m=0
, m =0 .
<9 A>0 <1 150 @{mﬂ@mef\\{o;z}.
9(2)=0 2-m=#0
Vay v6i me %\{0;2} thi thda man yéu cau bai toan.
> Luwa chon bang phwong phdp thir: Phuong trinh hoanh d6 giao diém:

=mx—1<:>{

X#2
g(x)=mx*-2(m+1)x+m+2=0, (*)
= V6i m=0, phuong trinh (*) ¢6 dang:

X—m
—=mx-le
X—2 {

—2x+2=0<x=1=(C)va (d)cod mot diém chung
— m = 0khéng théa man yéu cau bai toan = Céc dap an A va C bj loai.
* Vi m=2, phuong trinh (*) c6 dang:

2X2—6X+4:0<:>{ (C)va (d)co mot diém chung

x=1
—
x=2(I)
— m = 2khong théa méan yéu cau bai toan = Cac dap an B bi loai.
Do d6 vi€c lya chon dap an D la dung dan. 7 7
@ Chuy: Bé taing d6 khé cho bai toan, ngudi ta cé thé phat biéu dudi dang

Cho ham s6 (C):y = % . Pudng thang (d) di qua diém A(0;—1) c6 hé s géc m cat dd

thi ham sb cit tai 2 diém phan biét khi:
A.vm. B. me ®\{0}. C. me®\{2}. D. me ®\{0;2}.

BAI 7. CAC PHUONG PHAP GIA| BAlI TAP TRAC NGHIEM SU TIEP
XUC CUA HAI PO THI

1. KIEN THUC CO BAN

Str dung ménh dé:



Hai d6 thi ham sb y = f(x) va y=g(x) tiép xtc nhau khi va chi khi hé phuong trinh sau co

o { f(x)=9(x)
nghiém: . '
f(0=9'%) o
Khi d6, nghiém cua hé phuong trinh chinh 1a hoanh d6 tiép diém.

II. CAC PHUONG PHAP GIAl BAI TAP TRAC NGHIEM

Cau 24. Toa do tiép diém cua hai d6 thi ham sé y= f(x) =x®-2x*—6x+4 va y=g(x) = x+8 la:
A. (-1 2). B. (-1 7). C. (4; 12). D. (4,-4).
Loi giai
Chon B.
» Loi gidi ty lugn: Xét hé phuong trinh:
f(x)=9g(x) X} —2x? —6Xx+4=x+8 X} —2x?—7x-4=0
. = ) = ) SX=-1=y=7
f'(x)=g'(x) 3x"—4x-6=1 3X°—4x-7=0
Tic toa do tiép diem A(-1; 7).
Vay, toa d¢ tiép diém cua hai do thi la diem A(-1 7).

Lua chon ddp dan bang phép thir: Phuong trinh hoanh do giao diém:
X —2X* —BX+4=x+8 X —2xX* —Tx—-4=0< (Xx+1)(x* -3x—-4) =0

& (X+1)?*(x—4)=0= nghiémkép x=-1=y=7.
Do d6 viéc lua chon dép an B 1a dung dén.

Cau 25. Toa do tiép diém cua hai dd thi ham sé y= f (X) =—x*+3x+6 va y=g(x) =x> —x*+4 Ia:
A. (2 8). B. (2; 4). C. (-5 2). D. (-L1).
Léi giai
Chen C.
» Loi gidi tir lugn: Xét hé phuong trinh:
f(x)=9(x) —X*+3x+6=x—x*+4 x*-3x-2=0
2= 2=
f'(x)=9g'(x) —2X+3=3x*-2x 3x*-3=0
& Xx=-1=y=2, thc toa do tiép diém A(-12).
Vay toa dd tiép diém cua hai do thi la diem A(-1;2).
> Lwa chon ddp dn bang phép thiz: Phuong trinh hoanh do giao diém:
X +3x+6=X —x* +4< X’ -3x-2=0< (x+1)(X* —x-2)=0

& (x+1)° (x—2)=0=Nghiém kép x=-1=y=2.

Do d6 viéc lya chon dép an A 1a diing dén.

Cau 26. Toa do tiép diém cua hai d6 thi ham s y = f (x) = % y=0(x)=x"+3x la:
A. (0;0). B. (0;1). C. (5,10). D. (-5-10).

Léi giai



Chon A.

» Loi giai ty luan:

Xét hé phuong trinh:

& X? +3x
{ (=90 _ era T e
f'(x)=g'(x) 12 =2x+3

(x+ 2)
=y =0, tic toa do tiép diém O(O; 0).
> Luwa chon ddp dn bang phép thi: Phuong trinh hoanh d6 giao diém:

ﬂ:x2+3x<:>x3+5x2=0<:> x*(x+5)=0
X+2

Suy ra nghiém kép x=0=y=0.
Do d6 viéc lya chon dap 4n A 1a ding dan.

Cau 27. Cho ham s6 (C):y =x>+mx’ —x—m. D4 thi ham sé tiép xtc véi truc hoanh khi:
A. m=41. B. m=+2. C. m=4£3. D. m=+4.
Loi gidi
Chon A.
> Loi gidi tir lugn:Do thi ham sé tiép xdc véi truc hoanh khi hé sau cé nghiém:
y=0 X +mx’ —x-m=0 (1)
{y'=0®{3x2 +2mx-1=0  (2)
Tir (1), tabién doi X*(x+m)—(x+m)=0<> (x+m)(x* —1)=0<> x=-m hoac x =+1.

= Thay X=~Mvao (2) ta duoc m’-1=0em==+1,
= Thay X=1vao (2) ta dugc 3+2m-1=0=m=-1,
» Thay X=-1vao (2) ta duoc 1-2m-1=0=m=1,
Vay véi m=+1 thoa diéu kién dau bai.
»  Lwa chon dap an bang phép thi: Phuong trinh hoanh d¢ giao diém:
X +mx® —x-m=0 <> (x+m)(x*~1)=0
X=-m
= :
x==1
Tir d6, ta thay ngay chi c6 véi gid tri cia m & A phuong trinh (*) c6 nghiém kép nén viéc
chon dép an A 1a dung dén.

> Luwa chon ddp dn bang phép thit két hop véi may tinh CASIOfx-570MS: Phuong trinh
hoanh d6 giao diém:

XX4+mx2-x-m=0.

= V6i m=1phuong trinh (**) c6 dang:



Cau 28.
khi:

Cau 29.
khi:

x*+ x> —x-1=0, c6 nghiém kép x =—1, bang cich 4n:

0 08 e (1) & 3
NEO0EEOEEDE =

® A

Do do, viée chon dap an A la ding dén.

& Nhan xét: Nhu vay, d¢ lya chon dugc dap an dung cho bai toan trén thi:
= Trong cach giai tu luan, ching ta thiét lap diéu kién tiép xuc cho hai db thi. O day, cac em
hoc sinh can luu y téi phuong phap giai mot hé phuong trinh da thic bac cao.
= Trong céch lya chon dap 4n bang phuong phéap thir, ching ta sir dung két qua « Hai db thi
hamsé y = f (x)va y = g(x)tiép xtic nhau khi phuong trinh f (x)= g(x)c6 nghiém boi” —
Két qua nay khong duoc trinh bay trong SGK nén khéng sir dung trong 16i giai tu luan. Va
bang viéc phan tich dugc da thuc thanh nhéan ti, chdng ta nhanh chéng chi ra dugc dap an
ding.
= Trong céch lya chon ddp dn bang phép thir két hop véi may tinh CASIOfx-570MS ching
ta nhanh chong tim ra dugc nghiém cho phuong trinh bac ba.

Chohamsé (C):y=x* 2x? | 1. Do thi ham sé tiép xtc véi Parabol (P):y =6x>—m
A. m=—1 hodc m=-2. B. m=—15 hodc m=-2.
C. m=—1 hodac m=15. D. m==15.
Lo giai
Chon C.

Theo tw lugn
Do thi (C) tiép xUc voi Parabol (P):y = 6x* —m khi hé sau c6 nghiém:
x* 8x*11im=0
x¥ 2x* - 1=6x* m m= 1
=11x=0 =

4x% — 4x = 12X o “Im=15

Vay véi m=—1 hodc m =15 théa man diéu ki¢n dé bai.

Luwa chon ddp an bang phép thu:

Phuong trinh hoanh d¢ giao diém: x* —2x*> —1—6x* —m > x* —=8x* +1+m —0 (1)

+V6i m=—1 phuong trinh (1) c6 dang: x* 8x*=0=x =X, =0=m= 1 thoa man.

Do d6 loai B va D.

+V6i m=15 phuong trinh (1) c6 dang: x* 8x* - 16 =0 =X, =X, =2 = m =15 thoa man.
Do d6 loai A.

Chohamsb (C):y= 2X_37 . Db thi ham sé tiép xuc voi duong thang (d):y = x+m
X_
A. m=—1 hoic m=3. B. m=—1 hodc m=-3.
C. m=1 hoic m=3. D. m=1 hoac m=-3.

Lai giai
Chon D.



Theo tir ludn q
bo thi (C) tiep xuc vai duong thang (d): y = x +m khi hé sau cé nghiém:

2x —7 2X—17

X—3 X+m X—3 m=-3
1 =4 m=1

(x—3)% X=2

Vay v6i m=—1 hodc m=—3 théa min diéu kién dé bai.
Lwa chon ddp an bang phép thi:

Phuong trinh hoanh d6 giao diém: 2)(—_37 —X+me XX+ (M-5x—7-3m—0 (1)
X —
+V6i m=—1 phuong trinh (1) c6 dang: x* —6x +10 — 0 — khong c6 nghiémkép =m= 1
khong thoa mén.

Do do loai A va B.

+V6i m = —3 phuong trinh (1) c6 dang: x* 8x - 16 =0=>x =X, =4=m= 3 thoa man.

Do d6 chon D.
2
Cau30.  Chohamsé (C):y= %a;“ Db thi ham sé tiép xdc véi truc hoanh khi:
X
A a=1. B. a=1 hoic a=0.
C.a==1. D.a=1 hoic a=2.
Lai giai
Chon A.

Theo tw lugn

Db thi (C):y=ax+ tiép xuc véi truc Ox khi hé sau c6 nghiém:

X+ 2
X 1
X+ 2 (Xx+2)° x+2
= = 1 =a=1
1 1 a=——
(x+2)

a—-————=0 la=—"
(X +2)? (X + 2)?

Vay véi a=1 théa man diéu kién dé bai.

Lwa chon dap an bang phép thu:

2
Phuong trinh hoanh d6 giao diém: %azm — 0= ax? —2ax+1=0. (1)
X
+V6i a=0 phuong trinh (1) khéng c6 nghiém kép =-a =0 khong thoéa man.

Do d6 loai B.
-V6i a=1 phuong trinh (*) c¢6 dang:

x* +2x-1=0 , khong c6 nghiém kép=>a =—1 khong théa man. Dap an C bi loai.
- Vé6i a=2 phuong trinh (*) c6 dang:

2x* +4x+1=0 , khong c6 nghiém kép=>a = 2 khong thoa man. Pap 4n D bi loai.
Do @6 viéc lya chon dap an A 1a dung dan.

Nhén xét: Nhu vay dé lva chon dugc dap an dung cho bai toan trén thi:

- Trong céch giai ty luan ching ta thiét lap diéu kién tiép xtic cho hai db thi. O day cac em hoc
sinh can luu ¥ ti phuong phéap giai hé diéu kién.

- Trong cach lya chon dap an diing bang phép thir ching ta khdng lva chon phép thir véi a=1
bai né co trong ca 4 lya chon nén chic chan s& 1a mot nghiém dung.



Cau 31. Parabol (P):y=2x*+ax+b tiép xtc véi (H): y:1 tai diém M (%;2) khi:
X

A. a=6 va b=—g. B.a=6 vab:g.
2 2
C.a=-6 va b:—g. D. a=-6 va b:g.
2 2
Loi giai
Chon D.

» Loi giai tu luan: Bé (P) tiep xuc véi (H) dieu kién 1a hé sau c6 nghiém x = >

2
2x2+ax+b:l 2:2.(1J +a.l+b a=-6
x<:> 2 2 - 9
1 1 b==
X+ta=-— 4=+a=-4 2
X 2

Vay Vvéi a=—6 va b= % thoa mén diu Kién d& bai.

> Luya chon dap an bang phép thir -Hoc sinh tu thuc hién.
§8. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM TIEP TUYEN CUA PO THI
I. KIEN THU'C CO BAN

Vé6i do thi ham so y = f () , ta cd cac két qua:
= Néu tiép tuyen tai diém M (X,,;y,, ) cua do thi cé hé s6 goc bang k thi y;(x, )=k .
= Phuong trinh tiép tuyén tai diém M (x,,;y,, ) ciia do thi c6 dang:

(d):y=y"(Xy ) (X=X )+ Yu

Cac dang toan lién quan t6i tiép tuyén cua do thi 1a:

Dang 1: Tim hoanh d6 (tung d6 hoic toa do) tiép diém cua tiép tuyén.

Dang 2: Tim hé s6 goc cua tiép tuyén.

Dang 3: Lap phuong trinh tiép tuyén biét tiép diém.

Dang 4: Lap phuong trinh tiép tuyén biét hé sb goc.

Dang 5: Lap phuong trinh tiép tuyén di qua mot diém cho trudc.

Dang 6: Tim diém ké dugc k tiép tuyén toi do thi.

II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Cau 32. Cho ham s6 y =x*—x+1 c6 dd thi (P) . Néu tiép tuyén tai M cta (P)cd hé sé goc bang
3 thi hoanh do cia diém M la:
A. 0. B. 2. C. 4. D. 6.
Loi giai
Chon B.

» Loigiai ty luan: Taco y'=2x-1.



Céau 33.

Tur gidi thiét k,, =3 , ta dugc y =(k,, )=3< 2x, -1=3< X, =2.

Vay hoanh do cua diém M bang 2 .

Nhan xét: 1. Néu yéu cau duoc dbi thanh “Tim tung d6 cua tiép diém” thi ching ta cing thuc
hién nhu trén r6i lay gia trj cua x,, thay vao ham sé dé nhan dugc vy,, .

2. Vi yéu cau “Tim toa d6 cua tiép diém” trong mot vai trudng hop dic thu caa céc lya chon
trac nghiém, chung ta con cd thé st dung cac phép thir.

Cho ham s6 y = x* +2x+3 ¢6 d6 thi (P). Néu tiép tuyén tai M cua (P) c6 hé s6 goc

bing —4 thi toa d6 cua diém M Ia:

Céu 34.

trinh:

A (1;3). B. M(0;3). C. M(-12). D. M(-3;4).
Loi giai
Chon D.
> Loigiai tw lugn: Taco y'=2x+2.
Tir gid thiét k,, =—4,taduoc y'(x, )=-4 < 2x, +2=-4ox, =3=y, =4
Vay diem M(-3;4).
> Lua chon dap an bang phép thir: Ta lan luot danh gié:
=Vi M(1;3) & (P) nén dép 4n A bi loai
= Vi M(0;1) thuoc nhénh bén phai cia (P) nén duong thang (4) qua M véi hé s6 géc
k =—4 <0 s& khong thé I tiép tuyén cua (P). Do d6, dap an B bi loai.
*Vi M(-1;2) ladinh cia (P) nén tiép tuyén tai M c6 k=0. Tic 1a dap 4n C bj loai.
Do do6, viéc lya chon dap an D 1a dung dén.
> Nhan xét: Nhu vay, véi Parabol (P) thi ludn tim dugce mét diém M thudc (P) sao cho hé
s6 goc cua tiép tuyén cua (P) tai M bang k cho trudc. Diéu nay goi y cho dang toan “Phirong
trinh tiép tuyén cia do thi ham s¢ biét hé sé goc bang k.

Cho ham s6 (P):y =x* —4x +3. Tiép tuyén ctia (P) c6 hé sd goc bang 2 c6 phuong

A. y=x+6. B. y=2x+6. C. y=2x-6. D. y=x-6.
Loi gidi
Chen C.

»  Loigidi twlugn: Taco y'=2x—-4
Gia sir M(x

) latiép diém, khi do:

M Ym

y'(x,)=2<2x,-4=2<x, =3=y, =0.
Tir d6, suy ra phuong trinh tiép tuyén(d) c6 dang:
(d):y:2(x—3)<:>(d):y:2x—6.

> Lwachon ddp an bang phép thi: Ta lan lugt danh gia:
= Vi hé s6 goc tiep tuyén bang 2 nén cac dap an A va D bi loai.



Céau 35.

= \V/6i dudng thang trong B, xét phuong trinh hoanh dé giao diém:
x?—4x+3=2x+6 < x> —6x—3=0, khdng c6 nghiém kép.

— y=2x+6 khong phai 12 tiép tuyén = Dap an B bj loai.
Do d6, viéc lya chon dap an C 1a dung dan.

=Ch0 y: dé tang d6 kho cho bai todn nguoi ta thuong phat biéu dudi dang “Phuwong trinh tiép
tuyén cuia do thi ham sé song song hogc vudng goc hodc hé sé goc théa man diéu kién K nao
do (thi dy hop Véi chiéu dwong truc Ox mét goc 45°)”.

Cho ham s6 (C):y =x* —3x> —9x +2. Néu tiép tuyén tai diém M cia (C) c6 h¢ s6 goc

bang —9 thi toa d6 cua diém M 1a:

A. M(1;—9) hodc M(2;—20). B. M(1;-9) hoic M(3;—25).

C. M(o;z) hoac M(2;—20). D. M(o;z) hodc M(-1;7).
Loi giai

Chon C.

» Loi gidi tw luan: Tacd y'=3x" —6x—9.

T gia thiét k,, =-9, ta dugc:
¥'(x,)=-9e3x}, —6x,-9=-9 & 3x} —6x, =0

= M(0;2) hodc M(2;-20).
» Lira chon ddp dn bang phép thi két hop sir dung may tinh CASIO fx — 570MS:
Ta lan luot danh gia:

* Vi M(1;-9)(C) nén hé s6 goc cua tiép tuyén tai M bang k = y'(1)=—12 béng céch an:

SHIFT|d/ax| ALPHAIX ] [3]L]IALPHAIX] * [-] [9]

Hl2ILIEIhIE

= Cac dap an A va B bi loal.
+ Vi M(-1;7)(C) nén hé s6 goc cua tiép tuyén tai M bang:
k=y'(~1)=0 bang cach thay 2 & déi dong Iénh trén bang —1

SHIFT] didx ALPHAIX[~] [3] |- [IALPHAIX] +* [-] [9]
EBNEIANE L9

= Céc dap an D bi loai.

Do d6, viéc lya chon dép an C 1a dung dan.



Cau 36.

=Nhén xét: Nhu vy, v6i ham da thic bac ba (C) thi phuong trinh hoanh do tiép diém khi biét
hé s6 goc k 1a mot phuong trinh bac hai (ki higu la (*)), do vdy s& ¢6 ba truong hop xay ra:

= Néu (*) vd nghiém thi khdng co tiép diém, khi d6 bai toan thudng duoc phét biéu dudi
dang:

R £ 1 1 Ao ark J4 [P ) LA A oz N
Chohamso C :y——x3—5x2—x—1.Neu tiep tuyen tai diém M cua C c0 hé so goc bang

—2 thi toa d6 cua diém la;

Céau 37.

A. 01 . B. [1;—1].
. 6

C. 649 . D. Ca A, B, C déu sai.

= Néu (*) c6 mot nghiém thi c6 mot tiép diém, khi d6 bai toan thuong dwoc phat biéu nhu
trén (tim toa do tiép diém) hoic dudi dang:

R : 1 1 Lz ‘ .
Cho hamso C :y—§x3—5x2—2x+1.Tléptuyén cia C cohé

s6 goc bang 1 (hoic song song véi duong thang y = x + 1 hoadc vudng goc véi dudng thang
x+y+2=0) co6 phuong trinh:

Céau 38.

A. 3x—-3y+4=0. B.2x—2y+3=0. C.x—y+2=0. D. x—y+1=0.

= Néu (*) c6 hai nghiém phan biét thi c6 hai tiép diém, khi d6 bai toan thudng dugc phét
biéu dudi c4c dang:

Dgng 1: Tim toa d cac tiépﬂ diém. 9

Dang 2: Gia st céc tiép diém la A, B tim toa d§ (cling c6 thé chi 1a hoanh d§ hodc tung do)
trung diém ctia doan AB. Vi dang nay cac em hoc sinh c6 thé thém mot phép thir xuat phat tir
tinh chat ctia ham da thirc bac ba la “D6 thi ham da thirc bac ba nhan diém uon U lam tam doi1
xung” suy ra U la trung di€m cua AB.

Dang 3: Gia st cac tiép diém la A, B. Lap phuong trinh duong thing AB.

Chohamsé C :y=x’—3x>+2.Haitiéptuyéncua C song song véiduong thang va

tiép x(c véi tai A, B. Phuong trinh dudng thang AB ¢6 dang:

A x+y+3=0. B.x+y—-5=0. C.x—y—1=0. D.x—y+1=0.
Loi giai
> Lo gidgi twlugn: Tacod y' =3x* —6x
Giasa M x;y 1atiép diém, khi d6
-1 A —1;-2

=
=3 B 3;2
Do d6, phuong trinh duong thang AB duoc cho boi:

AL Y2 uBix—y-1_0.
341 242

/ 2 X
y=9<3x"—6x=9=
X




> Loi gidi tw ludn két hop phép thir: Taco : y' = 32° — 6.
Giasit M z;y latiép diém, khi do:

r= 1 A 1, 2
=
r=3 B 3;2

Va toa d6 2 diém A, B thoa man phuong trinh trong C.
Do d6, viéc lwa chon dép‘ an C la dang dan. . i
> Lua chon dap dn bang phép danh gia: Nhan xét rang duong thang (AB) s€ phai di qua
diém uodn U cua d6 thi ham so.
Ta lan luot ¢6 : y'=32"—6z; y"=6x—6
y"=0=2x=1=U 1,0
Vatoa do U chi thoa mén phuong trinh trong C.
Do d6, viéc lya chon dap an C l1a dung dan.

y'z =9 37" 6r=9<

Cau39.Chohamsé C :y=2" 62 | 8z | 1. Tiéptuyéncia C vudng goc voi duong thang

r—4y+4 =0 co6phuong trinh:

A dz+y—-11=0. B.4z+y—-9=0.

C.4z4+y—6=0. D. 4z +y+9=0.
Loi giai

Chon B.

> Loi gidi tw lugn: Taco: y' 32° —122 +8

Giast M z;y latiép diém, khi do:

'z = 43287 120 18= 4der=2=M 21

Ttr d6, suy ra phuong trinh tiép tuyén (d) cd dang: y= 4z 2 {1lodz iy 9=0

»  Luya chon dap an bang phép thir két hop sir dung MTCT: ta lan lugt danh gia:
-Véi duong thang trong dép an A, ta c6 phuong trinh hoanh d¢ giao diém :

7’ —62° +8r+1=11—4z < 2° —‘6x2 +122 —-10=0

Phuong trinh khong c6 nghiém boi, bang cach an:

B AHEHEELEAEENOEE

m Math¥ m Math Wik

h1= hE=
E.QEBBEIDE 1.370039475+1. 0

Math &

AS=
1.370039475-1.0r

bép an A bi lgai. i
Vi duong thang trong dap an B, ta c6 phuong trinh hoanh d¢ giao diém

2622 4120 —8=0e -2 =0 =2 langhiém boi



>y — 9—4x tiép xuc voi (C)
Do do, viéc lya chon dap an B la ding dén.

Cau 40. Chohamsé C :y =z

thi toa do cta diém M la:

142* - 13 . Néu tiép tuyén tai diém M cia C' c6 hé s6 goc bang 24

AM 3 32,M10.M2 27. B.M 3—-32 ,M —1,0 ,M 2,—27 .
C.M3 32.M 1.0,M 2 27. D.M 3 32.ML0,M 227.
Loi gidi

Chon C.

> Loi gidi tu lugn: Taco: y' = 42° — 28z
Tir gid thiét k,, = 24 , ta dugc:

z
3
4x 28z, = 24 & |x

M

Ty

=3
= 1= M3 32,M 1L0,M 2 27.
— 9

> Loi gidi t ludn két hop sir dung MTCT. Taco: y' = 42° — 28z
Tir gia thiét k,, =24 , ta dugc:

T, =3
4ij 28x,, =24 & xil Tz, 6=0&|z,= 1 béng cach 4n:
T, = -2
BEODIVEEDEEEES
ot ot
.':':1: ::{E=
3 -1
C) Math &
hE=
-2

Sau d6, ching ta co toa do cac tiép diém M 3; 32 ,M 1,0 ,M 2; 27 bangcachan:

) OJ (& (2) & (=) (1] () () O] (23 (B (D (B

cae) (3] (=)

O@@®E

Math

w1445 +173

Math &

w1445 +173
-3

Math &

w1445 +173



@@ E

Math &

w1445 +173
-27

> Lura chon dap &n bang phép tha két hop siz dung MTCT. Ta lan luot danh gia:
Vi M 1,0 ¢ C nénhésb goc cua tiép tuyén tai M bang k = y' 1 = —24 bang cach an:

() (&) ) Q) (] (A S B D @ DB HEH RIS T E

Math &

S (nt-1452+13)|p

Vay cac dap an A va D bi loai.
-Vi M 2; 27 ¢ C nénhésb goc caa tiép tuyén tai Mbang &k =y' 2 = —24 bang
cach thay d6i 1 & dong lénh trén bang 2.

(507 () ew) D) (@ (A1 E @M@ ew) D HEHO B M E @ @0
2 &

Math &

SR -1452+13)|p
-24

Vay dap an B bi loai. )

Do d6, viéc lya chon dap an C 1a ding dan.
Cau4l.Chohamsd C :y=2z' 24z° | 25 . Néu tiép tuyén tai diém M cua C song song voi
duong thang 64z + y +4 = 0 thi toa do cia diém M 1a:

A.M 2,—55 .M —4;,—103 . B. M 2,—55 ,M 4,—103 .

C. M —2-55 ,M —4;—103 . D.M 2 55,M 4; 103 .
Lo giai

Chon A.

> Loi gidi tu lugn: Taco: y' = 4z — 48z
Gia str diém M(x;y) 14 tiép diém, khi do:
T =2

y'v =—64 < 41" — 482 = —64 <
T =-—4

=M 2 55 ,M 4; 103 .
> Loi gidi tr lugn két hop sir dung MTCT: Ta co: y' = 42° — 48z

Gia sir diém M(x;y) 1a tiep diém, khi d6: y' 2 = —64 < 42’ — 481 = —64 < 4 bang
x

cach an:
g 5D EOO0EEOAEMEEE
:;{ 1 _ = Math¥ HE= = Math &

-4 z



Khi d6, chiing ta c6 toa do cac tiép diém 1a M 2;—55 ,M —4;—103 bang cach an:

EmO@@DCEDIEmIBHERDEBEOEE
RY-2455+25

-103
cac) (2] (=)

Math &

wA—244=+25
-35

> Lira chon ddp én bang phép thir két hop sir dung MTCT: Ta lan luot danh gia:

Vi M 2; 55 ¢ C nénhésb goc caa tiép tuyén tai M biang k= y' 2 = —64 bing céch

an:
@@B@@@@@@@

Math &

S (KA -24KZ+25)| b
-£d

Vay ca dap an C va D bi loai.

Vi M 4; 103 ¢ C nénhésd goc caa tiép tuyén tai M bang k=vy' —4 = —64 bang

cach thay d6i 2 & dong lénh trén bang -4.

() (B ) D) @ A E R B e DN HRIE® R E @ @

@@ O Math &
[0t -245Z+25)| b
-fd

Vay dap an B bi loai. ’
Do @6, viéc lya chon dap an A 1a dung dan.

Cau 42. Chohamsd C :y=z'—4z”> +5. Tiép tuyén cia C song song véi dudng thang
16z —y +1 =0 c6 phuong trinh la

A. 16z —y—14 = 0. B. 16x —y —27 = 0.

C. 16z —y+18=0. D. 16z —y + 27 = 0.
Loi giai

Chon B.

> Loigidi tw lugn: Taco: y' =42 — 8z

Gia st diém M(x;y) 1a tiép diém, khi d6:

y'z =16 =42 Srx=16s1r=2=M 2:5

Tu do, suy ra phuong trinh tiép tuyén (d)
d :y=16z 2 -5& d:160 y 27=0

> Loi gidi tw lugn két hop sir dung MTCT: Taco: y' = 4z° — 8z

co

dang



Gia st diém M(x;y) 1a tiép diém, khi d6:
y'z =16 = 42° 8z =16 < z =2 bang cach an:

g AN ECUEERERBEE

Math¥
A1=

Khi dé, chiing ta c6 toa d6 cac tiép diém 1a M 2;5 .
Tu do, suy ra phuong trinh tiép tuyén (d) co dang
d:y=106z 2 -5 d 160 y 27=0

» Lua chon c?‘dp dan bang phép thir két hop sir dung MTCT . Ta lan 111:(;)"[ danh gia:

- V61 dudng thang trong dap an A, ta c6 phuong trinh hoanh do giao diém la:

' 42 15=162 14 < z' 42° 162 119=0 _ _
5 ) Phuong trinh khong c6 nghiém boi,

s 1z -2 3z 19 =0« =2.70522..

bang céach an:

g A ONEONEREERNEEE

Math¥
wl=

2. T0EZ222h6e5
Vay ca dap an A va D bi loai.

-V6i dudng thing trong dap an B, tuong tu giai pthd giao diém c6 nghiém boi x = 2.
Tir d6, suy ra phuong trinh tiép tuyén d : 16z —y—27=0 .
Do d6 viéc lya chon dap an B 1a dung dan.

Cau 43. Chohamsé H :y=-— > Hai tiép tuyén cia H song song voi duong thang

xr —

t—4y+1=0 tiépxiucvéi H tai A, B.Toadd trungdiém I cia AB la

A. 0;§ . B. 1,2 . C. 21. D. 4;1 .
2 2
Loi giai
Chen C.
N ) . 1
»  Loigidi tw lugn: Taco: y'= >
T —2
Gia sir M(x; y) 1a tiép diém, khi do:
A 0;§
, 1 1 1 |z=0
T —2 4 = 3{4.1]
"2

»  Lwa chon dap dan Ibcing phwong phap danh gia: Nhan xét rang hai diém A, B d6i xtmg qua
tam I ciia d6 thi ham so, nén I(2; 1) 1a trung diém cia doan AB.
Do do, viéc lua chon dap an C la ding dan.



2z +1

Cau 44. Chohamsd H :y = T Hai tiép tuyén cia H vudng goc v6i dudng thang y = 3z + 2
:1: —
tiép xuc v6i H tai A, B .Phuong trinh dudng thing AB c6 dang:
Azx—-2y+3=0. B.z—3y+5=0.
C.z+3y+5=0. D.z+4+2y+3=0.
Loi gial
Chon B.
N . . -3
»  Loigiai tw lugn: Taco: y'= >
x—1
o s . 1 —3 1 lz= 2 |4 21
Gia st M(x; y) la tiép diém, khi doé: y' = = = < = - =
Khi d6 phuong trinh dudng thang (AB) dugc cho bai:
ua A —2;1 _
AB:q <:>AB:$—+2:y—1<:> AB :x 3yt 5=0.
qua B 4;3 442 3-1
N Iy L f -3
»  Loi giai tw lugn ket hop phép thu: Taco: y'= 5
z—1
y g : 1 —3 1 |jz= 2 |A 21
Gia su M(x; y) latiep diém, khi doé: y' z = — < = - =
r—1 3 =4 B 4;3

Viy toa do 2 diém A, B thoa man phuorng trinh trong B.
Do @6, viéc lya chon dap 4an B 1a dung dan.

2

Cau 45. Chohamsé H :y=" _f2_5 . Néu tiép tuyén tai diém M cua H songsong véi duong
T
thang 3z — 4y +1 =0 thi toa d6 cua diém M Ia:
A. M[l;—g];M[—&—%]. B.M ;-4 ;M —5—6 .
C. M[O;—g];M[—ZL;—%J. D. M 0;—6 ;M —4;—4 .
Loi giai
Chon C.
1 , 1
»  Loigiai tw lugn: Viétlaihamso dudidang: y=2 3| ——=y'=1 5
T+2 T+2
Gia st M(x; y) 1a tiép diém, khi do:
M O;—él
, 3 1 3 Jz=0 2
y'z =—=1 liad R ;
2

> Luwa chon dép an bang phép thir két hop sir dung MTCT



Ta lan luot danh gia:

Vi M[l;— g] € H nén dap an B bj loai va hé sé goc cua tiép tuyén tai M bang :

k=y'1 :S bang cé4ch an:

) (=) &) o) O] (23 F ew) D F B @ e O HR® A E

d [ HE _H_E] Math &
X Ate | x=1
0. 5555555389

Suy ra dap an A bi loai.

Vi M (O;—gje(H) nén dap 4n D bi loai

Do do, viéc lya chon dap an C la dang.
Cau 46. Cho ham s6 (P):y =x*—4x+3. Tiép tuyén cua do thi tai diém c6 hoanh 6 x =1 c6 hé s6 goc
bang

A 2. B. —E. C.%. D. 2.

2
Loi giai
Chon A.
» Loi giai tu luan:
Taco: y'=2x-4= Hésdgoc k=y'(1)=-2.
Vay hé sé goc cua tiép tuyén tai diém x =1 bang —2.

> Lua chon dap an bang viéc st dung may tinh CASIO fx — 570MS, bang céach thyuc hién thic
theo thar tu

+ Thiét lap moi truong:

MODE] [1]

+Taén

SHIFT] k/dx] [ALPHA] [x] S 8 4 [ALPHA| X|EH 3 1 1 }
8

i -2
Viy, ta dugc hé s goc k=y'(1)=-2.

Cau 47. Cho ham s6 (C):y =x°—6x*+7x+1. Phuong trinh tiép tuyén cia dd thi tai diém c6 hoanh do
x=2la
A. x+y-1=0. B. 5x+y—-9=0. C. 5x+y+9=0. D. x+y+1=0.
Lai giai
Chon B.
> Loi giai tu luan:



Taco: y' =3x*—12x+7.

Tir d6, suy ra phuong trinh tiép tuyén (d) c6 dang:

(d):y= y('z)(x—2)+ y(2)=-5(x-2)-1=(d):5x+y—-9=0.
Loi giai tu luan két hop viéc st dung may tinh CASIO fx — 570MS:
Phuong trinh tiép tuyén (d) c6 dang:

(d):y= y('z)(x—2)+ y(2)=-5(x-2)-1=(d):5x+y—-9=0
Trong d6 Y, va y(2) dugc xac dinh bang cach an:

sairT] (/e ALPHA X 8 3 I o ALPiA X B I 7 AcpEA K
08 [ —5.0000

Tiép theo ding con tré dé sira dong lénh trén thanh:

priA| X [ 3 B 6 arprA X S B 7 ALPHA X B 1
%EE i 1]

Lya chon dap an bang phép thir: Ta lan luot:

Vi dudng thang trong dép an A, ta c6 phuong trinh hoanh d6:

X —6X° +7x+1=1-X <> x*~6X’ +8x =0 <> X(x* ~6x+8)=0. Phuog trinh khong c6
nghiém bdi X =2, nén dap an A bi loai.

V6i duong thang trong dap an B, ta ¢6 phuong trinh hoanh do:

X —6x2 +7Tx+1=9-5x & x* —6x* +12x~8=0<(x-2) =0 x=2. Phuong trinh

khong c6 nghiém bdi X =2, nén nhan dap an B.
Lua chon dap an bang phép thir két hop sir dung may tinh CASIO fx 570 MS:
Tiép tuyén cua (C) tai diém c6 x =2 taco hé s6 goc k =y'(2)=-5 bang cach 4n:

seeT] /ax] ALPHA| K] [ 3 [ 6 [arpaA] | BSH B 7 [APrA X B0 1
f:08 —5.0000)

Suy ra, cac dan an A va D bi loai.

V6i duong thang trong dap an B, ta c6 phuong trinh hoanh d¢:

X —6x? +7x+1=9-5x = X’ —6x* +12x-8=0 = (x-2)’ =0 = x =2,

Phuong trinh khong c¢6 nghiém bdi X =2, nén nhan dap an B.

Lua chon dap an bang phép danh gia: Ta lan lugt danh gia:

Diém c6 hoanh d6 x=2 thudc (C) la diem M (2;-1). Va chi c6 céc duong thang & cac dap
an A va B di qua M , nén cac dap an C va D bi loai.

V6i dudng thang trong dép an A, ta c6 phuong trinh hoanh d6:

X —6X" +7x+1=1-X <> x*~6X’ +8x =0 <> X(x*~6x+8)=0 phuong trinh khong c6

nghiém boi X =2 nén dap an A bi loai. Vay chon dan an B.



CAu 48. Chohams6 y = 3 x® —2x% +3x+1. Tiép tuyeén tai diém uon cua do6 thi ham so6 c6 phuong trinh 1a

11 1 1 11
A y=—X+—. B.y=-—x—-. C.y=x—-=. D. y=x+—.
y y 3 y 3 y 3
Loi giai
Chon A.
> Loi giai ty luan:

Taco: y=x"—4x+3va y' =2x—4.
Cho y"=0< x=2 nén diém uén la U (22)
Tir d6, suy ra phuong trinh tiép tuyén (d) c6 dang:

: 5 :
(d):y= y(z)(x—2)+§:>(d). y=—x+§.
> Lua chon dap an bang loi giai két hop tu luan:
= Ham da thtic bac ba ¢ a>0 nén tiép tuyén tai U c6 hudng di xudng (hé sé goc k <0). Suy
ra, cac dan an C va D bi loai.

= Hamséco U (2; gj thudc dudng thang trong dap an A. Vay dan an A 1a ding.

> Lua chon dap an bang phép thu

= Ham da thtic bac ba ¢ a>0 nén tiép tuyén tai U c6 hudng di xudng (hé sé goc k <0). Suy
ra, cac dan an C va D bi loai.

o 1x3—2x2+3x+1:—x+1—1 1x3—2x2+4x—§:0 X o
= Xéthé <3 3 =<3 3 < x=2.Vaychondap an A.
X? —4x+3=-1 X* —4x+4=0

Cau 49. Cho ham s6 (C):y=x°—3x*+1. Cho diém A(X,;Y,) thudc (C), tiép tuyén voi (C) tai A cit
(C) tai diém B khac A.Hoanh do cia diém B tinh theo X, la

A X =1-2X,. B. Xz =2-2x,. C. Xg =3-2X%,. D. x; =4-2X,.
Loi giai
Chon C.
» Loi giai tu luan:

Xét ham sb, ta co: y' =3x* —6x.
Phuong trinh tiép tuyén ciia (C) tai A c6 dang:
(d):y =y (%) (x=%)+Yy(%)
e (d):y=(3x —6%, )(x—%,)+xs —3x +1
Hoanh d6 giao diém cua tiép tuyén voi (C) I& nghiém cua phuong trinh:

X* =37 +1=(3x) —6X%, ) (X=X, )+ X5 —3%] +1



X=X,

2
S (X—X%,) (X—3+2%,)=0< :
(x=%)( ) {x:3—2x0
Vay hoanh d¢ diém B 1a x; = 3—2x,.

Cau 50. Cho ham s6 (C):y =x>—x*—x+1. Céc tiép tuyén tai giao diém cua do thi ham sé véi truc

hoanh c6 phuong trinh la

A. (d):y=0va(d,):y=4(x+1). B. (d,):y=0va(d,):y=2(x+1).
C.(d,):y=1va(d,):y=3(x+1). D. (d,):y=x-2va (d,):y=x+1.
Loi giai

Chon A.

» Loi giai tu luan:

Hoanh d6 giao diém cua (C) véi Ox la nghiém cia phuong trinh:

x* —x? —x+1:0<:>(x—l)(x2 —l):O<:> X==1.

= Taidiém x=1, ta duoc tiép tuyén (d,) c6 phuong trinh:
(d):y=y'(1)(x-1)+y(1)<=(d,): y=0.

= Taidiém x=-1, ta duoc tiép tuyén (d,) c6 phuong trinh:
(dy):y=y'(-1)(x-1)+y(-1) = (d,): y=4(x+1).

> Luya chon dap an bang phép thir két hop tu luan:

= Hoanh d6 giao diém: x*—x* —x+1=0< (x—l)(x2 —1) =0= nghiém kép x=1.

= Do thi ham s nhan Ox lam tiép tuyén
= Céc dap an C va D bi loai

=  Xéthé
X —X* —x+1=4(x+1) x}—x*-5x-3=0
= =S x=-1
3x2-2x-1=4 3x?—2x-5=0

Do do6, chon dép an A.
> Luwa chon dap an bang phép thir 1.

= Vi lya chon D, vi (d,):y=x—-2 khong c6 diém chung véi (C) trén Ox, nén dép 4n D
bi loai.

= Vi lya chon C, vi (d,):y =1 khong c6 diém chung véi OX, nén dap an C bi loai.

= Xéthé
X —x?—x+1=2(x+1) [x*-x*-3x-1=0 , . ,
= h¢ vo nghiém nén dap an B loai
3x* —2x-1=2 3x* —2x-3=0

> Lua chon dap an bang phép thir 2.
= Vi (d,):y=0 c6diémchung véi (C) trén Ox nén ta xét hé:



X*—x*—x+1=0 . i
< x =1 nén cac dép an C va D bi loai.

3x>—2x-1=0

= Vi (d,):y=4(x+1) c6 diém chung véi (C) trén Ox nén ta xét he:

X*—x*—x+1=4(x+1) [x*-x*-5x-3=0
= <> X =-1 nén chon dap an A.

3x2-2x-1=4 3x>—2x-5=0

Cau 51. Cho ham s6 y = x* + x* +1. Tiép tuyén tai diém c6 hoanh d6 x=1 cd hé s6 goc la

A. 6. B. —g. C.E. D.6.
3 3

Loi gidi
Chon D.
» Loi giai tu luan:
Taco y'=4x*+2x=k=y'(1)=6 .
> Lua chon dap 4an bang viéc sir dung may tinh CASIO fx — 570 MS:
= Thiét lap moi truongMODE]

* Taén

[SHIFT] (d/dx[ALPHA] X f 4 [ [ALPHA| X ESIEH 1| 1§
=

6
Vay, ta duoc hé sb goc k = y'(l) =6. Chon D.

> Luya chon dap 4n bang phép thur:
= Vi f'(1) khong thé 1a s6 &m nén ta loai phuong 4n A va B

= Vi f'(1) phai la s6 nguyén nén ta loai d4n an C.

Vay chon D.
A N Z 3x+1 . L z . 4.2 , . n N
Cau 52. Chohamso (H):y= 3 . Phuong trinh tiep tuyén (d) tai diém c6 hoanh do x=2 la
A. (d):10x+y-1=0. B. (d):5x+2y—-13=0.
C. (d):10x+y-13=0. D. (d):5x+2y+1=0.
Loi giai
Chon C.

Loi giai tu luan:
10
(x-3
Tir d6 ta suy ra phuong trinh tiép tuyén (d) c6 dang:
(d):y=y'(2)(x-2)+y(2)<(d):10x+y-13=0

Taco y=—

> Loi giai ty luan két hop may tinh CASIO fx — 570 MS



(d):y=y'(2)(x-2)+y(2)<(d):10x+y—-13=0 trong do y'(2) va y(2) duoc xac dinh
bﬁng céch bam may tinh nhu sau:

M(}D

SHIFT] k]fdxmnupmjﬁ. li ALPHA) x| [H 3

Tiép theo dung con tré sita dong 1énh trén thanh

(E @%@Hlﬂ!ﬂ@lﬂ!?&ﬂ
[CALd 2

—9.9999)

’; -7
> Lua chon déap an bang phép thu 1
= V6i duong thang trong dap an A, ta c6 phuong trinh hoanh do:

3;X_+31 =1-10x < 10x* —28x+4 =0 vo6 nghiém nén ta loai dap an A.
= Vi duong thang trong dap an B, ta c6 phuong trinh hoanh d6:
3XX_+31 = % - E X <> 5x?2—26x+41=0 phuong trinh khong c6 nghiém bdi nén ta loai dap an
B.
= V/6i duong thang trong dap an C, ta c6 phuong trinh hoanh do:
3;x_+31 -~ %—gx & 5x* ~10x+5=0< (x—2)° =0 nén ta chon dap an C.

> Lua chon dap an bang phép thu 2

= V6i dudng thang trong dap an D, ta ¢6 phuong trinh hoanh do:
3 +31 = %—gx & 5x2-10x+5=0< (X—l)2 =0 khong c6 nghiém bdi X=2 nén loai dap
X —

anD.

= V/6i duong thang trong dap an C, ta c6 phuong trinh hoanh do:

3X+31 %—g X <> 5x? —1Ox+5:0c:>(x—2)2 =0 nén ta chon d4p 4n C.
X_

> Luya chon dap 4n bang phép thir két hop véi may tinh CASIO fx 570 MS
= Tiéptuyén cua (C) tai diém c6 x=2 c6 hé s6 goc k =y'(2)=-10 bdng cach an:

r[".ﬁ[!I]'DF'

SHIFT] E,rdxlﬂ 3 [ALPHA| X[ llil-ﬁﬂrﬂw

Suy ra, ca dap an B va D bi loai.

= V6i duong thang trong dap an A, ta c6 phuong trinh hoanh d¢:
3x+1

X—3
Vay chon C.

=1-10x < 10x* —28x+4=0 vo nghiém nén ta loai dap an A.

> Lua chon dap 4n bang phép danh gia



= Diém x=2 thudc (H) la diém M (2;-7). Va chi c6 duong thang & dap an C di qua M nén
cadap an A, B, D bi loal.
= VaychonC

Cau 53. Cho hams6 (C):y = % Tiép tuyén taih giao diém cua do6 thi ham s6 véi duong thang y=1
X —_

c6 phuong trinh la:
A.(d):x+y-5=0. B.(d):x+3y-5=0. C.(d):3x+y-5=0. D. (d):x+y-3=0.
Loi giai
Chon B.

» Lo gidi tw lugn:

Phurong trinh hoanh d giao diém: ZXXLl “le x+1=2x-1c x=2= M (21).

; -3 1
Taco: y=—=Vy(2)=—=.
Tiép tuyén cua dd thi (C) tai M (2;1) c6 dang:

(d):y=y(’2)(x—2)+l<:>(d): y:—%(x—2)+1<:>(d):x+3y—5=0.

> Lo gidi tw lugn két hop may tinh CASIO fx — 570 ES:

Phurong trinh hoanh % giao diém: 2X—+11=1@ X+1=2X-1< X=2= M (21).
Tiép tuyén ctia d6 thi (C) tai M (2;1) c6 dang:
(d):y:y(’z)(x—2)+1<:>(d):y:—%(x—2)+1<:>(d):x+3y—5:0.

Trong do y(’z) duogc tinh bang cach 4n:
d :;.¢:+1 | Math &
E[ Er—1 ]| x=Z

EFEMOIPOCAMIOED®® @D E May hien: | -H.3333333333
> Luwa chon ddp dn bang phép thiz 1: Ta lan luot:

» V/6i dudng trang trong dap an A, ta c6 phuong trinh hoanh d¢:
X+1
2x—-1

—5_X<2x2-10x+6=0.

Phuong trinh khong c6 nghiém bdi nén dap an A bi loai

»  V6i duong thang trong dap 4n B, ta c6 phuong trinh hoanh do:
¥ 3 X ox? _8x+8=0e (x—2)7 =0 =>c6 nghi¢m boi x=2.
2x-1 3 3
241
2.2-1

> Luwa chon ddp dn bang phép thi 2: ta lan luot:

=1, théa man.

= y(2)



= V/6i duong thiang dap an D, ta ¢ phuong trinh hoanh d6:

X+1

2x-1
loai.

=3-X < 2x% —6x+4=0. Phuong trinh khong c¢6 nghiém boi nén dap an D, bi

= V/6i dudng thiang dap an C, ta ¢ phuong trinh hoanh d6:
X+1
2x-1

=5-3 < 6x2—12x+6:0c>(x—1)2 =0=nghiém boi x=1

1+1 .
= y(1)= ﬁ — 2, khong théa man = dép an C loai.

» V/6i dudng thang trong dap an B, ta c6 phuong trinh hoanh d¢ giao diém:

x+1 =§—§<:>2x2—8x+8:0<:>(x—2)2:0 =0 nghiém boi x=2.
2x-1 3 3
=y(2)= ;;_11:1, thoa man.

Do d06, viéc lya chon dép 4n B la dung dén.

> Lwa chon ddp dn bang phwong phdp dinh gid: Phuong trinh hoanh d6 giao diém:
x+1
2x-1

=lox+1=2x-1ex=2=>M(21).

Ta lan luot danh gia
=  Chi c6 cac duong thiang & cac dap an B va D di qua M nén A va C bj loai

= V6i duong thang trong dap an D ta c6 phuong trinh hoanh do:
X+1
2x-1

=3-X2X2 —6x+4=0.

Phuong trinh khong c6 nghiém bdi nén dap an D bi loai.
Do d6, viéc lua chon B 1a dung dan.

> Lwa chon ddp dn bang phép dinh gid két hop sie dung may tinh Casio fx— 570VN :

Phuong trinh hoanh @6 giao diém: Z’(Ll —le x+1=2x-1o x=2= M (21).

. ’ A A r 5 (94 A ! 1 ’ . M r A
Khi d6 hé so goe cua tiép tuyén k = y'(2) = 3 duoc xé4c dinh bang cach an:
d :H:+1 ] Math
E[ ER-1 ]| x=F

FEmIOPOOBMOIEID®® @ E May hien: | ~0.3333435553

Do do, viéc lua chon dép an B la dung dén.

Cau 54. Chohamsé (C):y = X2+—2X_1 Tiép tuyén tai giao diém cua dd thi ham s véi truc tung cé
phuong trinh la:
A. (d):y=—x+2. B. (d):y=3x+2. C.(d):y=—x+1.  D.(d):y=3x+1
Loi gidi
Chen C.

> Loi gidi tw lugn: Toa do giao diém ciia (C) véi truc Oy Ia nghiém cua hé:



Phuong trinh tiép tuyén tai diém M (0;1) c6 dang:
(d):y= y('o)(x—O)+1<:>(d):y:—x+1.

> Lwa chon ddp dn bang phép thi 1: Ta lan luot:

Vi (C)nOy =M (0;1) nén cac dap an A va B bi loai do khong di qua M.
Sir dung may tinh Casio fx— 570VN tinh y’(0) bang cach an:
EEE@NOEFDAEOEO0@EOEEHO®DE .

d[x2+2x 1]
o= H—1 |x|:-

Man hinh hién: | -1,
Thac y ( ) -1, suy ra dap an D bi loai.

