Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

PE ON TAP KIEM TRA CUOI HOC KY II
MON: TOAN 12 - PE SO: 15 (100TN)

Cho ham s6 f(x)=3x*~3.Khido [ f(x)dr bing
A X’ =3x"+C. B. x’-C. C.x’-3x+C. D. 6x.
Trong khong gian Oxyz , mét cau ():(x+ 1)2 +y°+(z —3)2 = 4 ¢6 ban kinh bang
A. 2 B. 4 C. 16 D. 1
Trong khong gian Oxyz , phwong trinh ctia mit phang di qua ba diém A(O; -3; O) , B (2; 0; 0) ,
C(0;0;5)1a

Yz c. iyl iZ p. = +2

A.£+l+£:0. B = . .
-3 5 2 -3 5 -3 2

X
2 -3 5 )

S6 phirc lién hop cta sé phircc z=7-9i 1a
A. z=7+9i B.z=-7-9i C.z=-7+9i D.z=9-7i

2 2
Néu ham s f(x) thoa man J.f(x)dx =—4 thi jzf(x)dx bang
0 0
A. —6. B. -8. C. 2. D. 8.

I sin 2x dx duoc két qua bang

_ 2
A. C"zszx+c. B. 2cos2x. C. Cosz *icC. D. —2cos2x+C.

=5-2i ., z,=—4+6i
va

Cho hai s6 phirc “ . S6 phirc 1~ %2 bang

A. 1-8i. B. 9-8i. C.1+4i. D. 9+4i.
Trong khong gian Oxyz, duong thang (d): % = yT—Z = % c6 mot vecto chi phuong 1a
A u, =(~2;2,0). B. u, =(-3;4;2). C.u, =(-3;4,0).  D.u,=(3;42).

Trong khong gian Oxyz , cho hai diém A(3;0;—2) va B(S;—4;4). Trung diém cua doan AB co
toa dd la

A. (8-42). B. (4-2:1). C. (42:1). D. (2;-4;6).

Trong khong gian Oxyz , mit phang (P) :2x+ y—3z="5 cb mot véc-to phap tuyén 1a

Ao my=(213). B.n, =(25-3).  C.n,=(%-3%5).  D.n=(20-3).
Trén mit phang Oxy, cho M (—3;—4) 1a diém biéu dién ciia s6 phirc z . Khi d6 phan 4o cua z

bang
A. 4. B. 5. C. 3. D. 4.

2 5 5

Néuhamsé f(x) thoaman [ f(x)dv=2 va [ f(x)bx=—12 thi [ (x)dx bing
0 2 0

A. -10. B. 10. C. 14, D. —14.

Mbdun ctia s6 phiic z =3—4i bang



Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

A A7 . B.17. C. 25. D. 5.

Néu F(x) 1a mot nguyén ham ciia ham s6 f(x) ~ Y thoa man F(_”) =1 thi F(O) bang

A. 0. B. 1. C.2. D. 1.

Cho s6 phitc z =1+2i . Sé phic (1 —i)z c¢6 phan thyc va phan ao lan luot bang
A.3val. B.3va -1. C.-1val. D. -3 val.
Trong khong gian Oxyz , mit phang nao dudi dy di qua diém A(l; -1 0) ?

A.(P):x+2y—z—-1=0. B. (B):x—y-z=0.
C.(B):2x+y+3z+1=0. D. (R):2x-y+3z-3=0.

Hinh phéng gi6i han boi cac dudng y =e*,y=0,x=0,x =2 c6 dién tich bang
A. e’ —1. B. . C.e*+1. D. e’ —e.
Thé tich caa khdi tron xoay do hinh phang giéi han boi cac duong y=-6x,y=0,x=0,x=1
quay xung quanh truc hoanh bang
A. 36rx. B. 12x. C.12. D. 6r.
’ . 1
Néu ham s6 f(x) co f(O)—Z,f(l)—4 va dao ham ! (x) lién tuc trén [0’1] thi If'(x)dx
0
bang
A. 2. B. 1. C. 4. D. 2.
Trong khong gian Oxyz cho ba diém M (0;1;-1), N (=2;0;1), P(1;2;0). Mot vecto phap tuyén
ciia mt phang (MNP) c6 toa d6 1a

A (-3:4;-1). B. (-3;4;-3). C. (-3;—4;-1). D. (1;4;-1).
1

Néu F(x)=x" 1a mot nguyén ham cia hams6 f (x) trén R thi gid tri cua I[f(x)+l] dx bang
0

A. 2. B. 2. C. 3. D. 4.

Trong khong gian Oxyz, cho hai diém A(0;1;-2) va B(3;-5;-6). Dudng thing AB c6 mot
vecto chi phuong la

A us=(3-6-4).  B.us=(3-3%2).  C.us=(3%-4-4). D.us=(3;-6,-8).

3 3
Néu ham s6 f (x) thod man I[l+2f(x)] dx =9 thi J.f(x)a’x bang
0 0

A. 4. B. -3. C.2. D. 3.
Cho hai sé phuc z=1+2i yv3 W=2-i. Mp dun cua sb phirc ZW bang
A2, B. /5. C.3. D. 5.

Trong khong gian Oxyz, khoang cach tir diém A(I;O;—l) dén mat phang
(P):2x+y—2z+2=0 bang
A. 2. B. 4. C.1. D. 3.

Hinh phang gi6i han béi cac duong y=x’ —x,y=0,x=0,x =2 c6 dién tich bang

A. j.(|x3|—|x|) dx. B. j‘(x3—x) dx. C. ﬂj.(x3—x)2 dx. D. .2”x3—x| dx.
0 0 0 0



Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cho tham s6 thuc a > 0. Khi d6 [2¢*dx béng
0

A. e*—1. B. 2¢"-2. C. 2¢* +1. D. 2¢“ +2.

Trong khong gian Oxyz , phuong trinh ciia dudng thang di qua hai diém M (1; 0; 0) va N (2; 3; 4)
la

B.

x+1 y x—1 Yy x+1 y
3 2 3 3

z D. x-1_y_
4 1 1 3

EN N

z
.
Trong khong gian Oxyz , phuong trinh mit cdu c6 tim O va di qua diém A(l; 2;-2) la
A. x> +y*+2° =9, B. x> +y*+z* =1. C.x>+y*+2°=0. D.x*+y*+z°=3.
Cho tham s6 thyc a > 0. Khi d6 '[ 2xe"dx bang

0

A. 2ae” +2e" 2. B. 2ae” -2 +2. C. 2ae" +2e“ +2. D. 2ae” —2¢“ -2
Trong khong gian Oxyz , phuong trinh ctia duong thang di qua diém A(O; 1;0) vuong goc voi
mit phang (P):x+y+2z=01a

AXoY_z72 . Xyl z o x_y_ztzo o, X yol_z

1 1 2 1 1 2 1 1 2 1 1 2
Trong khong gian Oxyz , phuong trinh ctia mat phang di qua diém A(l;—2;0) vuong goc voi
duong thang x| = y+ = 23 la

1 4

A.2x+y+4z-4=0. B.2x+y+4z=0. C.2x+y+z=0. D. 2x+y+4z+4=0.
Trong khong gian Oxyz , mit cau (S): x>+ y* +z° —2x+4z—11=0 co6 ban kinh bing
A. 31. B. \/31. C. 16. D. 4.
Trong khong gian Oxyz , phuong trinh cia mit phang di qua diém A4(1;2;3) va vudng goc véi
truc Oz la
A. z-3=0. B. z+3=0. C.x+y-3=0. D.z-2=0.
Cho ham s§ f(x) =2xcosx. Khi d6 j £(x)dx bing

A. 2xsinx+2cosx+C.B. 2xsinx—2cosx+C.
C. 2xsinx—2cosx+C'. D. 2xsinx—2cosx.

6 3
Néuham sé f(x) thoa man j F(x)dx =6 thi j £(2x)dx bing
0 0

A. 3. B. 12. C.2. D. 3.

Trong khong gian Oxyz , cho hai diém M (l;—2;2) va N (—1; 2;—2). Phuong trinh ciia mit cau
co duong kinh MN 1a
A X +y*+22 =9, B. x’+y"+2z°=36. C.x*+)y’+z°=6. D.x*+)y +z°=3.



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Trong khong gian Oxyz , phuong trinh ctia dudng thang di qua diém A (0; 2; O) va song song voi
-1 y+1 z+2
3 4

la

duong thang al

y+3

3

y-=3

== C.
3

B D

z X z
4’ "2 3 47

Do | =

X z
-5 R

Trong khong gian Oxyz , dudng thang di qua diém M (O; —2;3), cit truc Ox va song song voi
mit phang (P) :Xx—y+z+1=0 c6 phuong trinh la

y=2 z-3

. B.gz _ y+2 z+3

p.I=2rL_Z%°
5 2 -3

5 2 3

Ax:y+2 z=-3 ' C.%zy_2:Z+3.

2 -3 2 3

Trong khong gian Oxyz, cho mit phing (P) :X+2y+2z—6=0. Phuong trinh ctia mit cau c6

tam O va tiép xtic v6i (P) 1a

A. X +y +27 =6. B.x’+y’+z°=4. C.x*+y’+z°=2. D.x*+y +z°=36.
Cho s phuc z thoa man |Z +2i| = |22 +1'| . gia tri 16n nhat ctia |22 + 1| bang

A. 4. B. 3. C. 1. D. 2.

Trong khong gian Oxyz cho 2 diém M (1;—1;0);N (1;2;1) phuong trinh mit phiang di qua M

va vuong goc voi MN :
A. y+z+1=0. B. 3y+z+3=0. C.3y+z-3=0. D. x+y+z=0.

Trong khong gian Oxyz cho diém M (0; 1;1) goc giita dudng thing OM va truc Oy

A. 60°. B. 30°. C. 90°. D. 45°.
. \ 8 1 .
Cho s0 phtrc z thoa man r c6 phan thyc bang 3 Mo dun cia z bang:
Z|+ZzZ
A. 8. B. 16. C. 4. D. 242.
Cho s6 thyc a > 4. Khi do [8xInxdx bing
1

A. 4a’Ina+2a*-2. B.4a’lma-2a>-2. C.4a°lna-2a*+2. D.4da*Ina+2a*+2.

Trong khong gian Oxyz cho hai duong thang d, :XT_l = % = %;d2 :% = yT—l = % Phuong trinh

ctia duong thang song song véi d,, cat d,va cat truc Oz la

x_y_z-1 x_y_z crx_y-l_ z pxl y z
2 1 1 2 1 1 2 1 2 1 1
Cho s6 thuc a > 2. Khi do | dx bing
o 2x+1
A. 2In|2a-1|. B. In|2a-1]. C. In(2a+1). D. 2In(2a+1).

Trong khong gian Oxyz, cho mit phing (P) :x+y+2z+1=0. Phuong trinh ciia mit phang
chtra truc Ox va vudng goc voi (P) la

A.2y+z=0. B.2y-z=0. C.2y—-z+1=0. D. x—2z=0.



Cau 49:

Cau 50:

Trén tap hop cac sd phiic, xét phuong trinh z° +2mz+7m—6=0, voi m 1a tham sé thuc. C6
bao nhiéu gi tri nguyén ctia m dé phwong trinh di cho ¢ hai nghiém phan biét z,, z, théa man
|21 =]z ?

A. 4. B. 5. C.6. D. 3.

Mot vét chuyén dong véi van tdc 10m/s thi ting tdc voi gia toc a (t) =6t (t 1a thoi gian). Chiéu

dai doan dudng cua vat di duoc trong khoang thoi gian 6 gidy ké tir luc bit dau ting tdc bang
A. 276m. B. 226m. C. 1356m. D. 708 m.



1.C 2.A 3.C 4.A 5.B 6.A 7.B 8.B 9.B 10.B
11.A 12.A 13.D 14.D 15.A 16.D 17.A 18.B 19.A 20.A
21.A 22.A 23.D 24.D 25.A 26.D 27.A 28.D 29.A 30.B
31.D 32.B 33.D 34.A 35.A 36.A 37.A 38.A 39.A 40.B
41.B 42.B 43.D 44.C 45.C 46.B 47.C 48.B 49.B 50.A

HUONG DAN GIAI CHI TIET
Caul: Chohimsé f(x)=3x"-3.Khidé [f(x)dx bing
A. X’ =3x"+C. B. x’-C. C. x*-3x+C. D. 6x.
Loi giai
Chon C
Chu2: Trong khong gian Oxyz, mit cau (§):(x+ 1)2 +y°+(z —3)2 =4 ¢6 ban kinh bang
A.2 B. 4 C. 16 D. 1
Loi gidi
Chon A
Chu3: Trong khong gian Oxyz, phuong trinh clia mit phang di qua ba diem A(0;-3;0), B(2;0;0),
C(0;0;5)1a
A2+ X200, B.2=2-Z Q.£+l+£:1. ) S A
2 35 2 -3 5 2 -3 5 -3 2 5
Loi giai
Chon C
Cau4: S phirc lién hop cta sb phirc z=7-9i 1a
A. z=T7+9i B.z=-7-9i C.z=-7+9i D.z=9-7i
Loi gidi
Chon A
r r 2 2 \
Cau5: Neéuhamso f(x) thoa man jf(x)dx =—4 thi I2f(x)dx bang
0 0
A. 6. B. -8. C. 2. D. 8.
Loi giai
Chon B
2 2
[27 (x)dr=2[ 1 (x)dx=-8.
0 0
Cau 6 I sin 2x dx dugc két qua bang

_ 2
AL 29828 o B. 2cos2x. bl
2 2
Loi giai

+C. D. —2cos2x+C.

Chon A



—Ccos2x

Jsin2xdx: 5

+C.

Cau7: Cho hai sb phirc ©1 ~ 372 3 B ="4%60 o4 phirc %'~ ?2 bang

A 1-8i. B. 9-8i. C.1+4i. D. 9+4i.
Loi giai

Chon B

z,=5-2iva z,=-44+61= z,—z,=9-8i.

Cau8: Trong khong gian Oxyz, dudng thing (d): al +32 P ; 2_ % c6 mdt vecto chi phuong 1a
A. LZ:(—2;2;0). B. uj:(—3;4;2). C. uj:(—3;4;0)_ D. 7722(3;4;2).
Loi giai
Chon B
Duong thing (d): x_+32 = yT—2 = % c6 mot vecto chi phwong la uj = (—3; 4; 2),

Cau9: Trong khdng gian Oxyz , cho hai diém 4(3;0;-2) va B(5;—4;4). Trung diém ctia doan 4B c6

toa dd la

A. (8-42). B. (4-2:1). C. (42:1). D. (2;-4;6).
Loi gidi

Chon B

Toa d¢ trung diém ctia doan thing 4B 1a (4;-2;1).
Céu 10: Trong khong gian Oxyz , mit phing (P) :2x+ y—3z="5 cb mot véc-to phap tuyén 1a
Aoy =(213). B.m=(21-3).  C.n,=(2%-3%5).  D.n=(20-3).
Loi giai
Chon B
Véc-to phap tuyén ciia mat phang (P) 1a n, =(2;1;-3).
Céhu 11: Trén mat phang Oxy, cho M (-3;-4) la diém biéu dién cua s6 phirc z. Khi d6 phan 4o cua z

bang

A. 4. B. 5. C. 3. D. 4.
Loi giai

Chon A

Ta c6 s6 phiic z=-3—4i
Vay phan 40 cta sb phirc z 1a —4.

2 5 5
Cau 12: Néuham sé f(x) thoaman [ f(x)dx=2 va [ f(x)dx=-12 thi [ f(x)dr bing
0 2 0

A. -10. B. 10. C. 14. D. —-14.
Loi giai
Chon A

2

Ta co jf(x)dx=jf(x)dx+jf(x)dx=2—12=—1o.

0 2



Cau 13: Mddun ctia s6 phiic z=3—4; bang

A A7 . B.17. C. 25. D.5
Loi giai
Chon D

Ta c6 |z|=4/3" +(-4)" =5.

Céu 14: Néu F(x) 13 mot nguyén ham cua ham s6 f(x) ~CO5Y thoa man F(_”) =1 thi F(O) bang
A. 0. B. 1. C.2. D. 1.
Loi giai
Chon D

0 0
Taco [ f(x)dx=F(0)=F(-r)< [ cosxdr=F(0)-1< F(0)=0+1=1.
Céu 15: Cho s phtc z =1+2i . S6 phirc (l—i)z ¢6 phan thuc va phan ao 1an luot bang
A.3val. B.3va -1. C.-1val. D. -3 val.
Loi giai
Chon A
Taco (1-i)z=(1—-i)(1+2i)=3+i.
Vay sb phuc (l—i)z ¢6 phan thuc va phan 4o 1an luot bang 3 va 1.

Céu 16: Trong khong gian Oxyz , mit phang nao dudi day di qua diém A(l; -1 0) ?

A. (P):x+2y-z-1=0. B. (B):x—y-z=0.

C.(B):2x+y+3z+1=0. D. (B):2x-y+3z-3=0.
Loi gidi

Chon D

Xeét (Pl):2x—y+3z—3=O.Vi 2.1—(—1)+3.0—3:0 nén A(l;—l;O) thudc (Pl)

Céu 17: Hinh phing gidi han boi cac dudng y =e*,y=0,x=0,x =2 c6 dién tich bang

A. e’ 1. B. &°. C.ée +1. D. & —e.
Loi giai

Chon A

r 2

Tacod S:J.exdxzex =e —1.
0 0
Céu 18: Thé tich cua khéi tron xoay do hinh phang gidi han bdi cac dudng y=—6x,y=0,x=0,x=1
quay xung quanh truc hoanh bing
A. 36r. B. 127. C.12. D. 6r.
Loi giai
Chon B

1
1
Taco ¥ =r[(-6x)" dx =127 =127
0



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

' . 1
Néu ham s6 f(x) cod f(O):2,f(l):4 va dao ham f (x) lién tuc trén [0’1] thi If'(x)dx
0

bang
A.2. B. 1. C. 4. D. 2.
Loi giai
Chon A
1
Ta c6 jf dv=1(x)|, =/ (1)-1(0)=2.

Trong khong gian Oxyz cho ba diém M(O;l;—l),N(—Z; 0;1),P(1;2;0). Mot vecto phap tuyén
cla mat ph:fmg (MNP) cOtoaddla
A (-34;-1). B. (-3;4;-3). C. (-3;-4;-1). D. (1;4;,-1).
Loi giai
Chon A
Tacd MN =(-2;-1;2),MP = (1;1;1), suy ra VTPT cita (MNP) la n=| MN,MP | =(~3;4;-1)

1
Néu F(x)=x’ 1a mdt nguyén ham ctia ham s6 f'(x) trén R thi gid tri cua j[f(x)+1] dx bang
0
A. 2. B. -2. C. 3. D. 4.
Loi giai
Chon A
If(x)dx:xS :>f(x):

i.[f(x)+1]dx:j).f(x)dx+_j;dx:x3|L +x|:) :(13 —0)+(1_0)=2.

Trong khong gian Oxyz, cho hai diém A(0;1;-2) va B(3;-5;-6). Dudng thing AB c6 mot
vecto chi phuong la
A us=(3-6,-4).  B.us=(3%-32).  C.us=(3-4-4). D.ui=(3;-6,-8).
Loi giai
Chon A
VTCP ciia duong thing AB 1a 4B =(3;-6;—4).

Néuham s f(x) thod man I[1+2f ]dx 9 thi jf )dx bang

A. 4. B. -3. C. 2.
Loi giai

=
W

Chon D

j[1+2f )]dx = 9@jdx+j2f )dx=9 < x| +2jf a’x=9<:>3+2jf(x)dx=9

:2jf(x)dx:9—3:>jf(x)dx=3.

Cho hai s6 phtic Z = 1+2i vy W=2~i. M dun cua sb phirc 2V bang



Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

A V2. B. /5. C. 3. D. 5.
Loi giai

Chon D

zw=(1+20)(2-i)=2-i+4i-2i* =4+3i

Vay |z.w|=+4% +3% =5.

Trong khong gian Oxyz, khoing cach tr diem A(1;0;-1) dén mit phang
(P):2x+y—2z+2=0 bang
A 2. B. 4. C. 1. D. 3.

Loi gidi
Chon A
d[ 4.(P)]

_[p1+0+2142
22412 4 (-2)

Hinh phéng gi6i han boi cac dudng y=x"—x,y=0,x=0,x =2 c6 dién tich biang

A. j(|x3|—|x|) dx. B. j(x3—x) dx. C. ﬂj.(x3 —x)2 dx. D. .2[|x3—x| dx.
0 0 0 0
Loi giai
Chon D
S = j.|x3 —x| dx.
0

Cho tham sé thuc @ > 0. Khi d6 J.2e2"dx bang
0

A. e —1. B. 2¢“-2. C. 2™ +1. D. 2¢“+2.
Loi giai
Chon A

a

2
=e—1.

IZezxdx = 2.162"
0 2

0

Trong khong gian Oxyz , phuong trinh ctia duong thang di qua hai diém M (1; 0; 0) va N (2;3; 4)

la
AXHL_y_z pxtl.r.z o extl y zo o ol vz
2 3 4 2 3 4 1 4 1 4
Loi giai
Chon D

Dudng thang di qua hai diém M (1;0;0) va N(2;3;4) c6 VTCP u=MN = (1;3;4) c6 phuong

trinh 1a x—_1=l i.
1 3 4

Trong khong gian Oxyz , phuong trinh mit cdu c6 tim O va di qua diém A(l; 2;—2) la



Cau 30:

Cau 31:

Cau 32:

Cau 33:

A x> +y*+2°=9. B. X’ +y +z° =1. C.x>+y’+2°=0. D.x*+y*+z°=3.
Loi giai

Chon A

Ta c6 ban kinh mt cdu 1a R =04 =1 +2? +(-2)" =3.

