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Chao cac ha khi cac ha dang doc nhitng dong nay
tic la dang s& hitu mot nira cudn Tuyét Ki Casio ha guc
bai hay va kho gitp cac ha du strc hanh tau trong giang
ho nhiéu thir thach va diéu quan trong hon la du stic thi
d&u trong dai hoi vd 1am sap t6i vao 21/6 véi nhidu Bi
Tich cwc manh ha guc cac bai toan dé danh mét Slot vao
treong minh thich.
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phai c6 Level 6/10 nim dugc céc kién thitc va dang bai
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nhan duoc nita ban con lai cac ha nhap “Ma Code”
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két néi toi Bang BKTLver3.0 va rén luyén nhiing ki néng
con lai cfing nhw cdp nhat xu thé dé va tham gia khoa
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BO GIAODUCVADAOTAO  KY THI TRUNG HOC PHO THONG QUOC GIA 2017

PE THI THU NGHIEM Bai thi: TOAN
(DE thi gom 06 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phit dé
Ho,ténthisinh............cocooiiiiiiii
Sobdodanh.................oooooiiiiiii
Céu 1. Cho ham s8 y =x*-3x ¢4 db thi (C). Tim s8 giao diém cua (C) va truc hoanh.
A.2. B. 3. C 1 D. 0.
Cau 2. Tim dao ham ctia ham s8 y = log x.
1 In10 1 1

A y'=—. B. y'=—o. Cys= . D.y'= .

Y X 4 x Y xIn10 Y 10Inx

Céu 3.Tim tap nghiém § ctia bat phuong trinh 5 —% >0.

A. S =(1;+0), B. §=(~1;+o). C. 8§ =(-2;+0). D. § = (~o0;-2).
Cau 4. Ki hiéu a, b lan lugt 1a phan thuc va phan 4o cta s8 phuc 3 ~232i. Tim a, b.
A . a=3b=2. B.a=3;b=2\/§. C.a=3;b=\/§. D.a:3;b2—2\[2—.

Céau 5. Tinh médun cta s8 phiic z biét z = (4-3i)(1+1).
A. Iz[=25\/§. B. IZ|=7\/§. C.|2I=5\/§. D. tz[zxﬁ.
Ciu 6. Cho ham s6 y = 3‘-% Ménh d2 ndo duéi ddy ding ?

X
A. Ham s6 nghich bién trén khoang (—o0;—1).  B. Ham s6 dong bién trén khoang (—o0;-1).
C. Ham s8 dong bién trén khoang (—oo;+00).D. Ham s8 nghich bién trén khoang (~1;+).
Ciu 7. Cho ham s6y=f(x) c6 bang bién
thién nhw hinh vé bén. Ménh dé nao dudi
déy dang ?

-0 + 0 -
+2¢ 9
A.ygs =5. B. yg =0. y \/\
C.rrllkiny=4. D'mu?Xy:S' 4 o

Céu 8. Trong khong gian véi hé toa d Oxyz, tim toa d0 tdm I va ban kinh R ctia mét cau
(x—=1* +(y+2) +(z~4) = 20.

A. I(-1;2;-4),R=5\2. B. I(-1;2;-4),R=2+/5. C. I(1;-2:4),R=20.D. I(l;~2;4),R=2+/5.
Cau 9. Trong khong gian v6i hé toa d0 Oxyz, phuwong trinh nao dwéi day la phwong trinh

2= 0 1 +00

¥

x=1+2¢
chinh tic ctia duong thang < y =3t
z==2+t
ARy _z=2 g oxol y 242 oxHl y 272 pxol y z42
2 3 1 1 3 -2 13 =2 2 3 1

Céu 10. Tim nguyén ham ctia ham s6 f(x)=x’ +-—2;.
X

X 2 ¥ 1
A.jf(x)dx:?-;w. B.J‘f(x)dx=?—;+C.
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X2 ¥ o1
C.[f(yde="+=+C. D. [ f(x)de="-+=+C.
3 x 3 x
Ciu 11. Cho ham s8 y = f(x) ¢ bang bién s
thién nhw hinh vé bén. Hoi d6 thi ciia ham %
sd da cho ¢ bao nhiéu duodng tiém can ?

A.1. B.3. C.2. D.4

Céu 12. Tinh gid tri ctia biéu thite P=(T+4B) (7-443) -

A. P=1. B. P=7-4. C. P=7+4f. D. P=(7+443) .
Céu 13. Cho a la s8 thuc duong, a khac1va P=logy, a’. Ménh dé nao dwdi déy ding ?
A. P=3. B. P=1. C.P=9. D.P=§.

Ciu 14. Ham s6 nao duéi day dong bién trén khoang (—oo;+00)?
A. y=3x+3x-2. B. y=2x"—5x+1. C. y=x"+3x" D. y:x;::f.

Cau 15. Cho ham s8 f(x)=xInx. D thi nao duwdi dy la d6 thi ciia ham s6 y = f'(x)?

[
Y ¥ U Y

1---5 / e

o] 1 x 0 /1 X 0 (/ 1 P 0 >
A B C. ‘ D.

Ciu 16. Tinh thé tich V ctia khéi ling tru tam gidc déu c6 tAt ca cac canh déu béng a.
3 3 3 3

A= By-2L, cy-B py-28B
6 12 2 4

Cau 17. Trong khong gian véi hé toa d0 Oxyz, cho cac diém A(3;-4;0), B(-L13) va
C(3;1;0). Tim toa 0 diém D trén truc hoanh sao cho 4D = BC.

A. D(=2;0;0) hodc D(~4;0;0). B. D(00;0) hodic D(~6;0;0).

C. D(6;0;0) hoac D(12;0;0). D. D(0;0;0) hodc D(6;0;0).

Cau 18. Ki hiéu z va z, la hai nghiém phttc cia phuong trinh z2+z+1=0. Tinh

P=z+z} +zz,
A. P=1. B. P=2. C. P=-1. D.P=0.
Cau 19. Tinh gi4 tri nho nhat cia ham s§ y =3x +i2 trén khoang (0;-+0).

X

A.g;in)y=3%/§. B. min y=7. C. miny:ﬁ. D. min y=230.

(03+00) 5 (05+2)
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Céu 20. Hinh da dién trong hinh vé bén c6 bao nhiéu
mat ?

A.6. B.10. C.12. D. 11 ‘

Céu 21. Goi S 1a dién tich hinh phéng (H) gi6i han
boi cac duong y=f(x), truc hoanh va hai duong
thing x=-1,x=2 (nhu hinh vé bén). Dit

= flr)

0 2
a= [ f(x)dv,b= j f(x)dx, ménh dé nio dudi day
-1 0

dang ?
A.S=b-a B.S=b+a.
C.S=-b+a. D.S=-b-a.

Céu 22. Tim t4p nghiém S ctia phwong trinh log, (x—1)+log, (x+1)=3.

A. S={-3;3}. B. S={4}. C.5={3}. D.s ={~i0;+i0}.
Céu 23. Dudng cong trong hinh vé bén 1a d6 thi clia y
mot ham s6 trong bén ham s& dwoc liét ké & bon
phuong an A, B, C, D dudi day.Hoi d6 1a ham s6 nao ?
_ 2x+3 By 2x~1

A. y . . . 2
. e —
— -1 YO &€
C.y= T Doyt
x-1 x-1

2
Céu 24. Tinh tich phan 1= [2xyx*~1dx bing cich dit u=x"-1, ménh dé ndo dudi day
1
ding ?
3 2 3 1 2
A1 =2[udu. B.I = [udu. C.1=[udu. D.1=5N5du.
0 1 0 1

Cau 25. Trén mat phéng toa d6, difm M 13 diém biéu
dién ctia s8 phttc z (nhu hinh vé bén). Didm nao trong @
hinh vé 1a diém biéu dién ctia s8 phitc 2z.

9 x
A.Diém N. B.Difm Q. C.Diém E. D.Diém P. /}\
N P

Céu 26. Cho hinh nén c6 dién tich xung quanh bang 37a* va bén kinh d4y bing a. Tinh
dd dai duong sinh I ctia hinh nén d cho.
3a

-‘[j—“. B. 1=2\2a. C. z=7 D.l=3a

E

Al=
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1

Cau 27. Cho | dx

=a+b1n%—e-, v6i a,b 1 céc 8 hiru H. Tinh S =a® +5°.

o€ +1
A S=2. B. §=-2. C. §=0. D. §=1.
Cau 28. Tinh thé tich V ctia khéi try ngoai tiép hinh 1ap phuong cé canh bang a.
3 3 3
Av=T2 B. ¥ =nd’. cv=22, D. V=21
4 6 2

Céu 29. Trong khéng gian vdi hé toa d§ Oxyz, cho mat cau (S) c6 tam I(3;2;-1) va di qua

diém A(2;1;2). Mt phing nao duwéi day tiép xtc véi (S) tai 4?

A. x+y-3z-8=0. B. x—y-3z+3=0. C. x+y+32z-9=0. D.x+y-3z+3=0.

Ciu 30. Trong khong gian v&i hé toa dd Oxyz, cho mat phéng (P):2x-2y-z+1=0 va
x=1 y+2 z-1

dudng théng A: T T Tinh khoang cach d gitta A va (P).

A.d=—1-. B.dr-é. C.dzz. D.d=2.
3 3 3
Cau 31. Tim t4t ca céc gi4 trj thuc ctia tham s6 m d€ ham s§ y=(m—1)x* —2(m-3)x* +1
khong c6 cuc dai.
A. 1<m<3. B. m<1. C.m=1. D.1<m<3.

Cau 32. Ham s6 y = (x—2)(x* —1) c6 d6 thi nhw hinh vé bén. Hinh y

nao dudi day la &6 thi ciia ham s8 y =|x—2|(x* ~1)? f
(&)

u "

oA I

\/ ()l \/ E ()‘

Hinh2 Hinh 3 Hivhd

Hink 1

A.Hinh 1. B. Hinh 2. C. Hinh 3. D. Hinh 4.

Cau 33.Choa,bla cic s8 thuc dwong théoa man a#1,a# N} log, b= 3. Tinh P= log & \[—E
Y Y¥a

A. P=-5+33. B. P=—1+43. C.P=-1-43. D. P=-5-33.
Cau 34. Tinh thé tich V ctia phin vét th€ gi6i han bdi hai mit phing x=1 va x=3, biét
ring khi ct vat thé boi mat phing tly y vudng gdc véi truc Ox tai di€m cé hoanh do
x(1<x<3) thi dwgc thiét dién 1a mét hinh chit nhét c6 d6 dai hai canh la 3x va V3x?-2.

A. V=324 2415. B. Vzl—z:jf. C. V:%f‘-. D. V=(32+2\/'1§)7r.
Cau 35. Hoi phwong trinh 3x* —6x+In(x+1)* +1=0 6 bao nhiéu nghiém phan biét ?
A2 B. 1. C.3. D.4.
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Céau 36. Cho hinh chép S.ABCD c6 day la hinh vuéng canh a, SA vudng goc véi mat day,
SD tao véi mit phang (SAB) mdt géc bang 30°. Tinh thé tich V ctia khéi chép S.ABCD.

3 3 3
A V:*/f; . B. V=34 C. V.—.*/G;" . D. V:*ﬁ;’ .

Ciu 37. Trong khéng gian véi hé toa d6 Oxz cho duong thang
x-1_ y+5 z-3

d: 5 1 =—4———.Phu0'ng trinh nao dwdi déy la phuong trinh hinh chiéu vudng géc
clia d trén mit phang x+3=0 ?
x=-3 x=-3 x=-3 x=-3
A {y==5-1. B. <y=-5+1t. C.iy=-5+21. D.iy=-6-t.
z=-3+4¢ z=3+4¢ z=3-¢ Cz=T+4

1 ,
Cau 38. Cho ham s§ f(x) thoa man[(x+1)f'(x)dr=10 va 2/()-f(0)=2. Tinh
[i]

1
I=] f(x)dx.
0
A I=-12. B.I=8. C. I=12. D. I=-8.
Cau 39. Hoi c6 bao nhiéu s8 phitc z thda man ddng thoi cac didu kién: |z—i|=5va z* la s§
thuan 4o ?
A.2. B. 3. C.4 D.0.

Cau 40. Choham s8 y = l—n—{, ménh dé nao dudi déy diung ?
X

A.2y'+xy"=—~1—. B. y'+xy”=—1~ C.y+u' = D. 2y’+xy"=i-
xz y y xz x2

3

x

Céu 41. Hoi ¢4 bao nhiéu s6 nguyén m d& ham s8 y=(m’ —1)x’ +(m-1)x’ —x+4nghich
bién trén khoang (—o0;+0)?

A2, B.1. C.0. D. 3.

Cau 42. Trong khéng gian véi hé toa d6 Oxyz, cho mit phang (P):6x—2y+z-35=0 va
diém A(-1;3;6). Goi A4' la diém ddi xting véi4 qua (P), tinh 04"

A. 04'=326. B. 04'=53. C. 04'=+/46. D. 04'=/186.
Cau 43. Cho hinh chdp i gidc déu S.ABCD c6 canh day bang 3\2a, canh bén bang 5a.
Tinh ban kinh R clia mét cdu ngoai tiép hinh chép S.4BCD.

A. R=+3a. B. R=12a. C.Rz-z-%‘-’-. D. R=2a.

Ciu 44. Cho ham s6 f(x) lién tuc trén R va thod man f(x)+ f(~x)=+/2+2co0s2x, VxeR.
kL
2

Tinh 7= | f(x)dx.
kig

2
A.I=-6. B.I=0. CIl=-2 D.I=6.
Cau 45. Hoi 6 bao nhiéu gid tri m nguyén trong doan [-2017;2017] d€ phuong trinh
log(mx) = 2log(x+1) ¢ nghiém duy nhét ?
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A. 2017. B. 4014. C. 2018. D.4015.
Cau 46. Goi S 1a tip hop tit ca céc gia tri thyc cha tham s§ m d€ d6 thi cia ham s§

1 C 1 e aem .1 \ 3 , P
y= i%—}:3 - mx* +(m2 - l)x c6 hai diém cyc trila A va B sao cho 4, B ndm khéc phia va cach

déu duong thang y = 5x—9. Tinh t8ng t4t ca cac phan tir cia S.

A.Q. B.6. C. -6. D. 3.

Cau 47. Trong khong gian véi hé toa dd Oxyz, cho mit phéng (P):x—2y+2z-3=0 va
mét cau (S): x> +y* +2° +2x—4y—2z+5=0. Gid st difm M e(P) va N e(S) sao cho vecto
MN ciing phuong véi vécto (1;0;1) va khoang céch gitta M va N 16n nhét. Tinh MN.

A. MN=3. B. MN=1+242. C. MN=3\2. D. MN =14.

C4u 48. Xét cc 8 phtic z théa man |z+2—1|+|z—4-7i|= 632. Goi m, M 14n luot 1 gid tri
nho nhat, gia tri 16n nhét ctia lz—1+i]. Tinh P=m+ M.

ApGafA Bp XA o opspiE popd

Cau 49. Cho miit ciu tdm O, bén kinh R. Xét m3t phéng (P) thay ddi cit mt cau theo giao
tuyén 13 dudng tron (C). Hinh nén (N) 6 dinh S nam trén mét cau, cé ddy 1a duong tron
(C) va 6 chidu cao 1a h (h> R). Tinh h d& thé tich khéi nén dugc tao nén béi (N) co gia tri
16n nhat.

4R 3R

A.h=+/3R. B.h=+2R. C.h:—3—. D.h:7

Céu 50. Cho khéi tit dién c6 thé tich bang V. Goi V' 14 thé tich ctia khdi da dién c6 céc

? b 7 A7 7 7 2 A ’ oA ~ 7 7 » V
dinh la cac trung diém ctia cac canh ctia khéi tt dién da cho, tinh ti s6 7

. B.K‘Z C.—-V—-Zg, D.—I-/——:
14

AL 1
v ) 73

N[
oo'{u]
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Full tuyét ki Casio Ha Guc bé Minh Hoa Lin 3
Cau 1: Cho ham s8 y=x"-3x ¢6 d6 thi (C) . Tim giao diém cta (C) va truc hoanh.
A2 B.3 C.1 D.0
Huéng dan:

Céc em vao giai phuong trinh bac 3 trong may tinh

g3 @HNEOEEEEOEE
'.l k] Math¥ @ MathVA ' ] Math A
h1= ha= h5=
[ l'_
J -43 I
Vay khoanh dap an B.
Cau 2: Tinh dao ham ctia ham 8 y =log x
1 In10 1 |
A y=-— B. y'=——, C.y= . D.y= X
) X ) X ) xInl0 Y 10Inx

Huéng din

Céc em xét hiéu dao ham tai X vdi cac dap an

em) () (og) () D) DD ® [ 03 & B &) (D @ @i 0
@

«loatyy .

¥=H %

@E:J B Math A
B (1090R) Y oy
-0. 05657055181

N6 khong bang 0 minh sang dap 4n khac, khong cin bdm CALC nita nhé, bim (=) ludn

'“Hx:ﬁ"xlﬁiiaml é%flﬂgiﬁlﬂx=x-b é%(lngiﬁjﬂx=x—&
-1.532x513 aege 0™

Bikiptheluc.com Bi kip CASIO céng pha Tric Nghiém Todn Hotline: 0977.543.462




CASIO EXPERT : Nguyén Thé Luc - tb: Ad.theluc — Youtube :MrTheLuc95

Vdy khoanh dép dn C

Céu 3.Tim tap nghiém S ctia bat phwong trinh 5 % > 0.

A. S =(1;+o). B. §=(~1;+0). C.§ =(=2;+w). D. §=(~00;-2).
Hwéng dan

Céc em nhap biéu thirc réi CALC tirng dap an

BEmwmIEONCEHENOE

1 Math &
Al _1
-

Xét cac gia tri dac trung ting dap an

X =-10 (D4p 4n D) X =10 (D4p 4n AB,C) X=-19 (Dap 4nD)
EOOE HOE wEOOEE
1 @ Math & 1 Fi Math A ; 1 [F] Math &
R+ -L R+ -L R+ -1
-0. 199999458 48828124.8 0. 03492378862

Céu 4. Ki hiéu q, b lan lugt 1a phén thyce va phan do ctia s6 phic 3-242i. Tim q, b.
A. a=3b=2. B.a=3b=22. C.a=3b=+2. D.a=3b=-22.

Hwéng din: D

Chu 5. Tinh mddun ctia s6 phic z biét z = (4-3i)(1+i).
A. |4=252. B. |2|=72. C.|o|=5V2. D. |z|=+2.

Huwéng dan
l2|= 121 nén cic em bam thang luén

fexg (2) i) o (0 ) H @ R D) I D B D E
CHPLZ &

ath A

| (4-3i)C1+i)]
R{Z
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Cau 6. Cho ham s6 y =£—f—. Ménh dé nao dudi day ding ?
X+

A. Ham s6 nghich bién trén khoang (—;~1). B. Ham s6 dong bién trén khoang (—oo;-1).
C. Ham s6 dong bién trén khoang (-o0;+0). D. Ham s8 nghich bién trén khoang
(—l;+w).

Huéng dan

Ham sd khong x4c dinh tai x=-1 loai C.

: Math A

o (g

dxl B4+l N x==10

0, 03703703704

Vay khoanh B
Cau 7. Cho ham s6 y = f(x) c6 bang bién e 0 i .
thién nhu hinh vé bén. Ménh dé nao dudi v -0 4+ 0 -
déy ding ? | =
Ay, =5. B. y; =0. ! \ / \
C.lrgny:4. D.mélxy:S. 1 %

Hwéng dan: khoanh A

Céu 8. Trong khong gian voi hé toa d§ Oxyz, tim toa d¢ tdm I va ban kinh R ctia mdt
cau (x-1)° +(y+2)* +(z-4)* = 20.

A. I(-1,2;-4),R=5\2. B. I(-1;2;-4),R=25. C. I(1;-2;4),R=20.D. I(1;-2;4), R=245.
Hwéng dan: Khoanh D

Cau 9. Trong khong gian vdi hé toa dd Oxyz, phuong trinh nao dwdi day la phuong

x=1+2t
trinh chinh tac ctia dudng thang {y =3¢
z=~2+t

3 2 T

x+l_y z—2. B.f:.1=y_z+2 Cx+1 2_2_—_2. D.x_—_l___zz
1 3 -2 2 3

242
3 .
Hwéng dan: Khoanh D

Cau 10. Tim nguyén ham ctia ham s6 f(x)=x"+ —123
X
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X 2 X1
A._[f(x)dx=—3——;+C. B.j.f(x)dx:—é——;JrC.
C.J.f(x)dx=%+%+c. D.J.f(x)dx:x?+—)1;+c.

Hwéng din
Xét hiéu dao ham cc ddp an vi biéu thirc cin tinh

() () (B) () 0 ) (o @ 31 ® = (B (2 @ ) ) & ® i) 0 & (=) (O (o
DHEEEOHmIEB®D]

Math A

*.-:]' x:x‘[}:2+ﬁf]l

oD @E
Math &

L(£g) (v

I

Bing 0 hay xap xi 1a d4p 4n ding 4n [+ d€ kiém tra.

C4u 11. Cho ham s6 y = f(x) 6 bang bién cle . »
thién nhw hinh vé bén. Hoi d6 thi ctia Y /////////, + B
ham s8 da cho c6 bao nhiéu duong tiém y /Z/;/ /j//:;: = N

///////j///, s 0

A.1. B.3. C.2. D.4

Huéng dan

Tiém can ding x=-2,x=0 Tiém can ngang y=0

Cau 12. Tinh gi4 trj ctia biét thitc P=(7+48) (1-453) .
A. P=1. B. P=7-445. C. P=T+4f3. D. P:(7+4\/§)2016
Huéng dan

Cac em bam trwc ti€p y nhw vay sé khong ra dwoc cic em bim thanh :
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P:[(7+4\/§)(7‘4J§)TO'6.(7+4J§)

(C7+403) (7-403 0

-
T+

Cu 13. Cho a 1a s6 thuc duong, a khdc 1 va P=log, a’. Ménh dé nao dudi day ding

?
A P=3. B. P=1. C.P=9. D.P:%.
Hwéng dan
Chon a=2
(2] (o) fe) () (osa0) () (var) () () & @ (i) () (o) (3 (=)
@ Math & - A Math A
24h 1095 (4°)
1A
2 9
Vay khoanh dap an C.
Céu 14. Ham s6 nao dudi day dong bién trén khoang (—oo;+e0)?
A. y=3x+3x-2. B. y=2x"-5x+1. C. y=x"+3x". D. yzﬁr—?—.
X+
Hwéng din

Céc em c6 thé dung Table hodc nh&m nhanh y=3x*+3x-2—- y'=9x+3>0

Cau 15. Cho ham s§ f(x)=xInx. D9 thi nao dwdi day la d6 thi cia ham s8 y = f(x)?

Y v g y

Huwéng dan
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(s () () (O] (i) (o) O OOJ ® 0= @ E
d F] Math A M th ERRD Math lj B Math A
d a o X
oz LALNCRID] o At LD
[aC1  :Cancel
[41Ck1:GOLO 1

Tai 0 khong x4c dinh, tai x=1,y=1 nén khoanh C

Cau 16. Tinh thé tich V ctia khdi ling tru tam gidc déu cd tit ca cac canh déu bang a.

Ay=-28 By-28 C V_JJ_ py-£8
V= V= V==
Hwéng dan

2x/— 23

Nhim nhanh: V =

4

Cau 17. Trong khong gian véi hé toa d0 Oy, cho cac diém 4(3;,-4;0), B(-1;1;3) va
C(3;1,0). Tim toa do diém D trén truc hoanh sao cho AD=BC.

A. D(=2;0;0) hodc D(4;0;0). B. D(0:0;0) hodc D(~6;0;0).
C. D(6;0;0) hoac D(12;0;0). D. D(0;0;0) hoac D(6;0;0).
Hwéng dan

Thiét 1ap nhanh phwong trinh trén méy : (A—?;)2 +(4)2 +(0)2 —(42 +32)
CALCradapanD

Cau 18. Ki hiéu z, va z, 12 hai nghiém phic ctia phwong trinh 2° +2z+1=0. Tinh
P=2+2 +2z,

A P=1. B. P=2. C P=-1 D.P=0.
Huéng dan

Vao giai phuong trinh bac 2: (W B AN EHE O EE
Luu nghiém X1 vao X: @R R 0] X2 vao Y : (=) () fed o) Roi foog) (2)

7] Math¥ [ MathVA CMPLY <] Math &
A1= Az= WEHYZ Y
1.45. 1 43,
=t 1 7 I
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Cau 19. Tinh gia trj nho nhat cia ham s§ y = 3x+—4; trén khoang (0;+).
2

33
A.min y=339. B. miny=17. C. miny==-, D. min y=2309.
min y=346 pin miny =" finy =20
Hwéng dan

Dung Table : Start 0= End 9= Step 0.5=

RDEHWIEEUOmIPBE0E0E0HEE

" F[‘" Math - [F] Math A
3 1 ' 1 r.l._j O
(- H'fwé: 3
£ ETTTTTTTS b, 240251465
Vay khoanh dap an A

Cau 20. Hinh da dién trong hinh vé bén ¢4 bao
nhiéu mat ?

A.6. B.10. C.12. D. 11 . \}

Hwéng din : Dém xong khoanh D

Céu 21. Goi § 12 dién tich hinh phéng (H) gi6i han
béi cac duong y = f(x), truc hoanh va hai duwong
thang x=-1, x=2 (nhw hinh vé bén). D4t

y = f(x)

0 2
a= j F)de,b= j f(x)dx, ménh d& ndo dwdi day
-1 0

ding ?
A.S=b-a B. S=b+a.
C.S=-b+a. D.S=-b-a

Hwéng dan: Pap an A.

Céu 22. Tim tap nghiém § ctia phuong trinh log, (x~1)+1log, (x+1)=3.
A. §={-33). B. §={4}. C.s=f3}. D.s ={~V10;i0}.

Huéng dan:

Céac em nhdp phuong trinh vao méy :
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@@@@@@@@E@
4)+109:0A+10-4

W E=EE @u @ E wEE

£ Math & 7] Math A

Math ERROR  10p(3-1)+1002Cb 109,(8-1)+109,(k
CAC] iCancel

[410#]1:GE0LD 0. 9068905956 (0
Vay khoanh dap an C

Ciu 23. Dudng cong trong hinh vé bén la d6 thi cia
mdt ham sd trong bon ham s6 dugc liét ké & bén
phuong 4n A, B, C, D dudi day.Hoi d6 1a ham s§

nao ? ,
:2x+3‘ B.y:Zx—l‘ - ,
x+1 x+1 |
C y:2x—2. D. y:2x+1-
x-1 x-1

Huéng dan: Dya vao tiém cin ditng => A,B , dua
vao giao Oy =>B

2

Ciu 24. Tinh tich phén /= [2\/x" ~1dx bing cach diit u =1’ -1, ménh d& nio du6i day
1

dtng ?

2 3

Judu, B.I :J‘\/z?du. C.Iz‘[\/;du. D.I=

1 0

AI=2

© ey

Huéng dan
Tinh tich phén rdi so vdi gia tri & cac dap an

Math A 7] Math &

PorbE T[S
2464101615 .464101615
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Cau 25. Trén mat phang toa d¢, diém M la diém y
) Iy 5 A ’ \ ~ 1A o a? E

biéu dién ctia s0 phtic z (nhw hinh vé bén). Diém ¢

nao trong hinh vé la diém biéu dién ctia s§ phtic 2z.

()

A.Diém N. B.Diém 0. C.Piém E. D.Diém P.
Huéng dan: Chon C

Céu 26. Cho hinh nén ¢4 dién tich xung quanh béng 374’ va ban kinh day bing a.
Tinh d6 dai duong sinh I ctia hinh nén da cho.

A.l:%. B. 1=2{2a. C.l:%a. D. I=3a.

Huéng dan: S, =mrl—>1=3a

Cau 27. Cho f—gi\—l_mbml , VOI a,b 1a cacsO hitu t. Tinh S=4°+4’.
e+

A. §=2. B. §=-2. C. §=0. D. §=1.
Huéng din

Tinh tich phan luu vao A

Math A

f: Pt
0379985493

A= a+bln1+76 b_——-l——— thay vao S=4’+b’ = Dép an giai ra xem a,b dep khong
ln___
2

Nhap vao may:

i Do @ HOBEEFEmOCMEDHME@A®D®

7} Mé:hA
W34 —H=i 1)
lr'[_.i.}
Dapan A: (=](2] () (ie) (B) &
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Mathl "l[i;_‘ Math A
Lin=z"]

"*[ Hiﬁ] 2 ye -0.410902725
(5] lp= i

Tuong tw v6i cdc dap an khac cudi cling la C:

. ||§_‘ Math A
|in =) )
A= 1
L-R= 1
Vay khoanh déap an C.

Cac em cd thé dling Table néu thich : Start -4=, End 4=, Step 0.5=

|£'1 Math H Fl:}{ Math
fl)=—r1reT s
1”[ ] tal  1.5!-1.B06

Vay a=1b=-1-5=0-C

C4u 28. Tinh thé tich V ctia khdi tru ngoai tiép hinh 1ap phuong c6 canh bang a.

3

Av="2 B. V=nd. cv="% D,y
4 6 2
Huéng dan:
]’l=£l 2
Vé hinh nhanh : a _,Vz,[_(_‘i_] a-D
=-\[_2: \/E

Cau 29. Trong khong gian voi hé toa d6 Oxyz, cho mit cau (§) co tam I(3;2;-1) va di
qua diém 4(2;1;2). Mt phing nao dudi day tiép xtic véi (S) tai 4?

A. x+y-3z-8=0.  B. x-y-3z+3=0. C. x+y+3z-9=0. D.x+y-3z+3=0.
Huéng dan:

O déy chiing ta dling diéu kién tiép xtc: 4, =1A= Ji1

Dapan A bap anB bapanC
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m M'A!h‘ L e -t N L?I'JlMlthA T e | ke b N i. -‘IMZXh‘
BHE-G(-1)-8 =
lo+2-8(-1)-8) feies M+ies
A1+1+49 71T 71
I 11 11
Dap an D:
[F} Math A
F+2-G0-11+3]
+1+
1
Vay khoanh dap an D.