Do d6, viéc lya cho C 1a dung dén.

> Lwa chon ddp dn bang phép thi 2: Ta lan luot:

Sir dung may tinh Casio fx— 570VN tinh y’(0) béng cach an:
EOEEENDEFRQEOEO0@EOEDO®DE .

d[x2+2x 1]
o= H—1 |x|:-

Man hinh hién: | -1,
Tac y ( ) -1, suy ra dép an B va D bi loai.

= Vi két qua trong A thi (d)mOy=M(0;1) ¢(C) nén cac dap an A bi loai

Do d6, viéc lwa cho C 1a dung dan.

> Luwa chon phép thé 3: Ta lan luot:

Sir dung méy tinh Casio fx— 570VN tinh y’(0) béng cach an:
EOEEENDEFFDEOEO®@EROEHO®®OE .

@ Math &
d [ HE +2x—1]
dxl” w-1 | 2=a

Man hinh hién: | L
Ttc y'(0)=—1, suy ra dap 4n B va D bi loai.

Véi duong thang trong dap an A, ta ¢ phuong trinh hoanh do:

X% +2x-1
x—-1
Do d6, viéc lwa cho C 1a dung dan.

=2-X < 2x? —x+1=0=Dap an A bj loai.

> Luwa chon phép thé 4: Ta lan luot:

V6i duong thang trong dap an A, ta c6 phuong trinh hoanh do:



Cau 55. Chohamsé (C):y = . Tiép tuyén (d) ciia d6 thi ham sé tai diém c6 hoanh do

X=2 sé&:

X2 +2x-1
x-1
Phuong trinh khong c6 nghiém boi. nén dap an A bi loai.

—2-X&2x2 —x+1=0,

= V/6i dudng thang trong dap an B, ta c6 phuong trinh hoanh do:

X2 +2x—-1
x-1

Phuong trinh khong c6 nghi¢ém boi. nén dap an B bi loai.

=3X+2 < 2x% —3x+1=0.

= V/6i dudng thang trong dap an C, ta c6 phuong trinh hoanh do:

X2 +2x-1
x—1
Do do6 viéc lya cho C la ding dén.

=1-Xx < 2x? =0 =>nghiém boi x =0 thoa man.

> Lwa chen phép thi# 5: Ta lan luot:
» V/6i dudng thang trong dap an D, ta ¢c6 phuong trinh hoanh do:
X2 +2x-1
x—1
Phuong trinh khong c6 nghiém boi. nén dap an D bi loai.

=3x+1e 2x° —4x=0.

» V/6i dudng thang trong dap an C, ta c6 phuong trinh hoanh do:

X% +2x -1
x-1
Do d6, viéc Iya cho C 1a dang dan.

=1-X < 2x* =0 = nghiém bdi x =0thoa man.

X=X =X +2

x—1

A. song song véi duong thang y = x—1
B. Vudng goc véi duong thang y = x—1
C. Song song véi duong thang y = 3x +5
D. Vudng goc véi duong thang y = 3X+5
Loi giai
Chon C.
» Lo gidi tw lugn:
Viét lai ham sé duéi dang:

y:x2—1+i:> y' =2X— L .
x-1 (x-1)

Suy ra hé sb goc k = y’(2) =3

Vay tiép tuyén (d ) song song voi duong thang y = 3X+5
> Luwa chon ddp dn bang viéc siz sung may tinh Casio fx— 570VN Plus:

Dé tinh y'(2) ta thuc hién:

fron) (3



surT) (=) () (i) O] (=8 (3] & (=) (e OJ (23 (=) ey O] () (2]
QEEOE®RE o &

o]
JL[HS—xE—x+2] b
= A1 B,

J

Vay ta dugc hé sé goc kK = y’(2) =3

Do do, viéc lua chon dap an C 1a ding dén.

Cau 56. Cho ham so (C): y=— 1 Tiep tuyen tai giao diém cua do thi ham so vai truc hoanh cé
X° +

phuong trinh:
A y=—-x+1 B. y=—x C.y=x D. y=x+1

Loi giai
Chon C.
» Lo gidi tw lugn:
Phuong trinh hoanh d6 giao diém:

=0 x=0=M(0;0)

x? +1

., 1-x ,
Taco: yzwjy(O)zl
X+

Tir d6, suy ra phuong trinh tiép tuyén (d ) c6 dang:
(d):y= y('o)(x—o)+ y(0) = y=x
> Luwa chon ddp dn bang phép thar 1: Ta lan luot:

" Vi (C)ﬁOX =M (0;0) nén cac dap an A, D bi loai do khong di qua M
= Sir sung may tinh Casio fx— 570VN Plus tatinh y'(0) bang cach an:

) (B E) e @ DEEHOO® 0 E

O] Math &

df_a
x| w24 |.'-r_'=III

Tire la: y'(0) =1, suy ra dap an B bj loai.

Do d6, viéc lua chon dép an C la dung dén. .
» Lwa chon ddap an bang phép ther 2: Ta lan luot:

= Sir sung may tinh Casio fx- 570VN Plus ta tinh y'(0) bang cach an:

) (=) (B () O @ () Q) (23 B @ > ® 0 &

m Math &

dr_ &
x| w24 |.'-r_'=III

Tic 1a: y'(0) =1, suy ra dap an A, B bj loai.
» Véi két qua trong D thi (C) NOx=M (—l; 0) 2 (C) nén dap an D bi loai



Do d6, viéc lua chon dép an C la dung dén. .
» Lwa chon ddp dan bang phép thar 3: Ta lan luot:

= Sir sung may tinh Casio fx— 570VN Plus tatinh y'(0) béng cach an:

() (=) (B () O @ ) O (23 B & ® [0 &

m Math &

A A
x| w24y |.'-r_'=I:I

Tirc 1a: y’(O) =1, suy ra d4p an A, B bi loai. 1
= V/6i dudng thang trong dap an C, ta c¢6 phuong trinh hoanh d:

—— =X < Nghiém kép X =0, théa man.
X“+1

Do d6, viéc lya chon dap 4an C 1a dung dan.
> Lwa chon ddp dn bang phép the 4: Ta lan luot:
= V6i duong thang trong dap an A, ta c6 phuong trinh hoanh do:

X
X2 +1 9
= V6i duong thang trong dap an B, ta c6 phuong trinh hoanh d6:

=1- X khong c6 nghiém X =0 = Dap an A bi loai

X
x? +1

=—X < x>+ 2x =0 khdng c6 nghiém bdi = Dap 4n B bi loai
= Vi dudng thang trong dap an C, ta c6 phuong trinh hoanh d¢:

=X < x? =0= Nghiém boi x =0, théa man.

x*+1
Do do, viéc lya chon dap an C la dung dan.
> Lwa chon ddp dn bang phép thi 5: Ta lan luot:

= Vi dudng thang trong dap 4n D, ta c6 phuong trinh hoanh d¢:

—— = X+1, khong c6 nghiém X =0 = Pép an D bj loai
X“+1

= Vi dudng thang trong dap an C, ta c6 phuong trinh hoanh d¢:

—— =X < x> =0= Nghiém bgi x=0, théa man.
X“+1

Do d9, viéc lya chon déap an C la diing dan.
Cau 57. Cho ham s6 (C):y =+/x+3 . Tiép tuyén cua dd thi tai diém c6 hoanh do X =6 song song véi

duong thang:
A. x-6y=0. B. x—-4y=0. C. x-2y=0. D. x-y=0.

Léi giai

Chon A.



Caul

» Loi gidi tw lugn: Ta co:
1

y'=

24/ X+3
Vay, tiép tuyén song song v6i dudng thing X —6y =0
> Lwa chon ddp dn bang viéc siz sung may tinh Casio fx— 570VN Plus:

o , 1
= h¢é s6 goc tiép tuyén K =y (6) =g

Dé tinh y'(6) ta thuc hién:

FEAEIEICCEE R
0. 16B6E66567T

Vay, ta duoc y'(6) ~0.16667 ~ % . Do d6, viéc lra chon dép an A 1a dung dan.

Cho ham sé (C) : y = V/X* — x+1. Tiép tuyén cua do thi tai diém c6 hoanh do x = 1 cit cac truc
Ox, Oy theo thir tu tai A va B. Dién tich AOAB bang :

AL B L c L D. 1.
8 4 2
Léi giai

Chon B.



Loi gidi tw lugn :

2x-1 1
—=Y'(1)==.
202 —x+1 @ 2

Tir d6, suy ra PT tiép tuyén (d) c6 dang :

Taco y'=

(d):y=y'y(x-1)+y(1)=(d): y:%(x—l)+1<:>(d):x—2y+1:0.

Khi d6 :
-Toadd diém A la nghiém cua hé phuong trinh :
X—=2y+1=0 x=-1
o = A(-10)=0A=1
y=0 y=0

- Toa do diém B la nghiém cua hé phuong trinh :

x=0
x=0 1 1
& 1:>B(O;—jz>OB=—
X—2y+1=0 y:E 2 2

- Dién tich AOAB duoc cho bai :

1 1,1 1

S, =-OAOB=>.1.- =" (dvdt).
2 272 4

AOAB

Cau2 Chohamsé y=In (1+ x2) . Tiép tuyén caa db thi tai diém c6 hoanh 46 X =—1, c6 hé sb goc bang:

A . In2. B. -1. C.%. D. 0.
Loi giai
Chon B.
- Lo gidi twr lugn :
2X . )
Taco: yV'=——=hésogéc k=y'(-1)=—— =
y 1+ X P50 0 y ( ) 1+(_1)2

- Lira chon ddp dn bang viéc si dung may tinh CASIO fx — 570MS
bétinh y'(—1) ta thuc hién :

IinJ (]t JIaLPHATX] X 1D LT | ()] /] D
El

Vay ta dugc hé sé goc k =y'(-1)=-1

Do d6 viéc lya chon dap 4n B 1a dung dan.
X =X

R . . e" — .z p T A
Cau3 Chohamso (C): y=— Tiep tuyén cua do thi tai diém c6 hoanh do X =1In 2 tao voi chiéu
€

—X "

duong cua truc Ox mot géc o . Gia tri tana bang:



Céau 4

A.l. B.ﬂ. C.g. D.E.
4 9 16 25
Lai gidi

Chon D.
- Lo gidi twr lugn :
Viét lai ham s dudi dang :

ex—ix 2x _q e 42?2 6
y = el = GZX_ =l-= y':%:tanaz y'(ln2)=e—2=—,1’xngvéidép

e - €+l (e +1 (e"2+1) 25

e

an D.

- Lwa chon ddp dn bang viéc sie dung may tinh CASIO fx — 570MS :
bétinh y'(6) ta thuc hién :

SHIFT] d/dx Ilﬂﬂlml
=1 ALPHA [P ](|(-) | lacpHAl X))

| lJALPHA] ] 1] [ALPHA X

] IALPHA] k] (|(-) | ALPHA] [X]DD] L ] in] 2 )
(= |
bic 16
a 25
16

Vay ta dugc tana = y(In2) >

Do d6 viéc lya chon dap 4n A 1a ding dan.
S6 duong thang di qua diem A(0;2) va tiép xdc véi d6 thi ham s6 y = x* +1 bang :
A 0. B.1. C. 2. D. 3.
Loi gidi

Chon A.
- Lot gidi tw lugn 1 :
Puong thang di qua A c6 phuong trinh : (d) : Yy =kx+2 .
(d) tiép xUc véi d6 thi ham sé khi hé sau ¢ nghiém :

X2 +1=kx +2

2x =k
Vay qua A khdng ké duge duong thang nao tiép xdc véi do thi ham sb.
- Lo gidi tw lugn 2 :

= Xx* = -1 vb nghiém

Goi M (XO; yo) la tiép diém, suyra y, = Xé +1 va phuong trinh tiép tuyén (d) tai M c6 dang :



Caubs

(d):y=y"(%)(X=%)+Y,
< (d):y=2xx—2x;+ x5 +1
< (d):y=2xx—x5+1
Dé (d) di qua diém A diéu kién I :
2=-x +1< x2 =—1 vo nghigm
Vay qua A khdng ké dugce duong thiang nao tiép xdc véi do thi ham sb.
- Lura chon ddp dn bang phép déinh gid :
Vi diém A nam trong Parabol y =X +1 (vi xét ddu 0+1—2=-1<0 ) nén qua A khong ké duoc
tiép tuyén voi dd thi ham sé.
Do d, viéc lwa chon déap an A 1a dung dan.
@ Chuy : Vi Parabol (P) thi :
¢ Néu diém A nam trong (P) s& khdng ké duoc tiép tuyén voi (P)
¢ Néu diém A nam trén (P) s& ké duoc ding mot tiép tuyén véi (P). Bac biét, néu A 1a dinh cua (P)
thi tiép tuyén s& song song vai Ox
+ Néu diém A nam ngoai (P) s& ké dugc tiép hai tuyén vai (P).
S6 duong thang di qua di A(1;2) vatiép xtic véi do thi ham s6 (P) y = 2x* bang :
A. 0. B.1. C. 2. D. 3.
Loi giai
Chon B.
- Lot gidi tw lugn 1 :
Puong thang di qua A ¢6 phuong trinh : (d) : y =K (X —1) +2.
(d) tiép xUc véi @6 thi ham sé khi hé sau ¢ nghiém :
X* +1=k(x-1)+2 ,
= 2xX° =4x(x-1)+2 < x=1
4x =k
Vay qua A ké dugc mot duong thang tiép xtc véi (P).
- Lot gidi tw lugn 2 :
Goi M (X,;Y,) latiép diém, suyra y, =2x; va phuong trinh tiép tuyén (d) tai M c6 dang :

(d):y=y'"(%)(X=%)+Yq

< (d):y =4xx—4x; +2x;

< (d):y=4x.x—2x;.

Dé (d) di qua diém A diéu kién la :

2=4x,-2X; &%, =1

Vay qua A ké dugc mot duong thang tiép xdc véi (P).

- Lwa chon ddp dn bang phép danh gid :

Vi diém A nam trén (P) s& ké duoc ding mot tiép tuyén véi (P).
Do @6, viéc lya chon dap an B 1a dung dan.



Cau6 Chohamsé (P): y = x> —3X+2 . Phuong trinh tiép tuyén cta d6 thi ham sé di qua diém

M[§;—1) cé dang :
2 2

A x+y-1=0vax-y-2=0. B. x+y—-2=0vax—-y-2=0.

C.x+y-1=0va x+3y=0. D. Xx+y—-2=0va x+3y=0.
Loi gidi

Chon A.

- Loi gidgi tw lugn 1 :

. g . . 3) 1
buong thang di qua M ¢6 phuong trinh : (d) : y=K| Xx—= |—= .
(d) tiép xtc véi @6 thi ham sé khi hé sau ¢ nghiém :

x2—3x+2=k(x—§j—l , 3\ 1
2) 2=>x*-3x+2=(2x-3) x—E _=
2x—-3=k

:1 = —
oS X -3x+2=0 % o k=-1
X, =2 k,=1

Khi do6 :
*+ Véi k, = -1, ta duoc tiép tuyén (dl) ¢6 phuong trinh :

(d,): y:—(X—gj—EQ(dl)ZX—F y-1=0

2) 2
* V6i k, =1, ta duoc tiép tuyén (d,) c6 phuong trinh :
3) 1
(dz):yz(x—zj—aa(dz):x—y—Zzo

Vay qua M ké duoc hai tiép tuyén (d,) va (d,) vsi (P).

- Lo gidi tw lugn 2 :

Goi A(XO; yo) la tiép diém, suy ra Yy, = X —3x, +2 va phuong trinh tiép tuyén (d) tai M c6 dang :
(@):y =y () (x-%)+ Y,

<y =(2% —3) (X=X, )+ X; — 3%, +2

Pé (d) di qua diém M diéu kién 12 :

X, =
—%z(ZxO—3)(§—x0)+x§—3x0+2<:>x§—3x0+2:0<:{xo _

=
Khi do:

*+ Voi x, =1, ta duoc tiép tuyén (d1) ¢6 phuong trinh :

(d):y=(2-3)(x-1)+1-3+2<(d,):x+y-1=0



Cau7

*+ V6i X, =2, ta dugc tiép tuyén (dz) ¢6 phuong trinh :
(d,):y=(4-3)(x-2)+4-6+2<=(d,): x—y-2=0
Vay qua M ké duoc hai tiép tuyén (d, ) va (d,) véi (P).
- Lura chon ddp dn bang phép thi
Ta lan luot
+ Vi dudng thing X + Y — 2 = 0 khong di qua diém M nén cac dap an C va D bi loai
+ Vé6i duong thang X — Yy —2 = Otrong dép 4n A, ta c6 phuong trinh hoanh d6 :
X*—3X+2=Xx-2<=x"—-4x+4=0, c6 nghiém boi x = 2, théa mén .
Do d6, viéc lya chon dap 4n A 1a dung dan.
@ Nhan xét : Nhu vy, dé lya chon duoc dap an dang cho bai trén thi :
+ Trong cé4ch giai ty luan 1 dé 1ap phuong trinh tiép tuyén véi d6 thi ham sé y = f(x) di qua diém
A(XA; yA) chung ta thuc hién cac budc :
Budc 1 : Puong thang (d) di qua A(X,;Y,) c6 phuong tinh : (d) : Y =K(X—X,)+ Y,
Buée 2 : (d) tiép xuc véi (C) khi va chi khi hé sau c6 nghiém :

f(X)=k(x=x,)+V, - f(X)=f'(X)(Xx=X,)+ Y, o

f(x)=k f(x)=k
Buéc 3 : Két luan vé tiép tuyén (d).
+ Trong céach giai ty luan 2 , dé lap phuong trinh tiép tuyén cua do thi ham sé y = f(x) di qua diém
A(XA; yA) chung ta thuc hién cac budc :
Buoc 1 : Gia st tiép diem 1a M (X,; Y, ) , khi d6 phuong trinh tiép tuyén c6 dang :
(d):y=y'(%)(X=% )+ Yo.
Buoc 2 : Diém A(XA; yA) € (d ), ta duoc :
Ya= yl(xo)(XA - Xo)+ Yo =%,
Buéc 3 = Két luan vé tiép tuyén (d).
+ Trong cé4ch lya chon dap 4n bang phép thir, chung ta di kiém tra xem cac duong thang (dl) :
(d,)va (d,) ... cho bai cac lya chon tric nhiém cé di qua A khong ? Tir d6 suy ra dép 4n dung.

A va B. Phuong trinh duong thang AB c6 dang:

A Yy=X+6. B. y=x+2. C.y=—x+2. D. y=—X+6.
Loi giai

Chon B.

- Loi gidi tw lugn 1 :

Puong thang di qua M ¢6 phuong trinh : (d) : Y = k(x —%j -2.

(d) tiép xdc véi @6 thi ham sb khi hé sau c6 nghiém :



X*=k| x-=1]-2
( 2} :>X2=2X(X—%j—2<:>2X2=2X(X—l)—4

=-1= A(-11
oSxX-x-2=0< % = A(-L1)
X, =2=>B(2;4)

Khi d6 , phuong trinh duong thang (AB) duogc cho b
(AB):{qua A(_1;1)<:>(AB):X—+1:y—_1<:>(AB): y=X+2
qua B(2;4) 2+1 4-1
- Lot gidi tw lugn 2 :
Goi A(X,;Y,) latiép diém, suyra y, =X; va phuong trinh tiép tuyén (d) tai M c6 dang :
(d):y=y'(%)(X=%)+ Y
Sy =2% (X=X, )+ X
Pé (d) di qua diém M diéu kién 1a :
X, =—1
X, =2

0

—2:2x0(%—x0j+x§ = xg—x0—2=0<:{
= A(-L1) va B(2;4) Khi do:

(AE:.):{OIUIa A(_l’1)<:>(AB):X—+l:y—_l<:>(AB): y=x+2

qua B(2;4) 2+1 4-1

- Lo gidi tw lugn 3:

Goi A(X,;Y,) latiép diém, suyra Y, =X; va phuong trinh tiép tuyén (d) tai M c6 dang :
(d):y=y"(%)(X=%)+ Y

Sy =2%(X=%)+Y,

S Y =2XX—2X + Y,

S Y =2XX-Y,

biém M e(d) ,tadugc: (d):—2=%—Y, & ¥, =% +2(*)

Nhan xét rang toa d hai tiép diém A va B déu théa man (*), do d6 phuong trinh duong thing (AB)
codang y =X+ 2.

- Lwa chon ddm dn bang phép thir 1 :

Ta lan luot

+ V6i duong thang Y = X + 6 trong dap an A, ta c6 phuong trinh hoanh do :
X=3

x2:x+6<:>x2—x—6=0<:{
X=-2



Céau 8

Xét tiép tuyén tai A(3; 9) cua (P) ¢6 phuong trinh :
(dy):y=y'(3)(x-3)+9<=(d,):y=6(x-3)+9<(d,): y=6x+9
Tiép tuyén nay khong di qua M nén dap an A bj loai.
+ V6i dudng thing Y = X + 2trong dap an B, ta c6 phwong trinh hoanh d¢ :
) ) X=2
X"=X+6= X" -x-6=0<
X=-1

Xeét tiép tuyén tai A(Z; 4) cua (P) co6 phuong trinh :
(dg):y=y'"(2)(x-2)+4 <= (dy):y=4(x-2)+4 < (d;): y=4x—-4

Tiép tuyén nay di qua M (thoa méan)

Do d6, viéc lya chon dap an B 1a dung dan.

- Lira chon ddp dn bang phép thi 2 :

Ta lan luot ;

+ Phac thao hinh v& (hinh bén) ta thdy duong thang (AB) c¢6 hudng di 1én, do d6 cac dap an C va D bi
loal.

+ V6i dudng thang y = X+ 6 trong dap an A, ta c6 phwong trinh hoanh do :

X=3 ya

x2:x+6<:>x2—x—6=0<:{
X=-2

Xét tiép tuyén tai A(3; 9) cua (P) c6 phuong trinh :

(da):y=y'(3)(x-3)+9<(d,): y=6(x—3)+9
<(d,):y=6x+9

Tiép tuyén nay khong di qua M nén dap an A bi loai.
Do do, viéc lya chon dap an B 1a ding dan.

Chohamsé (P) : y = x*—1 . Hai tiép tuyén ctia 6 thi ham s di qua diém M (E;lj tiép xuc vai

(P) tai A va B. Toa do trung diém cua AB la:

SRS

Chon C.

Léi giai



Lo gidgi tw lugn 1: Duong thang di qua M ¢6 phuong trinh: (d):y = k(x—gj+l. (d) tiép
xuc véi do thi ham sé khi hé sau c6 nghiém va nghiejm x 1a hoanh d6 tiép diém:

x=1

xz—lzk(x—§
X=2

+1 ) 3 )
2 = X" -1=2X X—E +1leo X -3Xx+2=0<
2x =k

= A(L0) va B(2;3) = trung diém |G%)

Loi gidgi tw lugn 2: Goi A(X,;Y,)1a toa d¢ tiép diém, suy ra y, =% —1 va phuong trinh tiép

tuyén (d) tai M codang: (d):y=y' (% )(X=%))+Y, < (d):y=y=2x%(x=x)+x -1

Dé (d) di qua diem M diéu kién la:

3 2 2 XO 1
1=2x, E_XO +X% -leox -3%,+2=0< « 2
0

Vay A(l;O) va B(2;3) suy ra trung diém | [g,g]

Cau 58. S6 duong thang di qua diém A(3;2) va tiép xtc véi do thi ham s6 (C):y = x> —3x bang:
A. 0. B. 1. C. 2. D.3
Loi gii
Chon D.
Loi gidi twr lugn két hep siz dung may tinh CASIO fx — 570MS: Puong thang di qua A ¢6
phuong trinh: (d):y=k(x—3)+2

(d) tiép xtic véi d6 thi ham sé khi hé sau c6 nghiém:

P _3x=k(x-3)+2
{X x=k(x=3)+ = x*=3x=(3x* —3)(x—3)+ 22X’ —9x* +11=0

3x*-3=k

Dung may tinh CASIO fx — 570MS dé biét s6 nghiém phuong trinh trén bang cach an:

Rioo1]

o oo o 13113

EE B BB I
v 1314
v] —

Ttre 13, phuong trinh (*) c6 ba nghiém phén biét.



Viy qua A ké duoc ba dudng thing tiép xuc véi d6 thi ham sé.
Loi giai tu luan két hop st dung may tinh CASIO fx-570MS-Hoc sinh tu thuc hién.
Cau 59. S6 duong thang di qua diem A(2;1)va tiép xtc véi dd thi ham sé (C):y = x* —6x* +9x-1

bang:
A. 0. B. 1. C.2. D. 3.

Lai giai
Chon B.
Loi gidi twr lugn 1: Puong thang di qua A c6 phuong trinh (d):y=k(x-2)+1.
X —6x* +9x—1=k(x—2)+1

(d) tiép xtc véi @6 thi (C) khi hé sau co nghiém:
3x* -12x+9=k

= x* —6X* +9x—1=(3x"~12x+9)(x-2) +1 < (x-2)° =0 < x=2 la nghiém duy nhat.
Vay qua A ké duge diing mot duong thang tiép xtc véi do thi (C).

Loi gidgi tw lugn 2: Goi M (X,; Y, ) la tiép diém, suy ra y, = X5 —6X; +9%, —1 va phuong trinh
tiép tuyén (d) tai M c6 dang:
y= y’(xo)(x—x0)+ Yo
Sy= (3x§ —12x, +9)(x—x0)+ X —6x; +9x, -1
& (%-2)=0x% =2
Ae(d) e 1=(3% —12%+9)(2-X,)+ X —6X; +9% —1 (x,-2) =0 X, =2
Vay qua A ké duge ding mot dudng thang tiép xdc véi do thi (C).
Luwa chon ddp dn bang phép thir: Vi diém A chinh la diém udn cua (C) nén qua A ké dugc
dting mét tiép tuyén véi (C).
Do d6 viéc lya chon dap 4n B 1a dung dan.

Cau 60. S6 duodng thang di qua diém A(2;-3) va tiép xtc voi do thi ham s6 (C):y =x°—3x*+2 bang:.
A. 0. B. 1. C. 2. D.3
Loi giai
Chen C.
Loi gidi tw lugn 1: duong thang di qua A c6 phuong trinh (d) 1y = k(x—2)—3. (d) tiép xdc
vé6i d6 thi ham sb khi hé sau c6 nghiém:

P 3x*4+2=k(x-2)-3
{x o (x-2) :>x3—3x2+2:(3x2—6X)(x—2)—3

3x*—6x=k

26" =% +12x=5=0 < (x—1)(2x* = 7x+5) =0



x=1
o (x-1)(2x-5)=0| 5.
=2

2
Vay qua A ké dugc hai duong thang tiép xdc véi do thi ham sb.

Loi gidi tw lug@n két hop véi siz dung may tinh CASIO fx-570MS: Puong thang di qua A ¢
phuong trinh(d) Ty = k(x—2)—3 :

(d) tiép xtc véi do thi ham sé khi hé sau ¢ nghiém

= x* =32 +2=(3x° —6x)(x-2)-3

X =3x*+2=k(x-2)-3
3x* —6x=k

X =

1
&2 -9 +12x-5=0& 5.
x==
2

MODE | 1
MODE MODE Mope [ 1][»][3]

d | B -F¥-| B | . 2.5
v] |
Bing céach an:
Vay qua A ké duoc hai dudng thang tiép xuc véi d6 thi ham sé.

Lot gidi tw lugn 2: Goi M(xo;yo) la tiép diém, suy ra Y, =X,” —3x,” +2 va phuong trinh tiép
tuyén (d) tai M c6 dang:

(d):y=y(x)(x=x,)+y, < (d):y=(3x] =6x, ) (x—x,)+x,’ =3x,” +2.
Dé (d) diquadiém A thi diéu kién la:
—3=(3x,” —6x, ) (2—x,) + X, 3%, +2 < 2x, =9, +12x, —5=0

X, =

1
& (x,-1)(2x) = 7x,+5)=0< 5.
Xo :E

Vay qua A ké duoc hai dudng thing tiép xic véi d6 thi ham sé.
Cau 61. Cho ham s6 (C): y = x* +3x? —2. Phuong trinh tiép tuyén cua d6 thi ham sé di qua diém
M(—%;—Zj 6 dang:

A y=-2vay=-3x-3. B. y=—2vay=3x-1.

C. y=6x vay=-3x-3. D. y=6xva y=3x-1.

Léi giai



Chon A.
Lot gidi tw lugn 1:

Puong thang di qua M ¢ phuong trinh: (d): y= k(x+%j—2.
(d) tiép xtc véi d6 thi ham sé khi hé sau c6 nghiém:
x3+3x2—2:k(x+%j—2

:>x3+3x2—2=(3x2+6x)(x+%j—2
3x* +6x=Kk

=0 k, =0
<:>2x3+4x2+2x=0<:>[x1 :{kl

X, =—1
Khi do:
Véi k; =0, ta duge tiép tuyén (d,) c6 phuong trinh:(d,):y=-2.

Véi k, =-3, ta dugc tiép tuyén (dz) c6 phuong trinh:

(dz):y:—S(x+%j—2<:>(d2):y:—3x—3
Vay, qua M ké duoc hai tiép tuyén (dl) va (dz)t('ri (C)

Loi gidi tw lugn 2: Goi A(XO; yO) 1a tiép diém, suy ra Yo= Xg +3X§ -2 va phuong trinh tiép
tuyén (d) tai A c6 dang:

(d)ry =y (%)(X=X))+ Yo <= (d):y= (3% +6%)) (X=X, )+ X5 +3%5 —2.

Dé (d) di quadiém M dicu kién la:

X, =0
X, =—1

o

~2=(3x +6x0)(—%—x0]+x§+3x§—2<:>x§’+2x§+x0 =0 @[
Khi do:

Véi X, =0, ta dugc tiép tuyén (d, ) co phuong trinh:
(d,):y=0(x-0)+0-2<(d,):y=-2.

Véi X, =—1, ta duge tiép tuyén (d, ) c6 phuong trinh:
(d,):y=(3-6)(x+1)-1+3-20 < (d,): y =—3x-3.

Vay, qua M keé dugc hai tiép tuyén (d,) va (d,) t6i(P).

Luwa chon ddp dn bing phép thir 1: Ta lan luot:

Véi duong thing Y = —2 trong dép 4n A, n6 di qua diém M va ta c6 phuong trinh hoanh do:
X} +3x* —2=-2< x*+3x* =0, c6 nghiém boi x =0 théa man.

= Cac dap an C va D bi loai.
Véi duong thang y = —3x — 3 trong dap an A, n6 di qua diém M va ta c6 phuong trinh hoanh

do: x> +3x* —2=-3x-3<(x +1)3 =0 c6 nghiém boi x = —1 thda mén.



Do do chon dép an A.

Lera chon bang phép the 2: Ta lan luot:

+ Vi duong thang y = 3x —1 trong dap an D, nd di qua diém M va ta ¢ pt hoanh do:
X° +3x* =2 =3x—1<> (x—1)(x* +4x+1) = 0 khong c6 nghi¢m boi nén loai B va D
+ V6i duong thing y = —2 trong dap 4n A, nd di qua diém M va ta c6 pt hoanh do:

X’ +3x* —2=-2< x> +3x* =0 c6 nghiém bdi X =0, théa man.
Vay chon A.

Cau 62. Cho ham s6 (C):y = x° —3x* +1. Phuong trinh tiép tuyén cta dé thi di qua diém M (3;1) Ia

A y=1Ly=9x-26. B. y=1Ly=x-2.

C. y=2x-5y=9x-26. D. y=2x-5y=x-2
Loi giai

Chon A.

Loi gidi twr lugn 1: Puong thang qua M c¢6 phuong trinh: y =k (X —3) +1
d tiép xtc vsi (C) khi hé sau c6 nghiém:

{x3—3‘»x2 +1=k(x-3)+1

x=0 k=0
:>2x3—12x2+18x=0<:{ <:{
3x>—6x=k 3

X = k=9
Véi k=0tacd: d:y=1
Voi k=9 tacod d:y=9x-26

d,:y=9(x-3)+1l<d,: y=9x—26.
Vay, qua M ké dugc hai tiép tuyén d, va d, t6i (C).

Loi gidi tw ludn 2: Goi A(XO; yo) 1a tiép diém, suy ra Yo = Xo3 —3X02 +1 va phuong trinh tiép
tuyén d tai A co dang:

Ay =y (%)(X=%)+Yo = d 1y =(3%" 6% ) (X=X )+ %’ —3% +1.

Pé d di quadiém A diéu kién la: 1=(3x," —6X,)(3— X, )+ X," —3%," +1

<X, —6%," +9% =0 < X, =0 hodc x, =3.

Khi do:

Véi X, =0, ta duge tiép tuyén d, c6 phuong trinh: d, 1y =0(x—-0)+1<d, 1y =1.

Véi x, =3, ta dugc tiép tuyén d, co phuong trinh:
d,:y=(27-18)(x—3)+27-27+1<d,:y=9x—26.

Vay, qua M ké dugc hai tiép tuyén d, va d, t6i (C).



Luwa chon ddp dn bang phép thir 1: Ta lan luot:
Véi duong thang y =1 trong dap an A, nd di qua diém A va ta c6 phuong trinh hoanh do:
X} -3x* +1=1< x> -3x* =0, c¢6 nghiém boi x=0, thoa man.

= Céc dap an C va D bi loai.
Véi duong thang y = 9x—26 trong dap an A, nd di qua diém A va ta c6 phuong trinh hoanh
do:

X} —3x* +1=9x—-26 < x> —3x* —9x+27 =0, c6 nghiém bodi X =3, thoa mén.
Do d6, viéc lua chon dép an A 1a ding dén.

Luwa chon ddp dn bang phép thir 2: Ta lan luot:

Véi duong thang y = X— 2 trong dap an D, n6 di qua diém A va ta c6 phuong trinh hoanh do:
X -3 +1=x-2=x*-3x* —x+1=0

< (x—1)(x+1)(x—3)=0khong c6 nghiém bdi, nén cac dép an B va D bj loai.

Véi duong thang y =1trong dap an A, n6 di qua diém M va ta c6 phuong trinh hoanh d¢:

XX =3x°+1=1<=x*-3x*=0¢b nghiém boi X =0 théa man

Do d6, viéc lya chon dap an A 1a ding dén.
Lwa chon ddp dn bang phép thi 3: Ta lan luot:

Vidiém M €(C)nénqua M c6 mot tiép tuyén ( tai diém M ) dang:

y=y'(3)(x-3)+1<y=9(x-3)+1<y=9x—26

= cac dap an B va D bi loai.
Véi duong thang y =1trong dap an A, n6 di qua diém M va ta c6 phuong trinh hoanh d9:

-3 +1=1<=x*-3x*=0¢b nghiém boi X =0 théa man

Do d6, viéc lya chon dap 4n A 1a ding dén.

Cau 63. Cho ham s6 (C):y = x> —3x’ +2. Phuong trinh tiép tuyén ciia d6 thi ham sé di qua diém

A(%;—Zj cé dang

A. (d):y=2, (d,):y=9x+25va (d3):y=—§x—g.
3 27
B. (d,):y=-2, (d,):y=9x+25va (d3):y:—§x—g.
3 27
C.(d):y=2, (d,):y=9x—25va (d3):y:—§x+%.
D. (d,):y=-2, (d,):y=9x—25va (ds):y——§x+%_

Léi giai



Loi gidgi tw lugn 1: Puong thang (d)di qua A c6 phuong trinh y =k [X —%) -2. (1)

Puong thang (d ) tiép xtc v6i d6 thi ham sé khi hé sau c6 nghiém

x3—3x2+2=k(x—§j—2 x3—3x2+2:(3x2—6x)(x—§j—2
9 = 9
3x*-6x=k 3x*-6x=k
X=2 I
=0
X=3
< < k=9
x=1 5
L 3 k:—é
3x*-6x=k -
Khi do:
Vi k=0 thay vao (1) ta duoc tiép tuyén (d,):y=-2 .
Véi k=9 thay vao (1) ta duoc tiép tuyén (d,):y=9x-25 .
Véi k :—g thay vao (1) ta dugc tiép tuyén (d,): y:—gx+% .

Vay, ton tai ba tiép tuyén (d, ), (d,), (d,) cia dd thi théa man diéu kién.

Loi giai tw luan 2: Gia st tiép diém 1a M (x,; Y, ), khi d6 phuong trinh tiép tuyén c6 dang:
(d):y =Y (%)(X=%)+ Y

o (d):y=(3% —6% )(x—%)+X-3% +2. (2)

23

Piém Ae(d), ta dugc: —2=(3x§—6x0)(3—x0j+xg—3x§+2

X, =2
<:>(x0—2)(—2x§+2—:x0—2):0c> X, =3 .

1

3

Khi do:
Vi X, =2 thay vao (2) ta dugc tiép tuyén (d,):y=-2 .

Vi X, =3 thay vao (2) ta duoc tiép tuyén (d,):y=9x—-25.

Véi x, :% thay vao (2) ta duoc tiép tuyén (d,):y=—>Xx+— .



Vay ton tai ba tiép tuyén (d,), (d,), (d,) cua do thi théa man diéu kién.
Lua chon dap an bang phép thir: Ta lan luot danh gia:
biém A khong thudc dt (d,) trong lua chon A nén dan an A bj loai.
biém A khong thudc dt (d,) trong lua chon B nén dan én B bi loai.
biém A khong thudc dt (d,) trong lya chon C nén dén 4n C bi loai.
Do d6, viéc lya chon dap 4n D 1a dung dén.
Cau 64. Cho ham s6 (C):y =x* —4x* +1. S6 dt di qua diém A(0;1) va tiép xtc véi dd thi ham sé bang:
A. 0. B.1. C. 2. D. 3.

Lai giai
Chon C.

Loi gidi tu luan 1: duong thang di qua A c6 phuong trinh: (d):y =kx+1.
(d) tiép xtc véi do thi ham sb khi hé sau ¢ nghiém:

x=0

= x* —4x? :1:(4x3—8x)x+1 S -4 =0

X' —4x* +1=kx+1
X==

4x° -8x =k

&I_N

Vay, qua A ké dugc ba dudng thang tiép xic véi do thi ham sé
Loi giai tw luan 2: Goi M (xy;y,) la tiép diém, suy ra y, = x; —4xZ +1 va phuong trinh tiép
tuyén (d) tai M codang (d):y =y (X )(X=%)+Y,

o (d):y=(4%-8% ) (X=X )+ X3 —4x; +1.

Dé (d) di quadiém A diéu kién la:

1:_(4X03—8X0)X0+X§—4X§ +1<3x; —4x; =0<> x, =2 hodc X, ==+

sl

Vay, qua A ké duoc ba duong thang tiép xdc véi do thi ham sé.

Lua chon dap an bang phép thir: Vi diém A 1a diém cuc tiéu (¢ chinh gitra) cta ba diém cuc tri
ctia do thi ham sd, do 6 qua A ludn ké dugc ba tiép tuyén ti d6 thi ham sé.

Do @6, viéc lya chon dap an C 1a dung dan.



Cau 65. Cho ham s6 (C):y = x* —2x” +3. Sb duong thang di qua diem A(0;4) va tiép xdc véi do thi

ham sé bang:
A. 0. B.1. C.2. D. 3.

Loi giai
Chon A.
Loi giai ty luan 1: dt di qua A c6 phuong trinh: (d):y=kx+4.
(d) tiép xdc véi do thi ham sb khi hé sau ¢ nghiém:

x*—2x* +3=kx+4
{ :>x4—2x2+3:x(4x3—4x)+4

4x% —4x =k

& 3x* —2x* +1=0, vo nghiém.

Vay, qua A khong ké dugc dt nao tiép xdc véi do thi ham sb.

Loi giai tw luan 2: Goi M (X,;Y,) 1a tiép diém, suy ra y, =x; —2x? +3 va phuong trinh tiép
tuyén (d) tai M c6 dang:

(d):y =Y (%)(X=%)+ Yo

< (d):y=(4%—4% ) (X=X, )+ X — 2 +3.

Dé (d) di qua diém A diéu kién la:

4= —(4x5 = 4%, )X, + X5 —2X; +3 <> 3x; —2%) +1=0, v0 nghigm.

Vay, qua A khong ké duoc duong thang nao tiép xtc voi db thi ham sé.



Lua chon dép 4n bang phép thir: Vi diém A la diém ¢ phia trén diém cuc tiéu (¢ chinh giira)
cta ba diém cuc tri cua do6 thi ham so, do d6 qua A khong ké duoc tiép tuyen tai d6 thi ham so.

Do d6, viéc lya chon d4p 4n A la dang dan.
Cau 66. Cho ham s6 (C):y = x* —3x° +1. Phuong trinh tiép tuyén cua do thi ham s6 di qua diem
M (0;1) c6 dang:

A y=1. B. y=2x+1. C. y=-2x+1. D.Ca A, B,C.

Loi gidi
Chon D.
Loi gidi tu luan 1: Duong thang di qua M c6 phuong trinh: (d):y =kx+1.

(d) tiép xtc véi do thi ham sb khi hé sau c6 nghiém:

= x*—3x° +1:(4x3—6x)x+1
4x3 —6x =k

{x4—3x2+1=kx+1
o3 -3’ =0 X (X’ ~1)=0<x=0, x=—1va x=1.
Khi do:

Véi x=0, ta duoc k=0 vatiép tuyen (d,):y=1.

Vé6i x=-1, taduoc k=2 tiéptuyén (d,):y=2x+1.

Vé6i x=1, ta duoc k =-2 tiép tuyén (d,):y=-2x+1.

Vay, qua M ké dugc ba tiép tuyén (d,), (d,) va (d,) téi (C).

Loi gidi tu luan 2: Goi A(X,;Y,) 12 tiép diém, suy ra y, =x; —3x +1 va phuong trinh tiép
tuyén (d) tai A c6 dang:

(d):y=y"(%)(X—=% )+ Yo <:>(d):y:(4x§—6x0)(x—xo)+x§—3x§ +1.
Dé (d) di quadiém M diéu kién la:

1:_(4x§—6x0)x0+x§—3x§ +1<3x—3x2 =0



X (% -1)=0ex=0, X, =-1vax =1,

Khi do:

= Vi X, =0, ta dugc tiép tuyén (d,):y =1

= V6i X, =—1, taduoc tiép tuyén (d,):y=2x+1

= Vi x, =1, ta dugc tiép tuyén (d,):y=-2x+1

Viy qua M ké dugc 3 tiép tuyén (d,).(d,) va (d;) dén (C).
> Lwa chon ddp dn bang phép thi: Ta lan luot

= Vi duong thang y =1 trong dap 4n A, n6 di qua diém M va ta c6 phwong trinh hoanh do:

x* —3x* +1=1< x* —3x* =0, c6 nghiém bdi x=0 théa man
— Cac dap an B va C bi loai
»  Véiduong thang y = 2x +1 trong dap an B, n6 di qua diém M va ta ¢6 phuong trinh hoanh

do:
X' —3x2 +1=2x+1< X —3x2 —2x =0 = x(x+1)(x2 —x—2)=0
= X(X+l)2 (x—2)=0, c6 nghiém boi x =-1, thoa mén

= Dép an A bi loai
Do d6, viéc lya chon dap an D 1a ding dan.

Cau 67. Cho ham s6 (C):y =x* —1. Phuong trinh tiép tuyén ciia d6 thi ham sb di qua diém M (0;-4) c6

dang:

A y=-4vay=-4x-4 B. y=4x—-4 va y=-4x-4

C.y=—4vay=4x-4 D.y=x—-4vay=-x—4
Loi giai

Chon B.

> Loi giai tu luan 1: duong thang di qua M c6 phuong trinh: (d):y=kx—4.(d) tiép xdc
vé6i d6 thi ham sb khi hé sau c6 nghiém:

x*—1=kx—-4 A A A
& X =-1=4x"-4 & X' =3 < x=11

453 =k
Khi do:
= V6i x=1, taduoc k=4 vatiép tuyén (d,):y=4x-4
= V6i x=-1, tadugc k =—4 vatiép tuyén (d,):y=-4x—4
Vay, qua M ke duoc hai tiép tuyén (d,) va (d,) dén (C).

> Loi gidi tu luan 2: Goi A(X,, Y,) 12 tiép diém, suy ra y, = x* —1 va phuong trinh tiép
tuyén (d) tai Acodang: (d):y=y'(X)). (X=X, )+ Yo < (d)1y=4%5.(x=X, )+ —1

Dé (d) di qua diém M diéu kién 1a: —4=—4x; + X} —1< 3%, =3 x, =1



Khi do:
= V6i x=1, taduoc k=4 vatiép tuyén (d,):y=4x-4

= Véi x=-1, tadugc k =—4 vatiép tuyén (d,):y=-4x—4
Vay, qua M ké duoc hai tiép tuyén (d,) va (d,) dén (C).

> Luwa chon dap an bang phép thir: Ta lan luot:

= Véiduong thang y =—4 trong dap an A, né di qua diém M va ta c6 phuong trinh hoanh
do:

x* —1=-4 < x* = -3, vo nghiém = Céac dap an A va C bi loai

»  V6iduongthang y =4x—4 trong dap an B, n6 di qua diém M va ta ¢6 phuong trinh
hoanh d6:

X' —1=4x-4 < x* —4x+3=0< (x=1)(x* +X* +x-3) =0

& (x=1)° (x*+2x+3)=0, c6 nghiém boi x =1, thoa man

Do d6, viéc lya chon dap 4n B 1a ding dén.

Cau 68. Cho ham s6 (C):y =x* —4x* + 2. Phuong trinh tiép tuyén cua do thi ham s6 di qua diém
M (2;2) c6 dang:

32 10
A y=1y=16x-30,y=—X+—
y y y 27 27
32 10
B. y=1y=16x+30,y=—X+—
y y y 27 27
32 10
C.y=2y=16x-30,y=—X——
y y y 27 27
32 10
D. y=2,y=16Xx+30,y=—Xx——
y y y 27 27
Loi giai
Chon C.

> Loi giai tu luan 1 két hop sir dung may tinh CASIO fx - 570MS: duong thang di qua M ¢6
phuong trinh: (d):y=k(x—2)+2

(d) tiép xtic v6i dd thi ham s6 khi hé sau c6 nghiém:
X' —4x* +2=Kk(x-2)+2

{4x3 —8x =Kk

=> X' —4x* +2=(4x* -8X)(x=2) +2

<=>3x*-8x> - 4x* +16x =0

<=0 x=0

3x—8x°—4x+16=0 4
X = —
L 3



Khi do:

= V6i x=0, taduoc k=0 vatiép tuyén (d,) co phuong trinh: (d,):y=2.

= Vi x= %4, ta dugc k = % va tiép tuyén (d,) co phuong trinh:

32 4 32 10
d):y=—X+)+2<=>(,):y=—x——
(d,)):y 27( 3) (d,):y 77X o7

= Véi x=2, tadugc k =161tiép tuyén (d,) c6 phuong trinh:
(dy):y=16(x-2)+2<=>(d,):y=16x-30

Vay qua M ké duoc ba tiép tuyén (d, ),(d,),(d,) tsi (C).

> Loi gidi tw luan 2: Goi A(X,;Y,) 12 tiép diém, suy ra y, = x¢ —4x2 +2 va phuong trinh
tiép tuyén (d) tai A c6 dang:
(d) 1y =Y X)X =%) + Yo <=>(d) 1y = (45 —8% ) (X— X)) + X5 —4%; +2
Dé (d) di qua diém M diéu kién Ia:
2= (4x5 —8%,)(X—X,) + X5 —4xZ +2 <=>3xX; —8x5 —4x +16x, =0
X, =0

<=> <=>X, =0,X% _4 X, =2
3% —8x2 —4x,+16=0 R

= V6i x=0, ta duoc tiép tuyén (d,):y=2.

—4 3210
 X= - , (d)y=—x-——
= Vi 3, ta duoc tiép tuyén 21 21

= V6i x=2, ta duoc tiép tuyén (d,):y=16x-30
Vay qua M ké dugc ba tiép tuyén (d,),(d,),(d,) tsi (C).
> Luya chon dap an bang phép thir 1: Ta lan luot:

= Véiduong thang y =1 trong dép an A, n6 khong di qua diém M nén cac dap an A va B bi
loal.

= Véiduong thang y =16x—30 trong dap an C, né di qua diém M va c¢6 phuong trinh
hoanh do:

X' —4x* +2=16x-30 <=> x* —4x* -16x+32=0

<=> (X=2)(x* +2x* —=16) = 0 <=> (X - 2)(x - 2)(x* +3x+8) =0

c6 nghiém boi x =2, thoa man.

Do @6, viéc lya chon dap an C 1a dung dan.

> Lua chon dap an bang phép thir 2: Ta lan luot:

Véi duong thang y =1 trong dap 4n A, né khong di qua diém M nén cac dap an A va B bi loai.

Vi diém M e (C) nén qua M c6 mot tiép tuyén (tai diém M) dang:
y=y'(2)(x-2)+2<=>y=16(x—2)+2<=>y=16x—-30 => dap an D bi loai.



Do d6 viéc lua chon dap an C 1a dung dén.

Cau 69. Cho ham s6 (C):y = x* —x?. Phuong trinh tiép tuyén cua dd thi ham s6 di qua diém A(-1;0) c6
dang:

4 4
A.(dl):y:x+1,(d2):y:2x+2,(d3):y:Ex+E

B. (d,):y=—x-1(d,):y=3x+3,(d;):y=4x+4
C.(d):y=0,(d,):y=-2x-2,(d;):y=2x+2

4 4
D. (d):y=0,(d,):y=-2x-2,(d,):y=——x——
(d,):y=0,(d,):y (dg):y R

Loi gidi
Chon D.
> Loi giai tu luan 1: Puong thang (d) di qua A c¢6 phuong trinh: y =k(x+1) (1)
DPuong thang (d) tiép xuc véi d6 thi ham sé khi hé sau ¢ nghiém:

{x“ —x*=k(x+1) — {x“ —x? = (4x* = 2x)(x+1)

4x® -2x =k 4x®-2x =k
x=-1 [
2 =-2
X(x+1)(3x°+x-2)=0 x=0
<=> <=> <=>|k=0
4x3 -2x =Kk w2
= —4
L 3 =E
k = 4x° - 2x -

Khi do:

= V6i k=0 thay vao (1) ta duoc tiép tuyén (d,):y =0.
= V6i k =-2 thay vao (1) ta duoc tiép tuyén (dz) Yy =-2Xx-2.