Vay phuong trinh mét cau (S) 1a x> +y* +2>=9.

Cho tham s thuc @ > 0. Khi d6 J 2xe“dx bang
0

A. 2ae” +2e" -2. B. 2ae” —2e¢" +2. C. 2ae” +2e“ +2. D. 2ae” —2¢" -2
Loi giai
Chon B
u=x du = dx
bat =
dv=e'dx v=e"

a

o —_[exdxj = 2(ae" —e"

0

1= 2I xe'dx = 2(xex
0

8):2[ae“ —(e" —I)J:2ae“ —2e"+2.

Trong khong gian Oxyz , phuong trinh ctia duong thang di qua diém A(O; 1;0) vuong goc voi
mit phing (P):x+y+2z =01a

AEY 72 . r-r*l_z = x y_zt2 o x_yol_z
1 1 2 1 1 2 1 1 2 B | 1 2
Loi giai
Chon D

Puong thang d vudng goc voi mit phéng(P) :x+y+2z=0 nén d cb vec to chi phuong la

u, (1;1;2).

Do d6 phuong trinh chinh tic ciia duong thang d 1a % = yT_l = % )

Trong khong gian Oxyz , phuong trinh ctia mat phang di qua diém A(l;—2;0) vuong goc voi

duong thang x—1:y+1:z—3lé
2 1 4
A.2x+y+4z-4=0. B.2x+y+4z=0. C.2x+y+z=0. D. 2x+y+4z+4=0.
Loi giai
Chon B
o 2 N , iy \ 2 x-1 y+1 z-3 o 2 , ,
Mait phang vuong gbc voi duong thang 5 = " = nén mat phang co6 vec to phap

tuyén la n =(2;1;4)
Do d6 phuong mit phang la 2(x—1)+1(y+2)+4z=0<:> 2x+y+4z=0.

Trong khong gian Oxyz , mat cau (S):x* +y* +z° —2x+4z—11=0 c6 ban kinh bang



Cau 34:

Cau 35:

Cau 36:

Cau 37:

A. 31. B. \/31. C. 16. D. 4.
Loi giai
Chon D
—2a=-2
Ta c6 ji:g S IZ:?Z = R=Na*+b +¢" —d =[P +0° +(=2)’ +11 = 4.
d=-11 d=-11

=1

Q

Trong khong gian Oxyz , phuong trinh ciia mit phang di qua diém 4(1;2;3) va vudng goc véi

truc Oz la

A. z-3=0. B. z+3=0. C.x+y-3=0. D. z-2=0.
Loi giai

Chon A

Mit phang di qua diém A(1;2;3) va vudng goc vdi truc Oz 13 z—3=0.

Cho ham s6 f(x) =2xcosx. Khi d6 [ f(x)dx béng

A. 2xsinx+2cosx+C.B. 2xsinx—2cosx+C.

C. 2xsinx—2cosx+C. D. 2xsinx—2cos x.
Loi giai
Chon A
I=If(x)dx==_[2xcosxdx.
_ |lu=2x du=2dx
bat = )
dv=cosxdx vy =sinx.

I:2xsinx—I2sinxdx:2xsinx+ZCosx+C.

6 3
Néuham s§ f(x) théaman [ f(x)dx=6 thi [ f(2x)dx bing
0 0

A. 3. B. 12. C. 2. D. 3.
Loi giai
Chon A

Détt:2x2>dt=2dx<:>%:dx.
Poicin x=0=¢=0; x=3=7=6.

h © o dr 1§ 1

[rexdc=[r0 T =2 [f@d=—.6=3.

0 0 2 24 2

Trong khong gian Oxyz , cho hai diém M (1;—2;2) va N (—1;2;—2). Phuong trinh ctia mit cau

c6 duong kinh MN 1la

A X’ +y°+2° =9, B. x’+)y°+2°=36. C.x*+y’+z°=6. D.x*+)y +z°=3.
Loi giai

Chon A



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Mit cau duong kinh MN ¢6 tdm I 14 trung diém ctua doan MN va ban kinh bang IM .
= mit chu o6 tm = 0(0;0;0) va ban kinh R =/(1-0)’ +(-2—0)’ +(2-0)’ =3.

Vay mit cau c6 duong kinh MN 1a x* + y* +z* =9.

Trong khong gian Oxyz , phuong trinh ctia dudng thang di qua diém A (0; 2; O) va song song vdi

duong thing x—l=y+1=z+2 la
3 4
AX_r-2_z pX_y3_ z ox_y+3_z 5 x_y+2 =z
- 2 3 4 2 3 4 2 3 4 2 3
Loi giai
Chon A

Goi d 1a dudng thing can viét.
x=1 y+1 z+2
3

d song song v6i dudng thing nén d c6 vecto chi phuong u =(2;3;4). Ma

d di qua diém A(0;2;0) nén d c6 phuong trinh: % _r=2_:z

Trong khong gian Oxyz , duong thang di qua diém M (O; —2;3), cdt truc Ox va song song voi

mit phang (P):x—y+z+1=0 c6 phuong trinh la

x_y+2_z-3 B x_y-2_z-3 C x_y-2_z43 D xX_y+2_ z+3
5 2 3 5 2 3 75 2 37 s 2 30
Loi gidi
Chon A
Goi d' 1a duong thiang can viétva N =d' N Ox = N(x;O;O).
= MN =(x;2;-3) 1a vecto chi phuong cta d'.
d'//(P):x=y+z+1=0=>MNn, =0=1x-12+1.(-3)=0=x=5.
Vay d' c6 vecto chi phuong MN = (5;2;-3). Do dé, d' ¢6 phuong trinh: gzyT-l-Z: 2_33 .

Trong khéng gian Oxyz , cho mat phing (P) :X+2y+2z—6=0. Phuong trinh cia mit cau cd
tam O va tiép xtic v6i (P) 1a
A X +y +2°=6. B.xX’+y’+z°=4. C.xX+y’+z°=2. D.x*+y*+z°=36.
Loi gidi
Chon B
0+2.0+2.0-6]
= =2.

V12 +2% 422

Mat céu c6 thm O va tiép xtic véi (P) nén cé ban kinh R=d(O,(P))
Do d6, mit cau c¢6 phuong trinh 13 x> + y* +z° = 4.

Cho s6 phirc z thoa man |Z+2i| = |22+i|. gia tri 16n nhét cua |22+1| bang

A. 4. B. 3. C. 1. D. 2.
Loi giai

Chon B



Gid st z = a+bi(a;b € R) = |z+2] = [z +1] > Ja® + (b+2)° = (2a) +(2b+1)’
=3a°+3b° =3 d’ +b =17 =1

Taco: [2z+1|<2|z|+1=3

Dau "="xay rakhi z=1

Ciu 42: Trong khong gian Oxyz cho 2 diém M (1;—1;0);N (1;2;1) phuong trinh mit phang di qua M
va vuong goc voi MN :
A. y+z+1=0. B. 3y+z+3=0. C.3y+z-3=0. D. x+y+z=0.

Loi giai
Chon B

Goi (o) la mit phing cén tim= Na :W:(O;Z’;;l)
Vay (a):3(y+1)+(z-0)=0<3y+z+3=0

Céu 43: Trong khong gian Oxyz cho diém M (0; 1;1) goc giita dudng thing OM va truc Oy

A. 60°. B. 30°. C. 90°. D. 45°,
Loi giai
Chon D
Taco: cos(O—M;}‘) :|00:j\j/\[4ﬁ =%
|/

Vay goc gitra duong thing OM va truc Oy bang 45"
Cau 44: Cho s6 phirc z théoa man ——
|z|+z

A. 8. B. 16. C. 4. D. 242.

\ . 1 :
c6 phan thyc bang 3 Mo dun cta z bang:

Loi giai
Chon C

Gia st z=x+yi,v6i x,y € R vadidukién |z|+z#0< y#0.

1 1 3 X+t +x y

Tacod: w= = — i

= - = 2 2
|z|+z (1/x2+y2+x)+yl (1/x2+y2+x) +y° («/x2+y2+x) +y?
2 2
XY+
oy Ty @8(\/x2+y2 +x)=2x2+2y2+2x«/x2+y2

(«/x2 +y° +x)2 +y
& 4(\/)62 +y° +x) = \/x2 +° (\/x2 +3° +x)

\/xz+y2 =4
\/x2+y2 +x=0

cy ek 1
Theo gia thiét, ta co: = 3

[’}

<::>(\/x2 +y° —x)(\/x2 +y° —4)=O<:>



<0 ‘
THI: &+ +x=0 {x , (knong thoa min didu kién).

TH2: x° +1 =4 < x* +)° :16<:>|Z|:4.
Ciu 45: Cho so thuc a > 4. Khi d6 j8xlnxdx bang
1

A. 4a’Ina+2a*-2. B.4a’Ina-24a>-2. C.4a’lna—2a*+2. D.4a’Ina+2a°+2.
Loi giai
Chon C
b

Dung phuong phap tich phan timg phan. 7 = ij In xdx = J.udv
1

a

{uzlnx du=la’x

= x o,
dv = 8xdx Ay

b a a a
I=uv|z—J vdu = 4x* lnx|1 —L 4xdx=4azlna—2x21 =4a*Ina—-2a* +2.

Ciu 46: Trong khong gian Oxyz cho hai duong thing d, :XT_l = % = %;d2 :%z yT—l = % Phuong trinh

ctia duong thang song song véi d,, cat d,va cat truc Oz la

A XYzl B X 2 _Z c.r-xl z  pxl vy z

2 1 1 2 1 1 2 1 1 2 1 1
Loi gidi
Chon B
M N d
Oz
d>

Goi M =dnd, =M ed, = M (2t;1+21;1).
N=dn0z= NeOz= N(0;0;c).

NM =(2t;1+21;¢—¢), d, cb vecto chi phuong 1;:(2;1;1).

2t 142t t—c t=-1
= =
1 1

Vi d//d, nén NM ,u cung phuong suy ra 7= 0
C =

Puong thang d di qua diém N (0; 0;0) vanhdn u = (2;1;1) lam vecto chi phuong, c6 phuong

trinh chinh tic 1a: % = % = i.

1



Cau 47:

Cau 48:

Cau 49:

Cau 50:

Thir lai: Ta thiy duong thiang d :%z = :% song song voi d,, cit d,va cit truc Oz nén

phuong trinh % = % = % thoa dé bai.

a

Cho sb thuc a > 2. Khi d6 I dx bing
0 2x+1
A. 2In|2a-1|. B. In|2a-1|. C. In(2a+1). D. 2In(2a+1).
Loi giai
Chon C
[-2 de=2Lin(2es1)| =mn(2a+1).
0 2x+1 2 0

Trong khong gian Oxyz, cho mit phang (P) :X+y+2z+1=0. Phuong trinh ciia mit phang

chira truc Ox va vudng goc vai (P) 1a

A.2y+z=0. B. 2y—-z=0. C.2y—-z+1=0. D. x-2z=0.
Loi giai

Chon B

Ta cod @z(l;lﬂ) 1a véc-to phap tuyén cia (P):x+y+2z+1=0.

)
Goi (Q) 1a mét phang chira truc Ox va vudng goc véi (P) .
Khi d6 (Q) di qua O vanhan n= [%,;] =(0;2;—1) 1am véc-to phap tuyén.
Suy ra (Q) ¢6 phuong trinh 1a (Q):2y—z=0.

Trén tap hop cac s phiic, xét phuong trinh z° +2mz+7m—6=0, voi m 1a tham s6 thuc. C6
bao nhiéu gia tri nguyén ctia m dé phuong trinh di cho c6 hai nghiém phan biét z,, z, théa man

|| =|=|?

A. 4. B. 5. C.6. D. 3.
Loi giai

Chon B

Taco A'=m?>—Tm+6.

m>6
Truong hgp 1: A'>0< [ E phuong trinh c6 hai nghi¢m thuc phan bi¢t z,, z, thoa
m<
|Zl|:|22|©zl =—z,&z+2,=05m=0.

Truwong hep 2: A'<0< 1<m <6, phuong trinh c6 hai nghiém phtrc lién hop z,, z, = z_l nén
ta luon c6 |Zl| = |zz| .

Do d6 me(1;6)U{0} va meZ nguyénnéncé 5 gia tri m théa yéu cau bai toan.

Mot vat chuyén dong véi van tbc 10m/s thi tang tbe voi gia tbe a (t) =6t (¢ 1a thoi gian). Chiéu

dai doan duong cua vat di duoc trong khoang thoi gian 6 gidy ké tir luc bat dau ting tdc bang
A. 276m. B. 226m. C. 1356m. D. 708m.



Loi giai
Chon A
Tacé v(t)=[a(t)dt =3¢ +C va v(0)=10 nén C=10.
Quing duong vat di dugc trong khoang thoi gian 6 gidy ké tir lic bit dau ting tdc
6 6
s=[v(¢)de=[ (3£ +10)dt = 276 (m).
0

0



Cau 1:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

PE ON TAP KIEM TRA CUOI HOC KY II
MON: TOAN 12 - PE SO: 16 (100TN)

Goi z,,z, 1a hai nghiém phtrc cua phuong trinh z*> +2z+10=0. Tinh 4 = |zl| + |22| .

A. 20 B. V10. C. 10.

Cin béc hai cua sb thue —7 1a
A. 7. B. +i\/7 . Cc.\7.

Phén 4o ctia sé phuc z=2-3i 1a
A. 3. B. 2. C. -3i.

A 5 ’ A \ 5 \ A 2 \
Ho tat ca cac nguyén ham ciia ham s6 f'(x)=cos’x 1a

f—szx+C. B. x+Sm2x+C. C. g+sm2x+c'
A 5 ’ A \ 5 \ A 6 \
Ho tat ca cac nguyén ham ciia ham s6 f (x)=——— 1a
cos’x
A. 6cotx+C. B. 6tanx+C. C. —6cotx+C.
x=2+t

D. 2410 .

D. +7i.

D. 3.

X CcoS2x
2 4

D. -6tanx+C.

Trong khong gian Oxyz , dudng thang d:{ y=—1 ¢6 mdt vecto chi phuong la

z=3-4¢

A. 1, =(1;0;-4). B. i, =(1;-1;4). C. i, =(2;-1;3).

D. ii,=(1;0;4).

2 1
Néu f(x) lién tyc trén doan [-1;2] va If(x)dx =6 thi J.f(3x—l)dx bang
-1 0

A.2. B. 1. C. 18.
1

Tich phan [x**dx c6 két qué Ia
0

1

A ——. B. 1. C.0.
2020

D. 3.

D. .
2021

86 phitc z =a+bi (a,b €R) cé diém bicu dién nhu hinh v& bén duéi. Tim a va b.

y A
3
o T
|
|
|
|
|
|
:
. B T - -ljy[
A.a=-4,b=3. B.a=3b6=4. C.a=3,b=-4.

Céu 10: Cho s6 phtic z =5-3i+i>. Khi d6 mdédun cua sb phirc z 1a

A. |z]=+29. B. |z|=35. C. |7|=5.

D.a=-4,b=-3.

D. |Z|=\/§.



Cau 11: Ho tat ca cac nguyén ham ctia ham s f(x) =4" la

x x+1
Y B. 4" +C. c. 2

. +C. D. 4'In4+C.
In4 x+1

A

CAu 12: Hinh (H) gi6i han boi cac duong y = f(x), x=a, x=b (a<b) vatryc Ox.Khiquay (H)

quanh truc Ox ta dugc mot khdi tron xoay c6 thé tich tinh bang céng thirc sau

A.Vzﬂi|f()C)|d)C. B.V:ﬂjf(x)dx. C.Vzﬂ-b[fz(x)dx. D.V:jf(x)dx.

Céu 13: Dién tich hinh phing (phan gach soc) trong hinh sau bang

y A
y=—x’+3c+3
y:.l.
|
|
|
l
|
-1 !
! o 5 \ r
A. S:j(—x2+2x+3)dx. B. S:j(x2—2x—3)dx.
e -1
C. S:i(—x2+2x—3)dx. D. S:i(—x2+4x+3)dx.
e -1
Céu 14: Cho jf(x)dx=10.Khi do j[2—4f(x)]dx bang
2 2
A. 144, B. —144. C. 34. D. -34.

Cau 15: Cho s6 phtc z thoa man (1+i)z—1-3i=0. Phan thuc clia s6 phirc w=1-iz+z bing
A. —1. B. 2. C. 3. D. 4.

Cau 16: Ho tat ca cac nguyén ham ctia ham s f(x) =sinx la
A. F(x)=tanx+C. B. F(x)=cosx+C.
C. F(x)=—tan+C. D. F(x)=—-cosx+C.

x=2+3t
Cau 17: Trong khong gian Oxyz, cho dudng thang d:{y=5-4¢ va diém A(—1;2;3). Phuong trinh
z=—6+7t
mit phing qua 4 va vudng goc véi d 1a
A.3x—-4y+7z-10=0.B. 3x-4y+7z+10=0.
C.2x+5y—6z+10=0.D. —x+2y+3z-10=0.



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cho hai s6 phtic z, =2+3i va z, =3—i.S6 phiic 2z, —Z, c6 phan ao bang

A. 1. B. 3. C.7. D. 5.

Cho f (x), g(x) 1a cac ham s lién tuc va xac dinh trén R. Trong cac ménh dé sau, ménh dé
nao sai?

A. ISf(x)dszIf(x)dx. B. If(x).g(x)dxzjf X dx.J.g x dx

C. I[f(x)—g(x)]dxzIf(x)dx—jg(x)dx. D. J.[f(x)+g ]dx If dx—l—J.g

Trong khong gian Oxyz, cho hai diém [ (2; 4;—1) va A(O; 2;3). Phuong trinh médt cau co tam
[ vadiquadiém 4 1a
A (x=2) +(y—-4) +(z+1)" =2V6. B. (x+2) +(y+4) +(z-1) =26

C. (x+2) +(y+4) +(z-1)" =24. D. (x=2) +(y-4) +(z+1) =24.

Trong khong gian Oxyz, mit phing di qua diém A(l; —2;2) va ¢b véc-to phap tuyén
i =(3;—1;-2) c6 phuong trinh Ia
A.3x—-y-2z-1=0. B.x-2y+2z+1=0.

C.3x-y-2z+1=0. D.x-2y+2z-1=0.

Ho tat ca cdc nguyén ham cta ham s f(x)= trén khoang (—§;+oo] 1a

3x+2
;2+C. D. - ! ~+C
3(3x+2) (3x+2)

A. In(3x+2)+C. B. éln(3x+2)+C. C. -

Trong khong gian Oxyz, cho hai diém A(1;2;3) va B(O;—I;Z). Toa do AB 1a

A. (-L=31). B. (-1;-3;-1). C. (,-3;1). D. (-1;3;-1).

Trong khong gian Oxyz, phuong trinh mat phang tiép xGc mat cau
(8):x*+y* +2° =2x+4y+3=0 tai diém H(0;-10) la

A. —x+y+z+1=0. B.-—-x+y-1=0. C.x—y+z-1=0. D.—-x+y+1=0.
Diém biéu dién cta s6 phirc z=(2-i) 1

A. (3;-4). B. (3;4). C. (-3;4). D. (-3;-4).

Trong khong gian Oxyz, toa do trung diém cua doan thing 4B véi A(1;2;-3) va
B(2;-1;1)1a

A. (3;1;-2). B. (i 1. —lj C. (—1 3. —2] D. (1 23 2]
22 22 22
Trong khong gian Oxyz, phuwong trinh mit phang di qua hai diém A(2;—1;4), B (3;2;—1) va
vudng goc v6i mit phang x+y+2z-3=0 la
A 1lx=7y-2z+21=0. B.11x-7y-2z-21=0.
C.5x+3y—-4z=0. D. x+7y—2z+13=0.

Cho hai sé phuc z,=1+i va z,=1-i.Tinh z, -z,



Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

A. =2i. B. 2i. C. 2. D. 2.

Modun ctia s6 phitc z théa man (1+i)z=2—i bang
A2, £ C.3. D. 5.
Trong khong gian Oxyz, khoang cach tr diém M (0;0;5) dén mit phing

(P):x+2y+2z-3=0 bing

i nt ¢t

D. 2.
3 3

Trong khong gian Oxyz , hinh chiéu vudng goc cua diém A4(1;-2;3) trén mét phing (Oyz) 6

toa do la

A. (1,0;0). B. (0;-2;3). C. (1,0;3). D. (1,-2;0).
Néu .[f dx 3 va jf =—1 thi J.f dx bang

A. 2. B. 2. C. 4. D. 3.

S6 phtc lién hop ctia s6 phirc z=6-8i 1a

A. 6+8i. B. -6-8i. C. 8-6i. D. —6+8i.
Cho s6 phirc z thoa man (2+3i)z—(1+2i)z="7~i. Tim mbdun cia Z .

A lz|=+3. B. |z|=1. C. |z|=2. D. |z|=
x=1+2t x=3+2t'

Trong khong gian Oxyz, cho hai dudng thing A:{y=2—¢ va A':{y=1-¢" . Vi tri tuong
z=-3 z=-3

ddiciia A va A' 1a

A. A cat A", B. A va A" chéo nhau.

C. A/IA'. D. A=A".

Cho s6 phirc z =3-2i. Tim phén 4o cta s6 phirc w=(1+2i)z
A. —4. B. 4. C. 4i. D. 7.