Cau 30. Trong khong gian voi hé toa d6 Oz, cho mt phang (P):2x-2y-z+1=0 va
dudng thang A: f—; = rlﬁ = %—l- Tinh khoang cach d giita A va (P).

A d=L, B.d:%. C.d:%. D.d=2.

(3 I

Huwéng din
ddiy A va (P) song song véi nhau nén méi c6 khoang céch va né bang khoang cach
tr 1 diém trén d téi (P) dodd tacd:

& Math A
| 3l =Zn—2—1+1|

Jd+d+1
2
Vay khoanh dap an D.
Cau 31. Tim tat ca cc gid tri thuc cta tham s6 m d&€ ham s6 y=(m-1)x* —2(m-3)x* +1
khong c6 cuc dai.
A. 1<m<3. B. m<1. C.m21. D. 1<m<3.
Huwéng dan:

Céc em kiém tra nhanh bang meo nhu sau :

m=10-y=9x"-14x" +1 cdcem d€'y ab trai ddu la ¢4 3 cuec tri r6i v6i y=ax* +bx* +¢
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m=-10—y=-11x* +26x* +1 tuong tu nén chung ta loai dugc B,C
Xét m=1-y=4x"+1- Ding nén ching ta khoanh A.

Cau 32. Him s6 y=(x-2)(x’ 1) c6 d6 thi nhw hinh vé bén. v
Hinh nao dudi day 12 do thi ciia hdm s8 y=|x-2|(x*-1)?

‘\/ 0 \\/ z 0 T

Hinh 2 Hinh3 Hink 4

Hinh {

A. Hinh 1. B. Hinh 2. C. Hinh 3. D. Hinh 4.
Hudng dan

y=p-2(*-1)<0>-1<x<1>A

Céu 33.Choa,bla cac s6 thue duong théa man a¢1,a;t\/3,logab=\/§. Tinh P=log ; \/E
— \da

A. P=-5+33. B. P=—1+43. C.P=-1-1. D. P=-5-33.

Hudng dan

Céc em chon a=2-b=2"

(2) fsarg) (el (©) (2) (@ (&) (3) e oD o)
& Math A B Math A - 7 Math &
2+ o¥3 4p 9 Fia)

; 9.901997085 -2 790050608
Vay khoanh dap an C

CAu 34. Tinh thé tich V ctia phin vat thé giéi han béi hai mt phing x=1 va x=3, biét
ring khi cit vat thé boi mit phang tlty ¥ vudng géc vdi truc Ox tai diém c6 hoanh d6 x
(1<x<3) thi duoc thiét dién la mét hinh chit nhét c6 do dai hai canh 1a 3x va 32 -2,
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A V=32+205. B. V= 7:” C. V:I—?—. D. V=(32+2J1?)n.

Huéng dan

3
V()= [S(x)dx bim méy ta dugc C.

i
) Mtk &
[ 2
41,33333333
Céu 35. Hoi phuong trinh 3x* —6x+In(x+1)’ +1=0 ¢6 bao nhiéu nghiém phan biét ?

A.2. B.1. C.3. D.4.
Hudng dan

Dung Table : Start -0.99= End 9= Step 0.5=

i) (7] (3) ) 0] () (5] () @ ) (66 (i) (@0 ) (9 (D) ) 690 (@3 (B ()

Math

fcm-m:{+133+u

B@E@@@@J@@B@@
[F} Math & Math a Math
| I]BE 3 sﬂl F il b ;;EI Fi
8| -0.18 ll.355 4 0.51 &HHE ! - |
3l O.0110.53403 5 l.Ol1-1.B58 Bl 2.511E.8188
-37. 78427243 -1, 209709619 Z2.398554914

Ham d6i dau 3 Ian la ¢6 3 nghiém phan biét.

Cau 36. Cho hinh chép S.ABCD cé day 1a hinh vudng canh q, SA vudng goc voi mét
day, SD tao véi mit phang (SAB) mdt géc bng 30°. Tinh thé tich V ctia khéi chdp
S.ABCD.

3 n 3
A V_£8”— B. V=34, C. V:Ji" . D. V:*/;;’ .
Huéngdan.

Céu nay khd don gidn cic em vé hinh va xac dinh duoc gocla ASD =30°
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3

V= -;-.SA.SABCD - % ADcot30’’ =

Ciu 37. Trong khong gian v6i hé toa d0 Oxyz, cho duong théng d: %1 = -y—%é = %—3
Phuong trinh ndo du6i day la phuong trinh hinh chiéu vudng gdc clia d trén mét

phang x+3=0 ?

x=-3 x=-3 x=-3 x=-3
A Jy=-5-t. B.<y=-5+t. C.qy=-5+2t. D.{y=-6-t.
z=-3+4t z=3+4t z=3-t z="T+4¢
Hudng dan
x=1+2t
d.._x_i:_.is_:g3 y—__—__s...t
2 -1 4
z=3+4¢

Céc em tim giao ctia d va x+3=0 thi diém nay cting thudc d' la hinh chiéu cta d
x+3=0->(1+21)+3=0—-1=-2— H(-3,-3,-5) em thay toa d0 diém nay vao cac dap an
xem n6 thugc dap an nao ?

x=-
Duy nhét chi c6 dap an D théa méan {y=-6-t=-3>1=-3
z=T+4i=T+4(-3)=~

1
Ciu 38. Cho ham s8 £(x) théa man j (x+]) f/(x)dx=10 va 2/(1)- f(0)=2. Tinh

I=[f(x)d.

A I=-12. B.I=8. C. I=12. D. I=-8.
Huwéng dan

Minh ¢6 2 dit kién nén sé tim ham 2 &n théa man 2 diéu kién trén : Gia sk f(x)=ax+b
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2fM)-f0)=2 [2a+b)-b=2 (g p=p [p=2
¢ ¢ 2 1 24, =
'[(x+1)adx=10 a—+ax| =10 |=+4=10 20
0 2 0 2 =

[F] Math A

2 (22-28) g

Vay khoanh dap an D.

Cau39. Hoi c6 bao nhiéu s§ phic z thdoa méan dong thoi cac diéu kién: |z-=5va 2*
a 56 thuén 40 ?

A2 B.3. C. 4. D.0.

Hudng dan

{f%{b~02=ZZ:>{fa{b—D2=25_%{f+{a~Dz=25

a* —b* +2abi = a=1h#0 a*+(@a+1)* =25
x1= ﬂ. Hay xz: - xi: @ Hathy x2= -} MothvA
4 -3 d -4
Vay khoanh dap an C

Céu 40. Cho ham s y= ln—x ménh dé nao duéi day ding ?
X

A.2y’+xy”=——17. B. y'+xy"=—l;, C. y'+xy”=—-—15. D. 2y’+xy":—13.
X X" X X
Huéng dan:
Céc em st dung céch tinh dao ham cdp 2 bang Casio nhu sau:
W By e d d ey D-C
y'=—- Tinh—(f(),_, >C ngkmmaD&wm.fwwﬁaeA
Ap dung vao bai:

[ () () () (o) ) ) @ () O & ® (3 (@ (547 <) e
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B.. Math &

[lﬂfH]]

lx 10
-0.01302585093

@ 8 ) (4] (9] (O (0] (1) o) ) o

F] Math
ddx[ 1nt#) ]

dx

Lr 1CI.
-[. 01302469041

EEEHEmEE©0DHDODHNEEC

Math &
L-C +
0. 0001

1.605156378:x0"

Nhue vy 12 ta vira tinh dao ham cdp 2 ctia ham y = Inx tai X=10 dang luu vao A
X

Béy git xét hiéu cac dap an, xét dap an A:

DEEELHmIODCEmICECHDNCHOUELBHE G
@I E

Cac em &n thém s xem né c6 vé 0 hay khong la duoc.

Eadx[lmm]lx 1ok 7 Rl | PR
-1.380798728xa 7 geoto®

Cau 41. Hoi c6 bao nhiéu s6 nguyén m d& ham s§ y=(m” ~1)x’ +(m-1)x* —x+4nghich
bién trén khodng (—oo;+e0)?

A2, B. 1. C.0. D. 3.

Huéng dan

Cau ndy cac em 1am tay thoi: y'=3(m’~1)x*+2(m-1)x-1

y'=0->A'=(m~1) +3(m?~1) = 4m> ~2m—2
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m*-1<0

Dé ham nghich bién (-eo;+e0) thi
A'<0

—>:21Snzsl—>m=0,m=1-—>A

D& cho chac cac em it kiém tra lai.

Cau 42. Trong khong gian v6i hé toa d§ Oxyz, cho mét phfmg (P):6x—2y+z-35=0 va
diém A(-1;3;6). Goi 4' la diém d6i xtiing voi 4 qua (P), tinh O4".

A. 04'=3\26. B. 04'=53. C. 04'=+/46. D. 04'=+/186.
Huwéng dan

Tim nhanh hinh chiéu H ctia A 1én (P) két hop tham s6 hda va giai phuong trinh tim
tham s8 ludn : 6(-1+6¢)-2(3-2¢)+(6+1)-35=0

BOEHHHEmMOOEROEEHAEDDBOE H N OI0)
BE6E M E

(- 1+63)-2(3-2p
= !
[-R= i

H(5,1,7) la trung di€m cia AA’ nén A'(11,~1,8) —>0A= \/1—86

Ciu 43. Cho hinh chép tit gidc déu S.ABCD c6 canh day bing 3v2a, canh bén bang Sa.
Tinh ban kinh R ctia m3t cau ngoai tiép hinh chép S.4BCD.

A. R=+a. B. R=+2a. C.Rzggg. D. R=2a.

Huéng dan:

Céu nay kha don gian céc em vé hinh ra:

ASIM ~ ASHB

SI SM SM.SB
e B )
SH SB SH

& Math A

2 u 5}::ﬂ.'
5£-32 25
2]
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Ciu44. Choham s8 f(x) lién tuc trén R va thod man f(x)+ f(~x)=+2+2cos2x, VxeR.

3z

Tinh 1= f F(x)dr.

3z

2

A.I=-6. B.I=0. CI=-2 D.I=6.
Huwéng din
Gid stz f(x) 1a ham chin — f(x)= f(-x)= __2_”%5(2").
Vath 4 PRPR. TS %

3n am =

Z {Z+ZC0S (2R, =

& L, E 6
Vay khoanh D

May tinh céc em tinh sé hoi lau khoang 2-3 phét trong thoi gian d6 cc em ctr d€ ddy

chuyén xuéng lam cau khac.

Cau 45. Hoi 6 bao nhiéu gié tri m nguyén trong doan [-2017;2017] d& phuong trinh
Jog(mx) = 2log(x+1) ¢6 nghiém duy nhat ?

A. 2017. B. 4014. C. 2018. D.4015.

Huwéng din

g en mx >0
Piéu kién :
x>-1

log(mx) =2log(x +1) & log(mx) =log(x+ 1 ome=(x+1 om=2+x +l = f(x)
X
Chiing ta & khéo sat ham trén 2 khoang (1;0) va (0;-+)

*Xét (-1;0) v6i Start -0,99= End -0,01= Step 0,05=

Math Math F ] Math
| 558 o| b gal-hiag 1| -b.oa|-Gea]
3l -g.au| =353 8| -0l |-l 20| -0.04 R
3| -0.88l-0.013 g| -g. 58 B El
. 258491525427 -23.04

-0.00010101 %m0 -
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Gia trj ham giam dén tir 0 t6i o = me(0,+e0) két hop v6i [-2017,2017] thi m c6 2017
gid tri tir -1 t6i 2017

*Xét (0;+0) v6i Start 0.0001= End 29= Step 1=

. ; F] Math . Fr}ﬁ . F(U? Math
" n " [Hl ] 1]
| e | Taau agl " an
2l 1. 000} i a1 oh | W] (30 035
Slziooni|  wsl sleenonl | 0.g 3 ol
1000z, 0001 4. 00000001 S0.03551416

N0 di tir +00— 4 — +00 vy d€ phuong trinh c6 nghiém duy nhat thi m =4
Vay tong hop 2 trwong hop thi ta cd 2018 gia trj cia m
Ngoai ra cdc em c6 thé khao sat ham bang cach lap bang bién thién.

Cau 46. Goi S la tap hop tét ca cac gia tri thwe ctia tham s8 m &€ d6 thi ciia ham s6
y= §x3 —mx*+(m* ~1)x c6 hai diém cuc trj1d A va B sao cho 4, B ndm khéc phia va
cach déu duong thing y=5x-9. Tinh tng tAt c4 cac phin tit ctia S.

A. 0. B.6. C. -6. D.3.
Huéng dan

A,B ludn d6i xting v6i nhau qua diém uén 1én 2 diém nay déi xing véi nhau qua
dudng thing y=>5x-9. thi diém udn s& thudc dudng nay

m’ 7
y'=2x-2m— U(m,—é——m) thay vao duong thang ta dugc:

3 3
7—13—=5m—9<—+171——5m+9=0
3 3

Theo Vi-et bac 3 : x1+x2+x3=j)-=0—>A
a

Cau 47. Trong khéng gian v6i hé toa d6 Oxz, cho mit phrfmg (P):x=2y+2z-3=0 va
mét cau (S):x’ +y* +2° +2x-4y-2z+5=0. Gid s&t diém M e (P) vd Ne(S) sao cho vecto
MN cling phuong véi vécto 7i(1;0;1) va khoang céch gifta M va N 16n nhat. Tinh My,
A MN=3. B. MN =1+2\2. C. MN=32. D. MN =14,

Huéng dan
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N —
Do goc NMH khdng d6i nén MN 16n nhat khi
| NH 16n nhat = N ¢ vi tri nhu hinh vé.
— NH=r+d_,=1+2=3
U 1\_, -
¥ H ®) cos@%Cos(ﬂ,ﬁ)l:i-—)MN=———NE——e=3\/§
2 cos MNH

Ciu 48. Xét cac s phtic z thoa man |z+2-1+|z—4-7i]=6v2. Goi m, M lan lwot la gia tri
nho nhét, gid tri 16n nhat cta |z-1+i. Tinh P=m+ M.

A. P=13+{73. B.P:i\[—gi;—@‘ C. P=52+73. D_P=§_\/:2-_121/E.
Huwéng dan:

*Céch 1: Tix dap an cac em c6 nhén thay

Min c6 kha ning 1a %‘[Z—,Jﬁ,sﬁ Max c6 thé 12 Jﬁi?l

Y tudng la tir |z-1+4= 4 chiing ta rtit ra b roi thé vao phwong trinh trén Solve xem c6

ton tai a khong voi z=a+bi

(Hés&Jn:§%2—»(u—1f4{b+hz=125—9b=,h25—(a—ﬂz—1thayvéo

|z+2—il+|z—4—~7i|=6\/§-+\/(ahuz)z+(,/1z.5—(a—1)2 —2)2 +\/(a—4)2+( 12.5-(a-1)’ —8)2 ~62

{202+ 012, 5-p
A= -1.5
L-R= I

Véy c6 ton tai s0 phitc z d€ min la m= —5-—2——2— Chu y khi xét Max

Taco

]

>—=>2" raséthtsd M \/%

Rk K3
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Céc em stz chit chd 12.5 thanh 73:3 théi.

7] Math lﬂ". 2 2 Math [..
0%+ f13:3- (A= i *2) +Lé uhdé

L-F= 1
73 73

Nhu vay ton tai s6 phic d&€ M=~—=> > viy M =73 la ding

3

O déy anh da thi gidi truc ti€p M=+73 nhung méy khong tinh dwoc ra x c6 thé né &

dang Bat déng thikc nén méi bj Can’t Solve nhur véy ( kinh nghiém )
*Céch 2: Tt gid thuyét |z+2-i|+|z—4-7]=6v2.
ChoY thay ddi roi gidi ra X v6i z=X+Yi

[F] Math el Math ¢ Math

(224 0-12 0 -2+ -3 -p 4 Z40Y- ?Jﬁ 67

Solve
Y 1 2 3 4 5 6 7 8
X Can’t |-1 0 1 2 3 4 Can’t

2 bén xung quanh la nd vd nghiém chi ¢6 viing tlr 2 ti 7 thdi: cac em théy quy luat 1a
Y-X=3-y=x+3

Do do 1z~1+i| = =12+ (0t 4)" dling Table : Start -2= End 5= Step 0.25=

B Math B Math
] F (41 & F(R)
=la g3l _3.5]7.9056
3 -l.5 > gl 3.M5
Ul -1.2513.5531 25 L 18-
3. 23553306 &. 544003745

Xdp xi dap an B nhé cic em.

Céu 49. Cho mét cau tAm O, ban kinh R. Xét mét phang (P) thay d6i cdt mt cau theo
giao tuyén la dudng tron (C). Hinh nén (N) c6 dinh S nam trén mét ciu, c6 déy la
duong tron (C) va co chiéu cao 1a k (h> R). Tinh h d€ thé tich khdi nén duoc tao nén
béi (N) c6 gid tri 16n nhét

3R

Ah=1BR. B.h=+2R Cﬁ=i£. D.h==".
J
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Huéng dan:
” f* Céc em thiét 1ap nhanh phuwong trinh tinh thé tich nén.Chon R=1

N i SH=h=R+IH=IH=h-1 Bankinh AH =TA?—IH? =\[1-(h-1)

=V =%7{1—(h—1)2}.h CALC timg d4p 4n

MEOOE MEDEE $~ @OOE0E
W--D8) o R-GeDE  RO-eDE)
0.0038475773 1.1TISTTS 1, (165,
B@E:; "
%(1-(3-1)2)
1,175

Nhin vio két qua 1a minh khoanh C.

Cau 50. Cho khdi tt dién c6 thé tich bang V. Goi V' 1a thé tich ctia khdi da dién c6 cac
J V'

dinh 14 céc trung diém ctia cac canh ctia khéi ti dién da cho, tinh ti s6 7
B Z-L c .2 p. L3
Vo4 V 3 vV 8

Vi = VB.MNQ = VC.HI\’P =V

Vo _AM AN AK _V

V.ABC AB AC AD 8

)=v—4.1v.—_z

14 _(VA.BCD + VA.MNK + VB.MNQ + VC.HNP + VD.PNK ) 2

=V

QKNP —
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Cac ki thuét Casio va dang toén co ban cin nim
I.CALC - Tinh nhanh gia tri biéu thirc véi gid tri cac bién cho trude
Tinh néng nay chu yéu dé thtr dép an, tinh gioi han ... khi dap én da chita sin két qua
chi viéc thir vi du nhu thir nghiém ctia phuong trinh, bat phrrong trinh c6 rat nhiéu vi
du cac em tham khao & phia dudi nhé.

IL. SOLVE - Do nghiém ctia phwong trinh mot an bat ki

Vi du em mudn tim nghiém ctia phwong trinh f(x)=0 thi em chi viéc nhdp f(x) vao
may & hé COMP r6i bam (=) d&luu phuong trinh lai ( khéng can bam =0 )

Sau d6 bam dé may do nghiém, néu ra nghiém x4u thi em luu vao A

101 day lén d€ tim phuong trinh cii va ddy sang tréi stta thanh
f(x):(X=A) r6i lai xét 1ap lai nhu ltic dau d€ tim nghiém th 2, the 3 ...

Vi du 1: Tim tich t4t c4 cic nghiém ctia phuong trinh 4.3'03(100”) +9 40810%) _ 13 ghtloex

A. 100, B. 10, C1. D. L.
10
Huwéng dan

Math & th

8, Math Ma
ijg (103 —13}56:"“-'" 4}{3109L_ 100K<) +Eb [4}::31':"5" 100K} b
A= 10 %= 0.1
L-R= 0 L-R= I
Luru y: Solve do Mii-Log circ lau néu khong dung Table tim khodng nghiém
truedc,con nd gidi phuong trinh vo i kha 1a nhanh, cic em nén luu y diéu nay dé€
tranh mét thoi gian doi nd, trong lic doi thi cd thé 16i may khéc ra lam bai khéc.
III. Table - Skill linh hoat 1 éng dung nhiéu
Khé ma c6 thé liét ké hét ting dung ciiand chtt yéu 1a manh vé do tim ngoai chiic

nang chinh la Max - Min , mét d6 thi thu nho tit d6 ting dung sang cuc tri, trong giao

IV. Cac dang toan co ban va két hop cc ki thuét
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Xin Iwu ¥, vi déy la cu6n sach luyén 8-9-10 nén cac ki thuat co ban nay anh chi rat gon
lai mdi dang 1-2 vi du thay vi day da nhiéu vi du va c6 nhiéu bai tAp tw luyén nhw Bi
Kip Thé Lyc ver2.0 cdc em vui long xem cac ki thuét ¢ File PDF la mét nita cu6n 3.0
con lai anh gl qua Email khi dédng ki cting sach d€ hoc nhiéu ki thuat hon nita.
Tuyét Ki1: Su bién thién

Vi du 1.1: Tim tip hop tit cd céc gidc tri thuc cha tham s6 m d& ham sO
y=x"+my’ —x+m nghich bién trén khoang (1;,2).

A. (~oo;—%1—). B. (—oo;—-l). C. [~1;+00). D. (-oo;-—-l;ﬂ.
Huwéng dan

Duing d/dx : tinh ning tinh dao ham tai 1 diém ctia him 1 bién.

ar) () () () o) o) ) 0 o) () (20 3 () () 00 () () ) & (1) () (1)

[F] Hath A

LINF+rnZ-na e 4RZ-ne)|
% x=1.11

Ta sé xét cac gia trj ddc trung clia cac dap an: Dap an C tinh tai X=10

-@m@@MM
(X3 42|
4783

100

Ta sé loai dwoc C va xét tiép sw khac biét A,B,D

wWEEOOE WEFROLHEE WEEOAOEMAWE

Ma.th A Math & d Math &
LBz 2 x3+vx2-x+v|b (53452 p
_1937 171
100 ZEI S0

Vay khoanh dap an D.
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Tuyét Ki 2: Giai nhanh dang toén vé Max-Min, Cuc Tri
Vi du 1: Cho ham s /() =x+m+—i’-l- (v6i m, n 14 cac tham s8 thuc). Tim m, n d& ham
X+

56 dat cuc dai tai x=-2 va f(-2)=-2.
A. Khong ton tai gia tri caa m, n. B. m=-In=1.
C.m=n=1. D. m=n=-2.

Huéng dan

Cac em thay ting gia tri m,n vao ham rdi diing Table :

Dap an B:

HOHOPEOCHIOEFOEEEEEAROM

B Math

Math

ST i ﬁ _FIZH)
f(l"l.'l *h 1+;:1:;+1 E:g
Bl ~l.8] -U.5
Dép an C: Stra rdi cacem an ) B E &)
Eii Math " Ff!{? Math
N F] 5
fl__”:[:h+1+}:;+1 g 'E'_g - 4
E "|-5 "'Els

-2
Théy né thoa méan ding yéu cau 1a cuc dai ludn viy dap én ding 12 C

Vi du 2: Cho ham s6 y=3sinx-4sin’x. Gid tri 16n nhét ctia ham s trén khoang
T 7 N
—-—;~ | bang:
( 5 o
A -1 B.3. C. 1L D.7.
Huwéng dan

Chi y d€ ché dd goc & Radian: (4)

Vao Mode 7 : Start —g— End % va Step la % (day 1a buéc nhdy médc dinh cho lugng

giac.)
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B Math @ Math
e _ | Fig
fixRI=35in(xI-4sk Eg:ggégm
i010.1853 101071
Vay khoanh dap an C

*Lwu  vé cach chon Step :
+Chi dung bang F(X) d€ tinh dwoc 30 gia tri : ®E0

+Néu nguoi ta khong cho khodng ham s8 thuong la da thie cac em dé Start -9= End
9= Step 1=

Mudn khéo sat ki thi Start -4= End 4= Step 0.5

Trong doan nho cho san thi dé Step 1a 0.1 hodc 0,25
+ Ham luong giac khong ndi gi dén khoang cac em dé Start ~z= End 7= Step —17—;—:

Tuyét Ki 3: Giai nhanh dang toan vé Tiém Cén

At —1432242 .,
~—— = Tl

2

Vi dy 1: S8 dudng tiém cin dimg va tiém cin ngang ctia 80 thi y =
A. 2. B. 3. C. 4. D. 1
Huéng dan
Nhap biéu thitc nhw dé bai :
ERIEIEENCEIBINPEEOmNEEEmN
faxZ_1 430242

KZ -

*Tim tiém cin ditng : Thuong la nghiém cia mau nén ta sé tinh giéi han bang cach

1dy gia tri x&p xi nghiém do6

Vidy x=1-CALC X =1.0000001
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WHOHOODOOOODE WOOOODOOODE
B Math A _ B Math
JanZ | 4mxZys Math ERROR
e [4C1  :Cancel
67320516, 39 [4108]:GEOLD

Vay chi céd mot tiém can ding la x=1

*Tiém cdn ngang;: Ta s& tinh gidi han tai 10°(+e0) va -10°(-)

[0 EI6]E) g =006 E
Math A Math A
TARE_1 436245 JArE 1 43842
KE =¥, HE -, i
4. 00005 2. 999999

Viy la cd thém mot duong tiém can ngang y=3
Tuyét Ki 4: Giai nhanh Twong Giao

Li thuyét chung la khi gia tri ham d6i ddu 4m sang dwong hay duong sang 4m ltic nay
ham s& phai di qua s0 0 tizc 1a ¢ 1 nghiém lé, qua nghiém chin thi ddu ctia ham khong
doi

Viduy 1: Tim tap hop tét ca cac gid tri thuc m d€ phwong trinh sau c6 nghiém thudc

doan [0;1] : x*+2” +x=m(x*+1)’

Am>1 B.m<1 C.0sm<1l D.0<m<

| wo

Huéng dan :
*Cach 1: C6 1ap dugc m thi dung cach nay nhanh hon

3 2
3, .2 _ 2 2 X +X +x_ .
X +x +x=m(x"+1) —)m-—()-(-z-:i—j;—~f(x)—>lvhnﬂx)SmSMaxﬂx)

Table : Start 0= End 1=Step 0.1 =
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7] Math [F) Math F] Math
& o Fiid
Fri) iR A o il | 0.8
(wZ41)2 8l 0.1{0.1088 I L 0,15
3l D.2i0.2282 2
Jad
*Céch 2: thir timg gia tri dic trung cac dap an va quan sat d6i ddu
Dépan A: m=10 khong thdy sy d6i ddu
& Math y F(H? Math
—q%— Z -
fo=-(mm2y o * ol "
i I.d -10.55
Dép anB: m=-10 khong thay su ddi dau
F] Math y FI:H:I? Hath
fU)=4-(-100(¥%» o ‘"naliz.com
Bl D5 W
16.5
Dép an C: m=1 khong thiy su d6i ddu
7 Math F[;{ Math
f0=-C1 (2 n]-bdhe
4 D.3lh
-0.7711
Véy khoanh dap an D, cdc em thit m=0.5 ma xem
7] Math " Fn{? Math
f0=00.5) 52+ o "aal B8
Bl O.5IME
0.09375
Tuyét Ki 5: Him s0 Mii - Log
Vi du 1: Tinh dao ham ctia ham s6 f(x)=ln(e2x+1).
1 262;: e2x er
A. f'(x)=——- B. f'(x)= - C f'(x)= - D. f'(x)= .
P B AR C I DIy

Huwéng dan
Nhép biéu thitc dao ham r6i xét hiéu véi cc dap an
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EHEONENRDEOCEFDDEmOCEHEN®HE W@
jnClealE

KON, 40, gt
-m@@ @ Math A
L In(eZr+1))],p
1. 5999959594
Twong t xét B,C,D
sl InCe® 1)) b S (Inle 1)), E(In(eZ+1)]] b
1,99990919%  9.079161541 x5 1. 499939997

Vay khoanh dap an C
Vi du 2: Tim t4t c céc gié tri ctia m d€ ham s8 y=27"""" dong bién trén [1,2].
A. m>%. B. mz%. C.m>-1. D. m>-8.

Huéng din
Lam tuong tu nhw phan sy bién thién

WEEOE WEEHOE @WEOERESE
5 B Math & 5 Math A hiath A
ux -h-’-+'f.«]l b dt[zx -—?f.¢+'1"‘*:]l b LEH ~KE +m._||lp

-0. 02019176667 0.1512117539 1.713808028
Véy khoanh dap an C
Tuyét Ki 6: Rit gon, biéu dién mii-log
Vidu 1: Cho a, b 14 cic s6 thuc dwong khac 1 va théa man log,b=3. Tinh gia trj ctia

3
biéu thirc T =log G ¥

%
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A T=1. B. T4, C.T:—Z—. D. 7=,
Huéng dan
Cac em chon a=2—>b=a®
Math & B Math & B Math &
LA
Z g A 1
Vi du 2: Tinh gid tri cda biéu thic P=log,(a"s*)+log ﬁ[—j—g}log% b? ( voi
0<a#1;0<b#1).
A. P=2. B. P=1. C. P=+. D. P=12.
Huwéng dan

Vé ban chat nd chi 1a bai todn riit gon tuy nhién két qua khong phu thude a,b nén cac
em chon a,b thoa man diéu kién la dugc.
7] Math A Hath A @ Math &
2+ 34k log,» (A1OBZ) +10p
2 3 1

Tuyét Ki 7: Phuong trinh, bit phwong trinh Mii-Log

1 3
Vi du 1: Biét phwong trinh 9°-2 2=22-3" ¢4 nghiém la ¢. Tinh gié trj biéu thtrc
1
P=a+-log, 2.
2

2

A p=l. B. P=i-log,2.  C.P=L D.P=1-%log92.

2 2

N —

Huoéng dan

Céc em nhip phwong trinh vao may
PPRmICEIPABIRIEENCE0DE
BH_E?HD. 5_(2?‘2“;
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FE@E |
g g+ 0.5 [- g T e
2 Ty rE10%.5
= i 1

1

Vi du 2: Tim tap nghiém § cta bat phuong trinh 2* >(%)

A. §=(2+). B. §=(-e;0). C. §=(0;+0). D. §=(-o0;+0).
Huéng din
Ctt gdp BPT la cac em nhap nguyén lai r6i CALC tung gié tri ddc trung cta dép an

thoi

@...B@@B..I@I@QI..@@.I

()"
@ 0E W =00 g @ HHE
3_{:_ Math A . %:_7 Math A . %c;' Math &
M CO LR €
h11.2421417 -1.31901963 0. 535886741
Vay khoanh dap an C.