= Vi k :—2;47 thay vao (1) ta duoc tiép tuyén (d3): y:—ix—i

27 27

Vy, ton tai ba tiép tuyén (d, ), (d,), (d) cta d6 thi théa man diéu kién.

> Loi gidi tw ludn 2: Gia sir tiép diém 1a M (X,; Y, ), khi d6 phuong trinh tiép tuyén c6 dang:
(d):y=y'(X)(x=%)+Y, <(d): y:(4x§—2x0)(x—x0)+x§—x§ (2).

piém Ae(d)., taduoc: 0=(4x; —2x, )(=1=X,)+ X =X <> X, (X, +1)(3%¢ + %, —2) =0



< X =0,% =-1va x, =§.

Khi do:

= V6i X, =0 thay vao (2) ta dugc tiép tuyén (dl) 1y =0.

»  V6i X, =—1 thay vao (2) ta duoc tiép tuyén (d,):y =-2x—-2.

4 4
——X——.
271 27

= Vi X, = % thay vao (2) ta duoc tiép tuyén (d3) Ty =
>  Lwa chon ddp dn bang phép thiz 1: Ta lan luot danh gia:
= Véi duong thang (dz) trong lua chon A ta xét hé phuong trinh:

4x3 —2x =2 2x3 —x-1=0 Xx=1

{x4—x2:2x+2 {x4—x2—2x—2:0 {x4—x2—2x—2:0
= =
He trén vo nghiém, tic 1a (d,) khong Ia tiép tuyén cua (C), suy ra cac dap 4n A va C bi loai.

= V6i dudng thang (dl) trong lya chon A ta xét hé phuong trinh:

X' —x>=0 ,

5 = X =0 (tuc la c6 nghiém)
4x° -2x=0

Tuac 1a (d, ) 1a tiép tuyén cua (C), suy ra dap 4n B bj loai.

Do do, viéc lya chon dap an D 1a dung dan.

> Lwa chon ddp dn bang phép thi 2: Ta lan luot danh gia:

»  Daoham: y'=4x’-2X,y'=0<4x’—2x=0=>x=0 va y(0)=0.

Diéu d6 ching to do thi ham sé tiép xdc véi truc tung, tic 1a c6 mot tiép tuyén di qua diém A
la y=0. Suy ra, cac dap an A va B bi loai.

= Véi duong thang (d3) trong lua chon C ta xét hé phuong trinh:
{x4—x2=2x+2 {x4—x2—2x—2=0 {x4—x2—2x—2=0
= =

4x3 —2x=2 2x3 —x-1=0

H¢ trén vo nghiém, tuc la (d3) khéng 1a tiép tuyén cta (C) , suy ra cac dap an C bi loai.

Xx=1

Do d9, viéc lya chon dép an D 1a ding dan.
Cau 70. Cho ham sé y = x* 6 dd thi (C). Hai tiép tuyén ciia db thi ham sé di qua diém M (Z;—Sj

tiép xtc véi (C) tai A va B. Phuong trinh (AB) c6 dang:
A y=X. B. y=5x+6. C. y=-5x+6. D. y=—x.



Lai giai
Chon B.

> Loi gidi tw lugn 1: Duong thang di qua M ¢6 phuong trinh (d): y= k(x—%j—&

(d) tiép xdc véi dd thi ham sb khi hé sau c6 nghiém va nghiém X la hoanh d¢ tiép diém:

X =k(x—gj—8:> x* :4x3(x—2j—8<:>3x4—5x3—8:0
43 =k
> (x+1)(3x° -8x* +8x—8) =0 < (x+1)(x—2)(3x* —2x+4) =0
< x=-1hoic x=2 = A(-L1) va B(2,16).
Khi d6, phuong trinh dudng thang (AB) duoc cho béi:

(AB):{quaA(l;l) o (AB): X1 Y1

— = AB):y=5Xx+6.
qua B(-1;1) 2+1 16—1<:>( )y

> Loi gidi tw lugn 1 két hop sir dung may tinh CASIO fx — 570MS: Puong thang di qua M

¢6 phuong trinh: (d ): y = k(x—%j—8

(d) tiép xdc véi dd thi ham sb khi hé sau c6 nghiém va nghiém X la hoanh d¢ tiép diém:
5
x*=k| x—=1{-8
( 4j = x* =4x3(x—gj—8<:>3x4—5x3—8=0
45 =k
> (x+1)(3x° -8x* +8x—8) =0 < (x+1)(x—2)(3x* —2x+4) =0

<> X=-1hoic X =2 bang cach an:

MODE MODE | 1]| »
3-10B-H-10 7
M RO

Khi d6, ta ¢6 hai diém A(-11), B(2;16) va phuong trinh duong thang (AB) duoc cho béi :

(AB):{quaA(_l;l) o (AB) X1 YL

qua B(~L1) ‘241 16-1

< (AB):y=5x+86.

Lya chon dap an bang trich lugt ty luan: Puong thing di qua M c6 phuong trinh
5

d):y=k| x——|-8.

(A):y ( 4)

(d) tiép xdc véi dd thi ham sb khi hé sau c6 nghiém va nghiém X 1a hoanh d6 tiép diém:



xy

< x=-1hoic x=2 = A(-L1) va B(2,16).
Nhan xét rang toa d6 cac diém A, B théa man phuong trinh duong thing trong B. Do d6, viéc
Iya chon déap an B 1a dung dan.
> Loi gidai tw lugn 2: Goi A(X,;Y,) latiép diém, suy ra y, = X; vatiép tuyén (d) tai A co
dang (d):y=y' (X=X, )+ Y, < (d):y=4x5 (X=X, )+ X,

Pé (d) di qua diém M didu kién Ia —8:4x§(§—xoj+x§<:>3x§—5x§—8:0

< X, =—1hodc X, =2 = A(-1L1) va B(2;16).

Khi d6, phuong trinh duong thang (AB) duoc cho bai:

(AB): {qua AR (AB): XL _ Y=L _ (aB):y=5x+86.
qua B(-11) 2+1 16-1

>  Luwa chon dép dn bang phép thi 1: Ta lan luot:

= Véiduong thang y = X trong dap an A, ta c6 phuong trinh hoanh do:

X' =x < Xx=0 hodc Xx=1.

Xét tiép tuyén tai A(0;0) ctia (C) c6 phuong trinh (d,):y=y'(0)<(d,):y=0.

Tiép tuyén nay khong di qua diém M nén dap an nay bi loai.

= Véiduong thang y =5x+ 6 trong dap an B, ta c6 phuong trinh hoanh do:

X" =5X+6 = x =—1 1a mot nghiém.

Xét tiép tuyén tai B (—1; l) cua (C) ¢6 phuong trinh

(dg):y=Yy'(-)(x+1)+1e(dg): y =—4(x+1)+1< (dg): y =—4x-3.

Tiép tuyén nay di qua M (thoa man).

Do d6, viéc lya chon dap 4n B 1a diing dan.

> Lua chon ddp an bang phép thi 2: Ta lan luot:

Phic thao hinh v& (hinh bén) ta thdy duong thing (AB) c6 hudng di Ién, do d6 cic dap an C

va D bi loai.

Vi dudng thing y = X trong dap 4n A, ta c¢o phuong trinh hoanh do: X* =X <> Xx=0 hoic

x=1.

Xét tiép tuyén tai A(0;0) cta (C) ¢6 phuong trinh (d,):y=y'(0)<(d,):y=0.

Tiép tuyén nay khong di qua diém M nén dap an A bi loai.



Do do, viéc lua chon dap an B 1a diing dén.

Cau 71. Cho ham sb y = +§ c6 dd thi (C). S6 duong thang di qua diém M (2;1) va tiép xtc véi do
X_
thi (C) bang:
A 0. B. 1. C. 2. D. 3.

Loi gisi
Chon A.
> Loi gidi ti lugn 1: Buong thang di qua diém M c6 phuong trinh (d ) y=Kk (X — 2) +1
(d ) tiép xuc véi do thi (C) khi hé phuong trinh sau c6 nghiém :

X2 _(x-2)+1
X—2 X+2 —4
_4 = =
_y x-2 (x-2)
(x-2)

S X+2=-A4+X—2<2=-—6, mau thuan.

-(x—2)+1

Vay, qua M khong ké dugc duong thing nao tiép xtc véi do thi (C).

» Loi gidi tw lugn 2: Goi A(XO; yo) la tiép diém, suy ra phuong trinh tiép tuyén tai A co
dang:

(d):y=y"(%)(X=%)+ Y, <:>(d):—42(x—x0)+

——4(2_)(0)+x0+2<:> X, +6

> =1< —2=6, mau thuan.
(% -2) w2 -2

bPiém M e(d),tadu’qc 1=

Vay, qua M khdng ké duoc dusng thing nao tiép xuc vei db thi (C).
> Lwa chon ddp dn bang phép danh gia: Vi diém M chinh 1a tAm ddi xung cua do thi ham
sb trén nén qua M khong ké dugc tiép tuyén nao téi d6 thi ham sé.
Do d6, viéc lya chon dap 4n A 1a dung dén.
ax+b
B cx+d

< Chd y: Véi Hypebol (H):y thi:

» Néudiém M ndmtrong (H) hoc M chinh la tim ddi xting cua (H ) s& khong ké duoc
tiép tuyén nao toi (H ).
= Néudiém M namtrén (H) s& ké duoc diing mot tiép tuyén toi (H ).

» Néudiém M ndm ¢ mién ngoai cua (H ) s& ké duoc hai tiép tuyén téi (H ).

Cau 72. Cho hamsé y = 2X_11 c6 dd thi (C). Sé duong thang di qua diém M (1,-1) va tiép xic voi
X+

dd thi (C) bang:
A. 0. B. 1. C. 2. D. 3.



Lai giai
Chon A.
> Loi gidgi ti lugn 1: Puong thang di qua diém M ¢6 phuong trinh: (d ) Ny = k(X —1) -1

(d ) tiép xdc vai dd thi (C) khi hé phuong trinh sau c6 nghiém :

X1 (x-1)-1
X+1 2x—-1 3
3 = = -(x-1)-1
—k x+1  (x+1)
(x+1)2

< (2x-1)(x+1) = 3(x—1)—(x—l)2 < 3x* = -3, vd nghiém.
Vay, qua M khong ké dugce duong thang nao tiép xdc véi dd thi ham sb.

> Lo gidi ti lugn 2: Puong thang di qua diém M ¢6 phuong trinh: (d ) Y= k(X—l) -1

(d ) tiép xuc véi do thi (C) khi hé phuong trinh sau c6 nghiém :

XA (x-1)-1 |2-— —k(x+1)-2k-1
X+1 - X+1
3 3
2=k sz (*)
(x+1) (x+1)
2o 3 o3 an)-zk-1e -t =Yiakgs)
X+1 (x+1) Xx+1 6

Khi d6, phuong trinh (¥) c¢6 dang: é(ZK +3)2 =k < 4k* -2k +9=0, vd nghiém.

Vay, qua M khong ké dugc duong thang nao tiép xdc voi do thi ham sd.

» Loi gidi tw lugn 3: Goi A(XO; yo) 1a tiép diém, suy ra phuong trinh tiép tuyén (d) tai A

c6 dang:
3 2%, —1
d):y=y'(X ) (X=X%,)+Vy, & (d): ———(x =X, )+ —2
(d):y=y'(%)(x=%)+Y, <>(%+nx %)t
Diém M €(d), ta dugc —1= ﬁ(l— Xo )+ ZXX°+_11 < 3x; =-3, vo nghiém.
0 0

Vay, qua M khong ké duge duong thang nao tiép xdc véi a6 thi ham sb.

> Lwa chon ddp dn bang phép déanh gid: Phac thao qua do thi cua ham sb ta nhan thay diém
M thugc mién trong cua do thi ham sé nén qua M khéng ké dugc tiép tuyén nao toi do
thi ham sé.

Do @6, viéc lya chon dap an A la dling dan.

@ Nhan xét: Nhu vay, dé ly chon duoc dap an ding cho bai toan trén thi:

= Trong cach gidi ti lugn 1, 2, 3 chling ta thyuc hién theo hai phuong phap d biét. Tuy nhién

cac em hoc sinh can dic biét luu y toi phép bién dbi dai sé cho hé diéu kién duoc st dung



trong céach 2, bai d6 1a cach bién d6i rat hiéu qua, nhat 1a ddi véi nhitng bai toan chira tham
s6.
= V4i cach lira chon bang phép ddanh gid, ching ta sir dung két qua trong chd y caa cau 46.

Cau 73. Cho ham sé y = SX+2
X+4

c6 @6 thi (C). S dudng thang di qua diém M (1;1) va tiép xtc véi do

thi (C) bang:
A. 0. B. 1. C. 2. D. 3.
Loi giai
Chon B.
> Loi gidi tir lugn 1: Puong thang di qua diém M ¢6 phuong trinh: (d):y =k(x—1)+1
(d ) tiép xuc véi do thi (C) khi hé phuong trinh sau c6 nghiém :

3X+2

k(x—1)+1
X+4 3X+2 10
10 = = -(x—-1)+1
—k X+4  (x+4)
(x+4)2

<:>(3x+2)(x+4):1O(x—1)+(x+4)2 S X -2x+1=0 x=1.
Viy, qua M ké duoc mot duong thang tiép xuc db thi ham sb.
> Loi gidi ti lugn 2: Puong thang di qua diém M ¢6 phuong trinh: (d): y= k(X—l)+l

(d ) tiép xdc véi do thi (C) khi hé phuong trinh sau c6 nghiém :

X2 _y(x-1)+1  [3- 20 —k(x+4)-5k+1
X+4 - X+4
0 _, 0

(x+4) (x+4)

3- 0 _ 10 sy ski1e b= Liskao)
X+4 (x+4) x+4 20

Khi @6, phuong trinh (*) ¢6 dang : 4—10(5k + 2)2 =k & 25k* - 20k +4=0<k = %

Viy, qua M ké duoc mot duong thang tiép xuc dd thi ham sb.
» Loi gidi tw lugn 3: Goi A(XO; yo) la tiép diém, suy ra phuong trinh tiép tuyén (d) tai A

co dang:
, 10 3X, +2
(d):y=y (xo)(x—xo)+y0<:>(d):(XOT)2(x—x0)Jr x00+4
Diém M €(d), ta dugc 1:ﬁ(1—x0)+3:°:42 S X -2 +1=0x,=1
0 0

Vay, qua M ké duoc mot dudng thing tiép xtc dd thi ham sd.



> Lwa chon ddp dn bang phép danh gid: Nhan thay rang diém M thudc dd thi ham sé nén
qua M ké duoc dung mét tiép tuyén toi do thi ham sd.

Do d6, viéc lya chon dép an B 1a dung dén.

Cau 74. Cho ham s6 (C):y = il . S6 duong thiang di qua diem M (0;4) va tiép xtic véi d6 thi ham sb
X —_
(C) bang
A. 0. B. 1. C.2. D. 3.
Loi giai.
Chon C.
Loi gidi ty ludn 1: Duong thing di qua M (0;4) c6 phuong trinh d 1y =kx+4.

(d ) tiép xtic v6i dd thi ham s6 khi hé sau co nghiém:.

L:kx+4
x=1

X =
& x—1=—x+4(x-1) & 4x2~10x+5=0 < 4
x——S_\/g
4

Vay qua M (0;4) ké duge 2 dudng thang tiép xuc véi (C).
Loi giai ty ludn 2: Duong thing di qua M (0;4) c6 phuong trinh d 1 y =kx+4.

(d ) tiép xtic v6i dd thi ham s6 khi hé sau c6 nghiém:.

L:kx+4 L:k(x—1)+k+4

x—1 - x-1

- L 2:k - L 2=k(*)
(x-1) (x—1)

= t 1 2.(x—1)+k+4<:>i=£(k+4).
x—1 (x—l) x=1 2

Khi d6é phuong trinh (*) c6 dang:.

1 k=-6++20

_Z(k+4)2 —k =>k?+12k +16 =0 <

k=-6-+20
Vay qua M (0;4) ké dugc 2 dudng thang tiép xuc voi (C).
Loi gidi tw ludn 3: Goi A(X,;Y,) 1a tiép diém, suy ra phuong trinh tiép tuyén (d) tai A c6

dang.
(d):y=y(%).(x=%)+y, = (d):y=

biém M thude (d) ta duoc:.



4ot i+t < (d):14x; —10x,+5=0 <

(Xo—l)Z. 0 X, -1 5+\/§'

Vay qua M (0;4) ké dugc 2 dudng thang tiép xtic véi (C).

Lwa chon dap an bang phép danh gia phac thao qua d6 thi ciia ham s (hoc sinh ty thuc hién) va
nhan thay rang diém M thudc mién ngoai ciia do thi ham s6 nén qua M ké duoc hai tiép tuyén
toi d6 thi ham s.

Do d6 Iy chon dép 4n C 1a dung dén.

Cau 75. Cho ham s (C) y= XL; Phuong trinh tiép tuyén cta dd thi ham s6 di qua diém A(—6; 5) co
X —

dang:

A. y=-x va y:—%x+%. B. y=—-x-1va y=x+11.
s 17 .
C.y=-2x-7 va y=—2x+§. D. y=-2x-7 va y=x+11.

Loi giai
Chon A.
[1Loi gidgi tw lu@n 1: Phuong trinh tiép tuyén qua A(—6; 5) c6 dang.
(d):y=k(x+6)+5.

Puong thang (d ) tiép xtic v6i d6 thi ham s6 khi hé sau co nghiém.

1+ —k(x+6)+5 1+i2=k(x—2)+8k+5

X—2 X—
=
__ 4 ~=k __ 4 ~=k
(x—-2) (x—-2)
4 4

l+E——XT+8k+5 2 — 2k +1 k=-1
< 4 & X—2 = " 1

_ - B 2 _ =——
Khi do:.
Véi k, =—1 thay vao (1) dugc tiép tuyén (d,):y=-x-1.
Vi k, =—% thay vao (1) dugc tiép tuyén (d,): y=—%x+%.

Vay qua A ké duogc hai tiép tuyén (d,),(d,) tiép xtic véi dd thi.
[1Loi gidi tw lugn 2: Phuong trinh tiép tuyén di qua A(-6;-5) c6 dang.
(d):y=k(x+6)+5.

Puong thing (d) tiép xtic v6i d thi ham s6 khi hé sau c6 nghiém.



-2
X 4 :>X+2=_ 4 ~(x+6)+5.
_ —k Xx-=2  (x-2)

<:>(x+2)(x—2)=—4(x+6)+5(x—2)2<:>4x2—24x=0<:{

Khi do:
V61 x=0=>k=-1=d,:y=-x-1
7

V6i x=6=k=—t=d,1y=—txs’
2 2%

Vay qua A ké duoc hai tiép tuyén tiép xuc voi db thi.
Loi gidi tw lugn 3: Gia st tiép diém 12 M (x,;Y, ), khi d6 phuong trinh tiép tuyén c6 dang:

, —4 Xy +2
d:y= - = - 2
Y=Y (%)(X=%)+ ¥, =y (XO_Z)Z(X o) @
-2 4 Xy +2 ) X, =0
biém Ae(d), ta dugc: 5= —6—X, )+ S X —6x%, =0
(d) XO_Z)Z( %) % % Lo=6

Khi do:
Vé6i X, =0=d,:y=—x-1

Véi x0=—6:d2:y=—%x+g

Vay, qua A ké duoc hai tiép tuyén tiép xtic v6i do thi
Luwa chon ddp dn bang phép thir: Ta lan luot danh gia:
V6i duong thang y=-x-1 cho trong lya chon A (n6 qua diém A(-6;5)), ta c6 phuong trinh

hoanh d6 giao diém: XL; =-Xx—-1=>x*=0 c6 nghiém kép
X j—
Tuc 13, duong thing y=—x—1 1a mot tiép tuyén thoa man, suy ra cac dap an C va D bi loai
Vi duong thang y=x+11 cho trong lya chon B (n6 di qua diém A(-6:5)), ta c6 phuong trinh
hoanh d6 giao diém: i; = X+11= x* —8x+24 =0 khong c6 nghiém kép.
X —

Tuc 13, duong thang y =x+11 khong 1a tiép tuyén, suy ra dap an B bi loai.
Do do, viéc lya chon dap an A 1a ding dén
Lua chon dép an bang phép thtr két hop tu luan: Ta lan luot danh gia:

(x-2)

Tirc 13, moi tiép tuyén ciia (C) déu c6 hé s goc nhé hon 0, suy ra cac ddp an B va D bj loai.

Pao ham: y'= <0,Vx.

Vi duong thiang y=-x—1 cho trong lya chon A (né di qua diém A), ta c6 phuong trinh hoanh
d6 giao diém: XL; =—x-1=>x*=0 c6 nghiém kép.
X —

Ttc 13, duong thang y =-x—1 1a mot tiép tuyén thoa man, suy ra dap an C.

Do do, viéc lya chon dap an A 1a ding dén.






PHAN I1: HAM SO LUY THUA,
HAM SO MU VA HAM SO LOGARIT

BAIl 1: CAC PHUONG PHAP GIAl BAl TAP TRAC NGHIEM
HAM SO MU VA HAM SO LOGARIT

l. KIEN THU'C CO BAN

1. Hamsé mi

Dinh nghia 1: Ham s6 mii co sé a (0<a=1) la ham sé xdc dinh bai cong thirc y =a*.
Pao ham ciia ham sé mii: Ta ghi nhan cac két qua sau:

. e*=-1
a. lim
x—0 X

=1.

! !
b. Véimoi xelk,taco (ex) =e* va (ax) =a“.Ina.
!

c. Néu u=u(x) laham sb c6 dao ham trén J thi véi moi xeJ tacéd (e') =e"u’ va
’
(a”) =a'.Inau’

Xéthamso y=a*,(0<a=1) tacé tinh chdt sau:
1. Liéntuctrén .
2. Su bién thién: Ham s don diéu véi moi X .
o Vi a>1thi a* >a® < x >Xx,, tac la ham sé dong bién.
e Voi O<a<1thi a®>a® < x <X,, tac la ham sé nghich bién,
3. D6 thi ciia ham s ¢6 2 dang va:
e Ludn cattruc Oy tai A(0;1).
e Nam & phia trén truc hoanh.
e Nhan truc hoanh lam tiém can ngang.
2. Ham sé logarit
binh nghia 2: Ham s6 logarit co'sé6 a(0<a=1) la ham sé xac dinh bsi cong thic: y =log, .
Pao ham ciia ham sé logarit: Ta ghi nhan cac két qua sau:
In(x+1)

a. lim———~=1.
x—0 X

. - ' 1 ’
b. V¢ 0;+0), taco: (Inx) =— va (I N '
&i moi x €(0;+00), ta co: (Inx) X va (log, x) x.Ina

!

X \ har oA Az . A SR . L
c. Néu u=u(x) lahamsoco dao hamtrén J thivoimoi xe J, taco: (Inu) =— va
u

!
!

“ulna’

(log, u)

Xéthamso y=log, X, véi 0<a =1, ta cé cac tinh chat sau:
1. Hamso lién tuc trén D =(0;+o0) vatap giatrila 1 =

2. Sy bién thién: Ham sé don diéu véi moi x .



e V6i a>1 thi log, x, > log, X, < X, > X,, tirc 1a ham s6 ddng bién.

e Véi 0<a<1lthilog, x, >log, X, < X, < X,, tic la ham sé nghich bién.
3. P4 thi ciia ham s ¢6 2 dang va:
Ludn cét truc Oy tai A(0;1).

Nam & bén phai truc tung.

Nhan truc tung lam tiém can dung.

3. Ham s liiy thira
e Dinh nghia 3: Ham sb liiy thira 12 ham sé xac dinh boi cong thiac y = x*, véi a 1a hing s6 tiy
y. Ie r

Pao ham cua ham s6 mi: Ta ghi nhan cac két qua sau:

a. Néu ham s§ y = x* c6 dao ham tai diém moi diém x>0 va (xa)' —ax*t.
b. Néu u=u(x) laham sé c6 dao ham va u(x)>0 trén J thi (ua)' =au'u**, véimoi xeJ.
cha y:

1. Vé6i n 1a s nguyén tuy vy, ta cd (x“ )' =nx"" véi moi x=0; va néu u=u(x) la ham sé c6 dao
hamva u(x)=0 trén J thi (u”)’ =nu’u"t, véimoi xeJ.

2.Taco: (Q/;)r =

3. Néu u=u(x) laham sé c6 dao ham trén J va thoa diéu kién u(x)>0 véi moi x thugc J khi n

véi moi x>0 néu n, vai moi x=0 néu n [é.

1
r]n Xn—l

chin, u(x)# 0 véi moi x thuge J khi n le thi (8u) = ——
nyu""
II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM:
Caul: Chohamsé y=(x-1)"". Tap xac dinh cia ham s la:
A. \{2}. B. (L+0)\{2}. C. [L+00)\{2}. D. 2\{1}.

Loi gidi.
Chon B.
> Loigiai tw luan: Pieukiénla 0<x—1#1<1<x#2.
Vay, tap x4c dinh ctia ham 6 13 (1+00)\ {2} .
Cau2: Chohamso y=In(x*—x-+1). Tap xéc dinh ctia ham s6 la:
A. 2. B. [0;+oo). C. [l;+oo]. .D. (—00;0).
Loi gidi.
Chon A.
e, 1y 3 .
» Lo giai tw luan: bieu kién la: x°—x+1>0< X—E +Z>O,luondung.

Vay, tap xac dinh cia ham s 1a ®
> Luwa chon dap an bang phép thir: Ta lan luot danh gia:
= Xuat phét tir dap an B, ta thay x =0 vao ham s6 ta duoc:



Céau 3.

y =In1=0, t&rc ham sb xac dinh tai x=0.

Do do, cac dap an C va D bi loai. Tdi day ta chi con lya chon A va B.

= Lay mot diém thudc A nhung khéng thudc B, cu thé x =—1, ta duoc:
y=In(1+1+1)=In3, tac ham s céc dinh tai x=-1.

Do d6 viéc chon dap an A 1a ding dén.

> Lua chon dap an bang phép thtr véi may tinh CASIO fx — 570 VN PLUS, bang cahs thuc
hién theo thur ty:

= Nhaphamsé y=In(x*—x+1) tan:

hQ)dpQ)+1)

= Khi d6, ta lan luot véi cac gia tri x=0, x=—1 bang cach an:
= Math &
InCE=-pn+1)
ro= D
= Math A
InlEE-p+1]
pi= 1.098612489

— ham s6 xac dinh tai x=0 va x=-1.
Do d6, viéc chon dép an A 1a dang dan.

Nhan xét: Nhu vay, dé lra chon duoc dap an dung cho bai toan trén thi:

= Trong cach giai ty ludn, ching ta thiét 1ap diéu kién c6 nghia cho biéu thirc trong ham
logarit. Va & dé, viéc giai mot bat - phuong trinh bac hai duoc thyc hién bang phép dénh gia.

= Trong cach lya chon dap an bang phép thir, chung ta dinh huéng tir néi dung bén dap an
A, B, C, D, cu thé ta chon xuat phat diém 14 x=0 hodc x=1 .

Khi chon x=0 dé thay vao ham s, ta co:

- Néu x=0thudc tap xac dinh thi cac dap an C va D bi loai, do d6 chi con phai lya chon gitra
A va B. Téi day, chiing ta thir tiép mot phan tir x, thudc A\B ( cu thé 1a ta chon x, =-1 ). Khi
d6, néu x, thudc tap xac dinh thi dap an A 1a ding, trai lai dap an B 1a dung.

- Néu x= 0khong thudc tap xac dinh thi cac dap an A va B bi loai, do d6 chi con phai lya
chon giita C va D. T6i day, chiing ta thir tiép x, =1. Néu 1 thudc tap xac dinh thi dép 4n C 1a
dang, trai lai dap an D la dung.

= Cach Iya chon dap 4n bang phép thir véi may tinh CASIO fx-570MS s& gitip chiing ta

giam thiéu dugc thoi gian tinh todn. Cac em hoc sinh can Iuu y cach khai bao ham sé logarit.
X+1

Gi¢i han lim &% bing:
x—0 X
A. 3. B. —.. C.e. D. 3e.
Loi giai
Chen C.
e Loi giai tw luan: Ta bién doi:
X+l e(e* -1 e¥-1
lim &% = lim ( ):elim( ):e,l'rngvé’idépénc.
x—0 X x—0 X x—0 X

e Lwa chon dap an bing phép thir két hep sir dung may tinh CASIO fx-570 MS:
Ta thuc hién theo thir tu:
ex+l —e

= Nhap X ta an:

ILALPHAJ@IILALPHAJ ¥ 1§ BlaLPHATE ) B IALPHAI X




Céau 4.

Cau 5.

Cau 6.

. , A N e ., . \ 1 M , A
= Khi do, ta lan lugt thir voi cac gid tri x=1 va x== bang cach an

8
CALC| 1§
CALC]1 | sE

Do do ta chon dép an C.
= Nhan xét: Nhu vay, dé lra chon duoc dap an ding cho bai toan trén thi:
=  Trong cach giai tu luan, ching ta cﬁp sir dung phép bién dbi dai sb ( dit nhan tir chung) dé
lam xuat hién gidi han co ban cua ham s6 mi.
=  Trong cach lya chon dap an bang phép thir sir dung may tinh CASIO chung ta thyc hién
phép du doan gia tri giéi han lim f(x) bang cach thyuc hién theo hai budec:

X=Xy

Budc 1: Nhap ham sé (x) vao may tinh.
Budc 2: Str dung ham CALC dé tinh:
- Giatri f(xy) néu ham so xéac dinh tai diém x; .
- Cécgiatricia f(x) v6icac x xung quanh gié tri ctia x, néu ham s6 khong xac dinh tai
diém x, .

] e3x _ er

lim .
Gidi han >0 X bang:

A. 0. B. 1. C. 2. D. 3.
Loi giai
Chon B.
> Loi giai tw luin : Ta bién doi:
3 2x 3 4 2x 3(e® -1 2(e?* -1
lim &= im &= 1 im ( )—Iim ( )=3—2=1.
X—0 X Xx—0 X x>0  3X X—0 2X

> Lua chon dap an bang phép thir két hop st dung may tinh CASIO: Hoc sinh thyc hién
tuong tu nhu Bai 3.

- e -1 s
Gidi han lim — bang:
x—0 SIn X
A. 0. B. 1. C. 2. D. 3.
Loi giai
Chen C.
» Loi gidi tu luan : Ta bien doi:
2x 2x 2(e?* —1
im& Loiim &=t X i ( ).Iim X _21-2.

x>0 sinNX x>0 X sinx x>0  2X x—0Sin X
> Lua chon dap an bang phép thir két hop st dung may tinh CASIO: Hoc sinh thyc hién
tuong tu nhu Bai 3.

e . In(1+2x
Gi61 han Ilmg
x—0 X

bang

A. 0. B.

N |~
0O
w | N

Loi giai
Chon C.

>  Loi giai tw ludn : Ta bién d6i:
_In(1+2x) 2 . In(1+2x)
Iim——~=—lim———~

2
x>0  3X 3x50  2x 3



Bai 7.

Bai 8.

Bai 9.

Bai 10.

> Lua chon dap an bang phép thir két hop sir dung may tinh CASIO: Hoc sinh thyc hién
tuong tu nhu Bai 3.
Gi6i han lim ——

x-0In(x+1)
A 0. B. 1. C. 2. D.3.
Chon B. o
» Loi giai tw ludn : Ta bién doi:

-1 . ef-1 x e*

. -1.. X
im = lim . = lim lim =1.1=1.
x-0In(x+1) x>0 x In(x+1) x>0 Xx x-0In(x+1)

. In(1+3x
Gi61 han I|m¥
x=0 Sin2x

N
-

bang:

A. 0. B.

Chon D.
» Loi gidi tu luan : Ta bien doi:
lim In(_1+3x) im In(1+3x). _ X _im 3In(1+3x). lim _2x _3
x—=0 Sin2Xx x—0 X sin2x x—0 3x x—=02sin2x 2
Cho ham s6 () =(x-1)In?x. Taco f'(1) bang:
A. 0. B. 1. C. 2. D.3.
Chon A.

: (x—=1)Inx

> Loi giai tw ludn: Ta co f-(x):[(x_l)mzx] —In2x+

N |~
O
w| N
O
N | w

= f'Q1) = In21+w=0
> Lua chon dap an bang cach sir dung may tinh CASIO fx- 570MS, bang cach thuc hién theo
thur tu:
sHIFTid/dx @ALPHA M BT R 1 I
B L 9

Vay ta dugc f'(1)=0.

Do do6 viéc lya chon dép an A 1a ding dén.

% Nhan xét: Nhu vy, dé luva chon dugc dap an dang cho bai todn trén thi:

= Trong cach giai tu ludn, ching ta thyc hién theo hai budc:

Buéc 1: Tinh dao ham caa ham sob.

Budc 2: Tinh gia tri tia dao ham tai diém Xo.

= Trong cé4ch giai bing may tinh CASIO, chiing ta thyc hién theo hai budc:
Budc 1: Thiét lap méi truong cho may tinh.

Budc 2: Khai bdo ham sb va diém can tinh dao ham.

Cho ham sb (x) = eX _1. Taco f'(In2) bang:
e+
AL B. 4 c. 2. D2,
4 9 16 25
Chon B.

> Loi giai tu luan: Ta co:
0 — e* (eX +l)—eX2(eX —1) 2 2
(ex +1) (eX +l)

In2
:>f'(|n2):ze—:g.




» Lua chon dép an bﬁng cach str dung may tinh CASIO fx- 570MS, béng cach thuc hién theo
thur tu:

SHIFT]d/dx] HALPHA el f ALPHA[X | - 1}
II%LPHN@I%LPHNIIIIIZI

0.3333]
B 49
Vay ta dugc f'(In2)= g )
Do d6 viéc lua ch()n’dép an B la ‘dﬁng dén.
Bai11. Pao ham ctia ham s6 y = x.Inx bang:
A. Inx. B. Inx+1. C. Inx+2. D.Inx+x.
Chon B.
> Loi giai tw luan: Taco:y'=In x+x.§ =Inx+1.
Bai 12.  Pao ham ctia ham s y _In(x+1) bang
A x—(x;rl)ln(x+l). B 1 C In(x2+l). D. In(x+1)
X (x+1) x(x+1) X X
Chon A.
X
———In(x+1) X—(x+1)In(x+1)

e eas A £o0o0 X+1 _
» Loi giai tw ludn: Taco:y'= 5 = 5
X X (x+1)

> Lua chon dap 4n bang phép thir két hop tw luan : Viét lai ham s6 dudi dang:
1
== 1
y=2 n(x+1)
Ta lan luot dang gia voi dang ham s6 y=uv:
=  Pap an D bi loai boi véi dang ham s6 nay khong thé co y'=vy .
= Pap an C bi loai boi nd 1a dang u'v .
= Pap an B bi loai boi nd 1a dang v'u .
Do d6, viéc lua chon dép an A la dung dan. .
> Lua chon dap an bang phép thir: Ta lan luot danh gia:
= V6iham s ¢6 dang y =% ta ludn c6 dao ham voi mau sé binh phuong thi ching ta loai trir
ngay dap an B va D.
= V&i ham s6 dang y=uv thi chung ta loai trir ngay dap 4an C boino la dang u'v .
* Do do viéc lya chon dap an A 1a dung dan.
Bai 13.  Ham s0 nao sau day la ham s6 dong bién trén =?

A. y=log, (x+1). B. y=|oge(x2 +1).
e 2

C. y=log, (x+1). D.y=|ogz(x2+1).
2 e

Chon B.

> Loi giai tw ludn: Ta lan luot :

*  Véiham so y=log, (x+1) xac dinh trén D =(-1+) nén khong théa man, do d6 A bi loai.
e

= V6ihamsd y=log, (x* +1) xéc dinh trén = va c6:
2

e 5 A 2X X P
a=§>1:> ham so dong bien trén = |

Do do, dap an B la ding, t6i day ching ta dung lai.
» Lua chon dap an bang phép thir 1: Ta lan luot danh gia:



Bai 14:

[1; +oo) .

Bai 14:

*  Trude tién, ham sb déng bién trén % thi phai xac dinh trén <. Do do, cac dap an A va C bi
loai. Té1 day ta chi con phai lya chon B va D.

= Viham s cho trong B ¢6 a= % >1, suy ra thda man.

Do d6 viéc lya chon dép an B 1a dung dén.

> Luwa chon dap 4n bang phép thir 2:Ta lan luot danh gia:

»  Trude tién, ham sb y = log, f(x) ddng bién khi a>1. Do d6, cac dap an A va D bi loai. Téoi
day chi con phai lya chon B va C.

* Vi ham s6 cho trong C khong xac dinh trén 3, suy ra dap an C khong thda man dé bai.

= Do d6 viéc luya chon dép an B la dung.

% Nhan xét: Nhu vay, dé lua chon dugc dap an dung cho bai toan trén thi:

=  Trong cach giai tu luan, chung ta 1an luot thir cho cic ham sb béng viéc thuc hién theo hai
budec:

Budc 1: Chi ra tap xac dinh cau ham sé.

Budc 2: Panh gia co s6 a dé xét tinh dong bién cua no trén =

T&i ham s trong B, chiing ta thay thoa man nén dimng lai d6. Trong trudng hop tréi lai ching ta tiép tuc
voi C.

= Trong cach lya chon dap 4n bang phép thir 1, chiing ta loai trir dan bang viéc thyuc hién
theo hai budc:

Budc 1: Sir dung diéu kién can dé ham sé don diéu trén D 1a phai xac dinh trén D, ching ta loai bo dap
&4n A va C bai cac ham sé khong xac dinh trén 3.

Budc 2: Panh gia co s6, dé loai bo duge dap an D.

= Trong cach lya chon dap an bang phép thir 2 chung ta lam nguoc lai véi phép thi 1.
Ham s y = xe* dong bién trén cac khoang:

A. (-o1]. B. [-L+). C. [-11]. D. (~o0;-1]va

Chon B. ‘

» Loi giai tw luan: Ta lan luot :
» Téap xac dinh D= <,

= Paoham: V' =e* +xe" =(1+x)e*.

= Ham s6 dong bién khi: y'>0« (1+x)e* >0 1+x> 0 x> 1.
Vay ham s6 dong bién trén khoang [-1+).

> Lua chon dap an bang phép thir: Ta lan luot danh gia:
y(2)=2¢* va y(1)=e=y(2)>y(1) .

= trén [L2] ham s6 dong bién = Cac dap an A va C bj loai.
y(0)=0=y(0)<y(1)

= trén [0;1] ham sb ddng bién.

Do do6 \{iéc lua chon dap an B }é dang.

Ham s0 y =x-2Inx. Ham s6 c6:

A. Mbt cuc dai va cuc tiéu. B. Mot cuc dai.
C. Mot cuc tieu. D. Khong c6 cuyc tri.
Chon C.

> Loi giai tw ludn 1: Ta lan luot :

* Mién xé4c dinh D =(0;+x0).
y':l_g,

= Pao ham X

y'=0=x=2.

= Bang bién thién:

X —00 0 2 +o0




2-In2

Vay ham $6 co mot cuc tiéu.
» Loi giai tw ludn 2: Ta lan luot :
* Mién xé4c dinh D =(0;+0).
y=1-2,
= Pao ham X
y'=0=x=2.
. y“:%: y"(2):%>0:> ham sb dat cuc tiéu tai x=2.
X
= Vay ham s6 c6 mot cuc tiéu.
Bai tap tuong ty: Cho ham sé y = xe . Ham s6 co:

A. Mbt cuc dai va cuc tiéu. B. Mot cuc dai.
C. Mot cuc tiéu. D. Khong c6 cuc tri.
Chon B.

Pé nghi hoc sinh 1am 2 cach.

$2. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM PHUONG TRINH MU VA PHUONG
TRINH LOGARIT
I. KIEN THU'C CO BAN:
Luot d6 dé giai tu luan cac phuong trinh mil va phuong trinh logarit dugc minh hoa so bo theo cac budc:
Buée 1: Dit diéu kién c6 nghia cho phwong trinh.
Buoc 2: Lua chon thuc hién cac budc”

> Phwong phdp 1: Bién d6i twong duong.

> Phwong phdp 2: Logarit hoa va dua vé cing co sd.

> Phwong phdp 3: Dt an phu c6 4 dang dat an phu.

a. Su dung 1 an phu chuyen phuong trinh ban dau thanh phuong trinh méi voi 1 an phu.
b. Str dung 1 an phu chuyen vé phuong trinh voi 1 an phu va hé s6 chua x.
c. batk an phy chuyén vé hé co k an.
d. St dung 1 an phu dua vé hé chta 1 4n phuval an x.
> Phwong phdp 4: Ham s bao gom:

a. Str dung tinh lién tyc ctia ham sd.
b. Str dung tinh don di€u cuatr ham $6.
c. Str dung gia tri nho nhét va 16n nhat cta ham s6.
d. Str dung dinh ly Lagrang.
e. Su dung dinh 1y Ron.
> Phwong phdp 5: Db thi
> Phirong phdp 6: Diéu kién can va du.
» Phuong phap 7: Péanh gia.

Chuy:

1. Trong trudng hop sir dung phuong phap bién ddi twong dwong ching ta c6 thé bo qua bude 1 dé giam
thiéu do phtc tap.

2. Néu lya chon phwong phéap dit an phuy thi:

a. V&i phuong trinh khong chtra tham s6 c¢6 thé chi thiét 1ap diéu kién cho aanrt phu.

b. Véi phuong trinh chtra tham s6 phai tim diéu kién dang cho an phu.



Thi du néu dat t=2* thi:

a. Vi phuong trinh khong chira tham s6 , ta chi can diéu kién t > 0.

b. V&i phuong trinh ¢6 tham s , diéu kién t phai [a t>1 .

Tuy nhién trong moi trudng hop 161 khuyén cho cac em hoc sinh 1a hiy chi ra diéu kién dung cho an phu.
II.CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM:

Bai 1:

Bai 2:

Bai 3:

Bai 4:

Bai 5:

Néu In (Inx)=1 thi x bang

1 1
A =, B. e°. C. e®. D.e.
e
Loi giai
Chon B.

> Loi gidi tir lugn: Ta bién d6i tuong duong Inx=e < x=¢° .

Lua chon d4o an })éng phép thir, ta 1an luot thir dap s6 vao phuong trinh néu thay dung thi d6 1a
nghiém, ta chi thay B dung.

Phuong trinh 2° %2 =1 ¢6 tap nghiém 1&:

A. {2;3} B. {12} C. {-6;-1} D. {6;1}
Dép an trac nghiém 1a B. o .

» Loi gidgi tr lugn: Ta bién doi tuong duong vé dang

242 220 o x2 3x+2=0 x=Lx=2

Lwa chon dap an bang cach thir cac nghiém l1an luot tir trai sang phai ta chi thiy B dung.

Phuong trinh (3 22 )3X =3+242 ¢6 tap nghiém la:

A T={1} B. T :{%} C.T :{—%} D. T={-1}

Dép an trac nghiém 1a C.

> Loi gidi tir lugn: Ta bién doi vé phuong trinh co ban 3x =log, , ; (3+ 2\/5) =—1 (bdm
may), tir d6 C ding.

Ve 7 Ve =R 3X 4 Y Ve
> Céach sir dung may tinh: Ta soan biéu thc (3—2\/5) —3+242 , bAm CACL cho x la céc
gid tri trong cac dap an thi chi ¢ C mai cho két qua bang 0.

Phuong trinh 3*.2*" =72 ¢6 tip nghiém la:
A. T ={0} B.T={1 C.T={2} D. T={3}
Dap s6 trac nghiém 1a C.
> Loi gidi tw lugn: Ta bién d6i twong duong 3°.2".2=72 < 6* =36 < x =2
> Céch dung may tinh :ta soan biéu thic 3.2 — 72, rdi bAm CACL véi cac gid tri trong
dap 4n thi chi c6 Xx=2 c6 két qua 0. Vay C dung.
Phuong trinh 3" +3*2 +3*"* =9.5% + 5" + 5% ¢¢ tap nghiém la:
A T={1 B. T ={0} C.T={-1 D. T ={-2}
Diép sb tric nghiém 1a B.

> Loi gidi twr lugn: Ta thu gon hai vé phuong trinh céc lity thira dong dang

(3+9+27).3*=(9+5+25) 5" <3 =5"<=x=0 .



> Gidi bing may tinh: Soan biéu thirc 3" +3% +-3*° - (9.5" +5* +:5°? ), bim phim

CACL rdi cho x lan lugt céc gia tri trong cac phuong an thay chi c6 x=0 cho két qua 12 0. Vay B
dang.

Bai6:  Phuong trinh 0,125.42*-3=(4J§)X c6 tap nghiém 1a
A. T ={0} B.T={2} C.T={4} D. T ={6}

Dép sb tric nghiém 1a D. . ,

»  Loigidi tw lugn: Ta dua vé co so 2, ta ¢6 phuong trinh da cho tuong duong
5X

299 =22 <:>4x—9:5—2X<:>x:6 :

>  Gidi bing may tinh: Soan biu thic 0,125.42° —(4J§)X, b&m CACL cho x 14 c4c gié tri

trong cac phuong 4n chi c6 x=6 cho két qua bang 0. Vay D dang.

> Lwa chon ddp an bang phép thir 2 (tiv phdi qua trdi): Ta lan lwot danh gid:
* V6i X=06 thay vao phuong trinh ta thay:
6 1
0125.4° =(42) « g4 =2 thoa man.
Do d6, viéc lua chon qép an D la ding déan.
» Lua chon dap an bang phép thir ket hop voi sir dung may tinh CASIO fx — 570MS — Ban doc

thuc hién.
Bai 7. Phuong trinh (x +1)X+1 = (X+1)37X co tap nghiém la:
A. T={01}. B. T={0;2}. C.T={12}. D. T={3}.

Pip s6 trac nghiém A. i
» Loi gidi tu lu@n 1: Bién d6i phuong trinh vé dang:

Xx+1=1 x=0 0
X =

O<x+1#1<| [-1<x=#0 C{x—l'

X+1=3—x x=1 B

Vay phuong trinh c6 tap nghiém 1a T = {0;1} :
» Loi gidgi tw lugn 1: Bién d6i phuong trinh vé dang:

X+1>0 x>-1 x=0
{(x+1—1)[(x+1)—(3— x)]=0 < {x(zx—z) 0~ {x -1
Vay, phuong trinh c6 tp nghiém la T ={0;1} .
» Lua chon déap an bang phép thir 1 (tir trai qua phai): Ta lan luot danh gié:
» V4i X =2 thay vao phuong trinh ta thay:
1'=1® < 1=1, dang = Céc dap an C va D bi loai.
= V6i X =1 thay vao phuong trinh ta thiy:
2> =2° < 4=4,d4ng = Dap 4n B bi loai.
Do d6, viéc lua chon Qép an A la dung dan. ‘
» Lua chon ddp dn bang phép thir 2 (tir phai qua trai): Ta lan luot danh gia:
» Véi X =3 thay vao phuong trinh ta thay:
4* =4 mau thudn = Pap an D bi loai.
= V6i X =2 thay vao phuong trinh ta thiy:
3% = 3", mau thudn = Céc dap an C va B bj loai.
Do do, viéc lua chon dap an A 1a dang dén.



Bai 8.

Bai 9.

> Lira chon ddp én bang phép thir két hop véi sir dung mdy tinh CASIO fx-570 MS: bang cach
thuc hién theo thir tu:

* Nhép X556 (3 An:

O )FHOODE @M ) H IO E
[ ) B @O AE) S Ew 6] 0]

= Khi d6, ta lan lugt voi cac gia tri x=0, x=1:

Cac) (@) 0

= X=0 la nghiém = Cac dap an C va D bi loai.

B8 0
= X=0 la nghiém = Pap an B bi loai.
Do do, viéc lua chon dép an A 1a ding dan.

2 3 .
Phuong trinh 2 = > c6 tap nghiém 1a

A. T ={1-flog, 2; flog, 2} B. T ={-flog, 2; \flog, 2}

C.T ={1—\/Iog3 2;1+/log, 2} D.T :{1— I0923;1+«/I0923}
Pap s tric nghiém D ) )
» Loi gidi tw ludn: Lay logarit co so 2 hai vé phuong trinh, ta duoc:

log, 2X % = Iogzg < x> -2x=log,3-1 <> x> —2x+1-log,3=0

Taco: A'=log,3> 0, suy ra phuong trinh ¢6 nghiém x =1+ /log, 3

Vay, phuong trinh c6 tap nghiém la T = {1—\/|Og2 3;1+ \/Iogz 3} .
> Lua chon ddp én bang phép thi két hop voi sir dung may tinh CASIO fx-570 MS:
Ta co:
= Trude tién, vi log, 2 <0 nén /log, 2 khong c6 nghia, do d6 cac dap an A va C bj loai.
= Ta thuc hién:
+ Nhap 2% ta nhén:
(2] =) (2]
+ Khi d6, ta thir voi gia tri x =,/log, 3
g va) ([ B EMERIE 0.5155
Do d06, viéc lya chon dap 5'1n D la dung dan.
< Nhan xét: Nhu vay, dé lya chon dugc dap an dung cho bai toan trénq thi: ]
= Trong cdch giai ty ludn, ching ta st dung phuong phép logarit hoa dé giai, cu the:
() O<a=#1b>0
a —_—
f(x)=log,b
= Trong cdch lwa chon ddp dn bang phép thir ching ta: .
- Trudce tién, loai dugc cac lya chon A va C bdi vi pham diéu kién c6 nghia ctia can bac hai.

. L N fln .
- B¢ thyc hién phép thur cho X = 1/ log, 3 ta bién doi nd vé dang x = % deé phu hop véi cac
n

ham trong may tinh.
Phuong trinh log, (6x* —5x+3) =1c6 tap nghiém la:

cieflerefl erfi ore

Pap s tric nghiém C.
» Loi gidi tw ludgn: Bién d6i phuong trinh vé dang



6x° —5Xx+3=2<6x°-5x+1=0 < x=% hodc x:%.

Vay, phuong trinh c6 tap nghiém T = {% ; %} :

Chay: Viée sur ,dung may tinh CASIO fx-570 MS dé giai phuong trinh béac hai & trén duoc thuc
hién bang cach an:

ODH[MODH MODE [1][»][2]
[E i Dﬁ 0.5
0.3333
{ 1J3ﬂ

» Lua chon dap dn bang phép thir: ta lan luot danh gia:

" Véi X = % thay vao phuong trinh ta thiy:
1 1 , L an s ST R T
log, (6.2—5.§+3j =1<log,2=1, ding= Ciac dap an B va D bi loai.