1
Cho ham s& f(x) thoaman f'(x)=2x—1 va f(0)=1. Tinh If(x)dx .
0

NS b2 ¢l |
6 6 6
x=1+2t
Trong khong gian Oxyz , cho dudng thang A: { y =—14+3¢. Piém nao dudi day thudc A?
z=2—t

A. (2;3;-1). B. (-1;,—4;3). C. (-11;-2). D. (2;-2;4).

Thé tich khdi tron xoay do hinh phang giéi han boi cac dudng y=sinx, y=0,x=0,x=7
quay quanh truc Ox bang



Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

2 2
A. B. Z. c. ™. p. =
2 4 2

NG

Trong khong gian Oxyz , mot vec to phap tuyén cua mit phang 3x+2y—z+1=0 1a
A. oy =(3;2;-1). B.n,=(3-2-1). C.m=(-23%1).  D.n=(321).

Trong khong gian Oxyz , phuong trinh duong thang di qua hai diém 4 (3; -1 2) va B (4; L; 0) la

x—=1 y-2 z+2 B x-3 y+l z-2

A. . B.
3 -1 2 1 2 -2
C. x+1:y+2 :z—2 D. x+3 :y—l :z+2.
3 -1 2 1 2 -2

Biét I f(x)dx = F(x)+C. Trong céc khang dinh sau, khang dinh nao ding?

A. | f(x)dx=F(b)-F(a). B. | f(x)dx=F(b).F(a).

C. | f(x)dx=F(b)+F(a). D. | f(x)dx=F(a)-F(b).

R — > R C— >
[ C— > Q>

Cho s6 phitc z thoa min |z—1| <2. Tap hop cac diém biéu dién s6 phirc w= (1+i\/§)z—1 la

hinh tron ¢6 tAm va ban kinh 1an luot 1a

A.I(O;\/g),R:3. B.1(0;J§),R=6. C.I(—l;\/g),R=2. D.1(0;—J§),R=6.

Trong khong gian Oxyz, cho mit ciu (S ) co tam [ (l; —2;3) va tiép xtc véi mat phiang
(P):2x+9y-92-123=0. Sb diém c6 toa d0 nguyén thudc mat cau () la
A. 96. B. 144. C. 120. D. 124.
Cho s6 phuc z thda man |z+4+i|+|z—4—3i| =10. Goi M va m lan luot 1a gia tri lon nhét
va gia tri nho nhit cua |z +3—7i|. Khi d6 M*+m’® bang

405 645

A. 90. B. —. C. 100. D. —,
4 4

1 '
Cho F(x)=4" 1a mdt nguyén ham ciia ham s6 2*.f (x). Tich phan I%dx bang
n
0

2 4 2 4
A, —. B. —. C. ——. D. —.
In2 In2 In2 In2
Cho ham sb f (x) c6 dao ham lién tuc trén doan [0;1] thba man f (1):1 va
1
(/'(x))" +4(6x> =1).f (x) =40x° —44x" +32x" —4,Vx €[0:1]. Tich phan [xf (x)dx bng
0

13 5 c 3 b3

15 12 15 VA
Trong khong gian Oxyz, phuong trinh duong thang di qua M (4; —2;1) , song song voi mat
phing (a):3x-4y+z-12=0 va cach 4(-2;5;0) mét khoang 16n nhat 1a



Cau 49:

Cau 50:

x=4+t x=4+t x=4-t x=1+4¢
A Jy=-2-t. B. {y=-2+t. C.yy=-2+t¢. D.{y=1-2¢.
z=—1+t z=—1+t¢ z=—1+t¢ z=—1+¢

Puong thing y = kx+4 cht parabol y =(x—2)" tai hai diém phan biét va di¢n tich cc hinh

phing S,,S, bang nhau nhu hinh v& sau.
|

- =
0 2 S~

Ménh dé nao duéi day dung?

A ke(-6,-4). B.ke(-2-1).  C ke(—l;—%). D. ke(—%;oj.

Trong khong gian Oxyz, cho mit cau (§):x’+)*+z°—2x+4z+1=0 va duong thing
x=2-t

d:qy=t .Tong céc gié tri cia m dé d cit (S) tai hai diém phan biét 4, B sao cho céc
z=m+t

mit phang tiép dién cua (S) tai 4 va B vudng goc v6i nhau bang

A. -1. B. -5. C. 3. D. 4.



Cau 1:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

HUONG DAN GIAI CHI TIET

Goi z,,z, 13 hai nghiém phuc cua phuong trinh z° +2z+10=0. Tinh 4= |zl| + |22| .

A. 20 B. +/10. C. 10. D. 24/10.
Loi gidi
Chon D
z, =—1+3i

Cach 1. Taco 2 +22+10=0 < 22 +2z+1=-9 & (z+1)’ =(3i)’ < .
z,=—1-3i

Suy ra |zl| = |zz| =10

Vay A=|z|+|z|=2410.

Cich 2. Ngoai ra, ta cling c6 thé sir dung nhanh may tinh cam tay dé tim nghiém ciia phuong
trinh z° +2z+10=0.

Can bac hai cua sb thue -7 1a

A. 7. B. +i\7. C.\7. D. +7i.
Loi gidi

Chon B

Tacd —7=7i" = (\/71')2 = (—xﬁi)z nén —7 c6 hai can bac hai la cac sé phirc +7i .

Phan 4o ctia s6 phirc z=2-3i 1a

A. 3. B. 2. C. -3i. D. 3.
Loi gidi

Chon D

Ta cd z =2—3inén phan 4o ctia sé phirc z=2-3i 1a -3.

A 5 ’ A \ 5 \ A 2 \
Ho tat ca cac nguyén ham ciia ham s6 f'(x)=cos’x 1a

f_sm2x+c. B.)H_s1n2x+c' Q.£+Sm2x+C. D.ﬁ_cos2x C.
2 4 2 2 4 2 4
Loi giai
Chon C

Ta co J.f(x)dx=.[coszxdx=J-(%+%cos2xjdx =§+%sin2x+€.

Ho tat ca cac nguyén ham ctia ham s6 f(x)= 62 la
Cos X
A. 6¢cotx+C. B. 6tanx+C. C. —6¢cotx+C. D. —6tanx+C.
Loi gidi
Chon B
Ta co: j —dx=6tanx+C.
cos” x
x=2+t

Trong khong gian Oxyz, duong thang d:{ y=—1 ¢6 mot vecto chi phuong 1a
z=3-4¢

A. i,=(1;0;-4). B. i,=(1;-1;4). C. iy =(2;-1;3). D. i,=(1;0;4).



Loi giai
Chon A
x=2+t

Duodng thing d:{ y=-1  c6 mot vecto chi phuong la i, =(1;0;-4).

z=3-4t

2 1
CAu7:  Néu f(x) lién tuc trén doan [1;2] va [ f(x)dx=6 thi [ (3x—1)dx bing
0

-1
A. 2. B. 1. C. 18.
Loi giai
Chon A
bat t:3x—1:>dt:3dx:>dx=%dt

Béicén:
T 0 1
t -1 2
0 17 1
Khido [ f(3x=1)dx==[ F(£)dt==.6=2
J7Gx-Nde=3[7()di=3
1 r
Cau 8: TMWanm%“wmmmm
0
1
A ——. B. l. C. 0.
2020
Loi giai
Chon D

1 202! 1 1
Ta Cé szozodx:— =—.
0 2021 0 2021

D. 3.

D. —.
- 2021

Cau9: Sbphtc z=a+bi(a,beR) cé diém bicu dién nhu hinh v& bén duéi. Tim a va b.

y A
3
(0] I o
|
|
|
|
|
|
|
|
- 3 I rp——— - N
A.a=-4,b=3. B.a=3,b=4. C.a=3,b=-4.

Chon C

Cau 10: Cho s6 phirc z =5-3i+i>. Khi 6 modun cua s6 phirc z 1a



A |z|=~29. B. |z|=35. C. |z|=5. D. |z|=

Chon C
Tacd z=5-3i+i> =4-3i. z= |4 +(=3)* =
Céu 11: Ho tat ca cac nguyén ham ctia ham sd f(x) =4"la

4): 4x+1

A. —+C. B. 4" +C. C. +C. D. 4 In4+C.
In4 x+1
Loi giai
Chon A
r A 4 X X 4X
Ta c6 cong thirc ja dx:—+C nén I4 dx = +C.
Ina In4

CAu 12: Hinh (H) gi6i han boi cac duong y = f(x), x=a, x=b (a<b) vatryc Ox.Khiquay (H)

quanh tryc Ox ta dwoc mot khdi tron xoay c6 thé tich tinh bang cong thirc sau
b b
A V=z[lf(x)dc. B.V=r[f(x)dx. C.V= njf )dx. D.V= jf

Loi giai
Chon C

Céu 13: Dién tich hinh phang (phan gach soc) trong hinh sau bang

y A
y=—x4+3x+3
y=um
|
|
|
l
|
-1 !
' 0 3 \ r
A. S=j(—x2+2x+3)dx. B. S=i(x2—2x—3)dx.
C.S:j(—x2+2x—3)dx. D.S:i(—x2+4x+3)dx.

Loi giai
Chon A
Tir d thi ta thly —x* +3x+3>x,3x e [—1' 3] nén ta c6 dién tich mién phang (gach soc) 1a

S = j| (—x* +3x+3)- |dx ”—x +200+3|dx i (—x* +2x+3)dr.

-1



Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

5 5
Cho [ f(x)dx=10.Khido [[2-4f(x)]dx bing
2 2
A. 144, B. —144. C. 34. D. 34,
Loi giai
Chon D

Ta c6 j.[2—4f(x)]dx:2.5[dx—4j.f(x)dx=2x|§ ~4.10=-34.

2

Cho s6 phirc z thoa man (1+i);—1—3i = 0. Phan thuc cta s6 phirc w=1-iz+z bang

A. —1. B. 2. C. 3. D. 4.
Loi giai
Chon B
_ _ . NI, . : A2 .
Ta cb (1+i)z_1_3i:0©221+3l:(1+3l)(1 1):1 l+312 3i :4+21:2+
I+i  (A+)H(d-i) -1 2

=Sz=2-iw=l-iz+z=1-2i+i"+2-i=2-3i.
Ho tt ca cac nguyén ham ciia ham sé f(x)=sinx la
A. F(x)=tanx+C. B. F(x)=cosx+C.

C. F(x)=—tanx+C. D. F(x)=—-cosx+C.
Loi gidi
Chon D

Jsinxdx =—cosx+C.

x=2+3t
Trong khong gian Oxyz, cho dudng thang d:4y=5-4¢ va diém A(—1;2;3). Phuong trinh
z=—6+7t
mit phiang qua 4 va vudng goc véi d 1a
A.3x—4y+7z-10=0.B. 3x—4y+7z+10=0.
C.2x+5y—-6z+10=0.D. —x+2y+3z-10=0.
Loi giai
Chon A
Puong thang d c¢6 mot vecto chi phuong i, = (3;-4:7).
Mt phang di qua A(-1;2;3) va vudng gbc v6i d, nhén i, =(3;—-4;7) 1am mot vecto phap
tuyén nén c6 phuong trinh 1a: 3(x+1)-4(y-2)+7(z-3)=0<3x-4y+7z-10=0.

Cho hai s6 phtic z, =2+3i va z, =3—i. S6 phiic 2z, —Z, c6 phan 4o bang

Al B. 3. C.7. D. 5.
Loi giai

Chon D

Ta co: 2z, —Z, =2(2+3i)—(3+i)=1+5i.

Vay, sb phirc 2z,-2z, cb phan 40 bang 5.



Cau19: Cho f (x), g(x) 1a cac ham s lién tuc va xac dinh trén R. Trong cac ménh dé sau, ménh dé

A. J‘ij.(x)dx=5_'.f(x)dx. B. If(x).g(x)dxzIf(x)dx..'.g(x)dx.

C. I[f(x)—g(x)]dx=.[f(x)dx—jg(x)dx. D. I[f(x)+g(x)]dx=J.f(x)dx+J.g(x)dx
Loi giai

Chon B °

Ap dung tinh chat ctia nguyén ham, ta c6 dap an B 1a sai.
Céu 20: Trong khong gian Oxyz, cho hai diém 7(2;4;-1) va 4(0;2;3). Phuong trinh mdt cau c6 tim

I vadiquadiém 4 la

A. (x=2)" +(y-4) +(z+1) =246. B. (x+2) +(y+4) +(z-1)" =26.

C. (x+2) +(y+4) +(z-1)" =24. D. (x=2) +(y—4) +(z+1)" =24.
Loi gidi

Chon D

Taco: 14 =(-2-2;4)= 14 =|TA| - \/(_2)2 +(_2)2 L4 =4

Mit cau c6 tim / va di qua diém A nén ban kinh ctia mit ciu bang 14 =+/24 .
Phuong trinh mit cau 1a: (x— 2)2 +(y- 4)2 +(z+ 1)2 =24.

Cau 21: Trong khong gian Oxyz, mit phang di qua diém A(1;-2;2) va ¢6 véc-to phdp tuyén
i =(3;—1;-2) c6 phuong trinh Ia
.3x—y-2z-1=0. B.x-2y+2z+1=0.
3x=y-2z+1=0. D.x-2y+2z-1=0.
Loi gidi

a P

Chon A
Phuong trinh ctia mit phang (P) qua A4(1;-2;2) véi vée-to phéap tuyén 7i =(3;-1;-2) 1a

3(x—1)—(y+2)—2(z—2)=O<:>3x—y—22—1:0.

Céu 22: Ho tat ca cac nguyén ham ctia ham s f(x) = trén khoang (-%;-FOO) la

3x+2
A n(3x42)+C. B im(x+2)+C. c.-—1 e p.-—1 .
3 3(3x+2) (3x+2)

Loi giai
Chon B
Vi xe(—%ﬁooj thi 3x+2>0, ta co
[£(x)de=] : dx:lmpx+4+C=lm@x+n+c.

3x+2 3 3
Céu 23: Trong khong gian Oxyz, cho hai diem 4(1;2;3) va B(0;-1;2). Toa do AB 1a

A (-L-31). B. (-1;-3;-1). C. (1,-3:1). D. (-1;3;-1).

Loi giai
Chon B



Taco: AB=(0-1;-1-2;2-3) =(-1;-3;-1).
Cau24: Trong khoéng gian Oxyz, phuong trinh mit phang tiép xdac mit cau
(8):x*+y*+2° —2x+4y+3=0 tai diem H(0;-10) la
A. —x+y+z+1=0. B.-—-x+y-1=0. C.x—y+z-1=0. D.—-x+y+1=0.
Loi giai
Chon D
Mit cau (S):x> + ) +2° =2x+4y+3=0 co tam /(1;-2;0).
Ta co: IH =(-1;1;0).
Mat phéng tiép xGic mit cau (S) tai diém H(O;—I;O) la mat phéng di qua H(O;—l;O) va nhan
[H =(~1;1;0) 1am vecto phap tuyén c6 phuong trinh la
~1(x=0)+1(y+1)+0(z-0)=0 < —x+y+1=0.

Céu 25: Piém biéu dién cua sb phirc z = (2— i)2 la
A. (3;-4). B. (3;4). C. (-3;4). D. (-3;-4).
Loi giai
Chon A
Taco z=(2-i) =4—4i+i’=4-4i-1=3-4i.

Suy ra diém bicu dién cua so phirc z 1a (3;-4).

Cau 26: Trong khong gian Oxyz, toa d0 trung diém cta doan thing AB véi A(l;2;—3) va

B(2;-1;1)1a
31 -13 1 3
A. (3;1;-2). B.| =;—;—-1]. C.|—;=;-21. D.|—;—;
22 22 2 2
Loi giai
Chon B
X, +x, 1+2 3
X, = — ==
2 2 2
. .2 . -1 1
Goi I(x;;y,;z,) 1a trung diém cia 4B khi do ta co y,zy“;yBZT:E .
ZI_ZA+ZB_—3+1=_1
2 2

31
S I —;—;—1].
uy ra (2 > j

Céau 27: Trong khéng gian Oxyz, phuong trinh mét phang di qua hai diém A(2;-1;4), B(3;2;-1) va
vudng goc voi mit phang x+ y+2z-3=0 1a
A. 1lx-7y-2z+21=0. B. 11x—-7y—-2z-21=0.
C. 5x+3y—-4z=0. D. x+7y—-2z+13=0.
Loi gidi
Chon B



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Goi (@) 1a mit phing di qua hai diém 4(2;-1;4), B(3;2;-1) va vudng goéc véi mit phang
x+y+2z-3=0.

Mit phing x+y+2z-3=0 c6 vecto phap tuyén i =(1;1;2); 4B =(1;3;-5).

= vecto phép tuyén cia (a) la [E,ﬁ] =(15-7;-2).

Vay (a): 11(x=2)=7(y+1)-2(z=4) =0 llx=Ty—-2z-21=0.

Cho hai s6 phitc z, =1+i va z, =1—i. Tinh z, —z,.

A. -2i. B. 2i. C.2. D. 2.
Loi giai

Chon B

Tacod z,—z, =(1+i)—(1-i)=2i.

Médun ciia s phttc z thoa man (1+i)z =2—i bang

A V2. 5.@. C.3. D. 5.
Loi giai
Chon B
(1+i)z=2—i
2—i 1 3
S Z=—=s———
1+i 2 2

Trong khong gian Oxyz, khoang cach tr diém M (0;0;5) dén mit phang
(P):x+2y+2z-3=0 bang

A. 4. B.§. C.
3

[SHINN
o
(SRR

Loi giai
Chon D
|0+2.0+2.5-3] 7

JPe2242r 30

Trong khong gian Oxyz , hinh chiéu vudng goc cua diém A4(1;-2;3) trén mdt phing (Oyz) 6

d(M,(P))

toa dd la

A. (1,0;0). B. (0;-2;3). C. (10;3). D. (1,-2;0).
Loi gidi

Chon B

+ Ta c6 hinh chiéu cia 4(1;-2;3) 1én mit phang toa do (Oyz) c6 toa do la (0;-2;3).

Néu j.f(x)dx:3 va j.f(x)dx:—l thi j-f(x)dx béng

A 2. B. -2. C. 4. D. -3.
Loi giai



Cau 33:

Cau 34:

Cau 35:

Cau 36:

Chon A

5
+Taco [ f(x) j dx+.|.f )dx=3+(-1)=2.
1
S6 phirc lién hop cua sd phitc z=6-8i 1a
A. 6+8i. B. -6-8i. C. 8—6i. D. —6+8i.
Loi giai
Chon A

Ta c6 s6 phiic z=a+bi s& co sb phirc lién hop 1a z=a—bi.

Do d6 s6 phirc lién hop ctua z=6-8i 1a z=6+8i.

Cho s6 phtrc z thoa man (2+3i)z—(1+2i)z="7~i. Tim mbdun cia Z .

A. |Z|:\/§. B. |z|=1. C. |z|=2. D. |z|:
Loi giai

Chon D

Goi z=a+bi khidd z=a-bi.

Taco (2+3i)z—(1+2i)z=7—i

< (2+3i)(a+bi)—(1+2i)(a—bi)=

<:>a—5b+(a+3b)i:7—i

a-5b=7 a=2
= o
a+3b=-1 b=-1

S6 phitc z=2~i nén || =

x=1+2t x=3+2¢'
Trong khong gian Oxyz, cho hai dudng thing A:{y=2—¢ va A':{y=1-1'

z=-3 z=-3
ddiclia A va A' la
A. A cit A", B. A va A' chéo nhau.
C. A//IA". D. A=A".

Loi giai

Chon D

Puong thing A ¢ VTCP u, =(2;-1;0) va qua N(1;2;-3), duong thing A' c6
VTCP u,, = (2;-1;0) va qua M (3;1;-3).

. Vi tri tuong

Xét [Z,Z] =0 suyra A va A' co thé song song hodc tring.( C6 thé ding Z = ;;)

1=3+2¢'

Thay toa dd N (1;2;-3) vao A' tadugc <2=1-1" < ¢'=-1 hay N(1;2;-3) thudc A'.

3=-3
Vay A=A".
Cho s6 phirc z =3-2i. Tim phén 4o cta s6 phirc w=(1+2i)z

A. —4. B. 4. C. 4. D. 7.
Loi giai



Chon B
Ta co: w:(1+2i)z:(1+2i)(3—2i):7+4i.

Suy ra phan 4o ciia w 1a 4.

1
Cau 37: Chohamsd f(x) thoamin f'(x)=2x—1va f(0)=1. Tinh If(x)dx .
0

A 2. B. -2 g.é. p. -1
6 6 6
Loi giai
Chon C
Taco: f(x)=[ f'(x)dx=[Qx-Ddr=x"-x+C = f(0)=C=1.
‘ ‘ oy 111 5
= f) =2 —x+1= [ f)de= (P —x+1)dv=| - x| ==——+1=2.
S !f() !( Jv=| S-Sk || =3t
x=1+2t
Ciu 38: Trong khong gian Oxyz, cho duong thang A: < y = —1+3¢. Diém nao duéi day thuoc A?
z=2—t
A (2;3-1). B. (-1;-4;3). C. (-L1;-2). D. (2;-2;4).
Loi giai

Chon B
x=1+2(-1)=-1

Nhan thdy véi ¢ =1 thay vao dudng thang A: { y=—1+3(-1)=-4= M (-;,—4;3) e A
z=2-(-1)=3

Cau 39: Thé tich khdi tron xoay do hinh phang gidi han boi cac duong y=sinx, y=0,x=0, x=7
quay quanh truc Ox bing

2 2
AL B. Z. c. ™. p. Z.
4 2 4 2
Loi gidi
Chon D

Thé tich khdi tron xoay do hinh phang gi¢i han boi cac dudng y=sinx, y=0,x=0,x=7

2
e T l;z —o|=2-.
0 2 2
Ciu 40: Trong khong gian Oxyz , mot vec to phéap tuyén ciia mat phang 3x+2y—z+1=0 1a

A. n,=(3;2;-1). B.n,=(3-2-1). C.nm=(-23%1).  D.n=(321).

Loi giai

quay quanh truc Ox la:

V= 7rJ‘sin2 xdx = ﬁjﬂdx = ﬁ(lx—lsinbcj
0 2 2 4

0

Chon A
Vec to phap tuyén cia mat phang 3x+2y—z+1=0 1a nj = (3; 2;—1) .