Tuyét Ki 8: Tim nhanh nguyén ham

Vi dy 1: Tim gia trj cia m d€ham s6 F(x)=m’x’+(3m+2)x’ —4x+3 1a mt nguyén ham
ctia ham s§ f(x)=3x"+10x-4.

A m=2. B. m=+l. C. m=-1. D. m=1.
Huéng dan:

Céc em xét dao ham F(x) tai 10 rdi trir di f(10) CACL xem gié tri m nao cho KQ bang

o

0] &) (3 () (3 (3] () o) () (2) O] () O (2 (=) (@)
DeEHOERmMNE®HO0EOIEE0

E%
=] 13
5=
ST
+ﬁ
-‘12
==
=
E
=
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[F Math & Math &

L Y203+ (3+200 4 - (3Z+105-4)1

wRE0OE wEHOEE wDEE

I (YIS WO S B (VD0 B O S (V-1 B W O
dx ox ox

| 960 190 0
Vay khoanh dap an D

Tuyét Ki 9: Nguyén Ham Nang Cao

Xem phan bai tdp nguyén ham

Tuyét Ki 10: PT s6 phtrc bac 1

Xem phén bai tép s phitc

Tuyét Ki 11: PT s6 phitc bac 2

Dang hé s8 thyc thi vao EQN , hd s6 phitc ding nhanh biéu thikc sau d€ tinh cén :
JA= \/1X|4 @‘292 xem thém phén s8 phikc

Tuyét Ki 12: PT s6 phirc bac bat ki

Xem thém thuét todn Newton — Raphton phan so phitc

Tuyét Ki 13: Ung dung Casio gidi nhanh Oxyz

Xem File Update tai : http://bikiptheluc.com/bktl3
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Ham s6

sin® x - 3sin’® x cos x + (1 —m)sin X.C08° X +0s° X

CauL: Timm d€ham s6 y = nghich bién

cos’ x

trén khodng (02—]

A. 22<m<1 B. m>1 C.m<-2 D. m>0
Huéng dan:

Déu tién ching ta phai dung Radian : 4
Ix=...

Sau d6 stt dung di(bieu_thuc) va thay m=Y
X

Cac em chon x=0.1 r6i CALC Y=m=10

Vay dap 4n B hoic D c6 kha néng dung vi ding véi m=10 d& cho chéc chan thi em tinh

tai m=0, m= -10 thi thdy gia trj dwong nén loai A va C

EH0OE EOE wWEEOO0E

Math A Math & B Math A
o SiﬂiH]S—SSi% A [sin3-Ggin  d Sin(H]3~Ssi%
dx dx dx

-9, 668166717 0, 432R037466 10, 53317421
Xét tiép tai m=0.1 ta dwoc: =E0000E

. [_il., Math A
d ISih[HlJ—SSiIb

0. 3314597042

dx |,
Véy cac em khoanh dép an B.

Céu 2: Cho cac s0 thuce x,y théa man x®+2xy+3y* =4. Gid tri [6n nhét caa biéu thic

P= (x—y)2 la:

A. max P =38, B. maxP=12. C. max P=16. D. maxP=4.
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Huéng dan:

Chéy cfirGtray: x* +2x+3y” =4.

M=y -(By=4)=4-2y* 20>2< y <2

x=—y 42" vio Table: F(X)z(—Zy—\M—Zyz)Z;G(X)=(—2}’+\/4“2J’2)2

Math Fi Math
al fo POl ol B e | aens
I |.2Hﬁ'--iéll:i naool| gl -i.2|i.Bo00 |(EERE
isl  i.ulg.so3sl B.33sl 3l Crlo.3u3ilii.EsE
11.95954257 11.959584252
Vay khoanh B

Chu 3: Biét duong thing y=(3m-1)x+6m+3 cat do thi y=x"-3x"+1 tai ba diém phan
biét sao cho c6 mdt giao diém cach déu hai giao diém con lai. Khi 6 m thudc khoang
nao dudi day:

A (-10) B. (¢;) E (1%]

Huéng dan

Cu nay cac em nén vé hinh ra s& dé dinh hinh bai toan hon thi giao diém 6 gifta la
trung diém ctia 2 diém con lai, nén chi cén ap dung vi-etbac3lara:
X +x,+x=0
(3m—1)x+6m+3=x3—3x2+1——> X+ —=>x,=1
= xZ
2

Thay vao phuong trinh r6i giai tim m ta dwoc::

Math &

(3%-1)+6x+3=1-35b
K= -0.333333333
L-R= 0

Véy khoanh dap an A.
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Céu 4: Choham s x°-3x*+3mx+m~-1. Biét rang hinh phang gi6i han boi d6 thi ham
s0 va truc Ox cd dién tich phan ndm phia trén truc Ox va phan nam dudi truc Ox bang

nhau. Giatriciamla:

A.

w N
ol
H~ | o
D)
(SRR
O
o] w

Huwéng dan
Céc em vé phac do thi dang bac 3 ra sé thay :

y *Cach 1: Thay m & ting dap an roi giai
b phuong trinh bac 3 sau d6 xét tich phan

f(0)
\.\‘1

yal giai nghiém, mot may dé€ tinh tich phén

Y

sau : jf(x)dx =0

Y

Pl A

> Do2 phin khi bing nhau nhung tréi diu

-
o

B ity 4

© Céc em nén diing 2 may, mdt may d&

*Cach 2: Cac em nhén thdy x, la trung diém ctia 2 diém con lai do d6 x, =1 twong tu
nhu bai trude thay vao giai phuong trinh tim m dwgc :

Math A

'-J= D. ?5
L-R= i

Vay khoanh dap an B.
Cau 5: Tim t&t ca gia trj ciia m d€ham s6 y=2x>+3(m-1)x*+6(m-2)x+3 nghich bién

trén khoang c6 d¢ dai lén hon 3.
A. m>6. B. m=9. C. m<0 hodc m>6.D. m<0.

Huwéng dan
Tacd y'=6x"+6(m-1)x+6(m-2).
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=-1

X
V=0
x=2-m

Ham s6 nghich bién trén khoang c6 d¢ dai Ién hon 3 khi va chi khi

m>6

3-m>3 m<0
'2—m~(—~1)|>3¢:>|3—m!>3<:{ {
: 3-m<-3

Ciu 6 Bift rang tip tit cd cdc gid ti thuc cha tham s6 m d€ ham s8
y=~31—x3—(m—l)x2—(m—3)x+2017m dong bién trén cac khoang (-3;-1) va (0;3) la doan
Tz[a;b].Tinh a+b.

A. 2 +b =13. B. &+ =8. C. a*+b*=10. D. &’ +b*=5.
Huéng din
TXD:D=R, y'=x ~2(m—1)x—(m—3)<::>x2 +2x+32m(2x+1)
* Ham s§ d4 cho dong bién trén khoang (0;3) & »'20, Vxe(0;3)

x*+2x+3

>m, Vxe(0;3) > min f(x)2m.
2x+1 ( ) Ut

[F] Math
e FiR}
ﬂ.’l?

l.25

4
5
B

20178

*Ham s dong bién trén khoang(-3;-1) < y'20, Vxe(-3;- 1)

2
3C-—Wt—%)—cj—sz, Vx &(-3;-1) - max f(x) <m.
2x+1
Math
H FH)
Hl -2u | |-
18l ~-l1.831-1.003

Do d6 me[-1;2]=d* +b* =5.
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, 9 ’) ’ A . \ A A ’ \ A
Ciu 7: Cho ham s6 y:i—% c6 do thi (C). Tim toa d6 diém M c6 hoanh d6 duong
X -

thudc (C) sao cho tdng khoang céch tir M dén hai tiém cin nhé nhat,
A. M(0;-1). B. M(22). C. M(1;-3). D. M(43).
Huéng dan

+Loai B vi lam gia trj ham khong xac dinh, loai A vi hoanh d khong dwong biy gid

con 2 diém M thi cac em tinh khoang cach téi 2 tiém cin

D6 thi (C) cd tiém cénngangla d,: y=1¢>y-1=0 tiém cn ding la d,:x=2¢x-2=0

Goi M [xo; o 2] €(C),(x, #2x, >0), ta c6 tong khodng cach tit M dén hai tiém cén 1
X —
d=d(M,d)+d(M,d)= x°+§-1 +],~2)
-
e M E o @ E
Math A [r} Math A @ Math A
A+E : XHE HtZ
B2t | g2l |BEeq ezl [ EEoq|eln-2]

Vay khoanh C.
Chu 8: Tim t4t 4 gié tri ctia m d€ gid trj nho nhéit cha ham s6 (x)= 2 +:’1‘1 trén doan
X
[1,2] béng 1.
A.m=1. B. m=2. C. m=3. D. m=0.

Huéng dan

Céc em thay tlng gi tri m & cac dap an vao roi Table , start 1=, end 2=, step 0.1=

@ Math
H
I |
d Ial]1.04h
E| l.211.0908
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Dé dang khoanh dugc d4p 4n A.
Cau 9: Choham sd y= —;;x3 —mx® —x+m+1. Tim t&t c& gié tri clia m d€ d6 thi ham s6 ¢4 2
diém cyctrila A(x;y,),B(x;y;) thoaman xj +x; =2.
A. m=0. B. m=+l. C.m=43. D. m=2.
Huéng dan

Céc em c6 thé 1am theo kiéu tw ludn rdi két hop véi Solve d€ tim nhanh m, cach don
gidn hon la céc em thay tlng gid tri clia m vao giai phuong trinh béc 2 ctia mdy tinh

r0i xem 2 nghiém c6 thoa man khong.

Chu 10: Tim cAc gi4 tri thiee ctia tham s8 m d& phuong trinhy2-x +y1+x = ym+x-x" 6
hai nghiém phan biét.
23

A.me{S;zjj. B. me[5;6]. C'mE(S;ZjU{Q' D.me[S;%?)u{é}.

Huwéng din
Céc dang toan twong giao nhw thé nay thi cac em ctt diing Table ma chién thdi, dau
tién ta xét —2—1—5 >12§ ma B c6 con A,D,C khong c6 véi Start -1=, End 2= Step 0.2= do

diéu kién ctia phwrong trinh

[F] Math " . Math y ; R Math
—_—_ ..2._3_!_§. - - B ~-0. 8 Eiﬁﬁ
flx)=4 J 4 ek é -u.é 0. 0145 E | -9-53
3l -0.6l0.0278 0.2l-0.0118

1
-0. 2364511609 3. 851394325003
Th&y ham d6i d&u 2 [an Ia yén tAm c6 2 nghiém phén biét nhé, vay khoanh B

Jox-22
J;+1 '

Cau 11: Goi M va m Ian luot 14 gid tri 16n nhét va nho nhét cia ham s8 y =
Khi d6 gia tri caa M-m la:
A, 2. B. -1. C 1 D. 2.

Huong din: Dung Table cht y diéu kién 0<x<1 d& chon start end
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B Hath Math
i ; i Fin
| a o 0.8{-
gl O.l{0.7055 I I
al 0.2[0.5681 12
-1
Vay khoanh D.

Cau 12: Céc gia tri ctia tham s m dé ham s y=mx’ -3mx* -3x+2 nghich bién trén R
va d6 thi ctia nd khong c6 tiép tuyén song song véi truc hoanh la

A, —l<m<0, B. ~1<m<0 C. -1<m<0, D. -1<m<0,
Huéng dan:

O day ho cho s&n khoang nghich bién i nén chiing ta khéng can thir d/dx méa & day
d6 thi khong c6 tiép tuyén song song véi truc hoanh tirc 1a khong ton tai m d€ y'=0
Tasé thay m=0,m=-1 y'=0vao giai phuong trinh xem c¢ ton tai x hay khéng?

kg Math _E}:;.;:2+El::{+8ﬁ Math
A= -l 41421356%

Véy khoanh dap an D, do m=-1 ton tai x d€ y'=0

Cau 13: Cho ham s6 f(x)= ot . Gia trj 16n nhat ctia ham s6 trén [1;2] béng -2.Khi d6
x—m
gia tri m bé"mg
A.m=3. B. m=1. C.m=4. D. m=2.

Cac em thay ting gia tri cia m vao roi Table

(m+1)x—5m

Céau 14: Tim m d€ d6 thi ham s6 y= c6 tiém cin ngang 1a duong thing

2x~m
y=1.
A . m=2. B. m==. C. m=0. D. m=1.

Huéng dan
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Cacemnhap:
(=) (O [ o0 () (0 OJ (fewd) O] (=) (5] (el (0 @ (2] () (0] (=) () ()
R Math
(Y+1)1¥-5Y
2~

wWEELNOKMEE WRHEEE

Math &

B Mt A )
[Y+1)A-5Y [Y+11x=-5Y

ZR-Y ZR-Y
1. 4999965 1. 749995537
OEE NEE
Math A B Math A
[Y+1)8-5Y [Y+1)x-5Y
2a-Y Za-Y
z 0. 999395
Vay cac em khoanh D
Chu 15: Goi M va m lan luot la gid tri 16n nhat va gia tri nho nhét cua ham s6
2
y=2"2*L Khi d6 tich mM bing bao nhiéu?
X +x+l
AL B. 3. . D. 1.
3 3
Huéng dan: Table Start -9=, End 9-, step 1=
7 Math & Math
g . 2 FLR) . 4 . FLA)
| ~1 w 11 ¥ 10
i i | 12 210. U285
3 1.3
Vay khoanh D,

Cau 16: Cho ham s8 y=x*-mx’ +2m~1 c6 d6 thi la (C, ). Tim tat c4 cc gid tri cha m d€
(C,)cd ba diém cyc tri cling v6i goc toa do tao thanh bon dinh ctia mét hinh thoi.
A. m=1+42 hojc m=-1+2. B. Khong c6 gia tri m.
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C. m=4+2 hodic m=4-2. D. m=2+2 hoiic m=2-2.
Hudng dan: Anh cho thém dé c4c em rén tay
Xétham s0 y=x*—mx’ +2m-1=> y' =4’ ~ 2mx = 2):(2x2 -—m)

x=0=y=2m-1
Khi m>0:y'=0= J2m m

Y=f—— = y=—— 2|
2 7Ty

Ta c6 ba diém cuc tri 1a A(O;?_m—l),B=[\/;~72E —%—+2m 1] C= [—\/I;Z —-’%+2m 1]

tam giac 4BC can tai 4. D& OBAC 1a hinh thoi khi H = (0;—%?+2m—1] la trung diém

2m~1:3 m=2—\/§
m=2+\/§

2
BC ciing la trung diém ctia O4. Suy ra —%+2m—1=

Céu 17: D6 thi clia cdc ham s8 y=x"+x"-3x-2 vd y=x"—x-1 cit nhau tai 3 diém
phan biét M, N, P. Tim ban kinh R ctia dwong tron di qua 3 diém M, N, P.

A R=1, B.Rzi. C.R=2 D.R=-§:.

Huéng dan:

Phuong trinh hoanh d§ giao diém: x" +x* ~3x-2=2"-x-1 |  1.f5.

Toa dd giao diém M(-11), (H\/_ ] [——5\[— 0]

Goi I'la tm duwong tron ngoai ti€p AMNP,

Ta ¢ I thudc duong trung tryc clia NP = 1 (%, y).
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3 NG 3

2 2
Lai c6 IM=[N:>(E] +(y—~1)2=(——§-j +y o y=1. :>R=IM=E.

2x+1

Cau 18: Chohams8 y= c6 d6 thi (C). Lap phuong trinh dudng thang (d) di qua

x-1
diém M(0;-2) va cit (C) tai hai diém phan biét 4,B sao cho M 1a trung diém cua 4B.
A.(d):y=-x-2. B.(d):y=-2x-2. C. (d):y=-3x-2. D. (d):y=—4x-2.

Huéng din

Ta sé tim nhanh Giao diém ctia (C) va (d) béng Solve chiz quy dong 1én giai phuong
trinh bac 2 ngai 1im

*Dép an A: Nghiém x4u kha nang la sai roi sang dap an cé nghiém dep xét trude
2;:{ 1 & Math s l; }; J Math
el o) 1
A1 K= -3,30277h633
L-R= 0

*Pap an B: *Pép an C

Math Math

S (K=Y S (-gn)
%= -1.366025404 %= -0.767591879
[-R= i i
béap anD

D) 00.5) éﬁﬁﬁf‘“‘4x'33j*

St (-4) b
0.5
i

= 0.5 =
[-R= i [p=

Véy dap an D thoa man roi s

Cau 19: Cho ham s§ y=7(x) c6 dao ham
f'(x) trén R va d0 thi cua ham s6 f"(x) cit

truc hoanh tai diém a,b,c,d (hinh sau). e ] PR

<
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Chon khing dinh dting trong cac khang dinh sau:

A. f(a)> 1(6)> 1 (c)> £ (d).

B. £(a)> /(¢)> £(d)> 1 (6):

C. (e)> £(a)> £(d)> 1(6).

D. /(c)>f(a)>1(b)> f(d)-

Huéng din: Cc em tham khao vi du phin tich phan
Do bang thudc cho d& a=02,b=1.1,c=25,d=4.1
Ham f'(x) = (x-0.2)(x-1.1)(x~25)(x—4.1)

Luuy lanéu x—+e0 ma y——oothi ta phai thém d&u “-” vao f'(x) phéan tich phan
cling cd vi du twong ti do.
d

fO-f@+[fOd  fO=f@+[fRdx  fd)=f@)+] Fode

a

[t mno0r (o000 [&L o020
-0, 7803945 0.857775 -3.5853945

Vay f(c)>f(a)>f(b)>f(d)

2y . )
Céu 20: Cho ham 58 y=-2"*"1 6 4 thi (C) (a,b 14 céc hing s6 dwong, ab=4).
4x" +bx+9

Biét rang (C) cd tiém cin ngang y=c va c6 ding 1 tiém cin diing. Tinh téng
T=3a+b-24c
A. T=1 B. T=4. C.T=7. D. T=11.

X~yteo

Huéng dan: limyz—z. Tiém can ngang y=c:>%:c.
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(C) c6 mdt tiém can dieng nén phurong trinh 4x” +bx+9=0 cd nghiém kép.

A=0b -144=0b=112.Vi b>O:>b=12:>a=§:>c=—1—1§.Véy T=11.

Céu 21: Tt cd cic gia tri thuc ctia tham s§ m d€ham s6 y=2x>+3(m-1)x* +6(m—-2)x+2017

nghich bién trén khoang (a;) sao cho b-a>3 la

A. m>6. B. m=9. C. m<0. D. [m<0.
m>6
Huwéng dan
Chon m=10 xem A, D ding khong

*Cach 1: Dung Table + dao ham tay

& Math . F I:H Math . F (}{ Math
f(H =60 +545+48 - | -
- 1 - -
y =1 ~3b ] -1 i§
0
Doan nghich bién né kéo dai tix -8 dén -1 nén thira stxc 16n hon 3 nhé
Tuong tw xét m=-10 xem m<0 diang khong?
Cach 2: Nhap ca ham vao Table rdi quan sit sy ting giam
Math ” F I:H? Math y F [H'? Math
fUR)=205+2TH= +2b | = K
sl -5l 2363 nl ol e
2318 1994

Viy ta cling dugc két qua twong tu.

Céu 22: Cho ham 88 y=f(x)=a’+b’+ox+d. Biét f(x+1)=x"+3x"+3x+2. Hdy xc

dinh biéu thirc f(x).

A. f(x)=x"+3x" +3x+1. ' B. f(x)=x"+1.

C. f(x)=x"+3x" D. f(x)=x"+3x+2.
Huéng din

Minh coi t=x+1=100—>x=99
Cac em nhap biéu thirc r6i CALC 99=
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RN e,
1000001
Péy chinh 13 f(x+1)= f(99+1)=100°+1=(x+1)’ +1=£+1= f(t)

Cau 23: Gia st d6 thi (C) cia ham 86 f(x) =ax® +bx* +cx+d 6 hai diém cuc tri 1a
M(-1;7),N(5;-7) . Gai x,,x,,x, la hoanh d¢ giao diém cta (C) véi truc hoanh. Khi d6

c 1 hino ?
X, +x,+x, bdng ?

Huéng dan: f’(x)=3ax3+2bx2+c——>:3—2;:—1+5—>:£=6=x1 +X,+X,

Cau 24: Gié tri m clia ham 88 f(x) = m(1+v/1+x)-x ¢4 gid tri 16n nhét trén doan [0;3 ]

bang 2 Ia
A2 B.\3 1 D3
Huéng dan

Thay tlng gié tri cia m vao rdi ngam Table : start 0=, End 3=, Step 0.25=

PO LT o * ole|
O.25| |.HGRH

Oa 51 1. 1247

Cau 25 :Tép gid tri chia ham s§ y=x+1+yx*+1 la:
A. (—oo;l] B. [1; +oo) C. (0,'+oo} D. (1; +oo)
Huwéng din

Cac em vao Table: Start -100=, End 100=, Step 10=

Math £ Math Math
_ BT 8 ol 4| F
flal=ie ezl L L i
a|  -anli.00&3 aa
1.004999375 Z01 . 0049999
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Vay khoanh dap an D, cac em c6 thé gidi thém y=x+1+yx*+1=1 xem c6 ton tai x hay
khdng hodc danh gid don gidn x+vx* +1 >x+\/;c;2x+{x|20

Chu 26: Cho m,n khong dong thoi bang 0. Tim diéu kién ctia m,n d€ ham s8

y =msinx-ncosx-3x nghich bién trén R
Am’+n’>9 B.m®+n° <9 Cm=2n=1 D.m*+n* <9
Huéng dan

Dang bién thién trén mdt khoang rong R nhw thé nay thi cdc em nén thay cac gid tri

d&c trung clia tham s r6i dung Table

Xétdap an A: m=5n=1 vdiStart -10, End 10=,

. Math [F] Math Math
fixI=hsinCii-cor fOO=40500)-310 4 * |, 5™
o glig.ud :
16.956116475

Chiing ta thdy n6 khéng giam déu do d6 dap an A bj loai

Xétdap an C: m=2,n=1

7] Math
H F(R)
| -10|3
g -g 1B
3 -B122. 166
27. 058659329

Céc em thay né gidm déu nén cd thoa man nhung xem da dit chwa bang cach kiém tra

cac dap an khac

B. M +n*<9—>m=-10,n=1 D.m*+n*<9—>m=-2,n=2
[F] Math Math
| ; 10 E (&) E | ; B EE(EEE
s L3|EeaR i -1|ag.
E] -B 13U, 034

5 -B -
32. 03231511 15. 52082843

Vay khoanh D vi dép an D giam déu con B thi ting
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Mii -Logarit

Céu 1: Gia tri nho nhat ctia P =(log,b*)’ +6(10g & —://——_S] v6iab la cc s6 thuc thay doi
thoa man Vb >a>1
A.30 B.40 C.50 D.60
Huéng dan:
Dung Table: cho a=1.1 chay tit 1.1 +0.01 t6i 3 step 0.1=

b [ [OEIDCO RN E® M 6 OkD E G wE0)
CHUHEEEmIOEHHDO®®RE &

7] Math @ Math

f(x=(10a, (3% é

Vay khoanh D

Chu 2: Xét cac s6 thue a,b théa man a>b>1 . Biét rang biéu thixc P = ! +, floga%
Ogab a
dat gi4 trj 16n nhat khi b=d"* . Khang dinh nio sau day ding ?

A.ke(23) B. ke(%;Z] C. ke(-1;0) D. ke(O;%]

Huéng dan

Chon b=1.1 sau d6 dung Table kiém tra xem b bz‘ing bao nhiéu ham dat gia tri 1on
nhat

g (7) (&) (0 @ e (1 (] (D (@9 0J & (i) 0] ® ® (3 () (o) {0 O & (B
O®OHHAE

Sart 1.1= End 3= Step 0.1=
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" K] Math
- FJE.%T‘
3|  l.3|a. 1612
gl 1.4lg. 1288
Z. 213585234

Vay b=1.2 thi ham gan dat gi4 tri 16n nhat

Do dé: k=log, h=log ,1.1=0.523—D

2
Cau 3: Gia tri nho nhat cia x P = (log, by’ +6£Iog G —j—ij v6i a,b la cac s6 thuc thay doi
~—\a
théaman vb>a>1
A30 B.40 C50 D.60

Huwdéng din: Dung Table: cho a=1.1 chay tir 1.17 +0.01 t6i3 step 0.1=

o8 (@ O DOD @0 ® D& 2® @ 60k E ) 080
CHHIHCCEHEWEMHMNOWILNINE®®H B

| Mathz‘ . F(}{? Math
f(,?{:l=[1091_1(}i booal 155 Rt
3l l.UgiEd.UIB

60, 28421452
Vay khoanh D

EIug 2

1
EESRY;
Clu 4: [Chuyén KHTN Lén 5] : Cho f{x]—[x dogyx g 1] -1 .Giatri ctia

F(f(2017)) bang ?
A.2000 B. 1500 C. 2017 D.1017
Huéng dan:
Budc 1: Nhap Ham y si nhu tac gia cho
Bude2: ) @) @ D@ E
Bude 3: =
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B Mah A
1

e &
21094 (0
."{ 4[ "IJ P t}

2017

Céu 5: Cho 0<x <y <1 dit m=— pn A ].N@nhdénéosmldéydﬁng?
y=x\ 1-y 1-x

A.m=4 B.m<1 C.m>4 D.m<2
Huéng dan: Bikiptheluc.com

Céc em dling Table : cho x=0.1,y =X

BUeomNE00H®0MEOY®OHE @00 E 0
B0UOCHEOOO®NNE

& Math

fC)=e=t(1n[ =

LHOOE UHEOE OHOE

[k} Math & Math [F] Math

start? End? atep?
0,11 0.99 0.1

Ta duwoc bang gia tri sau:

B Math IR Math
] 1 FLdd
I} Dull 8| D«51}5.Y45EE
g Dl 1-5255 B DGl
3l 0.3116.6528 T Oa T AR
10. 64834504 5. 069350204
Vay khoanh C
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Ciu 6: Phuong trinh 2017 =sinx +2-cos’x ¢ bao nhiéu nghiém thuc trong
[-57;20177]

A. V6 nghiém B. 2017 C.2022 D.2023
Huéng dan
Céc em vao Table d€ tim nghiém ctia phreong trinh trén :

e (0 (2 @ (D (D &I i) (@ 00 B & =) fin) () 01 0] (&) ) (2) (=) o) () O
)
] ath

fi%I=4-cos(%)%

Chiing ta chi nén diing f(x) thdi bang cach : ®E0)

Start —z= End -7 = Step -%:

y [F) Math " . [::-':Ila Hath . . (:{? Math
11-3a 141 ﬂ— I1|-0.523|-0.535 g 2. 3191 W
£|-2.818|-0. B3N i2|-0. 261 |- 25[3. 1415 !
3i-2.6111~0.585 13 I ] h
0 0
Nghiém ctia phurong trinh c6 dang: x =kr €[-57;20177] 2023
Cau 31: Trong hé thap phan, s§ 2016 ¢4 bao nhiéu chit so.
A. 2017 B. 2018 C. 6666 D. 6665

Cau 7 [Chuyén Thai Nguyén]: Goi a,b,c 1a ba s6 thue khéc 0 thay d6i va thoa méan
diéu dién 3°=5" =15° . Tim gi4 tri nho nhat cta biéu thitc P=a’+b* +¢” —4(a+b+c)

A.-3-log;3 B.-4 C.-2-y3 D.-2-log,5

b=alog.3
3¥=5'=15" —){ Bs vao Table ta duoc :

c=-qalog,3
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@ Math
. HI c _FIIHZ'
I 5 2
g I« T ~-3.81
- 3. 995144483
Vay khoanh B

Ciu 8 [S¢ GD Hai Phong]: Cho cac s6 thue duong x,y thoa man

yZ

log(x+2y)=logx+logy . Tim gi tri nho nhét ctia biéu thire P= Ve gi

5

1 8
A.e? B.e C.eb D.e8

Huéng dan:

Bién doi ti : log(x+2y)=logx+logy—>x+2y=xy—>y:——L

x-2
Table : Start 2.1=, End 9=, Step 0.5=
N ﬁ'_} Math & Math R Math A
HE | o Fan g
{428 o5 Lo g
FiY = o B U6l B5aEI Ty
finl=le X b 4, 974030452 4. 953052424

Cau9: Cho f(x)= a]n(x+ X +1)+bsinx+6 v6i a,beR . Biét rang f(log(loge))=2 . Tinh

gid tri ctia f(log(In10))
A.10 B.2 C4 D8
Huéng dan

Ching ta chi c6 mdt phuong trinh duy nhat f(log(loge))=2 macé téi2 dnavab do
dé ta sé chon 1 &n a gid trj tuy ¥ don gian la a=1 rdi giai phwong trinh tim b, d¢
phuong trinh don gian thi ta luu log(loge) » A

Math &

lngtlogtﬂ§)+ﬁ
-0. 9622156887
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ln(A+\/A2+1)+4

sinA

ﬂA)=h{A+JA?+ﬂ+bﬁnA+6=2-»b=_

Céc em riit ra nhu thé nay cho d& hidu hon Solve

In(efiZe)-1nfy )-InlarlZen)y ¢l)etgineag
@E@%ﬂ@@
Iy fiZ+1 )10

10

Cau 10: V4i x,y,z,t 1a céc s6 ty nhién d6i mot nguyén t6 cling nhau thoa mén

xlog, 2+ y10g,y,,3+2l0g,,, 7=1 . Tinh gié tri ctia biéu thitc P=x"+y" +2'
A. 3130 B.28 C.58 D.57
Huéng dan:

110816 2+ 4108 6 3+210g 1, 7 = £ <2108, 2" +108 6 3 +10g 0 7" =
& 108, (273177 ) =t & 2°37* = 2016

*t=1 cacem bam (2] (0) (1) (6] (=) (1) b2
2[]16 Math &
2o x3ExT

Ta dugc x=5y=2,z=1,¢t=1 thoa mén la s§ nguyén to
[F] Math A

52+21+11
28

Cau 11: Cho x, y 1a cdc s6 thuc dwong thoa log, x =log, y = log4( ) Tinh ti s6

\<I><
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X

A L=y B.X-3 c X, D. X
y y y ¥
Huéng din

logg x
log, x =log, y - y=6"" = log, x = log, (x+2 )

Chiing ta disng SOLVE é giai tim X
F} Math A h A Math A

‘ 1c|=1qrf.1 109g0 8 )-1094] =
Logs()-1oa,[ B0 o228 JI v= 4;.794&:-5. e,
L-F= [l

Ti s8 can tim la
. B Math A
&

1035 (7]
]
&

Cau12: Chohams8 f(x)= Z;Li . Tinh téng
+

1 2 3 2013 (2014
S:f(zms)+f(2015)+f(2015]+“'+f('26—1§)+f(§61§j

A. 2014. B. 2015. C. 1008. D. 1007.
Huéng din

St dung cong thirc tinh nhanh gia tri trung binh ctia ham trén mot doan
L b
fx)= E}— j f(xpx nhan vdi s6 lugng céc s8 hang nita la ra tong

...aa
B Math A —— , B Math & B A
[ FOIE 4 g U dggrg
It 3 1 anizH” 2015 2015 |
Wbgra ) 5l 1007

Céu 13: Cho a,heR thoéa man cac diéu kién o +b*>1 va log, . (a+b)21. Gia trj I6n

nhét cta biéu thitc P=2a+4b-3 la

1 1
A. 0. B. —. C. =10, D. 210
© ;10

Huwéng din
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log ... (a+b)21

2

) oa+b>d’ +b’
a +b >1

Céc em bién ddi diéu kién mot chut ta duwgce {

Cacem I8y a=1-»b2b" —>0<b<1 cacem vao Table Start 0= End 1= Step 0.1=

FOO=2HH-T

i
b Fd
0.3

e

Cau 14: Cho hai s8 thuc a,b théaman a>0, 0<b<2. Tim gi tri nho nhat P, ctia biéu
(2b)° L2
(22-50) 2

Ap =2 B.p - cp =53 D.P. =4.

n ¢ i min min
mi 4 min 4 4

thitc P=

Huéng dan

Casio: Cac em chon a=1 r6i dung Table , Start 0.01= End 1.99= Step 0.1=

|: 2::{ ? Méth :,1 F (}{ Math 1 3 & Math A
40 ]
="t =2F q| LLEI —
fl) (Z—¥1Z Zn al 0.1 [EART 4
9] 0.HI13.3785
3, 261 764508 a. 25

Tw Luin:Taco: P=

. o gp8 2 a 2 a+2 a
(2E2_bl)n")2+2 Zb?:b ((2[%)1)“([))2 > t:@ (1)

3 _ 42 _
Khi d6: P=g(t)=——+22(r>1) g'(t)=£-—2—zt—j1—)t—3—é,g'(t)=0¢>t:3.
t.....