. 1 .
" Véi X = 3 thay vao phuong trinh ta thay:

log, (6%—5.%+3j =1 < log,2=1—=DPap an A bi loai.

Do @6, viéc lua chon dép an C la dl’lng dén.
» Lua chon dap an bang phép thu ket hop voi sic dung may tinh CASIO fx-570 MS:
Bang céch thuc hién theo thur tu:

= Nhap log, (6x* —5x+3) ta én:

08« S B B s i s D

= Khi do, ta thir v61 cac gié tri X_E va X_§

CALG 1 > —

1 A ) o ar s . 1
= X= 3 la nghiém cua phuong trinh = Céc dap 4n B va D bi loai.

AL 1 5 I —3
1
= X= 3 la nghiém cua phuong trinh = DPap an A bi loai.
Do d6, viéc lwa chon dap an C 1a ding dén.
Bai 10. Phuong trinh log, (2X* —4x+3) =2 ¢6 tap nghiém la:

A T:{l}. B.T:{Z}. C.T={3}. D.T:{1;2;3}.
Pap sb tric nghiém C. .
» Loi gidi tw ludn: Bién d6i phuong trinh vé dang:

O<x=1
O<x=1 O<x=1
2 2 9 Sqx=1 < x=3.
2X° —4X+3=X X =4x+3=0 (=3

Vay, phuong trinh c6 tap nghiém 1a T = {3} :
» Lwa chon ddp dn bang phép thir: ta 1an luot danh gia:
= Vi X=1 vi pham diéu kién co s& cua logarit nén cac dap an A va D bi loai.
= VGi X =2 thay vao phuong trinh ta thay:
log, (8—8+3) =2 < log,3=2, mau thudn= Dap an B bi loai.
Do d6, viéc lua chon Qép anCla dﬁng dén.
» Lwa chon dap an bang phép thir két hop voi sie dung may tinh CASIO fx-570 MS:



Béng cach thuc hién theo thir tu:
= Nhap log, (ZX2 —4X+3) ta 4n:

AR 2 ArHA X E8 B + (ArprA) X B8 > BB B I AprAl X

= Khi d0, ta thir vdi cac gia tri Xx=1va Xx=2:

cadt B _ ERROR)|
= X =1 khong phai la nghiém = Céc dap an A va D bi loai.
carLd? 2 1.5849

— X=2 khong phai 1a nghiém=> Dép 4n B bi loai.
Do do, viéc lua chon dap an C la ding dan.
Bai 11. Phuong trinh log, (6x° —7x+1) = log, (x* ~3x+2) c6 tap nghiém la:

A 111l B.T:{i;—l} c.Tz{—i;l} D.T={—1;—1
2'3 273 2'3 273

Pap sb tric nghiém D. .
» Loi gidi tw ludn: Bién doi tuong duong phuong trinh vé dang:

) X>2
X°—3x+2>0
S x<l
6x° —7x+1=x*-3x+2 .
6Xx°—x"—-4x-1=0
X>2 {X>2
N |:X<1 x<1
2 1 1
(x-1)(6x* +5x+1)=0 X=1X=—2,x=—=
2 3
A . y A A1y 1 1
Vay, phuong trinh ¢6 tap nghiém [a T = _E;__ .
» Lwa chon dap an bcing phép trich luot tu lugn: Ta can c6 diéu kién tdi thiéu:

6x° —7x+1>0
1 N
" Vi x=2, dicu kién (*) c6 dang:

6%—7%+1> 0 —g >0, mau thuin = Cac d4p 4n A va B bj loai.

) 1 ... ..
= Véi X= 3 diéu kién (*) c6 dang:

6.%—7.%+1>0© —%> 0, mau thuin = Dap an C bi loai.

Do d6, viéc lua chon Qép an D 1a dung dan. .
» Lva chon ddp dn bang phép thir 1 (tir trai qua phai): Ta lan lugt danh gia:

" Véi X= % thay vao phuong trinh ta thiy:

1 1 1 1 7 3
log,| 6.=-7.=+1|=log,| =—3.=+2 | < log,| —— |=log,—, vi pham
93( 3 5 j 93(4 2 j gs( 2] 934 phe
= Céc dap an A va B bi loai.
" Voi X = % thay vao phuong trinh ta thiy:

1 1 1 1 10 10 .
|Og3 (65—754‘1) = |093 (5—35 + 2] = |093 (—EJ = |Ogs E , V1 pham

= Pap an C bi loai.

» Lira chon ddp dn bang phép thir 2 (tir phai qua trai): Ta lan luot dénh gia:



. 1 .
= V61 X=- 3 thay vao phuong trinh ta thay:

1 1 1 1 28 28
log,| 6.—+7.=+1|=log.| =+3.=+2 | < log,| — |=log.| — |, d0
ga( 27 3 j gs(g 3 ) g3(gj gz(g] ung

1 . S
= X= 3 la nghiém cta phuong trinh = Céc dép an A va C bi loai.

: 1 .
" Vi X = —3 thay vao phuong trinh ta thay:

1 1 1 1 15 15 ,
|0g3 (—65 + 75 +1j = |Og3 (Z +3.§+ 2) = |093 (Zj = |0g3 (Zj ’ dung

1 : —
= X= ~3 la nghiém cta phuong trinh = Dap an B bi loai.

Do d06, viéc lya chon dép an D 1a diing dén.
> Lira chon ddp én bang phép thir két hop véi sir dung mdy tinh CASIO fx-570 MS:
Hoc sinh tu thuc hién
< Nhan xét: Nhu vay, dé Iya chon duge dap an dung cho bai toan trén thi:
= Trong cach gidi tu luan, chung ta sir dung phuong phép bién d6i twong dwong dé giai, cu thé:
log, f(x)=log, g(x)< f(x)=g(x)>0
= Trong céch lya chon dép an béng phép trich luot tu ludn, chiung ta sir dung diéu kién co nghia
ctia ham s6 logarit kiém tra cac nghiém.
= Trong cach lwa chon dap an bang phép thir 1,2 ching ta 1an luot véi cac gi tri tir trai sang phai
va tlr phai sang trai cting véi luu ¥ su ton tai ctia ching trong cac dap an khac.
Bai 12. Phuong trinh 21g(2x) =1g(X* +27) c6 tap nghi¢m la:

A T={1. B. T={12}. C. T={3}. D. T ={43}.
Pip sb trac nghiém C.
> Loi gidi tw lugn: Piéu kién:

2x>0 0 N
< x>0,
x?+27>0 ()

Bién d6i phuong trinh vé dang:
*)
Ig(2x)2 :Ig(x2+27)c>4x2 =xX'+27 & 3’ =27 & x* =9 =x=3
Vay, phuong trinh ¢6 tap nghiém T = {3} .
» Lura chon déap dan bang phép thir 1 (tir trai qua phai): Ta lan luot danh gié:
= V6i X =1thay vao phuong trinh ta thay:
2lg2=1928 < 4 =28, mau thuan = Céc dap an A va B bi loai.
= V6i X =—3thay vao phuong trinh ta thay:
2lg (—6) =19 36, vi pham = Pap an D bi loai.
Do d6, viéc lua chon Qép anCla dﬁng dén.
» Lua chon dap an bang phép thur két hop voi sic dung may tinh CASIO fx-570 MS:
Bang cach thuc hién theo thir tu:
= Nhép 2lg(2x)— Ig(x2 + 27) ta 4n:
2 [ @ 2 (el <] ) [ () (@ (AP (<] S R 27 )
= Khi d6, ta thir vdi cac gia tri x=1 va Xx=-3:
L B [ —08450

= X =1 khoéng phai la nghiém = Cac dap an A va B bi loai.



Céau 13

Céau 14

CALC (-)3= ERROR

= x=-3 khong phai l1a nghiém = Dép an D bi loai.

Do d6 viéc lia chon dép an C 1a dung dén.

Phuong trinh log, 2" =5=x ¢6 nghiém 1a:

A T ={0}. B.T={1. C.T={log,5/.  D.T={3.
Loi giai

Chon B.

= Loi gidi ti lugn: Bién d6i phuong trinh vé dang:
log, (2 ~5) =log, 2" «> 2.2 ~5=2" <> 2 =5<> x=log, 5.
Vay, phuong trinh c6 tip nghiém la T ={log, 5}.
= Lua chon dap én bang phép thir 1(tir trai qua phai): Ta lan lugt danh gia:
= Véix=0 thay vao phuong trinh ta thay:
log, (2—5)=0 <> log, (-3) =0, vipham = Dap an A bj loai.
= Véix=1 thay vao phuong trinh ta thay:
log, (22 —5) =1« log, (—1) =1, vi pham => Dap 4n B bi loai.
= Véi x=3 thay vao phuong trinh ta thay:
log, (16 —5)=4 < log, (11) = 4, mau thudn = Dap an D bj loai.
Do dé viéc lya chon dép an C la dung dén.
= Lya chon dap dn bang phép thir 2 (Tt phai qua trai): Ta lan luot danh gia:
= Véix=3 thay vao phuong trinh ta thay:
log, (16 —-5) =4 < log, (11) = 4, mau thudn = Dap an D bj loai.
= Véi x=log, 5 thay vao phuong trinh ta thy:
log, (2°%** ~5) = log, 5 <> log, (2" —5) = log, 5
<> log, (10-5)=log, 5, dung = x =log, 513 nghiém cta phuong trinh.
Do do, viéc lya chon dap an C la dung dén.
= Lua chon dap én bang phép thir két hop mdy tinh CASIO-570MS- Hoc sinh ti thuc hién.
Phuong trinh Iogﬁ x.log, x.1og, X =8 ¢6 tap nghiém la:
A T ={2}. B. T={32}. C.T={14}. D. T={4}.
Loi giai
Chon D. ‘
» Lo gidi tw lugn: Dicu kién x>0.



Céu 15

Bién dbi phuong trinh vé dang:
1
2log, x.log, x.Elog2 x=8&log’x=8<log x=2&x=2°=4

Vay, phuong trinh ¢6 tap nghiém 1a T ={4}.

= Luwa chon ddp dn bang phép thii: Ta lan luot danh gia:

= Vi x=4 thay vao phuong trinh ta thiy:

log ;; x.log, x.log, x =8 <>8=8, diing = Cac dap an A va B bj loai.

= V6ix=1 thay vao phuong trinh ta thiy: 0=8, mau thudn => Dép an C bi loai.

Do d6, viéc lua chon dép an D 1a ding dén.

= Lua chon dap én bang phép thir két hop mdy tinh CASIO-570MS- Hoc sinh t giai.

& Hoat dong: Cac em hoc sinh hay giai thich tai sao ta khong lya chon thuc hié€n phép thur
Vo1 X=2.

1
Phuong trinh |Og9 [3Iog3 (l+ I092 X):l = E c6 tap nghiém la:

A T ={1}. B. T ={4}. C.T={12}. D. T ={2;4}.
Loi giai
Chon B.
= Loi gidi tw ludn: Bién d6i phuong trinh vé dang:
3log, (1+log, x) =3 <> log,(1+log, x) =1<1+log, x=3< log, x=2 < x=4v
ay, phuong trinh c6 tap nghiém 1a T 2{4}.
= Lira chon ddp én bang phép thir 1: Ta lan luot danh gia:
= Vi x=1 thay vao phuong trinh ta thiy:

log, [3Iog3 (l+ log, X)] = % < log, 0= % , vi pham diéu kién logarit

—> Cac dap an A va C bi loai.

= Véix =2 thay vao phuong trinh ta thay:
1 1 3
log, [ 3log, (1+log, x) | = > < log, (3log, 2) = > 10g,2’=3

< 2°=3% mauthuin = Dép 4n D bi loai.

Do d9, viéc lya chon dap an B 1a dung dan.

= Luwa chon ddp dn bang phép thiru 2: Ta lan luot danh gia:
= Vi x = 4 thay vao phuong trinh ta thay:

log, [ 3log, (1+log, 4) | = % <> log, (3log, 3) = % < log,3= % dting x=4 12 nghiém

cla phuong trinh = Céac dap an A va C bi loai.

= Vi x =2 thay vao phuong trinh ta thy:



Céu 16

Cau 17

log, | 3log, (1+log, 2) | = % < log, (3Iog3 2) = % < log,2° =3 2° =3, mau
thudn = Dép an B 1a dung dan.

& Nhan xét: Vo1 bai toan trén:

»  Cic em hoc sinh lya chon kiéu trinh vay theo cac budc:

Bude 1: Dit diéu kién c6 nghia cho phuong trinh.

Buée 2: Str dung phép bién ddi tim nghiém ctia phuong trinh.

Bude 3: Két luan vé nghiém ciia phuong trinh.

Thi cac em phai thuc hién mot cong vi¢c kha céng kénh va du thira nhu & bude 1.

" Khong nén dung cach lya chon dao dn bang phép thir voi may tinh CASIO fx-570MS bai
khi d6 ching ta can nhdp mot ham kha dai vao may tinh.

Phuong trinh l0g, X + log, ( X+ 2) =1 c6 tap nghiém la:

A. Tz{O}. B. Tz{l}. C. T={1;2}. D. T:{O;Z}.
Loi giai
Chon B.
= Loi gidi ti ludgn: Piéu kién:
x>0
< x>0. (*)
{x+2>0

Bién doi phuong trinh vé dang:

log,| X(x+2) =1 x(x+2)=3< X +2x-3=0 < x=1

Vay, phuong trinh c6 tap nghiém la: T ={1}.

= Lwa chon dip dn bing phép thir: Ta 1an lugt danh gia:

=  Véi X=0 vi phan diéu kién cua logarit nén cac dap an A va D bi loai.

= Véi X=2 thay vao phuong trinh ta thiy:

log,2+10g,4 =1< 109,8 =1, mau thudin = Dép 4n C bi loai.

Do do, viéc lua chon dép an B la dung dén.

= Lira chon ddp én bang phép thir véi mdy tinh CASIO fx-570MS Hoc sinh tu thuc hién
Phuong trinh l0g, (X2 — 3) —loh, (6X —10) +1=0 c06 tap nghiém la:

A T={l}. B. T={2}. C. T={2;3}. D. T={l;3}.

Lai giai
Chon B.

= L¢i gidi ti ludgn 1: Piéu kién

2 |X|>\/§
{x 3>0 o x>, *)

A 5
6x—-10>0 x>§



Céu 18

Bién dbi phuong trinh vé dang:

2 2 (*)
log,| X =2 2]-0e X3 1 0 —3-3x—5 X’ —3x+2 =0 x=2
6x—10 3X—-5

Vay, phuong trinh ¢6 tAp nghiém 1a T ={2}.
= Lo gidi tw lugn 2: Bién ddi phuong trinh vé dang:

log, (x* ~3)+1=log, (6x~10) < log, | 2(x* ~3) | = log, (6x—10)

6x—10>0 s>

2 A\ _py 10 3 & X=2.
2(x 3)_6x 10 o B d

Vay, phuong trinh ¢6 tAp nghiém 1a T ={2}.
= Lwa cho ddp dn bang phép thir: Ta lan luot danh gia:
* Vi X=1 vipham diéu kién cua logarrit nén cac dép an A va D bi loai.

= Véi X=3 thay vao phuong trinh ta thiy:
3 .
log,6—10g,8+1=0< log, 7 +1=0, mau thudn = Dap an C bj loai.

Do @6, viéc lya cho dép an B 1a dung dén.

= Lira chon ddp én bang phép thir véi mady tinh CASIO fx-570MS Hoc sinh tu thuc hién

Phuong trinh 109, X + 109, X =109, X c6 tap nghiém la:

A. T:{l}. B. T:{ZL'G}. C. T:{1;7}. D. T:{1;10}.
Loi giai

Chon A.

= Loi gidgi tw lugn: Didukién X > 0.

Ta di bién d6i vé cung co s6 3: log, x =log, 3.10g, X; log. x =log, 3.l0g, X;
Khi d6, phuong trinh c6 dang: l0g, X +log, 3.10g, X = log; 3.10g, X
log, x(1+log,3—log,3)=0<> log, x=0<> x =1

Vay, phuong trinh c6 tdp nghiém 1a T 2{1}.

= Luwa chon ddp dn bang phép thii: Ta lan luot danh gia:
- Vi x=6 thi: VT=109;6+1l0g,6>1+1=2 . VP =log,6<2
—> X =6 khoéng la nghiém = Dap 4n B bij loai.

e vei x=7 thi: VT =109,7+log, 7>1+1=2 . VP=log,7 <2
= X =7 khéng la nghiém = D3ap 4n C bj loai.

- Véi x=10 thi- VT =109;10+10g,10>2+1=3  , VP =log,10<2



Céu 19

— X =10 khéng 1a nghiém => Dap 4n D bj loai.
Do do, viéc lua chon dép an A 1a ding dén.

= Luwa chon ddp dn bing phép thir: St dung may tinh CASIO fx-570MS, bang cach thyc
hién theo thir tu:

log, x + log, x —log, X

=  Nhap ta an:
ALPHA X|) = In 3+ ( | ALPHA X!) = In 4
- | ALPHA X) + In5

. Khi d9, ta thir véi cac gia tri X=6,X=7 vax=10:

CALC |6 = 1.8101
= Dap an B bi loai.

7 =
CALC 1.9658

= DPap an C bi loai.

CALC {0 = 2.3261
DaparmD bi loar

Do d6, viéc Iya chon dap 4n A 1a dung dén.
Phuong trinh 4" —6.2*" +8=0 ¢6 tap nghiém la:
A. T ={0}. B. T={1}. C. T={0;1}. D. V6 nghiém.
Loi giai

Chon B.
» Lo gidi tw lugn: Patt=2""1>0.
Khi do, phuong trinh c6 dang:

, t=2 |2=2 [x+1=1 [x=0
t°-6t+8=0= = = &
t=4 2 _ ¢y X+1=2 x=1

Vay, phuong trinh c6 tdp nghiém la T 2{0;1}.

= Luwa chon ddp dn bang phép thir: Ta lan lugt danh gia:

=  Véi X=0 thay vao phuong trinh ta thay:

4-6.2+8=0<0=0, dung =X =0 1a nghiém cla phwong trinh

—> Dap an B va D bi loai.

= Véi X =1 thay vao phuong trinh ta thay:

16-6.4+8=0<0=0, dung = X =1 Ia nghiém cla phuong trinh

— Ddap an A bj loai.

Do do, viéc lua chon dép an C la dung dén.

= Luwachon dap an bang phép thir két hop tu ludn va Str dung may tinh CASIO fx-570MS,
bang cach thyc hién theo thu ty:

= Nhan 47 —6.2" + 8¢, 4n:
ALPHA X

4 +1)-6 x24r ( LALPHA X1+ 8




. Khi d6, ta thir véi cac gia tri X=0,Xx=1":
CALC 0 = 0

— X =0 1a nghiém ctia phuong trinh = Cac dap 4n B va D bi loai.
CALC 1 = 0

—> X =1 1a nghiém ctia phuong trinh = Dap 4n A bi loai.
Do do, viéc lua chon dap an B 1a ding dén.
& Nhan xét : Nhu vay, dé lua chon duoc dap an dang cho bai toan trén thi :

. Trong cdch giai tw lugn, chung ta sir dung phuong phap dat 4n phu dang 1 cho
phuong trinh mi, cu thé véi phuong trinh:

(k-1)x

ad*+a_a" . . a+a, =0

Tadat t =a” , diéu kién t>0. Phuong trinh c6 dang :
k k-1
ot +a_a .ogt+a,=0
Mo réng : Néu dit t = a'™ , diéu kién hep t > 0. Khi d6 :

i _1

KO —thva o 10 =2,

a2t =2 BT o

= Trong céach lya chon dap 4n bang phép thir, ching ta thyuc hién twong ty nhu nhiing
bai toan khac.

= Trong cach lya chon dap dn bang cdch thir, stt dung may tinh CASIO fx-570MS ching ta
khai bdo ham s6 vao may tinh va thyc hién cac phép thu.

Cau 20 Phuong trinh 3% —4.37" 4+ 27 =0 ¢¢ tap nghiém 1a :

oo el e e

Loi giai
Chen C.
> Loi gidi tw lugn : Bién dbi phuong trinh vé dang : 3% —12.3" + 27 =0

bitt= 32X+4,(t > O) , phuong trinh c6 dang :

t=3 2X+4=1 x:—E
= =
t=9 2X+4=2

t? —12t+27:0<:{

Vay, phuong trinh ¢6 tap nghiém 1a T = ) =10,

> Lwa chon dép dn bang phép thir 1 (tr trai qua phai) : Ta lan luot déanh gia :
= V6i X =1 thay vao phuong trinh ta thay :
3'-4.3°+27=0<81-108+27=0<0=0, ding

—> X =—113 nghiém clia phwong trinh = Cac d4p 4n B va D bj loai.



3 .
. Véi X = E thay vao phuong trinh ta thay :

3" _4.3° + 27 =0« 4780080 =0, mau thuin = Dap an A bi loai.

Do d0, viéc lua chon dép an C la dung dén.

> Lwa chon dép dn bang phép thir 2 (tir phai qua trai) : Ta lan luot dénh gia :

, o PHAN THU 28:
CAC PHUONG PHAP TiM NHANH DAP AN
o Véi x =1 thay vao phuong trinh ta thay:

3243 +27=0 <522720=0, miu thudn = cac dap 4an B va D bj loai.

o Voi X = —g thay vao phuong trinh ta thay:
F-43F+27=0 <9-36+27=0 <0=0, dung
= X= —g la nghiém cua phuong trinh = Dap an A bi loai.

Do d6 viéc lya Ch(_)p dap an C 1a dung dan.
Lua chon dép 4n bang phép thir ket hop tu luan va may tinh CASIO fx — 570MS:
bang cach thuc hién theo thir tu:

. Nhap 3% —4.37° 127 ta an:

37 (4+8) - [ALPHA|[X ALPHA | [X |
4 x 3™ (2
+5) + 27

Khi d9, ta thir voi cac gia tri x=-1va ng
oH: B [0 ]

= X =—1 la nghiém ctia phuong trinh = cac dap an B,D bi loai.

CALC | 3 g 4780080
aC

= X= g khong 13 nghiém cta phuong trinh —> dap an A bi loai.
Do d6, viéc lya chon dép an C la dung dén.
Cau 21: Phuong trinh : 3 + 3" =10 ¢6 tap nghiém la:
A T={-10} B.T={0;1} C. {-11} D. V6 nghiém.
Dap s6 trac nghiém C.
Loi giai ty luan: Bién do6i phuong trinh vé dang: 3.3 +3,3™ =10
bat t =3*,(t > 0) , phuong trinh c6 dang:

-1
1

3 1 3 _ 1
e 3t+-=10 ©3t*-10t+3=0 < t_§<:> T3 <:>[§
Vay, phuong trinh ¢6 tdp nghiém la : T = {+1}
Lua chon dap an bang phép thir : ta 1an luot dénh gia:
Véi x = -1 thay vao phuong trinh ta thay:
1+9=10 <10=10, dung = X =—1 la nghiém cua phuong trinh.



= Cac dap an B va D bi loai.

Véi X =0 thay vao phuong trinh ta thiy:

3+3=10 < 6=10, mau thudn = DPap an A bj loai.

Do do, viéc lua chon dap an C la dung dén.

Lwa chon d4p an bang phép thir két hop tu luan va mdy tinh CASIO fx — 570 MS:
Béng cach thuc hién theo thir tu:

Nhéap 3" +3"* —10 ta an:

S W:EArHA] (X 1 B [ALPHA | [ X |

Khi do, ta thir véi cac gia tri Xx=-1va x=0

[caLc]o KA o ]

= X = -1 la nghiém cua phuong trinh = Céc dép an B va D bi loai.

o KN
= Pap an A bi loai.
Do @6, viéc lya chon dap an C 1a ding dén.

Cau 22: Phuong trinh : (2-+/3) +(2++/3) =4 co tap nghiém la:
A T={12-3}. B. {-1,2+3]
C. T={«1) D. T ={2+3}

Dap s6 trac nghiém C.
Loi gii tu luan : nhan xét ring (2—\/5).(2 + Jé) =4-3=1

Do do, néu djt t=(2++3) , diukién t>0 , thi (2-+3)’ :%
Khi do, phuong trinh twong duong véi:

_ 2+3) =243
1+t:4 StP—4t+1=0 c{t_%\@ =N ( +\/_)X V3
t t=2-v3 7| (243) =2-\3

_|(2+38) =2+43 C{x:l
(2o ~(of)’ b

Vay, phuong trinh c6 tip nghiém T = {+1}
Lwa chon dap 4n bang phép thir: Ta lan luot danh gia:

e Vi x =1 thay vao phuong trinh ta thay:
2-3+2+2-3=4 < 4=4 dung = c4c dap 4n B va D bj loai.

e Vi x =-1 thay vao phuong trinh ta thay:

1 N 1 BYIPN 2+\3+2-3
2-\3 2+\3 (2-43)(2++8)
Do dé, viéc lua chgn dap an C la ding dan. 7
Lua chon déap an bang phép thu: Str dung may tinh CASIO fx — 570MS, Céac em hoc sinh can than
trong khi khai b4o cén thirc vao may tinh.
Cau 23: Phuong trinh: 4* + 6" =2.9% ¢6 tip nghiém la:

A T={2 T={-4 T ={0} T={
Dap s6 trac nghiém C.
Loi giai ty luan : Chia ca hai vé ctia phuong trinh cho 9* ta dugc:

=4, dGng = déap an A bi loai.

B.



X X 2x X
48]+ -
9 9 3 3
§ 2\
Datt:(gj diéukién t >0 .
Phuong trinh duoc bién d6i vé dang:
t’+t-2=0 <t=1 @[éj =1 &x=0

Vay, phuong trinh c6 tap nghiém T = {0}
Lwa chon d4p 4n bang phép thir 1: ta lan lugt danh gia:

) Véi x<0thi: - x>0 = 4" +6" <9*+9* =2.9 = Cic dap an A va B bi loai.

. Véi x =0 thay vao phuong trinh ta thay:
1+1=2.1 < 2 =2 dung = dap an D bil loai.
Do d6 viéc lya chon dap an C la ding dan.
Lwa chon dap an bang phép thir 2: ta lan lugt danh gia:

. Vi x =—2 thay vao phuong trinh ta thay:
i + i = — mau thudn = dap an A bi loai.
16 36 81

J V6i X = —1 thay vao phuong trinh ta thy:
1

" + 1 = 2 mau thuidn = Dap an B bi loai.
J Vi x =0 thay vao phuong trinh ta thdy : 1+1=2.1 < 2 =2, dung.

Lwa chon dap an bang phép thir két hop tu luan va mdy tinh CASIO fx — 570MS:

Bang cach thyc hién theo thir ty:
Nhap 4" +6* — 2 9X ta an:

4- [ALPHA | [X ]| 6 [APHA] [X] 2 B89 [ALPHA | [X]

Khi do, ta thir véi cac giatri x=-2,x=-1 va x=0:

CALC 2 =

CALC 1

[cac]o ER

Do d6 viéc lua chon dép an C la dung dén.
Bai 24. Phuong trinh 3.25" +2.49" =5.35" ¢6 tdp nghiém la:

2
A T={01 B.T= {o; Iogg}

7

7

2
C. T={21 D.T= {Z;Iogg}

Dap s6 tric nghiém B. .
Lo1 gidi tu ludn : bién d6i phuong trinh vé dang:
357 +2.7% =5(5.7) <357 +2.7" =55°.7"

Chia ca hai vé cua phuong trinh cho 7% ta duoc:

2X X 2x X
3E +2=5§ <:>3E —5§ +2=0
7 7 7 7

85_1296

— X =—2 khong phai 1a nghiém cua phuong trinh = Dap an A bi loai.

7 36

—> X = —1 khong phai la nghiém cta phuong trinh = DPép an B bi loai.

o ]



bit t = (;J ,(t>0) , phuong trinh c6 dang:

5X

[

e 3t°-5t+2=0 < 2 & ‘
)

3 )

7 3
2

Vay, phuong trinh c6 tdp nghiém 1a T = {O; log,® }

7

Lya chon dép 4n bang phép thir 1 ( tir tréi qua phai) : ta lan luot danh gié:
e Vi x=0 thay vao phuong trinh ta thay:
3+2=5 <5=5, ding = x=0 Ia nghiém cua phuong trinh.
= cac dap an C va D bi loai.
e Vi x=1 thay vao phuong trinh ta thiy:
3.25+2.49=553 «173=175 , mau thudn = Dép an A bi loai.
Do d6 viéc lya chon dap an B 1a dung dan.
Lwa chon dap an bang phép thir 2 ( tir phai qua trai): ta lan lugt danh gia.
e Vi x=1 thy vao phuong trinh ta thiy:
3.25+2.49=5.35 «<>173=175 , mau thudn = cic dap an A va C bj loai.
e Vi x =0 thay vao phuong trinh ta thay:
3+2=5 <5=5,dung = x =0 la nghi¢m ctua phuong trinh = dap an D bi loai.
Do d6 viéc lya chon dap an B 1a dung dan.
Lua chon déap an béng phép thu két hop tu luan va may tinh CASIO fx — 570MS bfmg cach thuc
hién theo thir tu:
Nhap 3.25* +2.49* —5.35" ta an:
[ x BB [ALPHA | [X] I 2 B9 4 [ALPHA | [X] M5 B 3 [ALPHA | [X]
Khi d6 ta thir vdi cac gia tri x=0 va x=1:
CALC 2 = 0
= X =0 1a nghiém cua phuong trinh = céac dap an C va D bi loai.

‘cacc|: BN

= X =0 khong la nghiém cta phuong trinh = Pap an A bi loai.

Do d6, viéc lya chon dap 4n B la dung dan.

Nhén xét : nhu vy, dé lua chon dugc dap an dang cho bai toén trén thi:

e Trong céch giai tu luan , chdng ta sir dung phuong phap dit an phu ( twong tu bai 23), cu thé voéi

phuong trinh : ,@®™ +a, (ab)” +a;b™ =0

Khi d6, chia hai vé cta phuong trinh cho b >0 (hoic azx,(a.b)x ), ta duoc:

a 2X a X
al(gj +a2(6j +a,=0

X
bat t = (%j diéu kién t >0 ,ta duoc: at’ +at +a,=0.

A . U f . o
M6 rong: v6i phuong trinh mil ¢6 chtra cac nhan tir a*',b*",(a.b) " ta thyc hién theo cac budce sau:

Budc 1: chia 2 vé ciia phuong trinh cho b?* > 0 (hoic a*f ,(a.b)f ).

f
Budc 2: dit t = (EJ , diéu kién hep t >0,

Budc 1: gidi phuong trinh mai.



e Trong céach lua chon dap an bang phép thir 1,2 ching ta thuc hién cac phep thu tir trai qua phai va
tur phai qua tréi vai viéc lua chon céc gia tri x thuan lgi cho moi phép thi.
e Trong cach lya chon dap an bang phép thir str dung may tinh CASIO fx — 570 MS chiing ta thuc
hién tuong tu nhu trong cac bai tap khac.
Bai 25. Phuong trinh: 27* +12* = 2.8 ¢6 tap nghiém la:

A T={ B. T ={0} C.T={1} D.Ci A, B, C.

Dap s6 tric nghiém B.
e Loi giai tu luan : chia ca hai vé cta phuong trinh cho 8" , ta dugc:

X X 3x X
2t + 12 =2 & 3 + 3 =2
8 8 2 2
batt = (gj diéu kién t >0 ta bién d6i phuong trinh vé dang:

t*+t—2=0 <:>(t—1)(t2+t+2):0 =t-1=0 <t=1 @(gj =1 <x=0

Vay, phuong trinh c6 tap nghiém T = {0}
e Lua chon dép an bang phép thir: ta lan luot danh gia:
Vé6i x =1 thay vao phuong trinh ta thay:
27+12=28 <39=16 , mau thudn = cic dap an A va D bi loai.
V6i X =0 thay vao phuong trinh ta thiy:
1+1=2 , dung = X =0 la nghiém cta phuong trinh.
Do do, viéc lua chon dép an B 1a dung dén.
Lya chon d4p an bé“mg phép thu: st dung may tinh CASIO fx — 570MS, bfmg cach thuc hién theo thir tu:

Nhap 27* +12* —2.8" ta an:
B ool ArHA] [X] 2B [ALPHA] [X]

27 [ALPHA] [X
Khi do, ta thir vdi cac giatri Xx=2 va x=1
2 K

= Cac dap an A va D bi loai

[cac |1 EN o]

Do do, viéc lua chon dap an B 1a ding dén.

Bai 26. Phuong trinh %Ig2 x® —6lg IX+2=0 cb tap nghiém la:

AT= {10;100} B.T= {10;1000}
C.T= {ZL'lOO} D.T = {1;1000}
Dap s tric nghiém A.

L(‘{i giéﬂi tu ludn: Diéu kigf:n x>0

Bién d6i phuong trinh vé dang:

1

2 Ilgx=1 [x:lo
9

2 1
(3lg x) —6.§ng+2:0 <:>Igzx—3lgx+2:0<:>[lgxzz<:> X =100
Phuong trinh %Iog;(x —-1)* +log,(x—1)° =4 ¢6 tp nghiém la:
A T= £;3. B.T = E;— )
16 16
c.T:{—E;B}. D.T:{—E;—S}.
16 16



Loi giai
Chon A.
L&i gidi tw ludn: Diéu kién x > 1.
Bi&n d&i phuong trinh vé dang: log; (x—1)+3log, (x—1)—4=0.
bat t =log, (x—1), phuong trinh cé dang:

, t=1 log,(x—1) =1 X-1=2 X=3
t"+3t-4=0& = = 1 & 17
t=—4 log,(x—1)=-4 X—1=— X=—
16 16

Vay tap nghiém cla phuwong trinh la: T = {%;3}.

> Trac nghiém: Dung CALC
Phuong trinh 4log, X +1log, 3=3 c¢6 tap nghiém la:
AT ={19). B. T={{3;3].
c. T={36}. D. T ={/3;9}.
Loi gidi
Chon B.

L&i gidi ty ludn: Piéu kién x > 0.

¢ . 1
Bién d6i phuong trinh vé dang: 4.5 log, x+log, 3=3 < 2log, X+ =3

log, 3
bat t =log, X, phuwong trinh cé dang:

1
1
2t+?=3<:>2t2—3t+1:0<:> 1 & 1
2

Vay tap nghiém clia phwong trinh la: T = {\/§ 3}.
> Trac nghiém: Dung CALC

1+log, x 1+log,, x

Phuong trinh = c6 tap nghiém la:
1+log, x 1+logg, X
A T={137). B.T={13"}.
c. T={13°}. D. T ={1,3°}.
Loi giai
Chon C.

L&i gidi ty ludn: Piéu kién x > 0.
Bién d&i phwong trinh vé dang:

1
1+log,x 1+§|093 X - 2+2log, x 12+4log, x

1 1
1+£Iog3X 1+Zlog3x 2+log, x  12+3log, x

patt= |Og3 X (Piéu kién: t # -2 va t #—4), phvong trinh cé dang:



2+2t  12+4t
2+t 12+3t

) t=0 log, x=0 x=1
St +5t=0< = e

t=-5 |log,x=-5 |x=3"
Vay tap nghiém cla phuong trinh la: T = {L‘ 3_5}.
> Trac nghiém: Dung CALC

Phuong trinh log, x* —log, x> +6log, x.log, X =2 ¢ tap nghiém la:

A.T:{i-ﬁ}. B.T:{i-ﬁ}.

G 5’
C.T :{%\E} D,T:{%;\E}_
Loi giai
Chon D.

L&i gidi ty ludn: Piéu kién x > 0.
4log, x—3log, x+6log, x.log, x—2=0
Bi€n d6i phuong trinh vé dang: < (2log, x—1)(3log, x+2) =0
log. x= 1 X=
{Zlogsx—lzo 577

J5
3 2-07 2 1
0g, X+2= log, x= =

Vay tap nghiém cla phwong trinh la: T = {%

> Trac nghiém: Dung CALC

L ;JE}.



Phan 111: NGUYEN HAM, TICH PHAN VA UNG DUNG
Bai 1: CAC PHUONG PHAP GIAI BAl TAP TRAC NGHIEM NGUYEN HAM
|. KIEN THU'C CO BAN
1. Khai niém nguyén ham
Dinh nghia: Cho ham s6 f(x) lién tuc trén khoang 1. Ham sb F(x) duoc goi 1a nguyén
ham cua f(x) trén | néu F’(x) = f(x) v&i moi x thudc 1.
Dinh ly: Néu F(x) 1a mot nguyén ham cua f(x) trén khoang | thi:
a) V&i moi hiang sé C, ham sé G(x) = F(x)+C ciing 1a mot nguyén ham cua f(x).
b) Nguoc lai, néu G(x) 1a mot nguyén ham bat ky cua f(x) thi ton tai hang s6 C sao cho
G(x) = F(x)+C va&i moi x thudc 1.
2. Bang cac nguyén ham

Nguyén ham ciia cac ham sé so cap
hop (véi u = u(x))

Nguyén ham ciia cac ham so so' cap
thwong gap

J.dx=x+C _[du=u+C
o+l uoH—l
jx“dx: +C, a=-1 J.u“du= +C, a=-1
a+1 a+1
dx du _
j—zln|x|+C, X#0 j—zln|u|+C, u=u(x) =0
X u
Iexdx:ex+c je”du:e”+C
X a’ ' a’
ja dx = +C, O<a=#1 ja du= +C, O<a =1
Ina Ina

J.cosxdx =sinx+C

_[ sinxdx = —cosx +C

Icosudu =sinu+C

_fsin udu =—cosu+C

CAC PHUONG PHAP TiM NHANH DAP AN

J' ,—=tanx+C I—Z:tanu+C
COS” X cos“u

dx du
I ——=—Cotx+C _[ ——=—Ccotu+C
sin” X sin“u

3. Cic tinh chit ciia nguyén ham

1. Iaf (x)dx:a.jf(x)dx vgi a#0

2. I[f (X)ig(X)]dX:I f (x)de_rIg(x)dx

3. [f(tt=F(t)+C=[f(u)du=F(u)+C
4. Phwong phap déi bién

Céc phuong phap dbi bién sd dugc sir dung kha phd bién trong viéc tinh tich phan. Co s¢ cua
cong thirc doi bién s6 1a cong thirc sau:
Dinh li:



a.Néu [f(x)dx=F(x)+C vau=gp(x)+C lahim séco dao ham thi [ f (u)du=F(u)+C
b. Néuham sé T (X) lien tuc thi khi dat X=¢(t) trong @6 @(t) cing v6i dao ham ctia no @' (t)
1a nhitng ham sé lién tuc,ta s& dugc j f (x)dx =I f [?(t)]{”’ (t)dt

Tir d6, chung ta thiy c6 hai phuong phap doi bién goi 14 dang 1 va dang 2.

Dé st dung phwong phap dbi bién dang 1 tim nguyén ham cia ham sb f (X) chung ta thyc hién
theo cac budc :

Buwoce 1: Chon X= (P(t) , trong d6 (D(t) 12 ham s6 ma ta chon cho thich hop.

BuGe 2: Lay vi phan dx= (P’(t) dt

Buée 3: Biéu thi f (X)dx theo t va dt. Gia sir rang: f (X)dx =g (t)dt

Buée 4: Khi do: [ T (x)dx=[g(t)dt

Luwu y: Cac diu hiéu dan tGi viée lya chon an phu kiéu trén thong thuong la:

Déu hiéu Cach chgn

x =|a|sint voi Tei<”
2 2

a"—x | x=l|acost voi O<t<z
x:|fil VoI te[iiz}\{o}
_ sint 2 2
X2 —a al _ _ ju
X=—"_voi te[O,;r]\ —
cost 2

x=|a|tant voi %<t<z

a? +x 2
x=lajcott voi O<t<rm

a+Xx . a—x X=a.cos2t
— hodc |——
Va—x Va+x
J(x=a)(b—x) x=a+(b—a)sin’

Dé sir dung phuwong phdap doi bién dang 2 tim nguyén ham cua ham sb f (X) , ching ta thyc hién

cac budc sau:

Buée 1: Chon U= (D(X) , trong do (P(X) 13 ham sé ma ta chon cho thich hop, rdi x4c dinh
x=w(t) (néu co thé).

Buée 2: Xac dinh vi phan dt = ¢'(x)dx

Buée 3: Bidu thi f (X) dX theo t va dt. Gia sur rang: f (X) dx=g (t)dt

Bude 4: Khi do: [ f (x)dx=[g(t)t

Luru y: Céc dau hiéu dan t&i viée lya chon 4n phu kiéu trén thong thuong la:

Dau hiéu C6 thé chon
Ham c6 mau so t 1a mau so




Ham f(XM/qo(X)) t=p(x)
a.sin X +b.cos x

Ham f (x) = t=\o(x) (véi cosg;ﬁO)

c.sinx+d.cosx+e
Véix+a>0vax+b>0 dit t=vx+a+vx+b

1
Ham f(x)= Véix +a<0vax+b<0 dit t=v—x—a+v-x-b
(x+a)(b+Xx)

5. Phwong phap liy nguyén ham tirng phan
Phuong phap 1y nguyén ham timg phan duoc st dung kha pho bién trong viéc tim nguyén
ham. Co s¢ cua phuong phép 1a dinh 1i sau:

Dinh li: Néu u (X),V(X) 12 hai ham s6 c6 dao ham va lién tuc trén I thi:

Iu(x).v'(x).dx = u(x).v(x)—J.v(x).u'(x).dx
hodc viét Iudv —uv-— J' v.du

Pé tim nguyén ham cua cac ham sb f(x) bang phuong phap nguyén ham tirng phan, ta thuc hién
cac budc sau:

Bude I: Bién @di: 1= [ T (x)dx= [ f,(x).f,(x)dx

9 Da U= fl(x) :{du
Buoc 2: Dat: dv = fz(x)dx v
Buée 3: Khi do: | =uv—[vdu

Leew y: Khi st dung phuong phép 14y nguyén ham ting phan dé tim nguyén ham, chung ta can
tuan thu cac nguyén tac sau:

a. Lya chon phép dit dv sao cho v duoc x4c dinh mot cach dé dang.

b. Tich phan bét dinh IV-dU dugc xac dinh mot cach dé dang hon so voi [
CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Cau 1:Néu F(x) 1a mot nguyén ham coa f (x)=cosx va F(0)=0 thi F(x) la:

A. 1+sinx B. sinx C. 1-sinx D. - sinx
Pap so trac nghiém la B.

> Loi gidi tw lugn: Véihamso f (x)=cosx thi: F(x)=sinx+C
Khi 46, d¢ F(0)=0 diéu kién la:
0=sin0+C < C=0= F(x)=sinx, ung véi dap én B.
> Liea chon ddp dan bang phép thir 1: Ta lan lugt danh gia:
. Nguyén ham ctia ham s f(x)= cosx c6 dang F (X) =sinX+C nén cac dap an C va D bi
loai
. Vi sin 0=0 nén dép an A bi loai.
Do d6,viéc lya chon d4p an B 1a ding dén.
> Lua chon ddp dn bang phép thir 2: Ta 1an luot danh gia:

. Vi (sinx)'=cosx nén cac dap an C va D bi loai.



Cau 2:

. Véix =0thi1+sin0=1nén dép an A bi loai
Do d6, viéc lya cho dap an B 1a ding

> Lira chon dép dn bang phép thir 3: Ta lan lugt danh gia

. Vi sin 0=0 nén dap an A va C bi loai bdi F( 0)=1

= V6i ham sb trong B thi: f( x) = F'(x) = cosx, thoa man.

Do d0, viéc lua chon dép an B la dung dén.
Nhan xét: Nhu vay, dé lua chon duoc dap an dang cho bai toan trén thi:

» Trong cach giai tw lugn chung ta thuc hién theo hai budc:
Buée 1: Tinh nguyén ham caa ham sé.
Buée 2: Xéc dinh C bang viéc st dung gia thiét do thi ham sé y = F(x) di qua diém M

= Trong cdch lira chon ddp dn bang phép thir I ching ta loai trir dan bang cach viée thuc hién
theo hai budc:
Buéce I: Sir dung bang nguyén ham co ban, chiing ta loai bé dugc cac dap an C va D bdi no khong
c6 dang - sinx.
Buwée 2: Tinh gia trj cia sinx tai x = 0, dé loai bé dugc dap an A

= Trong cich lwa chon dép dn bang phép thir 2 , chiing ta loai trir dan bang cach viéc thuc hién
theo hai budc:
Buéce I: St dung dinh nghia ciia nguyén ham, chiing ta loai bé dugc cac dap an C va D

Buoc 2: Thir tai x =0 cho dap an A, dé dinh duoc dap an A 1a sai. Tu do khéng dinh viéc

lwa chon dép an B 1a dung dan.

= Trong cdch lwa chon ddp dn bang phép thir 3 ching ta thuc hién phép thir theo cac dap an

Cho ham s6 f (X) . Néu F(x) 1a mot nguyén ham cta ham sé va d6 thi ciia ham sb

 cos? X

y=F(x) di qua diém M (%;oj thi F(x) 1a:

5 5

A. \/§—tanx B.?—tanx C. —J§+tanx D.—?+tanx

Pip s6 trac nghiém 1a D.

> Loi giai tw ludn: Vi ham sé y=——— thi F(x) = tanx + C.
0S™ X

Khi @6, dé db thi ciia ham s6 y = F(x) di qua di qua diém M (% ; Oj diéu kién 1a:

B3

O:tan£+C<:>C:—?:> F(X):tanx—g,fmgvé’i dap an D

> Lira chon ddp dn bang phép thir 1: Ta lan luot danh gia:

= Nguyén ham ctia ham sé f ()= o~ ¢6 dang F(x) = tanx + C nén cac dap 4n A va B bi
X

loai



Céau 3;

B3

= Vi tan % = 3 nén dap an C bi loai

Do d6, viéc lya chon dép an D 1a diing déan.
> Lira chon ddp dn bang phép thir 2:Ta lan lugt danh gia:

. ' 1 e, . . .
= Vi(tanx) = nén cac dap 4n A va B bi loai.

B3

COS™X
- T T A as s N
= Véi X=€ thi tan€+(—?]=0 nén dap an D la dung.

Do do, viéc lua chon dap an D 1a dang dén.
> Lira chon ddp dn bang phép thir 3: Ta lan luot danh gia:

= Vi tan % = ? nén cac dap an A va C bi loai vi n6 khong di qua M.

= Véiham s trong B thi: f(x)=F'(x)=- 12 , khong théa man nén dap 4n B bi loai
COS™ X

Do d06, viéc lya chon dép 4n D 1a diing dén.
Nhén xét: Nhu vy, dé lua chon dugce cac dap an ding cho bai toan trén thi:
* Trong cach gidi tyu ludn, ching ta thuc hién tuong tu nhu bai 1.
» Trong cach [lua chon dap an bang phép thir, ching ta loai trir dan bang cach viéc thuc hién
theo hai budc:
Buéce I: St dung bang nguyén ham co ban, chiing ta loai bé duogc cac dap an A va B boi nd khong

c6 dang - tanx.
, p R . T 2 A, ,
Buoc 2: Tinh gia tri cla tanx tai X = rE de loai bo dugc dap an C

= Trong cach luwa chon déap dn bang phép thir, chliing ta loai trir dan bang cach viéc thuc hién
theo hai budc:

Buorc I: St dung dinh nghia cia nguyén ham, chung ta loai bé duogc cac dép an A va B.
Buoc 2: Thir tai X = % cho dép 4n D, dé dinh duoc dap an D la dung dén.

= Trong cdch lya chon ddp dn bang phép thir 3 ching ta thyc hién phép thir theo cac dap an

Néu F(x) 1a mot nguyén ham cua f(x)=2x + 1 va F(2)=2 thi F(x) la:

A xX*+x-1 B. X*+x-2 C. xX*+x-3 D. X*+x—4
Pip s6 trac nghiém 1a D.
> Loi gidi tw ludn: V6i ham sé f(x)=2x + 1 thi: F (X)=x*+x+C.

Khi d6, dé F(2)=2 diéukién 1a: 2= 4 +2 + C&C=-4=F(x)=x>+X—4, img véi dp
an D.
> Lira chon ddp dn bang phép thir I ( Tl trai qua phai ): Ta lan luot dénh gia:
= Véiham s trong A thi:
F(2)=4 +2-1=5, khong thoa man nén dap an A bi loai
= Véiham s trong B thi:
F(2)=4 + 2 - 2 =4 , khbng thoa man nén dap an B bi loai
= Véiham sb trong C thi:



F(2)=4 + 2 -3 =3, khong théa mén nén dap an C bi loai
Do d6 viéc lya chon dép an D 1a dung dan.
> Lwa chon ddp én bang phép thir 2 ( Tir trai qua phai ): Ta lan luot danh gia:
V6i ham s trong D thi: F(2)=4 + 2 - 4= 123, thoa man
Do do viéc lya chon dép an D la ding dan.

Cau 4: Cho F(x) 1a mét nguyén ham cua f (x)= Ll va F(2)=1 khi d6 F(8) bang:
X+
A.In3 B.In3+1 C.In3+2 D.In3+3
Pip s6 trac nghiém 1a B.
> Loi gidi ty luan: Véi ham sé (x):ilthi: F(x)=In|x+1+C.
X+

Khi d6, dé F(2)=1 diéu kién la:

1=In|2+]+C < C=1-In3= F(x)=In|x+1+1-In3

= F(8)=In[8+1+1-In3=2In3+1-In3=1In3+1 , Ung voidap an B

Nhén xét: Nhu vy, voi dang cau hoi trén chung ta chi ¢6 thé lua chon duoc dap an ding
bang cach lam ty luan.

Caus: F(x)= cos”3x 1a mot nguyén ham cia ham sé:

A. f(x)=-2sin3x. B. f(x)= 6sin3x.
C. f(x)= -6sin3x.cos3x. D. f(x)= 6sin3x.c0S3X.
Dap so trac nghiém la C.

> Loi gidi tw luan: Taco: F'(x)=(cos’3x) =—6cos3x.sin3x , img vi dép én C.

> Lua chon dap én bang phép thir 1 ( Tt trai qua phai ): Ta lan lugt danh gia:
= Vi ham s6 trong A thi:

F(x)= —ZIsin 3xdx = %cos 3x+C , khong théa man nén dap an A bi loai
= Voi ham sé trong B thi:

F () =6sin3xdx =—2cos3x+C, khong thoa mdn nén dép an B bj loai
= Vi ham sé trong C thi:

F(x)= —6'[sin 3x.c0s 3xdX = —3jsin 6xdx = %c056x+c :%(200523x+1)+c
=2c0s*3x+C +%

thoa man khi C = _?1 . Do d6 viéc lya chon dap an C 1a ding dan.