Cau 41: Trong khong gian Oxyz , phuong trinh duong thang di qua hai diém A(3;—1;2) va B(4;1;0) la
x—1 y-2 z+12 B x-3 y+1 z-2

A. . B.
3 -1 2 71 2 -2




Cau 42:

Cau 43:

Cau 44:

x+1 y+2 z-2 x+3 y-1 z+2
"3 -1 2 1 2 2
Loi giai

Chon B

Taco: E(l;2;—2).

Duong thing di qua hai diém A(3;-1;2) va B(4;1;0) nhan vécto chi phuong u=AB b
x=3 y+l z-2

phuong trinh 1a : S T

Biét J' Sf(x F(x)+C. Trong cac khang dinh sau, khing dinh nao dang?
A. if(x)dx:F(b)—F(a). B. if(x)dx=F(b).F(a).
C. [ f(x)dx=F(b)+F(a). D. jf( )dx=F(a)—F(b)

Chon A

b
Theo dinh nghia, tacé : [ f (x)dx=F (b)~F(a).

a

Cho s6 phitc z thoa min |z—1| <2. Tap hop cac diém biéu dién s6 phirc w= (1+i\/§)z—1 la

hinh tron ¢6 tAm va ban kinh 1an luot 13

A.1(0;J§),R=3. 5.1(0;@),1{:6. C.I(—l;\/g),R=2. D.1(0;—J§),R=6.

Loi giai
Chon B
Goi sb phitc w=a +bi (a;be]R)
Ta co: w=(l+i\/§>z—1 nén z = 11}3%
Vi |z—1|£2 nén
w+l ‘ PR | w+l 1+fz| e w+fl ‘WJ“/_"
1+\/_1 ‘l-i-\/—l 1+\/_l‘_ 1+\/—l ‘1+\/_1‘

<:>‘w+\/§i‘£2.‘l+\/§i‘<:>‘w+\/§i‘£6<:>‘a+(b—\/§)i‘£6<:>a +(b—\/§)2£36
Vay tap hop cac diém biéu didn sb phic w= (1 +iV8 ) z—1 13 hinh tron c6 tim va ban kinh 14n
luot 1a: 1(0;J§),R=6

Trong khoéng gian Oxyz, cho mit cau (S ) co tam [/ (1;—2;3) va tiép xtGic véi mat phang
(P):2x+9y—-9z-123=0. S6 diém c6 toa do nguyén thuoc mat cau (S) 1a
A. 96. B. 144. C. 120. D. 124.
Loi gidi
Chon C
Ban kinh mat cau (S) la khoang cach tur I(l; —2;3) dén mat phéng (P) :2x+9y-92z-123=0



Cau 45:

) 2.14+9.(-2)-9.3-123|
Nén R = =
22 +92+(-9)?

Do d6 phuong trinh mit cdu () 1a: (x—1)° +(y+2)° +(z-3)" =166

V166

Tacod 166=3%+62+11> =62 +72+9% =22 49% 192

Do b6 sb (|x—l z—3|) 12 mot hoan vi ctia bo ba s (3 ; 65 11),co tat ca 6 hoan vi nhu

y+2

b b

vay.

V&i mdi bd hoan vi (3 ;6 11) cho ta hai gi4 tri x, hai gid tri y, hai gia tri z tic la co
22.2=8 bd (x AN z) 13 phan biét nén theo quy tac nhan co tat ca 6.8 =48 diém c6 toa do
nguyén thudc mit cau (S ) )

Tuong tu voi bd ) (6 ;75 9) cling c6 48 diém c6 toa do nguyén thudc mat cau (S) .
V6ibosd (25 9;9) chico3hoanvila (2595 9);(9:2;9);(9;9;2). Vamdi hoan vi
nhu vay lai c6 8 b (x 5V z) 1a phan biét nén theo quy tic nhan c6 tat ca 3.8 =24 diém co
toa d6 nguyén thudc mat cau (S ) .

Vay co tat ca 48+48+24 =120 diém c6 toa dd nguyeén thudc mat cAu (S) .

Cho s6 phuc z thda man |z+4+i|+|z—4—3i| =10. Goi M va m lan luot 1a gia tri lon nhét
va gid tri nho nhat cta |z +3—7i|. Khi d6 M* +m’ bang

B, 205, C. 100. p. ¥
=4 4
Loi gidi

A. 90.

Chon B

Tro.ng mit phang phiic v6i hé truc toa do Oxy, goi T(x;y), A(-4;-1), B(4;3) va P(=3;7)
lan luot 1a diém biéu dién cta cac sb phic z, —4—i, 4+3i va —3+7i.

Khi d6 gia thiét |z+4 +i|+|z—4-3i] =10 dwgc viét lai thanh T4+ TB =10 va M, m lan luot
1a gi4 tri 16n nhat, gi4 tri nho nhit cua TP.

Tacd AB =45 nén tap hop tat ca cac diém T thoa man TA+TB =10 1a mot duong elip c6
tiéu cy 2¢=4+/5 va d6 dai truc 16n 2a=10.

Goi 7 1a trung diém ctua AB . Khi d6 1(0;1), IP= 3J5 va IP L AB vi IP.AB=0.



Chon lai hé truc toa do moéi fuv voi géc toadd la 7 ,tia fu trung véitia [B vatia Iv trung
véi tia IP. DI véi h¢ truc toa o fuv , ta cd 1(0;0), 4(-2v5:0), B(2v5;0), P(0;35) va
T(u;v).

2 2
\%

Elip c6 a =5, ¢ =2+/5 nén b=+/5 va phuong trinh ciia elip 1 ;’—5+?:1.

X r r 2
Ta can tim gia tri 16n nhat va gia tri nho nhat cua 7P = \/u2 + (v - 3\/5) .

2 2
Tt phuong trinh cua elip Z—5+% =1,tadat u=5cost, v= \/gsin t, te [0; 27[].

Khi do6

TP=\/25coszt+5(sint—3)2 =\/250052t+55in2t—305int+45

= /20cos’ £ —30sint +50 = v/—20sin’ f —30sin¢ + 70
Xéthamsd f(k)=-2k>—3k+7 trén doan [—1;1], ta c6 bang bién thién nhu sau:

k| -1

fk)| 8 /

1

00|3 uh'lo.:u

2

; 325 _» 2 ;
Tu bang bién thién trén, ta dugc 20 < TP =,/10f (sint) <,/|—— . D¢ dang kiém tra cac dau
g oc 10/ (sint) < Z g

. 325 405
dang thic xay ranén M = %, m=+20 va M*+m’ :T+ZO=T.

1 '
Ciu 46: Cho F(x)=4" 1a mot nguyén ham ctia ham sé 2°.f (x). Tich phan I% bang
0

In



2 4 2 4
B c.-=—

A, —. . —. . . D. —.
~ In2 In2 In2 In2
Loi gidi
Chon A
Vi F(x)=4" 1a mot nguyén ham ctia ham s6 2°.f (x) nén 2.1 (x)=F'(x)=4"1n4.

)=
Suyra f(x)=2"In4.
T do ' (x) “In2.In4=2"1n"2.
(5,
2

o g

CAu47: Cho ham sb f(x) c6 dao ham lién tuc trén doan [O;l] thoa man f(l)zl va

J‘ )Hrldx 2x+1 i
ln2 In2"

1
(/'(x))" +4(6x> =1).1 (x) =40x° —44x" +32x" —4,¥x €[ 0;1]. Tich phan [xf (x)dx bng
0

-3 E-i- c. D. -2
15 12 15 B
Loi giai

Chon B

Léy tich phan hai vé cla déng thirc trén doan [0;1] co

1 1 1

[(/0) dx+4[ (65 =1)f (x)dx = [ (40x° —4dx* 320 —4)dr =10

0 0 0 105

Theo cong thirc tich phan timg phan ¢

[(6¢ 1)1 v = £(d (22 ~x) = (20" ~x) S| - [ (26" ) £

1
=1 —J.(Zx3 —x)f'(x)dx
0
Thay lai dang thirc trén ta co

[0 10y 376 |
-([(f(x))dx+4(l [(2x —x)f()dx] Tos O(f()) j(zx —x)f(x)dx+ﬁz

<~

(/00 a4 (26 ) fonte s [[ 2260 ) Tx=0

PN (f’(x)—2(2x3—x))zdx=0<:>f’(x)=2(2x3—x),Vxe[O;l]:f(x)zx“—x2+C

C— o —

1 1
5
Mit khac f(1)=1=C=1 =x'—x +1 dx = ol =—
atkhac f(I)=1=C=1= f(x)=x x+:>'([xf(x) ‘!.x(x X +1)dx =

Cau 48: Trong khong gian Oxyz, phuong trinh duong théng di qua M (4; —2;1), song song vOi mat
phing (a):3x—4y+z-12=0 vacach 4(-2;5;0) mot khoang 16n nhét la
x=4+t x=4+t x=4-t x=1+4¢
A.Jy=-2—-t. B.iy=-2+t¢. C.qy=-2+t¢. D.<y=1-2t.
z=—1+t z=—1+t¢ z=—1+t¢ z=—1+t



Loi giai
Chon B

M H
Goi H 14 hinh chiéu cta diém A xudng duong thang A. Khi 86 AH < AM . Vay d(4,A) 16n
nhitkhi H=M, hay AM L A.Tacé AM =(6;-7;1)
Goi 71, = (3;—4;1) 1a vecto phap tuyén ctia mit phang (). Ta c6 [m, n,]1=(-3;-3;-3)
AM 1 A
{A /(@)
Hay 4, = (1;1;1) 1a mdt vecto chi phuong cuia duong thing A

= A nhan [W, ﬁ(a)] lam mot vecto chi phuong.

x=4+t
Do M € A nén phuong trinh A 1a { y=-2+t¢
z=1+t¢

Ciu 49: Puodng thing y = kx+4 cit parabol y = (x - 2)2 tai hai diém phan biét va dién tich cac hinh

phang S.,95, bang nhau nhu hinh v& sau.
f

(@

Ménh dé nao dudi day dang?
A. ke(—6;—4). B. ke(—2;—1). C. ke(—l;—%). D. ke(—%;O).

Loi giai
Chon D
Theo hinh v& ta co k <0.
Phuong trinh hoanh d6 giao diém ciia dudng thang y = kx+4 cit parabol y = (x- 2)2 la:
x=0

(x—z)z—(/cx+4)=0@x2—(k+4)x=o@L:k+4.



+ Pudng thang y = kx +4 cit truc hoanh tai diém x = —%.

Diéu kién —2 < k <0, theo hinh V&, ta co:

k+4

S, = ! (o 4= (x—2)" =k:!:4(—x2+(k+4)x)dx.
¥ k+4 , o
(o

x—2)2dx+ _ch(kx+4)dx:

k+4

(k+4)3
e

0

k+4 4

Tk
+ (Exz + 4xj
2

k+4

(x-2)

%}
S
Il
I\)'—.‘T
S
—

2

- (’”32)3 +(—%)—[§(k+4)2 +4(k+4)j.

—k* —12k° — 48Kk> — 80k — 48
6k ’

(k+4)  —k*—12k —48k> —80k — 48
6k

k' 12k +48K° + 72k +24=0 & (K +6k) +12(k* +6k)+24=0(*)

Do do: S, =5, <

t=—6+23
t=—6-23

Giai phuong trinh trén véi ¢ = k£ + 6k ta duge [

Véi t=—6+23 = k> +6k=—6+23

) k=~3+233-3
o (k+3) =(3+243) =
k=—3+23-3
Véi 1=—6-23 < k> +6k=—6-23
& (k+3)" =(3-2V3) (v6 nghiem)
Tomlai k=~/3+2/3 -3 1a gia tri can tim.
Cau 50: Trong khong gian Oxyz, cho mit cau (§):x”+)*+z°—2x+4z+1=0 va duong thing
x=2-t
d:{y=t .Tbng cac giatricua m dé d cat (S) tai hai diém phan biét 4, B sao cho cic
z=m+t
mit phang tiép dién cua (S) tai 4 va B vudng goc v6i nhau bang

A. -1, -5. C. 3. D. 4.
Loi giai

I®

Chon B
Do (8):x*+y*+z* —=2x+4z+1=0 nén tim ctia mit cau la /(1;0;-2).
Xét phuong trinh (2—t)2 +1 +(m+t)2 —2(2-1)+4(m+1)+1=0.

&3 +2(m+1)t+m’ +4m+1=0 (1).



Puong thang d cét (S ) tai hai diém phan biét 4,B < phuong trinh (1) ¢6 hai nghiém phan
-5-~21 —5++/21
— <m<—— (2).

biét #,t, & A' >0 2m° —10m—2>0 <

2
2(m+1
oy =20t
Khi d6, theo dinh 1y Vi — ét ta c6:
m*+4m+1
tt, = 3

Taco A(2—t;t;m+1,);B(2—1,3t,;m+t,)
= IA(1-t;t;m+2+4); IB(1-t,5t,,m+2+1,).
Céc mt phang tiép dién cua (S) tai 4 va B vudng gbe vé6i nhau khi va chi khi

IAIB=0< (1-1,)(1=t,) + 1, +(m+2+4)(m+2+2,)=0

I ‘
o m+5Smid=0o [m , (thoa mn didu kién (2).

m=—
Vay tong cac gia tri cia m thoa man yéu cau bai toan 1a 5.
------------- | § ] DY |p——



PE ON TAP KIEM TRA CUOI HOC KY II
MON: TOAN 12 - PE SO: 17 (100TN)
1

Caul:  Néudat u=2x+1thi [(2x+1)"dx bing

0

1 3 3 1
A. Ju“du. B. lJ’u“du. C. ju“du. D. lJ-u“du.
0 2 1 1 2 0
Cau2: Chohamsb y= f(x) c6 dd thi nhu hinh v&. Dién tich phan t6 dam béng
by
O 1 2 =:15:
—2
1 1 2 0
Ao 17 (x)|dx. B. [| £ (x)|dx. C. [|£ (x)]dx. D. [|f(x)dx.
i) 0 0 -1
Ciu 3: Cho s phttc z=-5+2i. Phan thyc va phan 4o cta sb phic z lan luot 1a
A. -5 va 2. B. 5 va -2. C.5vaz2. D. -5va?2.

Cau4: Trong khong gian Oxyz , phuong trinh mat cau tam 1 (—l; 0;1) , ban kinh bang 3 1a
Ao (x=1) +y +(z+1) =3, B. (x—1) +y*+(z+1)" =9.
C. (x+1)2+y2+(z—1)2=3. D. (x+1)2+y2+(z—1)2:9.

Cau5: Trong khong gian Oxyz , mit phing (P) :2x-3z+2=0 c6 mdt vecto phap tuyén la
A. n=(2;-30). B. n=(2;-3;2). C. n=(2;3;2). D. n=(2;0;-3).

Cau 6:  Cho hai s6 phirc z, =5—6i va z, =2+3i. S6 phic 3z, —4z, bang
A. 26-15i. B. 23-6i. C. -14+33i. D. 7-30i.

Cau7: Cho hinh phang D giéi han boi do thi ham s y =2x—x? va truc Ox . Thé tich khdi tron xoay
duoc tao thanh khi quay D quanh truc Ox bang
[ B. 1% c. 2z p. 2%
15 15 3 15
Cau8: Ho tat c4 cc nguyén ham ctia ham s f(x)= )c(x2 + 1)9 1a
1 1 1
A. (x2+1)10+C. B. —(x2+1)10+C. C. —(x2+1)10+C. D. —( 2+1)10+C.
2 20 10
Cau9: Dién tich hinh phang giéi han boi d6 thi ctia cac ham s y=x?, y=x va cic dudng thing
x=0, x=1 bang



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

A. T|x2+x|w. B. j|x2—x|dx. C. T|x2—x|dx. D. j|x2+x|dx.
e | 0

0
Trong khong gian Oxyz, cho cac diém A(-1;2;3), B(2;1;0) va C(4;—1;5). Mt vecto phap
tuyén cua mt phing (ABC) c6 toa do 1a
A. (15;-21;—-4). B. (11;21;4). C. (2,7;2). D. (-2;7;-2).
Trong khong gian Oxyz, phuong trinh dudng thang di qua M (1;1;—2) va vudng goc voi mat
phing (P):x—y—z—l =0 1la

x-1 y-1 z+2 x+1 y+1 z-2

A. B. .
1 -1 -1 1 -1 -1

C. x—l:y—1:z+2.D. x—1:y+1 :z+2.
1 1 -2 1 1 -2

Trong khong gian Oxyz, cho hai diém M (3;1;4) va N(0;2;-1). Toa do trong tAm cla tam
giac OMN 1la

A. (-3;1,-5). B. (-1;-1;-1). C. (3:3;3). D. (L1;1).

Trong mit phang Oxy , s6 phiic z =—2+4i dugc biéu dién bai diém nao trong cac diém & hinh

ve dudi day?

Y
Cr""‘4
1
1
A 1
_— e h — — =
T- 1 -‘2
| 1
| 1
| 1
! X 2 4
—4 —2 (8] : 1 T
1
I
| 1
| 1
B R 1
T D
I
I
|
o4
—4 B
A.Diém C. B. Diém 4. C.biém D. D. Diém B.

Trong khong gian Oxyz, khoang cach gitta hai mat phang (P):x+2y+2z+11:0 va
(Q):x+2y+2z+2=0 bang
A. 6. B. 3. C. 1. D. 9.

Ho tat ca cac nguyén ham cua ham so f (x) =xe la

X

xe

A. (x—l)ex+C. B. (x+1)e"+C. C. +C. D. xe* +C.

Trong khong gian Oxyz, cho a = (=3;1;2) va b= (0;—4;5). Gia tri cia ab bing
A. 10. B. —-14. C.6. D. 3.

Gia tri thuc cia x va y saocho x* —1+yi=—1+2i 1a



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

A.x=+2vay=2. B.x=0vay=2.
C.x=v2vi y=-2. D.x=—2va y=2.

Ho tat ca cac nguyén ham ctia ham s6 £ (x)=x’ 1a

4 3

A.%+C. B.3x+C. C.x'+C. D.%+C.
, 7
Cho ham so phuc f(x) va g(x) lién tuc trén doan [1;7] sao cho I f(x)dx=2 va
1

J.g(x)dx =-3. Gia tri cia J.[f(x) — g(x)]dx bang

A. 6. B. -1. C. 5. D. 5.

2 X
Biét _[(3x ~1)e?dx = a+be véi a,b 1a cac sd nguyén. Gia tri ciia a+b bang
0

A. 6. B. 10. C.12. D. 16.

Phuong trinh bac hai nhan hai s6 phirc 2 +3i va 2—3; lam nghiém la

A. -2 +4z-6=0. B. 22 —-4z+13=0. C.z’+4z+13=0. D.2z2°+82z+9=0.
Trong khong gian Oxyz, cho hai diém A(4; —2;1) va B(O; —2;—1). Phuong trinh mit ciu co
duong kinh 4B 1a

Ao (x=2) +(y+2)" +22=20. 2 +(y-2)" +2*=20.

(

B. (x+
C. (x—2)2+(y+2)2+22:5. D. (x+2)2+(y—2)

Cho s0 phitc z = x+ yi(x,yeR) théa mdn z+2z=2-4;. Gid trj cia 3x + y bang
A. 7. B. 5. C.6. D. 10.

A 5 ’ A \ 5 \ A 3 \
Ho tat ca cic nguyén ham cia ham s6 f(x)=x"+= lIa

X
3 3

A. x3+ln|x|+C. B.x?+3ln|x|+C. C.x?+1n|x|+C. D. x3+3ln|x|+C.

Mo-dun cia s6 phiic z=4-3i bang

A5, B. 1. C.7. D. 7.

Trong khong gian Oxyz , phuwong trinh duong thang di qau hai diém A (2;-1;1) va N(0;1;3)

la
x=2+t x=2+t x=2+t x=2

A qy=-1-¢t. B.<y=1-¢ . C.yy=-1 . D.<y=-1+¢t.
z=1-t z=—1-t z=1+2t z=1+3¢

Ham s6 F(x) 1a mot nguyén ham cia ham s6 f(x) trén khodng K néu

A. F(x)=f"(x). B. F(x)=f"(x). C. F"(x)= f(x). D. F'(x)=f(x).



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Trong khong gian Oxyz, phuong trinh mat phing di qua diém A4(—3;4;—2) va nhén

n= (—2;3;—4) 1am vecto phap tuyén 1a
A 2x=3y+4z426=0. B. 2x+3y—4z429=0.
C.2x-3y+4z+29=0. D. 2x+3y—-4z-26=0.

Cac nghiém ctia phuong trinh z* +4 =0 1a
A. z=2i;z=-2i. B.z=i;z=-i. C.z=4i;z=-4i. D.z=2;z=-2.

Trong miat phang Oxy, biét rang tap hop cic diém biéu didn sd phic z théa man
|z —2+4i | =5 la mdt duong tron. Toa dJ tdm cua duong tron do 1a

A. (—1;2). B. (—2;4). C. (1;—2). D. (2;—4).

Cho hinh phing D gi6i han béi do thi ham s y = J6x va cac duong thing y=0,x=L,x=2.
Thé tich khéi tron xoay tao thanh khi quay D quanh truc hoanh bang

A. ﬂvzf\/gxdx. B. ﬁj.6x2dx. C. ﬁj.6x2dx. D. ﬂj6x2dx.
1 0 0 1

e 1 .
Gia tri cua j—dx bang
X
1

A.e. B. 1. C. -1. D.

R |~

Trong mit phiang Oxy, diém biéu dién s phirc z=2-i c6 toa do 1a
A. (2:1). B. (-2;-1). C. (2-1). D. (-21).