2

Bang bién thién:
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X | —x 1 3 +0
Y H - 0 +
+\ +0
*
¥ =
4
13
Viy P, =—
'y min 4

lnx__‘lri_}iﬁ

Cau 15: Cho cac 6 thuc x, y, z, t, a, b, ¢ théoa man —
a

Tinh gid tri P=a+h-2c bang
A. 4. B.

o | —

Huéng dan:

In2

. == X 1
Casio: Chon x=y=2,a=b=2->t=¢2 ,z= ——Zy—,c:——n—?—
t Int
<] Math A B Math A&

1hiz) 3

-+
1.414213562 2

Viy P=a+b-2c=2+2-2.1=2

Tw Luan:
hx_fy e g 0y g e
a b c Int In¢ In¢

2,2
P=a+b—2c:1n,x+1n,y-zm,z=1n,(§;)=1n,(iij=2.
z

s 1n (B}
g = f [aZ Intal

an \ 2.2
—=Inf va xy=z¢.

c

D. 2.

R} Math A

Céu 16: Tim m d€ phwong trinh min(1-x)-Inx=m 6 nghiém xe(0;1)

A. me(0;+0). B. me(l;e). C. me(-o;0).

D. me(-0;-1).

Bikiptheluc.com Bi kip CASIO cong pha Tric Nghiém Todn Hotline: 0977.543.462




CASIO EXPERT : Nguyén Thé Ly - fb: Ad.theluc - Youtube :MrTheLuc95

Huéng din

Céch 1: Cac em ¢ 1gp e /() rdi xét ham bang Table

" F(H:IIE Math Math
19 U-Bll I| O=01 Eﬁ:ﬁf
gl Oe9b{F g| O«0E|2.E43Y
gl 3 D.1111.876H
0e0? 34,837 4.559347215
Vay cac em khoanh dap an B

Cach 2: Thay timg gié tri m r0i quan sat d6i déu

Xét m=-10

FO0=101ACI=0r  FOO=A00-C=100 o &l Eihy]
13| DOaEI
L tma1 206

Chung ta khong thiy sw d6i d&u nao ca do d6 loai C, D twong tu voi m=10 loai A

Cau 17: Tim tap hop tit cd cdc gid tri thuc clia tham s0 m d€ phuong trinh
& +(l —3m)2x +2m* ~m=0 c6 nghiém.

A.(0;+0) B.(—0;0) C. [O;+oo) D. (0;0]
Huoéng dan

Céc em c6 thé Jam ty luan xét Delta hodc thay tling gid tri m déc trung cho dap an roi
Table start -9 = End 9= Step 1=

m=0 m=10
Math Math
J Falil]
] 1 ﬁ 5 15 5l 28E

Vay khoanh A, do tai m=0 ham khong d6i d&u , con m=10 d6i dau

Cau 18: Tim t4t cd céc gia tri cia m d€ phuong trinh (7—3\/§)x +m(7+3\/§ )x =2

c6 dting hai nghiém phan biét.
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1
| 1 1 | ——2—<m£0
A m<—. B.0s<m<—. C.——<m<—. D.
16 16 1 1
m=—
16
Huéng dan

Ching ta ciing dung Table, 2 nghiém phéan biét thi d6i d&u 2 [an,

Start -4=, End 4=, Step 0.5=

Véi m= % khong thdy sw d6i ddu

@ Math & Math
BRTE = . Hu ; F i)
fUnI=4 ] (74350 10 05| Reghas
g l.5120.283
0. 14555551353
Voi m=-10 cling khéng do6i ddu
2 Math |" Math
~ 3G
0=+ e
| =131
Viy loai C,D,A cu6i cung chon B
Cau 20: Cho log,12=x, log,,24=y va log,,168= @y +1 , trong d6 a,b,c 1a cac s
bxy +cx
nguyén. Tinh gia trj biéu thitc S=a+2b+3c.
A. S=4. B. §=19. C. s=10. D. §=15.

Huéng dan: log,12=x,log , 24 =y — xy=log, 24

log,, 168 = log, 168 _ log,24+1  axy+1

i

= -
log,54  log,54  bxy+cx

log, 54-blog, 24

Ta cd: log, 54=blog, 24 +clog 12 > c=
87 0g, 22 +clog, ¢ log, 12
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(Nhép thoi, di thi vao Table ludn)

Dung Table : Start -9=, End 9=, Step 1=

|'54:| m}{l Math y F(H Math
-xlogs
T I e 4 il
flx) 1'11::9-;(13] bl :
B -4l B."21

Vay a=1b=-5,c=8—-55=15

Cau 21: Tim tit cd cic gid tri thyc cia tham s6 m dé phuwong trinh

4log? x~2log, x+3-m=0cd nghiém thudc doanB—;zl] .

A. me[23] B. me[2;6] C. meB};lS} D. m e[%;Q}.

Huéng dan

&) day ding C5 lap m xét ham cho nhanh ™

| Math Iﬁ Math . E (H Math
f(ﬁ)#lﬂgdisz'l‘ | 0.5 : 5
2 0.75{u.0023 L I :
3 | 3 Bl 225120268

Véy khoanh dap an B.

Céu 22: Biét ring gi4 tri 16n nhét cia ham s6 y= —1{1% trén doan [Le'] 1a M = -;—7%, trong
d6 m, n 1a cAc s6 ty nhién. Tinh § =’ +21’.

A. §=135. B. §=24. C. §=22 D. §=32.
Huwéng dan

Table Ian 1: Tim Max
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[F] Math
H Fihl
B b
1 T1h 15
B Bi0. 5405
0. 5409535044

Table Ian 2: 0.541~ M = 2’— ~0.541¢" =m Tim n nguyén duong dé m nguyén duong
e

B Math
Fin)

H

I
g
E|

L L ru

IU;EEE
3. BO74TIEE

Vay n=2,m=4-55=32

Cau 23: Cho n>1 la mdt sO nguyén. Gia tri ctia biéu thixe + +ot
log,n! log, n! log, n!

bing
A. 0. B. n. C. nl. D. 1.
Huéng dan

Cac em chon n=4 xem ra KQ bao nhiéu?
[F] Math A

1 1
Toa (417 T Toas (4

1

Vay khoanh D.
Céu 24: Néu log, (log, x) = log, (log, ) thi (log, x)’ bing

A3, B. 3\3. C. 27. D%.
Huwéng dan

Cac em Solve thoi
Math [F Math A

B A
109z 1ogglad]-1b 1ng.00)2
_, 2 P s
A= 36, 66044076
L-R= I 27
Céu 25: Cho hai s0 thue duong x,y théa mén 2°+2" =4. Tim gid tr 16n nhat P cta

biéu thitc P= (2x2 +y)(2y2 +x)+9>.y .
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A P =—. B. P =18. C.p_=27. D.p_=12.

max 2 max max max
Huwéng dan
2 +2 =4 p=log,(4-2") > P=[ 2" +log, (4-2°) | 2log’, (4-27)+x]+9xlog, (4-27)

Nhép vao Table : Star 0.1= End 2= Step 0.1= |

Math Math

fox 202 +109,(r

F
i Flg)

0.9
|
lal

|
i :
I 17151
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Nguyén Ham - Tich Phan Hay & Kho

n o b 3x-1
Cau 1: Biét J'——————-—

; dx =3In %——2— trong d6 a,b nguyén duong va g- 1a phan s6 toi
0

X +6x+9
gian. Hay tinh ab
A.ab=-5 B.abz% C.ab=12 D.ab=6

Huéng dan:

o] Math A o] Math A o} Math A
J0HZ e gih o 4
0. 02971258402 5 1
Cau2: Cho 0<a<Z VéJ.xtanxdxzm . Tinh I(—Lj dx theoavam
2 o o \COSX

A.l=atana-2m B.I=-dtana+m C.I=d’tana-2m D.I=-d*tana-m

Huéng dan:
ﬂ 14 7 4 A
Chon a= 3 sau d6 cac em xét hiéu

f?gxtan(x)dwﬁ T [ - B—[[%]Etan(%]-b
0. 5074708052 0

2
Céu 3: [Chuyén DHSP - lin 3] : Gidi phuong trinh [(i-log, )di =2log, > (4nx)
X

0
A. x=1 B.xe{l;4} C.xe(0;+0) D. xe{1;2}

Huéng din

Trong may tinh thi médc dinh x la bién nén cac em sé stra lai 1a t thanh X va x thanh Y
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EOMEOEEIZ®EHMEN®U®RZ®HERIA®E
@®E Math

A1) dx-21092( &)

wHOEnunE

|2 (%-1og 012 e
0

Vay dap an C dlng
Cau 4[Chuyén Vinh -3]: Cho ham s§ y=f(x) théaman f'(x)=(x+1)e" va
jf(x)dx =(ax+b)e* +¢, VOi a,b,c la cac hr?mg sd. Khi do:

A. a+b=2. B. a+b=3. C.a+b=0. D. a+b=1.
Huéng dan:
Tacd f(x)=(cx+d).e’ nén dé dang ta c6 thé im c,d nhu sau:

0 1

[ f'(¥dx = f(0)~ f(-100)= f(0)=d | F'(dx= £(0)- f(-100)~ f(1)=(c+d)e

@ Math & & vMath 'y & Math A
0 ¥ J 1 oo Koo
[°, ottt [*, o (i aeiep 4 (R DeNchese
0 1
Viy f(x)=x.e* Tuong tu voi cach i duy trén tinh a+b nhw sau:
B Math &
1 % 1.
J_innxe i€
0°0° 0"

Vay khoanh C.
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10x* = 7x+2

V2x-1

Cau 5: Néu f(x)=(ax’+bx+c)2x~1 1a mot nguyén ham ctia ham s6 g(x) =
trén khodng (?12';‘1”00] thi a+b+c cogia trila?
A3 B.0 C4 D.2
Huéng dan

Chiing ta d& § mot chit : f(1)=a+bic ~f(%).—:o

1
Do do: j g(xdx=a+b+c tuynhién g(x) khong xac dinh x=0.5 do d0 ta phai xét
05

x=05+Ar d€1am cho tich phan vAn xac dinh

1

= J §(x)dx=a+b+c cac em bdm vao may nhu sau :
05+Ax

Math A
Jl 10%2 _'E
0.5+10-¢  J2n-
1.995555735

Véy minh khoanh dap anla D.2

Cau 6: Ham s6 f(x)=(3x+2)* ¢6 mdt nguyén ham la F(x)=ax’+bx’ +cx+d thda min
F(-1)=5 khid6 a+b+c+d bang?

A5 B.13 C19 D .20
Huéng dan
D&y nhu bai trwde: f(1)=a+b+c+d
1

j‘(3x+2)2dx:(a+b+c+d)—f(——l):>a+b+c+d=f(~1)+j(3x+2)2dx

-1
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Math 4
5! (are) 2
19
Cau 7: Biét F(x)=(ax+b)e" 1a nguyén ham ctia ham s8 y=(2x+3).e" . Khi d6 a+b la
A.2 B.3 C4 D.5
Huwéng dan

Y twong giai nhanh & day van nhu trwde : F(1)=(at+b)e  F(-100)=(ax+b)e™ ~0

1 1

= '[(2x+3)exdx=F(1)—F(100)z(a+b)e——>a+b= J(2x+3)exdx:e

-100 -100
B Math A [F Math A&
O Imetinee |1, (20EreNche
(ulu] ! ' ~100
3
Vay khoanh B

Cau 8: Biét F(x)=(ax’+bx+c)e* la mdt nguyén ham ctiaham s6 f(x)=x"¢* . Tinh a,b,c
A.a=1b=2,c=-2 B.a=2b=1c=-2 C.a=-2b=2c=1 D.a=Lb=-2,c=2
Huwéng dan

Céac em lam tuong tee nhu bai trén :

M @ Math A
1 P
J_imx £7 o€
1
ORI
Ciu 9: Biét ring J.—C—de=a7z+b+cln2(a,b,ce<@) Tinh tong S=a+b+c
) sinx
3
AS=1 Bs=B s=-2 ps-L
24 24 24
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Huéng dan:

Cac em phai tachra 1 chut :

dx =

sin x

N —ro Ny

T
cos® x+sinx j-
I
6

T
b+cln2=A-—
Cac em tién hanh tinh tich phén va vao giai hé phwong trinh 3 )
b+c={ABCD}- P
Math A R] Math¥ @ Math A
J“ Zrost)d4sin A =
6 Sin ()

1.365344732 -0.375 1
Vay khanh dap an C

2 X+ )2017
Cau 10: Tinh tich phan J dx.
x
1
32018__22018 320l8~22018 32017 ~ 22018 3-020 22020
©2018 T 4036 4034 2017 T 4040

Hudng din: Khi tich phan nay dung véi s§ mii 16n thi ¢6 nghi né c6 quy luét va ding

v6i s6 mii nho hon tlr d6 c4c em tinh s§ mi nhd hon va tim ra nhanh quy luét roi loai

trit chon dap an diing nhat.
EEOmOERZOE WM EmEEH20D® 2
Jﬂmul'\’d

1" ®Y+E

wWEOE WERE L EEE

Math A %] Math A . R Math A

JE (K421 Y J‘Z ReT-AR Ji 421 Y

1 x¥+z 5 J1 xY4E 1o J1 xY+Z

4 3
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Dé y chit cic em thiy Tirla 3™ -2"' 5 4B, Mau 2(Y+1)—>B
Viéy khoanh B.

Cau 11: Tim tAt ca cac gid tri thuc clia tham s§ o d€ bét phuong trinh sau day nghiém
dung véi moi gia tri thuc cia x: I (—;—t+2(a+1))dt >-1

0

A. ae{—%;—ﬂ. B. ae[0;1]. C. ae[-2-1]. D. a<0.

Huéng din

x 2
Dang nay giai tay cho chuan nhé: .[Gt+2(a+1)]dt:%t2 +2(a+1)t g:%+2(a+ Hx=-1

0

:>x2+8(a+1)x+420—>A’=16(a+1)2—430——>:53as_71—9A

V3
s

Cau 12: Cho Jsm xcosxdx = Tim gid tri cian
0

1
128(n+1)
A.n=5 B.n=4 C.n=3 D.n=6
Huéng din
Céc em chi can thay n=Y r6i CALC tlitng dap an

F: Math W Math

o =
O ;A

it cos(ly AT

e @ (61 E
W Hath A

Jgsinl:x)“"r:nsixb
0

Vay khoanh dép 4n D, Khi Calc thi méy hoi X cic em &n = d€ bo qua, héi Y thi nhap

dap an vao.
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| i
Cau 13: Cho /(») la ham sd lién tuc trén & va [ f(x)dx=2017. Tinh 7= j cos 2x./ (sin 2x)dx
A =27 B. /=27 C. 1=2017. D.j=-—*
2 2 017
Huéng dan:

Nhitng truong hop ho cho 1 dit kién nhu thé nay cac em chi viéc chon mgt ham
thda mén la duoc, ta sé chon ham cobanla f(x)=x roi stta dé ham thoa man thuong
13 nhan thém héng s6 161 bam biéu thitc can tinh

f(x)=4034x — cos(2x) f(sin2x) = cos(2 x).(4034 sin2x)

'1 & Math A 1 [F] Math A T - :Aah A
| L0
[ s Lonrmons o costzindis
. 10 L 2017
z 2017 Z
5
Cau 14: Gid sir [ ~aln5+bIn3-+cIn2. Tinh gid trj biéu thiic §=—20+b+3c"
3x -X
A. s=-2. B. §=3. C. s=o. D. 5=6.
Huwéng dan:
7] Math A

J3son
(. 1823215563

A=aln5+bIn3+cIn2 —»e* =5°3"2°

B Math A
F
£

L}
=

532 = g =235" >a=-1,b=c=1 Vay khoanh D

Cau 15: Cho f(x)=—— (2 x2+1+5), biét F(x) la mot nguyén ham ctia ham s6 f(x)
x*+1
thoa F(0)=6. Tinh F (%]
A B. 2%, ¢ D. 2
16 16 16 16

Huéng dan
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Céu 16: Cho ham 0 y = f(x) lién tuc trén R va théa man f(x)+f(-x)=x",vxeR.

e —

Tinh I=|f(x)dx.

A,zzg. B.I=1. C.I=9. D.I=

Huéng dan:

2

f(x)+f(-x)=x* - Chon f(x)= _xz_ & day minh 14y ham chn &€ f(x)=f(-x)

2

> W=7
[F] Math A
1 w2
J—i "E_d'?‘: 1
3

0
Cau17: Tim a <0 dé f 3% 93 dg>0

A. —-1<a<0 B. a<-1. C.a<-3 D.a=-3.
Huéng dan:

Thay a=Y r6i CALC cac gié tri déc trung clia timg dép dn nhé

& Math &

[otgz5 oo

WEEOHDE WEEEHE
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J.;[._rz.v 2>fd~:*'] JE{(B 2% —sz"f”,l
1586796472 0

Vay khoanh B.

Céu 18: Cho ham s y=f(x) c6 db thi y= f"(x) cét truc Ox tai ba diém c6 hoanh do
a<b<c nhu hinh v&. Ménh dé nao duwdi day la
dung: Vo

A 7(0)> 1(a)> 108 \
B. 7(¢)> £ (5)> f(a)
C. f(a)> £(b)> f(c) Vi
D. /(8)>1(a)> £(¢)

Huéng dan :

| e

i
ammar

Chung ta dng nghiém ctia f'(x) >a=x,=-08,b=x,=03,c=x, =26
Dé'y la khi x &m thlyduong do dd f'(x)=—(x+0.8)(x-0.3)(x~2.6)

Ta cd: f(b)= f(a)+ J f0 f0)=fla)+ j fl)dx

|27 0. [2° -ce0.a 0
-01,632205 3.9304

Véy ching ta khoanh dép an A.

Cau 19: Cho ham s6 f(x) lién tuc trén R va f(2)=16, '[02 f(x)dx=4 .Tinh I= J;x f'(2x)dx

A 13 - B.12 C. 20 D.7

Huéng dan:
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Cac em don gian hoa nhu sau: minh ¢6 2 dit kién f(2)=16, j: f(x)dx=4minh sé chon
ham bac nhat vind cd 2 an r6i tim ra hdm thoa man ca 2 diéu kién trén
f(2)=16 2a+b=16
Jz'(ax+ bydx=4 “ .”_;Ci i 3 g Vo gidi phuong trinh bac nhat

0

Math¥ & Math &

= Y=
14 12
- f()=14x-12> f'(x)=14 > f'(2x) =14

Sau d9 chi viéc bdm méy dung biéu thitc can tinh
Hath A

[Esxc1490

Cau 20: Cho ham s6 f(x) lién tuc trén R va cac tich phén | f(tanx)dx=4 va

D Ly i | N

1.2 l
J" {(x)dx=2 . Tinh tich phan I=If(x)dx
. X+l 0

A6 B.2 C.3 D.1

Huwéng din

Ty Ludn : Dat t=tanx —

Oty | N

f(tanx)dx=4=j'—ég)—dt:j‘l@—dx

£ +1 x*+1

1 1 1.2
Sx x'flx A o
]Z;[f(x)dx:-([x%)ldﬁj; szSl)abc=6 Vay khoanh dap an A
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Cau 21: Biét jm—iﬂ—dx alnfx-1/+b.Injx~2+C v6i a,beZ. Tinh gia tri ctia biéu

(-

thitc a+b.
A.a+b=1. B. a+b=5. C a+b=-1. D. a+b=-5.
Huéng dan :
Cac em thay cén 4 va 5 (chon khoang can khéng chira gié tri 1am cho ham khong x4c
4 3
Y \ AN a1 A - = A
dinh) r6i tinh luu vao A thay s6 giai hé : ain 3 #bin 2
a+b={A,B,C,D}
) B Math A ::{ @ Hath¥ IT’ @ Math A
S H4l , = =
jq to1h ey o P
-0.6410411794

Vay khoanh C.

-0

-3

Ciu 22: Cho ham s§ f(x) xac dinh trén doan [-52] théa man f(0)=1 va
S*(x).f"(x)=1+2x+3x* . Gid trj nho nhét va gid trj 1on nhat ctia ham s6 f (x) trén doan
[-1,2] La:

A. min f(x)= ifi,lnaxf(x):i/za. B. min f(x)= ﬂ,g{lﬂ}f@)z%.

xe[-1;2] xe[-1;2] xe[-1;2]

xe[-1;2] xe[-1;2) [-1;2]

C. ain /() =2, max 7(x)=383. D. min 7(x) =3, may 7 ()= 83,
Huéng dan giéi.
Xét | 72 (a).(e)te= [ (1+2e30e T (€ abing s

Do f(0)=1nén Czé.Véy J(x)=¥3x*+3x* +3x+1v6i xe[-1;2]. Khoanh C

£} Hath Math
| i -| : |2 '15 HH:I
g -ﬂ. "IE -l EEE {a HEE
-1. 25992105 5. 50339506
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22016
Céu 23; Tich phan I = [ =—dr ¢4 gid trj la
e+l
2018 2017 2018
A 0. B2 _. cl_. D.Z_
2017 2017 2018
Huwéng din

Ct dting v6i 86 mii 16n 1a nd c6 quy ludt 18p di lap lai nén ta sé thir cac s bé dé thay

quy luét
B Math A
Jz %10 e
~Zeh 41 045
11

n+l

2
uy luatla:
Q y e n+1

Vay khoanh déap C

64

dx
jJ§+J—
A. -17. B. 5. C. -5. D.17.
Huwéng din

Cau24:Giast I = —aln +b Vv6i a,b 1a 58 nguyén. Khi d6 gia tri a-b 1a

Cac em giai hé nhu cac bai truedc :
‘Gl 2 Math & B Math¥ B Math A
| —g=theh h= 1=
q"}?

g, 56?2D9352 6. 000000001 11
Cau 25: Cho s§ phitc z=m-2+(m’-1)i v6i meR. Goi (C) 1a tap hop cac diém biéu
dién s8 phitc z trong mit phing toa dg. Tinh dién tich hinh phang giéi han béi (C) va
Ox.

Al B. 24, c.2 .5
3 3 3
Huéng din
Goi M(x;),(x;y €R) 1a diém bidu dién s6 phikc z.
x=m-2 m=x+2 =-3 7
Ta c6: , [ © ) (6)Ta10 2= * :>S=Hx2+4x+3‘dx=—3—
y=m'-1 |y=(x+2)"-1 x=-1 % 4
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b

Cau 26: VOi a,b la cac tham s6 thue. Gia tri tich phén j 31 +2ax+l dx bang

A. 3b*+2ab. B. b’ +b*a+b. C. b3+b. D. a+2.
Huéng dan
Chon b=1, a=2
@ Math A B Math A

.[é(b'?iz’f*l?&lldx 134123241
4 4

C4u 27: Cho ham s y = f(x) lié g S man | f(\/;)
: y=/(x) lién tuc trén R thoa mén J gP =4 va
1
#l2 3 \
f f (sinx)cosxdx =2. Tich phan I:J.f(x)dxbéng
0 0
A I1=2. B. I=6. C.I1=4. D. I=10.
Huéng dan

) 1 h
Datt:x/;:dt:mdx 3.! \/-Y- Jf )df 4~>J;f()

Dat t:sinx;xe{—%;g—}:dhcosdx:> '[f(sinx)cosxdxzjf(t)dt=2.
0 0
3 3

1=jf(x)dx=jf(x)dx+jf(x»)dx=2+2=4.

0 1

1
Cau 28: Dé ham s6 f(x)=asinzx+b thoa man f(1)=2 véjf(x)dx:4 thi a,b nhan gia
0
tri:
A.a=7b=0. B. a=mb=2. C.a=2mb=2. D. a=2r,b=3.

Huéng dan

Cac em thay a,b & cac dap an vao tinh f(1)=2-B,C

msin(m)+2 2nsin(m+2 [} crsinerx+2cr
7 2 4
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Ciu 29: Gia st I———-————dx aln5+bn3; a,beQ. Tinh P=ab.

X +4x+3
A. P=8. B. P=-6. C. p=-4. D. P=-
Hudéng dan :
Cach 1.
Tinh tich phén luu vao A r0i tién hanh e” lén
5 7} Math & 4 @ Math A
jo ot € e
U 0?696104114 7

Do d6 duoc 523> »a=2,b=-3->B
Cach2caicemritbtheoa:

A=aln54bin3p=AZHNS
n3

Math &

A=K1n(5)
S YT

r0i stv dung dép an ab={A,B,CD} r6i solve

() ) (2 =]

B Math &

VRSRIIING I3
2

1n (3]
L-R= 0
Ciu 30: Cho ham s8 f(x)=(2x-3)e". Néu F(x)=(mx+n)e* (mneR) la mdt nguyén
ham ctia f(x) thi hiéu m-n bang
AT B. 3. C 1. D. 6.
Huwéng dan: chu nay cac em giai nhanh nhuw cac vi du trwdc:

-1
DEy: f(-1)=(-m+n)e” > n-m= .[ f(x)dx:e™
-100
| Math A [F} Math A [F Math &

I Lon (Zh-Bretthy 2H-Be dwre J 10n (2A-3)e" b
-7
Véy khoanh dép an A
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Cau 31: Cho d6 thi ham s6 y = f'(x) nhw hinh vé, trong céc gié tri f(0), f(1), (), f(3) 6

nao co gia tri 16n nhét

o A (0)
AN / B. f01)
ol N\ 2//4 Sl v
10 \/
. D. /3

Huéng dan

O déy cac em nhan dang dugc né la dang d6 thi cia ham chira d&u gid trj tuyét déiva
cy thé'la ham y= f'(x) =lx~2]~1 Thdotaco:

fO+[fX)dx=f0)+05  f(2)=f(0)+[ f(x)dx= f(0) +0
f e

0+ f'() -0.5 Vay khoanh B

5
Cau 32: Tinh tich phén I= '[x32*1 dx

0

2% -1 C26’5—1 D 2% -1

A I=2®-DInl6 B.I= . .
In16 In2 16

Huwéng dan : Khoanh dap 4n B

Math A 1 _ F] Math A
f #o0" iy gﬁuei;l
0. 3606737602 0. 3606737602
2 .,1 & Math A 24 _ B Math A
J 0 #32 %‘:‘1’-5713')'

23636, 75408 23636, 75488
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2
CAiu 33: Biét Je’(2x+ex)dx=a.e4+b.e2+c v6i a, b, c lacacsd hitu ty. Tinh S=a+b+c.
0

A. S=2. B. S=—4. C. S=-2. D. S=4.

Huéng dan

Xétdap an A: S=a+b+c=2->c=2-a-b

. 4
A=aeé' +be’ +c=ae' +be’ +(2-a-b)>b= _2'_242__915_1’,{7_
e —
Math & F 4Math
Z ZHA-KET +H
[Ze (oeetyan FORFREEEE
43.57718721
Sau d6 xem cac gia tri dep, khong dep thi cac em thay s8 -2 thanh céc s6 khac & cac dap an
4Math , E (H? Hath
fea) 21 1| 0.5 :
i1 11-g. 194
Vay khoanh dap an D.

Céu 34 : C6 bao nhiéu s6 nguyén duong n sao cho nlnn- j Inxdr cd gia tri khong vuot

1
qua 20172
A. 2017, B. 2018, C. 4034, D. 4036.