> Luya chon dap dn bang phép thir 2 ( Tl phai qua trai ): Ta lan lugt danh gia:
= Véi ham s6 trong D thi:

F(x)= 6J.sin 3x.c0s 3xdx :3Isin 6xdX = — £ c0S6X+C =—1(2c0323x+1)+C
2 2

:—200523x+C—%

khong thoa man nén dap an D bi loai.
= Vi ham sé trong C thi:



Céau 6:

Bai 7 :

A

F(x)= —6_[sin 3X.C0s 3xXdX = —3J'sin 6xdX = = cOS6X+ C =1(2cosz3x+1)+C
2 2

:200523x+C+%

thoa man khi C = _71 . Do d6 viéc lya chon dap an C 1a dung dan.

Nhan xét: Nhu vay, voi dang cau hoi trén, viéc lua chon dép an bang cach lam ty luén don gian

hon rat nhiéu so v&i phép thir.

F (x) =sin3x.cos2x 1a mot nguyén ham ciia ham sb:
A. 3c053X.C0S2X B. - 2sin3x.sin2x
C. sin3x.cos2x. D. 3c0s3x.c0S2X - 2sin3X.sin2x.

Pip s6 trac nghiém 1a D.
» Loi giai tw luan: Ta co ngay:
F'(x)=3c0s3x.cos 2x —2sin 3x.sin 2x , tmg v6i dap 4n D.

> Lira chon dap én bang phép danh gid : Ta lan lugt danh gia v6i dang ham s6 F = u.v:

= Pap an A bi loai bdi nd la dang u'.v.

= Pap an B bi loai boi no 1a dang v'.u.

= Pap 4n C bj loai boi voi dang ham sé da cho khong thé co F'=F.
Do d6, viéc Iyra chon dap 4n D 1a dung dén.

X+1 .
F(x) = ;1 la mot nguyén ham cua ham so:
X

2X C 2 2

(x-1)° (x-1)° (x-1)°

B.

Pap an tric nghiém D.

>
tw lu@n: Ta cO ngay:
Fiog=2"220H D) 2 g véi dap an D.
(x-1) (x-1)
>

chon ddp nd bang phép danh gid: Ta lan luot danh gia :

-

Loi gidi

Lya

Véi

\ £ u . . Ay oA LA £ \ \ , A N A
dang ham s6 F = — (bac nhat trén bac nhat) thi dao ham ctia n6 luén cé dang hang trén
v

mau s6 binh, do d6 dap an A va B bi loai.



trong C thi:
F) =] 2dX2:_ 2 ,c_Cx=C-2
(x=1) x-1 x-1
Cx-C-2 x+1 C=1
= = S :
x—1 x—1 -C-2=0
Do d6, viéc lya chon da an D 1a dung dén.
2_ r
Bai 8: F(x) = % 14 mot nguyén ham ctia ham sé:
A.
2_
B. 4x—12 C X 4XJ2r1
(x—2) (x—2)

Pap an tric nghiém C.

>
tw lugn I: Ta cé ngay:
F'(x)=(2X 2)(x—-2) (2x 2x+3)=x 4x;+1
(x—2) (x—2)
>
tw lu@n 2 : Ta co:
2_
FO=x+— = Fx) =1 =X 4+
X—2 (x-2) (x—2)
>

chon ddp nd bang phép thir: Ta 1an luot danh gia :

dap an A va B bi loai.

an C thi :

F(x)=j(xz‘4ﬂ:j{1— E }dx:xjt

(x-2)*

Do d06, viéc lya chon dap an C 1a ding dén.
2

X +1

Bai9: y=F(x) = 1 1a mot nguyén ham cuia ham sb:

X_

A

2x—-1 2x—-1
x+1)

—_
x
|
RN
~
N
—_~

Pap an tric nghiém A.
>
tw ludn : Ta cé ngay:

, ung véi dap an C.

,ung voi dap an C

V61 ham

vO nghi¢ém = Pap an C bi loai.

Loi giai

Loi giai

Lya

Ham sb
béc hai trén bac nhét khi ta 1dy dao ham ludn c6 dang bac hai trén mau sb binh, do d6

Vi dap
x? —2x—-1
(x-1)
x? —2x-1
' (x+1)2
Lai gidi



2x(x-1) - (x*+1) x> —-2x-1

F'(x) = = , ung voi dap an A.
() D) 1) g p
> Lua
chon ddp nd bang phép thir: Ta lan luot danh gia :
" Vi ham
s6 dang y = Y tatuon c6 dao ham v6i mau s binh phuong (cu thé y' = ﬂz) thi ching
v v
ta loai trir ngay dugc dap an C,D.
" Voi ham

phan thirc bac hai trén bac nhét thi & dao ham y’ ta luén c6 w la mot da thirc bac 2, suy
ra loai dép an B

Do d06, viéc lya chon dap an A la dung dén.

Bai 10: y = F(X) = (x—1)(x— 2)(x— 3) 14 mot nguyén ham ctia ham sé:

A (X=D(x-2)(x-3
B. (x—2)(x-3)
C. 3x*-12x+11 D. 3x* —12x +11
Pap an tric nghiém D.
> Loi gidi

tw lu@n : Ta cO ngay:
F'(X) = (x— 2)(X—3) + (X—1)(Xx— 3) + (Xx—1)(X— 2) = 3x*—12x +11 tng v&i dap an D.

> Lua
chon ddp dn bang phép thir: Ta 1an luot danh gia v6i ham y = uvw :

= bap an
A bi loai béi dang ham da thirc khong thé y = y'.

- bép an
B bi loai bdi n6 ¢6 dang u'vw

- bép an

C bi loai béi bac cua y’ khong thé bang bac cua y.
Do do, viéc lua chon dap an D 1a dung déan.

Bai 11: Cho ham sé: f(x) = x+ 2 Mot nguyén ham ctia ham sé:
X

A.x* +2In| x| +2009 B.%x2+2ln|x|+2009
C. x* =2In| x| +2009 D.%xz—Zln|x|+2009

Pip an tric nghi¢m B.
> Loi gidgi

twludgn : Taco: F(x):.[(x+ngx:%x2 +2In|x|+C
X

= Mot nguyén ham cua f(x) la %Xz +2In| x| +2009, tng va4i dap an B.

> Luwa
chon ddp dn bang phép thir 1 (T trai qua phai): Ta lan luot danh gia:
. Véi
F(X) = x*+2In|x|+2009 trong dap 4n A thi:



f(x) = (x? +2|n|x|+2009)':2x+g:£)ép an A bi loai.
X

F(x) = %Xz +2In| x| +2009 trong dap an B thi:

f(x)=(%x2 +2In|x|+2009)'=x+g,d1’mg
X

Do d6, viéc Iya chon dap an B 1a dung dén.
Bai 12: Cho ham sé: f (x) = sin 2x .Mt nguyén ham ctia ham sé:

A.—C0S2X B. —%cost

C. —2c0s2x D. %cost

Pap an tric nghi¢m B.
>

twlugn : Tacld:F(X) = _[sin 2xdx = —%c032x+C

1 .
= Mot nguyén ham cua f(x) la _ECOS 2X, ung voi dép an B.

>
chon ddp dn bang phép thir (T trai qua phai): Ta lan luot danh gia:

F(x) = —cos2x trong dap an A thi:
f (x) = (—cos2x)'=2sin 2x = DPap an A bi loai.

F(x)= —%COS 2X trong dap an B thi:

f(x)= (—%cost)‘ =sin 2x, dung

Do d06, viéc lya chon dap 4n B 1a dung dén.
Bai 13: Ho nguyén ham cia f(x) =1-x c6 dang:

A.2x+1x2+C B. 2x—lx2+C
2 2
C. x—%x2+C D. X+ 2% +C
Pip an tric nghiém C.
>
ty’luén:Tacé:F(X):J‘(l—x)dx:x—%xz+C,1’J:ngvdidé1pénC.
>

chon ddp dn bang phép thir 1 (T trai qua phai): Ta lan luot danh gia:

F(x) =2x+ % x> +C trong dap 4n A thi:

f(x):(2x+%x2 +C)'=2+x = Dap 4n A bi loai.

Vi

Loi gidi

Lwa

Véi

Véi

Loi gidi

Lya

Véi



F(x) = 2x —%Xz +C trong dap an B thi:

f(x):(2x—%x2 +C)'=2-x=Dap 4n B bi loai

F(x) = X—%X2 + C trong dap an C thi:

f(x):(x—%x2 +C)'=1-x,dlng

Do d6, viéc lya chon dép an C la dung dén.
>
chon ddp dn bang phép thir 2 (Tt phai qua trai): Ta lan luot danh gia:

2

F(X):X+%X + C trong dap an D thi:

2

f(X)=(X+%X +C)"'=1+x=Dap an D bi loai.

F(x) = X—%x2 +C trong dap 4n C thi:

f(x) = (x—%x2 +C)'=1-x,dung

Do d06, viéc lya chon dép an C la dung dén.
>
chon dép 4n bang phép danh gia : Ta lan luot danh gia:

trong f(x) thi trong F(x) phai c¢6 x, do d6 cac dap an A va B bi loai

x trong f(x) thi trong F(x) phai c6 —% x?, do d6 dap an D bi loai

Do do, viéc lya chon dap an C 1a ding dén.

Bai 14: Ho nguyén ham ciia f (X) = 4x* —9 c6 dang:

A x* —9x+C B. x*+9x+C

C. X*+9x+C D. xX*-9x+C
Pip an tric nghiém A.

>

tw lugn : Tacod : F(x) = j (4x* —9)dx = x* —9x + C ,ing v6i dap 4n A.

>
chon ddp dn bang phép thir : Ta lan luot danh gia:

F(x) =x* —9x+C trong dap an A thi:
f(x)=(x*-9x+C)'=4x> -9, Ping

Do d6, viéc lya chon dap 4n A 1a ding dén.
>
chon ddp dn bang phép danh gid : Ta lan luot danh gia:

Vi

Vi

Lya

Véi

Véi

Lua
Pé co 1

Pé co—

Loi gidi

Lya

Véi

Lya



4x° trong f(x) thi trong F(x) phai c6 x* , do d6 cac dap 4n C va D bi loai
9 trong f(x) thi trong F(x) phai c6 —9x, do d6 dap an B bi loai
Do d6, viéc lya chon dap an A 1a ding dén.

Bai 15: Ho nguyén ham cua f(x) = %\/;—iz c6 dang:
X

A.l\/x_3+1+x+C B. l\/x_3+1+C
3 X 3 X
c.iie-tixsc p. 1 -Lic
3 X 3 X
Pap 4an tric nghiém B.
>

tw ludn : Taco : F(X) :J-(%«/_—iz)dx :%\/X_3+1+C ,ung voi dap an b.
X X

>
chon ddp dn bang phép thir : Ta lan luot danh gia:

F(X)=%\/X_3+£+X+C trong dap an A thi:
X

f(x):(%\/X_S+1+x+C)':%\/;—i2+1:>Bép an A bi loai
X X

F(x) :%\/X_S+1+C trong dap an B thi:
X

f(x):(%\/x_3+l+C)':%\/;—i2,Bﬁng
X X

Do do, viéc lua chon dap an B 1a diing dén.
>
chon ddp dn bang phép danh gid : Ta lan lugt danh gia:

—iz trong f(x) thi trong F(x) phai c6 1 , do do cac dap an C va D bi loai
X X

Loi giai

Lwa

Vi

Véi

Luwa

Pé co

Trong

F(x) ctia dap 4n A c6 chira x, suy ra f(x) phai chtra 1 (méu thudn), do d6 dap 4n A bj

loai

Do do, viéc lua chon dép an B 1a dung dén.

Bai 16: Ho nguyén ham cua f(x) = x* +5x+6 c6 dang:

A.1x3—§x2+6x+C B.1x3—§x2+x+C
3 2 3 2

C.lx3+§x2+6x+c D.lx3+§x2+8x+c
3 2 3 2

Pap an tric nghiém C.
>
tw lugn : Taco :

F (X) =.|.(x+2)(x+3)dx =.|'(x2+5x+6)dx=%x3 +gx2 +6x+C ,img v&i dap an C.

Loi gidi



>

chon ddp dn bang phép thir : Hoc sinh tu thire hién tir trai sang phai hodc nguoc lai.

>
chon ddp dn bang phép danh gid : Bién d6i ham sé vé dang
f(x)=x*+5x+6
Ta lan luot danh gia:

5x trong f(x) thi trong F(x) phai c6 gxz , do d6 cac dép an A va B bi loai

trong f(x) thi trong F(x) phéi c6 6x , do d6 cac dap an D bi loai

Do d6, viéc lya chon dép an C la dung dén.
2

Bai 17: Ho nguyén ham ctia ham sé f(x) = X* =3 c6 dang:
2 1.,
A.x"-6x+C B. =x*-3x+C
2
C.%x2+3x+c D. x* +6x+C
Pap an tric nghi¢m B.
>
tw ludgn : Tacoh:
x? —3x 1., , o ta s
F(X):-[ dX:j(X—3)dX:EX —3x+C ,ung voi dap an B.
X
>

chon ddp dn bang phép thir : Ta lan luot danh gia:

F(X) = x> —6x+C trong dap 4n A thi:
f(x) =(x* —6x+C)'=2x—6 = Loai dap 4n A.

F(x)= %Xz —3x+C trong dap an B thi:

x? —3x

f(x):(%x2—3x+C)':x—3: , Dling

Do d6, viéc lya chon dap 4n B la dung dan.
>
chon ddp dn bang phép dinh gid : Bién dbi ham s vé dang
f(x)=x-3
Ta lan luot danh gia:

.1 S
trong f(x) thi trong F(x) phai c6 3 x* , do d6 cic dap an A va D bi loai

—3 trong f(x) thi trong F(x) phai ¢c6 —3x , do d6 cac dap an C bi loai

Do do, viéc lua chon dép an B 1a dung dén.

Bai 18: Ho nguyén ham ciia ham s§ f (x) = 1 2X
+

> €0 dang:
X

Lya

Lya

Dé co

bécoo

Loi gidi

Lya

Vi

Véi

Lya



A.4In(1+x2)+C B. 3In(l+x2)+C

C. 2In(1+x*)+C D. In(1+x*)+C
Pap an tric nghiém D.
> Loi gidgi
tw lugn : Taco:
2X d(l+x?) 2 .
F(X) = dx = | ———==In(1+ x" )+ C ,ing vdi dap an D.
) J.1+ x° I 1+ x° ( ) & P
> Lua
chon ddp dn bang phép thir 1 (tir trai qua phai) : Ta lan luot danh gia:
. Vi
F(x)=4In(1+x*)+C trong dép én A thi:
f(x) =[4In(1+x?)+C]' = 4. 2X__ 8% 1 oqidipdn A.
1+x° 1+x
. Béi cac

dap an A,B,C,D chi khac nhau ¢ hé sb va giai thiét cho hé s6 2 (tirc 8 : 4=2) nén ta
loai bo tiép dugc cac dap an B va C.

Do d6, viéc lya chon dap 4n D 1a ding dén.
> Lua
chon ddp dn bang phép thir 2 (tir phai qua trai) : Ta lan luot danh gia:
. Vi
F(x)=In (1+ X2 ) + C trong dap an D thi:

f(x) =[In(1+x*)+C]'=—=—5 = Dép én D ding.
1+x
Do do, viéc lua chon dép an D 1a ding dén.
X Nhan
xét: Nhu vy, dé lva chon duoc dap an dang cho bai toan trén thi:
= Trong

Y A , , f 1A 3R AL 1A u
cac giai tu luan ching ta sir dung phép bién doi xuat hién dang — .
u

Doi voi cac ham s6 hiu ti, chung ta ¢6 hai nghiém maé rong:

I Z(dx =lln‘xzia‘+c
X“ta 2
I ZXdX2=ilnﬂ+C,a¢0
X°—a 2a |X+a
. Trong

cach lya chon dap 4n bang phép thir 1 ( tir trai sang phai), chung ta sir dung dinh nghia
nguyén ham ciing v6i viéc danh gia hé sb ca cac dap an tric nghiém dé loai bo ngay
duoc A, B, C.

= Trong
cach Iya chon dap 4n bang phép thir 2 ( tir phai sang trai), chiing ta thiy n6 dung nén
dirng lai & 6 va khang dinh viéc chon dép an D 13 ding dan.

Bai 19: Ho nguyén ham ctia ham sé f (x) = 2cos? % c6 dang:

A.X—sinx+C B. x+sinx+C
C. x—cosx+C D. x+cosx+C



Pap 4an tric nghiém B.
> Loi gidgi
tw lugn : Taco :
F(x) = J'Zcos2 gdx = J(1+ cos X)dx = X +sinx + C ,img véi dap an B.

> Lua
chon ddp dn bang phép thir: Ta lan luot danh gia:
. Vi
F(X) = x—sinx + C trong dap an A thi:

f(x)=(x—sinx+C)'=1-cosx = 23in2§:>Loai dap 4n A.

= V6i F(x)=x+sinx+C trong dép 4n B thi
f(x)=(x+sinx+C)'=l+cosx=c052g: D4p 4n B dung.

Do d6, viéc lya chon dap an B 1a ding dan.

< Nhéan xét: Nhu vay, dé lua chon dugc dép an dang cho bai toan trén thi:

= Trong cdch gidi tw lugn chung ta da sir dung cong thirc ha bac dé dua vé ham luong giac
béc thép.

= Trong cdch lwa chon ddp dn bang phép thir ching ta sitr dung dinh nghia nguyén ham
cung véi phép bién ddi tong thanh tich.

Céau 20: J. f(x)dx = _[(ex +1)dx = e* + x+C Ho nguyén ham cta ham s6 f (x) =e* (1+ e_x) co dang:
A. e"-x+C. B. e*+x+C. C.e*+x+C. D.e”"-x+C.
Loi gidi
Chon B.
» Loi gidi tw lugn: Ta co:

j f (x)dx = j(ex +1)dx =€ +x+C, tmg voi dép 4n B.
> Lwa chon ddp dn bang phép thir 1 (Tt trai qua phai): Ta 1an luot danh gia:
= Véi F(x)=e"-x+C trong dap A thi:
= V6i F(x)=e"—x+C trong dap A thi:

Do do, viéc lya chon dap an B 1a ding dén.

> Lwa chon ddp dn bang phép thir 2 (Tt trai qua phai) — Hoc sinh tu thuc hién

Cau21: Chohamsé f(x)=——— Khidé:
X°+3X+2
X—2 X+1
A. | f(X)dx=In—=|+C. B. | f(X)dx=In|—=[+C.
I ) x-1 -[ %) X+2
x-1 X+2
C. | f(xX)dx=In|—=+C. D. | f(x)dx =In—|+C.
-f ) X—2 -[ ) Xx+1

Loi giai
Chon B.



» Loi gidi tw ludn: Ta cO:

dx dx 1 1
jf(x)dX:J.x2+3x+2 :j(x+1)(x+2) :I(x_ﬂ_mjdlen

an B.

X+1

X+2

+C, tng vé1 dap

> Luwa chon ddp dn bang phép thir: Ta lan luot danh gia:
X—2

2 +cj'=[|n|x_z|_|n|x_q+c]-

= V6i F(x) trong dap 4n A thi: f(x)z[ln

B 1 B 1 B 1 B
Cx—2 x—l_(x—l)(x—Z)_x2—3x+2

= DPép an A bi loai

X+1

= Vdéi F t dap an B thi: f =1
6i F(x) trong dép an B thi: f (X) [nx+2

+C)':[In|x+]4—ln|x+2|+c:|'

_ 1 B 1 _ 1 _
Xx+1 x+2 (x+1)(x+2) x*+3x+2

= Dép an B dung.

Do d6, viéc lya chon dap 4n B 1a ding dén.

> Lwa chon ddp dn bang phép thir két hop danh gid: Ta 1an luot thiy:

* Vi x*+3x+2=(x+1)(x+2) nén nguyén ham cta ham sb khong thé chira x—1 va x—2,
Do d6, cac dap an A va C bi loai

X+1

= Véi F t dap an B thi: f (x)=]1
6i F(x) trong dép an B thi: f (X) [nx+2

+Cj':[ln|x+]4—ln|x+2|+C]'

B 1 B 1 B 1 B
Cx+1 x+2_(x+1)(x+2)_x2+3x+2

= Dap an B dung.

Do d6, viéc lya chon dap 4n B 1a ding dén.
@ Nhén xét: Nhu vay, dé lira chon duoc dip an dung cho bai toan trén thi:
= Trong cdch gidi tw ludn, ching ta di st dung phuong phap phan tich dé tim nguyén ham
cac ham so hiru ti.
Cu thé, v6i ham s da cho ta d3 phan tich
1 1 A B (A+B)x+2A+B
X2 +3x+2  (x+1)(x+2) x+1 x+2 (x+1)(x+2)

Ta dugc hing dang thic: 1=(A+B)x+2A+B (1)
bé x4ac dinh A, B trong (1) ta c6 thé lya chon mot trong hai cach sau:
Cdch 1: (Phwong phap dong nhdt hé s6): Dong nhét dang thic ta duoc:

A+B=0 A=1

fe—

2A+B=1 B=-1
Cdch 2: (Phwong phdp tri sé riéng): Lan luot thay x=1,x=2 vao hai vé cia (1) ta dugc
A=1B=-1



1 1

Tre 13, ta co: —; = —
X°+3Xx+2 X+1 x+2

Bai toan tiép theo s& mé rong cho dang nguyén ham nay

= Trong cdc lwa chon ddp dn bing phép thir, ching ta can sir dung mot phép bién doi logarit
dé don gian héa biéu thirc tinh dao ham.

= Trong cdc cich lwa chon ddp dn bing phép thir két hop véi phép dinh gid, ching ta loai
b6 ngay duoc dap an A va C théng qua viéc phan tich ham sé f (X) dudi dau tich phan.

Cau 22: Ho nguyén ham ctia ham sé f(x) = X+3

N co dang:
A. 2In|x=1+In|x+1+C. B. 2In|x-1|-In|x+1+C.
C. In|x=1+2In|x+1+C. D. In|x-1-2In|x+1+C.
Loi gidi
Chon B.
» Loi gidi tw lugn: Ta phan tich:
X+3  Xx+3 A B (A+B)x+A-B

X1 (x—1)(x+1) x-1 x+1  (x-1)(x+1)
{A+B:1 {AzZ x+3 2 1
- _

= = = + .
A-B=3 B=-1 x*-1 x-1 x+1
Khi d6: I f (x)dx:j(xi_l—xiﬂjdx:2In|x—]4—ln|x+]4+C, g voi dap an B.

> Lwa chon ddp dn bang phép thir: Ta lan luot danh gia:
2 1 3x+1
—+ =
x-1 x+1 x*-1

= V6i F(x) trongddp 4n A thi: f(x)=(2In[x+1+In|x+2/+C)'=

= Pap an A bi loai.

= Véi F(x) trong dap 4n B thi: f(x)=(2In|x+1|—|n|x+2|+C)'=X21—X11=:((2+31
J— + —_

= Dép an B dung.
Do d6, viéc lya chon dap 4n B 1a ding dén.
> Luwa chon ddp dn bang trich lwet tw lugn: Ta phan tich
X+3 X+3 A B (A+B)x+A-B
> = = + =
-1 (x=1)(x+1) x-1 x+1  (x-1)(x+1)
{A+B=1 {A=2 X+3 2 1
= = +

& =>——= .
A-B=3 B=-1 x"-1 x-1 x+1
Suy ra h¢ s6 cta In|x—1] va In|x+1] theo thir tw 1a 2 va -1.
Do do, viéc lua chon dap an B 1a ding dén.

Cau 23: Ho nguyén ham cia ham sé f (x) = cos2x.cosx ¢ dang:

A. 1sin3x—lsinx+C. B. Esin?)x—lsinx+c.
2 6 6 2



Cau 24:

C. %sin3x+%sinx+c. D. ls.in3x+£sinx+c.

Loi giai

Chon C.
» Loi gidi tw ludn: Ta cO:

J f(x)dx = %J(cos3x +cosx )dx = %sin 3x +%sin x+C, Uing véi dap an C.
Luwa chon ddp dn biang phép thir 1 (T trai qua phai): Ta 1an lugt danh gi:
Véi F(x) trong dép A thi: f(x)=F'(x)= gCOSSX—%COS X = Dép 4n A bj loai.

Véi F(x) trong dép B thi: f(X):F'(X):%COS?:X—%COSX:—SinZXSinX: DPap 4n B

bi loai.
Véi F(x) trong dap C thi: f(x)=F '(x):%cos3x+%cosx:c032xcosx:> bap an C

ding.

Do d0, viéc lua chon dép an C la dung dén.

>

Luwa chon ddp dn bang phép thir 2 (Tt phai qua trai): Ta lan luot danh gia:

Véi F(x) trong dap D thi: f(x)=F'(x) =gCOSBX+GCOSX = Dép 4n B bj loai.

Véi F(x) trong dap C thi: f(x)=F '(x):%0053x+%cosx:c032xcosx:> DPap 4n C

dung.

Do d6, viéc lya chon dap an C 1a ding dén.

& Nhén xét: Nhu vay, dé lva chon dugc dép an dang cho bai toan trén thi:

Trong cdch gidi tw ludn ching ta di st dung phuong phap phan tich dé tim nguyén ham
dwa trén cac phép bién ddi tich thanh tong. Cu thé, ching ta co:

COS XCOS Y :%[cos(x+ y)+cos(x— y)]
i . 1

sinxsiny = E[cos(x— y)—cos(x+Y)]
. 1-. .

sinxcos y _E[sm(x+ y)+sin(x— y)]

cos xsin y :%[sin(x+ y)=sin(x-y)]

Trong céach lira chon ddp dn bang phép thir 1 va 2 ching ta thuc hién tir trai qua phai va
tr phai qua trai.

Ho nguyén ham ciia ham s f (X) = cos* x c6 dang:

A. %(3x+ 2sin 2x+%sin 4x)+C . B. %(BX-Zsin 2x+%sin 4xj+C .

C. %(3x+25in ZX-%sin 4xj+C. D. %(3X - 2sin 2x -%sin4xj+c .



Loi giai
Chon A.
» Loi gidi tw lu@n: Ta co:

J' f (x)dx = fcos“x.dx = I(%jdx = %J'(LL 2c0s2x +C0s” 2X ) dx
= EI{H 2c032x+l(1+ cos4x)} dx
4 2

= %I(3+40052x+cos4x)dx = %(3x+ 2sin 2x+%sin 4X)+C, g vo6i dap an A.

> Luwa chon ddp dn bang phép thir: Ta 1an luot danh gia:
= Vé6i F (X) trong dép A thi:

f(x)=F'(x)= %I(3+ 4C0S2X + COSAX X = %(3+ 4C0S2X + 200522x-1) +C,

2
= %(3+ 2052 + 205 2X ) = [%j = cos*x = Dép &n A dung,

Do d6, viéc lya chon dap an A 1a ding dén.
< Nhéan xét: Nhu vay, dé lua chon dugc dép an dang cho bai toan trén thi:

= Trong cdch gidgi tw ludgn ching ta d3 st dung phuong phap phan tich dé tim nguyén ham
dua trén céac cong thirc ha bac.

Cu the, chung ta c6 cac cong thire sau:

., 1-cos2x ,  1-cos2x
sin“ X=——— COS“ X =———
2 2
. 5 3sinx—sin3x 3. 3C0SX—C0S3xX
sin X:f cos X:f

e Hing dang thic: sin® x+cos® x=1. Puoc sir dung trong cac phép ha bac mang tinh toan
cuc cho cac biéu thure, thi du:

sin* x +cos* x = (sin2 X +C0S’ x)2 —2sin? xcos? x
=1—£sin2 2x=1—£(1—cos4x)=lcos4x+§
2 4 4 4
sin® X +cos® x = (sin2 X + C0S° x)3 —3sin? xcos® x(sin2 X + C0S° x)
:1—§sin2 2x:1—§(l—cos4x)=§cos4x+E
4 8 4 il

= Trong cdch lwa chon ddip dn bang phép thir ching ta thyc hién tir trai qua phai va nhan
thiy dap 4n A 1a dap 4an dng nén ding phép thir tai day.

Cau 25: Ho nguyén ham ctia ham sé f (x) =sin® x+cos*x co dang:

A. l 3x+lcos4x +C. B. l 3x-lcos4x +C.
4 4 4 4

C. l[3x+£sin4xj+c. D. 1(BX-lsin4xj+C.
4 4 4 4



Loi giai
Chon C.
> Loi gidi tw lugn 1: (St dung phép ha bac don): Bién doi f (X) vé dang:

f (x) =(sin® X)2 + (coszx)2 - (1_ CZSZX jz +[1— C(2352x T

:1+lco§2x=£+l.m=£(3+cos4x)
2 2 2 2 2 4
Khi do:

I f(x)dx= %j(3+cos4x)dx :%(3x+%sin4x),1’rng voi dap an C.
> Loi gidi tw lugn 2: (St dung phép ha bac toan cuc): Bién déi f (x) vé dang:

f (x) =sin* x +cos*x = (sin2 x+c032x)2 — 2sin? xcos?x
:1—£Sin2 2)( zl_l.w :l(3+cos4x)
2 2 2 4

Khi do:
1 1 1. , s as s
I f(x)dx= ZI(3+cos4x)dx =2 3X+Zsm4x ,ung véi dap én C.
> Luwa chon ddp dn bang phép thir: Ta lan luot danh gia:

F(x)= 1(I‘;xilcos4xj+c
- V6i a4 thi:

f(x)=F'(x) =%(3$sin4x) = 1(0) =%¢sin40+cos40:1:> cic dap an A va B bj logi.

F(x)zl(Bx—lsin4xj+C
= Vi a4 thi:
f(x)=F '(X)=%(3—COS4X):> f(0) =%¢Sin40+cos‘10=1:>céc dap an A va B bi loai.

Do d6, viéc lya chon dap an C 1a ding dén.

& Nhéan xét: Nhu vay, dé lua chon dugc dép an dung cho bai toan trén thi:

= Trong cdch gidi tw lugn 1 ching ta da str dung cong thirc ha bac don dé dua ham sb vé
dang d& 1ay nguyén ham.

= Trong cdch gidi tw ludn 2 ching ta da sir dung cong thire ha bac toan cuc dé dwa ham sb vé
dang d& 1ay nguyén ham.

= Trong cdich lwa chon ddp dn bing phép thir ching ta thuc hién tir trai qua phai. Tuy nhién
v6i phép thir 6 vi dap an C ding vé6i gia tri x=0 nén chuyén qua dap 4n D dé nhan xét
duoc ré‘mg dap an nay sai. Tur do, khéng dinh vi¢c lya chon dap an C la dung dén — Cac em
hoc sinh can ghi nhan ¥ tuéng nay dé sir dung trong cac phép thtr ma ¢ do viéc bién dbi
luong giac vé ham sé ban dau 1a phuc tap.

Y1)

Cau 26: Ho nguyén ham caa ham sé f (x) = c6 dang:



A J1-%X* +C. B X _+C. C. xJ1-x2 +C. D.

Loi giai
Chon B.
» Loi gidi tw ludn: Pat x =cost,0<t< 7z, suy ra:

sintdt  dt

dx = —sint.dt; f (x).dx=-— =——
(x) sin®t sin’t

=d (cost)

Khi doé: .[f(x)dx:_[d(cost):cost+cz +C, {ting véi dap an B.

1—x?

> Lua chon dap an bang phép thir: Ta lan luot danh gia:

. F(x):\/l—x2 +C i

= Voi
2 ' 2X 1 ., . .
f(x):(\/l—x +C) =— # = = dap an A bj loai.

21— %2 \/(1_ <)

> 2x?
1-x - L
f(x):[ X +CJ': 22“1_)( =
J1—x? 1-x (1_X2)3
Do do, viéc lua chon dap an B 1a dling dén.
@ Chuy: S¢ di trong bai tap trén, ta cd

X
N
Jsin?t =sint

sint = +/1—cos?t = v/1— X2

= dap an B dung.

(1—x2)3 =sint va cott =

l1a boi O<t<n:>sint>0:>{

Cau 27: Ho nguyén ham ciia ham s6 f (x)= (4X—1)3 c6 dang:
A. %(4x—1)4+c. B. %(4x—1)4+C.
1 4 1 4
C. —(4x-1)" +C. D. —(4x-1)'+C.
16 32

Dap s6 trac nghiém: C.

> Loi giai tu luan 1: Dat t =4x-1, suy ra dt =4dx va f(x)dx=%t3dt.Khi do,

If(x)dx:%jt3dt:%t4+c=%(4x—1)4+0,L’rngvéridép an C.
> Loi giai ty luan 2: Ta co f (X) =64x% —48x* +12x +1.

Khi do,
[ £ (x)dx=[(64x° —48x* +12x~1)dx =16x* ~16x° +6x°




:i(256x4 —256X° +96x2 —16X +1)+c 1
16 16

= %(4x ~1)" +C,, tng véi dap an C.

Lua chon dap an bang phép thir: Ta 1an luot danh gia:
Véi F(x) trong dap an A thi f(x)= {%(4X—1)4 +C]: 4(4X—l)3 — dap 4n A bi loai.

Bai cac dap an A, B, C, D chi khac nhau ¢ hé s6 va gia thiét cho hé sb béng 1 (thc 16:16=2)
nén ta loai bo tiep dugc cac dap an B, D.
Do d6, viéc lya chon dép an C la dung dén.

Cau 28: Ho nguyén ham cta ham sé f (x)=2xVx*+1 c6 dang:

A. 1(x2+l)§+C. B. g(x2+l)z+C.
3 3
C. 2\/x2+1+C. D. % x?+1+C.

Dap s6 tric nghiém B.

> Loi giai ty luan: Pat t =+/x* +1 suy ra:

XX _ XXy =tdt va f (x)dx = 2%,
xP+1 ot

3
Khi do jf(x)dx=2jt2dt=§t3+c :%(x2+1)2 +C, tmg véi dap an B.

dt=

> Lua chon dap an bang phép thir: Ta lan lugt danh gia:

» Voi F(X) trong dép an A thi:
1, , 3], 13 2 N\ 3 o .
f(x)= §(X +1)2 =§.§.2x.(x +1)2 =xX* +1 = Dap an A bi loai.

» Boi cac dap an A, B chi khac nhau ¢ hé sb va gia thiét cho hé sb 2 nén viéc lua chon dap
an B la dung dan.

Cau 29: Ho nguyén ham cia ham s f (x)=sin*x.cosx ¢ dang:

A. %sin5x+C. B. %sin5x+C. C. 1sin5x+C. D. lsin5x+C.

Dap s6 tric nghiém D.

> Loi gidi tw lugn: Dt t =sinx, suy ra dt=cosxdx va f (x)dx=t"dt.

Khi o, [ f(x)dx=[t'dt= %ts +C= %sins x+C., mg vdi dap an D.

> Lua chon dap 4n bang phép danh gia: Ta co

. ! . A N )
(Sln5 x) =5sin* x.cosXx = can hé so : de khur 5.

Do do, viéc lva chon dap an D 1a dang déan.

Cau 30: Ho nguyén ham ctia ham sé f (x)= szx co dang:
COS™ X
A —L+C. B. —L+C. C. L+C. D. L+C.

sin X COS X COS X sin X



Dap s trac nghiém C.

> Loi giai tu luan: Dit t =cosx = dt =—sinxdx va f(x)dx=—t£2dt.
Khi d6, ta co
1 1
f(x)dx=|-=dt==+C = +C, trng v&i dap an C.
-[ (x) I t? t COS X 8 P

> Lua chon dap an bang phép thu: Ta lan luot danh gia:
= V6i F(X) trong dap 4n A thi

f(x):{—_iw} = S98X ., Céc dap 4n A, D bi loai.
Sin X SIn”™ X

= Vé6i F (X) trong dép an B thi

f(x):{—i+C} — % Pép én B bj loai.
COS X COS™ X

Do @6, lya chon dap an C 1a diing dén.

Céau 31: Ho nguyén ham ctia ham s6 f (x)=sinxy/2cosx -1 c¢6 dang:
A. %\/Zcosx—1+C. B. —% (2cosx-1)’ +C.
C. %\/Zcosx—1+C. D. —%J(Zcosx—l *yC.

Dap s6 tric nghiém B.
> Loi gidi ty luan: Dat t =+/2cosx—1 suy ra
sin x sin xdx

dt=———dx=— t < sinxdx =—tdt va f (x)dx=-t’dt.

\/2cosx—1

Khi do, jf(x)dx:—jtzdt=—§t3+cz—§ (2cosx—1)° +C , {mg vdi dap an B,

> Lua chon dap 4n bang phép thir: Ta lan lugt dénh gia:
= Voi F (X) trong dap an A thi
sin x
f(x)=F'(X)=——F—
(%) () 3v2cosx-1
= Voi F (X) trong dép an B thi
f(x)=F'(x)=sinxy2cosx—1 = dung,
Do do, viéc lua chon dap an B 1a ding dén.

X2 +1

Cau 32: Ho nguyén ham ctia ham sé f (x) =2x.e" " cb dang:

A. —xe“m+C. B. —eX*+C. C. X" +C.
Dap s6 trac nghiém C.
> Loi giai ty lufn: Dat t=x*+1= dt = 2xdx va f(x)dx=tdt.
Khi do, I f(x)dx= je‘dt —e'+C =e""+C, tmg v6i dap 4n C.
> Lua chon dap an bang phép thu: Ta lan luot danh gia:
= Vé6i F(X) trong dap 4n A thi

= Cac dap an A va C bi loai.

2
D. xe**"+C.



f(x)=F'(x)=—(e“"+2x%"") = Cacdap n A va D bj loai.
= V6i F(X) trong dap 4n B thi

f(x)=F'(x)=-2x&“** = Dap an B bi loai.

Do d0, viéc lua chon dép an C la dung dén.
tan x

Cau 33: Ho nguyén ham ciia ham s6 f (x)=

>— ¢0 dang:
COS™ X

A. e +C. B. " +C. C. " +C. D. e +C.
Dap s6 tric nghiém B.

> Loi giai ty lufn: Dat t=tanx = dt = dx va f(x)dx=e'dt.Khido,

cos? X

j f(x)dx= jetdt =e'+C =e" +C, (mg vé&i dép 4n B.
> Lua chon dap an bang phép tht: Ta lan luot danh gia:
= Véi F (X) trong dap an A thi
ecotx

f(x)=F '(X)=—Sinz . = Céc dap 4n A va D bi loai.

= Véi F (X) trong dép an B thi

f(x)=F'(x)=—

cos” X
Do @6, viéc lya chon dap 4n B 1a ding dan.

X

tan x

= dung.

Cau 34: Ho nguyén ham ctia ham s6 f (X) = =11 6 dang:
A. 4In(eX +1)+C. B. 3In(eX +1)+C.
C. 2In (eX +1)+C. D. In(eX +1)+C.

Dap sd trac nghiém D.

> Loi giai tw ludn: Dat t=e*+1=dt=e*dx va f(x)dx= %dt. Khi do,
Jf(x)dx:J%dt:lnHC =In(e*+1)+C , tmg v6i dap 4n D,
> Lua chon dap an bang phép danh gia, ta co

[ln (ex +1)J' = ﬁ = Pap an D 1a dung dan.

Cau 35: Ho nguyén ham ctia ham sé f (x)= co dang:

X.In x
A. Inx+C. B. In(Inx)+C. C. —In(Inx)+C. D. —Inx+C.

Dap s6 tric nghiém B.

> Loi giai ty luan: Dat t =Inx = dt _ & va f (X)dX=:t—Ldt.Khi do,
X

[f (x)dx:j%dt =In|t|+C =In(Inx)+C, tmg véi dap an B.

> Lua chon dap an bang phép thir: Ta lan luot dénh gia:



= V6i F(X) trong dap 4n A thi
f(x)=F '(X):§ = Céc dap 4n A va D bi loai.

= Vé6i F (X) trong dap an B thi

' (In x)' 1
f pry F = g
(X) (X) Inx  xlInx
Do do, viéc lua chon dap an B 1a ding dén.

= dung.

Cau 36: Ho nguyén ham ctia ham sé f (X) = X.e* ¢6 dang:
A. xe* +C. B. xe* +e*+C. C. xe*—e*+C. D. xe*—C.

Dap s triac nghiém C.

Khi do,

o u=x du = dx
» Loi giai ty luan: Dat

dv=e*dx:> V=g’
[ f(x)dx=xe* —[e’dx=xe" —e* +C, tmg véi dap 4n C.
> Luya chon dap 4n bang phép thir: Ta 1an luot danh gia:
= Véi F (X) trong dap an A thi
f (X) =F (X) =e*“+xe* = Céc dap an A va D bi loai.
= Véi F (X) trong dap an B thi
f(x)=F'(x)=(xe*+e* +C)’ = x.e* +2¢* = Pap 4n B bi loai.
Do dé, viéc lya chon dép an C 1a dung dan.

Cau 37: Ho nguyén ham ctia ham so f (X)=x.Inx ¢6 dang:

A. X.Inx—x+C. B. %xz.lnx—%xﬁc

C. x.Inx+x+C. D. %xz.lnx+%x2+c

Dap s6 tric nghiém B.

u=Inx
=
dv = xdx X
v

» Loi giai ty luan: Dat {
1 1 1
f (x)dx=-=|xdx==x%Inx—=x*+C, tng voi dap an B.
J1(x) S [xax=2 7 g Vi dép
> Lua chon dap an bang phép thu: Ta lan luot danh gia:
= Véi F (X) trong dap an A thi
f (x)=F'(x)=Inx = Céc dap 4n A va C bi loai.
= Véi F (X) trong dép an B thi
f (x)=F'(x)=xInx = dung.
Do d6, viéc lya chon dép an B 1a diing dén.
Cau 38: Ho nguyén ham cua ham s6 f (x)=x.sinx c6 dang:



A. x.sinx—cosx+C. B. x.sinx+cosx+C.
C. —x.cosx—sinx+C. D. —x.cos x+sinx+C.
Dap s6 trac nghiém: D.

u=x du =dx .
. Khi do,

. =
dv = sin xdx V =—CO0S X

» Loi giai ty luan: Dat {
I f(x)dx= —x.cosx+_[cos xdx = —X.cos X +sinx+C , ung véi dap an D.
> Lua chon dap an bang phép thir 1 (T trai sang phai ) : Ta 1an luot danh gia:
= V6i F(x) trong déap 4n A thi
f(x)=F'(x)=(xsin x—cosx+C)' = X.COS X+ 2sin X => dap 4n A bi loai.
= Vé6i F (X) trong dép an B thi
f(x)=F'(x)=(xsin x+cosx+C)' = X.COS X +Sin X+cos X => dap an B bi loai.
= Véi F (X) trong déap an C thi
f(x)=F'(x)=(—x.cosx—sin x+C)' =X.sinx—2cosx = dap an C bi loai.

= Do d6, lwa chon dap an D 1a ding dan.
> Lua chon dap an bang phép thur 2 (T trai sang phai ) : Ta lan luot danh gia:
= Véi F (X) trong dap an D thi

f (x)=F'(x)=(—x.cosx+sin x+C)' =X.sinx = dung.

= Do d6, lira chon dap an D 1a ding dan.
Cau 39: Ho nguyén ham cia ham sé f (X)=x.cosx ¢ dang:

A. —x.sinx—cos x+C. B. x.sinx+cosx+C.
C. —x.cosx—sinx+C. D. x.cosx+sinx+C.
Dap s6 trac nghiém: B.
N . _ |u=x du =dx L
» Loi giai ty luan: Dat = . .Khido,
dv = cos xdx vV =Sin X

j f (x)dx = x.sin x—Isin xdx = x.sin x+cos x+C , (g v&i dap an B.
> Lua chon dap an bang phép thir: Ta lan luot dénh gia:
= Voi F (X) trong dép an A thi

f(x)=F'(x)=(-xsin x—cosx+C)' =—X.C0SX => dap 4an A bi loai.
= Vi A va B chi khac nhau vé ddu nén dap an B 1a ding.
= Do d6, lira chon déap an B 1a dang dan.
> Luya chon dap 4n bang phép thir két hop voi danh gid : Ta lan luot danh gia:
= D¢ c6 dugce bicu thirc X.C0S X sau phép dao ham thi F(x) phai chira X.sinx, do d6 cac
dap an C va D bi loai.
= Véi F (X) trong dap an A thi

f(x)=F'(x)=(-xsin x—cosx+C)' =—X.C0SX => dap 4n A bi loai.

= Do d6, lya chon dap an B 1a ding dén.



BAI 2: CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM TiCH PHAN
|. KIEN THUC CO BAN
1. Khai niém tich phan
Dinh nghia: Cho ham s6 f ©  lién tuc khodang I V& a,b 1a hai s6 bdt ki thugc I. Neu F = &
mot nguyén ham cia f v thi hiéusé F b —F a dwoc goi la tich phan cia f © tir a dén b Va

b_'
ki hiéu la ] f xdr.

a

b
Ta c6 cong thirc Niuton — Laipnit: ff zdet=F z [=Fb Fa.

b
Chu y: Tich phan f f x dz chi phy thudc vao f,a,b ma khong phu thudc vao cach ky hiéu bién sd

tich phan. Vi vay, ta co thé viét:
b b b
Fb Foa :ffxdm:fftdt:[fudu:...

Dinh Iy: Cho ham sé6 y= f x lién tuc, khong dm trén khoang I VA a,b la hai s6 thuéc I a < b
Dién tich S ciia hinh thang cong gi6i han boi do thi ham s6 y = f = , truc hoanh va hai dwong

thang © =a,x="b la:

S:.Tf x .dx.

2. Cic tinh chit ciia tich phin
Gia stir cac ham sd f z ,g = lién tuc trén khoang I VA a,b,c 1a ba s6 bat ki thuoc I . Khi d6 ta c6

cac tinh chat sau:

Tinh chat 1: ff x dr = 0.

b a
Tinh chat 2: ff a:dxz—ff x dx.
a b

Tinh chdt 3: _bfk;f z dr = k:.bff zdr kcCR.
Tinh chdt 4: bf[f z Lg xdx:Tf xdr L .bfg rdr .
¢ b

Tinh chdt 5: ff :Uda;:ff xdm—k'(rf x d.
b

a a

b
Tinh chdt 6: Néu f « EO,VxC[a;b] thi ff x dr > 0.



b b
Tinhchat 7:Néu f © =g ,\?’xc[a;b] thi ff xdx = [g x dz.

b
Tz'nhchd't&Néumgf T gM,VxC[a;b] thi mbd a < ff zdr <M Vb a.

t

Tinh chat 9: Cho ¢ bién thién trén doan [a;b] thi G t = ]‘f rd x languyénhamcua f ¢ va

G a =0.

b
Pé tinh ff x dx ta su dung:

a

a. Bang nguyén ham cac ham s so cip co ban.
b. St dung may tinh CASIO fx — 570MS, bang cach thuc hién theo céc budc:
Buée 1: Thiét 1ap méi trudng bang cach an:

MODE

1

Buée 2: Bétinh | f z dz , ta khai béo theo cl phép:

a

B <hamss ) >l aH o HEL

3. Phuwong phap d6i bién so

Céc phuong phap d6i bién sb st dung kha pho bién trong viéc tim nguyén ham. Co sd ctia phuong

phap dbi bién s6 1a dinh li sau:

bff[u x}u' x .dx:.

i

]‘f u du

«

wv=ua,3=ub

4. Phwong phip tich phén tirng phin

Co s6 ctia phuwong phép tich phan timg phan 14 cong thic sau:

b

b

fua:.v'a:.da::ua:.vx\z fva:.u'a:.da:. 1

a

a

Pé st dung (1) trong viéc tinh tich phan ta thuc hién cac budc:

Burée 1: Bién d6i tich phan ban dau vé dang:

I:.bff l‘dz‘:'}rfl T .f, v dr

Buoc 2 : Dat

u:flx
dv:j;xdx

b

d

du

v

Bute 3: Khi do: I = uv |, — [ vdu

a

Cha'y: Khi s dung phuong phap tich phan tung phan dé tinh tich phan, chung ta cn tuan thi cac

nguyén tac sau:

1. Lya chon phép dit dv sao cho v dugc xac dinh mot cach dé dang/



b
2. Tich phan [ vdu duge xac dinh mot cach d& dang hon so véi 1.

3. Chung ta can nhd cac dang co ban sau:

Dang 1: Tich phan I = fx“.lnxdx, véiac R\ 1 khidéditu=Inaz

Dang 2: Tich phan T = IP v ¢""dr (hoicl = fP v €'dz) véi P lamot da thire thude R|X]|

va acR khidoditu=P z .

Dang 3: Tich phan I = f P z sinazdr (hoic I = f P 2 cosaxdr) voi P 1a mot da thire thudc
R[X|vaaeR khidodit u=P z .

Dang 4: Tich phan I = fe”cos bz dx (hoac I = j e sin bz dx ) véi a,b <« 0 khido dit
u=cos br (hodc u =sin bx ).

II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
1
Caul: Tich phan [ 922 4+ 1dz bing:
0

A. 0. B .1.
C.2 D.3.

Ddp dn tric nghiém C.
» Loi gidi tw ludn: Ta co:

1
f 2z | 1de = 2* | = [\=2, {mgvi dap an C.
0

> Luwa chon ddp dn bang phép thir két hop siv dung mdy tinh CASIO fx — 570MS: bang cach thuc
hién theo thir tu:

MODE 1
Jo ARNBITNG - B [ L L2

Do @6, viéc lya chon dép an C 1a dung dén.

> Luwa chon ddp dn bing phép dinh gid: Dua theo tinh chit 8, bang cach 1ap luan:

1
<22 —1<3, véi Yo [0l =1 Og[Qxildx£31 0
0

1
=]« f 2z { 1dx <3 = Cacdap an A, B va D bi loai.
0

Do do, viéc lua chon dap an C la ding dén.
+«+ Nhan xét: Nhu vy, dé lua chon duge dap an dang cho bai toén trén thi:

= Trong cach gidi tu ludn, ching ta st dung bang nguyén ham cac ham s6 so cap co ban va dinh
nghia tich phan dé tinh.

= Trong cdch lia chon ddp dn bang phép thir két hop sir dung may tinh CASIO fx — 570MS,
chung ta st dung chirc nang tinh tich phan cia may tinh, di€u nay giup giam dugc thoi gian.
Tuy nhién, cac em hoc sinh can luu y
e V6i cac dap an 1é thi can tinh gan dung chiing dé so sanh véi két qua nhan duoc tir may

tinh.

e Véi cac ham sb luong giac thi can thiét 1ap don vi do twong tng.