Trong khong gian Oxyz cho vecto a = (2;m;n) va b= (6;-3;4) v6i m,n la cac tham s6 thuc.
Gia tri cia m,n sao cho hai vecto ¢ va b cing phuong 13
A.mzl;n:i. B. m=-3;n=4. C.m:—l;n:i. D.m:—l;nzé.
3 3 4
Trong khong gian Oxyz, cho diém A(2;4;1) va mat phang (P):x—3y+2z-5=0. Phuong
trinh ctia mat phang di qua diém 4 va song song voi miat phang (P) la
A. 2x+4y+z-8=0. B. x-3y+2z+8=0.
C.x-3y+2z-8=0. D.2x+4y+z+8=0.

Trong khong gian Oxyz, toa d6 tAm cta mit cau (S)  x? +y2 +2° —2x+ 2y—-4=01a
A. (1,-1;0). B. (,-12). C. (-2;2;0). D. (-11;0).

Goi a, b 1an lugt 13 phan thuc va phan 4o cta sd phitc z=—3+2i. Gia tri a—b bang
A. 1. B. 5. C. 5. D. -1.

Dién tich hinh phing giéi han boi d6 thi ham sé y=e* va cac dudng thing y=0, x=0,
x =2 bang

A. ﬂie"dx. B. j.ezxdx. C. ﬁjezxdx. D. jexdx.
0 0 0

0



Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Trong khong gian Oxyz, mit cdu (§):x* +y* +z> —2x+2y—6z+2 =0 cit mit phing (Oyz)
theo giao tuyén la mot dudng tron c6 ban kinh bang

A. 242 B. /2. C. 3. D. 1.

Goi z,,z, la hai nghiém ciia phuong trinh z* —2z+5=0. Gia tri clia z” + z2 + z,z, bang

A. 9. B. -9. C. -1. D. 1.

Ong An mudn 1am mét canh cira bang sit c6 hinh dang va kich thudc nhu hinh v&. Biét ring

duong cong phia trén 1a mdt parabol, tir gidc ABCD 1a hinh chit nhat. Gia cia canh cua sau
khi hoan thanh 1a 900.000 déng/m?. S6 tién ma 6ng An phai tra dé lam canh cira d6 bang

3

5m

41

2m

A. 15.600.000 dong.  B. 8.160.000 dong.
C. 8.400.000 déng.  D. 9.600.000 dong.

Cho F(x) 1a mot nguyén ham ciia ham sd f(x)=3x"—e* +1—m voi m la tham sb. Biét rang
F(0)=2 va F(2)=1-¢". Giatri cia m thudc khoang
A. (3;5). B. (6;8). C. (4;,6). D. (5;7).

Trong khong gian Oxyz, diém d6i xtng véi diém 4 (1; -3; 1) qua duong thing
x=2 y-4 z+1
12

A. (-10;-6;10). B. (4;9;-6). C. (—4,-9;6). D. (10;6;-10).

d

co toa do la:

Biét rdng F(x) la mot nguyén ham cta ham sé f(x)=sin(1-2x) va F(%) =1. Ménh dé
nao sau day dung?

A. F(x)=cos(1-2x)+1. B. F(x)=%cos(l—2x)+%.

C. F(x)=—%cos(l—2x)+%. D. F(x)=cos(1-2x).



Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

x=—-1-2t
z
=—,d":{y=t
-2 Y
z=-1-t

Trong khong gian Oxyz, cho hai duong thang d :%: va mit phang

Y
1
(P):x—y—z=0. Biét ring duong thang A song song véi mat phang (P), cit cac dudng

thang d,d’ 1an luot tai M va N sao cho MN = NG) (diém M khong tring véi gbe toa do O).
Phuong trinh ctia duong thang A 1a
1 1

x=—i+3t x=—+3t x=——+23f x=—+3t
7 7 7
4 4 4 4
A. =—+8 . B. =——+8¢. C. =—+8 . D. =——+8f
Y 7 Y 7 Y 7 Y 7
Z=—§—5t ZI—%—SL‘ Z=§—5t Z:—§—5f

Mot vat chuyén dong cham dan déu voi véan tée v(r) =150—10¢ (mv/s), trong d6 ¢ 1a thoi gian
tinh bang gidy ké tir lic vat chuyén dong cham dan déu. Trong 4 gidy trude khi dimg han, vat
di chuyén dugc mot quang duong bang
A. 150m. B. 100 m.

C. 520m. D. 80m.

Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D" c6 A(1;0;1),B(2;1;2),D(L;—1;1) va
A'(1;1;-1). Gia tri ciia cos(A—C’,W) bang

N 5

A ——. B. —.
3 3

C. -

Cho ham s6 f(x) lién tyc, théa man f(x) :x(l"'%—f'(x)j’ Vx e(0;+0) va f(4) :é.
x

4

Gia tri cua j(xz —l)f'(x)dx bang

. B. 7.
15 30

Trong khéng gian Oxyz, cho mit ciu (S):(x—_%)2 +(y—2)2 +(z—6)2 =56 va duong thing

x—1_ y+1 z-—

2 3

Gia trj cia y, +z,—2x, bang

A. 2. B. —1. C.9. D.

> Bibt ring duong thing A cat (S) tai diem A(x,;,;2,) v6i x,>0.

30.

4 2
Cho ham s f(x) lién tyc trén R va If(x)dx =2020. Gia trj cua J-xf(xz)dx bang
0 0

A. 1010. B. 2019. D. 4040.



Cau 1:

Cau 2:

Cau 3:

Cau 4:

HUONG DAN GIAI CHI TIET

1

Néu dat u=2x+1thi [(2x+1)" dx bing

1 3 3 1
A. J‘u“du. B. lju“du. C. J-u4du. D. lju“du
0 2 1 1 2 0
Loi giai
Chon B
bat u=2x+1=du=2dx.
Khi x=0=u=1vax=l=u=3.
1 3
Khi d6 j(2x+1)“dx=%ju4du.
0 1
Cho ham s y = f(x) ¢6 d6 thi nhu hinh v&. Dién tich phan t6 dam bang
[ Y
(9] 1 2 =:I:
—2
1 1 2 0
A “f(x)|dx B j|f(x)|dx. C Hf(x)|dx D ”f(x)|dx
b} 0 0 -1
Loi giai
Chon B
1
Dién tich phan t6 ddm biang S = .[|f(x)|dx.
0
Cho s6 phirc z=-5+2i. Phan thyc va phan 4o cta sd phirc z lan luot la
A. -5 va -2. B. 5 va 2. C.5va2. D. -5va2.

Loi giai
Chon A
Tacd: z=-5+2i =>z=-5-2;.

Do d6 s6 phirc z ¢ phan thyc va phan o 1an luot 1a =5 va 2.

Trong khong gian Oxyz , phuong trinh mit cau tim / (—l; 0;1) , ban kinh bang 3 1a

A, (x=1) +)" +(z+1) =3. B. (x=1) +y* +(z+1)" =9.

C. (x+1)2+y2+(z—1)2:3. D. (x+])2+y2+(z—1)2:9_
Loi gidi

Chon D

Mit cu tam (-1;0;1), ban kinh bing 3 ¢6 phuong trinh 1a (x+1)° +y* +(z—1)" =9.



Ciu 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Trong khong gian Oxyz , mit phang (P) :2x—3z+2=0 c6 mdt vecto phap tuyén 1a

A. n=(2;-3;0). B. n=(2;-32). C. n=(2;3;2). D. n=(2;0,-3).
Loi giai

Chon D

Phuong trinh mt phang (P):2x-3z+2=0.

Suy ra mit phang (P) c6 mdt vecto phap tuyén 1a n = (2;0;-3)

Cho hai s6 phtic z, =5—6i va z, =2+3i. SO phiic 3z, —4z, bang

A. 26-15i. B. 23-6i. C. —14+33i. D. 7-30i.
Loi giai

Chon D

Tacé: 3z, —4z, =3(5-6i)—4(2+3i)=7-30i.

Cho hinh phang D gi¢i han béi d6 thi ham s6 y =2x—x* va truc Ox . Thé tich khdi tron xoay
dugc tao thanh khi quay D quanh truc Ox bang

A 87 B. 197 c. p. 267
15 15 3 15
Loi giai

Chon B
Phuong trinh hoanh d¢ giao diém ciia @6 thi ham s6 y = 2x—x* va truc Ox :

5 x=0
2x-x" =0 .

x=2

, . % 2 167

Vy thé tich khéi tron xoay 1a ¥ = 7[(2x— ") dx = TR
0

’ 7 9
Ho tat ca cac nguyén ham cua ham s6 f(x) = x(x2 + 1) 1a

perfee i o lpie b leaie
Loi giai

Chon C

jx(xz+1)9dx:%”x2+1)9d(x2+1):%‘%(x2+1)]O+C=%(x2+l)w+c.

Dién tich hinh phang giéi han bdi d6 thi ctia cac ham s y=x?, y=x va cic dudng thing

x=0, x=1 bang
A. j|x2+x|dx. B. j.|x2—x|dx. C. T|x2—x|dx. D. j|x2+x|dx.
—1 0 -1 0
Loi giai
Chon B

1
Str dung cong thirc tinh dién tich hinh phang, ta c6 dién tich can tim bang I |x2 —x| dx.
0

Trong khong gian Oxyz, cho cac diém A(-1;2;3), B(2;1;0) va C(4;—1;5). Mot vecto phap
tuyén cuia mt phang (ABC) c6 toa do 1a



Cau 11:

Cau 12:

Cau 13:

A. (1;-21;,-4). B. (11;21;4). C. (27;2). D. (-2;7;-2).
Loi giai

Chon B

Ta co 25(3;—1;—3), 26(5;—3;2), [ﬁ,ﬁ ] =(-1L-21;-4).

(4B 4C | L 4B, [4B:AC | L 4C

= [A_§; AC } 12 mot vecto phap tuyén ctia mit phing (ABC).

Céc vecto phap tuyén khac déu cing phuong véi vecto [ﬁ, AC } .

Xét cac phwong an trén, chi c6 phuong an B la vecto (11;21;4)théa man.

Trong khong gian Oxyz, phuong trinh duong thang di qua M (1;1,—2) va vudng goc véi mat
phing (P):x—y—z—l =0 1la

x—1 y-1 z+2 x+1 y+1 z-2

A. .B. .
-1 -1 -1 1 -1 -1
C. x—lzy—l:z+2‘D. x—1:y+1 :z+2'
1 1 -2 1 1 -2
Loi giai
Chon A

Mit phing (P):x—y—z-1=0 ¢6 1 VIPT la n = (1;-1;~1)
Duong thing d vudng goc v6i mit phang (P) = d nhan n = (1,-1;-1) lam VTCP

Suy ra duong thing d cé phuong trinh: = 1_1 =2 _11 =z +12

Trong khong gian Oxyz, cho hai diém M (3;1;4) va N(0;2;-1). Toa do trong tAm cla tam
giac OMN 1la
A. (-3;1,-5). B. (-1;,-1;-1). C. (3;3;3). D. (L11).
Loi gidi
Chon D
Ta c6 toa do M (3;1;4), N(0;2;—1) va O(0;0;0)

X; = =1
¢ 3
. +y, +
Trong tam G cula tam giac OMN c6 toa d¢ thoa < y, = 47 y3 v Yo _y
+z, +
zg =M 23N “o -

Suy ra G(L1;1)

Trong mit phang Oxy, s6 phitc z =—2+4i dugc biéu dién boi diém nao trong cac diém & hinh

v€ dudi day?



Cau 14:

Cau 15:

Cau 16:

Cau 17:

y
cr~~771
1
1
1
A 1
e
T_ 1 _‘2
| 1
| 1
| 1
| | 2 4
—4 —2 (9] : 1 T
! |
| 1
—2 g
- -:» D
I
I
I
- ————
—4 B
A.Piém C. B.Diém 4. C.Piém D. D. biém B.
Loi gii

Chon A

86 phitc z =—2+4i dugc biéu dién béi diém c6 toa do 1a (—2;4), tirc 1a diém C trén hinh v&.

Trong khong gian Oxyz, khoang cach giita hai mat phang (P):x+2y+22+11:0 va
(Q):x+2y+2z+2=0 bang

A. 6. B. 3. C. 1. D. 9.
Loi giai
Chon B
1 2 2 1
Taco: —=—=—%— P)//
L2 2. s (py(o)
0

—11+2.0+2.0+2
= =3
V2122422 '

Khi do: d ((P).(0))=d (M,(0))

Ho tit ca cdc nguyén ham ctua ham s f(x)=xe" 1a

X

A. (x—l)ex+C. B. (x+l)ex+C. c. X ic. D. xe* +C.
Loi giai
Chon A
u=x du =dx
bat S .
dv=e'dx v=e"

Khi d@6 fxexdx:xex—fexdx:xex—ex+C=(x—1)ex+C.

Trong khong gian Oxyz , cho a = (=3;1;2) va b= (0;—4;5). Gia tri cia ab bing

A. 10. B. —14. C.6. D.3.
Loi gidi

Chon C

Tacéd: ab=(—3).0+1.(—4)+2.5=6.

Gia tri thyc cia x va y saocho x* —1+yi=—1+2i la



A.x=~2vay=2. B.x=0vay=2.
C.x=v2vi y=-2. D.x=—2va y=2.

Loi giai

Chon B
P-1=-1 x=0
Taco X —14yi=—1+2i <" o .
y=2 y=2

Cau 18: Ho tat ca cac nguyén ham ctia ham sé 1 (x)=x"1a

4 3

As%+c. B.3x*+C. C. x*+C. Ds%+c.
Loi gidi

Chon A

4

1hwjfumw{fw:%+c.

,
Cau 19: Cho ham sb phirc f(x) va g(x) lién tuc trén doan [1;7] sao cho I f(x)dx=2 va
1

7

J.g(x)dx =-3. Gia tri cia I[f(x) - g(x)]dx bang

1
A. 6. B. -1. C. 5.
Loi giai

IS
(9)]

Chon D

[[f)-g)]de =] f(x)dx— [ g(x)dx=2-(-3) =5

2 X
Ciu 20: Biét J.(3x ~1)e2dx = a+be véi a,b 1a cac sd nguyén. Gia tri ciia a+b bang
0

A. 6. B. 10. C.12. D. 16.
Loi giai
Chon C
{u:3xl {du=3dx

bat P x

dv =e?dx v =2¢?
2 x x 2 2 x x 2
j@x—rwﬁh::zox—dyﬁ —j&ﬁdx=10e+2—-12é? =10e+2-12e+12=14-2e¢.
0 0o O 0

Suyra a=14,b=-2.Vay a+b=12.

Céu 21: Phuong trinh bac hai nhan hai s6 phtrc 2 +3; va 2—3i 1am nghiém la
A. —2°+4z-6=0. B.z°-4z+13=0. C.z°+4z+13=0. D.2z°+82+9=0.
Loi giai
Chon B
z=2-i2
z=2+i2

Xét dap an A: —Z2+4Z—6=0<:>{



z=2-3i
z=2+43i
z=-2-3i
z=-2+3i

Xét dap an B: Zz—4Z+13=0<:>|:

Xét dap an C: 22+4z+13:0<:>{

z=-2-—

NG

o
=2+

V2

Céu 22: Trong khong gian Oxyz, cho hai diém A(4; —2;1) va B(O; —2;—1). Phuong trinh mit ciu co
duong kinh 4B 1a

Xétdap anD: 22°+8z+9=0<

Ao (x=2) +(y+2)" +2*=20. B. (x+2) +(y-2) +2* =20
C. (x—2)2+(y+2)2+22=5. D. (x+2)2+(y—2)2+22:5
Loi giai
Chon C
Mit cau co duong kinh AB nhan trung diém [ (2;—2;0) cua AB la tam va ban kinh
R:%=\/§ c6 phuong trinh la: (x—2)2+(y+2)2+z2 =5.

Céu 23: Cho sb phuc z =x+yi(x,yeR) théa man z+2z=2—4i.Giatri cia 3x+ y bing

A. 7. B. 5. C.6. D. 10.
Loi giai

Chon C

Ta co

z+2;:2—4i<:>x+yi+2(x—yi):2—4i
S 3x—yi=2-4i

3x=2 3x=2 ng
& & & 3
-y=—4 -y=—4 4

Do do 3x+y:3.§+4:6.

A A 5 , A \ 5 \ A 3 \
Ciu 24: Ho tat ca cic nguyén ham cua ham s0 f(x)=x"+= 1a
x

3 3
A. X +In|x]+C. 5.%+31n|x|+c. C.x?+ln|x|+c. D. x*+3In|x|+C.
Loi gigi
Chon B

3
Ta co J.f(x)dxzj‘(x2 +ijdx=%+3ln|x|+C.

X

Ciu 25: Mo-dun ciia s6 phirc z =4-3i bang
A. 5. B. 1. C.7. D. 7.
Loi giai



Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Chon A

Ta c6 |z|=4/4> +(-3)" =5.

Trong khong gian Oxyz , phuwong trinh duong thang di qau hai diém A (2;-1;1) va N(0;1;3)

la
x=2+t x=2+t x=2+t
A qy=-1-t. B.<y=1-¢ . C.iy=-1
z=1-t z=—1-t z=1+2t
Loi giai
Chon A

x=2
y=—1+¢.
z=1+3¢

Ta co N—M=(2;—2;—1), duong thang MN nhan ﬁ:%N—M:(I;—l;—l) la mot véc-to chi

x=2+t

phuong va di qua diém M (2;—1;1) nén c6 phuong trinh tham s6 { y =—1-¢.
z=1-t

Ham s6 F(x) 1a mot nguyén ham ctia ham s6 f(x) trén khodng K néu

A. F(x)=f"(x). B. F(x)=f"(x). C. F"(x)= f(x).
Loi gidi
Chon D

D

CF'(x)=f(x).

Ham sé F(x) 1a mot nguyén ham cua ham s6 £ (x) trén khodng K néu F'(x)= f(x).

Trong khong gian Oxyz, phuong trinh mit phang di qua diém A(—3;4;—2) va nhan

n= (—2;3;—4) 1am vecto phép tuyén 1a

A. 2x—-3y+4z+26=0. B. 2x+3y—-4z+29=0.

C.2x-3y+4z+29=0. D. 2x+3y—-4z-26=0.
Loi giai

Chon D

Mit phing di qua diém A(—3;4;—2) va nhan Z:(—2;3;—4) lam vecto phap tuyén c6

phuong trinh: —2(x+3)+3(y—4)—4(y+2)=0 & —2x+3y—4z-26=0.

Cac nghiém cta phuong trinh z* +4 =0 la
A z=2iz=-2i. B.z=iz=-i. C.z=4i;z=—4i.
Loi giai
Chon A
z=-2i
Taco: 2 +4=06 2% =4 o 2% =(2i) @{ .
z=2i
Trong mit phiang Oxy, biét rang tap hop cac diém biéu dién
|z—2+4i| =5 1a mot duong tron. Toa do tam ciia dudng tron d6 1a
A. (-1;2). B. (-2;4). C. (,-2).
Loi giai
Chon D

sO

z=2z=-2.

phuc z thoa man

(2:-4).



Goisdphic z=x+yi,(x,y eR) = z-2+4di=x-2+(y+4)i.

Ta co: |Z—2+4i|=5<:>\/(x—2)2 +(y+4)2 :5<::>(x—2)2 +(y+4)2 =25.

Do d6 tam duong tron 1a 7(2;-4).

Cau 31: Cho hinh phing D gi6i han boi d6 thi ham s6 y =+/6x va cac duong thing y=0, x=1,x=2.
Thé tich khéi tron xoay tao thanh khi quay D quanh truc hoanh bang

A. ﬂ.z[\/gxdx. B. ﬂj.6x2dx. C. ﬂj.6x2dx. D. ﬂj6x2dx.
1 0 0 1

Loi giai
Chon D

Taco V = ﬂj(\/gx)z dx =7r-|2- 6x*dx .
1 1

e 1 .
Cau 32: Giatri cua I—dx bang
x
1

1
A e. B. 1. C. -1, D. —.
e

Loi giai
Chon B

e 1 .
Ta cod J.—dx:1n|x” =lne—Inl=1.
1 X 1
Céu 33: Trong mit phang Oxy, diém biéu dién sd phirc z=2—-i c6 toa do 1a
AL (2:1). B. (-2;-1). C. (2;-1). D. (-2;1).
Loi giai
Chon C
z=2-1co phﬁn thucla 2, phén aola —1.
Ta c6 diém biéu dién s6 phitc z=2—i ¢ toa do 1a (2;-1).

Céu 34: Trong khong gian Oxyz cho vecto a = (2;m;n) va b= (6;-3;4) v6i m,n la cac tham s6 thuc.

Gia tri cila m,n sao cho hai vecto a va b cung phuong la

A.mzl;n:i. B. m=-3;n=4. Q.m:—l;n=§. D.m:—l;nzz.

Loi giai

Chon C
. - 2 m n
Hai vecto a va b cung phuong < 3 = 3 = k

ﬂ<:>6m:—6<:>m=—1.

n

2

6

z=—<::>6n=8<:>n:§:
4 6

[OSHINN

Ciu 35: Trong khong gian Oxyz, cho diém A(2;4;1) va mat phang (P):x—3y+2z-5=0. Phuong

trinh ctia mat phang di qua diém 4 va song song voi mit phang (P) la



A. 2x+4y+z-8=0. B. x-3y+2z+8=0.
C.x-3y+2z-8=0. D.2x+4y+z+8=0.
Loi giai
Chon B
(P):x—3y+2z—-5=0 cb véc to phap tuyén np =(1,-3;2)
Mt phing song song v6i mit phang (P) nhan np = (1;-3;2) 1am véc to phép tuyén.
Phuong trinh ctia mit phang di qua diém A va song song véi mit phang (P) la

1(x=2)-3(y—4)+2(z-1)=0=x-3y+2z+8=0.