Huwéng dan:
Cac em thay n=Y roi nhap vao may CALC timg dap an nhe
21 BE

Math A

Yinct)-[f Incioce
2017
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Ciu 35: Cho biét Iln(9~x2)dx=a1nS+bln2+c, vOi a,b,c la cic s0 nguyén. Tinh

1
S =|a|+[|+|d-
A. §=34. B. S=13. C. S=18. D. §=26.
Huéng dan

Dang nay cac em tinh tich phan r6i e” én r6i 6 thé dung Table do khong thi thay lan

luot tling s&

" @ ath A 3 = @ Hath &
J f In(3-52)deaty €70E 3175
1. 888306479 &4
BHEEE &M (8 (@) (E) ) ]
@ kud B ek
4125 b4
5e 2%

Viy: e* =52"¢ —e e =52 5c=-2,a=5b=—6—-5=13

J6+2
2 g a2

Céu 36: Tinh tich phan J. -%%——dem\g( 3+b+cn)+4 vdiab,c 1 cac s6
] x4+

nguyén. Khi d4 biéu thitc a+b*+c* c6 gia tri bang:
A.20 B. 241 C. 196 D.48
Huéng dan

Luu tich phan vao A roi tinh biéu thitc a3 +b+cr

F] Math & [F] Math A
2 —qrdexZ- Az
— .:..._...}
J, S (hed) -5

-3, 172046243 -40. 57122027

O day a,b,c1a cac s6 nguyén nén cac em c6 thé yén tAm chon c r6i vao Table do
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Math Math
ﬁ-—(i]ﬂl % J3)
] -11 Ii!HE
e I s 1'

Tuy nhién theo théi quen minh thuong d6 tir -9 dén 9 va step la 1 s& khong ra dugc vi

a=b=-16 nén cic em can can trong khi gié tri biéu thikc to thi a,b,c cfing to theo.
Cau 37: C6 bao nhiéu s8 a €(0;207) sao cho jsinS xsin2xdx = —3—
0

A. 20. B. 19. C.9. D. 10.

Huéng dan :

Ta tinh mdt s6 treong hop ddc biét va duoc a =%

= Math A&
la sin()%sini

Z

7

Chiing ta th&y ham tuén hoan véi chu ki 27 : sin’ (x+27)sin(2x+27) =sin’ xsin2x

7 4 A? A \ I8 \ A M 14 ’ T
Céc em c6 thé xem tuén hoan v6i chu ki 7 khong bang cach tinh 2= PR

METLTIE . ; SMRﬂ\-‘
g~ sin(R)¥sip
£

2

Vay: a =12[-+k27r e(0;207) > k=0,1,.,9 Vay c4 10 gid tri

. o . T i 2
Ciu 38: Cé bao nhiéu gia tri clia a trong doan -7-[-;24 thoa min [——mf __dr=2.
gl § €08 [4 J;\/1+3COSJC 3
A. 2. B. 1. C. 4. D. 3.
Huwéng dan
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Ching ta lai thir mot vai gié tri a dep thay cd trudng hop nay dugc con da phén 16i do
1am c&i mau biéu thirc trong d&u tich phan khong xac dinh

[F Math A
J“+2 Zih (%]

0 Ji+3cps[ﬁ3:b
0. bbbEAGRGGT

CAu 39: C6 bao nhiéu gia tri nguyén thudc [0;2017) ctia m d& '[ cos( 5 }dx #0

0
A.16 B.8 C.1008 D.1009

Huéng dan
Joeos(F)me Joeos(Fae [Coos(F
f 0. 63661597724 I

QB Math A [F} Math A & Math A

JEEUS(%§]dH fﬁ 3% J cos| 22 d
-0.6366197724 I 0.6a66197724

Ct s6 chdn 14 gié tri tich phén ra am do d6 ta s& khoanh 1008.

Cac em vui vong truy cdp vao http:/bikiptheluc.com/bktl3 d& cip nhit thém cac ki
ning va bai tip moi sau khi dién ddy du Code tai : http:/check.bikiptheluc.com

*Luu y:

Chi mua sich gdc ctia Nguyén Thé Lyec - https://www.facebook.com/Ad.theluc thi
mdi dwge cdp nhit nita cudn con lai va ho tro téi lic thi va hoc khoa LiveStream 7

ngay cudi dinh huéng cic dang bai thi.
Bikiptheluc.com — Luyenthipro.vn - 0977.543.462

Dia chi: 56 5 ngd 4C ding Vin Ngit, Dong Da, Ha Noi
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S6 Phitc
1.Cac dang todn lién quan t6i tinh toén s6 phic

Céu 1: [Chuyén Bién Hoa - Ha Nam]Cho ba s6 phitc z,,z,,z, thod man diéu kién

|21|:|22!:’Z3l=1 va z,+z,+2,=0 . Tinh 4=z +2+z]

Al B.0 C-1 D. 1+i
Huwéng dan
Chon: z, =—1—+1_?1i,z2 =1—-\—/—_3-i,z3 =-1
2 2 2 2

B4m may ta dugc:

CHPLY Math &

[D.5+-"§-i]+[n.!:>
0

Cau 2: Cho s8 phtic z,w khéc 0 sao cho |z—w|=2|z|=|w|. Phan thuc cta s8 phirc u =

Huéng dan
Bai nay c6 4 bién ma c6 2 phuong trinh tit d6 suy ra la ching lién hé véi nhau theo 1
mdi quan hé chit khéng phaila 16 cu thé.
Chon z=1 —)Il—- wl = |W] =2 ta c6 phuong trinh nhap ludn vao may :
(1—X)Z+(4—X2)=4
2 7] 2 Math CMPLY Math A | CHPLY Math A
(1-30%+(4-¥2) 4 L i 0.5+{4-0,52 i
A= 0.5 0.5+{4-0.523 1 415 .
L-R= I 5 5 !
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Vay khoanh dap an D.

Céu 3.Cho céc s6 phtic z thoa man |z|=5. Biét rdng tap hop cdc diém biéu dién ctia cac

s phtrc w=(3+4i)z-3i 1a mdt dudng tron. Tinh ban kinh  clia dudng tron do.
A r=+s. B. =5, C. r=+0. D. r=25.
Huwéng dan:
Céc em bién d6i don gian nhu sau: w=(3+4i)z-3i <> w+3i = (3+4i)z 18y module 2 vé ta
dugc : [w-+3i|=|3+4il||=25 vay tap hop biéu dién w 1a dwong tron tim (0;-3) va ban
kinh 1a 25

Céu 4: Néu s8 phitc z#3 thoa mén |¢|=3 thi phén thye cia 5—1- béng;
-2z

A B C.6 D.3

! L
3 >

Huéng dan

O day bai todn diing v6i moi s z#3 thod mén ||=3 nén cic em chi can chon mot s3
z bét ki thoa man la duoc chiing ta chon la 3i

CMPLY [F] Math A

==

S=-31 _:L_*__j_._-
& 61

Vay khoanh dap an B

Céu 5: Goi (C) la dwong tap hop cac diém biéu dién cho s§ phitc z thoa diéu kién
|z+1|=|z-2i| Tinh dién tich hinh phéng duoc gidi han boi (C) truc hoanh va duong

thang x=-1
AB B. 1 c D2
16 16 16 16

Huéng dan
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Céc em CACL nhanh ra dudng thing : |z +1]" ~|z-2i
(Céc em xem giai thich & Cau 2 Max-Min phia dwdi)

CACL 0= CALCi= CALC1=

cu%z B Matzh A CM:;-LX B Matzh A m%z B Matzh &
EEN R b o { N FA Y R b o) R P el bt
-3 1 -1

Véy phuong trinh la: 2v+4y-3=0->y= ——;x+-§; tim giao diém ctia d6 thi ham s0 voi

truc tung (cac em nén vé hinh ra )

- 7] Math A
|77 1-0. B0, TED

75
14

Vay khoanh dap an D.

Chu 6: Néu hai s8 phtic z,z, thod man |z|=|z,|=1va z.z, #1 thi s phirc w= 121 5o

+2,2,
phén a0
A.bing 1 B. bing -1 C.bang 0 D.1énhon 1
Huéng dan:

Lam twong tw nhu cdu 1 thi cdc em chon z, =1,z, =i khong thich cac em c6 thé chon::

2 2 2 2
CMPLY B Hath &
1+i
1+i
1
Véy khoanh dap an A.
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z,|=|z,|=1.Khi do6 ].7l-i-22]2+[21—.222 béng

A 2. B. 4. C. 1. D. 0.

Cau 7: Cho hai s0 phuc z,, z, thoa man

Huwéng din

Tuong tw nhu vidu trén : z, =1,z, =i

CMPLY, @ Math A

|1+ 15+]1-1 1%
4

1

o2

Cau 8: Néu z la s§ phurc thuc sy va thda man c6 phan thyc bang 4 thi mbdun ctia
s0 phic z la:

Al B. - C. =4 D. =

Huéng din

1 =4+i<:>lz|—z=———1——

Cac em chon bira 1 s0 phitc ¢6 phén thyc 14 4 r6i tim z: " o
Zi—Z +1

Dén day em c6 thé goi z=a+bi 10 tién hanh giai phwong trinh hodc dung Newton-
Raphson (anh bam vai ldn = r6i 1dy sap si thoi xem thém ¢ phan phwong trinh phiic)
el 4 MatiVa LI B Math A
;{=?{——'Tﬂ ||
-0, 1102940504-++» 0. 1749999407

Z

Cau 9: Cho s0 phizc z#0 sao cho z khong phai 1a s§ thuc va w = o la 6 thuc.
Z
Tin EL 4L B. . C.2 D.!
14| 5 2 | 3
Huwéng dan :

Chon: w= z -=1-2"+1-2=0
1+z
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& Math¥

o=
[
i

1,45,
ztz 1
Cécem an d€ luu vao X xong vao ludn foog (2]

L} CMPLZ [F Math A

[#1
1+1#%12 i
Z

Vay khoanh dap an B

1. Phurong trinh s8 phic

Cau 1. Cho s8 phtc z thda mén 112" +10i2° +10iz—11=0. Tinh modun ctia s§ phtc
Ald=10 B.J=1 Clg=11 D.|q=+221

Huéng dan

D& cho nhanh thi cc em thay X thanh Ans ludn, thuat toan Newton-Raphson kha don
f (Xz) ~ f (Xl)

gian xuft phat tir: f'(x)=+-2——"1> néu coi x, langhiém thi f(x,)=0

X, =%,
_f (Xl)

14 X » A \ 4 \ 4 4 e
Do dd x,-x =——-©x,=x 1) khi nhdp vao may thi cdc em c6 2 cach

f00 T FK)
X=X—~j:(—>—(l hoac Ans—m

f) f'(Ans)

Luu y chung ta coi i,

dé giam 1 phép gan di

2 1 ~ ~? \ s b 3\ A 4 A
z|,|z| nhw 1a 1 86 cu thé ndo do6 con z 1a bién cac em nén dua

i

phuong trinh vé dang da thize 6 méi ap dung va CACL 1+i bang tdi khi két qua
khong d6i thi d6 chinh la nghiém trong nhiéu treong hop dé tiét kiém thoi gian ta chi
bam bang t4i khi né khong con thay d6i nhiéu nita la 14y luén gan ding.

Ung dung cho bai nay : vao CMPLX
HEEONDNMEDO®HH O E &) D ® 0 06 (=
D0@HHQME S H 606 M @) E® H 00

CMPLY, [F] Math &
~§AnS? +10iahs—1
+50iansS +10il
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(=] t6i khi két qua khéng thay d6i

CMPLY Tr Math A CMPLA @ Math A
w1 1 - .
fg-diansloeiod, l&ns |
1108057+
0. 8629768350+0, » 1
Cau 2. Cho cac s0 phtic z #0,z, #0 thoa méan diéu kién 2,1 . Tinh gia tri
z, 7, Itz
biéu thite P=|71 4|22
Z, Z,
1 32
=— B.P C. pP=2 D. p=—
P B ]

Huéng dan:

Cac em chon z, =i cac em s& diing thuat toan Newton - Raphson d€ nghiém z,

Theo cong thirc: X=X - ff '(())(()) nhap vao may tinh nhu sau:

fiong) (2)

[ O) i D HEERAOmMOCHE DO EE M
QEIHNHECHEACEIFEEHED® OB 6
D&

CMPL.” @ Math
i_ o

_ AT

St —
LA R |
(1) () &g (=) t6i khi két qué khong thay doi
CHPLZ,  _ B, Math A
o — =
KE (A4i1Z
1-1
Véy duoc z, =1- i thay vao tinh P la xong :

CMPU Math A
i % I I 312

I
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Ho#ic cdc em c6 thé quy dong 1én dwoc phuong trinh : ix” ~2x~2i =0 rdi giai s& dé hon.
Céau 3: Tim md dun ctia s§ phitc z biét z-4=(1+i)|z|-(4+3z2)i

A J=4 B. | =1 c¢4=% D. |{=2
Huéng dan:

Cacemdwara z= M kiém tra lan lwot cac dap an

1+3i
EHEE@AEAONEBE0OEEOPNI®OH B
CHPLY Math
d-di+(14+i1 A
1431

Sau d6 CALC luén lugt tlmg dép an, dap an nao cho KQ nhw nhap vao la ding

(@)= = 2=
CMPLY, JF] Hath A CMPLY |F} Math & CMPLY F| Math &
I 4—4111' 3 J.-'f'.'l. ) I =i L+ 'z_l_'i'l 1y 4—d-i+ [ 1+i ] F"::
+31 1431 145
4410 {55
5 5 Z

Céu 4 Xét s6 phic z#0 thoa man zy3z.z+1=|7|(2+6iz) . Ménh dé nao diing ?

Al Bl clqgar Dt
4 3 3 2 2 4
Huéng dan
Cach 1: Ty luan
Chcem d& ¥ chiit: zz=|7f = 2,3jef +1=[z|(2+ 6iz):>z(\/3‘z]2 +1 —6i[z|)=21zl
B R . B

= = =
Sl +1-6ilZ ‘\/3|z|2 +1 ~6i]zl‘ \/(3]42 +1)+36|z|2 J1+39]2f
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7] Math
0=1+39%%
a= [0, 2773800931

L-k= I
Vay khoanh A.

Cach 2: Dung Newton Raphton

Xy3|X[ +1-2[x]-6i[x|x

J3IX[ +1-6i]x]

Ching ta coi z la bién va nhdp phuong trinh : X=X~

CALC 1+i bim = t6i khi két qua khong déi |
}::? CMPLY F] Math A ' :g:dsus | ;H: ' +1 o t:. | ::{ | CMPLY, k] Math A
0, 1546461525 = {51124
+1. 230765923411 0. 153846152 +U.P 0, 2773501001

B S §3‘Jf 1)e =|z[ . S8 phtrc w =%6—iz cé module a:
+i

Cau 5: Cho s6 phtic z#0 thoa man

A9 B.26 C.\6 D.5
Huéng dan :
Quy d6ng roi nhép biéu thiic vio méay
WHUDEHOHOONMEE

CMPLZ Math A

in-043 1+11LnnJg(b
-10100,0401-101k

Ta durge -10100.0401-10199.9901i khi d6 phan thyc va do c6 biéu thikc

N6 giéng nhu viéc cdc em thay z=x+yi tuy nhién ¢ déy ta thay x=100,y=0.01
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10100.0401=100%+100+0.4+0.1* =x* + x +4y+y* =0
=>x-5y=0

10199.9901 =100% +2.100-0.0099 =100% +2.100— (0.01-0.01*) = x*+ 2x + y* = y =0
45

Ta c6 phuong trinh : (5y) +5y+4y+y* 0—>y—-—9——>x————
P & 26 26

CMPLY, | Math &
26, (-45_ 9 . |
| 1{Zg 251]

3

*Dung Newton - Raphson

A’ d/\’ IZ (3"“' 1)Z [

" khong dé z dudi mau :
1+i

EECUDE o -t = (141)
1

2
& iz-(3i+ l)ki—z(l+i)|z[2 izt -(1+i) z-Bi+ e[ =
Z

CALC 1+i=...

CHPLY @ Math & CMPLY, 7/ Math A CMPLY 7] Math &

- 2 _ - " _:;q: .I.l"i"'""..l.'T'l.}lf
*nlx |- i3i+1) v ( lglxl

in-(1+41) “"“2' D 34615384‘5" 4'?'2_6-

Twong tw cac em c6 thé luyén vi du sau:
Cho s§ phttc z théa man (3-4i) z~i—-l =8 . Trén mit phang toa d9, khoang céch tir gc
Z

toa d6 dén diém bieu dién sd phitc z thudc thp ndo ?

o) o) el ofd

Pap sé: |4 -
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Cau 6: [Chuyén Lé Quy Don Quéng Tri] Cho s phitc w va hai s6 thuc a,b. Biét
z,=w+2i Va z,=2w-3 va hai nghiém phtic cia phuong trinh z* +az+b=0 . Tinh

T=[e|+]z

AT=213 B.T=2X7 C.T=2Y2 D. T=413

Huéng dan: D'y don gian thdi nghiém phuong trinh bac 2 hé s6 thue : z=n+mi

25tz =m=30+2-380+2=0>b=— (w=a+bi)

=2z -z =2mi:w—2i—3——>a—3=0—+a=3:>w=3——2-i—>z =3+éi,'z =3—éi
2 1 3 1 3 2 3

I_.‘.CMF'I.'I: B
|3-51 |+[3

Ap dung twong tu :

Cho s8 phitc w va hai s6 thuc g, b. Biét rang 2w-+i va 3w—5 1 hai nghiém cta phuong

trinh z* +4az+b=0. Tim phéan thuc cta s§ phiic w.
A.2 B.3. C. 4 D.5.
Céu 7: Cho hai s6 phtic z,z, théa man phuong trinh [2z-i|=[2+iz| valz ~z,|=1. Tinh

gid tri biéu thitc Q=|z,+z,|

]

2

|

D.Q

Huwéng dan:

Cdc em lam twong tw z;;z, la 2 nghiém cta cling mdt phwong trinh bic 2 nén : z=a+bi

(trong hop hé s8 thie méi dwge nhé, hé s§ phite khong dwoc)

Do d6 |z, ~z,|=[2bi|=1-b =% ching ta chi chon 1 gid tri b thdi cho dd bi lap
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B

Bay gio the vao [22-1|=[2+iz > (20)" =(a*+15") »a= o)

Vay 2 nghiém la z=-J2-§-i-;-i Viy 0=\3
Cau 8. Cho s8 thurc 4, b, ¢ sao cho phuong trinh 2° +az’ +bz+c=0 nhan z=1+i va z=2
lam nghiém ctia phuong trinh. Khi d6 tong gia tria+b+cla
A2 B.-4. - C2. D.4.
Huéng dan:
D&y chat cdcem thdy : f(z)=2’ +az’ +bz+c—> f(I)=1+atbtc

Cau nay cac em phai tw duy nhanh : khi phuong trinh bac 2 c6 nghiém z=1+i tacla
s& c6 nghiém z=1-i vy ta c6 ham f(z)=(z-2)(z—1-i)(z-1+i) cdcem thay z=1 vaola
tinh dwoc a+b+c+1

(423011 (b
-1
T désuyra: a+b+c=-2

Cau 9: Cho s8 phtic z thoa mén (1+2i)|z]= —-@~2+i . Ménh dé nao duwdi day dung?
4

A. 3<|z|<2 B. [¢|>2 C. |z]<l D. —1—<|zl<§
2 2 2 2

Huwéng dan:
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Céc em dung Newton - Raphson : Luu y la ding d€ z duwdi mau vi nd kho hoi tu, cac

em quy dong lén thanh phuwong trinh méi

(1+2Q¢}:ﬁg§—2+ic>U1+zapy+z~ﬂz—vﬁ6=0
Z

D BHEE

CHPLZ Math A CMPLY, [} Math A CMPLZ Math A

|”|+z—1:w I"'. w=y_§[1+2iﬁlﬁl+p | ]
210 [H1+2-i A (1+Zi 1 [
(. 3486832931-0. 1
Cau 10: Cho s8 phtic z thoa mén (3~z‘)(z+1)+(2—i)(§+3i) =1-i . Tinh m6 dun cta sd
hite w=""2
pte W 14z
Adﬁgz B.ng c_&?@ D.fgg

Huwéng din

Day la dang phwong trinh bac nhat ctia s phitc cac em nhép y lai phwong trinh :

CMPLA CMPLY, Math A CMPLY @ Math A

(3-19 01 3+(0-r AConJat)+3)-(k a0 +3)-(1-1)i

WHOOOUOHDO0ME

Math A

(3-1) (1) +(05 b

0005-198%41

Chiing ta dugc hé phwong trinh :
{ 50005 = 50.000+5 = 52+5 {éu+5=o

- =Sa=-1,b=-8—>2z=-1-8i
19894 =20.000-100-6=2a~b-6 |2a-b=6

CHPLZ ] Math &

i-(-1-8i)

1+(~-1-331 1%-5
8
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Vay khoanh dap an B

Cau 11: Trén tap s6 phitc, goi z,z, 1a hai nghiém clia phwong trinh 22 +2z+4i-2=0
Tinh gia tri

bict thite =2t
4+|21H22'
A.;l_‘_)zi%_@ B_:M C__@;_g_@ D.;@?ﬁ

Huwéng dan:

Bai nay d& nhung chd yéu anh mudn hwdng dan céch tinh nhanh cin béc 2 ctia 8
phuc

Tinh A’ r6i tinh ranghiém : z, =1-1;z =-3+1

CMPLY & Math A CHMPLA [] Math A . .I."““.I.CMIP¥ | _u‘ IMNh A
- A4 ardg
1-(41-2)*A {Tal z2502 A+11-i 1[5+
-{10 +3E

a-4i 2-1 Z
Vay khoanh dap an B
III. Max-Min module s§ phitc

Cau 1: V6i hai s8 phitc z, va z, thoa man z +z, =8+6i va |z, ~2,|=2. Tim gi4 tri lon

nhat cia P=lz|+|z)|

A. P=5+345. B. P=22. C. P=46. D. P=34+32.
Huwéng dan
Cach 1: Ty Luan
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Dit 04=z|,08=

(vdi O la goc toa

<9

dd, 4,B la diém biéu dién cua z,,z,).

Dung hinh binh hanh 04CB, khi d6 ta c6
AB=|z -2,|=2,0C= =10,0M =5

=2

bops +Z|

Theo dinh ly duong trung tuyén ta c6
, 2(o4 +0B*)- 4B’
oM~ = 2

Ta c6 || +|2| < ,2({zl|2 +[zof') = 2426 = B, =226

*Cach 2: Casio lIam nhanh

= 04" +0B* =52 |2[ +|z,| =52

2,+2, =846 -z, = (8+60)~2, |2 —(8+60)| =2~ (2a-8)’ +(2b-6)" =4
Cac em cho b r6i giai phwong trinh tim a
b=0,b=1 can’t solve,

b=2-z =4+2i b=3-z =3+3i b=4—z =4+4i

F] Math £} Math [Fi Math

é?K-BJE+EET-EJE§ (26-80=+(2Y-6)% Solve for X

= = o
[-R= 0 [-Rs 0

—-

4

CMPLY [F] Math A CMPLY < Math A ChPLZ Math A

|51+ 8+6i-%1 |51+ 8+6i-41 [+ [ 8+ei-%
10, 1289302 10, 073559258 10, 1289302

Cac két qua nay déu xap xi va nho hon dép 4n B

CMPL 7] Math¥A

2026
10. 19804903
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Cau 2: Cho s6 phtic z thod méan |z-2-3i=1. Gia tri 16n nhat clia IE+1+i’ la:
A \13+2 B.4 C.6 D. i3+

Huéng dan

O déy cac em stt dung Iy thuyét sau:

|z~z,|=R thi tip hop céc diém biéu dién z 1a duong tron c6 tm z,=a, +b,i > 1(a,;b,)

=R
vabénkinh 14 R, khi d6 l|z'!ma" [R e chiing ta s& ing dung gii nhanh nhw sau :
2 =Rz,
|'7I+1+z'|2 — (@17 + (-1 =z +1-

Dit: w=z+1-i bai toén trd thanh : jw-3-2i|=1.Hoi [w|_ =? 4p dung ludn cong thic

ta duwoc :

|w|max =14432+22 =14+/13

Ciu 3: Tim gié tri nho nhat cta || , biét rﬁng z thod man diéu kién 4;:? z—l} =1
A2 B.\3 C.0 D.-1
Huéng dan:
Céc em dwa vé dang chudn nhu ¢ trén :
ﬁgﬁz-l’ﬂ@[(nsnz—q:m - :-1-—,-:>|z{ S
1-i 1+3i] 143 TR [143] (143
Véy khoanh dép an C

Céu 4: Cho s8 phttc z théa man: |7* ~2z+3|=|(z-1+2i)(z+3i-1)] . Tim gi4 tri nh6 nhét

ctia mddun s6 phitc w, voi w=z-2+2i
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. =2 C. ’W'| i =1 D‘ I\\:I :l

min min min 2

A. |w{

min

:E B. ]w
2

Hudng dan:

Cac em vao giai phuong trinh béc 2z -2z+5=0 ta duoc:
B Math¥ @ MathVA

1= A=
1+2i 1-2i
Do dé:
Iz—l+2i[:0~>z=l—2i—-> w=-] —)]wlzl
|z-1-2i|=]z+3i-1] (%
Ta d@ biét (*) c6 dang dudng thang: ax+by+c=0 do d6 cic em CALC nhanh nhu sau :

’zz~2z+5l:l(z—1+2i)(z+3i~l)l<:>

Nhap biéu thitc : |z-1-2{ ~|z+3i-1]

CHPLZ Math A

| 5-1-21 |2~ | %+3ip

*CACL 0= tixcla z=0—-a=b=0—>¢c=-5
*CACL i=ticla z=i—a=0b=1-b+c=-15-b=-10

*CACL 1= tcla z=1-a=Lb=0>a+c=-5—-a=0
CMPLY, & Math A CMPLY F] Math A CMPLY & Math A
H-1-22 1%~ Iedip 14-1-20 1% I%edip 10-1-20 1% [%+3ip
- -15 -5
Viy ta c6 phuirong trinh duong : -10y-5=0<y=-05->z=4-05 - w=(a~2)+1.5i

Juf =(a-2) +% ZZ —lu]_ =% Vay tong két 2 truong hop ta 6 [u] =1
Céu 5: Cho s8 phtic z thoa man: |z-3|+|z+3|=10 . Gid tri 16n nhét va gi4 tri nhé nhat

cta |z| Ian luot la:
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A.10va4 B.5va4 C.4va3 ' D.5va3
Huwéng dan:

Déy 1 dang ctia phwong trinh Elip véi c=3,a=5->b=4nén |z =a=5]7 =b=4

Zl
min

Tuy nhién thi khong phai em nao ciing tw duy dwoc nhu vay, néu di thi ching ta sé
thtr dap an nhw sau :

Bay gity min chi cd thé 1a 3 hodc 4 ; xét trwong hop 3 xem c6 ton tai sO phitc nao khong

o =2+ =9 [z—3|+|z+3|:10—>\/(x—3)2+(9-x2)+\/(x+3)2+(9—x2)—10:0

Dung SOLVE ¢ h¢ COMP

[F] Math
cCan’t Solwve

[AC] :Cancel
[41CkliGOLO

Véy loai dwoc dap an C,D tiép tuc thit véi max la 10 thi chi viéc thay 9 thanh 100

F] Math
Can't Solwe

[AC] iCancel
C41Ck]iGOLO

Viy loai dap an A va cudi cting chon B.

Nhu vy khi xét bai toan max-min ta dua vao dap an, chon gia tri nho nhét va lon
nhat & céc dap &n d€ thtr xem 6 ton tai s§ phirc nao théa man hay khdng, néu c6 thi

dap an d6 cd kha nang dting con khong 1a loai

Chu 6: Trong cic s6 phite z thoa didu kién |z-2-4i=|z-2i . Diém biéu dién cho s8

phttc z ¢6 médun nhé nhét cb toa dé la:
A (22) B. (-2-2) C. (2-2) D. (-22)

Huwéng dan:
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Em nao ranh cd thé viét phirong trinh dwong tir diéu kién rdi bién ludn phuong trinh
bac hai, con di thi dé€ cho nhanh céc em chi viéc kiém tra liéu diém d6 c6 thoa min
diéu kién trén hay chua ?

Nhap hé thirc r6i CACL s6 phire tuwong tng vi du (22) - z=2+2i

CHPLZ @ Math CHPLY, R Hath CMPLZ Math

A-2-4i |-i-2ill - 2+2i |%-0-4i |- [%-2i |
1 (
Vay dap an A thoa man, cac em c0 thé xét B,C,D dé kiém ching.
Céu 7: Cho s8 phitc z thoa |z/22 . Tim tich clia gié tri 1én nhét va nhé nhat ctia biéu

thitc P= zt

Z

A. B.1 C.2 D.

~lw

]
4
Huéng dan:

Céu nay ching ta &p dung BDT vecto sau : |z,|-[z,] <[z, +2,|<[z] +|z,]

p=P e o eparsfler-Lepars b
4 Z 4 4 ’Zl IZI
Tacolz|>2—>|1l<2 =>1- I l£P<1+]1,s1+~;— Vay khoanh dap an D.
Z .
*Mot s6 dang khéc

Céu 1: Kt hiéu z; z,; z 1a ba nghiém ctia phuong trinh phitc 2 +22* +z—4=0. Tinh gi4
tri clia biéu thiee T=|z|+|z,|+|z|.