= Trong cdch lwa chon déap én bang phép danh gia, ching ta st dung tinh chét 8 dé loai trir ngay
duogc cac dap an B, C va D. Tur d6, khang dinh dugc viéc lya chon dap an A 1a dung dan.
Vi bai toan nay, viéc st dung phuong phap danh gia chi mang tinh minh hoa boi phép tinh
tich phan qua don gian.

-1
Cau 2: Tich phan fo z+1 dz bang:
0

A.0. B.—. C. —. D.
20 10

Ut =

Dadp dn tric nghiém B.
» Loi gidi tw ludn: Ta co:
-1 ,1_‘ ‘
fx3 | ldr= ] 't 2 dr = 1y | Ly . :i, g véi dap 4n B.
. . 5 4 20

> Luwa chon ddp dn bang phép thir két hop sir dung mdy tinh CASIO fx — 570MS: bang cach thuc
hién theo thir tu:

R AcrrARE QA X I BRoRE IE [ oos

Do d6, viéc Iya chon dap 4n B 1a diing dan.

0 0

4
Caus:  Tichphan [z Jz — 4% dr bing:
0

L B.— 220 c. 2 p.22%.

5 bt 5 5
Ddp dn tric nghiém B.
> Loi gidi tw ludgn: Ta co:

4 4 (3 5

- (3 2 7 2 .
Jx T — 1 dx—j 2 —2’dr — | =2 — =2 ‘é——ﬁ,&ngvéldépénB.
/ / 50 5

> Luwa chon ddp dn bing phép thir két hop siv dung mdy tinh CASIO fx — 570MS: bang cach thuc
hién theo thir tu:

MODE[1]

m@ﬂﬂ%&mw&!hmwé@ﬂ“ﬂld

512
Do d06, viéc lya chon dép an B 1a dung dén.

3, .
Cau 4: Tich phéan J dr bang:
. T
2

A.lng : B.ln2 . C.In3. D.ln%.

Ddp dn tric nghiém A.
» Loi gidi tw ludn: Ta co:

dx 3
— = ln‘x‘
x 2

=In3 In2= ln%, ung voi dap an A.

2



> Lwa chon ddp dn bang phép thir két hop sir dung mdy tinh CASIO fx — 570MS: bang cach thuc
hién theo thir tu:

MODE [T
A XEBSEE | 0405

Do do, viéc lua chon dap an A 1a dang dén.
> Luwa chon ddp dn bang phép dinh gid : Dya theo tinh chat 8, bang cach 1ap luan:

1.1 .1 . 1 y 1 1 1
<o <o Vi Ve |23 23 2 < @oly o< [Z<z
3z 2 3 T2 3 4z 2
= Céc dép an B, C va D bi loai.

Do do, viéc lua chon dép an A 1a ding dan.

2

4
Cau5:  Tich phan f dz bing:
2

1
T+ —
x
A.§. B.ﬁ. C. —§. D. 25.
12 12 12 12
Ddp dn tric nghiém B.
» Loi gidi tw ludn: Ta co:

1
:z:2+—2—|—2]dx:
T

4 2

J

2

4

dr = ]

2

1
T+ —
x

1
—:1:3—14-2:1:
3 x

2 .
= %25, ung véi dap én B.

> Lua chon ddp dn bang phép thii két hop sir dung mdy tinh CASIO fx — 570MS: bang cach thyc
hién theo thur tu:
MODH (1]
AlALrra K | R

ALpiA XN BESH 20 + B
E

I 22.917]

Do d06, viéc lya chon dép 4n B 1a dung dén.
> Luwa chon ddp dn bang phép dinh gid : Dya theo tinh chat 8, bang cach 1ap luan:

2 4 42 4
1 ) 1 , 1 .
T | —=2 V('n\fxé[2;4]—> r+—| 4= | |lz+— d:z:2]4d:c—8
x z ) x !
= Céc dap an A, C va D bi loai.
Do d06, viéc lya chon dap 4n B 1a ding dan.
3
Cau6:  Tichphan [z +1dz bing:
0
A.0 . B.2 . C.&. D.g.
3 3

Ddp dn tric nghiém C.
» Loi gidi tw ludn: Ta cO:

1
3 9 33
2

- o 2 2 14

] x}ldx:jmil dr == z {12 =—,tngvdidap an C.

4 4 3 3

> Luwa chon ddp dn bing phép thir két hop sir dung mdy tinh CASIO fx — 570MS: bang cach thuc
hién theo thir tu:



Cau7:

Cau 8:

>

>

MODE[ 1
oxd - f vl - B KL= | 4.6667

Do d06, viéc lya chon dép an B 1a dung dén.
Luwa chon ddp dn bang phép dinh gid : Dua theo tinh chat 8, bang cach 1ap lun:

3 3
1<z 11<2, véi ¥z c[0:3]=13 0 g.f\/x [ 1dz <23 0 &3< f\/x b 1dz < 6
0 0

= Cac dép an A, B va D bi loai.
Do do, viéc lua chon dap an C la ding dan.

1
Tich phan f ¢’ +1 dv bang;
0

Ace . B.2e . C. 2e+1. D.e+1.
Ddp dn tric nghiém A.
Loi gidi tw lu@n: Ta co:

1
1
f el lde=¢e"tz| =e|l 1=eungvdidap anA.
0
Luwa chon ddp dn bang phép thir két hop sir dung mdy tinh CASIO fx — 570MS: bang cach thuc
hién theo thir tu:

NioD[T -
acprA o] [ATPHAXER Mol BB [ 27183

Do d06, viéc lya chon dép 4n A 1a diing dén.

0

Luwa chon ddp dn bang phép dinh gid : Dya theo tinh chét 8, bang cach lap luan:

2<e" t1<et 1, VoI
1 1
veclol]=21 0 gfe""’|1da:£ e-11 0 @3<fe‘" tldv <e il
0 0

= Cac dép an B,C va D bi loai.
Do d06, viéc lya chon dép 4n A 1a diing dan.

1 \
3 .
Tich phan e 1 r bang:
P Of{ w+1']d &

2 2

A S 13mor L, B. % 1 3m2 L.
2 9 2 9
2 2

c. % 3mosl. D.& 321
2 9 9 9

Ddp dn tric nghiém B.
Loi gidi tw ludgn: Ta co:

'lf[em l xj—l

0

1

da;:[lem I 31n‘x I 1‘]
2

=< | 32 l,ﬁng véi dap an B.
. 2 2
Luwea chon ddp dn bang phép thir két hop sir dung mdy tinh CASIO fx — 570MS — Hoc sinh ty
thue hién.
Do do, viéc lua chon dap an A 1a dang dén.



A
!

Céu 9: Tich phén

A3 . B.A2 .

Ddp dn tric nghiém C.
» Loi gidi tw ludn: Ta c0:

/4 7

0

Cau 9:

> Loi gidi tw ludgn 2: ta co

O e [N

sinx + cosr dx bang:

I' sinx | cosx d:c:\/gfsin[x : g]dx:
0

7

'.l' 4
\/5005[)( f 1]
4‘0

(sin x+cos x)dx = (—cos x +sin X)E =1, ung vdidap an C

D.0.

=1, tng véi déap an C.

> Luyea chon ddp dn bang phép thir két hop ste dung mdy tinh CASIO fx-570ES PLUS:

Béng cach thuc hién theo tha tu:

MOOE SETUP tsur'; DISTY
SHi

FT MOCE SETUP MATTX
‘ ’ @ (thiét 1ap don vi do rad)

ro qua phai

Do d6 viéc lia chon dap an C la dung dn.

a2

Cau 10: Tich phan sin X — dx ban
P J. ( sin’ xj &
4
A. 2. B. 4.
Dép s6 trac nghiém D

> Loi gidi tu luan: Ta co:

|4 =i

(sinx— 42 jdx (—cosx+4cotx)[*,
7 sin? x

4

z
4

4

t SHIFT S
. © @« e

X Pol " int cos 'k
(+) (s

oA ? X 9 R

fMAYifl : ]

D. 8.

=8, tng véi ddp an D

> Lua chon dap an bang phéo thir két hop st dung mdy tinh CASIO fx-750MS:

Bang cach thuec hién theo thit ty:

SWET  MOSE SETLp @ (thiét 1ap don vi do rad)



(o

L= ; SAPSRA 1n MATEX ._ -R % sin'eD
n @ @ o = X Wsn X
* a? DEC
SHIFT .g_"_‘;;n Rec _intg’ SHIFT MATEX .g_ =R
S LN - EOR 1 CC ) -
) =

Do d6 viéc lwa chon dép 4n D la diung dén

16
Cau11: Tich phan |

% bang:
2 Vx+9-/x
A.12. B. 10. C.8. D. 6.
Dép s6 trac nghiém A.

16 dx ( X+9+ \/;)dx
> Loi gidi tie luan: Ta co: I = I
x+9—\/§ 5 X+9-x

=%T(M+\/§)dx

16

1|2 _12

3 23
== Z(x+9)2+=x?
9|3 3
utng voi dap an A.
> Lua chon dap an bang phéo thit két hop stt dung méy tinh CASIO fx-750MS:
Béng cach thuc hién theo thi tu:

MOCE SETUP [ STATY DGS"

tmﬂbnsr, . 3 Pl int ' X CLR
] Rnd snmms*

12

0

ClJ{

@ﬂ

FZ

@

Chay: 14 trd phai, 1én, xuéng.
Do do viéc lua chon ddp an A la dung dén

2
Cau12: Tich phén [[x/dx bang:

A.0. B.E. C.E. D.Z.
2 2 2

Dép s0 trac nghiém C
> Loigiai tw ludn: Viqua x=0 ham sd y =x doi tir ddu — sang ddu + nén:
0

2

2 0 2 0 2
_[|x|dx = I|x| dx+j|x| dx = jx.dx+jx.dx __x
-1 -1 0 -1 0 2

22

+X? =3 , ing voi dap an C

-1 0

> Lua chon dap an bang phéo thit két hop stt dung may tinh CASIO fx-750MS:
Bﬁ“mg cach thuc hién theo thi tu:



MOCE SETUP {sv.m DisTy
fm SHIFT Abs € s [ S 7% i 1L STAT/DISTY ' O
@ 0Oa ®@UO

=4 2.5

Do d¢ viéc lwa chon dap an C la dung dén

Cau 13: Tich phan ﬂln x|dx béng:
1

e

A.l—l. B.2—g . C. 2+E . D.1+l .
e e e e

Dép s6 trac nghiém B

» Loigiai tw luan: Viqua x=1 ham sd y=Inx d6i tit ddu - sang dau + nén:

@ | - — @

1 e 1 e
Inx|dx = ||Inx{dx + | {Inx]dx =—| In x.dx + | In x.dx
R e [ By
1 e 2
—x(In x—l)‘; +x(In x—l)‘l = 2—5
Ung véi dap an B.
> Lua chon dap 4n bang phéo thit két hop stt dung méy tinh CASIO fx-750MS:
BE“mg cach thuc hién theo th tu:

MOOE SETUP ts*m’;’msr,

fm SHIFT Abs = STAT/DISTY N
@boeovo0o@o@®aw
. . =4 1.2642

Do d6 viéc lwa chon dap an B la dang dn.
Cau14: Tich phan [|cosx|dx bang:
0
A.0 B.1 C.2 D.3
Dép s6 trac nghiém C.
> Loi giai tw luan: Vi qua x =% ham s& y =cosx ddi tir ddu + sang ddu — nén:
Vi % VA % a
j|cos x| dx = ﬂcos x| dx + j|cos x| dx = J'cos X.0X — Icos X.0x
0 0 z 0 z
=sin x|0% —sinxz =2, tng v6i dap an C
2
> Lua chon dap an bang phéo thir két hop st dung may tinh CASIO fx-750MS:
Béng cach thuc hién theo tha tu:



MOOE SETUP f STAT/ DISY‘

SHIFT MOOE S=TUP MATIX
(thiét 1ap don vi do rad) é i @

fm; SHIFT Abs € cot € Pors X §5N% SHIFT n_e fad
X K- X-K K X @~ 0@
L

=] 2

Do d6 viéc lwa chon dap an C la dung dén.
5

2 5
If(x)dx:—4 Jf(x)dx:6 If(x)dx
Cau 15: Biét ! , 1 . Gia tri cua 2

A.-4. B. 6. C. 2. D. 10.
Dép s6 trac nghiém la D.

bang:

> Loi gidi tie luan: Ta co:
5 2 5 5 5 2
jf(x)dx=f f (x)dx+I f (x)dx<:>J‘ f (x)dx=_[ f (x)dx—J' f(x)dx=10,
1 1 2 2 1 1
tng voi dap an D

3 5 4
[f(z)dz=3,[ f(x)dx [f(t)at
Cau 16: Biét © 2 , gid tri cua 3 bang;
A.—4 . B.-10 . C.10. D. 4.

Dép s6 trac nghiém D

> Loi gidi tu luan: Ta co:
4 3 4 3 4
j f (X)dx = j f (x)dx + j f (x)dx = j f (z)dz + j f (t)dt
0 0 3 0 3

4 4 3
@j f(t)dt:jf(x)dx—jf(z)dz=7—3=4 , ing véi dap an D
3 3 0

b
Cau17: Biét [(x-1)dx=0,khidé b nhan gi4 trj bing:
0

A.b=0hodc b=1. B.b=0 hoac b=2 .
C.b=1hodacb=3. D.b=2 hoach=3.
Dép s6 trac nghiém B

> Loi gidi tu luan: Ta co:

0=i(x—1)dx=(%x2 —xj

> Lua chon dap an bang phép tht, ta 1an luot danh gia:

b

2

b=0
:lbz_bc{b—Z , tng voi dap an B

0

Dua theo tinh chat 1, chiing ta thay ngay b=0 théa man diéu kién dau bai. Do d6 cac
dap an C va D bi loai.



Cau 18:

1

1
Véi b=1 ta duoc: I(x—l)dX:(%xz—xJ =—%¢o , dap 4n A bi loai.
0

0
Do do6, viéc Iyra chon dap an B la dung dan.

Lua chon dap an bang phép thir két hop stt dung méy tinh CASIO fx-570MS: ta 1an
lwot co:

Dua theo tinh chat 1, ta thay ngay b=0, thoa man diéu kién dau bai. Do dé cac dap
an C va D bi loai.

Vo6i b=1, taan

MOCE SETUP @DHY]

P % ALPHA X Rec A STAT/DISTy % X . Rnd . STAT/DISTy
/2 » - @ (o) (1)
==

e \

=] 05

= Ddp an A bi loai.

Do d9¢, viéc lira chon dép an B la dung dén.

Lua chon dap an bang phép thtt két hop st dung méy tinh CASIO fx-570MS: ta lan
Iwot co:

Véi b=3, ta an:

MOOE SETUP @Dﬁ'l

fm % e X T STATIDISTy Clam &ad BASE
@0 le® ™

= DPap an C va D bi loai
V6i b=2 ta st dung dau tro trén may tinh dé€ d6i 3 thanh

@ an: 0

=b=2 théaman = dap an A bi loai.

Do d6 viéc Iia chon ddp an B la dung dén.
Biét [(3x*—4x—9)dx=-18 , khi d6 a nhén gid ti bing:
0
A.a=-3. B.a=2. C.a=3. D.CaA,BvaC.

Dép s8 trac nghiém D

Loi gidi ty luan: ta co:

~18= I(Bx’-’ —4x—9)dx :(x3 —2x? —QX)E1 =a®-2a’-9a
0

a=2

a=13

Vay, voi a=2 hodc a=13 théoa man diéu kién dau bai.
Loi giai tw luan két hop st dung may tinh CASIO fx 500MS: ta co:

<a*-23a’-% +18:0<:>(a—2)(a2—9)=0©{



Vay, voi

Cau 19:

~18= I(Bx’-’ —4x—9)dx :(x3 —2x? —QX)E1 ~a®-2a’>-9a

:2 Y\
< a’-2a"-9a+18=0<(a-2)(a’-9)=0 c{a , bang cach an:
a=13

MOOE SETUP @
MOCE S=TUP fvsno:: @ {snnmsv] | rHAI @ ] rHAI CLR |

STAT DIST " (GNV
(1) 8D 3
3

:

a=2 hoac a=13 thoa man diéu kién dau bai.

Lua chon dap an bang phép thtt két hop st dung méy tinh CASIO fx 500MS: ta thuc
hién twong tu bai 17.

Cha y: Cac bai tiép theo minh hga mot s& phuong phép tinh tich phan (phuong phap
phan tich, phuong phap d6i bién va phuong phap tich phan titng phan)

2
3dx N
Tich phan bang:
fch p !Xz_ ~ bing
A.—In2 . B.-2In2. C.2In2. D.In2 .
Dép s8 trac nghiém 1a B.
A+B)x—-3B
Loi giai ty luan: — = 3 = A +E:( il )
x*=3x  x(x-3) x-3 x x(x—3)
A+B=0 A=1 3 1
= = =— =—— =
-3B=3 B=-1 x*-3x x-3 X
Khi do:
2 2 2
j 3dx j =(In|x— 3|—|n|x|)\ =-2In2 , tng véi dép an B.
X

l 1

Lwa chon dap an bang phéo thit két hop st dung mdy tinh CASIO fx-750MS:
Mﬁm STA;msv
gy BASE Py 2% DEC
@ ®soogureve

Bang cach thuc hién theo thit ty:
= 3 == e
@ -1.3863

Do d6 viéc Iwa chon dap 4n B 1a dung dén.



T

2
Cau 20: Tich phan: j cosx.cos2x.dx bang:

2

A.1 . B.

3
Dép sd trac nghiém B.

w| N

3
> Loi giai ti luan: Ta co: I COS X.COS 2X.dX = %

2

1(1 . ) jz
=—| =sSin3x+SIn X
2.3 z

wIlN

> Lua chon dap an bang phéo thit két hop stt dung may tinh CASIO fx-750MS:

Bang cach thurc hién theo thi tu:
MODE SETUP | STAT/DISTy

o (1)

SHIFT MOCE SETUP fMATK'X:

(thiét 1ap don vi do rad)

: cm’IEI ALPHA nPr GCf cos’IEi fwnxj

SHIFT nN e ! MR
00 e @ 2@ @

=]

Do d6 viéc lia chon dap an C la dung dén.

T

12
Céau 21: Tich phan J.Cos2 x.dx bang:
0

7T+3 B7Z'+3

S 24 12
Dép s6 trac nghiém A.

> Loi giai tee luan: Ta co:

i a
12 12

0

> Lua chon dap an bang phéo thit két hop st dung mdy tinh CASIO fx-750MS:

Béng cach thyc hién theo tha tu:

J‘cos2 x.dx:lJ'(1+c032x).dx:l(x+lsin 2xj
24 2\" 2

C.1.

N‘N'—.r\)‘ﬁ

, itng vdi dap an B.

z
12

0

(cos3x.cos x).dx

RIES

CPLX
o) @

0.6666




- 1)
SHIFT MOCE SETUP SAATIX
@ W (4) (hiétlap don vido rad)

fa: % cos'rE vy N $ X 9 x a'DEC ‘
@ o O -~ e
1 SH!FT H e == g STATIDISTy TR
=
[==]

=l

0.2559

Do d6 viéc lua chon dép 4n A la dting dan.
1

Cau 22: Tich phan [(3x+2)" dx bang:
-1

NS 522 %5 102
5 5 5 5
Dép so tréc nghiém D.
> Loigiai te luan 1: Pat t=3x+2 suy ra dt =3dx
Poi can:
Véi x=-1 thit=-1
Voéi x=1 thit=5
L s °

1, 1042
15

1 5
Khi do: [(3x+2)" dx= ij thdt = -
-1 3 ] -1 S5

, itng vdi dap an D.

» Loi giai tw ludn 2: Ta viét lai tich phan dwdi dang;:

1 1

1
[(3x+2)' dx=1j(3x+2)4d (3x+2) = = (3x+2)
% 3, 15

> Lua chon dap an bang phéo thir két hop stt dung méy tinh CASIO fx-750MS:
Bi“ing cach thuc hién theo thi tu:

MOCE SETUP tsnf;bosvl
Pol Int 1. DEC

1042
= OT , tng véi dap an D.

-1

r"Al ts‘uf;bisv] ‘ {su'r}bisr] ‘

208.4

Do d6 viéc lwa chon dap an D la dung dén.




Cau 24:

A.0. B.-2. C.2. D.4.
Dép sd trac nghiém A.

Loi giai tw luan 1: D4t t=x*+1 suy ra dt =2xdx .

Poi can:

Véi x=-1thit=2

Véi x=1 thit=2

=0, (vi hai cn bang nhau), ¢rng v&i dap an A.

oo [t 2xdx  p2dt
Khi do: J.*lx2+1_ ZT

.....

r 2.0 r d(x+1) (In‘x2+1‘)11=0,trng vdi dap an A.

X241 x*+1
> Lua chon ddp n bdng phép thir két hop si¥ dung mdy tinh CASIO fx-570MS:
Bang cach thuc hién theo thi tu:

MODE|| 1]

Z@QHI-®1III1I1I

L (2x+1)dx

Tich phan |2 —— bang:

P Il X?+XxX—2 &

A. —In8. B. Ing. C. InE. D. Inz.
8 8 8

Lo gidi

Chon C.

> Loigidi twlugn 1. Dat t = x> +X—2 suyra dt—(2x+1)d

Ddi can:

Vdi x=-1thi t=-2.

Vi le thi t:—E.
2 4

D(2x+1)dx  -Sdt -~ 5
Sz L (i

.....

Khi d6 j

5
In=.
8

J- (2x+1 ) dx Id X2+ X— 2)
L2 +x—2 X2+ X—2
> Lwa chon ddp dn bdng phép thi két hop st dung mdy tinh CASIO fx-570MS:

[ @ > Arrra) < 6 1 B I @ (ArpeA) X BS B8 (ArPHA| X B 2 )
ol lH - - 047

In|x*+x—2 : =
-1




3 N
Cau25: Tich phan jo x+/x2 +16dx bing:

a2 g. oL, ¢ D. 22
3 3 3 3
Lo giai
Chon B.
> Lo gidi tw lugn 1. Dat t =+/x* +16 suyra dt - X dx hay x.dx=t.dt.
VX* +16
Déi can:

Véi x=0 thi t=4.
Vdi x=3 thit=5.

3 5
Khi dé Iosx\/x2+16dx=jft2dt=% =%1.
4

.....

s 1ea, , L 1 6l

jo X/ X +16dx_§j0(x +16)7 d(x +16)_3( +16)?| = =3

> Lua chon ddp dn bdng phép thir két hop si¥ dung mdy tinh CASIO fx-570MS:
MODH[1
@@mlolsa

Cau26: Tichphan [2-"—dx bing:
1+sinx
A 4In2. B. 3In2. C. 2In2. D. In2.
L giai

Chon D.

» Loigidi twludn 1. Dat t =1+sinX suy ra dt =cos xdx .
Ddi can:

Véi x=0 thi t=1.
Véi x=2 thi t=2.
2
5 COSX

0 1+sin X
> Lo gidi tu lun 2.Ta viét lai tich phan dudi dang

Khi do

dx=[[ 2ot =(nfe)[ <In2.

J-g COS X J- 1+ sin x
0 1+S|nx 1+S|nx
> Lwa chon ddp dn bdng phép thi két hop st dung mdy tinh CASIO fx-570MS:

MODE
IMODE| [MODE| MODE |MODE (Thiét lap don vi do rad)
oo o] [ - [ )

B 0!@n i 10

(In [1+sin x|)‘0% =In2.

| 0.6931|




4 dx

Cau27: Tich phan [%2 bang:
P -[0 (1+tan3x)cos’ 3x ¢
A In2. g. N2 ¢ n2 p, 2.
2 3 4
Lo gidi
Chon C.
..... n . 3dx
> Loigiditwlugn 1. at t =1+tan3x suy ra dt = ——.
cos” 3x

Péi can:

Vai x=0 thi t=1.

V&I x =2 thi t=2.

12
2

z dx 1,21 1 In2
Khi d6 {2 == [Zdt=2(1 -
G0 -[0 (1+tan3x)cos®3x 3 tOIt 3( n|t|)

1

> Lo gidi tu ludn 2.Ta viét lai tich phan dudi dang

J-l”z dx :ljf;d (1+tan3x)

0 (1+tan3x)cos’3x 370  1+tan3x

> Lwa chon ddp dn bdng phép thi két hop st dung mdy tinh CASIO fx-570MS:

MODE

MODE MODE|[MODE [MODE (Thiét lap don vi do rad)

JaxRY + [ ] BY + Jran] EYENORERN )] )|

B @68 @3 acruA X B B ES B -

Bofbori~E 208 | 0.2310)

c6 gia trj bang

:E(In|1+tan 3x|)E :In_2.
3 0

3
Bai28. Tich phan j
"

sin 2x
A D3, p. N8 c. 8 D. In3.
4 3 2
Loi giai
Chon A.
» Loi giai ty lugn 1:
%
batt=tanx=dt=— :(1+tan2x)dx:>dx: dtzj dxz ; sin2x = 2tan2x = th.
COs” X 1+t° 5 2cos” X 1+tan“x 1+t
Pdican: x=2=t=1: x=2=t=+/3.
4 3
Fodx  1Fdt 1 .5 B 3
Khidé: [——=>[==ZInt}’=In==In=>
wsin2x 29t 2
n

> Loi gi’di tw lugn 2:
Ta viét lai tich phan dudi dang:



Bai 29.

3 dx 1% X 1% X tanx 1
I d —I d :—.[ d =—.|. ):—In|tanx| Zﬁ_ln\/§ In3.
ﬂsm2x 29sinx.cosx 297 tanx.cos’ x tan x 2 2 4
4 4 4 4
Loi gidi tw IUan 3: Ta viét lai tich phén duéi dang:
3

dx (sin” x+cos” x) dx 1% cosx  sinx . 3
_[ _—'[ ) _ dx == (In|smx|—|n|cosx|) =1n=.
> Sin 2X sin X.cos X 2 sin X cosx 2 4
4 4 Z

Lura chon ddp dn bang cach thit két hop sir dung may tinh CASIO fx - 570es:
Bang cach thuc hién theo thir tu:

(]

MODE MODH (Thiét lap don vi do rad)

1 . 2 |ALPHA _ @ B

5 4Bsari B B8 [ 0.2746]

Do d6 viéc lya chon dap an A la dung.

7[

Tich phan | ———— ¢6 gia tri ban

P J.1+c052 gatn 9

A V3 B Y2 c. ! D. 0.

2 2 2
Loi giai

Chon C.

Loi giai tuw ludgn 1:

Dit t=tanx = dt = — =(1+tan2x)dx:>dx=i2;

COS“ X 1+t

_ tan? g2 Y

cos2x:1 tanzle t2:>1+c032x:1+1 tzziz.
1+tan“x 1+t 1+t 1+t

Péican: x=0=t=0; x:%:tzl.

Khido: [— & 1 jt —t\g=—

o 1+C0s 2x 2
Loi gi’al tu lugn 2:
Ta viét lai tich phan duéi dang:

Va Vi

Ot~y

dx _j‘~
. 1+c0s2x 7 2c0s” X

Lura chon dap dn bang cach thit két hop sir dung may tinh CASIO fx - 570es:
Bang cach thuc hién theo thir tu:

MODH | 1] |
MODE MODE MODE|[MODE|[ 2] (Thiét lap don vi do rad)

7r/4

— [y

:Eid(tan X) = 1(tan )5
24 2

0.5

IHIIIIMLPIL@E
& o B StFT o f 4|H

Do d6 viéc lya chon dap an C la dang.




Bai 30.

Bai 31.

T

2
Tich phan J'cos3 x.sin? xdx c6 gid tri bang

AL B. 2. c.l p. 2.
15 15 5 15
Loi giai
Chon B.
Loi giai tu lugn:

T T

(sin2 X —sin’ x)cos xdx .

O N [N

2 2
Ta bién doi jcos3x.sin2xdx _[1 sin? x .sin? x.cos xdx =
0

bt t =sin x = dt =cos xdx .

Péican: x=0=1t=0; x:%:tzl.

2 t* )1 2
Khi do: _[cos X.sin? xdx = I t dt —— . ==.
3 5)J)0 15
Lia chpn ddp dn bang cach thur két hop sir dung may tinh CASIO fx - 570es:
Bang cach thuc hién theo thir tu:
MODE]|| 1

MODE|[MODE MODE MODE (Thiét lap d’(m vi do rad)

[ax[ Jeos I )l 2 E lALPH )l
= 0 SHIFT] = 3 2 B [E

Do d6 lya chon dép én B la dung.

Nhan xét: Nhu vay dé lya chon dugc cac dap an ding cho céc bai toan trén thi:

= Trong cach giai tu luan chling ta thay n6 c6 dang R(sin x,—cosx)=—R(sinx,cosx)va
theo ly thuyét thi phép doi bién la t =sinx.

= Tuy nhién, bai toan trén con cé thé giai bang viéc bién doi bicu thac cos® x.sin? x tong cau
cac ham so luong giéc, cu thé:

| 0.1333]

. 1. 1 1
cos’ x.sin’ x = Zsm2 2X.COS X = g(l—cos 4x)cos X = g(cos X —C0S 4X.COS X)

:%[cosx—%(0055x+c053x)} :%(Zcosx—cossx—cosC%x) .

=  Trong cach lya chon dép an bang phép thu voi may tinh CASIO f x - 570es, cac em hoc
sinh nhd rang can phai c6 dong tac thiét 1ap don vi do phu hop.

Tich phan IZX.In xdx c0 gié tri bang
1

1 2 1 2 1 2 2
A. 2(e +1). B. 2(e +2). C. 2(e 2). D. (e 1).
Loi giai
Chon A.
Loi giai tu lugn:

1
_.ju=Inx du = —dx
bat = X .
dv = 2xdx )
V=X

Khi do:
1

f—_[xdx=e2—1x2
1 2

=2,



Bai 32.

Bai 33.

Luwa chon ddp dn bang cach thit két hop sir dung may tinh CASIO fx - 570es:
Bang cach thuc hién theo thir tu:

MODE|| 1]
& AcpHA X [l ALPHAIX B 1 BACPEACJB [ 41949

Do d6 lya chon dap an A 1a dung.

1
Tich phan Ixexdx c6 gia tri bang
0
A. e, B. e-1. C. 1. D. 0.
Lo giai
Chon C.
Lot giai tu lugn:

u=x du = dx
bat = .
dv=e"dx v=ge
1
- e
0

Lwa chon ddp dn bang phép danh gia: véi x €[0;1], ta lan lugt dénh gia:

1
Khi do: [ xe 11,
0

1
xe* ZO:IxeXdX>O:dép an D loai.

1 1
xex<eX:J'xexdx<.fe

Do d6 ta chon dap an C. )
Lwa chon ddp an bang cach thur ket hop sir dung may tinh CASIO fx - 570es:
Bang cach thuc hién theo thir tu:

MODE|[ 1]

R ALpHA| X B8 ser A acerA Kl o B 1 B B

Do do lya chon dap an C 1a dung.

T

3
Tich phan chosxdx c6 gid tri bang

.i_l B, i_z. c. B, p, V3.1
6 2 6 6 2
Loi giai

Chon A.
Loi giai tu lugn:
_ {u=x du = dx
bat = L.
dv =cos xdx vV =Sin X
71'/3 72-\/§ 71'/3 7['\/_ 1

Khi do: jxcosxdx Xsin x|g

sin xdx_T+cosx

2

o'-—.w\::

> Luya chon dap dn bang phép déanh gia: Véi x e {0; %} , ta 1an luot danh gia:



O e W | N

X.C0S X > 0= | X.cos Xxdx >0 = DPap an B bi loai.
3 3 N
X 3
x.cosxsx:>Ix.cosxdx<dex:— :”—z0,5483.
0 5 2|, 18

= Céc dap an C, D bi loai.

Do do, viéc lua chon dap an A 1a ding dén.

> Lira chon ddp én bang phép thir: Str dung may tinh CASIO fx — 570 MS, bang cach thuc
hién theo thir tu:

[ dx
] o[ BHIFT = |2 3 B 0,4069

Do @6, viéc lya chon dap 4n A 1a ding dén.







PHAN IV SO PHUC
§1. SO PHUC
I. KIEN THUC CO BAN
1. Khai niém so6 phirc
Dinh nghia 1: M6t so phtrc 1a mét biéu thuc dang a+bi, trong d6 a, b 1a cac so thyc va so i théa man
i =—1.Kj hiéu sb phirc 46 1a z va viét z=a+bi. i duoc goila don vi do, a goi la phan thuc va b goi 1a
phan do cta s6 phic z=a+hi.
Chay: , ‘ ‘
1. Moi s0 thuc a dugc coi 1a s6 phirc ¢6 phan ao bang 0, tic1a z=a+0., ae X.
2. S phtrc c6 phan thue bang 0 duoc goi 12 sb 40 (con goi 14 thuin 40): z =0+ bi (b ek); i=0+li=1i.
Pinh nghia 2: Hai s phuc z=a+bi (a, be I.’\E), z'=a'+b'i (a', b'e I.’\E) bang nhau néu va chi néu:
a=a',b=Db".
Khi do, ta viét z=z".
2. Biéu dién hinh hoc so phirc
M&i 56 phitc z=a-+bi (a, be X) dugc bicu dién béi diém M (a; b). Khi do, ta thuong viét M (a-+bi) hay
M (z). Géc O biéu dién s 0.
Mit phang toa do véi viéc biéu dién s6 phirc duoc goi 1a mat phang phirc.
* Truc Ox goi la truc thuc.
* Truc Oy goi la tryc do.
3. Phép cong va phép trir sé phirc
Pinh nghia 3: Tong cla hai s6 phitc z, =a, +hii, z, =a, +b,i(a,,b,a,,b, € ¥) 1a s phic
2,+2,=(a,+a,)+(b+h,)i.
Nhu vay, dé cong hai sb phuc, ta cong cac phan thuc véi nhau, cong cac phan ao voi nhau.
Tinh chat ctia phép cdng so phtrc:
1. (Tinh chdt két hop): (2,+2,)+2,=2,+(2,+2;) véimoi z,, 7,, ;€ C.
2. (Tinh chdt giao hodn): 2,+2,=12,+12, véimoi z,, 2, .
3. (Congvoi0): z+0=0+z2=2z v6imoi ze .
4. V&i mdi s6 phirc z=a+bi (a, be®), néu ki hi¢u s6 phirc —a—bi 1a —z thi ta co:
z+(-z)=-z+2=0
—z duoc goi 1a s6 phtrc ddi cua sb phirc z .
Pinh nghia 4: Hi¢u cua hai sb phiic z, =a, +bji, z, = a, +b,i (a,.b,a,,b,eX) la téng cia z, véi —z,, tirc
la:
2,-2,=2,+(-2,)=(a,—a,)+(b,—h,)i.
Y nghia hinh hoc ctia phép cong va phép trir sé phirc:
M3i s6 phitc z=a+bi (a, be X) dugc biéu dién bsi diém M (a; b) ciing c6 nghia la vecto OM .
Khi d6, néu u,, U, theo tht ty biéu didn sé phuc z,, z, thi:
= U+ @ biéu dién s phirc z, +z, .
= U, —u, biéu dién sb phic z, - z,.
4. Phép nhan s6 phirc



Pinh nghia 5: Tich cua hai s6 phic z, =a, +bj, z, =a, +b,i(a,b;,a,,b, € *) 1a sb phic
2,7, =a,a, —bb, +(ab, —a,h)i.
Tt dinh nghia, ta co6:
= Véimoi sb thue k va moi s6 phirc a+bi (a,beR):
k(a+bi)=ka-+kbi.
=  0z=0 voi moi sb phirc z.
Tinh chat ctia phép nhan so phuc
1. (Tinh chat giao hoan): 7,7, =7,z, v6imoi z,, 2,€C.
2. (Tinh chat két hop): (2,2,)2, =2,(2,2,) véimoi z,, 2,, ;€.
3. Nhanvoi l: 1.2=21=7 véimoi Z€.
4. Tinh chdt phdn phéi (cia phép nhin doi véi phép cong):
2,(2,+2,) =122, + 2,2, v6imoi z,, Z,, 7€ C.
5. SO phirc lién hop va médun ciia sé phirc
Pinh nghia 6: S6 phtc lién hop clia z=a+bi (&, be ¥) 1a a—bi va dugc ki hidu béi z .
Nhu vay, ta co:
z=a+bi=a-bi.
Nhan xét: T dinh nghia ta thay
1. Sé phtc lién hop cua z laila z, tire 1a Z=1z. Vi thé ngudi ta con néi z VA z 1a hai sé phiec lién hop véi
nhau.
2. S6 phtrc lién hop khi va chi khi cac diém biéu dién ctia chiing ddi xtimg nhau qua truc OX .
Tinh chat
1. Véimoi z,, z,eC taco:

Z,+1, :z_1+ z,, 2,2, :Z_lz
2. Véimoi s6 phtic z, s6 7.7 ludn 1a mot sb thue, va néu z = a+ bi (a, be I.’\E) thi: z.z=a?+b?.
Pinh nghia 7: Mddun cua sb phitc z=a+bi (&, be ) 1a s6 thuc khong am Ja? +b? va duoc ki hiéu 1

2l

Nhu vay, néu z=a+Dhi (a, be IQ\E) thi:

|z|=Nz.z =~a® +b?
Nhin xét: ) )
1. Néu z 1a so thuc thi médun ctia z 1a gia tri tuyét doi cua so thue do.
2. 2 =0 khi va chi khi |Z|=0.
6. Phép chia cho s6 phirc khac 0
. i . . s o1 1=

Dinh nghia 8: S6 nghich ddo ctia s6 phitc z khac01a z7* = W z.
z

z' .z 1 .z .
Thuong — cuia phép chia s6 phurc z' cho s6 phttc z khéc 0 1a tich cua z' vdi s6 phtrc nghich ddo cua z,

z

, o L -
tacla —=2z'z2".
z

Nhu vay, néu z=0 thi:



' 7'z

— =Tz

|

SR AN A S A AP U ;o a A xaax X A . T« X, 3
Chu y: Co6 thé viét _:W:__ nén dé tinh — ta chi viéc nhan ca tr va mau s6 voi z va dé y rang
Z Z 7.2 z

_- 2

22=|7]".

Nhdn xét:

1.Véi z#0,tacod 1:1.2’1:2’1.
z

z' . .. . .
2. Thuong — 1a s0 phttc w sao cho zw=z". Tur do, c6 thé noéi phép chia (cho so phirc khac 0) 1a phép toan
z

nguoc c’ﬁa phép nhan. ) . . )
II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM.

) . . 5. ..
Céau 1: Phan thyuc cua so phuc z = 5' la:

A. 0. B. § C.5. D.i.
3
Chon A.
Cau 2:  Phan thyc cta sb phic z=2i la:
A. 2. B. 2i. C.0. D. 1.
Chon C.
Cau 3: Phan 4o ctia s6 phuc z=-2i la:
A. -2. B. -2i. C.0. D. -1
Chon A.
Cau 4: Modun cua sd phitc z=-3+4i bang:
AL B. 2. C. 7. D. 5.
Loi giai.
Chon D.
|z = (-3)’ +4> =25 =5.
Cau5: Modun cua sé phic z=1—2i bang:
A.3. B. 5. C.2. D. 1.
Loi giai.

Chon B.

2] = 1 +(-2)* =+5.



Céau 6:

Cau 7:

Céu 8:

Céau 9:

Céau 10:

Moédun ctia —2iz bang:

A. -2|z]. B. v/2z. C. 2|7]. D. 2.
Loi giai.

Chon C.

Gia st z=a+bi, khi do:.

—2iz =-2i(a+bi)=2b-2ai.

= |-2iz = /(20" +(-2a) = 2vb? +a? =2]e].

Sé z+z Ia:

A. S6 thuc. B. Sé 4o. C.0. D. 2i.
Loi giai.

Chon A.

Gia st z=a-+bi, khi d6:.

z=a-bi=z+z=a+bi+(a-bi)=2a,1asd thuc.

Sé z-z Ia:

A. S6 thyc. B. S6 ao0. C.0. D. 2i
Loi giai.

Chon B.

Gia st z=a+bi, khi do:.

z=a-bi=z-z=a+bi—(a-bi)=2bi,1asd ao.

SO i+(2—-4i)—(3-2i) co:

A. Phan thyc bang 1 va phan 4o bang -1. B. Phan thyc bang 1 va phan 4o bang 1.

C. Phan thuc bang -1 va phan o bang 1. D. Phan thyc bang -1 va phan 4o bang -1.
Loi giai.

Chon D.

i+(2—4i)—(3-2i)=—1-i.

P A2 s

So (\/§+3l) bang:

A. —7+6V2i. B. —7-642i. C. 7+642i. D. 7-6+/2i.
Loi gidi.

Chon A.



(ﬁ+3i)2=—7+6ﬁi.

Cau11: Sb i bang:

1+1
. 1, .
A 1+i. B. E(l—l). C.1-i
Loi giai.
Chen B.
1 1 — 1
I+i1==(1-1
1+i 1241 (-i)
Cau12: Sé —  bing:
. 1_@ g:
2 2
A. 1+£i B 1—ﬁi. C —1+—3|
2 2 2 2 2
Loi giai.
Chen A.
L1 11
1 V3. 1y (y3Y2 2 2 2
et I Nl I B Al
2 2 (ZJ 2
Cau13: S 34_? bang:
A1 g le13 1613
17 17 17 17 17 17
Loi giai.
Chen C.
_4i (3-4i)4-i
324 _(S=4)AT Lo iyaei 220135
4—i 42 +1 17 17 17
Cau 14: Cho z :—%+§',khi do % bang:
A. 1+£i. B. l—ﬁi. C. —l+£i.
2 2 2 2 2 2
Loi giai



1 5, 1

P (‘1T+ BY 22 22
2 2

Cau 15. Tap hop cac diém trong mit phang phurc biéu dién cac s phic z théa mén |Z - i| =1 la:

A. Buong tron tam | (0;1) ban kinh R =1. B. Buong tron tam | (0;1) ban kinh R=2.

C. buong tron tam | (1;0) ban kinh R=2. D. Buong tron tam | (1;0) ban kinh R=1.
Loi giai

Chon A.

Véi s6 phitc z=x+Yi(X,y e R) dugc biéu dién boi diém M (x;y). Ta co:

1=z-i|=|x+ yi—i|:‘x+(y—1)i‘= x2+(y—1)2

o X +(y—1)2 =1.

Vay tap hop diém M thudc duong tron | (0;1) ban kinh R=1.

Cau 16. Tap hop cac diém trong miat phang phirc biéu dién cac sé phirc z thoa mén |Z| = ‘E —3+4i‘ la:

A. 6x+8y—-25=0. B. 3x+4y-12=0.

C. 6x+8y+25=0. D. 3x+4y+12=0.
Loi giai

Chon A.

Véi s6 phitc z=x+Yyi(X,y e R) dugc biéu dién boi diém M (x;y). Taco:
|z|=‘§—3+4i‘
< [x+yil :‘x+ yi —3+4i‘ =|x—yi—3+4i| =|x-3+(4-y)i|

- /x2+y2 :\/(X—3)2+(4—y)2 < 6x+8y—-25=0.

Vay tap hop diém M thudc duong thing 6x+8y—25=0.

. L2 +(E)2 .
Cau l7. So la
A. S6 thuc. B. Sé ao. C.0. D. 2i.
Loi giai
Chon A.
Véi sb phitc z=a+bi(a,be ®), taco:

22 +(z) =(a+bi)’ +(a+bi) =(a®~b*)+2abi+(a® ~b*)—2abi = 2(a’ ~b?).



Céu 18.

Céau 19.

Cau 20.

Vay 7° + (2)2 1a s6 thue.

-1

s [\
07
A. Sb thuec. B. Sb 4o. C.i.
Loi giai
Chon B.
Véi s6 phitc z=a+bi(a,be ) taco:
z-1 (a+bi)-a+bhi  2bi __ b
22+ E)S (a+bi)3+(a+bi)3 2(a3—3ab2) a® —3ab?

-1

la so ao.

Vay

2 +(E)3

2~ (2)
Sé 1+2z |3
A. S6 thuc. B. S 4o0. C.0.

Li giai
Chon B.
Véi sb phire z=a+bi(a,be ®) taco:

22-(2) (a+bi)-(a+hi) (atbif'—(a-bif}  4ab

1+2z 1+(a+bi)(a+bi) B 1+(a+bi)(a-hi) “1+a?+b? .

—\2
72> —(z

Viy ———— 1a sd ao.
1+zz
Phuong trinh iz+2—i=0 (4n z) c6 nghiém la:
A 1+i. B.1+2i. C.1-2i.
Loi giai
Chon B.

Cach 01: Véi s6 phire z=a+bi(a,b e %) taco:

O=iz+2-i=i(a+hi)+2-i=(2-h)+(a-1)i

2-b=0 b=2 .
= = <z72=1+721.
a-1=0 a=1

D. -2i.

Cach 02: Bién doi iz+2—i:0<:>iz:i—2<:>z:ﬁ:(i—z)(—i):1+2i.



Cau 21. Phuong trinh (2+3i)z=2z-1 véi an z c6 nghiém [a?

NN B. =+ i, Co—= i,
10 10 10 10 10 10
Lai giai
Chon C.
Cach 01: Véi s phitc z=a+bi(a,b e ) taco:
(2+3i)z=z-1<(2+3i)(a+bi)=a+bi-
2a-3pb=a-1
< 2a-3b+(3a+2b)i=a-1+hi <
3a+2b=b
a_—l
a-3pb=-1 10 -1 -1(1-3i) -1 3.
= = Sl=— ==+ .
3a+b=0 b—i 1+3i  1°+3 10 10
10
Cach 02: Ta bién doi
: . - -1(1-3i) -
(2+3i)z=72-1=(1+3i)z=-11z2= 1_: 2( 2|) 2.3
1+31 1°+3 10 10
Cau 22. Phuong trinh (2—i)z—4=0 véi an z c6 nghiém Ia?
A. §—ﬂl B. §+£| C. _—8—£|
5 5 5 5 5 5
Loi giai
Chon A.
Cach 01: Véi s phitc z=a+bi(a,be ) taco:
0=(2-i)z—4=(2-i)(a+bi)-4=(2-i)(a—bi)-
8
2a-b-4=0 2a b=4 § _8 4
= ez
—(a+2b):0 a+2b 0~ 5 5

Cach 02: Ta bién dbi

Cau 23. Chosé phic z=x+Yi(x,ye k). Khi z=1, phan thuc cia sé phic LTS
Z —

1.3,
10 10
D. _—8+ﬂ|
5

4=(2a-b-4)—(a+2b)i



X +y2+1 X2 +y? -1
ey T
X +y° -1 x> +y?+1
X(y-1) X (y-1)
Loi giai
Chon C.
Taco wo Zri_X+yi+i_ x+(y+1)i _ [x+(y+1)i][x-(2y_1)i]
z—i  x+yi—i x+(y-1)i x2+(y-1)

(x2 +y? —1)+ 2xi
x? +(y—1)2 '

(x2 +y? —1)

Do d6 s6 phizc W ¢d phan thuc 1a = 2.
X +(y-1)



Bai 2: CAN BAC HAI CUA SO PHUC — PHUONG TRINH BAC HAI

KIEN THUC CO BAN

Cin Bic hai caa sé phic.

Pinh nghia: Cho s phic w. Mdi s6 phicc z théa man z? =w duoc goi 1a mot can bac hai caa
w.

Noi cach khac, mdi can bac hai cia w 1a mot nghiém cua phuong trinh z° —w=0 (véi an z).
Dé tim can bac hai cua sé phuc w, ta ¢ hai trudng hop:

TH1: Néu w la sé thuc (tuc la w=a):

» Vi a>0 thi w c6 hai cin bac hai la +/a .

> Véi a<0 thi w c6 hai can bac hai la i,fa] .

TH2: Néu w=a+bi(a,beR va b=0) thi z=x+Yi(x,yeR) lacanbéc hai caa w khi va chi
khi:
22=W<:>(x+yi)2=a+bi
2_ 2 _
<:>(x2—y2)+2xyi:a+bi<:> -y =a
2xy =b
Ghi nhé vé cin bac hai caa s6 phuc w
» w=0 c6 dtng mét can bac hai la z=0.

> w=0 c6 dung hai can bac hai la hai s6 d6i nhau (khac0).
bac biét:
> S thuc duong a ¢6 hai cin bac hai la +Ja .

> S0 thuc 4m a c6 hai cin bac hai la +i,J|a| .

Phwong trinh bac hai.
Cho phuong trinh Ax* +Bx+C =0, véi A B,C lanhiing sé phiacva A=0.

Xét biét thic A = B> —4AC , ta co cac trudng hop:
TH1: Néu A #0 thi phuong trinh c6 hai nghiém:
-B+o -B-0
Z, = Va Z,=———
2A 2A
trong d6 0 la mot can bac hai cua A.
bac biét:
> Néu A la sé thyc duong thi phuong trinh ¢é hai nghiém:

—B+JA . -B-+JA

Z=——— Vi, =———
2A 2A

> Néu A la sé thyc am thi phuong trinh ¢6 hai nghiém:



Céu 1.

Céau 2.

Céu 3.

B+iv-A . -B-iJ-A
= VA 7, =——————
2A

- 2A

TH2: Néu A =0 thi phuong trinh ¢6 nghiém kép: z, =z, = e
Chuy:

1. Moi phuong trinh bac hai véi hé s6 phic ¢ hai nghiém phuc c6 thé trang nhau.

2. Phuong trinh: Az" + Az" +..+ A ,z+ A =0 trong d6 A, A,..., A, 1a n+1 sé phtc cho trudc,
A, #0 va n la mot sb nguyén duong ludn c6 n nghiém phuc (khong nhét thiét phan biét ).

CAC PHUONG PHAP GIAl BAI TAP TRAC NGHIEM

Céc can bac hai cua sé phac —i la:

A. J_rl(l—i). B. iﬂ(l—i). C. i£(1+i). D. i1(1+i).
2 2 2 2
Loi giai
Chon B.

Gid sirsd z=x+Yi(x,yeR) lamot can bac hai cua —i, tuc la ta co:

—i=(x+ yi)2 = X% —y® + 2xyi

2
X—y*=0 _ [x=%y Y
= = = :
2xy =-1 2xy =-1 2
X:—y:——
2
V2

Vay s6 —i c6 hai can bac hai la i7(l—i).