Cau 36: Trong khong gian Oxyz, toa d6 tim cia mit cau (S) :x? +y2 +22 —2x+ 2y—-4=01a
A. (1,-1;0). B. (1,-1;2). C. (-2;2;0). D. (-110).
Loi gidi
Chon A

(S):x2 +3% +2% —2x+2y—4=0 nén toa do tAm ctia mit cdu 1a (1,-1;0).

Cau 37: Goi a, b lan luot 1 phan thuc va phan 4o cta sd phitc z=—3+2i. Gia tri «—b bang
A. L. B. 5. C. 5. D. -1.
Loi giai
Chon C
S6 phirc z=—3+2i, ¢6 phan thuc a =—3, phdnao b=2.Dod6 a—b=-3-2=-5.

Céu 38: Dién tich hinh phang giéi han boi d6 thi ham s6 y =e* va cac duong thang y =0, x=0,

x =2 bang
2 2 2 2
A. 7Z’I e'dx . B. J. e*dx . C. ﬂj edx . D. Iexdx.
0 0 0 0
Loi giai
Chon D

Taco e* >0,Vxe [0;2].
Do d6 dién tich hinh phang giéi han boi d6 thi ham sd y = e* va cac duong thang y =0, x=0,
2
x=21a §=]edr.
0
Chu 39: Trong khong gian Oxyz, mit clu (S):x” +»” +2> —=2x+2y—6z+2=0 cat mit phang (Oyz)
theo giao tuyén 1a mot dudng tron ¢ ban kinh bang
A. 24/2. B. /2. C. 3. D. 1.
Loi giai
Chon A
Mit cau (S):x*+y*+2°=2x+2y—6z+2=0 co tam /(1;-1;3), bankinh R=3 va

d(1,(Oyz))=|x,|=1. Do d6 ban kinh duong tron giao tuyén la r =~/32 -1 =24/2..

Cau 40: Goi z,,z, 14 hai nghiém ctia phuong trinh z> —2z+5=0. Gia tri clia z + z + z,z, bang
A. 9. B. -9. C. -1. D. 1.

Loi giai



Chon C
Vi z,z, 13 hai nghiém cua phuong trinh z>-2z+5=0 nén z +z,=2;zz,=5. Do d6

2, .2 2 2
z, +z) + 2,2, =(ZI+ZZ) -zz,=2"=-5=-1.

Ciu 41: Ong An mudn lam mdt canh cira bang sat c6 hinh dang va kich thudc nhu hinh v&. Biét rang
dudng cong phia trén 1a mdt parabol, tit gidc ABCD 1a hinh chit nhat. Gia cia canh cua sau
khi hoan thanh 12 900.000 ddng/m?. S tién ma dng An phai tra dé lam canh ctra d6 bang

5m

4

2m

A. 15.600.000 dong.  B. 8.160.000 dong.
C. 8.400.000 dong.  D. 9.600.000 ddong.
Loi giai
Chon C
Dién tich phan hinh chit nhat ABCD 1a S, =2.4=8m>.
Xét phan dién tich giéi han boi parabol va doan 4B
Duyng hé toa dd Oxy véi O 1a trung diém ctia doan 4B, dinh I cia parabol nim trén tia Oy,

khi do ta c6 1(0;1), 4(-1;0), B(1;0).
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Parabol c6 truc d6i xing Oy va cit Oy tai I (0;1) nén c6 phuong trinh dang:
y=ax’+1,(a#0).
Parabol qua B(1;0) nén ta c6 phuong trinh: a+1=0<a=-1.

Do d6 phuong trinh ctia parabol 1a: y =—x +1.



Dién tich phan gi6i han boi parabol voi doan 4B 1a:

S, = j(—x2 +1)dx=(—x?3+le

-1

-1

Dién tich toan by phan canh crala S =S, + S, = 8+§ = ? (m2 )
A LA A 5. 5 1w 28 A
SO tién 6ng An phai tra bang ?.900000 =8400000 (dong).

Ciu 42: Cho F(x) 1a mot nguyén ham ctia ham sé f(x)=3x>—e* +1—m véi m 1a tham s6. Biét rang
F(0)=2 va F(2)=1-¢". Giatri cia m thudc khoang
A. (3;5). B. (6;8). C. (4,6). D. (5;7).
Loi giai
Chon D
Ta co _[f(x)dx:J-(3x2 —e +l—m)dx=x3 —e'+x—-mx+C.
Ton tai C, d¢ F(x)=x"—e'+x—mx+C,.

m==6

) 5 -1+C, =2 C,=3
Laico F(O)=2,F(2):1—e nén ta co6 hé: 10— ImiC =1
—e-2m+C,=1-e

Vay m thudc khoang (5;7).

Céu 43: Trong khong gian Oxyz, diém doi xtmg véi diem A(1;-3;1) qua dudng thang
x=2 y-4 z+l

d " 5 co toa do la:

A. (-10;-6;10). B. (4;9;-6). C. (—4,-9;6). D. (10;6;-10).
Loi gidi

Chon B

+) Goi (P) la mat phiang di qua 4 va vudng goc voi d . Khi d6, (P) nhéan vecto chi phuong
;(—l; 2;3) clia d lam vecto phép tuyén. Do d6, phuong trinh mét phang (P) la:
—1(x=1)+2(y+3)+3(z-1)=0<= —x+2y+3z+4=0.

x=2-t
+) Phuong trinh tham s ctia d :{ y=4+2¢ .

z=—1+3t

+) Goi H 1a hinh chiéu vudng goc cia A 18n dudng thing d , suy ra H =d N (P) co toa do 1a

nghiém cua hé phuong trinh:

y=4+2t 2 5 5
&3y=3 =>H|—;3;,——|.

z=—1+3¢ 5 2 2

—x+2y+3z+4=0 Z:_E



Cau 44:

Cau 45:

+) Goi A’ 1a diém d6i xting v6i 4 qua d . Suy ra, H la trung diém ciia 44’ nén A’ c¢6 toa do

5
x=2.5—1:4 X:4
la: 9 y=2343=9 <<Jy=9 .
=2 - 7770
2

Vay A'(4;9;-6).

Biét rdng F(x) la mot nguyén ham cta ham sé f(x)=sin(1-2x) va F(%) =1. Ménh d
nao sau day dung?

A. F(x)=cos(1-2x)+1. B. F(x):%cos(l—Zx)+%.

C. F(x):—%cos(l—Zx)+%. D. F(x)=cos(1-2x).

Loi gidi
Chon B
Taco: F(x) =Isin(l—Zx)dx=%cos(1—2x)+C.

Vi F(ljzl nén lcos(O)+C:1(:)C:l.
2 2 2

Vay F(x)=%cos(l—2x)+%.

x=—-1-2t
A . . \ M X y Z ! \ - <
Trong khong gian Oxyz, cho hai duong thang d :T = T = —2,d Ny =t va mat phang
z=-1-t

(P):x—y—z=0. Biét ring duong thang A song song véi mat phang (P), cit cac dudng
thang d,d’ lan luot tai M va N sao cho MN = 2 (diém M khong tring véi gbc toa do O).
Phuong trinh cta duong thang A 1a

x:—i+3t x=l+3t x=—l+3t x=—+3t
7 7
4 4 4 4
A =—+8¢ B =——+8f. C. =—+8t . D. =——+8f
Y 7 Y 7 Y 7 Y 7
z —§—5t z —E—St Z—E—St z=—§—5t
Loi giai
Chon B

Goi diem M (t;;-2t)ed, N(-1-215t'-1-1") ed'.

Pudng thing A c6 vecto chi phuong 1a MN = (-1-2¢'—t;¢'—t;-1—1"+21).
Mit phang (P) c6 vecto phap tuyén 1a 7i = (l; -1 —1)

Do A //(P) nén iMN =0<t+1 =0<t=—t' va M ¢(P) hay ¢ #0.
Matkhac MN =~/2 & (=1-21'—1)" +(1'—1) +(~1-1'+2t)" =2 (¥)



Cau 46:

Cau 47:

Cau 48:

Thay ¢ = vao (*) ta duge: (1—1) +47> + (3t 1)’ =2<:>t:§ (do ¢+ 0)
Tir d6 tim dugc hai diém M(i;i;—ﬁj, N(l;_i;_ij_
77 1) N7
4

Phuong trinh tham s6 ctia duong thang A di qua diém N (%;—7;—%j va co vecto chi phuong

1
x=—+3t
7
. 4
MN=(—§;—§;EJ=—1(3;8;—S) la: ¢ y=—=+8t
777 7 7

Z:—E—ﬁ
7

Mot vat chuyén dong cham dan déu véi van tée v(r) =150—10¢ (m/s), trong do6 ¢ 1a thoi gian
tinh bang gidy ké tir lac vat chuyén dong cham dan déu. Trong 4 gidy trude khi dimg han, vat
di chuyén dugc mot quang duong bang
A. 150m. B. 100m. C. 520m. D. 80m.
Loi giai
Chon D
Tai thoi diém vat dimg han ta co: v(1) =0 150-10r=0 < =15
Do véy trong 4 gidy trudc khi dimg han, vat di chuyén dwoc mot quang duong bang

§=["(150-10r)dr =80m.

Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D" c6 A(1;0;1),B(2;1;2),D(1;—1;1) va

A'(1;1;-1). Gia tri ctia cos(A_a,B—D7) bang

AP B Y3 c 2. p. Y2
3 3 - 3 3
Loi giai.
Chon C

AB =(L;1;1), AD = (0;-1;0), 44 =(0;1;-2), BD = (- 1;-2;-1).
Ap dung quy téc hinh hop ta c6: AC' = AB+ AD+ A4 = AC' =(LL-1).

AC'BD 2 2

Mit khac, B'D’ = BD nén cos(A—C',B’—D’) = = =
' AC'B'D'" 3.6 3

Cho ham s6 f(x) lién tyc, théa man f(x)= x(l+%—f’(x)j, Vx e (0;+00) va f(4) :g
x

4
Gia tri cua J‘(x2 —l)f'(x)dx bang
1
A -2 B. 27 c. .29 BT
15 30 30 15
Loi gidi.
Chon D



2 3
Do d6 xf(x):x?+2\éx_+C.Thay x =4 va ap dung gia thiét f(4)=§:>C=—8.
2 3
Vay xf(x):x—+2\/3x_—8

u= x> =1 du =2xdx .
Vi = , ap dung cong thure tich phan tung phan ta co:
X

I =]:(x2 1) £ (x)dv=(x* ~1) £ ()] —2ixf(x)dx=20—2j(%z+ 2‘/3’“_3—8]@

1
e \ J 457
, 15

Céu 49: Trong khong gian Oxyz, cho mit cau (S):(x—3)2 +(y—2)2 +(z—6)2 =56 va duong thing

1 1 z-— s , . . e :
Aol yrl 275 g rang duong thang A cat (S) tai diem A(x;y,5z,) v6i x,>0.

203
Gia trj cia y, +z, —2x, bang
A 2. B. 1. C.9. D. 30.
Loi giai
Chon A

Vi AeA nén IreR:A(1+26,—-1+3;5+1). Do 4 c6 hoanh do dwong nén t>—%.

Vi de(S) nén (26-2) +(3t-3) +(t-1) =56 = 14> 281~ 42=0 =1 -2t -3 =0
t =—1 (loai)
t=3 '
V6i t=3= A4(7;8;8) hay x,=7,y, =8z, =8= y, +2,-2x,=2.
4 2
Cau 50: Chohamso f(x) lién tuc trén R va If(x)dx=2020. Gia tri cua .[xf(xz)dx bang
0 0
A. 1010. B. 2019. C. 1008. D. 4040.
Loi gidi
Chon A

Xét I = -[xf dx Dbiat ¢ = x* duoc dt = 2xdx:>xdx:%.
Khi x=0=¢=0,x=2=¢t=4.

:>I:if( —=—jf dr_—jf dx =1010



Cau 1:

Cau 2:

Cau 3:

Cau 5:

Caiu 6:

Cau 7:

Cau 9:

Cau 10:

Cau 11:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 18 (100TN)

Ham s6 y = 2x° —9x* +12x +3 nghich bién trén nhimg khoang nao?

A. (2;+0). B. (—o0;1) va (2;4%). C. (—oo31). D. (1;2).

Cho s6 phitc z =2 —5i. Phan thuc va phan 4o ciia s6 phtic lién hop Z 1a

A. Phan thyc bang 2, phan 4o bang 5. B. Phan thuc bang 2, phan ao bang —5i .
C. Phan thyuc bang 2, phan ao bang 5i . D. Phan thuc bang 2, phan 4o bang —5.

Trong khong gian vé&i hé truc toa d Oxyz, khoang cach tir diém M (1;2;—3)dén mit phiang
(P):x+2y—2z—2=0 la

A. d(M;(P))=1. B. d(M;(P)):%. C.d(M;(P))=3. D. d(M;(P)):%.
Cho ham s6 y = 1—21x c6 do thi (C ) Ménh dé nao sau day sai?

X+
A. (C) c6 tiém can ngang la y=—1. B. (C) cé tiém can ngang la y =-2.

C. (C) ¢o6 hai tiém can. D. (C) c6 tiém can ding.

Trong khong gian voi hé truc toa d0 Oxyz, cho mit phang (a):2x—y+3z-1=0. Vécto nio
sau ddy 1a vécto phap tuyén ctia mit phang (o)

A n=(2;1;3). B.n=(-4;2;-6). C.n=(2;1;-3).  D.n=(-2;1;3).

Cho hinh chép S.4BCD c6 day 1a hinh vuéng canh a, mit bén (S4B) l1a tam gidc déu va nim
trong mit phang vudng goc véi mit phang day. Thé tich khdi chép S.ABCD la

3 3 3
a a \/§ a \/g
A. VS.ABCD = a3\/§~ B. VS.ABCD :?- C. VS.ABCD = 6 D. VS.ABCD = y

Trong mit phang toa do, diém M (-3;2) 1a diém biéu dién cta s6 phirc nao dudi day?
A. z=342i. B. z=-3+2i. C.z=-3-2i D. z=3-2i
Pao ham cua ham s6 y =2 1a:

, cosx.2™"

A. ¥y =—cosx.2™.In2. B. y' =cosx.2"".In2. C. y' =2"""In2. D.y -
n

Cho khéi nén dinh S ¢6 d6 dai duong sinh 13 a, goc giita duong sinh va mat day 1a 60°. Thé
tich khdi non 1a:
a3 a3 ra’ _3ra’

AV = . B. V= . C.V=—. D.V
24 8 8 8

S6 nghiém cua phuong trinh 272 2 Ja;

A. 0. B. 1. C.4. D. 2.

Trong khéng gian v6i hé truc toa dd Oxyz, cho hai miat phang (P):x—Zy—z+2:O,
(Q):2x—y+z+1=0. Goc gilra (P) va (Q) la

A. 60°. B. 90°. C. 30°. D. 120°.



Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Tap nghiém ctia bat phuong trinh log, x <0 1a
A. (0;+00). B. (0;1). C. (—»o31). D. (1;+0).

Cho ham s6 F (x) 1a mot nguyén ham ciia ham s f (x) xac dinh trén khoang K. Ménh d¢

nao dudi day sai?
A [f(x)de=F(x)+C. B. (jf(x)dx)' = /().
C. ([ £ (x)dx) = F'(x). D, (x] £ (x)x) = /().

Trén C phuong trinh =1+17 c6 nghiém la:
Z—
A.z=2-1. B. z=1-2i. C.z=1+2i D. z=2+i.
dx .
Nguyén ham ban
guyén him |-= bing
A. J1-x+C. B. ¢ . C. 2J1-x+C. D. 2 +C.
I-x I-x

Phuong trinh dudng thing A 1i giao tuyén ciia hai mit phang (a):x+2y+z—l:O va
(B):x—y-z+2=01a

x=—1+¢ x=2+t x=—1-¢ x=—-1-3¢
A dy=1-2¢ B.ly=2 . C.ly=1-2 D.dy=1+2¢

z =3t z=—1-3t. z =3t z=t.
Cho ham s6 f(x) c6 dao ham lién tyc trén R va trén [0;1] ta c6 f(1)- f(0)=2. Tich phan

1
]:j-f'(x)dx bang

0
A. 1=0. B. I =2. C.I=-1. D. I=1.
Cho lang tru dimg ABC.A'B'C" ¢6 ddy ABC 1a tam gidc vudng can tai B, AB=a~/5.

Goc gitra duong thang A'B va mit day 1a 60°. Thé tich lang tru ABC.A'B'C' 1a
5a°/15

A.15a°/5. B. 54°/3. C. f D. 15a°/3.
Trong khong gian toa d6 Oxyz, duong thang di qua diém A(3; —2;4)Vé c6 vécto chi phuong

u=(2;-1;6) c6 phuong trinh

A x-=3 y+2 z-4 B x+3 y-2 z+4

2 -1 6 2 -1 6
C x—=3 y-2 z-4 D x—2 y+1 z-6
2 -1 6 3 -2 4

Trong khong gian véi hé truc toa do Oxyz, mit cau (S) tdm /(2;3;—6) va ban kinh
R =4 co6 phuong trinh la
A (x=2) +(y-3)" +(z+6)" =4. B. (x=2) +(y-3) +(z+6)" =16.



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

C. (x+2)2+(y+3)2+(z—6)2=16. D. (x+2)2+(y+3)2+(z—6)2=4.
Néu [(2x—1)dx =2 thi m c6 gid tri la
0

m=1 m=-1 m=-1 m=1
A. . B. ) C. ) D. )
m=2. m=-2. m=2. m=-2.

Trong khong gian vdoi hé truc toa do Oxyz, cho vat thé (H ) gi61 han bdi hai mat phéng co
phuong trinh x=a va x=b (a<b). Goi S(x) la dién tich thiét dién ctia (H) bi cit boi mat
phang vuéng goc voi truc Oxtai diém c6 hoanh d6 1a x, voi a<x<b. Gia st ham sb
y=>_5 (x) lién tuc trén doan [a;b]. Khi do, thé tich V' cta vat thé (H ) dugc cho bdi cong thic:

A. V:jS(x)dx. B. V:ﬁj).S(x)dx.

a

C.V= ﬂz[s(x)f d. D.V= _:f[s(x)]2 dx.

Mot vét chuyén dong véi van toe v(r)(m/s) va c6 gia toc a(t) :f—l(m/sz). Van tdc ban
_+_

déu ciia vt 1a 6(m / s). Hoi vén tbc cua vat sau 10 gidy 1a bao nhiéu?

A. 3In11—-6. B. 3In6+6. C.2Inl11+6. D. 3In11+6.

Cho ham sb y = f (:c) lién tuc trén R. Khing nao sau day dung?

A. Néu ham s6 ¢6 gid trj cye dai Ia f(z,) véi 2, € R thi f(z,) = Max f(z).

B. Néu ham sb co gia tri cuc tiéu 1a f (a:o) voi z, € R thi ton tai r, € R sao cho

f(xo) < f(a:l).

C. Néu ham s c6 gid tri cyc dai la f(=,) voi x, R thi f(z,)= Min f(z).

D. Néu ham sb co gia tri cuc tiéu la f <x0> vol x, € R va co gia tri cyc dai la f (x1> Vo1l

x, eR thi f(z,) < f(z).

Mo — dun cua sb phirc z = (2—31’)(1+i)4 1a

A. |Z|=4\/B. B. |z|:\/i. C. |Z|=208. D. |Z|=\/E.

Nguyén ham F(x) ctiahamsd f(x)=e" va théaman F(0)=1 la

A. F(x):ezx. B.F(x):e +—. C. F(x):2ezx—l. D. F(x):e".

Cho ham 6 y =(x—2)(x* +1) c6 dd thi (C). Ménh dé nao duéi day ding?
A. (C) cat tryc hoanh tai mot diém. B. (C) cit truc hoanh tai ba diém.

C. (C ) khong cit truc hoanh. D. (C ) cit truc hoanh tai hai diém.

Tép hop céc diém bicu dién s phirc z théa man |z —i|=|2-3i-z| 1a



Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

A. Puodng tron c¢6 phuong trinh x> +y*=4.  B. Puong thiang c¢6 phuong trinh
x+2y+1=0.
C. Puong thiang ¢6 phuong trinh x—2y—3=0. D. Pudng elip c6 phuong trinh x* +4y” = 4.

Cho hinh chép S.4BC c6 day 1a tam giac ABC vudng tai C, AB=a~/5, AC =a. Canh bén
SA=3a va vudng gbc v6i mat phang (ABC). Thé tich khoi chép S.4BC 1a
3
A a’. B. 3a’. C.2a . D. a ;/g
Cho ham s6 y=—x’+3x—2 ¢6 dd thi (C). Phuong trinh tiép tuyén cua (C) tai giao diém cua
(C) véi tryc tung 1a
A, y=-3x-2. B. y=2x+1. C.y=-2x+1. D. y=3x-2.
Trong khong gian v6i hé truc toa do Oxyz, cho hai diém A(l; 2; 2) va B(3; 0; 2). Mat phéng

trung truc ctia doan thing 4B c6 phuong trinh 12

A. x—y-z+1=0. B. x-y-1=0. C.x+y-z-1=0. D. x+y-3=0.

Cho khéi hop chir nhat ABCD.A'B'C'D' ¢6 AB=a, AD=b, AA' =c. Thé tich cua khdi hop
chit nhat ABCD.A'B'C'D’ bang bao nhiéu?

A. abc. B. %abc. C. %abc. D. 3abc.

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi canh bing 2a~/3. Biét BAD =120° va hai
mit phang (SAB) va (SAD) cing vudng goc v6i mit ddy. Goc gilta mat phang (SBC) va
(ABCD) bang 45°. Khoang cach / tir 4 dén mit phing (SBC) la

3“;/5. B. h:zaf. C. h=2a\2. D. h=a3.