A. =4, B. r=4+45. C. T=45. D. T=5.
Huéng din

Céc em vao giai phwong trinh béc 3
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F] Math¥ @ MathVA 7] Math &

K1= | hz= ha=
| -Be1.3008T6666E -2-1.320875656i

Dé lu nghiém X2 vao X cacem bdm hién nhu thé nay 1a duoc

~ Stored to X

|
Sau d6 lwu nghiém X3 vao Y sau d6 phai vao hé CMPLX khong dugc sang hé
COMPL khong la méat phan 4o

fioog) (2)

CMPLY Math A

[11+1% ]+
5

Céu 2: Cho phuong trinh +-%—1 (a,beR,zeC) ¢6 2 nghidm z =1+iy3 va z, . Tim

z Z—

s6 nguyén duong nnhd nhét sao cho [ J 1a mét s0 thue dwong.
)

A.n=2 ‘ B. n=4 C.n=6 D.n=3
Huéng dan:
Céc em c6 thé 1am theo ty ludn 1a thé # rdi gidi im a,b nhung d€ don gidn hon thi ta
lam nhu sau :

2, =1+i3 >z, =1-i\B > [12?}

CHMPLZ [F] Math &
[ 14id3 ] 3
1-id3 ,
1
Véy khoanh dap an D.
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Cau 3: Cho cac s§ phic zw thda man lz+2—2¢l = iz—4i], w =1z +1. Gia tri nhd nhat

cua lw‘ la

D. 2.

A —. B. 2. C

%

Hu6ng dan: Cac em CALC nhanh ra phwong trinh ;

CALC 0= CALC1= CALCi=

CMPLY Hath A CMPLY Math A CHPLY 5] Hath A

=21 |- i-dib 0221 |- 1n-dib  |3e2-21 % - | n-dib
-4 -4
Ta 6 phuwong trinh : 4 +4y-8=0x+y=2-y=2-x

w=iz+1=i(cyi)+1=1-y+xi > [u|=(1-y) +2° =(1+3)* +x* =227 + 2x+1

1 .Vay khoanh dap an C

2
"017 2017

Cau 4 Goi z,, z, 1a 2 nghiém ctia phuong trinh 2% +z+1=0. Tinh gid trj P=2z"" +z,

-1
|w| . <—>x=———+lw[ =
min 2 min

A. P=l. B. P=-1. C. P=0. D. P=2.
Huéng dan :

3

Chung ta giai ra 2 nghiém ctia pheong trinh 13 : z =ji——z nhitng dang nhu thé
glag & p 8 1T g dang

nay thi né lap lai theo chu ki vdy cac em luu 2 nghiém vao X,Y

CHPLZ 2 MathVA M CHPLZ Math A CMPLA Math A

‘hi +f1 KE+YE }'. By
-1 -1 2
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M CMPLY, F] Math A M CMPLA Math & M CHPLE B Math &
s PRV e+
-1 -1 Z
O day thi thay vi tinh 2017 thi c4c em tinh tai 17 vi 2017 =2000+17 , 2000 chia hét cho
4, thong thudng céc bai toan nhu vay s6 phite thuong lép lai véi chu ki la 4 gibng nhu
leeong giac vay

M CHPLY Math &

x1?+T1?
-1
Vay khoanh dap B.
Cau 5: Cho s8 phtic z=a+bi(a,beR) thod man diéu kién Iz2 +4l =2l . Dit
P=§(b"~a’)-12 . Ménh d& no dudi déy ding ?
AP=(d-2f  B.P=(f-4)  CP=(d-4)  D.p=(f-)

Huéng dan
O bai toan nay chi véi dieu kién 122 +4! =2|7|ta khong thé giai ra dugc diéu kién cu thé
do d6 ta s chon b=+/3 - z=a+i\/3 va tién hanh giai phwong trinh trinh im a

122 +4‘:2|z\—>

a2+3z‘2+2J§ai+4|=2|a+i¢§‘—>(a2+1)2+12a2-4(a2+3)=o
=1
2

—>a=1—>z=1+i\/§—>D
g =-11

H(a2+1)2+10a2-11:0—{

Ngoai ra cac em c6 thé chon b=2—>z=a+2i
|z2+4|=2|z|->[a2+4i2+4ai+4§:2[a+2i}—>a4+16a2-4(a2+4)=o

TEZ-A0EH) o ((xe0i|2-0)F la-) 12|50
gy Bt (1211727 84-¥2)-12 (|x+g
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Cau 6: Tinh tich modun cua 4t ca cac céc s6 phitc z thoa man [2z-1|= ];+1+ il , dong
thoi diém biéu dién cta z trén mit phfmg toa do thudc duong tron co tam I(1;1) ban

kinh R=+5

Huéng dan

Nhép biéu thitc CALC 100+0,01i
CMPLY F] Math A CMPLZ B Math A
|2%-11%-Condate  12%-11%-ICandalk
29399, 0203
N¢ sé phanra 2 16p :

Lop x : 29399 =30000-600~1=3x*~6x~1
Lopy: 0203=.02+.0003 =2y +3y?
Vay |22—1}=]§+1+ii:>3x2+3y2~6x+2y—1:0
Bay gio két hop véi phuong trinh : (x~1)"+(y~1)" =5 nhan 3 vio trdi trir phurong
trinh trén la ra mé&i quan hé x va y :
Cac em nhap vao my : P;[(x—l)2 +(y-1) -5}—-(3}:" +3y° —6x+2y~1)
CALC: X=100;Y=0.01
CMPl_i R Mathl_l
ACE-105+30Y-104p
-8. 08

Vay -(8+8y)=0-y=-152=0x=2->M=15=15

Con Update nhiéu bai hay 1dm céc em nhé vao phan Update kém sach dimng c6 ludi
nhé AA
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Hinh Oxyz

Phan ki thuat Casio Oxyz cic em xem tai : hitp:/bikiptheluc.com/bktI3

Ciu 1: Trong khong gian véi hé toa d0 Oxyz, cho diém 4(1;2;-3) va mdt phéng
(P):2x+2y~2z+9=0. Duong thing di qua A va c6 vecto chi phuong u=(3;4;-4) cat
(P) tai B. Diém M thay déi trong (P) sao cho M Iudn nhin doan AB du6i mot goc
90°. Khi @6 dai MB 16n nhét, dwong thing MB di qua diém nao trong cac diém sau?

A. J(-3;2;7). B. H(-2;-1;3). C. K(3;0;15). D. I(-1;-2;3).
Huéng dan:

Tim nhanh cac dit kién nhw sau :

B
x=1+3t §51+33‘-’.3+2(2+4?‘€)i{'
(d):{ y=2+4t 5> B=(d)n(Q)=(-2-21) L: _ i
z=-3-4t

AB* =AM + BM? nén BM 16n nhét khi AM ngén nhét hay M 13 hinh chiéu cua A lén (P)
tir @6 c6 tim duge M(-3,-2,-1) Nhin 4 dap an khoanh D vi y, =y, =-2

& Math &

2U1+2RI+2(2+2H b
A= -2
L-R= 0
Cau 2: Trong khdng gian voi hé toa d6 Oxyz, cho mét cau
(S):x*+y*+2 ~2x+4y—4z+7=0. Tim toa dd diém M trén mét cau () sao cho khoang

cach tir M dén truc Ox 14 1én nhat.

A. M(0;-3,2). B. M(2-23). C. M(5-11). D. M(1;-3;3).
/1‘1\ Huéng dan giii
[N
Ny Mit cau (S) c6 tdm I(L-22) va ban kinh la

S R=A1+22422-7=\2.

n {Or)
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Goi H la hinh chiéu cta 7(1;-2; 2) 1én Ox nén H(1;0;0).

d(I;0x)=1H=\[(-2) +2* =2J2>R nén khoang cich tr M dén truc Ox la Ién

oM _R_ R va IM, IH nguoc huéng (xem hinh)
H IH 22 2

x, ~1=0

& IM :—%ﬁ@ Vu +2=—%.2 & M(5-33)»D

1
w2= ”5(”2)
Huéng dan giai nhanh : Déu tién kiém tra M thudc mit ciu thi ca 4 diém déu thude
Goi M(a,b,c) c6 hinh chiéu 1én Ox 13 Hi(a,0,0) khoang cich M t6i Ox Ia MH =+/b* +¢*
ching ra kiém tra thi thdy M(1;-3; 3) cho KQ 16n nhét

V4

Céu 3: Trong khong gian v6i hé toa d9 Oxz cho hai diém 4(6;-3;4), B(a;b;c). Goi
M, N, P lan lugt 1a giao diém ctia duong thing 4B voi cic mit phing toa do (Oxy),
(Oxz) va (Oyz). Biét rﬁng M, N, P nam trén doan 4B sao cho AM =MN =NP=PB, khi
d6 gia tri clia tong a+b+c la:

A 11. B. -11. C.17. D. -17.

Huéng din

Me(O)= M(x,33,:0)  Ne(Oxz)= N(x,;0;2) Pe(Oyz):P(O;yp;zp)

Tir gia thiét AM = MN =NP=PB suy ra m=%ﬁ30—4:i(c—4)®c=~12

ZN=—;—Z§:>N 1a trung diém 4B :yN:yA;yB <:>O=b;3©b=3
= 3 3 A
AP=ZAB:Z>—6=Z(G"6)(:>Q=* Vay a+b+c=-11.

Cau 3: Trong khong gian v6i hé toa dd Oxyz, cho mit ciu
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(S):(x=2) +(y=1)" +(2=1) =9 va M(x;¥532,)€(S) sa0 cho A=x,+2y,+2z, dat gid tri
nhé nhét. Khi d6 x, +y, +z, bang
A. 2. B. -1. C. -2. D. 1.

Huéng dan

Tac: A=x,+2y,+22, < %, +2y,+22,~ A=0 nén M e(P):x+2y+2z-A4=0,do d6 diém
M 1 di#m chung ctia mt cau (S) v6i mét phing (P).

Mt cu (S) c6 tam /(2;1;1) vaban kinh R=3.

[6-4]
3

Tén tai diém M khi va chikhi 4(1,(P))<R & <3 -3<4<15
Do d6, v6i M thudc mdt ciu (S) thi 4=x,+2y,+2z,2-3.

D4u dang thitc xay ra khi M 1 tiép diém ctia (P):x+2y+2z+3=0 vdi (S) hay M la

X, +2y,+22,+3=0 [t=-1

. R L | x, =24t x, =1
hinh chiéu ctia 7 1én (P). Suy ra M (x;y,z,) thoa: 1 &
Jo=1421 Jy=-1
zy=1+2t z,=-1

Vay = x,+y,+z,=-1->B.

Céu 4: Trong khong gian v6i hé toa 9 Oxz, cho ba diém 4(3,1,0), B(0;-1,0), C(0;0,-6)
. Néu tam gidc 4BC' thoa man hé thiic AA+BB+CC=0 thi toa dd trong tdm ctia tam
gidc d6 1a

A. (1,0;-2). B. (2-3,0). C. (3-20). D. (3;-21).
Huwéng din
Ta cé: A4 +BB +CC'=0 (1) <:>(W+5@+@)+(W+E’7§+5§)+(E@+@7@+55)=6.

@(52+5)§+55)+(ﬁ+§@+@7§)+357@=0 (2)

Néu G, G' theo thit t [an luot 14 trong tdm tam giac 4BC, A'B'C' nghiala
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G.

©GA+GB+GC=AG+BG+CG thi (2)©GG=0&G
T6m lai (1) 1a hé thic can va du d€ hai tam gidc 4BC, AB'C' ¢6 clng trong tam.
Ta cd toa dd ctia G la: G=(1;0;-2). Vay khoanh A.

Cu 5: Trong khong gian véi hé toa d0 Oyez, cho diém M(211) va mit phang
(a):x+y+z-4=0 va mit cdu (S):x* +y*+2°-6x—6y—82z+18=0. Phuong trinh dudng
thing A di qua M vanidm trong (a) cit mit ciu (S) theo mét doan thing c6 d6 dai

nho nhét la:

PN =2yl 2zl

12 1 a2 1

c X2yl _z-l p *2_y1_z-1

12 1 1 2 4
Huéng dan

Mt cau () c6 tam 7(3;3;4) va c6 béan kinh R=4.

IM=[(3-2) +(3-1) +(4-1 =14 <R

= M nim trong mét cau (S), nén moi dwong thing A qua M déu cit mit cu (S) tai
hai diém 4, B phén biét. D€ 4B nho nhét thi khoéng cach tlr I dén A 16n nhét,
khoang cach nay 16n nhét khi v L A.
) , . - , |Acla ul : S —
Goi VTCP ctia A 1a u ta co: ( )::> lf n_:>u=[:na,Ml]=(l;—2;l)
ALML \ulM

Puong thing A qua M(211) va 6 VICP u=(1-21) I3 i‘_}z—:.y_;:il‘—l.

Cach khéc: u,.n, =0 = chi c6 dép 4n A thoa.
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y=3 mit
2

Céu 6: Trong khéng gian véi hé toa d9 Oyz, cho dudng thang d:£%—4— =" :—§~
phéng (a) chita duong thing 4 sao cho khoang cach tit O dén (a) dat gid tri 16n
nhét. Khi d6 goc gitta m3t phang («) va truc Ox 13 ¢ thoa man:

1 | 2 1
A, sinp=—=. B. sinp=—. C. sing=—=. D. sing=—=.
® 2\/5 me \/5 o 3\5 smo 3\/37

Huéng din
Puong théng d c6 VICP ;=(1;2;3)
Goi H lahinh chiéu ctia 0 1én d, K 13 hinh chiéu ctia O 1én (a) ta cé:

d(0,(2))=0K <OH = d(0,(a)) 1én nhét bing OH khi K = H.Khi d6 («) chita d va
nhan n=0H lam VTPT.  Hed = H(4+£5+263)= OH =(4+,5+2£;3t)

Vi OH Ld=OHu=04+1+2(5+21)433t =00 14t +14=01=-1 =H(3;3-3),
0—H=(3;3;—3).

. - . P’; [3‘ 1
Truc Ox ¢6 VICP i=(1;0,0) sing=r== =

i-’ﬁl «/1_.\/32 +3 +(~3)2 B

Chu 7: Trong khéng gian vdi hé toa dd Oz, cho diém A(L;-13) va hai dudng thing
x-4 y+2 z-1 x=2_y+l z-1

dl :T=T=——, dz :T= 1 TV]é,t phu’(mg trinh dlf(‘jng théng d & qua
diém 4, vudng gbc v6i duong thing 4, va cit dudng thang d,.
A g Xyl 203 B. g2ty 273
41 40 2 1 3
C g Xty 273 D, g2ty 273
Ldi—m == A==
Huwéng dan

Gidstt dnd,=M =M(2+5;-1-1;1+1) AM =(1+£-1;t-2) d, c6 VICP = (1;4;-2).
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dld o AMy=0&1+1-4-2(1-2)=0-5+5=0o1=1 =AM =(2-1;-1).

Pudng thang d di qua 4(;-1;3) c6 VICP AM =(2;-1;~1) ¢ phwong trinh la;

Céu 8: Trong khong gian v6i hé toa d6 Oxyz, cho bén diém 4(6;0;6), B(8;~4,-2),
C(0,0,6), D(1;1;5). Goi M(a;bsc) la di€m trén duong théng CD sao cho chu vi tam gidc
MAB nh¢ nhét. Khi dé a~b+3c c6 gia trj bang

A. 24, B. 0. C. 10. D. 26.
Huéng din
x=t
CD=(L;;-1) Dudng thang CD c6 phuong trinh: {y =1
z=6~t

M eCD nén M(t;t;6—t) .Ta ¢ chu vi AM4B b:?mg: MA+MB+ AB. Do d6 chu vi nho nhat
khi va chi khi P=MA4+MB nhod nhat.

MA=3 ~126+36 = [3(-2)’ +24, chon u=(\3 (1-2);246)
MB=A31" ~241+144 = 3(1-4)" +96, chon v=(-\3(r-4);4{6)

Ta cé: &+§=(2J§;6J€) va P:]&|+Mz{i+§]=,/(2d§)2+(6£)2 =257

’ - \[5(1-2) 2\/_
Dau “=" xay ra khi va khi », v cing huwén
y u,v g g T ~\[§(f—4) 4\/"‘

Suy ra: M(% § }-39) Vay a-b+3c=10.

Céu 9: Trong khong gian v6i hé truc toa 9 Oxyz, cho mit cu(S):x*+( y—4)2 +2° =5
Tim toa d¢ diém A thudc truc Oy, biét ring ba mat phéng phan biét qua A ¢6 céc
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vecto phap tuyén lan luot la céc vecto don vi clia cdc truc toa d0 cit mit cAu theo thiét
dién 1a ba hinh tron c6 tong dién tich la 11z

A {A(OQ;O) B {A(O;O;O) c {A(O;6;O). D {A(O;Z;O).

4(0;6,0) 4(0;80)° | 4(0,0;0)
Huwéng din

Mit cau (S)cd tAm 1(0;4;0) ban kinh R=+/5

():x=0
Goi A(0;a;0).Ba mit phing theo gia thiét di qua 4co ptlanluotla (a,):z=0
():y—a=0

Vi d(I;0,) =d(I;,) =0nén mét cu (S)cdt (a);(a,) theo giao tuyén la dudng tron 16n c6
ban kinh R =+/5 .Dién tich hai hinh tron d6 12 8, +8, =22R* =107
Suy ra mt ciu (S)cat (a,) theo giao tuyén la 1 dudng tron c6 dién tich twong tng

Sy=nx

Bén kinh dudng tron d6 1 r,=22=1 d(l,a;)=[4-d|=1H Tacs:
VA

=2 | A(0;2;0
IH2+]§2:R2:>[H:|4_al=2__){a t’ ( )

=

a=6 | A(0;6,0)

Céu 10: Cho hinh chép $.4BCD c6 4(1,0;0),B(-L5-2),C(-2;0-3),D(0;-1,-1).Goi H 1a
trung diém CD , SH L (4BCD). Biét khdi chép c6 thé tich bang 4. Ki hiéu toa d6 clia
diém S 1a S(x; 3532 ),%, >0.Tim x,

A. x,=1. B. x,=2. C x=3. D. x,=4.
Huéng dan
Ta cé 4B =(-2;-2), AC = (-3;0;-3), AD = (-1;~1;-1) [ZB,ZE} =(=3; 0;3),[2’6,/17)] =(-30;3)

S asep =SapctSuep = %’[E’Zé%é*[ﬁ’ﬁ}‘ = %J(—?»)Z +0*+3° +%\l(—3)2 +0%+3 = 3\/5
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H (4;—-;-;—2) Puodng cao SH di qua H va nhan [E,Z—C‘] 1am VTCP nén cé phwong
x=~1-3¢
trinh y=——% SESHDS(~1~31;~%;—2—3[)

z=-2+3

DK: ~1-31> 05 1<~ =5 SH = (-3 + (-30) =3[iV2
3

1 Vo 34 2 l
V==8HS ., = SH = =—==242 3V2=22=t=-==5|1;-—;0
3 ABCD SABCD 3 [2 H 3 [ 2 j

Cau 11: Trong khong gian v6i hé toa d6 Oxyz, cho mét phing (P):x+2y+2z-1=0,
diém 4(21;5). Mt phéng (0) song song vdi (P), (Q) cit c4c tia Ox,0p 14n luot tai cAc
diém B,C sao cho tam gide ABC c6 dién tich béng 5v5 . Khi d6 phuong trinh ndo dudi
déy la phuong trinh ctia mét phéng (0)?

A. (Q):x+2y+22—4=0. B. (Q):x+2y+2z—6=0.
C. (Q):x+2y+22-3=0. D. (Q):x+2y+2z-2=0.
Huwéng din

(P) song song vdi (Q), nén mét phing (0):x+2y+2z-c=0, (c1).

Giao diém ctia (Q) va tia 0x1a B(c;0;0). Giao diém ctia (Q)va tia 0y1a C(O;%;O) ;>0

AB =(c-2-1-5); 'B‘é:(—c;f;o), [E,EZ‘] =[z;5c;£—2c].
2 2 2

Dién tich tam gidc 4BC bang 5v5 nén

2

%[[ZE,EE]I =55 (—5-25)2 +(5¢) +(%——2c]2 =500=>c=4.
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Céu 12: Trong khong gian vdi hé toa d0 Oxz, mat phéng (P):ax+by+cz+d=0(vdi
a+b+¢*>0) di qua hai diém B(1;0;2),C(-1;-10) va cach 4(2;53) mdt khoang 16n

nhat. Khi d6 gi tri ctia biéu thite F = fif; Ia
+

3 2 3
1. B. . C -=. D. -=.
A. 4 7 2
Huéng dan
x=1-2¢
EEz(—Z;—I; -2). Phuong trinh duong théng BC:<y=-t
z=2-2

Goi 712 hinh chidu vudng gdc cta 4 trén BC, H la hinh chiéu vudng géc ctia 4 trén

mat phéng (P).
Ta c6 AH =d(4,(P))<4l. Do d6 4H dat gia tri I6n nhét khi A=/, khi d6 mét phéng

(P)qua ] va vudng goc véi 4I.

[eBC=I(1-26-4;2-21), AL =(1+21;5+£;1+21)
Al L BC & ALBC=0>-2-41-5-1-2-4t=0c1=-1.
Mt phing (P)qua 1(3;1;4)c6 mot vecto phap tuyén 1a A7 =(~1;4-1).

Phuong trinh mét phang (P):x-4y+z-3=0 Vay F:—Z—Eﬁ—:%—.

Chu 13: Trong khong gian v6i hé toa d0 Oxyz, cho hai difm A(1;1,0), B(-1; 0;1) va diém

M thay d6i trén dwong thing d:fcl—z»}il—lz—z—lj. Gid tri nho nhat ctia biéu thic
T=MA+MB la

A. 4. B. 2\2. C. 6. D. 3.
Huéng din

Bikiptheluc.com Bi kip CASIO cdng pha Tric Nghiém Todn Hotline: 0977.543.462




CASIO EXPERT : Nguyén Thé Luc - fb: Ad.theluc - Youtube :MrTheLuc95

x=t
Phuong trinh tham s8 ctia duong thang d:{y=1-1.
z=1+1

Do Med= M(r,1-1;1+1).
Khi dé m:(l—t;t;—l—t)::»MA: 3t +2 va mz(—l—r;—lw;—t):MB: 342

Do vy T=MA+MB=2{37+2>2V2. Suy ta T,,, =242 khi 1=0= M(0;L;1).

Céu 14: Trong khdng gian v6i hé toa dd Oxyz cho ba diém 4(0;11); B(1;50); C(1;0;1) va
mit phang (P):x+y-z-1=0. Piém M thudc (P) sao cho MA=MB=MC. Thé tich khi
chép M.ABC la

A%. B.

r | —
O | —
(SO g

Huwéng dan
Goi diém M(x;y;z) .
Vidiém M thudc (P) sao cho MA=MB=MC nén

Me(P) x+y-z-1=0
MA=MB &{x* +(y-11+(z-1 =(x- 1’ +(y-1)*+2°
MA=MC | ¥ +(y-11+(z-1) = (x=1)* + y* +(z-1)
x+y-z-1=0 |x=1
&3x-z=0 o qy=1=> ML)
x-y=0 z=1

a0 OROVIOMSURIERGD L
MC =(0;1,0)=| M4, MB | MC =-1 6 6

Cau 15: Trong khong gian v6i hé toa d Oxz. Viét phwong trinh mét phang (P) di qua
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diém M(1; 2;3) va cit céc truc Ox, Oy, Oz lan luot tai ba diém 4, B, C khac véi goc

toa d0 O sao cho biéu thizc 6—1—17+—l—+% ¢6 gid tri nho nhat.

OB’ OC
A. (P):x+2y+3z-11=0. B. (P):x+2y+3z-14=0.
C. (P):x+2y+z-14=0. D. (P):x+y+z-6=0.
Huéng din

Cach 1

. . 1 1 1 1 1

Goi OH L(4BC) tai H.Tacl: —+——+—s=—"3>—".
04 OB* 0C° OH® OM

Dau “=" x4y ra khi va chikhi H=M.

Do do: (—1- Ll j L \hi (P) di qua difm M(523) & VIPT

of 0B 0C?), oM
~O*J\‘Z=(1;2;3)
Vay (P) c6 phuong trinh: (P):x+2y+3z-14=0.
Cach 2:

Gid st A(a;0;0), B(0;5;0), C(0;0;¢) v6i abe=0.

Phutong trinh doan chén ctia mét phing (P) 13 z +—Z—+i =1.
a c

Vi (P) di qua diém M(1; 2; 3) nén ta cd phwong trinh _1_+Z+_3_ =1 (1).

a b c
Ta co: -—}—+—+—1——l—+—1—+—1—
‘o4 0B oC* & B
N 2l i . . , 1 23 1 1 1
Theo bat dang thitc Bunhiakopxki ta c6: —+—+=< [14| —+—+— |.
a b ¢ a b c
111 4 ,
suy ra —+—+—2>-—,dau "=" xay ra khi a=2b=3c (2).
y a?, b2 C2 14 y ( )
a=14
Tix (1) va (2) suyra sb=7 .
14
c=—
3

V4y phuong trinh mét phéng (P) cAn tim 1&: x+2y+3z-14=0.
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Ciu 16: Trong khong gian Oyz, goi (C) la duong tron giao tuyén cta mit phang
(P):3x+2y+3z=0 vamit cau (§):x*+)" +z* ~2x-2y~4z=0. Phuong trinh clia mit cau

chtta dwong tron (C) va di qua diém 4(1;2;-1) la
A P4y 42 +5x—4y-T2=0. B. ¥ +y* +2° +4x+2y+2z=0.
C. X +y +2 -5x—4y-Tz=0. D. X +y +22-Tx-z=0.
Huéng dan
Cach 1:
Phuong trinh mit cau (S,) qua giao tuyén cta mét phing (P):3x+2y+3z2=0va mit
cau (8):x’+y" +2 - 2x-2y-42=0 ¢ dang: ¥’ +)7 +2° ~2x-2y—4z+m(3x+2y+3z)=0
<:>x2+y2+zz+(3m-2)x+(2m—2)y+(3m—4)z:O.
Ma A(1;2;——1)6(S]):‘>12+22+(—1)2+(3m—2).1+(2m—2).2+(3m—4)(—1)=O@mz—l.
Vay phuong trinh mét cau (S,):x* +y* +2° -5x—4y-7z=0.

3x+2y+3z=0
Céch 2: Phuong trinh (C):3 3) ,
X +y 4z -2x-2y-4z=0

Ta co 0(0;0;0),K(—1;O;1),B(O;~—1§3—;%) e(C).

Phuong trinh mét cau (S ):x* +y* +2° = 2ax—2by-2cz+d =0 di qua cac diém 0,K, B, 4
) 1 q

:3a:§,b=2,c=%.Véy (Sl):x2+y2+z2~5x—-4y—7z=0.

Phén Oxyz nay cac em xem ¢ File Update sé c6 nhiéu ki thudt Casio hon, do thoi gian

kha gap anh chura viét dwoc nhiéu cac em chiu kho xem trén file Update nhé.
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Luyén Hinh Hoc Khong Gian Hay va Kho
Cau 1: Cho hinh chép S.ABC 6 4B=a, AC=2a, BAC=60°, SAL(4BC) va S4=a3.Bén
kinh R ctia mit ciu ngoai tiép hinh chop S.4BC bing

A. R—”‘/_ B. R=2Y0 */- C.RJ’\/E

Huéng din.

Ta b BC=+AB*+ AC*~24B.AC.cos A=avJ3.

Goi O 1a tAm dudng tron ngoai ti€p AABC va A L(4BC) tai O.

Trong mat phéng (54,A), duong trung truc ctia S4 cit A tail.Taco Il tAm mit cau
ngoai tiép hinh chép SABC . Goi r 1a ban kinh dwong tron ngoai tiép A4BC, ta cd
r=A0 . Ap dung dinh Iy sin trong A4BC ta c6

2
—]—3£~2r:>A0 r=a=>R*=r +§é—=7—a— R—aJ—
sin 4 4 4 2

Cau 2: Cho hinh chép S.4BCD c6 day la hinh chir nhat, AB=2a, BC=a, hinh chiéu
ctia § 1én (4BCD) la trung diém H cta4D, SH :%/——3—. Dién tich mit cdu ngoai tiép

hinh chép S.4BCD bang bao nhiéu?

4rd* B 167a® C 4ra’ D 167d*
T N 5 =
Huwéng dan
2 2
Ta c6: HD=%, SA=SD=\SH* + HD* = %—Jr%;—:

Goi 013 tAm hinh chit nht 4BCD. Dung duong thing
A qua O va vuong géc mt phéng (4BCD). Suyra A la
truc dwong tron ngoai ti€p hinh chix nhat 4BCD.
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Tam gidc $4Ddéu canh banga.

Goi G la trong tam tam giac SAD . Dung truc duong tron ngoai tiép tam giac SAD cit A

\/‘

tai /. Suy ra Jla tim mét cdu ngoai tiép khéi chép S.4BCD. SG = —SH =—

3

2 2
[G=HO=a. R=1S=\1G?+SG" = a2+-‘13~:2?".véy S=4ﬂR2=4n[2\faJ _ 16ma

Céu 3: Cho hinh chép S.4BCcd day la tam gidc déu canh bang 1, $4 vudng goc voi
déy, goc gita mit bén SBC va ddy bang 60°. Dién tich mjt cau ngoai tiép hinh chép
S.ABC bang bao nhiéu?
3
A BT B. 22, ¥ D, &
36 12 16

Huwéng dan
Ta c6: AM =

BB
2’ 3

G la tam duong tron ngoai tiép tam giac 4BC. Dung
dudng thing A qua G va vudng goc mit phing (480).

Suy ra A la truc dwong tron ngoai tiép hinh chép S.4BC.

Goi J 1a trung diém S4. Trong mét phing x4c dinh boi hai duong thing $4 va A ké
duong thang trung truc cia doan S4 cit A tai /. 1 13 thm mit chu ngoai tiép khdi
chop S.4BC.

((SBC),(4BC)) = Shd =60°.

Tam giac SAMvuéngtaiA:tanSAsz—;::SA=£.\/—=%. JA—% i—

AAGvubng tai J: R=I4=\IG*+ AG* = JA + AG* = f%% =—*[11—§——9

129_43n

S =4nR* = 4x .
144 12
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Ciu 4 Cho ling tru déu ABC.A'BC' canh déy bang a. Khoing céch tir tim O cta
ABC dén (4'BC) la -‘6i Thé tich khéi ling tru déu 4BC.4B'C' 1a

3 3 3 3
A B 328, ) NEAC)
16 16 4 4
Huéng dan
4 Goi 0 1a tam, N la trung diém BC, M la hinh
N\ ¢ v ? A ' . r 7
chiéu ctia 4 1én A'N. Khi d6 ta cd

d(0.(45C))=2= AM =2

Trong A44'N vudng nén ta cd

17+ 1,: l,:>A’A=a\[3
AA" AN®  AM” 8

aZ\Ea _3__3a3\/5.
4 "\8 16 °

— ' —
Suy ra VABC.A'B’C' - SAABC'A‘A -

Cau 5: Hinh tru ¢6 ban kinh bang a. Goi 4B, CD 14 hai dudng kinh ctia hai day sao
cho AB L CD. Thé tich khi tru d6 bang bao nhiéu khi 4BCD la tit dién déu.