Céc cin bac hai caa sé phic 4i la
A. £2(1+i). B. +(1+i). C. +(1-i). D. +v2(1-i).
Loi gidi
Chon A.
Gid sirs z=x+Yi(x,yeR) lacan bac hai cia 4i, tic la ta co:
4i:(x+yi)2:x2—y2+2xyi
x2—y?=0 [x=zy X=—y=+2
SN =N =
2xy =4 2xy =4 Xzyz_ﬁ
Vay sb 4i c6 hai can bac hai la /2 (1+1).

Céc cin bac hai cia sé phirc 1+443i 1a

A. £3(2-i). B. +(2-iv3). C. £(2+iV3). D. +4/3(2+i).
Léi giai

Chon C.

Gid sirsé z=x+Yi(x,yeR) lacin bac hai cia 1+ 430, tic 1a ta co:



1+ 44/3i =(x+ yi)2 = X% —y? + 2xyi

23
{Xz—yzzl y= X y=£ yzﬁ
=N i \/_<:> A ) & X =N X
2y =43 xz—[z—J =1 |x*-x*-12=0 X =4
X

- x:2va\y=\/§
x:—2va‘y=—\/§
Vay sé 1+4+/3i c6 hai cin bac hai la J_r(2+i\/§).

Cau 4.  Trén tap sb phirc, sb nghiém cua phuong trinh x(x—l)(x2 +4) =0 bang:

A. 1l B. 2. C. 3. D. 4.
Loi gidi
Chon D.
Cau5. Phuong trinh z°+2z+5=0 c6 nghiém la
A 1+i. B.1+2i. C. -1+2i. D. —1+i.
Loi giai
Chon C.

Phuong trinh c6 A'=-4 <0 nén co6 hai nghi¢m z,, =-1+2i.
Luu ¥: ciing ¢6 thé sir dung phép bién doi:

2242245=0=(2+1) =4 o 2+1=Ricz,=-1+2i.

Cau 6. Phuong trinh z° +(1-3i)z-2(1+i)=0 c6 nghiém la
A. 2i va —1+i. B. £2i. C. —1#i. D.iva-1+2i.
Loi giai
Chon A.
Phuong trinh ¢6 A= (1-3i)° +8(1+i)=-8-6i +8+8i =2i.

Gia sirs6 d =x+Yi(X,y e R) lacan bac hai ciia D =2i, tic 1a ta co:

Z_y?= X=1+ Xx=y=1
2i:(x+yi)2:x2—y2+2xyi<:> =y 0<:> Yo Y

2xy =2 xy=1 Xx=y=-1
Tic 13, biét sO A c6 hai can bac hai la +(1+1).

Nén phuong trinh do c6 hai nghiém phan biét la:

3i—-1+(1+1i : 3i-1-(1+i :
21:—()=2|; 22:#:4“
2 2
Cau 7. Haisd phtrc ¢6 tong clia chiing bang 4—i va tich ciia ching bang 5(1-1) la:
A. 3val-i. B. 3—ival. C. 3iva 4-4i. D. 3+i val-2i
Loi gidi

Chon D.



Céu 8.

Cau 9.

z,+2,=4-i
2,2, =5(1-1)
Suyra z,, z, 1a nghiém cua phuong trinh: 22—(4—i)2+5(1—i):O
Phuong trinh ¢6 A=(4-i)° —20(1—i)=-5+12i.

Gia strsd d = x+ Vi (X, ye R) la can bac hai cuia A=-5+12i, tuc 1a ta co:

Vi hai so phtrc z,,z, théa man diéu kién dau bai, ta co: {

—5+12i =(x+ yi)2 = X% —y? + 2xyi

6 6 A {X:Z
oy =5 _ "7 x y== y==_|ly=3
= oy —12 = 62 = X = X & 0 )

= XZ—(—j =-5 X*+5x*-36=0 x> =4 {X__

X
Ttc 13, biét sO A c6 hai can béc hai la +(2+3i).
Nén phuong trinh d6 c6 hai nghi¢m phan biét 1a:
4—i+(2+3i . 4—i—(2+3i .

zlz—g )=3+|; 22:—( ):1—2|
Phuong trinh z° +1=0 c6 nghiém la:

+i +i +i
103 g ENS oy o 12
2 2 2
Loi giai

A. val. D.

Chon B.
Ta bién d6i phuong trinh vé dang: (z +1)(Z2 -z +l) =0 {

Phuong trinh z* +4 =0 co6 nghiém la:

A. £(1+i) va £(1-i). B. £(1+i) va £(2-1i).

C. £(2+i) va £(1-i). D. £(2+i) va £(2-i).
Loi giai

Chon A.

e Ca 4

Ta bién do6i phuong trinh vé dang: 2" =4 < LZ _ o (2)

= Gid sir sb z=x+Yi(x,y € R) la cin bac hai ctia 2i, tirc 1 ta c6:

2i :(x+yi)2 =X* = y? + 2xyi <:>{X2_y2 :0®{x=iyc{x=y=l
2xXy =2 xy=1 x=y=-1

Suy ra, phuong trinh (1) c6 hai nghiém 1a +(1+i).

= Gid sirsb z=x+Yi(x,y e R) 1a can bc hai clia —2i, tirc 12 ta cé:

_2i:(x+yi)2 :xz—y2+2xyi<:>{x2_yz :0®{x=iy @{Xzﬂ/:l

2xy =-2 Xy=-1 X=-y=-1
Suy ra, phuong trinh (2) c¢6 hai nghiém la £(1-i).
Vay phuong trinh da cho c¢6 bon nghiém 1a +(1+i) va +(1-i).

va -1
2
z,=-1
1+i/3
Z,,= 2




Cau 10. Dé phuong trinh (véian z) z°+bz+c=0 nhan z=1+i 1am mot nghiém diéu kién I
A.b=1c=-1. B.b=2,c=-2. C.b=-2c=2. D.b=-1c=1.
Loi giai
Chon C.
DPé z=1+i lam mot nghiém ctia phuong trinh diéu kién 1a:
\2 . . b+c=0 b=-2
0=(1+i) +b(1+i)+c=(b+c)+(b+2)i <:>{b+2:0<:>{c 5
Vay v6i b=-2 va ¢ =2 thoa man diéu kién dau bai.
' §3 DANG LUQNG GIAC CUA SO PHUC VA UNG DUNG
I. KIEN THUC CO BAN
1. S6 phitc dwéi dang lwong giac ) i i
Dinh nghia 1: ( Acgumen cua so6 phurc z#0): Cho s6 phuc z#0. Goi M la diém trong mat phang phirc
biéu dién s6 7. S6 do (radian) ciia méi géc hrong gidc tia dau OX, tia cuéi OM dwoc goi la mét acgumen
cua 7.
Chay:
1. Néu ¢ 1a mot acgumen cua z thi moi acgumen cua z ¢6 dang ¢+ 2kz,k e Z .
2. Hai s6 phirc zva 1z (véi z=0 va | 1a s6 thuc duong) c6 ciing agumen.
Dinh nghia 2: ( Dang heong gidc ciia s6 phirc): Dang 7 =¥ (COS(0+ isin (0), trong do r >0duoc goi la dang
lwong gidc ciia s6 phite 7+#0. Con dang 7 =a+bi (a, be :.'\E) diege goi la dang dai s6 ciia s6 phirc 7.
Nhan xét: D¢ tim dang luong gidc r(cosg+ising) cia s6 phic z=a-+bi(a,be¥) khac 0 cho trude, ta
thue hién cac budc:
Bude 1: Tim r: d6 1a modun cua z,r =+/a’ +b? ; sd rdé ciing 1a khoang cach tir gbc O dén diém M
biéu dién s6 phirc z trong mit phang phic.

. N L 1a , \ X a . . b . ;o \
Budce 2: Tim ¢: do 1a acgumen ciia z, ¢ 1a so thuc sao cho cosp=— va sing=—; s0 ¢ d6 cling la
r r

s6 do mot goc luong giac tia dau Ox, tia cudi OM.
Chuay:
1. |z| =1 khi va chi khi z=cosg+ising(pe ).
2. Khi z=0 thi |Z| =r =0 nhung acgumen ctia z khong xac dinh( d6i khi coi acgumen cua 0 1a sd
thuc tity ¥ va van viét 0=0(cosp+ising))
3. Cén dé y doi hoi r > Otrong dang lugng gidc r(cos¢+ising)cia sb phirc z =0

2. Nhan va chia s0 phirc dwdi dang hrong giac.
Pinh li: Néu z=cosgp+ising va z' =cos¢'+ising’ véi r,r'>0thi:

22" =11’ cos(p+¢)+isin(p+¢') ]
3: %[Cos(q)—(p’)+isin((o—(p’)] khi r'>0
Chu y: Néu cac diém M , M’ biéu dién theo tht ty cac sb phitc z, z' khac 0 thi acgumen cua Zi 1a sb do
goc luong giac tia ddu OM’ | tia cudi OM .
3. Cong thirc Moa-vro (Moivre) va irng dung
Cong thirc Moa-vro: V&i moi s6 nguyén duong n, ta co: [r(COS(p+ isin go)]n =r"(cosng+isinng).

Khi r =1, ta dugc: (cosp+ising)" =cosng+isinng .



Ung dung vao lwgng gidc: Ta co: (Cos¢+isin g0)3 =c0s3p+isin3p.
Mat khéc, st dung khai trién Iy thtra bac ba, ta duoc:
- 3 3 2 - . - = 2 - . 3
(cosp+ising)” =cos’ p+3cos” p(ising)+3cosg(ising) +(ising)".
Tir d6 suy ra:  C0S3¢p = cos® p—3c0s @.sin’ ¢ = 4c0s’ p—3cos g,
sin3¢ =3cos’ p.sinp —sin® p =3sinp—4sin’ ¢ .
Cin bic hai ciia so phirc dwdi dang lwong gidc: S6 phic 7 = r(COS(0+ isin (p) , >0 co hai can bac hai la :

ﬁ[cos%ﬂsin%j va —ﬁ(cos%ﬂsin%) =\/F{cos(§+zj+isin(%+nﬂ .

w CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
Caul. Dang luong gidc cia sb phirc z =1+ NERES

A. 2 cos£+isinZ : B. 2 cosz—isinz .
3 3 3 3
C. cos£+isin£. D. cosz—isinz.
3 3 3 3
Loi giai
Chon A.

Cach 1: Véi z :l+i\/§, ta co:
Mondun r=+1+3=2,

Ve

. 1 .. T
Acgumen ¢ thdéa man COS(0=§ va Slng0:7 = chon (0=§.

Cach 2: Ta bién déi: z =1+iv/3 =2 L V3 o cosrisinZ ).
2 2 3 3
A . : . . . . 1
Cau 2. Gia str so phttc z#0 c6 dang lugng gidc z = I’(COS(/)+ Isin (p) . Dang lugong giac cua so phtic —
Z
la:

A. r(cosp+ising) . B. %(COS¢+iSing0). C. 2r(cosp+ising). D. %(cos<o+isin(p).

Loi gidi
Chon B.
A ’ 1 1 y A 1 1 N RS A , 1 1 - .
SO phitc = =—2 ¢6 mdédun r—zr =T vaacgumen bang ¢ nén co dang:::F(COSgoHsm ).
7 7z Z
Cau3. Gia st s6 phitc z 6 dang lugng gidc z=r(cosg+ising). Dang lugng gidc clia so phirc
kz(k e %) la:
A. —kr (cosp+ising). B. —2kr(cosp+ising).
C. kr(cosp+ising). D. 2kr(cosg+ising).
Loi gidi
Chon C.

S6 phitc kz c6 moédun [kz| =|k|r va acgumen bang ¢ néu k>0 va la ¢+ néu k<0 nén co
dang:

kr(cosg+ising) néuk >0 .

= kr(cosp+ising).

- —krI:COS((p+7Z')+iSin((p+7Z'):| néuk <0



Cau 4. Dang luong gidc cua sb phic (1—iJ§)(1+i) la;
A. —Zﬁ{cos(—%)ﬂsin[—%ﬂ . B. Zﬁ[cos(—%jﬂsin(—%ﬂ .
C. —ﬁ{cos(—%jﬂsin(—%ﬂ . D. ﬁ{cos(—%}ﬂsin[—%ﬂ .

Loi gidi
Chon B.

Taco (l—i\/§)(1+i) = 2{cos(—%j+isin[—%ﬂ.ﬁ(cos%ﬂsin%)

T T .. w T T .. T
=242 cos| ——+— |+ISIn| ——+— | [=242| cos| — |=1iSIn| — || .
\/_{ [ 3 4j [ 3 4ﬂ \/_{ [ 12) ( 12H
Cau 5. Dang lugng giac cta sd phiic 2i(\/§—i) la:
A. cos£+isinz. B. 2(cosz+isin£). C. 3(cosz+isin£j. D. 4(cosz+isin£j.
3 3 3 3 3 3 3 3

Loi giai
Chon D.

Taco 2i(J§—i):2+2J§i :4£%+i§):4(cos%+isin%j.

Cau 6. Dang lugng giac ciia sd phirc - la:
2+ 2i
A 1 cos| - = |+isin| - Z || B. Q cos| —Z |+isin| - Z ||.
2 4 4 2 4 4
C. 1 cosZ +isinZ |. D. Q cosZ +isinZ |.
207 4 4 2 4 4
Loi giai
Chon B.
Taco ! _:ﬂzl(l—i):ﬁ Q—iﬁ :ﬁ cos| = Z |+isin[ - Z ||,
2+2i 4 2 2\ 2 2 2 4 4
6 .
Cau7. Giatricua (\/g—i) bang:
A. 2%, B. 1. C. -1. D. -2°.
Loi giai

Chon D.

Tacod: 3—i= 2(?-%@ = 2{003(—%)+isin(—%ﬂ

6

= (V3-i) = {2[cos[-%)+ i sin(—%m = 2*[cos(—r)+isin(—z) ] =—2".

| 2004
Céau 8. Giatricua (—j bang:

1-1i



1 B 1 1 1

. W. . W. . _W. . _W.
Loi giai
Chon C.
C (el 1
Taco: I_:I( +I)= 1+'=—£ ﬁ—iﬁ =—£ cos(—z}risin(—zj .
1-i 2 2 2\ 2 2 2 4 4
. 2004 2004
:(LJ = —ﬁ cos(—zjﬂsin(—zj
1-i 2 4 4
2004
= (—%j [ cos(~501x ) +isin(-501r) ] = —% .
. 21
Céau9. Giatricua 5+3_|\/§ bang:
1-2i3
Al B. 2%, C. 3%, D. 4%,
Loi giai
Chon B.
54313 (5+3iWB)(1+2iv3) _ 1 3
Ta co: = —1+if3=22| =X
1-2i3 13 2 2

- o{-ZJo1o3)

Gj s:ﬁ ) :{‘2{‘305(‘%)”“”(%)}}21 = (-2)" [cos(~7)+isin(~7x)]= 2"

Cau 10. Dang lugng giac cta sd phirc 1—i tan% la:

1 T .. V4 1 T .. T
A. COS(——j+|S|n(——jj|. B. —{cos(——jﬂsm(——ﬂ.
cos L 2 5 sin” 5 5
5 5

C. 1 cos£+isin£j. D.i[coszﬂsinz].
T 5 . T 5
CcoS — sin —
5
Loi giai
Chon A.

V4 sin ¢ 1 T T 1 Vs Vg
Tac 1-itanZ=1-i—=2 = [cos——isin—j: {cos(——)ﬂsin(——ﬂ.
° cos” cosZ\ O 5) cos® 5 5

. : . o ..
Cau 11: Dang luong gidc cua s6 phtrc tan ?ﬂ +1 la:

1 Tz .. Ix 1 I .. —I«x
A. 7 (cos—ﬂsm—j C. 7 (cos +|S|n—]
cos—ﬂ 8 8 cos% 8 8




1 T .. Ix 1 I .. —I«x
B. 7 (cos—+|sm—] D. 7 (cos +1sin ]
sin—” 8 8 sin—” 8 8

Loi giai
Chon B.

Ta co: tan5—ﬂ+i=cot Z—S—E +i=cot _z +i:cot7—7z+i
8 2 8 8 8

0057”
8 . 1 r .. Irx
= 77Z'+I: 772_ COS?+ISII‘I?
sin— sin—
8 8



PHAN V: PHUONG PHAP TQA PO TRONG KHONG GIAN
BAI 1: HE TOA PQ TRONG KHONG GIAN

oSHé>»

KIEN THUC CO BAN

Hé toa d¢ trong khong gian

Dinh nghia: H¢ gém ba truc Ox, Oy, Oz d6i mot vuéng goc dugc
goi la hé truc toa do trong khong gian.

Ki hiéu Oxyz hoac (O,i, j,k) véi i, J,k 1a cac vecto don vi
lan luot nam trén 3 tryc do.

biém O dugc goi la goc toa do.

Truc Ox dugc goi la truc hoanh, truc Oy dugc goi la truc tung, truc Oz duoc goi la truc cao.

Ta chi y rang: i +]2 +k =1va i.j=ik=jk=0.
Toa do cia diém

Taco M(X,V,2) < OM =xi+V.j+zk

Cha y: ta c6 céc két qua:

e Mge(Oxy) <& z=0, tac 1a M(x,y,0).

e Mg(Oxz) < y=0, tirc la M(x,0,2).

e Meg(Oyz) & x=0, tac 1a M(0,y,2).

e MeOx < y=0 va z=0, tirc la M(x,0,0)

e MeOy < x=0 va z=0, tic la M(0,y,0)

z
e MeOz < x=0 va y=0, tirc la M(0,0,2) /
Toa do cua vecto
. o A,
Taco: V(X y;2) ©V=Xi+Yy.j+zk "
Chuy: A
1. Cho vecto v khi d6 ton tai duy nhit diém A sao cho v = OA. )
Goi A, A, A, A theo thir tu I hinh chiéu vuéng géc cua A 1én cac O >—
truc Ox,0y,0z va mit phang Oxy. 21/ J
Ta co: X A

OA=0A + AA= OA +OA, + OA, suyrax, y, z Ia cic toa d¢ twong ing ctia cac diém
A, A, Ajtrén céc truc toa do Ox, Oy, Oz.

2 Néu V(X YiZ) g X=VE Y =V.];z=vk

Déi Vi hé toa do Oxyz, cho 2 vecto V, (X, Y;,Z,) VA V, (X, Y, Z,)ta cb cac két qua sau:



X =X,
Vi=V, &Y, =Y,
Z3=Z3

b, aVi=(ax;ay;;az) . 4 R

av, +byv, = (ax +ax;ay, +b.y,;az, +b.z,) véi a,beR

d. ViVe =X Xo + V1Y, + 2.2,

. / 2
/ 2 2 2
‘Vl‘: Vi SAX Yt

e.
COS(\7 \7') _ XXt YiY, + 4.2
172 \/ 2 2 52 \/ 2 2, 52
f. X1+y1+zl X2+y2+22
0 V, LV, &V, =0 XX, +Y,.Y, +2,.2, =0

4. Lién hé giira toa dd ciia vecto va toa dd diém hai mat

trong hé truc toa dd Oxyz, cho 2 diém A(X,;Y.;Z,) VA B(Xg;Yg;Zg) ta co két qua sau:

a. E:(XB_XA;yB_yA;ZB_ZA)_

b. |AB| = E = \/(XB _XA)2 + (yB - YA)2 + (ZB - ZA)2

c. Diém M chia doan thing AB theo mét ti sb k (tic 13 MA =KkMB) c6 toa do

(XA_kXB.yA_kyB.ZA_kZBj.
1-k " 1-k " 1-k

d. Trung diém | cia doan thang AB c6 toa do ( > > >

xA+xB_yA+yB_zA+sz

5. Tich ¢6 hwdong (hay tich vecto) cua hai vecto

Pinh nghia: Tich c6 hudng (hay tich vecto) cta hai vecto Vv, (X; y; 2,)Va V, (X,; Y, Z,) Ki hiéu [\71 \Z] la

|

a. [vl v, ] =0 khi va chi khi hai vecto v, V& v, cing phuong.

XY
X Y2

mot vecto dugc xac dinh bai:
yl Zl . Zl Xl

DR (o

CAc tinh chéat: Ta co:

Z, X

b. Vecto [\71 v, } vubng goc véi hai vecto v, Va v, .



o [5.7]

Dién tich tam giéc: Dién tich cia AABC c6 cac dinh dugc cho boi cong thuc

S ac :%‘[AB, Ac] - %.‘AB‘.‘AC‘.sin(AB, AC).

=‘\71‘.‘\/_2‘.sina trong d6 « la goc gitra hai vecto v, va v, .

Piéu kién dong phing ciia ba vecto
Pinh ly: Diéu kién cin va du dé ba vecto v,, v, va v, dong phing Ia: [vl vzj v, =0

N

Nhu vay, V6i v, (X Vii 2,), Vo (%5 ¥a3 2,) VA V5 (X} Ys; 25) thi v, v, VA v, ddng phing khi va chi khi:
i 4 XY
y2 22 X2 y2

Thé tich hinh hép: Thé tich caa hinh hop dugc cho bai cong thuc:

Y, + z,=0

v :‘[AB, AC].AD
Thé tich tir dién: Thé tich cua ttr dién duoc cho bai cong thic:
V = 1‘[AB‘, AC'].AD"
6
6. Phuong trinh mit ciu
binh Ii: Trong khong gian Oxy , mat cau (S) c6 tam 1(a; b; ¢) vaban kinh R ¢6 phuong trinh:
(S): (x—a)2+(y—b)2+(z—c)2=R2 (1)
Phuong trinh (1) goi 1a phuong trinh chinh tac ciia mat cau.

Viy, ta duoc:

(5): {;Zr:k'ﬂgs’Rb’ ®) o (C): (x-a) +(y—b) +(z2—c) =R®
Chay: Taco:

Mat cau tdm O ban kinh R ¢6 phuong trinh x* + y? + 2> = R?
Mt cau don vi c6 phuong trinh x* +y? + 2% =1

binh ly: Trong khong gian Oxy , mit (S) c6 phuong trinh

(S): x*+y*+z°—2ax—2by—-2cz+d =0 (2)

véi @®+b?+c?—d >0 1a phuong trinh cua mat cau tam 1 (a; b; ¢) va ban kinh R = JaZ+b2+c?—d.
Phuong trinh (2) goi la phuong trinh tong quat ciia mat cau.

II. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
Cau 1: Trong khong gian véi hé toa d6 Oxy, géc O ¢b toa do la:



Céu 2:

Céu 3:

Céu 4:

Cau 5:

Céu 6:

Cau 7:

Céu 8:

Céau 9:

Céau 10:

Cau 11:

Céau 12:

A. (0; 0; 0). B. (1 0; 0). C. (0,1 0). D. (0; 0;1).
Trong khdng gian véi hé toa do Oxy, vecto i ¢6 toa do Ia;
A. (0; 0; 0). B. (1 0; 0). C. (0;10). D. (0; 0; 1).
Trong khong gian vai hé toa do Oxy , vecto j ¢6 toa do la:
A. (0; 0; 0). B. (3 0; 0). C. (0,1 0). D. (0; 0; 1).

Trong khdng gian vai hé toa @6 Oxy, vecto K ¢ toa do Ia:

A. (0; 0; 0). B. (1 0; 0). C. (0,1 0). D. (0; 0;1).
Trong khong gian vai hé toa do Oxy , vecto u=i—2j+3k c6 toa do la:
A. (L -2 3). B. (1 2; 3). C. (-1 2 -3). D. (-1 -2 3).

Trong khong gian vai hé toa dd Oxy , vecto u=3j—2k c6 toa do la:
A. (0, -3; 2). B. (0;3; 2). C. (0; -3 -2). D. (0; 3; -2).

Trong khdng gian véi hé toa do Oxyz , vecto U =3i -k c6 toa do la:

A.(3,0;1). B.(3;0;-1). C.(-3,0;-1). D.(-3;0;1).

Dap s6 trac nghiém B.

Trong khong gian vai hé toa do Oxyz , vecto U = IZ+4T—2] co toa do la:

A.(4,-21). B.(14;-2). C.(-2,41). D.(-1—4;2).

Dap s6 trdc nghigm A. 9

Chu y: Bé khong bi nham lan khi xac dinh toa d6 vecto thong qua biéu thirc chira ba vecto co s&
i, ], k cac em hay ludn viét lai n6 dudi dang Xi + yj +zk (theo ding tht ty).

Trong khong gian voi hé toa o Oxyz, vecto U=(2; 1, -1) va v :(2; 1 az). Dé u =V diéukién
la:

A.a=0. B.a=1. C.a=-1. D. Vo nghiém.

Pap s6 trac nghiém D.

Loi giai tu luan: Ta c6 giéu kién la: —1=a?, vo nghiém.

Vay khong ton tai a dé u=V.

Trong khdng gian véi hé toa dd do Oxyz , vecto U =(0;1;-5) va V=(0;a;b). Dé U=V diéu kién
la:

A.a=’b:’1. B.a=b=5. C.a=1vab=-5. D.a=-5vab=1.

Dbap so trac nghiém C.

Trong khdng gian véi hé toa do do Oxyz , cho hai vecto U, =(3;—4;-2) va U, =(1,0;-3) . Vecto
0 =30, + 20, c6 toa do la:

A(1L -12; -12).  B.(1L 12 12). C.(-1112,12).  D.(-1% -12; -12).
Dap s6 trac nghiém A.

Trong khdng gian véi hé toa do do Oxyz , cho hai vecto U, =(-1-3;6) va U, =(2;1,-5). Vecto

U = 20, — 5, co toa do la:



Céu 13:

Cau 14:

A.(12; 11 -37). B.(-12; -1% 37).  C.(12; 1% 37). D.(-12; -1% -37).
Dap sb trac nghiém B.
Giai theo huong tu luan:
G, =(-1-3,6) = 20, = (-2;,-6;12)
U, =(2;1,-5) = -50, =(-10;-5;25)
= U = 2u, —5U, =(-12;-11,37)
Trong khong gian vai hé toa do do Oxyz , cho ba vecto 8 =(-2;3;1), b= (5;-7;0) va
C=(3;-2;4). Vecto U=2d+b-4c c0 toa dd la:
A. (1% 7; 14). B.(1% 7; -14). C.(-1% 7; -14).  D.(-1L -7; -14).
Dap s6 trac nghiém C. ‘
» Lua chon dap an bang viéc sir dung may tinh CASIO FX-570 MS: Bang cach thuc hién theo
tha tu:
= Thiét lap méi trudng lam viéc véi vecto cho may tinh bang cach an:
IMODE | [MODE| [MODE
=  DPé nhap toa d6 cho vecto a ta an:

=]l [E2[=]3[=]1]5

=  Pé nhap toa do cho vecto b ta an:

3] [=] s[=l ) 7[=]o[S

=  P¢ nhap toa do cho vecto € ta an:

=] 3[=] [0 2[=]4[3
DPé tinh u=2a+b—4c tain
2 sHIFT (Ve [3] 1 [ [5iFT Ve 3] 2 B4 SHIFT Ve [3] 3
= T
*] | 7

Viy ta duge u=(-11;7;-14) , ung véi dép an C.
Nhan xét: Nhu vdy, dé lua chon dugc dap an dung cho bai toan trén thi:
+ Trong céch lua chon dap an bang viéc st dung may tinh CASIO fx-570MS chdng sir dung chuic

nang tinh vecto cia mdy tinh dé tim toa d6 cua vecto « . Tuy nhién, hau hét cac em hoc sinh lan
dau doc cach lam d6 déu c6 chung mot nhan dinh 13 né “qué phic tap” va s& mat nhiéu thoi gian
hon cach giai ty luan. Piéu nay hoan toan sai, nhat I vai nhirng vecto c6 toa do Ié.

Trong khdng gian vai hé toa d6 Oxyz , vecto U= (%;;;Zj c6 do dai la:

A YT g. Y207 c, var. p. Y217
6 6 6 6
Léi giai

Chon A.



3 6
+ Lwa chon dap an bang viéc sir dung may tinh CASIO fx-570MS, ta 4n:
: ] I| =
MODE MODE MODE[3]

St VT 1103 1 I I

2 2
+ Loi gidi ty luan: Ta c6 M=\/(%] +(fj L2 _N217

SHIFT|[Abs SHIFT Ve 3] 1 B | 2.453]]

Do d6 ta chon A.

. . — (1 2| — 4 — -
Cau 15: Trong khong gian véi hé toa do Oxyz , vecto i, =[5;—3;§j,u2 :(1;5;73}. Vecto u =3u, —2u,

c6 do dai 1a;

/5209 5 /5409 o /5609 o, /5809

= = = =
Loi giai

Chen D.

oo T AT T 1 2 4 — 1 -
+ Loi giai ty luan: Ta cd u = 3u, —2u, :3[5;—3;—J—2(l;§;—3J:(——;%;SJ

i R

6
+ Lua chon dap 4n bang viéc sir dung may tinh CASIO fx-570MS, ta 4n:
MODE MODE MODE[3]

sarFven G E -

sarFnver (1] (2103 B B+ B SHHBSEEH

3 e ver[3] 1 [l 2 EFT VeT[3]2

SHIFT] Abd [SHIFT] [VCT[314 B 127027

Do d6 ta chon D.

Cau 16: Trong khong gian vai hé toa d6 Oxyz , cho 2 vecto a= (I;%;—zj,l; = [i;—S;%J . Giatri ab Ia:

3 3

A B. L. c. 2L p. B

6 6 6 6
Léi giai

+ Loi giai tu luan: Ta c a.b =1.f+1(—5)—3§=‘—13
32 32 6

+ Lua chon dap 4an bang viéc sir dung may tinh CASIO fx-570MS, ta 4n:



MODE MODE MODE 3]
SHIFﬁ[ﬂl_IfII_IH B EEE:E-8
sarerver 11203+ B : BB -8 [l B

- | [ -2

Do d6 ta chon A.
Cau 17: Trong khdng gian véi hé toa do Oxyz , cho 3 vecto d:(—2;3;1),b:(5;—7;0),é =(%-2:4). Gia
tri c;.(15+c:) la:
A. —-39. B. -33. C. 33. D. 39.
Loi gii
Chon A.
+ Loi giai tu luan: Ta c6 ci.(b + c') = (-2:3:1)[(5:-7:0)+ (3:-2:4) |= -39
+ Lwa chon dap 4an bang viéc sir dung may tinh CASIO fx-570MS, ta 4n:

MODEMODE MODE[3]
SHIFT VCTi 1] 1][3] Iz!

[SHIFT VCTj[1][2][3] B 5 EE"!
STV Yoo (MR [ER]ED] - -
SHIFT (VT [3] 1 SHIFT VT[] [1
WSHET Ve [3] 2 S ver 3]
E T
Do d6 ta chon A.

Cau 18: Trong khong gian véi hé toa d6 Oxyz , cho 3 vecto a = (2;—1;3),[5 :(1;—3;2),é =(3:2:—4). \kcto
ythoa man a.v =5, v.b=—5, c.v =20 c0 toa do l:
A. (2;3,2). B. (2;3,-2). C. (2,-3-2). D. (-2,-3,-2).
Loi giai
+ Loi giai ty luan két hop str dung may tinh CASIO fx-570MS:
Giastr v = (x;y;z) ta bién déi diéu kién vé dang:
2x—y+3z=-5 x=2

x=3y+2z=-11{y=3 =v=(22-2) bing cich in:
3x+2y—-4z=20 z=-2



IMODE MODE MODE [ 1][3
AR B:EE-E BE-0-0F E:H:BEB»
B

[¥] F 3

m ..-" s,
Viy, ta dugc V(2 3 -2).

Do d6 ta chon B.
Céu 19. Trong khong gian véi hé toa d6 Oxyz, cho vecto a(1,-3;4). Vecto b(2;y; z) cing phuong véi

VectO’gl
A.y=-3vaz=4. B.y=—6vaz=8. C.y=6vaz=-8. D. y=3va z=-4.
Loi giai
Chon B.
-1 -3 4 [y=-6 .
s.allbes-=—=—< =b(2;-6;8
Taco: 2"y 2 {2:8 ( )

Cau 20. Trong khéng gian véi hé toa do Oxyz, cho vecto 5(—1;—%;%). Vecto 5(—%;b;3—;j vuong goc voi

vecto a khi
A.4a+3b+3c=0. B.4a-3b+3c=0. C.2a+3b+3c=0. D. 2a—3b+3c=0.
Loi giai
Chon D.

Tach:albea.b= o@%—% %C_o@za 3b+3c=0

Nhan xét: Nhu vay, qua 20 bai toan trén chung ta da su dung cac kién thirc rat co ban cua vecto
trong khong gian dé thyc hién ching. Tiép theo ching ta s€ quan tdm téi céc bai todn vé toa do cua diem
trong khdng gian.

Cau 21. Trong khdng gian véi hé toa dd Oxyz, cho hai diém A(Q —% —%j va B[S 4. §j

3’4

A.AB(17:L1) va |AB|=+/291. B. AB( 12 —j a |AB|= */_7.

C. AB(-17;-%-1) va |AB|=/291. D.AB[ 12 ——j ‘AB‘_‘/_7
Loi gidi

Chon B.



[y

—+

oo -b
OOIH
4>|o'1
Ny

Ta lin luot c6 : AB = (8 o

£.2)-(459).
(5 - Ji R

Céu 22. Trong khong gian véi hé toa do Oxyz, cho ba diém A(3;-12),B(-5;3;,-2),C(12;-3). Toa do
trong tim AABC la:
D. ( -

* (% 3 j B-(—é;g;— j c.(_% et j

Loi giai

Wl
wlh
=

Chon B.

3 3 3 3
Cau 23. Trong khong gian véi hé toa dd Oxyz, cho ba diém A(9;0;0),B(0;9;0),C(0;0;9). Toa do hinh
chiéu vubng goc H cia O 1én (ABC) la:

A.(9;9;9). B.(9;6;3). C.(333). D. (3;6;9).

Trong tdm G cua AABC c0 toa do: G=(3_5+1'_1+3+2-2_2_3j=(_1 % _1j

Loi gidi
Chon C.
Nhin thiy ring O.ABC 14 hinh chop déu nén H chinh 1a trong tdm cua tam giac ABC, nén ¢ toa
do: G(3;3;3)
Cau 24. Trong khdng gian véi hé toa do Oxyz, cho bén diém M (1;2;3),N(-10;4),P(2-3;1) va
Q(2;12). Cap vecto cung phuong la:
A.MN va PQ. B.MP va NQ. C.MQ va NP. D. Khong ton tai.
Léi gidi
Chon C.
Lura chon didp 4n bang phép thii 1: (tir trai qua phai) : Ta 1an hrgt danh gia:
" Véi ddp 4n A thi: MN (=2;-2;1) va PQ(0;4;1) = MN va PQ khéng ciing phwong
= Dap an A bi loai.
= V6idap an B thi: MP(1,-5;-2) va NQ(3;1,-2) = MP va NQ khéng ciing phwong
= Dap an B bi loai.

= Vi dap an C thi MQ(L-1-1) va NP(3;-3;-3) = MQ va NP ciing phuong
= Chon dap an C.

Nhan xét : Nhw vy, dé lwa chon dwoc dap an ding cho bai toan trén chiing ta sir
dung cac phép thi:



= Trong cdch lira chon ddp 4n bang phép thir 1, ching ta can thuwc hién ba phép thir.
= Trong cdch lira chon ddp 4n bang phép thir 2, ching ta can thwe hién hai phép thir.
Cau 25. Trong khdng gian véi hé toa do Oxyz, cho ba diém M (2;0;0), N(0;-3;0) va P(0;0;4). Néu tir
giac MNPQ Ia hinh binh hanh thi toa d6 cua diém Q Ia:
A.(-2,-34). B.(3;4;2). C.(2:3,4). D. (-2;-3,-4).
Loi giai

Chon C.
Cach 1: Gia s Q(X; Y; Z) . Khi d6, dé MNPQ1a hinh binh hanh, diéu kién la:

MN //= PQ & MN = QP & (=2,-3,0) = (-x;~y;4-2)

—2=—-X X=2
& 1-83=—y ©1y=3Q(23;4).
0=4-z z=4
Céch 2: Gia sir Q(X;y;z). Khi d6, dé MNPQ1a hinh binh hanh, diéu ki¢n 1a MPva
NQ cit nhau tai trung diém mdi dwong.

Goi 1, Jtheo thir tir 13 trung diém ctia MPva NQ, ta co: | (1,0;2) va

J(z;y_—B;zj,
2 2 2

X1
2 X=2
y-3 a
=)< T_O<:> y:3<:>Q(2,3,4)
z=4
—=2

Lya chon ddp dn bang phép thir 1.1: (tir trai qua phai) : Bé MNPQ Ia hinh binh hanh,
didu kién 1a MN =QP, véi MN (-2;-3;0).
Ta lan luot danh gia:
= Vi dap an A thi QP(2;3;0)nén dap an Abi loai.
= V6idap an B thi QP (~3;~4;2) nén dép an B bj loai.
= V6idap an C thi QP(-2;-3;0) = MN nén chon dap 4n C.
Lya chon ddp dn bang phép thir 1.2: (tir trai qua phai) : Bé MNPQ Ia hinh binh hanh,
diéu kién 1a MN =QP, véi MN (-2;-3;0).
Ta lan luot danh gia:
= Vi dap an D thi QP(2;3;8)nén dap an D bj loai.



= V6idap an C thi QP(-2;-3;0) = MN nén chon dap 4n C.
Lira chon dap dan bang phép thi 2.1: (tir tréi qua phai) : bé MNPQ la hinh binh hanh,
diéu kién 1a MPva NQ cit nhau tai trung diém mdi dwong, véi trung diém 7 cia MPla

1(10;2).
Ta lan luot danh gia:

= Vi dap an A thi trung diém cua NQ c6 toa do (—1‘ =3 2) nén dap an A bi loai.
= V6i dap an B thi trung diém ctua NQ c6 toa do (g %;1] nén dap an B bi loai.

= Vi dép an C thi trung diém ctia NQ c0 toa d6 (10;2) =1 nén chon dép én C.

Lwa chon dap dan bang phép thi 2.2: (tur tréi qua phai) : bé MNPQ la hinh binh hanh,
diéu kién 1a MPva NQ cit nhau tai trung diém mdi dwong, véi trung diém 7 cia MPla

1(0;2).
Ta lan luot danh gia:
= V6i dap an D thi trung diém cia NQ c6 toa do (—1; -3 —2) nén dap an D bi loai.
= V6idap an C thi trung diém cia NQ c6 toa do (1,0;2)=1 nén chon dap én C.
Nhan xét: Nhu vay, dé lya chon duoc dap an dang cho bai toan trén thi:

= Trong cach gidi ti lugn 1, chiing ta di tim toa d diém Q thong qua diéu kién MN = QP dé
MNPQ Ia hinh binh hanh.

= Trong cach gidi ti lugn 2, chiing ta di tim toa d6 diém Q thong qua diéu kién MP va NQ cit
nhau tai trung diém mdi dudng dé MNPQ I hinh binh hanh.

= Trong cach lya chon ddp dn bang phép thir 1.1 va 1.2, chling ta kiém tra didu kién MN = QP
theo hudng tu trai qua phai va tir phai qua tréi.

= Trong céch lya chon ddp dn bang phép thir 2.1 va 2.2, ching ta kiém tra diéu kién MP va NQ
cit nhau tai trung diém mdi dudng theo huéng tir trai qua phai va tir phai qua trai.

Céau 1:  Noi dung cau hoi.
Cau 2:  Noi dung cau hoi.
Cau 3:  Noi dung cau hoi.
Cau 4:  Noi dung cau hoi.
Cau5:  Noi dung cau hoi.
Cau 6:  Noi dung cau hoi.
Cau 7:  Noi dung cau hoi.
Cau 8:  Noi dung cau hoi.

Cau 9:  Noi dung cau hoi..



Cau 10:
Cau 11:
Cau 12:
Cau 13:
Cau 14:
Cau 15:
Cau 16:
Cau 17:
Cau 18:
Cau 19:
Cau 20:
Cau 21:
Cau 22:
Cau 23:
Cau 24:
Cau 25:

Céau 26:

Céu 27:

Noi dung cau hoi.
Noi dung cau hoi..
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi.
Noi dung cau hoi..

Noi dung cau hoi.

Trong khong gian vai hé toa do (O; i R), tich c6 hudng cua F, ]} bang:

AL B. j. C. k. D. (L 1;1).

Pap s6 tric nghiém C.

Trong khong gian véi hé toa do Oxyz, cho hai véc to a=(1; 0;-1), b=(2; 1 1). Véc to nao sau
day vudng goc véica a va b

A. (3 1;0). B. (0; 1;0). C. (3 -3;1). D. (1 3;1).

Pap s6 tric nghiém C.

» Loi gidi tw lugn: Véc to vudng goc vaoica a va b la:

S

2 1
> Lwa chon dap an bang phép thi 1 (tir trai qua phai): Ta lan luot danh gia:

J =(1; -3; 1), ung véi dap an C.

= V§i véc to trong dap an A, ta co:
a.(L 1;0)=(L 0;-1).(L 1;0)=1=0=Dap an Abj loai.
= Vi véc to trong dap an B, ta co:

a.(0; 1;0)=(% 0;-1).(0; 1;0)=0=>a L (0; 1;0), thoa man.



Céu 28:

b.(0; 1;0)=(2; 1;1).(0; 1;0)=1=0=D4ap an B bi loai.

= V§i véce to trong dap an C, ta co:
a(L -3;1)=(L 0;-1).(L -3; 1)=0=>a L (L -3; 1), thoa man.
b.(L -3;1)=(2; 1;1).(L -3;1)=0=b L (L -3; 1), thoa man.
Do d6 viéc lua chon dap an C la dung dén.

> Lwa chon ddp dn bang phép ther 2 (T phai qua trai): Ta lan luot danh gia:

= Vi véc to trong dap an B, ta co:
a(L 3;1)=(% 0;-1).(1 3;1)=0=a L (L -3; 1), thoa man,
5.(1; 3;1)=(2; 1;1).(1; 3;1)=6=0=, Dap an D bi loai.

= V§i véce to trong dap an C, ta co:
a(L -3;1)=(% 0;-1).(L -3; 1)=0=a L (L -3; 1), thoa man.
b.(L -3;1)=(2; 1;1).(L -3;1)=0=b L (L -3; 1), thoa man.
Do d6 viéc lya chon dap an C la dung dan.

> Lwa chon dap an bang viéc sir dung mdy tinh CASIO fx-570MS: Bang cach thuc hién theo thir

tu

MODEMODE [MODE

STt en|EU|EIED] - BY - [ - | RN -

sareT)veTj[1][2][3 B2 B ' B 1 B

sarFTver (3] 1 B isarFT ver[3)2 8 | 1
>] -3
> - | ]

Do d6, viéc lya chon d4p an C la dung dén.

Trong khong gian vai hé toa do Oxyz, cho hai véc to a=(-2; 3; 1), b=(5; -7;0), va
c=(3; -2;4). Vécto [, b+c | ¢6 toa dd la:

A. (21, 16;6). B. (21; 16; -6). C. (21 -16; -6). D. (21 16; -6).
Dap s6 chac nghiém B.

> Loi gidi tw lugn: taco: b+c=(5; -7;0)+(3; -2; 4)=(8; -9; 4),

[a,m]zﬂi hi

-2 3
8 -9

1 -2
4 8

U =(21; 16; -6), ing v6i déap an B.

> Lwa chon dap an bang viéc sz dung mdy tinh CASIO fx-570MS: Bang cach thuc hién theo thir

tu:



Do d6 viéc lya chon dap an B la dung dan.

Cau 29: Trong khdng gian véi hé toa do Oxyz, cho ba diem A(L 1; 1), B=(5; 1;-2), C=(7; 9; 1).
. Dién tich cua AABC bang:
A. \/481(dvd). B. /461 (dvdt). C. J441(dvdt). D. V421 (dvdt).
Dap s trac nghiém A.
> Loi gidi twlugn: Taco : AB =(4; 0;-3) va AC =(6; 8;0),

0-3 |34 |4-3
80|'|0 660

= %\(24? -18; 32)| = /481(dvdt) , tng véi dap an A.

Svac =] AB, AC] =~

> Loi gidi tu lugn két hop sir dung mdy tinh CASIO fx-570MS: Ta co:
AB=(4;0;-3) va AC=(6;8;0), S,uc =%‘[AB, Ac] =%\(24; -18; 32)| = V/481(dvdt) bang
cach an:

MODE MODE MODH [3]

MLIIIEMDHH el - |

winaa-g-a-0-|
@.1.-.2% 24!1
18
] 32
43.8634
Bm&bdﬁﬂwﬂ@; E 219317

Do d6 viéc lya chon dap an A la ding dan.



Cau 30: Trong khdng gian véi hé toa dd Oxyz, cho bén diém A(2; 3;1), B=(4; 1;-2), C=(6; 3; 7).
D(-5; -4; 8) . Thé tich cua ta dién ABCD bang:
A. %(dvtt). B. 20(dvtt). C. %(dvtt). D. 7—30(dvtt).

Dap sb tric nghiém D.
> Loi gidi tw lugn: Talan lugt c6 : AB=(2; -2;-3), AC=(4; 0;6), AD=(-7; -7;7),
1 (]2-3 |32 |2 2
| AB, AC |= : : = (-12; -24; 8),
06/'1[64 |40

1wl a1 1 70
6‘[AB, AC],AD‘:E‘(—H; 24;8).(-7: -7 7)) = 2 140 = (dwt).

Vageo =
Ung véi dap an D.

> Loi gidi tw lugn két hop siz dung mdy tinh CASIO fx-570MS: Ta co:
AB =(2; -2;-3), AC=(4; 0;6), AD=(-7; -7;7),

Vieep = %‘[AB, AC'], AD" = 7—:(dvtt), {tng v&i dap an D bang cach 4n:

SHIFT| VCT) (1] [1E B2 B @ B 3

SHIFT Ve[ 1] [2][3 B« Bl o Bl o B

sHIFT[veT[ 1[3][3] B 67 B 7 B 7 B

@isHirti[ver[3] 1 B [SHIFTVCT][3]2 )

SHIFT VT [»][ 1][SHIFT[VCT[3]3 B | 140)

~B-= | 23.3333 |

Do d6, viéc lya chon dap an D la dung dan.

Cau 31: Trong khdng gian véi hé toa do Oxyz, mat cau (S): x* +y* +2% —2x+4y—6z—-2=0c6 tam | ban

kinh R la:
A 1(L -2; 3)va R=412 . B. 1(-1 2;-3)va R=16.
C. I} -2; 3)va R=4. D. I(-1 2;-3)va R=4.

Dap s6 trac nghiém C.
> Loi gidi twlugn: Taco a=1,b=-2va c=3nén co a*+b’ +c*—d=16 >0 tir 46 suy ra, tam

I(L -2;3) vabankinh la R = va? +b? +c?—d = 4.

Cau 32: Trong khdng gian véi hé toa do Oxyz, mat cau (S): x> +y? +2z> —=8x+2y+1=0c6 tdm | ban kinh

R la:



A. 1(4; -1;0)va R=16. B. 1(4; -1; 0)va R=4.
C. I(-4; 1;0)va R=16. D. I(—4; 1;0)va R=4.
Daép sb tric nghiém B.
> Loi gidi twlugn: Taco a=4,b=-1va c=0 va d=1nénco a*+b*+c’—d=16 tir d6, suy ra mit

CAU c6 tAm 1(4; -1; 0) va ban kinh la R=va?+b%+c?—d = 4.

Cau 33: Trong khdng gian voi hé toa do Oxyz, mat cau (S): 3x* +3y? +3z° +6x—3y+152—-2=0c6 tam |

ban kinh R la:

Al L '—1; E va R:4—9. B. 1L _—1; E va R:@.
2 6 2 2 6

C. | -5 l;-E va R:4—9. D. I| -1 1;-E va R:@.
2 2 6 2 2 6

Dap sb tric nghiém D.
> Loi gidgi te lugn: Viét lai phuong trinh duéi dang: x>+ y* +2° +2Xx—y +52 3 0 Taco

1 5 -2 49 X R
a=-1,b=>,c=-Zvad= — nén: a2+b2+cz—d:E >0 tir 6, suy ra mat cau cé tam

2
I(—l; 1; _—5) va ban kinh la :@.
2 2 6
Cau 34: Matcau (S)vsi tam I(=1 3;0) va ban kinh R = 3 cé phuong trinh:
A. (x+1)2+(y—3)2+z2 =3. B. (x+1)2+(y—3)
C. (x—l)2+(y+3)2+z2 =3. D. (x-
Dap s6 trac nghiém B.
> Loi gidi tw lugn 1: Mat cau (S)co:
Tam (-1 3;0
(S):{Rains( ) <:>(S):(x+1)2 +(y—3)2 +12° =9, g vé6i dap an B.
> Loi gidi ti lugn 2: Taco: M (X; y; z2)e(S)< Ml =R < MI? =R?
& (x+1)" +(y-3)" +22=9.
D6 chinh la phuong trinh mét cau (S )can tim.
Cau 35: Matcau (S)vsi tam 1(2; -1; 3) va di qua diém A(3; -4; 4) ¢ phuong trinh:
A (x+2) +(y-1)" +(z2+3) =11,

B. (x+2)2+(y—1) +(z+3)2 _
C. (x—2)2+(y+1)2+(z—3)2 =11. D. (x-



Dap sb tric nghiém C.
> Loi gidgi tw lugn 1: Mat cau(S)co:
S :{Tém 1(2; -1; 3) S :{Tém 1(2; -1; 3)
bi qua A(3; -4; 4) R=IA=A11
< (S):(x=2)" +(y+1)° +(z-3)" =11, ting véi dap 4n C.
> Loi gidi ti lugn 2: Taco: M(X; y; z)e(S) < Ml =IA< MI? = IA?
& (x=2)" +(y+1) +(z-3)" =11.
D6 chinh la phuong trinh mt cau (S)can tim.
> Lua chon ddp dn bang phép thiz: Ta lan luot danh gia:
= Mit ciu co tam 1(2; -1; 3)nén céc dap an A va B bi loai.
= Véidap an D thi: (3-2)" +(—4+1)" +(4-3) =11l & 11=11= A¢(S)
=bap an D bi loal.
Do d6, viéc lya chon dap an C la ding dan.
Nhan xét: Nhu véy, dé lra chon dugc dap an dang cho bai toan trén thi;
= Trong cdch gidi tw lu@n 1, ching ta di xac dinh tdm va ban kinh cua mat cau (S), tir do
nhan duge phuong trinh chinh tic cia (S).
= Trong cdch gidi tw lugn 2, chung ta sir dung phuong phap quy tich dé xac dinh phuong
trinh cua(S).
= Trong cdch lwa chon ddp dn bang phép thie, thong qua toa do tam | chung ta loai bo duoc
dap 4n A va B. Cudi cung, d¢ lya chon dugc dap 4n ding ching ta kiém tra diéu kién (S) di qua
diém A.
Cau 36: Mgt cau (S) duong kinh ABvéi A(L 3;2), B(3; 5; 0) cé phuong trinh:

A. (x—2)2+(y—4)2+(z 1)

~1)*=2. B. (x+2)2+(y+4)2+(z+1)2: :
C. (x+2)2+(y+4)2+(z+1)2:2. D. (x-
Pap sb tric nghiém D.