A. h=

Gid sir ta 6 hé thue a” +4b> =5ab (a,b > 0). Hé thirc no sau day diung?

A. 2log, (a+2b)=log, a+log,b. B. 2log, at2b

=log, a+2log, b.

a+2b a+2b

C. log, =2(log; a+log; b). D. 2log, =log, a +log, b.

Cho hinh chit nhat ABCD c¢6 AB=4 va AD =3. Thé tich cia khdi tru dugc tao thanh khi
quay hinh chir nhat ABCD quanh canh 4B bang
A. 36r. B. 12x. C. 24r . D. 487 .

Trong khong gian v6i hé truc toa do Oxyz, cho diém A(l; 2;3). Toa d6 diém 4, 1a hinh chiéu
vudng goc cia 4 1én mit phing (Oyz) 1a

A. 4,(1;2;0). B. 4,(1;0;3). C. 4,(0;2;3). D. 4,(1;0;0).

Trong khong gian v6i hé truc toa do Oxyz, cho hai diém 4(1;-2;0) va B(4;1;1). Do dai duong
cao OH cuatam gidc OAB la



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

86 5 [ 1 [s6

1
9 6 C. E D. S\ 19"
Trong khong gian voi hé truc toa d0 Oxyz, vécto nao dudi ddy vuong goc véi ca hai vécto
i =(-1;0;2), v =(4;0,-1)?
A w=(L7;1). B. w=(-17;-1). C.w

(0;7;1). D. w=(0;-10).

1
Cho f(x) 12 mot ham s6 c6 dao ham lién tuc trén R va thoa man f(1)=1 va jf(t)dt =§.
0

Gid tri cua tich phan 7 = [sin2x./"(sinx)dx bang:

S 0 | Ny

B.I=2 C.I:l. D.[:—g

A.I=4 —. .
3 3 3

3
Trong khong gian v6i hé truc toa do Oxyz, mit phing (a) cdt mit cau (S) tam 7(L;—3;3)
theo giao tuyén 1a duong tron tim H (2;0;1), ban kinh » =2. Phuong trinh ciia mt cau () 1a
Ao (x+1) +(y=3) +(z+3) =4. B. (x—1)" +(y+3)" +(z-3)" =18.

C. (x=1) +(y+3) +(z-3)" =4, D. (x+1) +(y=3) +(z+3) =18.

Puong cong trong hinh dudi ddy 1a d6 thi cia ham sd ndo sau day?
y

A. y:x3—3x+2. B. y:—x4+2x2—1. C. y:x_ﬂ_ D. y:x__l.
x—1 x+1

Trong khéng gian voi hé truc toa do Oxyz, cho hai mit phang (P):3x—my—z+7 =0 va

(Q) :6x+5y—2z—4=0. Hai mit phang (P) va (Q) song song v&i nhau khi m bang

Am=_2. B.m=2. C. m=-30, D. m=4.
2 2

Dién tich hinh phang giéi han boi dudong y =4— |x| va truc hoanh la
A. 0. B. 16. C. 8. D. 4.



Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Phuong trinh mét phang vudng géc véi mit phang (a):2x—3y+z-2=0 va chia dudng

thang d:i=y—+1=z_2
-1 2 -1

A.3x+y-z+3=0. B.x+y+z-1=0. C.x-y+z-3=0. D.2x+y-z+3=0.

la

Trong khong gian voi hé truc toa 40 Oxyz, duong thang di qua diém A(—2;4;3) va vuong
gobc v6i mit phang 2x—3y+6z+19=0 cb phuong trinh la:
x+2 y-3 z+6 B x+2 y—-4 z-3

A. .
2 4 3 2 -3 6

C x+2 y+3 z-6 D x—2:y+4=2+3

2 4 3 T 2 -3 6
tox+2

NéuJ. > dx=aln5+bIn3+3In2 (a,be@) thi gia tri cia P =2a—-b la:
5 2x" =3x+

A. P=17. B.P:—%. C.P:%. D. P=1.

Trong khong gian voi hé truc toa do Oxyz, cho diém M (0;2;0) va duong thang

x=4+3t
d:{y=2+t PDuongthang di qua M cit va vudng goc v6i d ¢ phuong trinh 1a
z=—1+t.
AX_y2_ z gxl y z  oxl yl zopox_ y z-1
-1 1 2 1 -1 =2 1 1 2 -1 1 2
Cho ham s6 f(x) c6 dao ham lién tyc trén R va théa man f(x)>0, VxeR. Cho bit
_ \ f,(x)_ L, o s cy o ) £ 2 \ _
£(0)=1va ) =2—2x. Tét ca cac gié trj thuc cua tham so m dé phuong trinh f (x)=m
X
¢6 hai nghi¢m thyc phan biét la:
A.O<m<e. B.1<m<e. C. m>e. D. 0<m<l1.

4x* —4x+1

]+4x2+1=6x va gia st
2x

Cho biét x,, X, la hai nghiém cua phuong trinh log{

X,+2x, :%<a+\/3) v6i a, b 1a hai s6 nguyén duong. Khi 46 a +b bang

A. a+b=14. B. a+b=13. C. a+b=16. D. a+b=11.
1 x .
Cho f(x)=————+x.Goi M =Max ; m=Min . Khi d6 M —m bang:
=7 2 ' Max f (x); m=Min / (x) 8
A. 1. B. é C. Z D. 2
5 5 5



Cau 1:

Cau 4:

HUONG DAN GIAI CHI TIET

Ham s6 y = 2x* —9x? +12x +3 nghich bién trén nhimg khoang nao?

A. (2;+0). B. (—o0;1) va (2;4%). C. (—oo31). D. (12).
Loi giai

Chon D

Tacod: y=2x"—9x* +12x+3= y'=6x" —18x+12.

, {x=1 {y=8
y=0& =

x=2 y=7
Bang bién thién:
r |[—o0 1 2 +00
Y + 0 — 0 +
8 +00

Vay ham s6 da cho nghich bién trén khoang (1;2).

Cho sb phirc z =2—5i. Phan thyc va phan 4o cta sb phic lién hop z 1a

A. Phan thyc bang 2, phan 4o bang 5. B. Phan thyc bang 2, phan 40 bang —5i .

C. Phén thuc bang 2, phan 4o bang 5i . D. Phan thyc bang 2, phan 4o bang —5.
Loi giai

Chon A

Tacod: z=2-5i=>z=2+5i.
Phan thuc cia z 13 2, phén docua z las.

Trong khong gian véi hé truc toa d§ Oxyz , khodng cach tur diém M (1;2;—3)dén mat ph:fmg
(P):x+2y—22—2:O la

A. d(M;(P))=1. B. d(M;(P))=

Chon C
l+4+6-2]
= =3.

\/12 +22+(-2)

Ta co d(M;(P))

Cho ham s y = 1= 21x c6 do thi (C ) Ménh dé nao sau day sai?
X+
A. (C) c6 tiém cin ngang la y =—1. B. (C) co tiém can ngang la y=-2.

C. (C) ¢0 hai tiém can. D. (C) c6 tiém can dung.
Loi giai
Chon A

Taco lim y=-2 va lim y=-2=(C) co6 tiém cén ngang y =-2.
X—>—00 X—>+00



Cau 5:

Caiu 6:

Cau 7:

lim y=—o0 va lim y=+0=(C) co6tiém can dingla x=-1.
x—>-1" x—-1"

Trong khong gian voi hé truc toa do Oxyz, cho mat phing (o):2x—y+3z—-1=0. Vécto nao
sau ddy 1a vécto phap tuyén ctia mit phang (o)
A n=(2;1;3). B.n=(-4;2;-6). C.n=(2;1;-3).  D.n=(-2;1;3).

Loi gidi
Chon B
Theo gid thiét ta thdy mit phang c6 mot vécto phap tuyén la (2;-1;3), do d6 (—4;2;-6) ciing
1a mot vécto phap tuyén.
Cho hinh chép S.4BCD c6 day 1a hinh vuéng canh a, mit bén (S4B) la tam giac déu va nim
trong mit phiang vudng goc voi miat phing day. Thé tich khdi chop S.ABCD 1a

613 _ a3\/§ (13\/5

A. VS.ABCD :a3\/§~ B. VS.ABCD :?- C. VS.ABCD = 6 D. VS.ABCD = >

Loi giai

Chon C

Goi H la trung diém 4B . Khi d6 AH 1a dudng cao ctia tam giac déu S4B, nén SH L AB.
Ta ¢6 (S4B) L (ABCD)
(SAB) N (ABCD) = AB
SH 1 AB
Suyra SH L (ABCD).
ABV3 a3
2 2
Dién tich hinh vuéng ABCD 1a a’.

1 la\/gaz_cf\/g
5 .

Thé tich khoi chop 1a ¥ ;0 = 3SH S o =3 5

Tacod SH =

Trong mit phing toa d9, diem M (-3;2) 1a diém bicu dién cta sb phic nao dudi day?

A. z=3+2i. B. z=-3+2i. C.z=-3-2i D. z=3-2i.
Loi giai

Chon B

Trong mat phrfmg toa do, diém M (—3; 2) 1a diém biéu dién cua sb phicz =-3+2i.

Pao ham cua ham so y =2""" la:



| - - .2sinx
A, y, ——co§ x.2smx.ln2' B- y! = Cos x'2smx.ln 2. C. y! — 2Slnx.ln2' D. y' — Coslxz '
n
Loi giai
Chon B

Tacéd: y' = (2““ )’ = (sinx)’ 2% In2.=cosx.2"™.In 2.

Cau9: Cho khdi non dinh S c6 do dai duong sinh 14 a, goc giita dwdng sinh va mit day 1a 60°. Thé
tich khoi non 1a:
3 3 3 3
A.V:”a\/g. By O3 c.v=2% D. v =3%¢
24 8 8 8

Loi giai

Chon A

S

Goi SM 1a mot dudng sinh, O 13 tdm dudng tron ddy ta c6 OM 12 hinh chiéu ctia SM trén
mit phiang day nén goc giita duong sinh OM va mit day la SMO = 60°.

Trong tam giac SOM vudng tai M ta c6: OM = STM = %, SO = SM .sin 60° = %
q : 1 V3
Vay thé tich khéi non ¥ =~ 7.0M>.50 =22 3 :
3 24
Chu 10: S nghiém cta phuong trinh 2% > =1 la:
A. 0. B. 1. C.4. D.2.
Loi gidi

Chon B
Taco 2" > =127 =2 o ¥ - 2x+1=0 & x=1.
Vay phuong trinh c6 1 nghi¢m.
Cau 11: Trong khong gian véi hé truc toa do Oxyz, cho hai mit phing (P):x-2y-z+2=0,
(Q):2x—y+z+1=0. Goc gitra (P) va (Q) la
A. 60°. B. 90°. C. 30°. D. 120°.
Loi gidi
Chon A
(P):x—2y—z+2=0 cd véc to phap tuyén la n, =(1;-2;-1).
(0):2x—y+z+1=0c6 véc to phap tuyén la n, = (2;-1;1).
Ap dung cong thic:



Cau 12:

Cau 13:

Cau 14:

Cau 15:

n,.n,

1.2+ (=2).(-1)+(-1).]] 1

o N ™ e Cop s o2

Suy ra goc gilta (P) va (Q) 1a 60°.

n.|n,

.

Tap nghiém cua bat phuong trinh log, x <0 14

A. (0;+). B. (0;1). C. (—o31). D. (1;+0).
Loi giai

Chon B

Tacod: log,x<0<0<x<2’ < 0<x<l.

Vay tap nghiém ciia bat phuong trinh log, x<0 la (0; 1).

Cho ham s F(x) 1a mdt nguyén ham cua ham s6 f(x) xéc dinh trén khoang K. Ménh dé

nao dudi day sai?

A [f(x)dv=F(x)+C. B. (J-f(x)dx)’ = f(x).
C. ([ £ (x)dx) = F'(x). D. (x[ £ () dx) = /().

Loi giai
Chon D

Theo dinh nghia nguyén ham ta cé: F(x) 1a mot nguyén ham cta ham s6 f'(x) xdc dinh trén
khoang K néu F '(x) = f(x). Ho tat ca cac nguyén ham cua ham s6 f (x) xac dinh trén K 1a
[ f(x)dx=F(x)+Cnéndép én A, B, C diing,

Dép 4n D sai vi (xJ-f(x)dx), =[x.(F(x)+ C)]’ =xf(X)+F(x)+C = f'(x).

Trén C phuong trinh

=1+1i c6 nghiém la:

Z_
A.z=2-1. B. z=1-2i. C.z=1+2i D. z=2+i.
Loi giai
Chon A
:l+i<:>Z_1: 2 <:>Z_1=1_l<:>z—1:1—i<:>z:2—i.
z—1 2 1+4i 2 2
dx .
Nguyén ham I bang
V1-x
C 2
A. NJI-x+C. B. — C. 2J1-x+C. D. 1 +C.
Loi giai

Chon C
Pat t=vl-x = =1-x= 2tdt = —dx = dx = —2¢d¢ .

dx —2tdt
-[\/E =] t

Ta co: :—2Idt:—2t+C:—2\/;+C:—2\/1—x+C



Cau 16: Phuong trinh duong thang A 1a giao tuyén ciia hai mit phang (a):x+2y+z—1=0 va
(ﬁ):x—y—z+2=0 la

x=—1+¢ x=2+t x=-1-t x=-1-3¢
A qy=1-2¢ B.<y=2¢ . C.iy=1-2¢ D. < y=1+2¢
z =3t z=—-1-3¢. z =3t z=t.
Loi giai
Chon A

. (a):x+2y+z—1=0:> vecto phap tuyén ctia mat phang (a)la: a=(1;2;1).
(f):x-y—z+2=0 = vecto phap tuyén ciia mat phing (3)1a: ﬁ =(L-1;-1)
Tacé: A=(ar)(B)=u, =|n,in, |=(~1;2;-3) = loai dap an B, C, D (1).
x=—1+¢
e Xétdapan A: <y =1-2¢
z =3t
= M, =(~1;1;0) € A va vecto chi phuong ciia (A)la: u), = (1;-2;3)
. u—g:—ujj uj cung phuong voi LZ (1).
* M,=(-110)e(a);M,=(-110)e(B) = M, giao tuyén cua hai mit phing («) va
(B) (2).
x=—1+t¢
*Tu(1)va(2): A:qy=1-2¢ lagiao tuyén cuia hai mit phing («) va (f).
z=3t

Céau 17: Cho ham s6 f(x) c6 dao ham lién tuc trén R va trén [O;l] ta co f(l)—f(O) =2. Tich phan

1
I:If'(x)dx bang

0
A. 1=0. B. I=2. C.I=-1. D. I =1.
Loi giai
Chon B

Ta cé: I=}f’(x)dx=f(x)|:) = £(1)-r(0)=2.

Cau 18: Cho lang try ding ABC.A'B'C' c6 day ABC la tam gidc vudng cn tai B, AB=a~/5.
Goc giira duong thing A'B va mit day 1a 60°. Thé tich lang try ABC.A'B'C"' 1a
5a’\15
A 154°+5. B. 54°/3. C. a;/_' D. 154°/3.
Loi giai

Chon C



60°

B
- X4c dinh goc gifta dudong thing 4'B va mat day 1a 60°.
A'B’ 13 hinh chiéu vuong goc cia A'B 1én mit phing (A'B'C ) .
Do d6 goc giita A B va mit day bang goc gitra hai dudng thang 4 B va A'B', va bang goc
BA'B'. Theo bai ta c6: ZBAB =60’
- Tam gidc A'BB vudng tai B', AB = AB=a.[5, /BAB =60".
— BB = AB .tan 60" = a/15 .

2
S 1AB.BC=%a 5.af=5%.

4ABC — E
' 5a’ 5\/Ea3
) VABC.A'B'C' =BB .S, .= a\/ﬁ_ 5 = o

Céu 19: Trong khong gian toa do Oxyz, duong thang di qua diém A(3; —2;4)Vé c6 vécto chi phuong

u=(2;-1;6) c6 phuong trinh
Al x—3 =y+2=z—4_B. x+3:y—2=z+4.

2 -1 6 2 -1 6
C. x—3 :y—2 :Z_4.D. x—2 :y+1 :z—6'
2 -1 6 3 -2 4
Loi giai
Chon A

Puong thang di qua diém A4 (3; -2; 4) va c6 vécto chi phuong u = (2;~1;6) c6 phuong trinh:

x-3 y+2 z-4
2 -1 6

Céu 20: Trong khong gian véi hé truc toa dd Oxyz, mit cau (S) tdm /(2;3;-6) va ban kinh
R =4 c6 phuong trinh 1a

A (x=2) +(y=3) +(z+6) =4. B. (x=2) +(y-3) +(z+6) =16,

C. (x+2)2+(y+3)2 +(z—6)2 =16. D. (x+2)2 +(y+3)2 +(z—6)2 =4,
Loi gidi

Chon B

Mit cau (S) tam /(2;3;—6) va bankinh R =4 c6 phuong trinh la:

(x=2)" +(y=3)" +(z+6) =16.



Cau 21:

Cau 22:

Cau 23:

Néu [(2x—1)dx =2 thi m c6 gid tri la
0

m=1 m=-—1 m=-—1 m=1
A. . B. ) C. ) D. )
m=2. m=-2. — \m=2. m=-2.

Loi giai
Chon C

Ta c6: T(zx—1)dx=2 & (x* -x)

0

m=2

:2©m2—m—2:0<:>{

m
0 m=-1

Trong khong gian véi hé¢ truc toa do Oxyz, cho vat thé (H ) gid1 han bdi hai mat phéng co
phuong trinh x=a va x=b (a<b). Goi S(x) la dién tich thiét dién cta (H) bi cit boi mat
phang vudéng goéc véi truc Oxtai diém c6 hoanh d6 13 x, voi a<x<bh. Gia st ham s6

y=8(x) lién tyc trén doan [a;b]. Khi d6, thé tich V' cia vat thé (H) dugce cho béi cong thire:

AV =[5(x)dx. B. V:ﬂjS(x)dx.

C.V= ﬂi[s(x)f d. D.V= j':[S(x)]z dx.

Loi giai

Chon A

(H)

Ll

]y

b
Dién tich hinh (H) duoc tinh theo cong thue V = IS (x)dx.

Mot vat chuyén dong véi van toc v(t)(m/s) va cé gia tde a(1) =t3—1(m/s2). Van téc ban
+

déu ciia vat 1a 6(m / s). Hoi vén tbc cta vat sau 10 gidy 1a bao nhiéu?

A. 3In11-6. B. 31n6 + 6. C.2In11+6. D. 3In1l +6.
Loi giai

Chon D

Ta co:



Cau 24:

Cau 25:

Cau 26:

Cau 27:

3
v(t):ja(t)dtzjmdt=3ln|t+l|+C
v(0)=6=3In1+C=6=C=6
=v(10)=3Inl1+6
Cho hamsb y = f (33) lién tuc trén R. Khang nao sau day dung?

A. Néu ham s ¢6 gid trj cye dai 1a f (v, ) v6i 2, € R thi f(z,) = Max f(z).
B. Néu ham sd co gia tri cuc tiéu 1a f (a;o) voi z, € R thi tdn tai z, € R sao cho
f(a:o) < f(xl)
C. Néu ham s6 ¢6 gid trj cuc dai 1a f(, ) v6i x, eR thi f(z,) = Min f(z).
D. Néu ham s6 ¢ gia tri cuc tiéu 1a f(z,) voi x,€R va c6 gid tri cyc dai la f(z,) véi
x, €R thi f(xo) < f(xl)
Loi giai
Chon B
Mo — dun cua sb phirc z = (2—31’)(1+1’)4 1a
A. |z|=4413. B. |z|=+/31. C. |2|=208. D. |z|=+13.
Loi giai
Chon A
Tacé: z=(2-30)(1+1)" =(2-3)| (1+7)' |

Vay: |z|=/(-8)" +12? =413 ,

Nguyén ham F(x) ctia ham s6 f(x) =e™* va thoa min F(O) =11a

2

(2-3i)(2i) =(2-3i).(-4) & z=-8+12i.

e 1

A.F(x)zezx. E.F(x): +E. C. F(x)=2ezx—l. D.F(x)ze".

Loi gidi
Chon B
7 2x 1 2x
Taco [ f(x)dr=]e dv=—e" +C.

Vi F(0)=1 nén %.e°+C:1<:>C:%.

2x

Vay F(x)= 62

1
+—.
2

Cho ham s6 y = (x—2)(x* +1) ¢6 dd thi (C). Ménh dé nao duéi day dung?

A. (C ) cit truc hoanh tai mot diém. B. (C ) cit truc hoanh tai ba diém.

C. (C) khong cit truc hoanh. D. (C) cét truc hoanh tai hai diém.
Loi giai

Chon A

Xét phuong trinh hoanh d giao diém cta dd thi (C) va truc hoanh:



Cau 28:

Cau 29:

Cau 30:

(x-2)(x*+1)=0 @[;—jzz () o x=2.

Phuong trinh trén chi c6 1 nghiém nén d6 thi (C) chi cdt truc hoanh tai 1 diém. Chon A

Tap hop cac diém biéu dién s phirc z théa man |z - i| = |2 —-3i- z| la

A. Puodng tron ¢6 phuong trinh x> +y*=4.  B. Puong thiang c¢6 phuong trinh

x+2y+1=0.

C. Puong thang c6 phuong trinh x—2y—3=0. D. Puong elip c6 phuong trinh x* +4y” = 4.
Loi giai

Chon C

Gia st s6 phuc z codang z=x+yi; x,yeR.