A. %mﬁ'ﬁ. B. MB\E. C. 2. D. %na:;\[B—.

Huwéng dan

Vi 4BCD 1a tit dién déu nén chiéu cao ctia hinh try h=00'
Ta cé: AO=a; A0’ =\/AC*~0'C* =a\3. Suy ra:
00'=NO £ -40* =a\2.

Viy V=nRh=ma*\2.
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Céu 6: Cho hinh chop S.4BC ¢ déy 4BC la tam gidc vudng tai 4, 4B=a\3,4C =a, tam
gide SBC la tam gidc vudng cn tai dinh S va nam trong mjt phing vudng géc véi
mit phang (4BC). Tinh khoang cach giita hai dwong thing SB va AC.

B 22 C. ﬁﬁ p, 24421

A
7

Huwéng dan
V& BDJIAC = ABCD 1a hinh chit nhét
= d(AC;SB)=d(AC;(SBD))=d(C;(SBD)) (1)

Dé thdy, H la trung diém ctia BC (2)

Tt (1) va (2) = d(C;(SBD))=24(H;(SBD)) (3)
Goi £ la trung diém ctia BD va K la hinh chiéu cua H 1én SE.

Khi d6 HK =d(H;(SBD)) (4)

Tt (1), (3) va (4) = d(A4C;SB)=2HK (5) . Mt khéc, SH:%BC:a va HE=%AB=%@

Trong tam gidc vuoéng SHE, c6 -i-,-:%+——1-7=%+ 2 =_75
HK* SH* HE* & \af3) 3a

6) Tit () (6) > d(4C;SB)= 2";[2_‘.

L -2
7
Cau 7: Cho hinh chép S.4BCD ¢ day ABCD 14 hinh vudng canh a, hinh chiéu ctia §
1én mét phang (4BCD) tring véi trong tAm ctia tam gidc 4BD. Mt bén (S4B) tao véi
ddy mdt gbc 60°. Tinh theo a khoang cach tir C dén mét phing (S4B).
NS p. 2l o D. <.

6 3 2 2

Huéng din
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V& HK 1 4B (1).

Do SH 1(4BCD) = SH L 4B (2).

Tir (1) va (2) = 4B1(SHK) = 4BLSK (3)

T (1) va(3) = ((SAB);(ABCD)):(KS;KH):SKH=60°
Dé thay AKAH ~AO4B(g-g)

KH AH AH.OB

> —="— o KH="""—(4)

OB 4B AB

AHz_Ao-gﬂl/zzﬁ‘_/:
Do 3[ 32 3 65 Te@va) = KH:E3’-.

:i’__ -AB=ua
Vi AHKS vudng tai H = SH:KH.tanSKH=§~tan60°=~%
1 1 a a

Do do Vsasep =% SHSABCD '3"\7: 2:7 (6)

Mit khac Vs.anep = 2Vesus = zéd(C;(SAB)) Sgp = d(C;(SAB)) = -——-——-——3'zV:VS"AECD (7)
5B

2
Trong d6 SSA,,—IABSK EAB\/HK2+SH2 ! [5) (%j Sy

w|QN

Sz =

Tt (6), (7) va (8) = d(C;(S4B))= »3%

Cau 8: Cho hinh chép S.4BC c§ S4L(ABC),SA=2a. Biét tam gidc 4BC cén tai 4 co

NSNS

BC=2a\2, cos ACB= %, tinh dién tich m3t cdu ngoai ti€p hinh chép S.4BC.

2 2
63za’ B. S=1374". AL

. D. S=47d*.
4 4

A .S=
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Huéng din

Goi M la trung diém doan BC.

cosACBz% :%: AC=3a\2= AM =4a =S, . =4a* 2

Goi tam va ban kinh duwong tron ngoai tiép A4BC 1a I, r.

Goi tdm va ban kinh mdt cdu ngoai tiép hinh chép la 0, R.

_ABBCCA 9a
48

A4BC 4

Ta co: r I4.

2
Vay S =4nR2=9ZZi.

me

2
Tacd: R=VOI* +14* = (—Szé) +ri= a‘iﬁ

Céu 9: Cho hinh chép S.4BC, tam gidc 4BC vudng tai dinh 4, 4B=1(cm), AC=+/3(cm).
Tam gidc S4B, SAC lan lwot vudng tai B va C. Khoang cach tir C dén mit phing

(S4B) bing g(cm). Dién tich mét cau ngoai tiép hinh chép S.4BC bing

A. %(cmz). B. 207[<cm2). C. Sfﬂ(cmz). D. 57[(6‘"12).

Huéng din

Goi I la trung diém clia S4 = I4=IB=IC=1IS =1 la
tdm mat cau ngoai tiép hinh chop S.4BC.

Goi E,H lan lwot 1a trung diém ctia BC, 4B
Tacd: ABL AC=FEI 1 AB,AB 1 SB=IH | AB
= AB 1 (IHE)=>(SAB) L (IHE)

Ke EKJ.]H:>EKJ_(SAB)
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:EK:d(E,(SAB)):i@-’(ZﬁIED:?

Do AIBC cantai I =IE L BC
Ma IE L AB = IE 1 (ABC)=IE L EH

Xét AIHE vubngtai B »>—met Lo L1 1 164,
B BH’ B IE EK’ EH' 3 3

= IE :§:>]C2 =IE*+EC* =% =S, =47k’ =5x
Cau 10: Cho ling tru ding ABCABC'cd day la tam gidc vubng can dinh 4,

AB=AC=a, A4 = a2 . Dién tich mit ciu ngoai tiép tt dién 4'BBCla

dna*

A. N B. 47a*. C. 1274 D. 4374d".

Huwéng dan
M3t cau ngoai tiép t dién 4'BB'C ciing la mét cau ngoai tiép ling tru ding ABC.A'B'C'

Goi I, I'lan luot 14 trung diém ctia BC va B'C'. Do tam gidc 4BC vubng can dinh 4

nén trung diém Octia II'la tAm mét cdu ngoai tiép lang try dimg ABC.AB'C'.

Ban kinh mét cAula R= —;—\/BCZ +C'C* = —;—\/Zaz +2a* =a. Dién tich mit cdu la 4za*.

Cau 11: Cho hinh chép S.4BC c6 déy 4BC la tam giac déu canh a, mdt bén S4B la tam

giac déu vA nim trong mét phing vudng goc v6i mit phang day. Tinh thé tich cua

khéi cdu ngoai tiép hinh chop da cho.

a5 p, r 1S, ¢. 2 p. 7.
18 54 27

Hudng dan gidi

Goi M 1a trung diém 4B, G, K Ian luot la trong tam tam

giac ABC, S4B.

Ta co:

A.
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(54B) L(4BC)
(84B)(4BC)=AB ;= SM L1 (ABC)
SM L AB

Dung 9, 4 Ian luot Ia truc dwdng tron ngoai tiép tam giac 4BC, S4B, suy ra
d L(4BC) tai G, d' L(S4B) tai K.

Goi I=dnd' suy ra IS=14=IB=IC, nén I la tdm clia mat cdu (S) ngoai tiép hinh
chdp va cé ban kinh 1a IS. Ta c6 GMKI 1a hinh chit nhat

1 a\/§ a\f Zgﬁ _ a\/§

32 3.

3
Do d6 IS =/sk* + k1> = 22 V Vs =g TR = S“J—

54
Cau 12: Mot hinh tru ¢6 hai déy 1a hai hinh tron tim 0, 0' va cd ban kinh r=5.
Khoang cach gitta hai ddy 1a 00'=6. Goi () 12 mét phang qua trung diém ctia doan

=>KI=GM =

00, cét hai day ctia hinh try va tao véi dwong thang 00 mot gée 45°. Tinh dién tich
S ctia thiét dién tao véi mét phing () va hinh try.
A. S=242. B. $=36. C. §=3612. D. S=48\2.

Huwéng dan

Ta cd: Thiét dién 1a hinh binh hanh ABCD
nhén / Jam tam.

Goi £ la trung diém ctia 4B.Ta co: OF L 4B
Goi OH LIE tai A . Suy ra: OH L(a) nén
OIE=45" vy £ 1 4B. Suy ra:

OE=10=3. [E=32 , AB=24E =8,

1

Vay =S, =48, = 4= IEAB = 2.342.8=482
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Cau 13: Cho hinh ling tru ding ABC.ABC' c6 AB=1,AC=2, BAC=120°. Gidst D la
trung diém ctia canh CC' va BDA'=90°.Thé tich ctia khdi lang tru ABC.AB'C’ bang

A 245, B. 3. e s D. 3i3.

2

o ax B
Huéng dan

BC? = AB* + AC* —2AB.AC.cos BAC =T => BC=A1.

.
L’
2 .

2
Dit 44 =h = BD2=%+7,A'B2 :112+1,A'D2=%“+4,

Do tam gidc BDA' vudng tai D nén 4'B*=BD’ + 4D’ = h= 2\5.
Suy ra ¥ =+[15.

Cau 14: Cho khéi chép S.4BC c6 SA4=2a,SB=3a,5SC=4a, ASB=84C=90" va BSC=120.
Khoang cach tir diém C dén mt phéng (S4B) bing

A 2042, B. a2 c 2. D. 3ay2.

3

Trén cac canh §4,58,5C lan luwgt 1dy
M,N,P sao cho SM =SN =SP=a.Ta co:
MP=a, MN =a\2,NP = 3. Suy ra AMNP
vudng tai M . Ha SH vudng goc voi mp
(MNP) thi H 1a trung diém ctia PN ma:

2 3

y a \/5 a a \/5
S v :T’SH =3 = Vo = T

B

Mit khac: Vorp _ SM SN SP 1 = Vs iaep =2 A2 SAABC= 3

Ve oy SA SBSC 24
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3
Vay: d(C,(54B)) :%&wif‘—\/—z—:za\/i .

b
B 3a

Cau 15: Cho hinh chép S.4BCD ¢§ ABCD la hinh thoi canh a,S4=SB=SC=a. Thé tich
16n nhat ctia khéi chép S.4BCD la

3 3 3 3
A B. 2. c e D <.
3 2 3 Z

Huéng dan

Ké SH 1(4BCD) tai H = H la tm duong tron ngoai tiép A4BC.Ma A4BC cin tai B
va AC L BD= H e BD. Goi 0 la giao diém AC va BD.

Ta cé: OB* = AB*~04* =’ -(S4* - $0°) = SO* = S0 = 0B = OD = ASBD vudng tai S.

=>SHBD=8SBSD=V = %SH.SABCD = —;SH.%AC.BD = —é—SB.SD.AC = %a.AC.SD

Lai c6 SD=+BD*-SB* =\BD*~4* |

2
Ma AC=204=2\AB*-0B* = 2, faz —% =+l4a* - BD* .

2 pry2 )
=¥ =2aia D B0 S%‘W = ); (=)

&~ R,

Céu 16: Cho hinh tru c6 cac d4y 1a hai hinh tron tim 0 va O', bén kinh déy bing
chiéu cao va bang 4cm. Trén dwong tron déy thm O 14y diém 4, trén duong tron day
tim 0’ 18y diém B', sao cho 4B =4\3cm. Thé tich khéi tt dién ABOO' 14

A. %cnzB. B. 32cm’. C. 64cm’. D. —3§2~cmj.

Huéng din
Tam gidc OA0' vudng can tai 0 = 0'4=42.
Tam giac O'4B c6 AB*=0B+0'4

= A0'ABvubng tai 0' = 0B L A0
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Laicd 00' LOB = 0B L(040).
Tam giac 040" vudng can tai 0 =S,,,, = 8(01712)
1, )
>Vaowo =3 0BS 1010 =348 —3—(cm3)

Cau 17: Cho hinh chdp S.4BCD c6 ddy la hinh vudng canh a, m3t bén S4B 1a tam gidc
- déu, mit bén SCD la tam gidc vudng cin dinh §. Thé tich khdi chép S.4BCD la

3 3
A. \Ba . B. VB .
6 12
3
c L D. Ba .
6 4

Huéng dan

Goi M, N lan lwot la trung diém ctia 4B,CD .Do
AB 1 (MN;SM)=> 4B L (SMN)

B

Ta c6 (SMN)L(4BCD) nén hinh chiéu H ctia § 1én mp (4BCD) thude MN .

H\Z/— SN——Z—,MN:a. SM* + SN = (a\f] [5) =a' = MN* nén tam gidc SMN
vudng tai S.

a3

a
SMSN _ 9 ) a3 1 la\/— a3\/§

SH.MN = SM.SN = SH ==—"— =N YosSHS =
3 3 4 12

Cu 18: Cit hinh nén dinh S bdi mat phang di qua truc ta dwoc mdt tam gide vudng
cAn ¢6 canh huyén bing av2. Goi BC 13 day cung clia dudng tron ddy hinh nén sao
cho mt phang (SBC) tao v6i mét phang day mot géc 60°. Tinh dién tich tam giéc SBC

2 2 2 2
*/— B.s=L. C.S—‘“E D S:"‘E.

A §=24% | ALY .
3 3 2 3

Huéng din
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Dung OM 1 BC (M la trung diém ctia BC).
Vi BC 1.SO nén BC 1.SM, tir &6 ta cd

[(SBC);ddy | =[SM,0M] = SMO= 60°.

Vi SO = —u_ \/_ n st =—39 =“—[6-.
sin60° 3

3

Vay CM =SC*-SM” = az-—(%@] _a¥3,

V&Y Sy = SM BC =

la\/_ 2a\/§ a\/_
2

3 3

Cau 19: Cho khéi nén dinh O, chiéu cao 1 h. Mot khéi nén khéc ¢ dinh 1 tm 7 cta
day va ddy la mot thiét dién song song véi dy ctia hinh nén da cho. D& thé tich ctia
khéinén dinh I 16n nht thi chiéu cao ctia khdi nén niy bing bao nhiéu?

Al B.
2 3
h
¢ 2 p. 18

Hué6ng dan

Goi x 1a chiéu cao cin tim. R,r lan lwot 13 chidu cao ctia khéi nén 16m va bé. Khi dé

i_[’_:_’f:w: R(h—x)

= . Thé tich khéi non dinh 1 1a
R h h

p LR TR g g R (o x thox s 20) 4nk
: 2 27 81

D&u dang thikc xay ra khi h—-x:2x<:>x:—]3—1-.

Cau 20: Mt hinh tru ¢é duong kinh dy bang chiéu cao va néi tiép trong mat ciu ban
kinh R. Dién tich xung quanh cta hinh try bang:
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A. 4zR*. B. 27R%. C. 227k, D. 2zR’.
Huéng dan

Goi h 1a chiéu cao ctia hinh tru thi ban kinh day ctia hinh

trula ﬁ
2

Goi 0,0' 1a tAm ctia hai ddy hinh try thi tAm / ctia mét cau

1a trung diém ctia 00" hay 10 = g

Ta c6 hinh try ndi tiép méat cdu nén

2
2]02=R2:>2%~=R2:>h=12\/§.

Sy = 27[.171—.11 =27k’
2

Cau 21: Cho hinh chdp S.4BCD c6 day la hinh thang vubng tai 4 va B, AB=BC=a,
AD=2a, S41(ABCD) va SA=a\2.Goi E la trung diém ctia 4D. Ké EK L SD taiK . Ban
kinh mit cau di qua su diém S,4,B,C,E.K bang;:

A. la. B. a. C. —\/—g-a. D. -—\/—g—a.
2 2 2
Huwéng dan
BC 1 AB
Ta co: { o = BC L (SAB)=>BC L SB

Tt gidc 4BCE la hinh binh hanh

= AB//CE=>CE L AD Ma CE LS4 = CE L(S4D)

Q?-__.-——_--—___

= CE L SD ma EK 1 SD = SD L (CEK)= SK LCK

Suy ra cic diém 4,B,E,K cling nhin hai diém §,C dudi

mot goc vudng nén 6 diém $,4,B,C,E,K cung thudc
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mét cau duong kinh SC.

sC \/SA2+AC2 \/2a +24°
2 2

Ban kinh mét cau: R =

Cau 22: Mot qua bong ban va mgt chiéc chén hinh tru ¢6 cing chiéu cao. Ngudi ta dit
) 7 A Y ‘ Al ‘A ) v ’ . 7 AN M 3 N
qué bong 1én chiéc chén thdy phan & ngoai cta qua béng co chiéu cao bang = chiéu
4

cao ctia nd. Goi ¥, ¥, lan luot la thé tich cia qua béng va chiéc chén, khi doé:

A. 9V, =8, B. 3, =21, C. 16V, =97, D. 277 =8V,
Huéng dan

Goi 1, 1a ban kinh qua béng, r, 1a ban kinh chiéc chén, / 1a chiéu cao chiéc chén.

Theo gia thiét ta c6 h=2 =1 =2h vd 00'=

Tacd 1 = ﬁ] (4 :_3__]12_
T2 4 16
1

3
Thé tich clia qua béng 14 7 = g-mf :gn[g) Lo J—

hlk-

h
2

6

va thé tich ctia chén nu6c 1a ¥, = Bh=zrlh = *1*6-72'/1 g

,F[\‘

Céu 23: Cho hinh chdp S.4BC cd day 4BC la tam gidc déu canh a, mit bén (S4B) 1a
tam gidc déu va nam trong mt phing vuéng géc véi day. Tinh theo a dién tich xung
quanh mét cdu ngoai tiép hinh chép S.4BC.
Sea’ . . Sna* ‘ na_ D. Sz’ '
3 6 3 12

Huwéng din

Do mit phing (S4B) vuéng goc (4BC) vdi theo giao tuyén 4B.
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Dung SH L AB=>SH 1 (4BC). Goi G,,G, lan luot la trong
tam ctia AABC va ASAB.

Dung dwong théng d, di qua G, va vuéng goc véi (4BC),
dung duong thang d, di qua G, va vudng goc véi (S4B).
Goi d, cit d, tai 1.Khi d6 I la tim mit cdu ngoai tiép
chép S.4BC vaban kinhla R=SI.

a\ﬁ 2 a 1 \/5

N 86, == 5H =-L vA G =HG, =-HC="32
2 3 3 6

NG
Khi d6 R=SI=+SG2+G,I = "‘/— Vay S, =4nR* = 5”3”

Taco SH =

Ciu 24: Cho ntra dudng tron dudng kinh 4B=2R va diém C thay ddi trén nita duong
tron d6, dit a=CAB va goi H 1a hinh chiéu vudng goc ctia C 1én 4B. Tim a sao cho
thé tich vat thé tron xoay tao thanh khi quay tam giac ACH quanh truc 4B dat gia tri
16n nhat.

A. a=60°. B. a=45°. C. arctan—L. D. a=30°.
P2

Huéng dan
AC = AB. cosa=2R.cosa CH = AC.sina =2R.cosa.sina; AH = AC.cosa =2R.cos’ a

Thé tich vat thé trdn xoay tao thanh khi quay tam gidc ACH quanh truc 4Bla
1 9 8 3 4 ] v 2 8 3,2
V=§AH.7ICH =§R .cos* asin’a. Dat r=cos’a (0<t<1) = V=§R £ (1-1)

8

3
=—R3.t.t(2~21) S§R3 (M)
6 6 3

Tt . 2 1y 1
Vay ¥ 16n nhat khi t== khi o =arctan—=.
ay 7 Kb @ =arctan—
Céu 25: Nguoi tabo 5 qua béng ban cling kich thudc vao mdt chiéc hop hinh tru c6
d4y bing hinh tron trdn 16n ctia qua béng ban va chidu cao bang 5 lan duong kinh
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@]

cua qua béng ban. Goi S, la tong dién tich ctia 5 qua bong ban, §, 14 dién tich xun
q 8 | g q g 2 g

quanh cta hinh tru. Ti s§ 5 la:

2

A.2. B.

Lh.|C\
@
o

oW

Huéng dan
Goi ban kinh ctia qua bong ban 14 R (R>0)
Ta c6 chiéu cao h ctia hinh tru bang 5 lan dwong kinh ctia qua bdng ban nghia la :

h=52R=10R Khi d6: S, =5.47.R* =207R>

Va §,=27Rh=27R10R=207R> Vay:Z=L=],

Rl

Céu 26 : 56 mat d6i xtng ctia hinh t& dién déu 1a bao nhiéu?
A 1. B. 4. C.6. D. 8.

Hinh tt dién déu c6 6 mit d6i xtng (Hinh vé).

A
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A

Ciu 27: Cho hinh lap phuong 4BCD.4BCD' ¢6 canh bang a. Khang dinh no sau day

la sai?
A. Hinh 18p phuong ABCDA'B'C'D' c6 mot tam ddi xtmg,

B. Hinh 14p phwong 4BCD.4'B'C'D' c6 dién tich toan phén la 6a’.

C. Hinh 14p phuong c6 8 mat doi xting.

3

D. Thé tich clia ti dién 4'4BC bang % .

Hudéng dan

Hinh 14p phwong c6 9 mat d6i xting (Hinh vé).

2 [
\
1 |
!
s g h 7
Vv
'
I
'
! i
R DU 0
¢
& 3
i B
H :
Lol
g, E, Ty &/
]
S :
S
b
s
. AR LY RS o
.
[
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»
Q
>
Q
>
Q

@

S PN SN

Céu 28: Cho hinh chép S.4BC c6 day Ia tam gidc déu canh bang 1, S4 vudng gdc véi
day, géc gilta mat bén SBC va dy bang 60°. Dién tich mét cAu ngoai tiép hinh chép
S.4BC bing bao nhiéu?
A Br B. 22, B B,
48 36 4 12
Huéng din
Goi H, M lan luot 13 trung diém BC, 84;

G la trong tam A4BC.

Tacd | ($8C),(48C) |= (51, 4H ) = A =0°

Vo

A4BC déu, canh bing 1 :>AH:—23:>SA=AHtan60°:%

Ban kinh mat cdu ngoai tiép hinh chép

2 2 2 2
R2=IA2:IG2+A62=(§£) +(2AH) =(§] LTS8
2 3 4) \\3) 48

Dién tich mit cAu S =4zR* = 47[-ﬁ Bz .
48 12

Cau 29: Cho hinh chdp S.4BCD ¢4 ddy la hinh chit nhat, 4B=2a, BC=a, hinh chiéu

a\3

cta § 1én (4BCD) la trung difm H clia 4D, SH == Dién tich mat ciu ngoai tiép

hinh chép S$.4BCD bang bao nhiéu?

167a* 164> 4rra

A. B.
9

Huéng dan
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Goi I' 1a tAm dwdng tron ngoai ti€p ASAD

0 la tAm dwdng tron ngoai tiép ABCD

I 12 tim mt cau ngoai tiép hinh chép S.4BCD
Ta b SD=SA=SH* + AH* =a = ASAD déu

:?I?i:—z-%ia:-\/;—a

o R= A =NTE+IT =2+ HO =2

3

1674

Viy S=4zR’ =

Cau 30: Cho tam gidc 4BC déu canh a va ndi tiép trong duong tron tam 0, 4D la
dudng kinh ctia dudng tron tam 0. Thé tich clia khi tron xoay sinh ra khi cho phén

t6 dAm (hinh vé bén) quay quanh dudng thang 4D bing
4

A Va3 B a3 C 2073 dnd\B
o126 o VN o7

Huéng dan

Khi quay tam giéc 4BC quanh truc 4D dugce khdinén cd thé tich la:

1 (aJZ PN )
= | . ——=

2

N=tzrh=tancam=1
3 3 3 2 4

Khi quay dwong tron tm O quanh truc 4D dugc khéi cdu cd thé tich la:
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! 3
V=ﬁ/7.R3 =ﬁﬂ._403 =EJT. ﬁ\[?i = 4\/57“1
3 3 27

23x/§7m3

Thé tich khéi tron xoay cn tim: V- N = e
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Toan Ung Dung
Cau 1: M§t vt thé bing gb 6 dang khdi try vi bén kinh day bang 10(cm). Cit khai
tru boi mot mét phing cd giao tuyén voi day 1a mot dwong kinh cta day va tao voi

déy gbe 45°. The tich ctia khoi gb bé 1a

2000(cm3). 1000(0m3). C. %%(-)9( 13). D. 2—090—0-( 3).

Huwéng din

Chon hé truc toa dd nhu hinh vé Khi d6 khuc gé bé c6 ddy 1a nia hinh tron c6 phuong

trinh: y=100-x", xe[-10,10]
Mot mot mat phang cat vudng géc véi truc Ox tai di€m cé hoanh d9 x, xe [-10,10]
cit khiic gb bé theo thiét dién c6 dién tich Ia §(x) (xem hinh).

D& thiy NP=y vd MN = NPtan45° =y =~100-x".
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Suy ra S(x).:%m.PNzé(mmf)

e E s ’ 1Y ) 2000,
Khi d6 thé tich khiic go bé 1a:V = j S(x)dr:E J (100-x )dxz———3-—-<cm ).
-10 -10

Cong thirc giai nhanh: V = §R3 tana

Cau 2: SO lwong ctia mot loai vi khudn sau ¢ (gid) duwoc x&p xi bdi déng thic
g & P )
t)=0,e"", trong d6 Q, 14 s6 lwong vi khuan ban d4u. Néu s8 lwong vi khun ban
0 g 0 & 8

dau la 5000 con thi sau bao nhiéu gig, s6 lugng vi khuan c6 100.000 con?
A. 20. B. 24. C. 15,36. D. 3,55.

Huéng dan

Tte gia thiét ta suy ra O(¢)=>5000.""". D& 53 lugng vi khuan la 100.000 con thi

Math &

E000eC" 1955 {00k
(- 16. 3627201

Céu 3: D& lam mdt mang xi nude, tir mot tam ton kich thude 0,9mx3m ngudi ta gip tim
ton d6 nhw hinh vé dwdi. Biét mat cat ctia mang x61 (bi cat boi mdt phing song song

v0i hai mét dy) la mot hinh thang cin va mang x5i 1a mdt hinh ling tru c6 chiéu cao

béng chiéu dai ctia tm ton. Hoi x(m)bing bao nhiéu thi thé tich méng x8i 16n nhét ?

X
3m m
0,9m 0,3m
3m 0,3m 0,3m
(a) TAm tén (b) Méng xdi (c) Mt cat
A. x=0,5m. B. x=0,65m. C. x=0,4m. D. x=0,6m.
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Huwéng dan

Goi h 1a chiéu cao ctia lang tru

Vi chiéu cao ling tru bang chidu dai tim ton nén thé tich mang x4i 16n nhat khi dién
tich hinh thang cin (mét cat) 16n nhét

Taco S=g(x+0,3) Bczf;gé(x>0,3):>]1: (Qﬂﬂ&c:%}i
DK:@JY—(X_Q3Y>OKQ3<x<Q9) B
Khi do: h 03m
§= ix+03J403 x-0,3) —

CALC cac dap an

Hath & Math A Math A

0.250a+0, 3)4 #0e 0.2505+0, 3)4 ®0b 0.2505+0, 3)4 =0

0.113137085 0.1157431828 0.1035314%62
Pap anD.

0. 25(5+0. 31/40P
0.1169134295

Cau 4: Mot xe buyt ctia hing xe A ¢6 stec chira t5i da 1a 50 hanh khéch. Néu mot chuyén
2
xe buyt ché x hanh khach thi gid tién cho mdi hanh khach 1a 20 (3—-%} (nghin dong).

Khang dinh dung la:
A. Mot chuyén xe buyt thu dugc s8 tién nhiéu nhat bang 3.200.000 (dong).

B. M6t chuyén xe buyt thu dwgc s6 tién nhiéu nhét khi ¢6 45 hanh khach.

C. Mot chuyéh xe buyt thu duoc s8 tién nhiéu nhét bang 2.700.000 (ddng).
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D. Mot chuyén xe buyt thu dugc s6 tién nhiéu nhét khi ¢ 50 hanh khach.
Huéng dan
S6 tién cta chuyén xe buyt chd x hanh khach 1
¥ 2
x)=20x|3-—| (0<x<50
19=205[3-2 ] (0<x50

Table: 2l4n 1 1an chay tir 1 t6i 29, 1 1an chay tir 29 téi 50

Math B Math
an b an Finl 0 " - Fla
24 N300, B 2 ya E&H
an - 13 4ii3i198.5
240149,80 200

Vay: mdt chuyén xe buyt thu dwoc loi nhuan cao nhat b::fmg: 3.200.000 (d6ng)

Céu 5: Mot khoi da c6 hinh 1a mét khéi cdu ¢6 ban kinh R, ngudi the tho tha cong m§
nghé cén it va got vién da d6 thanh mot vién da canh c6 hinh dang la mot khéi tru.
Tinh thé tich Ion nhat cd thé cta vién da canh sau khi d& hoan thién.

3 3 3 3
A 437R B. 437R C 43zR D. 33zR
3 9 6 12
Huéng din

Gia st 2x la chiéu cao hinh try (0<x<R) (xem hinh vé)
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Bén kinh ctia khéi tru 13 » = VR? —x* . Thé tich khéi tru 1a: ¥ = 7(R* - x*)2x.

Xét ham s8 V(x) = m(R* - x*)2x, 0<x <R, c6 V'(x)=2x(R* -3x") =0 x= 53—‘6.
Béng bién thién:
X ~
0 RS R
3
V'(_x) + 0 -
. 4
V(x) 4zR\3 \
’ n 9 n

Dua vio BBT, ta thdy thé tich khéi tru 16n nhét khi chiéu cao cta khéi try la
2R3, _4rR
3 ™9

Cau 6: Mot sin choi cho tré em hinh chit nhét ¢ chidu dai 100 va chiéu rong la 60m
nguoi ta 1am mot con dwdng nam trong sin (nhw hinh vé). Biét rang vién ngoai va
vién trong ctia con dudng 12 hai duong elip, Elip ctia duong vién ngoai 6 truc lon va
truc bé IAn luot song song véi cdc canh hinh chit nhat va chiéu rong ctia mdt duong la
2m. Kinh phi cho méi m* 1am dwdng 600.000 dong. Tinh tong s tién lam con duong
d6. (56 tién dugc lam tron dén hang nghin).
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100m

) :
12m

60m |- y

A. 293904000. B. 283904000. C. 293804000. D. 283604000.

Huéng din
Xét hé truc toa d6 Oxy dit géc toa d6 O vao tim ctia hinh Elip.