R=V3

OO G B () ©

Ban kinh R = AB
= (S):(x—2) +(y— 47 +(z-1)* =3,iing véi dép én D.
> Loi gidi tw lugn 2: Taco: M (x; y;2)e(S) < MA L MB < MAMB =0

(1% 3-y; 2-2).(3-%; 5y; -z)=0



< (1-x).(3-%)+(3-y).(5-y)+(2-2)(-2)=0
<X +Y + X —4x—8y—27+18=0<(x— 2) +(y— 4) +(z— 1)2:3
D6 chinh 1a phurong trinh mit cau (S)Can tim.

> Loi gidi ti lugn 3: Taco: M (X; y; ) €(S) < AMAB vuong tai M < MA? + MB? = AB?
X+ Y +x2—4x—8y—22+18=0 (x—2)" +(y—4) +(z-1)" =3
D6 chinh la phuong trinh mt cau (S)can tim.

> Lua chon ddp dn bang phép thiz: Ta lan luot danh gia:

= Taco 2R=AB= \/(3—1)2 +(5-3)" +(=2)° =243 & R=/3 = Cic d4p an A va C bj loai.

= V6idap an B thi: (1+2)° +(3+4)° +(2+1)° =3 67=3= Ag(S)

=bap an B bi loai.
Do d6, viéc l;ua chon dap an D la ding dan.
@ Nhan xét: Nhu vay, dé lra chon duoc dap an dang cho bai toan trén thi;

= Trong cdch gidi tw lugn 1, ching ta di x4c dinh tm va ban kinh ciia mat cau (S), tir do
nhan duge phuong trinh chinh tic cia (S).

= Trong cdch gidi tw lu@n 2 va 3, chung ta sir dung phuong phap quy tich dé xac dinh
phuong trinh ciia(S) va chuyén né vé dang chinh tic dé Iya chon duoc dap 4n dang .

= Trong cdch lya chon dap dn bﬁng phép tha, thong qua d6 dai cua ban kinh R, chung ta
loai bo dugc dap an Ava B. Cuoi cung, dé lua chon duoc dap an dang chang ta kiém tra dicu kién
(S) di qua diém A.

Cau 37: Matcau (S) di qua hai diém A(L; 3; 2), B(3; 5; 0) va c6 tdm thudc truc Ox ¢6 phuong trinh:

A X +(y-2) +22=50. B. (x+2)° +y*+22 =22,
C. (x—5)2+y2+22:29. D. (x—5)2+y2+22:5.

Pap s6 tric nghiém C.
> Loi gidgi tw lugn 1: Mt cau (S)cé tam 1 € OX, c6 dang: (S):(x—a)2+y2+22:R2.
(1-a) +3*+22=R?
(3 a)’ +5° =R?

Vi A,Be(S nentaCOhe { —a=5va R>=29

Vay phuong trinh mat Cau : — +y +2°=29.
> Loi gidi t lugn 2: Mt cau (s) cotam I(a; 0;0) vavino diqua A va B nén:

IA=IB < IA? = IB? & (1-a)’ +3 +22 =(3-a)’ +5? = a=5



Vay ta co (S):{Tém ! @(S):{Tam (50 O)<:>(S): (x—5)2 +y*+2°=29.
bi qua A R=IA=+/29
> Lwa chon ddp dn bang phép tha 1 (Tt trai qua phai): Ta lan luot danh gia:
= V6i mit cau trong dap an A, c6 tam 1(0; 2; 0) ¢ Ox nén dap an A bi loai.
= Vi mit cau trong dap an B c6 tim thudc Ox,ta thay toa d6 diém A, B vao va nhan thdy :
(1+2)° +32+2% =22 < 22 =22, ding.
(3+2)"+5% =22 <50 =22, mau thuin = Dép an B bi loai.

= \/&i mit cAu trong dap an C co6 tam thugc Ox, ta thay toa do diém A, B vao va nhan théy:
(1-5)° +32+22 =29 = 29=29 , ding.

(3-5)" +5% =29 < 29=29 , ding,

Do d6, viéc lya chon dép an C 1a dung dan.

> Lura chon ddp dn bang phép thi 2 ( tir phai qua tréi): Ta lan lugt danh gia:

= \/Gi mit cau trong dap an D c6 tim thudc Ox, ta thay toa do diém A, B vao va nhan thiy:
(1-5)° +32+22 =5 29 =5 mau thuin = dap 4n D bj loai.

= \/Gi mit cau co trong dap an C ¢ tam thudc Ox , ta thay toa d6 diém A, B vao va nhan thay:

(1-5)° +32+22 =29 = 29=29 , ding.

(3-5)" +5% =29 < 29=29 , dung,
Do do, viéc lya chon dap an C la ding dan.

Cau 38: Mt cau (S) di qua ba diém A(£,0:0), B(0;1;O)1 C(0:0:1) va tdm | nam trén mat phéing

(P):x+y+z-3=0 ¢6 phuong trinh :

A X2 +y?+22-2x+1=0. B. X*+y?+2°-2y+1=0.

C. xX*+y*+2°-2z+1=0. D. X*+y*+2°-2x-2y—-2z+1=0.
Loi gidi

Chon D.

> Loi giai tir ludn: Gid sir phuong trinh mit cau (S) c6 dang:
(S):x*+y? +22 —2ax—2by —2cz+d =0 v&i diéu kién a® +b* +c®~d >0 .

Vi AB,Ce(S) va | (P) néntaco hé:



1-2a+d =0
1-2b+d =0
1-2c+d =0
a+b+c-3=0

=a=1b=1c=1d =1 théa diéu kién (*) .

Véy phuong trinh mit cau (S) c¢6 dang :
(S):x*+y*+2*—2x—2y—-2z+1=0.

> Lwa chon ddp én bang phép tha 1.1 ( tar tréi qua phdi): ta lan luot danh gia:
= V6i mat cau trong dap an A khong di qua diém B nén dép an A bi loai.

= V6i mat cau trong dap an B khong di qua diém A nén dap an B bi loai.

= V6i mat cau trong dap an C khong di qua diém A nén dap an C bi loai.

Do d6, viéc lya chon dap an D 1a dung dan

> Lwa chon ddp dn bang phép thi 1.2 ( tir tréai qua phdi): ta lan luot danh gia:
= V§i mit cau trong dap an A c6 tam | (10;0)= A nén dap an A bi loai.

= \/6i mit ciu trong dap an B ¢6 tam | (0;1,0)=B nén dap an B bi loai.

= V6i mat cau trong dap an C c¢6 tam | (0;0;1)=C nén dap an C bi loai.

Do d6, viéc lya chon dap an D 1a dung dan

> Lira chon ddp dn bang phép thit 2 ( tir phdi qua tri): ta lan lugt danh gia:

= V6i mit cau trong dap 4n D c6 tam 1 (L11) thuoc (P), ta thay toa do diém A, B,C vao va nhan
thay :

1-2+1=0<0=0, ding <> Ae(S) .

1-2+1=0<0=0, ding < B€<(S)
S).

1-2+1=0<0=0, ding <:>Ce(

Do d6 viéc lya chon dap 4n D 1a ding dan.

Cau 39: Mit cau (S) ngoai tiép hinh chép S.ABC vdi S(3%-2) , A(5:3-1), 8(2;3;_4),C(1;2;0)c()
phuong trinh :
A X*+y*+7*-5x—-T7y+8=0. B. x> +y*+2°-5x—7y+3z+14=0.
C. X*+Yy*+12°-3x+32+21=0. D. X*+y*+2*°-7y+3z+29=0.
Loi giai
Chon B.

> Loi giai tu lugn 1: Gia st phuong trinh mdt cau (S) c6 dang:

(S):x*+y*+2° —2ax—2by—2cz+d =0 Véi diéu kién a’+b?+c®>—d >0 .



Vi S,AB,Ce(S) taduogc:

5

a:_

6a+2b—4c—d =14 2
10a+6b—-2c—-d =35 b=Z NPT

. 2 . thoa diéu kién .

4a+6b—-8c—-d =29 3

2a+4b—-d =5 027

d=14

Véy phuong trinh mit cau (S) c¢6 dang :
(S):x*+y*+2*-5x—Ty+3z+14=0.

> Huéng dan loi gidi tw lugn 2: Nhan xét rang :
SA=SB=SC=3, AB=BC=CA=4/18 .

Suy ra S.ABC 1a hinh chop tam giac déu.

> Huréng dan loi gidi t lugn 3: Nhan xét rang :
SA, SB, SC d6i mot vudng goc nhau.

> Huéng dan loi giia te lugn 4: Nhan xét rang SA, SB,SC d6i mot vudng goc nhau va bang nhau,
do d6 mat cau ngoai tiép hinh chép chinh 1a mat cau ngoai tiép hinh l1ap phuong sinh boi
SA,SB,SC la SBDC.AB,D,C, .

> Lura chon ddp dn bang phép thi - Hoc sinh thyc hién.

§2 PHUONG TRINH MAT PHANG
l. KIEN THUC CO BAN :

1. Cip vec to' chi phwong ciia mit phing :

Pinh nghia 1 : Hai vecto khac vecto — khong a,b goi la cap vecto chi phuong (vtcp)cua mit
phing (P) néu chiing khdng cong tuyén va cac duong thang chira chiing déu song song véi (P) (
hodc nam trén (P)).

Chay:

(i) . Mdi mat phang c6 nhiéu cip vecto chi phuong.

(ii). Hai mat phang phan biét c6 cing mét cip vec to chi phuong thi song song véi nhau.

(iii). Mot mat phang (P) dugc hoan toan x4c dinh néu biét mot diém M va cip vec to chi phuong

(5,5) cua no.



2. Vec to' phap tuyén ciia mit phang.
- . , n
Dinh nghia 2 : Vecto n 1a vecto phap tuyén cua mat phang (P) < {#
n

Nhdn xét :
1. Néu n la vecto phap tuyén cia mat phang (P) thi moi vecto k. voi k =0 déu la vtpt cia mat
phing do.

2. Néu n la vtpt va (5,5) la cap vtcp ciia mat phang (P) thi : {

3. Phurong trinh tong quat cia mit phang.

Mit phang (P) trong khong gian Oxyz c¢6 phuong trinh tong quét:
(P): Ax+By+Cz+D =0 véi A>+B*+C*>0 . (1)

Nhan vecto n=(A;B;C) la vipt.

Mgt sé triwong hep déc biét.

1.Néu D=0 , mat phang (P) di qua gdc toa do.

2.Néu A=0,B#0,C =0 , matphang (P):Bx+Cz+D=0 s& chira hogc song song véi truc x'Ox

Tuong tu :

a. Mat phang (P) : Ax+Cz+D =0 s& chtra hogic song song véi truc y'Oy .

b. Mzt phang (P) : Ax+By+D =0 s& chira hoac song song véi truc z'Oz .

3.Néu A=0,B=0,C =0, mat phang (P)co dang (P): Cz+D=0 s& chira hodc song song Véi
truc X’Ox va y'Oy nén nd song song hoic triing voi mit phang xOy .

Tuong tu :

a. Mit phang Ax-+ D =0 s& song song hoic triing véi mit phang yoOz .

b. Mt phang By + D =0 s& song song hoac tring véi mit phang xOz .

4. Néu A¢O,B¢0,C¢O,D¢0th‘lbéngcéchdét:az—%,b=—%,c=—gtaduqc:
X y z
P)i—+=+—=1 2
( ) a b c @)

Phuong trinh (2) goi la phuong trinh doan chin cua mat phang (P) .

5. Chia hai vé ciia phuong trinh (1) cho M =+ A? + B? +C? . Khi do, dat:

A B C D
=— B,=—,Cy =—,D, =— ta duoc:
& M ' ° M "M TPV '



Céu 1:

Céau 2:

(P): Agx+Byy+Coz+Dy =0 véi A, +Bf+C§ =1 3)
Phuong trinh (3) duoc goi 1a phuong trinh phap dang cia mit phing (P) .
4.Khoang cé4ch tir diém dén mit phang:
Cho diém M (x,,;Yy;2,) Vamitphang (P): Ax+By+Cz+D=0
Khoang cach tir diém M dén mat phang (P) duoc tinh bai cong thuc:

| AX,, | By, t Cz,, - D]
VA2 +B? +C?

I1- CAC PHUONG PHAP GIAI BAl TAP TRAC NGHIEM

d(M,(P)) =

Trong khong gian toa do Oxyz cho diém A(-1;2;1) va hai mét phang:

(a):2x+4y—62-5=0, (B):x—2y—32=0 .
Ménh dé nao sau day dung?
A. () diqua A vasongsong voi (a) .

B. () khong di qua A vasong song véi (a) .

C. () diqua A vakhong song song véi () .

D. () khong di qua A va khdng song song vai («) .
Léi giai

Chon D.

Trong khdng gian véi hé toa dd Oxyz , cho hai diém M (-111), N(2;4;3). Mot vecto phap tuyén

cua mat phang (OMN ) c6 toa do la:

A. (1,5:6). B. (1,-5;6). C. (1,6;-5). D. (6;1,5).
Loi gidi

Chon B.

> Loi gidi tw lugn : Goi n 1a mdt vec to phap tuyén caa mat phang (OMN ), ta co:

OM =(-111), ON =(2;4;3) .

. o 1 11 =111
n=| OM,ON | = ; ; —(-L5,-6) .
4 3'3 22 4

Chon n=(L-5;6), tng voi dap an B.
> Lira chon ddp dn bang phép thi 1: ( tir tréi qua phai): ta lan luot danh gia:
= V§i dap an A thi:

nOM =-1+5+6=10=0 = n khdng vudng géc v6i OM = Pap 4n A bj loai.
= Véidap an B thi :



nOM =-1-5+6=0=n_10OM

nON =2-20+18=0=n 1L ON

Do d9, viéc lya chon déap an B 1a dung dan

> Lira chon ddp dn bang phép thi 2: ( tir phai qua tréi): ta lan luot danh gia:
= \V/6i dap 4n D thi :

nOM =—6+1+5=0=n_LOM

NON =12+4+15=310=>n khong vuéng géc véi ON .

= Dap an D bi loai.

= \/6i dap 4n C thi :

nOM =-1+6-5=0=n L OM

NON =2+24-15=11+0=>n khong vuéng géc véi ON .

= Dap an C bi loai.

= Véi dap an B thi :

nOM =-1-5+6=0=n 1L OM

nON =2-20+18=0=n 1L ON

Do d6, viéc lya chon dap 4n B 1a ding dan

» Lua chon ddp dn bang phép thir sir dung may tinh CASIO fx — 570MS: : Goi n 1a mot vec to
phap tuyén cua mat phang (OMN ), ta c6:OM =(-111), ON =(2;4;3) .
n=|OM,ON| =(-15-6) .

= Thiét lap moi trudng 1am viéc voi vecto cho may tinh bang cach an :
IMODE [MODE|[MODH

= Pé nhap toa d6 cho vecto OM va vecto ON ta 4n:
=EE E E
=] [2][=] [4][=] [3][3

= Pé tinh toa do cua n taén:

2][=] | 1
] | 5
] | -6

Do d6, viéc lya chon dap an B 1a dung dén
& Nhan xét: Nhu vay, dé lua chon dugc dap an dang cho bai toan trén thi:

= Trong cach giai tu luan chiing ta thuc hién tinh tich c6 huéng cua hai vecto OM va ON dua trén
cac dinh thuc cap hai.



= Trong céch lra chon dap 4n bang phép thir 1 va 2 chiing ta kiém tra diéu kién dé vecto n vudng
goc vai cac vecto OM va ON dua trén tich vo huéng.

= Trong céch lva chon dép an bang phép thir véi may tinh CASIO fx — 570MS, ching ta str dung
chirc nang tinh tich c6 huéng cua hai vecto cia may tinh, diéu nay giup giam duoc thoi gian.

Cau3: Matphing (P) di quadiém A(L2;3) vacé vipt n=(2;-13) c6 phuong trinh:

A. (P):2x—y+3z—-4=0. B. (P):2x—y+3z-9=0.

C.(P):x—y+3z-4=0. D. (P):x—y+3z-9=0.
Loi giai

Chon B.

> Loi giai tw lugn: Mt phang (P) dugc cho hoi:
5 quaA(L2;3)
| vtptn(2;-13)
Pép an B.

< (P):2(x-1)-1(y-2)+3(z-3)=0<(P):2x-y+32-9=0

>  Lwa chon ddp dn bang phép thiz: Ta lan lugt danh gia:

Mit phang (P) c6 vtpt 6(2;—1; 3) nén cac dap an C va D loai.
Thay toa d6 cua A(l; 2;3) vao dap an A | ta théy:
21-2+33-4=0<5=0= A¢(P)= loaidap 4n A

Cau 4:  Mat phang trung truc cia doan thang AB véi A(2;1;4) , B(~2;,—3;2) c6 phuong trinh:

A. (P):2x+2y+z-3=0. B. (P):2x+2y+2z-1=0.

C. (P):x+2y+2z-3=0. D. (P):x+2y+2z-4=0.
Loi giai

Chon B.

> Loi gidi tw lugn: Mt phang trung truc (P) cua doan thang AB duoc cho béi:

{qua 1(0;-13) {qua 1(0;-13)

vipt AB(—4;—4;-2)  |vtptn(2;2;1)

< (P):2x+2(y+1)+z-3=0<=(P):2x+2y+z-1=0

> Lira chon ddp dn bang phép thir: Ta lan lugt danh gia:



Céu 5:

Voi hai diém A ,B tacé BA(4;4;2)

Mt phing trung truc ctia doan thing AB phai c6 vtpt ciing phuong véi vecto BA |, nén cac dap an
C va D bi loai.
Goi | 1a trung diém AB, taco 1(0;-13)

Véidap an A | tathdy 2.0+2.(-1)+3-3=0<-2=0=1¢(P)= dép 4n A b loai.

Mt phang (7) di qua A% vaco cap viep 2(2752) B(3-21)

A. (P):x—z-1=0. B. (P):x+2y=0.
C. (P):3x+4y—z-1=0. D. (P):3x+4y—z—-3=0.

c6 phuong trinh:

Loi gidi
Chon C.
> Loi gidai tw lugn: Goi n 1a vipt cia mt phing (P), ta c6:

s 2 1t 3B -2

Mit phang (P) duoc cho bai:
{qua A(2-11)

Vtptﬁ(g;ﬂr;_l)<::>(P):3(x—2)+4(y+1)—1(z—1):0<:>(P):3x+4y—z—1:0

> Loi gidi tw lugn két hop siz dung may tinh CASIO fx — 570MS: Goi n 1a vtpt cua mat phing
(P), ta co:

TN E LS o
Bing cé(?h thuc hién theo thu tu: ‘ ’

Thiét lap moi treong lam viéc véi vecto cho may tinh bang cach an:
MODE MODE MODH|[3]

Dé nhap toa do cho vec to OM va vec to ON ta 4n:
SiasninmE - B - O -HF -
Stnan|SeniEEAEN - K - | OB -1 -

Dé tinh toa docaa n ta an:

SHIFT VCT][3] 1 B sHIFT [ved (3] 2 B
[

Ll

> -1




Céau 6:

Mit phang (P) dugc cho bai:

o quaA(2;-11)
' viptn(3;4;-1)

0

P):3(x-2)+4(y+1)-1(z-1)=0<(P):3x+4y-z-1=0

> Lwa chon ddp dn bang phép thi 1: (Tir trai qua phai): Ta lan lugt danh gia:
Véi (P) cho boi dap an A ta ¢6 vtptn(L,0;-1) ta nhan thdy n khéng vudng géc véi b nén
loai dap an A.
Véi (P) cho boi dap an B ta co viptn(12;0) ta nhan thdy n khong vudng géc véi b nén loai
dap an A.
Véi (P) cho bai dap an C ta c6 viptn(3;4;-1) tanhan .
na=6-4-2=0<nla
nb=9-8-1=0<nlb
32+4(-1)-1-1=0=0=0c Ae(P)
Do d6, viéc lya chon dap an C 1a ding dan.
> Luwa chon ddp dn bang phép thi 1: (Tir phai qua tréi): Ta lan luot danh gia:
Véi (P) cho boi dap an D ta ¢6 vtptn(3;4;-1) ta nhan .
3.2+4(-1)-1-3=0< 2=0=> Ag(P)= dép an D bj loai.
Véi (P) cho bai dap an C ta c6 viptn(3;4;-1) tanhan .
na=6-4-2=0<nla
nb=9-8-1=0<nlb
32+4(-1)-1-1=0=0=0s Ae(P)
Do d6, viéc lya chon dap an C 1a diing dan.
Nhan xét: Nhu vdy, dé lua chon dugc dap an dung cho bai toan trén thi
Trong céch giai tu luan ching ta thuc hién tim vtpt caa mat phang (P) qua tich c6 hudng cua
hai vtcp. Tai do, thiét 1ap phuong trinh mat phang (P) di qua diém A véi vipt n .
Trong cach giai tu luan két hop sir dung may tinh CASIO fx — 579MS, chiing ta tan dung chic
nang clia may tinh dé tinh vtpt n.
Trong cach lya chon dap 4n bang phép thir 1 va 2 chlng ta can kiém tra ba diéu kién do
la: AE(P) ‘nlanlb . véi mdi dap an, néu mot trong ba diéu kién khong thoa man thi dap an
d6 bi loai.

M3t phang (P) di qua ba diém A(l;l;O) , B(l; 0;0) ,C(O;l;l) c6 phuong trinh:

A. (P):2x-y+z-1=0. B. (P):x+2z-1=0.
C.(P):x+z-1=0. D. (P):2x-y+z-1=0.



Loi giai
Chon C.

> Loi gidgi twlugn 1: Goi n 1a vtpt cua mat phang (P) , ta dugc:
AB(0;-1,0) va AC(-10;1)

h:[AB’,AC‘]:U_l 0;‘(1) _OJJ;‘_Ol _OJ'Dz(—l;O;—l)

0 1
Mit phang (P) dugc cho bai:

P): {qua A(110)

: - < (P):x+z-1=0, tng véi dap 4n C.

vtpt n(-1,0;-1)
> Loi gidi tw lugn két hop sir dung may tinh CASIO fx — 570MS: Goi n 1a vtpt cua mat phang
(P), ta co:

AB(0;-1,0) va AC(-10;1)
n=[ AB,AC |=(-10,-1)
Bing cach thuc hién theo thu ty
Thiét 1ap moi trudng 1am viéc voi vecto cho may tinh bang cach an:

MODE|MODE |MODE|[3]

Dé nhap toa do cho vec to AB va vec to AC ta an:

SHIFT (Ve [1][1][3] 2 o [ () 1 [ o B
SHIFT [veT [12][3) E ) B o B3 B

Pé tinh toa docua n ta an;

SHIFT VCT)[3]1 BsaFI Ve (3] 2 B -1
> 0
| > -1

Mit phang (P) duoc cho béi:

o _{qua A(110)

: - < (P):x+z-1=0, tng véi dap 4n C.
vtpt n(-1,0;-1)

> Loi gidi tw lugn 2: gia sir mat phang (P) c6 phuong trinh (P): AXx+By+Cz+D =0 Véi
A’ +B*+C*>0

A+B+D=0 A=-D
Vi A,B,C thudc (P) ,tadugc:{A+D=0 <<B=0

B+C+D=0 C=-D



T do, ta duoc:
(P):-Dx-Cz+D=0<(P):x+z-1=0, (ng véi dap an C.
>  Luwa chon ddp dn bang phép the 1: (Tt trai gia phai): Ta lan luot danh gia:
Vi (P) cho béi dap 4n A ta nhan thay:
21-1-1=0<0=0< Ae(P)
21-1=0<1=0=B¢(P)= loai dap 4n A
Vi (P) cho béi dap 4n B ta thy :
1+21-1=0<0=0< Ae(P)
1-1=00=0<Be(P)
21-1=0<1=0<C ¢(P)=ddap 4n B bj loai.
Véi (P) cho béi dap an C ta thy :
1-1=00=0< Ae(P)
1-1=0<0=0<Be(P)
1-1=0<0=0< C e(P)=> ddp 4n C la ding dan.
> Lua chon ddp dn bang phép thi thir 2(Tr trai qua phai ): ta lan luot danh gia:
-V6i (P) cho boi dép 4n D ta thay :
21-1-1=0<0=0< Ae(P)
21-1=0<1=0< B¢(P) dap 4n D bi loai.
Véi (P) cho béi dap an C ta thay :
1-1=0<0=0< Ae(P)
1-1=0<0=0<Be(P)
1-1=0<0=0< C e(P)=> ddp 4n C la ding dan.

Cau 7:  Trong khong gian toa o Oxyz cho ba diém M (1;0;0), N(0;2;0), P(0;0;3). Mt phang (MNP)

c6 phuong trinh la:

A. 6x+3y+22-6=0. B.x+y+z-6=0.

C. 6x+3y+2z-1=0. D.6x+3y+2z+1=0.
Loi giai

Chon A.

» Loi giai tu luan

Vi M ,N ,P thugc Ox, Oy, Oznén (MNP) c¢6 phuong trinh la:



Cau 8:

Céau 9:

%+%+£:1<:> 6Xx+3y+2-6=0

> Ngoai cach giai trén, chiing ta déu biét rang con c6 thé thuc hién bai toan trén theo cac cach (bai

tap 6)nhu sau:

a. Loi giai ty luan 1

b. Loi giai tu luan két hop vai may tinh cam tay.

c. Loi giai ty luan 2.

d. Lya chon dap 4n bang phép ther 1 ( Tur trai qua phai).

e.Lya chon déap an bang phép tht 2 ( T phai qua tréi).
Trong khong gian toa do Oxyz cho diém 1(12;,-5). Goi M ,N ,P lan luot Ia hinh chiéu cia |
lén Ox, Oy, Oz. Mat phing (MNP) ¢6 phuong trinh la:

A.10x-5y+2z-1=0. B.10x+5y-2z-10=0.

C.10x-5y-2z-1=0. D.10x+5y—-2z+10=0.
Loi giai

Chon B.

» Loi giai tu luan
Vi M (L‘O;O), N(0;2;O), P(O;O;—5) .thuoc Ox, Oy, Oz nén (MNP) c6 phuong trinh la:

§+%+_i5=1<:>10x+5y—22—10=0

> Ngoai cach giai trén, chiing ta déu biét rang con c6 thé thuc hién bai toan trén theo cac cach (bai
tap 6)nhu sau:
a. Loi giai ty luan 1
b. Loi giai tu luan két hop vai may tinh cam tay.
c. Loi giai ty luan 2.
d. Lya chon dap 4n bang phép tha 1 ( T tréi qua phai).
e.Lya chon dap 4n bang phép thtr 2 ( T phai qua tréi).

Trong khéng gian toa dd Oxyz cho mat phang (P):2x—2y+z+6=0va diem M (110). Khoang

cach tr M dén mat phang (P) la

A. 6. B. 2. C.0. D.3.
Lai gidi
Chon B
» Loi giai tu luan
2-2
Taco d(M,(P))= [2-2+8 =2

22 +(-2)" +1



Cau 10: Trong khéng gian toa d6 Oxyz cho mit phing (P):x+2y—22+5:0. Khoang céach tu
M (t;2;—1) dén mat phang (P) bang 1 khi va chi khi:

t=—14 t=-20

At=-8. B. ! C.t=-14. D. .

t=-8 t=-2
Loi giai
Chon B
» Loi giai tu luan
Taco:.

> Lua chon ddp dn bang phép thir:- Hoc sinh tu thuc hién.

Cau 11: Trong khong gian toa do Oxyz cho mat phang (P):4x—3y+2z+28=0va diém 1(0;12).

Phuong trinh trinh mét cau tam | tiép xdc voi (P) la

A X2 +(y-1)° +(z—2)" =29. B.x?+(y-1) +(z-2)° :2—:.
C. X +(y+1) +(z+2)" =29, D.x2+(y+1)" +(z+2)° :%.

Lo giai
Chon A
» Loi giai tu luan
Mit cau (S) tam I tiép xdc véi (P) nén c6 ban kinh 1a:

R=d(1,(P))= ;it;)fjlzz ~\29

Mt cau (S) tam 1(0;1;2) va ban kinh R =+/29 nén c6 phuong trinh la:
X2 +(y-1)° +(z-2)" =29
> Lua chon dép 4n bang trich luoc
-Mit cau (S) tam 1(0;12)nén loai dap 4n C, D.
Mt cau (S) tam | tiép xtc voi (P) nén c6 ban kinh la:
|-3+4+28|

R=d(1,(P))= =+/29 nén loai dap an D.
2 Y
4 +(-3)" +2

Céu 12: Trong khong gian toa do Oxyz, cho (P):3x+4z+12=0 va (S): x’+y’ +(z- 2)2 =1. Khing
dinh nao sau day la ding?

A (P) di qua tam mat cau (S)



Céu 13:

Cau 14:

B. (P) cét (S). theo mot duong tron va (P) khong di qua tim mat cau (S).
C. (P) tiép xtc mat cau (S).
D. (P) khéng cit (S).
Loi giai
Chon D.
Mat cau (S) c6 tam 1(0;0,2) vaban kinh R =1, tir d6 suy ra:
g1

1(0;0:2) ¢(P),d(L(P)) N 4>R.

Vay ta c6 két luan (P) khong cit (S)

Trong khong gian toa do Oxyz, cho hai mt phang: (P): x+y+ J2=0va
(Q): —x+z++/3 = 0. G6c giira hai mat phang (P).(Q) 1a:

A. 120°. B. 30°. C. 90-. D. 60°.
Loi giai
Chon D.
Goi a lagoc gita (P) va (Q), taco: cosa= i L a=30
JI1+1J1+1 2

Trong khong gian toa d6 Oxyz, cho mat cau (S) c6 phuong trinh:
(S):x*+y’+2" —4x+2y+2z—3=0. Mt phang tiép dién cia mat cau (S) tai diém
M(0;1;-2) la:

A 2x=2y+z-4=0. B 2x—y—z=0.

C.2x—-3z—-6=0. D.2x-2y+z+4=0.
Loi gidi

Cheon D.

Mit cdu (S) c6 tam I(2;-1;-1) va ban kinh R=3. Mt phang tiép dién cua mat cu (S) tai
diém M(0,1;-2) Ia:

qua M(0;1;-2)
)

pt MI(2;-2;1)

Cach 2: lya chon dép 4n bang phép thir két hop tw luan: mat cau (S) co tam I(2;-1;-1) va ban

kinh R=3.Ta lan luot danh gia:
Mt phang (P) cho trong dap an A khong di qua M nén dap an A bi loai.

& (P): 2x-2(y-1)+(2+2)=0 & (P): 2x—2y+z+4=0.

Mt phang (P) cho trong dap an B khong di qua M nén dap an B bi loai.



Mt phang (P) cho trong dap an C di qua M va ta co: d(l,(P))

~ |4+3-6| 1

22 +(-3) Vi3

# R nén

dap an C bi loai.

L

§3 PHUONG TRINH PUONG THANG
KIEN THUC CO BAN

1. Vec to chi phwong ciia dwong thiang

Dinh nghia 1: Mot vecto a =0 goi 1a vecto chi phuong (viét tit vtcp) cia dudng thing
(d) néu gia cua a song song hoac tring véi (d).

Nhan xét:

Néu a la vtcp cia duong thang (d) thi moi vecto ka véi k =0 déu la vipt caa (d).

Mot duong thang duge hoan toan xac dinh khi biét mot vtcp caa né va mot diém ma né di
qua.

Phuong trinh tham s6 clia dwong thing

X=X, +at
My (X5 Yoi Z °
Ta co: (d):{Qua AO(X(_) y? 0)<:>(d): y=y,+at,tez
vicp a(a,;a,;a,) ,—7 +at

Phuong trinh (1) véi diéu kién a7 +a5 +a; >0duoc goi 1a phwong trinh tham sé cia

duong thang.
Cac truong hop riéng:

X=X
1. Néu a =0, tadugc: (d):4y=y,+at,t e 1aduongthing c vicp a(0;a,;a,) do
Z=17,+ait
d6 n6 vudng goc vai Ox (song song voi mat phiang Oyz), cit OX tai diém c6 hoanh d6
X,-
X = X, +ajt
2. Néu a,=0, taduoc: (d):7 y=y, ,te=. ladudngthingco vicp a(a;0;a,) do
z7=17,+ait

d6 n6 vudng goc véi Oy (song song véi mat phang Oxz), cat Oy tai diém c6 tung do
Yo-

X=X, +at
3. Néu a =0, tadugc: (d):1y =y, +a,t,te % laduong thing cé vicp a(a;a,;0) do
z=1,

d6 nod vudng goc vai Oz (song song véi mat phang Oxy ), cat Oz tai diém c6 cao do X,.

3. Phuwong trinh chinh tic cia dwong thiang



viep a(a;a,;a,) a8 o
Tir d6, duong thang (d) di qua hai diém M, (X, Y,z );M,(X,,Y,.2,), taco:
M, (% Yy - - -
(d):{Qua l(Xl.yl.Zl) @(d) X Xi — y y1 — Z Zl )
Qua Mz(xz’YZ’Zz)

M (X:VY.:Z _ _ _
Ta co: (d):{Qua o (%i¥o 0)<:>(d)'x % Y% _27%

XX Y,V L%

4. Phwong trinh tong quat caa dwong thang
Vi duong thang (d )trong khong gian c6 thé xem la giao tuyén cua hai mat phang
(R),(P,) nao do, nén phuong trinh tong quat cua (d )co dang:

(d): Ax+By+Cz+D,=0(1)
Ax+B,y+C,z+D, =0(2)

Trong d6 (1),(2) theo thir tu 1a phuong trinh ctia mat phang (R),(PR,).

vai didu kien A :B,:C, # A, :B,:C,.

Khi d6, mét vicp a cua dudng thiang d6 duoc xéac dinh boi:
5:[81 ClIC Al]A BlJ
B, C,JIC, All|A B,
5. Goc giira hai dwong thang
Goi a=g((d,),(d,)).0<<90" va a,b theo thir tu 1a vicp cua (d, ), (d, ), khi do:
ab)
b|
Nhan xét ring (d,) L (d,) < cosa =0« ab=0,

COSa ==
4

6. Khoang cach tir mgt diém dén mét dwong thang
Trong khong gian Oxyz, cho diém M va dwong thang (d)co vicp a. Khi d6 khoang cach
tir diém M dén duong thing (d) dugc cho béi:
MMO,é]

o)<

g

, trong d6 M, 1a diém bat ky thuoc (d).

7. Khoang cach giira hai dwong thang chéo nhau
Dinh Iy 2: Trong khdng gian Oxyz, cho hai duong thiang chéo nhau (d, ),(d,) theo thi tu
c6 vtcp a;,a,. Khi d6 khoang cach giira (d, ),(d, )duoc cho

bai:d((d,).(d,))= ‘[al"[;z];jlwz

, trong @6 M,, M, 1a cac diém bét ky theo thir ty

thuoc(d,),(d,).



Céau 1.

Cau 2.

Cau 3.

Céau 4.

I1. CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
Trong khong gian véi hé toa do Oxy, cho duong thang (d) c6 phuong trinh:

x=1-2t
(d):{ y=1+t ,t e & Vecto nao sau day la vecto chi phuong ciia duong thang (d):
Z=1+2
A. (-212). B. (-2;1;1). C. (2-1-1). D. (2,-1-2).
Loi giai
Chon B.
Toa d¢ vecto chi phuong cta duong thang (d) cho duéi dang tham s6 chinh [a hé s6 cua t & hé
phuong trinh do.
Trong khong gian véi hé toa do Oxy, cho duong thang (d) c6 phuong trinh:
X=—t-2
(d):{2y=2+6t,t € & Vecto ndo sau ddy la vecto chi phuong ctia duong thang (d):
z=0
A. (-13,0). B. (-2;1,0). C. (-16;0). D. (2,-6;0).
Loi giai
Chon A.
Bién d6i phuong trinh tham s6 cua dudng thang vé dang:
X=-t-2
(d):{y=1+3t,te 2= vicp a(-13;0)
z=0

Trong khong gian véi hé toa do Oxy, cho duong thang (d) c6 phuong trinh:

—X=3t+2
(d):{ y=1-t ,te= Vecto no sau ddy la vecto chi phuong cua duong thang (d):
z2=3
A. (3-13). B. (-3;-10). C. (3-10). D. (-3,13).
Lo giai
Chon B.
Bién ddi phuong trinh tham s6 caa dudng thang vé dang:
X=-2-3t
(d):} y=1-t ,te .= vicp a(-3;-10).
z2=3

Trong khong gian véi hé toa o Oxy, cho dudng thang (d) c6 phuong trinh:

(d): g = y_;32 = z+8. Vecto nao sau day 1a vecto chi phuong cia duong thang (d):



A. (2,-3,0). B. (-2:3,0). C. (2,-31). D. (-2;-3;-1).
Loi gidi
Chon C.
Bién d6i phuong trinh tham sb cua dwdng thang vé dang:
(d):gzy_—_s2 =7+8.= vicp a(2,-3;1)
Cau’5.  Trong khdng gian véi hé toa dd Oxy, cho dudng thang (d) c6 phuong trinh:

(d): xtl _1-y_z2-2 Vecto nao sau déy la vecto chi phuong ctia duong thang (d):

2 3
A. (2;3,5). B. (-2;,-3;-5). C. (-2;3-5). D. (2,-3;5).
Loi gidi
Chon D.

Bién dbi phuong trinh tham s6 cua duong thang vé dang:

(d): X;rl: y_—31: Z;2.:>vtcp a(2;-3,5).

Cau 6.  Trong khong gian véi hé toa dd Oxy, cho dudng thang (d) cé phuong trinh:

(d): :L_TX =2y+1= 22 _1. Vecto nao sau déy a vecto chi phuong ctia duong thang (d):
1. 1. g 1,
A. (21-2). B. (-2,1-2). C. —2,5,—1 : D. —2,5,—2 :
Loi giai
Chon D.
Bién dbi phuong trinh tham s6 caa duong thang vé dang:
1
x-1 Yty 75 a( 1
d): = = .= vicp a| -2,—;-11|.
(d) -2 1 -1 P 2
2

Cau7.  Trong khong gian véi hé toa dd Oxy, cho duong thang (d) c6 phuong trinh:

X—y+2z-2=0 . A , , . 2
(d): . Vecto nao sau déy 1a vecto chi phuong cua duong thang (d):
3X+y-52+1=0

A. (L-13-1). B. (4;3;3). C. (31134). D. (3;-1134).
Loi giai
Chen C.



Cau 8.

Cau 9.

Cach 1: Taco vtcp a cia duong thing (d)dugc cho boi:

—~ -1 2|12 11
a=
1 -5

s 3k _1JU=(3;11;4).

Céch 2: bang cach thyc hién theo thir ty:

- Thiét lap méi trudng 1am viéc voi vecto cho may tinh:
MODE|MODE| MODE]| 3

- Dé nhap toa do cho vecto (1;—1;2) va vecto (3;1;-5) ta an:

sarrnvern[113]Eh EE EE
SnieNBE -B-H-1-H -

- Détinh toa do cta a ta an:

SHIFT (VCT[3] 1 B§

SHIFT vCT[3]2 B
B

B>

Vay ta chon C.
Trong khdng gian véi hé toa do Oxy, cho duong thang (d) c6 phuong trinh:

X=1-2t
(d):{ y=1+t ,te & Duong thang (d)di qua diém nao sau day:
Z=t+2
A. (-210). B. (2,-10). C. (0;-2;0). D. (2,1,0).
Loi gisi
Chon C.

> Luwa chon ddp dn bang phép thir 1 (tir trai qua phai): Ta lan lugt danh gia:

= \/¢i diém cho boi dap an A, ta co:

—2=-t-2 t=0
1=2+2t < 1, V6 nghiém = Dap an A bi loai.

0=0 2

= \/¢i diém cho boi dap an B, ta co:




—2=—t-2 t=-4
-1=2+2t & 3, vO nghiém = Dap an B bi loai.
0=0 T2
= V6i diém cho boi dap an C, ta c6:
0=-t-2
2=2+2tt=-2.
z=0

Do d6, viéc lva chon dap an C 1a dung dan.

> Ly chon ddp dn bang phép thir 3 (tir phai qua trai): Ta lan lugt danh gia:
= V6i diém cho boi dap 4n D, ta c6:

2=—-1-2 t=-4
1=2+2t & 1, vo nghiém = Dap an D bi loali.
z=0 :_E
= V6i diém cho boi dap an C, ta co:
0=-t-2
2=2+2tt=-2.
z=0

Do d6, viéc lya chon dap an C 1a dung dan.

Bai 9. Trong khong gian véi hé toa d Oxy ,cho dudng thang (d) c6 phuong trinh: (d): x—1_y+3_z-1

Duong thang (d) di qua diém nao sau ddy: i i ‘
A. (2,-15). B. (4,-15). C. (415). D.
(4,-1-5).
Loi gidi
Chon B

> Lya chon ddp dn bang phép ther 1 (tir tréi qua phai): Ta lan luot danh gié:
= V6i diém cho boi dap an A, ta co:
271 143 _5-1 1 1_1 vonghiem = ap an A bi loai,
3 2 4 3
= Vi dap an cho badi dap an B, ta co:
4-1 -1+3 5-1
3 2

<1=1=1, thoa man.

Do @6, viéc lya chon déap an B 1a dung dan.

> Luwa chon ddp dn bang phép thir 2 (tir phai qua trai) — Hoc sinh tu thyc hién.
Bai 10. Trong khong gian véi hé toa do Oxy, cho duong thing (d) c6 phuong trinh

X—y+z-3=0 . .
(d): {ZX :/y 3749-0" Duong thang (d) di qua diém nao sau day:



A. (L-11). B. (0;0;3). C. (2,02). D. (311).
Loi giai
Chon A.
> Lua chon ddp dn bang phép thiz: Ta lan luot danh gia:
= V6i diém cho boi dap an A, ta co:
1+1+1-3=0 0=0 .
& thoa man.
2-1-3+2=0 0=0

Do d6, viéc lya chon dap 4n A 1a dung dén.

X =2t
Bai 11. Trong khdng gian toa do Oxyz, cho duong thdng (d) c6 phuong trinh: (d):qy=1-t ,te?X.
z2=2+t
Phuong trinh ndo sau day ciing 1 phuong trinh ctia dudng thang (d ) ?
X=2-2t X =2t X=4+2t
A Jy=-t . B.<y=1+t. C.iy=1-t . D.
7=3+t z=2+t z=4+t
X=4-2t
y=-1+t.
z=4-t
Loi giai
Chon D.

> Luwa chon ddp dn bang phép thiz: Ta lan lugt danh gia:
= Pudng thing (d) c6 mot vicpa(2;-11) nén cac dap an A va B bj loai.
= Duong thang (d) di qua diém M (0;1;2) thay toa do cia M vao phuong trinh duong thang trong
0=4+2t [t=-2
Ctathdy: {1=1-t <{t=0 ,vd nghiém = Dap an C bi loai.
2=4+t t=-2
Do d6, viéc lya chon dap 4an D 1a dung dén.
Bai 12. Trong khdng gian véi hé toa d6 Oxy, cho diém M (—2;1;1) va duong thang (d) c6 phuong trinh:
x=1+2t
(d):qy=-1-t,teX.
Z=3+t
Phuong trinh mat phang (P) qua M va vudng goc véi duong thang (d) la:
A. 2x+y—-z+4=0. B. 2x—y+z+4=0.
C. 4x-2y+2z+7=0. D. x+y-z+2=0.



Loi giai
Chon B.
> Loi giai tw lugn: Goi a la mot vicp cua (d), tacé: a(2;-1L1). Khi do:
qua M (-2;1;1)
P): . < (P):2(x+2)-1(y-1)+1(z-1)=0<(P):2x—y+2z+4=0.
vipt a(2;-1;1)
Ung véi dap an B. ‘
» Lwa chon dap an bang phép thiz: Ta lan lugt danh gia:
= Mt phang cho trong dép 4n A di qua M nhung c6 vipt Fl(2;1; —1) nén khdng thé vudng goc véi
(d), do d6 dap 4n A bi loai.

= Mit phing cho trong dép 4n B di qua M va cd vtpt n(2;-11) nén vudng géc véi (d), do d6 no
théa man.

Do d6m viéc lya chon dap an B 1a ding dan.

Bai 13. Trong khéng gian véi hé toa do Oxyz , cho diém M (1,2;3) va duong thang (d):

Y
-1

| x

phang chira diém M va duong thang (d) c6 phuong trinh:
A. 5x+2y-3z+1=0. B. 2x+3y-5z=0.
C. 2x+3y-5z+7=0. D. 5x+2y-3z=0.
Loi giai
Chon D.
> Luwa chon ddp dn bang phép thiz: Ta lan lugt danh gia:
= Mt phang (P) chtra (d) nén phai di qua goc O(0;0;0) do d6 dap 4n A va C bi loai.
= Mat phang (P) cho boi dap 4n B khong di qua diém M nén dap an B bi loai.

Do d6, viéc lya chon dap an D 1a dung dan.

Bai 14. Trong khong gian toa dd Oxy, cho mét phang (&) va duong thang (A) co:

x=1+3t
(a):2x+y+z+5=0va (A):{y=3-t , teX.
z2=2-3t
Toa dg giao diém cua (A) va (a) la:
A. (-2,-10). B. (-5;2;3). C. (1,32). D. (-17;9;20).
Léi giai
Chon D.
» Loi giai  tw lugn: Thay phuong trinh  cua (A)

Vao (a) ta  duoc:
2(1+3t)+3-t+2-3t+5=0<=t=-6



= (A)"(a)={M (-17;9;20)}, ang v¢i dép 4n D.
> Luwa chon ddp dn bang phép thir 1 (tir trai qua phai): Ta lan luot danh gia:
= Thay toa d¢ cua diém trong dap én A (thudc (a)) vao phuong trinh duong thang (A) ta thay:

-2=1+3t t=-1
-1=3-t < <t=4 ,vdnghiém = Dap an A bi loal.
0=2-3t t:g

3

= Thay toa d¢ cua diém trong dap én B (thudc (a)) vao phuong trinh mit phing () ta thay:

-5=1+3t t=-2
2=3-t <<t=1 ,vdnghiém = Dap an B bi loai.
3=2-3t t:—l

3

= Thay toa do cua diém trong dép an C (thudc (A) ) vdo phuong trinh mat phang (a) ta thy:

2+3+2+5=0<12=0, méu thudn = Dap an C bi loai.
Do d6, viéc lya chon dap an D 1a dung dan.
> Lua chon ddp dn bang phép thir 2 (tir phai qua trai): Ta lan lugt danh gia:
= Thay toa d6 cua diém trong dap an D vao phuong trinh mat phing (a) va duong thang (A) ta

thay:
~17=1+3t
-34+9+20+5=0<0=0, dung; 9=3-t << t=-6,conghiém.
20=2-3t
Do d6, viéc lya chon dap an D 1a dung dan.
Bai 15. Trong khéng gian véi hé toa do Oxyz, cho (d);%:yT_l:Z;BZ va (P):x—y+z-2=0. Giao
diem cua (d) va (P) co toa do la:
1.,.7 - . 1 i
A5z B. (0;1,2). C. (L-1%0). D. (1,4;0).

Loi giai
Chon B.
> Loi gidi tir lugn: Xét hé phuong trinh tao boi (d) va (P):

x_y-1_z-2 |ax=y=-1 jx=0
1 2 3 oix-1=-2 y=1=(d)n(P)={M(0;12)}.
X-y+z-2=0 X—y+2=2 z2=2



Bai 16. Trong khong gian toa do Oxyz, cho diém M(3;3;0) va mit phang (P) c6 phuong trinh:
(P):x+2y—z-3=0.Toa d¢ hinh chiéu vudng géc cia diém M trén (P) I:
A. (3;3,0). B. (-2;0;1). C. (211). D.
(0;5,-2).
Loi giai
Chon C.
> Loi gidi tw lugn 1: Mat phing (P) c6 vipt n(%2;-1)
Goi (d) 1a duong thang qua M va vudng goc véi (P), ta dugc:

qua M (3;3;0) X=3+t
d): . o (d):y=3+2t,tex.
vtep u(L2;-1) I

Hinh chiéu vuéng goc H cua A 1én (P) chinh la giao diém cua (d) va (P), do dé:
3+t+2(3+2t)+t-3=0t=—1=H(211).
> Lai gidi tir lugn 2: Mat phiang (P) c6 vtpt n(L2;-1)
Gia st H (x;y;z) 1a hinh chiéu vudng géc H ciia A Ién (P), suy ra:
H <(P) He(p) |X*2Y-2-3=0
{AH L(P)Q{AH‘// i TA3oym3 2 S HEERY,
‘ 1 2 ]
> Lwa chon dap an bang phép thar 1 (tir trdi qua phai): Ta lan luot danh gia:
= V6idiém H trong dap 4n A, ta lan luot Kiém tra: Thay vao phuong trinh mat phang (P) ta thay:
3+6-3=0<6=0, mau thudn = D4p an A bi loai.
= V6idiém H trong dap 4n B, ta lan luot kiém tra: Thay vao phwong trinh mat phang (P) ta thay:
—2-1-3=0«<0=0, diung.
Taco: HM (5;3;-1) = HM khong vudng géc véi (P) = Dap an B bi loai.
= Véidiém H trong dap an C, ta lan lugt kiém tra: Thay vao phuong trinh mit phang (P) ta thay:
2+2-1-3=00=0, dung. Ta c6: HM (L 2;-1)= HM L(P), thoa mén.

Do d6, viéc lya chon dép an C 1a dang dan.
> Lira chon ddp dn bang phép thir 2 (tir phai qua trdi): Ta lan lugt danh gia:
= Véidiém H trong dap an D, ta lan luot Kiém tra: Thay vao phwong trinh mat phang (P) ta thay:
10+2-3=0<9=0, mau thudn = Pap an D bi loai.
= Véidiém H trong dap én C, ta lan lugt kiem tra: Thay vao phuong trinh mit phing (P) ta thay:
2+2-1-3=0<0=0, dung. Tac6: HM (,2;-1)= HM L (P), thoa mén.

Do @6, viéc lya chon dap an C la ding dén.