2 2
Phuong trinh Elip cta dwong vién ngoai ctia con duong 1a (E,): g)'co_ﬁ‘;‘éi =1. Phan d6

thi ctia (£,) ndm phia trén truc hoanh ¢ phuwong trinh y =30 1— =fi(x).

2 2
Phuong trinh Elip cta duong vién trong ctia con dudng 1a (£,) :2%5+5y§2_ =1.Phén d6
thi ctia (E,) ndm phia trén truc hoanh cé phuong trinh y =28 1-— =f,(x).

Goi §, 1a dién tich ctia (E,) va bang hai an dién tich phin hinh phang gidi han boi
truc hoanh va d6 thi ham s6 y= f;(x). Goi S, 1a dién tich ctia (E,) va bing hai l4n dién
tich phén hinh phing gi6i han béi truc hoanh va b thi ham s6 y= f, (x).

Goi § la dién tich con dwong. Khi d6

50 x2 48 xz
S=Sl-52=2j3o,f1~—-2-dx—2j 28,/1———2&.
E T A T

Tinh tich phan I=2j'b‘/1~§—dx,(a,b ER*).
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bat x= asint,(—g— Sts—;zjs dx =acostdt .

Als A 7[ ﬂ
Poi can x=—a:>t=——2-;x=a:>t=§.

: :
Khi do [=2_[ bxll—sinzt.acostdt=2abj cos"'tdt=abj (1+cosZt)dt
: ;3

Do d6 §=S8,-8,=50.307—48287=1567.
V4y tong s§ tién 1am con dwdng d6 1a 600000.5 =600000.1567 = 294053000 (d6ng).

Gii nhanh: Nhé nhanh cong thitc tinh dién tich Elip la §=7ab trir 16n cho bé cho
nhanh

Chu 7: Sy ting trudng ctia loai vi khusn tuén theo cong thitc S=4¢”, trong d6 4 la s0
Iugng vi khuén ban dau, r 14 ti 18 ting truong (r>0), ¢ la thoi gian tang truong (tinh
theo don vi 12 gid). Biét s8 vi khuén ban dau 14 100 con va sau 5 gior cd 300 con. Thoi
gian d& vi khuén ting gap doi s& ban déu gan ding nhat voi két qua nao trong cac két
qua sau day.
A.3giv 20 phat.  B.3 gio 9 phut.  C.3 gio 40 phat.  D. 3 gio 2 phut.
Huéng dan giai

Ta c6 : 300=100." <:>e5'=3<:>5r=ln3<:>r:1—ns—% Goi thoi gian can tim la ¢.

Theo yéu ciu bai todn, ta ¢ : 200=100.¢" €’ =2 & ri=h2 & 1= -SEII;% ~3,15(h)

Véy ¢= 3 gio 9 phat
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Céu 8: Mot ngon hai déng duoc dat tai vi tr 4 trén mit bién cach bo bién mot khoéng
AB =5km. Trén bo bién c6 mdt cdi kho & cach B 7 km. Nguoi canh héi ding 6 thé
cheo do dén diém M trén bd bién véi van toc 4km/h 161 di bo dén C véi van tde
6km /. Vi tri cia diém M cach B mdt khoang bing bao nhiéu d& nguoi dé di dén kho

C it t6n thoi gian nhat.
A. 0 km. B. 7 km. C. 2\/5 km. D. 5\/5 km.
Huéng dan

bat BM=x,tacd AM=Vx*+25BC=7-x

\ e . A? \ e 2 W 5 }‘
Thoi gian dé nguoi canh hai ding o
2 .
ditir A dén Cla X328, T : g <

7km

2425
4

X

Xétham s6 f(x)= +%—X,(Osxs7)

CALC céc dap &n = BM =245 (km).

Céu 9: Mot soi day kim loai dai 0,9m duwoc cit thanh hai doan. DPoan thit nhat dwogc
u6n thanh tam gidc déu, doan thit hai dwoc udn thanh hinh chit nhét ¢ chidu dai gap
doi chiéu réng. Tim d6 dai canh clia tam giac déu (tinh theo don vi am) sao cho tong
dién tich cia tam giac va hinh chi* nhat 1a nhé nhét.

A 00 60 30 240

B. . C. —=. D. .
2- \/§+2 1+J§ \/§+8

&

Huwéng dan

Goi a,b lan It la 6 dai canh tam gidc déu va chidu rong hinh chit nhat.

Khi do 3a+6b=90(cm):>b=

(cm).

2 2 _ N (2483) > ~1202+1800
S=SA+SD:a\/§+2b2=a;/§+2(3020] —( ) y .
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D& § nhé nhét thi f(a)=(2+13)a’ ~120a-+1800 nhé nhét véi ae(0;30).

f'(a)=2(2+\/§)a——120,f’(a):0<:>a= e(0;30).

60
2443

Tacd £(0)=1800, £(30)=900y3, f(—é—@\]_gj:3600\/§—5400.
+

a€(0;30)

Nén min f(a)=f (2 J") 360043 - 5400.

Vay a= thi S nho nhit.

2+\/—

Cau 10: Trong tAt c& c4c hinh nén ndi tiép trong hinh cau cd thé tich bang 36z, tim ban
kinh r ctia hinh nén ¢4 dién tich xung quanh 16n nhat.

A ,-:%. B, r=3—2[2-. C.r=2402. D. r=3.

Hudng dan giai
Goi ban kinh va thé tich ciia hinh cdula R va v,

Theo gia thiét ¥, =367 < %7[1’%3 =367 < R=3

Dién tich xung quanh ctia hinhnén 1 S, =7r.S4=mrSH* +r* (1) Ma

SH=SI+1H =R+IH =3+IH
= SH=3+\9-1* (2)
H =\I£ - HA =R ~r* =91
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Ter (1) va Q) = S, =7, (3+\/9—-r2)2 i

Cac em CALC ting dép an —C

Céu 12: Cho mét dong ho cat nhu hinh bén dudi (gom 2
hinh nén chung dinh ghép lai), trong d6 duodng sinh bét
ky cta hinh nén tao véi ddy mot géc 60°nhu hinh bén.
Biét ring chitu cao clia dong ho 1a 30cm va téng thé tich
clia dong ho 1a 10007 cnr’. Héi néu cho day lwong cat vao
phén trén thi khi chay hét xudng dudi, khi d6 ti 1& thé
tich lwong cat chim chd va thé tich phan phia dudi 1
bao nhiéu ?

B.

A Bl L .
33 8 64 27

Huéng dan
Goi h,h,r,r (h > %Q = 15) [an lwgt 1a chiéu cao, ban kinh ctia hinh nén phia duwdi va

phia trén ctia dong hd. Ta cé: r = L :—h~;h’:30—h;r':l1—:30_h
BB

tan 60° \/§

. Khi dé: thé

tich ctia dong hd:

2 2
1 1 1 h 30-4
V=—arh+—mrh ==n|| —= | h+| === (30=h) |=10007
7 3[@5} Sl )]
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0
SOLVE = Sh=20=>h=10
h=10(<15)

N3
Do 2 hinh nén dong dang nén g = (%) = % .

Cau 13 : Trong mat phfmg v0i hé truc toa dd Oxy, cho tam gidc 04B vuong & A4thudc
truc hodnh, di€m B nidm trong goc phan tu thit nhat va 0B=2017, 40B=«, (0 <a< 12[-)

Khi quay tam gidc 04B quanh truc Ox ta dugc mot khdi nén tron xoay. Thé tich ctia
khoi nén d6 16n nhat khi:

A. sina=\—/—6—. B. cosa=——%. C. cosa=l. D. sina=—.
2 2 3
Huéng dan
B
2017
0 A

Khi xoay tam gi4c 04B quanh truc Ox tao thanh hinh nén 6 dudng caola
0A=2017.cosx va ban kinh day la AB=0B.sina =2017.sinax.

Thé tich khdinén bang: ¥ =-;—7r.AB2.0A = é—ﬂ(ZON.sin a) 2017.cosx
= %7[20173.sin2 .cosa

7 \ n 2 18 7[
Xét ham s0 f(t)z(l—t )t v6i t=cosx; €(0;1) do ae(o;-ij.

Tacé: f'(f)=-3"+1

Ta c6 bang bién thién:
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R —— 0 —\/“5‘ 1 40
3
/(1) + 0 -

Vay thé tich khdi nén 16n nhét khi cosa = —\/35 hay sina =+1-cos’ a = —\/5—6~ .

Céu 14: Cho hinh chép §.4BCD c6 day 4BCD la hinh vudng canh a, $4 vudng géc vdi

mit phing day va géc gitta SC véi mat phing (S4B) bing 30°. Goi M 13 diém di dong

trén canh CD va H la hinh chiéu vudng géc cta S trén duong thing BM. Khi diém
M didong trén canh CD thi thé tich ctia khi chop S.4BH dat gia tri 16n nhét bang:
3 3 3 3

A.ﬁ-g-/——%. a0} c 2 p, 22

B.
3 2 12

Géc giita SC va (SBC) la CSB=> CSB = 30"

Ta co

tan CSB =—‘;—§:> SB = a3;54 =SB — AB* = a2

Dat CM=x,(0§xSa}:>DM=a—x,

Ta cd

BM L SH
= BM L(SAH)= BM L AH
BM 154

, 1 1 1 1 a
Tacd Sy, =-2—BC.CM=§ax,SADM =—2~AD.DM=5a.(a—x);SABM =8 5e0 = Sae = Sapus =7
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2

Taco S, =~ AH.BM = AH =—2— ; BH =\AB' — AH* = ——=
2 a+x a +x
Thé tich ctia khdi chép S.4BH la
1.1 a ax 2 4 X

*

=—a.

. 2 2
Vo +x} at+xt 6 atx

1 1
V= SAS = SA-BH.AH = ga\[Z—.

Xét ham s8 f(x):——%—;,xe[o;a]
a +Xx

2 2
Taco f'(x)= £-r = f(x)=0=>x=a

(02 +x )
Trén doan [O;a] ta co f'(x) >0,Vxe [0; al

Véy gid trilénnhatcta V tai x=a =7V, = —}/2249

3
Cich2:Tir ¢y =Lt F M2 L2
6 a+x 6 2a 12

.Dau=khi:x=a.

Céch 3: D& thdy Hnhin 4B duwdi géc vudng nén ¥; 5, 16n nhat khi S, 1on nhét khi
va chi khi H=0 (tdm ctia hinh vudng ) <> x=a. Tl d6 c6 két qua.

Cu 15: Mot béc néng dan vira ban mot con tréu duogc s6 tién 1a 20.000.000 (d6ng). Do
chura cin ding dén s8 tién nén bac ndng dan mang toan b s8 tién d6 di gui tiét kiém
ng4n hang loai ky han 6 thing véi lai suét kép la 8,5% mot ndm. Hoi sau 5 nam 8
théng bac néng d4n nhan dugc bao nhiéu tién ca vén lan 1i (lam tron dén hang don
vi)? Biét ring bac nong dan d6 khong rit von ciing nhu 14 trong tét ca cdc dinh ki
trede v néu rit truede thoi han thi ngan hang tra 1ai sudt theo loai khdng ki han vdi lai
sudt 0,01% mot ngay (1 thang tinh 30 ngay).

A. 31.802.750(ddng). B. 31.803.311(ddng). C. 32.833.110(ddng). D. 33.083.311(ddng)

Huéng din

Mot ki han 6 théng cé I sust 1a ?—g/_ = 4,25% Ky
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Sau 5 ndm 6 thang (6 nghia 1 66 thang ttc 11 ky han), s8 tién ca von 1an 1ai bac noéng
dan nhan duoc 1a 4=20000000.(1+4,25%)" (déng).

V1’5 nam 8 théng thi 6 11 ky han va dw 2 théng (hay du 60 ngay) nén trong vong 60
ngay, s tién 4 s& dugc tich liy theo 14i khong ky han 0,01% mat ngay. Cudi cung bac

noéng dan thu dugc
B=4(1+0,01%)" =20000000.(1+4,25%)" (1+0,01%)" ~31.803.310,72 (ddng).

Cau 16: M6t man anh hinh chit nhat cao 1,4m duwoc d&t & dd cao 1,8m so véi fam mait
(tinh ddu mép dudi cia man anh). D& nhin r6 nh4t phai x4c dinh vi tri diing sao cho
gdc nhin 16n nhét. Tinh khoéng cach tir vi trf d6 dén man anh.

A. 1,8m. B. 1,4m. C. ﬁm. D. 2,4m.

193
Huéng dan
Dt 04=x(m), x>0. Theo yéu cau bai toan, ta phai xac dinh x d& géc BOC 16n nhat.

Diéu nay xay ra khi tanBOC 16n nhat.

32 18
Ta 6, tan BOC = tan(40C - Aop) = DA AOB 4 x _ L
I+tan 40C.tan 40B 1,32 18  »*+5,76
¢ X

Cac em CALC cho nhanh hoc tham khao céch tw luén duwdi day

1,4x
+5,76

,Vx e(O;+oo). Ta Céf’(x) =

v —1.4%* =24
Xétham s8 f(x)=— “LA+8,064 {x
X

(x*+5,76) x=-2,4

Bang bién thién
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Vay gia tri 16n nhat ctia ham s6 f(x) dat duoc tai x=2,4(m).

Ciu 17: Cho hinh chép S.4BC c6 ddy 4BC la tam gidc vudng can tai B voi
AB=BC=a3, gbc SAB=SCB=90° vi khodng céch tir 4 dén mit phang (SBC) bang

a2 . Tinh dién tich mit cAu ngoai tiép hinh chép S.4BC.
A. 1674, B. 87a’. C. 127a’. D. 274",

Huéng dan

Goi D 1a hinh chiéu vudng géc ctia S trén (4BC). Ta c0: 4B LS4, 4B L SD=> AB 1 (SAD)
= AB 1 AD. Tuong tg CB L(SCD)=>BC L DC. Suy ra ABCD la hinh vudng

Goi H 1a hinh chiéu ctia D trén SC = DH L (SBC)=> d(4,(SBC)=d(D,(SBC)=DH = a2

Ap dung hé thitc luong trong tam giac SCD, ta c6 —S%? = 51%2“ -5—1(? =SD=a\6 .

Goi I 12 trung diém SB ta cé I4=IB=IC=1IS nén I 1a tim m3t cdu ngoai ti€p hinh chdp
S.4BC. Suy ra ban kinh mit cau la r =—S§:a\/§ . Dién tich mt céu ngoai ti€p hinh
chép S.4BC la § =4m? =12zd°

Cau 18: Mot vét chuyén dong voi van t6c 10m/s thi ting toc v6i gia t6c dugc tinh theo
thoi gian ¢ 13 a(r)=3t+7. Tinh quing dudng vat di duogc trong khodng 10s k€ tir khi

bat dau ting toc.
A. %P—Qm. B. ijr-3—(29m. C. 1—3—(1m. D. 130m.
3 3 3
Huéng dan
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Ta cd v(t)=Ia(1)dr:[(3t+12)d1=§§+§+c.

Do v(0)=10 nén C=10.

Vay quang duong vét di chuyén trong 10s ké ti khi chuyén déng la:

" O A R ATGRT 4300
[v(r)dr=[| ==+ =+10 |dr=| =+ =410 | =| - +—+10x10 |= === (m)
23 22 ) 2 3

0 0 J

Céu 19: Phén khong gian bén trong ctia chai nuéc ngot 6 hinh dang nhw hinh bén.
Biét ban kinh day béng R="5cm, ban kinh ¢8 r=2cm, AB=3cm, BC =6cm, CD =16¢cm. Thé tich
phan khong gian bén trong cta chai nuéc ngot d6 bang:

A. 495n(cn’). B. 462n(cnr’).

C. 4907:((7773). D. 4 l27r(cm") .

Thé tich khéi tru c6 dwong cao CD: ¥, = zR*CD = 4007r(cm3).

Thé tich khdi tru ¢6 dwong cao 4B: V, =mr.AB= 127r(cm3).

Thé tich phin gi6i han giita BC: ¥, = %(Rz.MC——rz.MS’) =787 (cnr’).
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Suy ra: V=V, +V,+V; = 4907z‘(cm3 ) Chon C

Cau 20: Khi cit mit ciu S (0, R) boi mét mat kinh, ta dwgc hai nira mat cau va hinh
tron I1én cia mit kinh d6 goi la mdt day cua mdi nira mit cau. Mot hinh tru goi la noi
tiép ntra mit cdu S(0, R) néu mot day cua hinh tru ndm trong d4y clia nira mt cau,
con dudng tron d4y kia 1a giao tuyén clia hinh tru v6i nira mét ciu. Biét R=1, tinh ban
kinh d4y r va chiéu cao h ctia hinh try ndi tiép ntra mdt cau (0, R) d€ khdi tru <6
thé tich 16n nhét.

A r %‘i Y6 B. r= 6 V3 C.r=——\/§,h=\/§ D.r=i3_3—

) 2 3 3

N3

[ h:——-
3

Huéng dan

Hinh tru ndi tiép nita mit cau, nén theo gia thiét duong tron ddy trén 6 tam O’ ¢ hinh
chiéu ctia O xudng mat ddy (O"). Suy ra hinh try va nira mat cau cling chung truc ddi
xtng vA tim ctia day dwdi hinh try tring v6i tém O ctia nira mét cau.Ta cd: W+rt=R
(0<h<R=1)=mr*=1-F

Theé tich khéi try 1&: ¥ = zr2h=2(1-h>)h=f(h) = f'(h)=2(1-3h*)=0ch=

B
3

f(h) + 0 -
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0 0

f(h)

Z”f (dvtt) khi :? vi h:—\?—

Vay: MaxV =
(1

Céu 21: Ban A c6 mét doan day dai 20m. Ban chia doan déy thanh hai phan. Phin dau
udn thanh mdt tam gidc déu. Phan con lai uén thanh mot hinh vudng. Hoi do dai

phén dau bing bao nhiéu dé tong dién tich hai hinh trén 1 nho nhat?

40 m B ——M—gp——-m io——m ———6—0——)71
T 9443 T944f3 YN TN
x -y
| % : %
4+t

Huéng dan

Ban A chia soi ddy thanh hai phan c6 d9 dai x(m) va 20-x(m), 0<x<20
(nhu hinh v8).

Phan dau udn thanh tam gidc déu c canh —3x—(m), dién tich

SOE=TY

3) 4 36

Phén con lai uén thanh hinh vudng c6 canh 20-x

5 - ( 204~le ()

(m), dién tich
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2 \2
Téng dién tih hai hinh nho rhat khi /()= +(2°4'3‘] nhé nhi trén

36
khoang (0;20).
Tacé:f'(x)=x—{3——29—_-f:0<:>x: 180
18 8 4349
Béng bién thién:
180 20
¥ 0 43+9
/'(x) - 0 +

£(x) \ /

Duya vao bang bién thién ta duoc x=

180
4\/§+9'

Cau 22: Mot ngon héi déng d&t 6 vi tri 4 cach bo Skm,

trén bo bién cé mdt kho hang ¢ vi tri C cach B mot ~ 5km

=
()

khoang 7km. Ngudi canh héi ding c6 thé cheo thuyén !
tit 4 dén M trén bo bién voi van t6c 4km/h roi di bg tir
M d&n C véi van toc 6km/h. Xac dinh 6 dai doan BM
d& ngudi d6 di tir 4 dén C nhanh nhét.

A. W2 m. B. —;—km C. 2J/5km. D. ~km.

Goi BM=x (km), 0<x<7.Khi d6: AM =+25+x* va MC=7-x
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VXP 425 T-x _3x—2x]25+x2

Theo dé bai ta cé: f(x)= +—= f'(x)=

) 4 6 () 425+
x20 20

Cho f'(x)=0e2 25+x2=3x<:>{r7 {x ox=245
x =2 x== f

Khi d: f(o)=~1-2-§, f(7)=_€i va f(Ng):i;E@

Vay ()= 1(24F) 5.

Céu 23: Nguoi ta mudn thiét k& mot bé ca bang
kinh khéng 6 ndp véi thé tich 72dm’ va chitu
cao la 3dm. Mot véch ngin (cing bang kinh) ¢

.~ . A? 14 \ . v ral 14 14 3 d
gitta, chia bé ca thanh hai ngin, véi cac kich "

thuwde a, b (don vi dm) nhu hinh vé.
Tinh q, b d& b& c tn ft nguyén lidu nhét (tnh SO
ca tdm kinh ¢ gitra), coi bé day cac tAm kinh nhu

nhau va khong dnh hudng dén thé tich ctia bé.

A. a=+24, b=+24. B.a=3b=8. C.a=3J2,b=4y2.  D.a=4 b=6.
Huéng dan

Cé: V=72<:>3.ab=72<:>a=—2£ 1)
BE cé ton it nguyén liéu nh4t nghia la dién tich toan phan nhé nhit.
216

Ta c0 dién tich toan phan clia bé c4 1a: S, =33a+ab+243 = - 6b+24

(Dén déy cdc em CALC céc d4p an dugc r6i)
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Ap dung bét dang thize Cosi: S, = -2-;)—6 +6b+2422 ﬁ%ﬁb +24=96

D4u bang xay ra khi va chi khi: -2—11)—6=6b<::>b=6(b>0).T1‘r (1), tasuy ra: a=4.

Cau 24: Mbt cai tuc lan son nuwde c6 dang mot hinh tru.
Puong kinh ctia dudng tron day la Sem, chiéu dai lin la
23cm (hinh bén). Sau khi lan tron 15 vong thi truc lan

23 cm

-
27

o . N 5 cm’\t
tao nén san phang mot dién dién tich la .
A. 17257 cnt’. B. 34507 cm’.
C. 17257 e, D. 862,57 cm’.
Huéng din

Dién tich xung quanh ctia mét trula S, =27Rl=27.5.23= 2307zem’ .

Sau khi lin 15 vong thi dién tich phan son dwoc la: § =2307.15=3450zcnr’.

Cu 25: Nha Vin hoa Thanh nién ctia thanh phd X mudn trang
tri dén day led gan cdng d€ dén xuén Dinh Ddu 2017 nén da
nhd ban Na dén gitip. Ban gidm d6c Nha Vin héa Thanh nién
chi cho ban Na biét chd chuan bj trang trf da c6 hai tru dén cao
ap ma kém dt ¢8 dinh & vi tri 4 va B c6 d cao lan hwot la
10m va 30m, khoang céch gitta hai tru dén 24m va cling yéu
cau ban Na chon mdt cai chét & vi tri M trén mat dat nim
gitta hai chén try dén d€ gidng dén day Led ndi dén hai dinh
C va D ctia tru dén (nhu hinh v&). Héi ban Na phai dit chét
vi tri cach tru dén B trén mét d4t 1a bao nhiéu d€ tong do dai
ctia hai soi ddy deén led ngén nhat.
A. 20m. B. 6m. C. 18m.

Huwéng din

Goi E la diém d6i xtng ctia C qua 4B.
Goi M =DEn 4B, khi d6 ban Na dat chot 6 vi tri
M thi téng do dai hai soi day dén led ngan nhét.

C

10
4

H

D. 2m.

A
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 AE MA 1
Tacd) —=—=-=

BD MB 3
ma MB+MA=AB=24,suyra MA=6 va MB=18.

= MB=3M4,

Cau 26: 56 lugng cia mdt loai vi khudn trong phong thi nghiém duoc tinh theo cong
thite §(r)=Ae", trong d6 4 1a s6 luong vi khuén ban dau, $(r) 1a s lugng vi khusn c6
sau ¢ ( phut), rla ty 1¢ tang trwong (r>0), ¢ ( tinh theo phut) 14 thoi gian tang truong.
Biét réng s8 luong vi khuan ban dau c6 500 con va sau § gi0 ¢ 1500 con. Hoi sao bao
lau, ké tr lic bit dau, s6 lwong vi khuén dat 121500 con?

A. 35 (gio). B. 45 (gio). C. 25 (gio). D. 15 (gi0).

Huéng dan
Ta cd 4=1500, 5 gio= 300 pht.

In300

Sau 5 gi0, s6 vi khudn la §(300)=500-¢" =1500=> =

Goi 1, ( phut) 1a khoang thoi gian, ké tir e bét déu, s6 Iwong vi khudn dat 121500 con.
Ta cd 121500=500-¢™

. _In243_ 3001243

o= ——=1500(phat) = 25 (gi0).

Cau 27: Mot dam vi triing tai ngay thit 1 c6 s8 lugng N(7), biét rang N'(7) = —ZQ%Q va lac
+

déu dam vi triing c6 300000 con. Sau 10 ngay, d4m vi triing c6 khoang bao nhiéu con?
A. 302542 con. B. 322542 con. C. 312542 con. D. 332542 con.

Huéng dan

Ta c6 N(t)=jN'(z)dz=j-;9929dz=7ooom|z+2§+c
+

Do N(0)=300000= C =300000—70001n2

Khi dé N(10) =70001n12+300000—7000In2 =312542 . Chon C

Bikiptheluc.com Bi kip CASIO cdng ph Tric Nghiém Toén Hotline: 0977.543.462




CASIO EXPERT : Nguyén Thé Lyc - fb: Ad.theluc - Youtube :MrTheLuc9S

Mot khdi cau ¢ ban kinh 13 5(dm), nguedi ta cit bd hai phan cta khdi cau bang hai mit
phéng song song ciing vudng gbc duong kinh va cach taim mot khoang 3(dm) d€ lam

mot chiéc lu dung nude (nhw hinh vé). Tinh thé tich ma chiéc lu chira duoc.

o

A. —l—ggﬁ(dm3) B. %%ﬂ(de) C. 417r(dn13) D. 1327Z(dn13)

Huéng dan

Trén hé truc toa dd Oxy, xét dudong tron (C):(x~5) +* =25. Ta thdy néu cho nira trén
truc Ox cua (C) quay quanh tryc Ox ta dugc mat cAu bén kinh bang 5. Néu cho hinh
phing (H) giéi han béi ntra trén truc Ox cda (C), truc Ox, hai duong thang
x=0, x=2 quay xung quanh truc Ox ta s& dwoc khdi tron xoay chinh la phan cét di

ctia khdi cau trong dé bai.
Tacd (x-57+y* =25y =i\/25-—(x—5)2

= Ntta trén truc Ox cta (C) c6 phuong trinh y = 25— (x-5) =\10x-x"

= Thé tich vét thé trdn xoay khi cho (H) quay quanh Ox la:

2

f X 52z
Kzﬂj(lﬂx—xz)dxzﬂ Sxt-—| ===

: 3), 3
Thé tich khi cau la: V, = -‘3-‘-7[.53 o

Thé tich can tim: ¥ =7, -2V, =§9-3-°—’5—2‘%’f=132n(dm3)
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Cach 2: Hai phan ct di c6 thé tich bing nhau, mi phn 13 mét chom cau cd thé tich

V= f(p: 2\ 2y, 2w
,—ﬂ'J‘(R -X )dxzﬂ.[(25—x )dx.—.T
d 3

Vay thé tich cua chiéclula v =V, 27 = %.53 - 2%% =1327

Cau 28: M6t cai ly ¢6 dang hinh nén dwoc rét nwde vao véi chiéu
’ M 2 AV \ ’ 20 A . ’ oA
cao-muec nudc bang 3 chiéu cao hinh nén. Hoi néu bich kinh miéng

ly r6i tip ngwoc ly xudng thi ty s8 chidu cao muc nude va chidu cao
hinh nén x4p xi biang bao nhiéu?
A.033. B.OLll, C. 0,21. D. 0,08

Huéng dan

Goi chiéu cao va ban kinh dudng tron ddy cta c4i ly lan lugt Ia h va R.

Khi d€ coc theo chiéu xudi thi lwgng nwée trong cdc 1a hinh nén c6 chidu

Ry \ T . 2h 2R
cao va ban kinh dwong tron day [an luot la —3—1 va ==

=

14 A? 7 ’ \ ) A A ’ 1 oA 1
Do d6 thé tich lwong nudc trong binh 1a % = Phan khong chita nwde chiém ZZ%V'

Khi ap ngugc ly lai thi phén thé tich nude trong ly khong d6i va lac d6 phan khéong

chita nu6e 1a hinh nén va ta goi #' va R' Ian luot 14 chiu cao va ban kinh dudng tron

day ctia phan hinh nén khong chita nwée do.

1 h!

4 R \ A Al 1 \ 14 A ’ 7 \ 19
Taco z- v phan thé tich hinh non khéng chira nwdc la - 14

1 3 ' 3
I>Z/I~7Z'R'2=l-9—.k.ﬂR2®(-h—) LN, 1

3 h) 217 h 3

Do dd ty 1€ chiéu cao ctia phén chita niréc va chidu cao ctia cai ly trong truedng hop ap

B 3-319

nguoc ly lél——h—-. 3
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*Tong Két:

Nhu vay 1a da hét mot nira caa cudn bi kip, tuy nhién phan con lai van con tiép tuc

cap nhét d€ céc em rén luyén nhé la phai chdm cay nhé

Truy cap vao http://check bikiptheluc.com d€ dién ma

Vi vio http://bikiptheluc.com/bktl3 d& cap nhat cac ki ndng va bai tap tw luyén moi.

Hi vong cudn séch nay sé gitip cc em tién bd hon nhiéu so véi lic nhan né va diéu
quan trong hon 12 nd gitip em d6 vao trudng minh thich, anh chi mong mudn nhu vay

13 d4 cam thAy te hao vé em 1dm 16 ! CS géng 1én em nhé !!
Cém on cac em da ludn tin twdng va tng hd anh !
Casio Expert : Nguyén Thé Luc

Ha Noi, 16/5/2017
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