Theo dé bai, ta cé: |z—i| =|2—3i—z| = |x+yi—i| =|2—3i—x—yi

o x° Jr(y—l)2 :(2—96)2 +(—3—y)2 &S x-2y-3=0.

Tap hop cac diém biéu dién s phirc z 1a dudng thang c6 phuong trinh x —2y—3=0. Chon C
Cho hinh chép S.4BC c6 day 1a tam giac ABC vudng tai C, AB=a~/5, AC =a. Canh bén
SA=3a va vudng gbéc v6i mat phang (ABC). Thé tich khdi chép S.4BC la

a*\5

2

A a’. B. 3a’. C.2a. D.

Loi giai

Chon A

3a

2
Tam giac ABC vudng tai C nén CB =+ AB* - AC’ :,/(a\/g) -a’ =2a.

Thé tich cta khdi chép S.ABC 1a V, . = %.SA.SAABC = %.3a.%.a.2a =a’.
Cho ham s6 y =—x" +3x—2 ¢6 d0 thi (C ) Phuong trinh tiép tuyén cua (C ) tai giao diém ciia
(C) véi tryc tung 1a
A y=-3x-2. B. y=2x+1. C. y=-2x+1. D. y=3x-2.
Loi giai
Chon D
Goi M 1a giao diém ctia d thi (C)va truc tung thi M (0;-2).



Cau 31:

Cau 32:

Cau 33:

Taco y'=-3x"+3, VxeR = '(0)=3.
Phuong trinh tiép tuyén cua d6 thi (C) tai M (0;-2) 1a

y=y"(0)(x-0)-2< y=3x-2
Vay phuong trinh tiép tuyén can tim 1a y =3x—2.
Trong khong gian v4i hé truc toa do Oxyz, cho hai diém A(l; 2; 2) va B(3; 0; 2). Mat phéng
trung truc ctia doan thing 4B c6 phuong trinh 12
A.x—-y—z+1=0. B. x—y—-1=0. C.x+y—-z-1=0. D. x+y-3=0.

Loi giai

Chon B
Goi I 1a trung diém AB,tacod I (2; 1; 2). Mit phang trung truc cta doan thang AB 13 mit
phing di qua diém I (2; I; 2) va ¢ véc to phap tuyén 1a AB = (2;-2;0). Vay phuong trinh mat
phang trung truc cia AB 1a
2(z-2)-2(y—1)40(2-2)=020-2-2=0z—y—1=0.

Cho khdi hop chir nhat ABCD.A'B'C'D' ¢6 AB=a, AD=b, AA'=c. Thé tich cua khdi hop
chit nhat 4BCD.A'B'C'D’ bang bao nhiéu?

A. abc. B. %abc. C. %abc. D. 3abc.
Loi giai
Chon A
A B’
D-I" | CJ'
|
I
c
I
I
1
b,,*'A-—-a-—--— B
D C

Thé tich hinh hop chit nhat 4BCD.A'B'C'D' 1a V = abc.

Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh thoi canh bing 2a+/3. Biét BAD =120° va hai
mit phang (SAB) va (SAD) cung vudng goc véi mit ddy. Goc gitta mat phang (SBC) va
(ABCD) bang 45°. Khoang cach & tir 4 dén mat phang (SBC) la

A.h=3a;/§. B.h:z"f. C. h=2a\2. D. h=a3.

Loi giai
Chon A



Hai mit phang (SAB ) va (SAD) cung vudng goc voi mat day nén ta suy ra S4 L (ABCD) .

ABCD 14 hinh thoi ¢6 BAD =120° suy ra tam giac ABC 1a tam giac déu.

AB3
2

Goc gitra mit phang (SBC ) va (ABCD) bang SMA va bang 45°. Vi thé tam gidc SAM

Goi M 1a trung diém cua BC. Suyra AM L BC va AM = 3a.

vuong can tai.
Goi H 1a hinh chiéu vuong goc ctia 4 trén SM . Suyra AH L (SBC )
Vivay d(4,(SBC))=AH =h.

1 3a\/§

Trong tam giac SAM ta co: AH:ESM :%AMI: 5

Chu 34: Gia st ta c6 hé thitc a” +4b° =5ab (a,b>0). Hé thirc nao sau day ding?

A. 2log, (a+2b)=log, a+log,b. B. 2log, = +22b =log, a+2log, b.

C. log, at2b _ 2(logy a+logy b). D. 2log, a -;2[) =log, a +log, b.
Loi giai

Chon D

Dé cho @’ +4b> =5ab (a,b>0).
2

=ab

<:>(a+2b)2 —4ab =5ab <::>(a+2b)2 :9ab<:>(a+2bj

2
Lay logarit co s6 3 hai vé ta duoc: log, (a+3_2bj =log, ab

a+2b

<:>210g3( j=log3a+log3b.

CAu 35: Cho hinh chit nhat ABCD c¢6 AB=4 va AD=3. Thé tich cua khéi tru dugc tao thanh khi
quay hinh chir nhat ABCD quanh canh 4B bing
A. 36rx. B. 127x. C. 24r. D. 487 .
Loi giai
Chon A



Cau 36:

Cau 37:

Taco V,, =xr’h=36rx.

Trong khong gian véi hé truc toa dd Oxyz, cho diém A(l; 2;3). Toa d6 diém 4, 14 hinh chiéu
vudng goc ctia 4 1én mit phang (Oyz) 1a
A. 4,(1;2;0). B. 4,(1;0;3). C. 4,(0;2;3). D. 4,(1;00).
Loi gidi
Chon C
Goi d 1a duong thang di qua 4(1;2;3)va vudng goc v6i mit phang (Oyz)
Nén c6 vecto chi phuong as =i =(1;0;0)
x=1+t¢
Taco d:qy=2
z=3
A ed
Do ,nén 4,(0;2;3).
4, €(0yz):x=0
Trong khong gian v6i hé truc toa dd Oxyz, cho hai diém 4(1;-2;0) va B(4;1;1). Do dai duong
cao OH cuatam gidc OAB la
86 19

1 |86

1
A. o 36 C.\/E. D.2 TS
Loi giai
Chon A
Can nhé: Trong khong gian Oxyz thi dién tich tam gidc ABC duoc tinh bai cong thirc

e ——

S e =5‘[AB,AC]

Ap dung:

Tacd 04 =(1;-2;0),0B =(4;1;1) va AB:\/(4—1)2+(1—(—2))2+(1—O)2 =19

Suy ra [@,@} =(-2;-1;9)= ‘[a,@] - \/(_2)2 +(—1)2 +9% =./86.

86

1 r— —
‘[OB, OB]‘ ==

Vay Sop )

Mat khac S, = %OH.AB = %OH.\/I_ = @ — OH = /%



Cau 38:

Cau 39:

Cau 40:

Trong khong gian voi hé truc toa d0 Oxyz, vécto nao dudi ddy vuong goc véi ca hai vécto
i =(-1;0;2), v =(4;,0,-1)?

w=(1,7:1). B. w=(-1;7;-1). C. w=(0;7:1). D. w=(0;-1;0).

Loi giai

Chon D
Can nhé: Cho 2 vecto khong ciing phuong U va v, vecto [ﬁ,;] duoc goi Ia tich ¢c6 hudng cua
2 vecto u va v va [# #}J_u [ ]J_v
Ap dung:
V6i i =(=1;0;2), ¥ =(4;0,-1), ta co [u,v|=(0;7;0)==7(0;-1;0)

Chon vecto w = (0;—1;0) cung phuong voi [ﬁ,;], suy ra wluvawly.

1
Cho f(x) 12 mot ham s6 c6 dao ham lién tyc trén R va théa man f(l) =1 va If(t)dt :é'
0
B
Gia tri cua tich phan / = Ism 2x.f"(sinx)dx bang:
0
AT=2 B. =2, c.r=1. D.1=-2.
3 3 3 3
Loi giai
Chon A

Taco I =|sin2x.f’ (smx)dx 2

_ |u=sinx du = cos xdx
bat ) = )
dv = cos xf"(sin x)dx = f(sin x)

sin x cos x.f’(sin x)dx

o'—.l\)\-ﬁ
O 0 |y

3
Vay I = 2Is1nxcosxf (sinx)dx = 2[smxf(smx)| cosx.f (sinx)dx]=2£(1)-2J

o'—.w\-ﬁ

Xét J = | cosx.f(sinx)dx

o'—.mu

bat u =sin x = du = cos xdx

Véi x:0:>u:0;x=§:u:1

o'-—.t\)\a

Vay J = [cosx.f(sin x)dx = j f(u)du = j f(x)dx——
3 2 4
Suyra [ = Ism2xf(s1nx)dx 2f(H)-2J = 2—5:5

Trong khong gian véi hé truc toa d0 Oxyz, mat phang () cit mit cau (S) tam 7(1;-3;3)

theo giao tuyén 1a duong tron tim H (2;0;1), ban kinh 7 =2. Phuong trinh ciia mt cau () 1a



(x+1) +(y=3) +(z+3)" =4 B. (x—1)" +(y+3) +(z-3)" =18
C. (x=1) +(y+3) +(z-3) =4 D. (x+1) +(y=3) +(z+3)" =18
Loi gidi
Chon B

Ta co IH:|fﬁ|:\/1+9+4:\/ﬁ
Ban kinh mit cAu 1 R =/ + [H? =/4+14 =342

Vay PT mit chu () tam /(1;-3;3), ban kinh R =32 la:
(x—l)2 +(y+3)2 +(z—3)2 =18.

Céu 41: Duong cong trong hinh duéi day 1a dd thi cua ham s6 nao sau day?
Yy

A y=x"-3x+2. B. y=—x*+2x"-1. Q.y:x—ﬂ. D.y:x—_l.
x—1 x+1
Loi giai
Chon C
+) Dya vao hinh dang cua dd thi, loai phuong &n Ava B.
+) P4 thi co tiém can dimg x = 1 nén loai phwong an D, chon phuong an C.

Céu 42: Trong khong gian véi hé truc toa d6 Oxyz, cho hai mit phang (P):3x—my—z+7 =0 va

(Q) :6x+5y—2z—4=0.Hai mit phang (P) va (Q) song song voi nhau khi m bang

A.m=_—5. B.m=§. C. m=-30. D. m=4.
2 2
Loi giai
Chon A
+) Hai mat phang (P) va (Q) song song v&i nhau khi va chi khi
3 -m -1
= =—r—m=—=

Chu 43: Dién tich hinh phang gi¢i han béi dudng y =4 —|x| va tryc hoanh la
A. 0. B. 16. C. 8. D. 4.
Loi giai
Chon B



Xét phuong trinh hoanh d¢ giao diém cta y =4—|x| va truc hoanh:
4-|x=0e=|x=4=x=14

Dién tich hinh phang gi¢i han béi y =4 —|x| va truc hoanh la

S= }|4—|x||dx=16.
-4

Chu 44: Phuong trinh mit phing vudng goc véi mit phang (@):2x-3y+z—-2=0 va chira duong
thang d :i=y—+1= Z72 la
-1 2 -1

A.3x+y-z+3=0. B.x+y+z-1=0. C.x-y+z-3=0. D.2x+y-z+3=0.

Loi giai
Chon B
Goi (P) la mit phing can viét phuong trinh.
(P) L ()= gid clia n() song song véi (P).
(P) chira duong thang (d) nén gid cua ua song song véi (P).
= nr) =| nwstta | = (151).
Ly diem M (0;-1;2)ed = M e(P)
Phuong trinh mat phang (P) di qua M ¢6 vpet np) =(1;1;1) la:
1(x=0)+1(y+1)+1(z-2)=0= x+y+z-1=0.
Do d6 Chon B
Ciau 45: Trong khong gian v6i hé truc toa do Oxyz, dudng thing di qua diém A(—2;4;3) va vuong

gbc voi mit phang 2x—3y+6z+19=0 c6 phuong trinh la:
A x+2 y—-3 z+6 B x+2 y—-4 z-3

2 4 3 2 -3 6
C. x+2=y+3=Z_6.D. x_2:y+4:Z+3
2 4 3 2 -3 6
Loi giai
Chon B

Puong thang di qua diém 4 va vudng goc voi mit phang 2x -3y +6z+19 =0 nhén véc to
phap tuyén ;4(2;—3;6) lam véc to chi phuong.
x+2 y—-4 z-3

-3 6

Viy phuong trinh dudng thing d6 1a

3
. 2
Cau 46: Néu.[ 2x+ dx=aln5+bIn3+31In2 (a,b € Q) thi gia trj cia P=2a-b la:
> 2x" =3x+1
A P=7. B P=_12 c. p= D. P=1.
2 2
Loi gidi



3 3
Tacéj x+2 _f x+2 :I(i‘ 5 jdx

22x x4l 2 )(2x-1) S\x=1 2x-1

3 5
=3n|x-1[; :3(ln2—ln1)—5(ln5—ln3)
:—§1n5+£1n3+31n2.
2 2
:a:—i;bzi.
27 2
Vay 2a—b=2.(—§J—§=—1—5.
2) 2 2

Chu 47: Trong khong gian véi hé truc toa d Oxyz, cho diém M (0;2;0) va duong thang

x=4+3t
d:iy=2+t Duongthing di qua M cit va vudng goc voi d c6 phuong trinh 1a
z=—1+¢
AT Y2 =z gl vy =z oxl y-l z 5 ox y z-1
- -1 1 1 -1 2 1 1 2 -1 1 2
Loi giai
Chon A
d

/.///E?G’/”/Z
M |

|

Goi (P) 1a mit phang chita M va vudng goc véi d .

Khi d6 4, =(3;1;1) 1a VTPT cua (P)

Nén phuong trinh ctia (P) la 3(x—0)+1(y—2)+1(z—0)=0 & 3x+y+z-2=0
Goi N la giao diém cua (P) va (d).

P

x=4+3¢ X
y=2+t h%
z
t

1
1

Khi d6 toa do cia N 1a nghiém cua hé =

N(L1;,-2).
z=—1+t¢ = ( 7 )

-1

3x+y+z-2=0

Vay duong thang A 13 duong thang di qua hai diém M va N 1a il = yT—Z = g



CAu 48: Cho ham s f(x) c6 dao ham lién tuc trén R va thoa man f(x) >0, VxeR. Cho biét

_ \ f'(x) _ Ay o g . J 2 : _
f(O) =1va f( ) =2-—2x. Tat ca cac gia tri thyc ctia tham s6 m d€ phuong trinh f(x) =m
X
c6 hai nghiém thyc phan biét la:
A.O<m<e. B.l<m<e. C. m>e. D. 0<m<1.
Loi giai
Chon A
Ta co / (x) =2-2x > J.de:j(2—2x)dx
f(x) /()

& In|f(x)|=2x-x"+C (1)

Do f(x)>0nén(1) & Inf(x)=2x—x"+C < f(x)=e™ >

Baira f(0)=1 & ‘=1 & C=0

Do d6 f(x)=e ™™

Xét phuong trinh f(x)=m < ¢ =m (2)

Dé (2) ¢6 2 nghiém thuc phin biét < duong thang y = m cit db thi f(x)ze"“z”x tai 2 diém
phan biét

Xéthamsd f(x)=e™ > = f'(x)=(-2x+2)e ™

Cho f'(x)=0 < x=1

Bang bién thién

r |—00 1 +00
yf + 0 —
e
0 0

TeBBT = O<m<e.

4x* —4x+1

]+4x2+1:6x va gia st
2x

Cau 49: Cho biét x,, x, 1a hai nghiém cta phuong trinh 10g7(

xX,+2x, :%(a+\/3) v6i a, b 1a hai s6 nguyén duong. Khi 46 a +b bang

A. a+b=14. B. a+b=13. C.a+b=16. D. a+b=11.
Loi giai
Chon A
Diéu kién xac dinh cta phuong trinh:
2
4’ —dx+l o (2x-1)
2x 2x
Véi diéu kién trén, phuong trinh duoc viét lai dudi dang
log, (4x” —4x+1)+(4x” —4x+1) = log, (2x) +2x.

>0<:>0<x¢%



Cau 50:

1
tin7

Vihamsb f(t)=log, 1+t dong bién trén (0;+0) (f’(t) = +1>0, Vi > 0) nén suy ra

4x* —4x+1=2x
S 4x"—6x+1=0
3+4/5 3-5
Thoac

» Xy =

? 4

_3-V5 3445
4 2

Giai phuong trinh bac hai nay ta dugc x, = X,

o 1 o
Voiviée x,+2x, = Z(a + \/E) trong do a, b 1a hai s6 nguyén duong, ta chon

345 N 3+4/5

e Ty

Khi d6 %(a+\/3)=x1+2x2 =%(9+\/§) nén a=9, b=5,a+b=14.

1 x* .
Y % Goi M =Max f(x): m=Min f(x). Khi d6M —m bing:
©—dx+5 4 ' Max f (x); m=Min 1 (x) 8

Cho f(x)=

Al B2 c.rl. D.
5 5

WO

Loi giai
Chon D
Dit 1 =x* —4x+5. Ta c6 bang bién thién ctia ¢ khi x € [0;3] nhu sau:
x |0 2 3

5
t 2

%

1

Vay khi x €[0;3] thi £ €[1;5].
1 ¥ —4x+5 S
- +=.
x> —4x+5 4 4
Thay vi tim gi tri 10n nhét va gia tri nho nhat ctia ham sé f (x) trén doan [0;3] , ta tim gia tri

16n nhét, gia trj nhé nhat cua ham sb g(1)= 1 —% +% trén doan [1;5] )
t

Viétlai f(x) duéidang: f(x)=

Ta co g'(t)=—ti2—%<0, Vvt €[1;5] nén ham sé g(¢) nghich bién trén doan [1;5].

Do do, It\él[le;ls)]ig(t) =g(1)=2; ming(t)=g(5)=

te1;5]
9

l, M—-—m=—.
5 5

1
5
Vay M =2, m=




PE ON TAP KIEM TRA CUOI HOC KY II
MON: TOAN 12 - PE SO: 19 (100TN)

Cau 1: D0 thi cia ham sb nao dudi day c6 dang duong cong nhu hinh v&?

Yy

\4 o A\ T

A y=—x-3x"+2. B.y=-x"+3x"+2. C.y=x"-3x"+2. D.y=x-2x"-2.
Cau2: Cho cap sd nhén (u,) c6 s6 hang dau u, =2 va cong bdi ¢ =4. Gia tri clia u, bing

A. 32. B. 16. C. 8. D. 6.

Cau3: Mottd cd 6 hoc sinh nam va 5 hoc sinh nit. C6 bao nhiéu cach chon mot hoc sinh nam va mot
hoc sinh nir dé di tap van nghé?

A. 4. B. 30. C. C2. D. 11.

Chu4: Ho tit cd cc nguyén ham cua ham s0 f'(x)=2"+4x 1a

2" 2"

A 2'In2+42x°+C. B, —+2x"+C. C.2"In2+C. D. —+C.
In2 In2

Cau 5:  Cho khéi lang try c6 day 1a hinh vudéng canh a va chiéu cao bang 3a . Thé tich ctia khéi lang tru

da cho bang

3 3 4 3 3

A a . B. 4a°. C.Ea. D. 3a’.

CAu 6:  Nghiém cua phuong trinh log, (3x—-8)=2 la
4
A. x=-4. B. x=12. C. x=4. D. x=—.

3

Cau7: Cho khdi tru c6 chiéu cao bang 24/3 va ban kinh day bang 2. Thé tich khdi tru da cho la:

A. 87 B. 8/37. C. 8*/5” . D. 24r.

Cau8: Chohamsd y= f(x) c6 bang bién thién nhu sau:



Y + 0 - 0 +
1 +00
—00 -3
Ham s6 da cho dong bién trén khoang nao sau day?
A. (1;+00). B. (-3;+). C. (-L1). D. (—o;1).

Cau9: Trong khong gian Oxyz , cho hai diém A4(L;1;-2),B(3;-4;1). Toa do cia vecto AB 1a

A. (-2;5-3). B. (2:5;3). C. (2-53). D. (2;5-3).
Cau 10: Phuong trinh dudng tiém can dimg ctia 6 thi ham sé y = 2x _13 la:
x f—
A y=2. B. y=1. C.x=1. D. x=2.
Céu 11: Cho hinh nén ¢6 d6 dai dudng sinh bang 3a va ban kinh day bang « . Dién tich xung quanh cta
hinh nén da cho bang
A. 127a’. B. 37a’. C. 67a’. D. za®.

Cau 12: Vi a 1a sb thyc duong khac 1, log , (a\/Z) bang

A.é. B. 3. C.é. D.l.
4 2 4
Céu 13: Cho khdi chop c6 dién tich day bang a” va chiéu cao bang 2a. Thé tich cta khdi chép da cho
bang
3
A. 2%. B. 2a°. C. 4a’. D.a’.

Chu 14: Gié tri nh6 nhat cua ham s y =x" —2x* =3 trén doan [-1;2] bing
A. —4. B. 0. C.5. D. —3.
Cau15: Cho f(x) 1a mot ham s6 lién tuc trén Rva F(x)1a mot nguyén ham cta ham s6 f(x). Biét

3
[ f(x)dx=3 va F(1)=1.Giatri F(3) bing
1

A. 4. B. 2. C. 2. D. 3.

Cau 16: Dao ham cua ham s6 y = log, (2x2 —x+1) la

2x—1 B 4x-1 c (4x—1)In3 4x-1

A (20° —x+1)In3’ ’ (20° —x+1)In3’ RS D- 2% —x+1




Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Phan hinh phéng (H ) duogc gach chéo trong hinh v& dudi day duoc gidi han boi db thi ham sb
y=f(x), y=x"+4x vahai duong thing x=-2, x=0.

y:m2+4.1:

J o @
| y= f(z)
. 4 ,
Biét [ f (x)dx = > dién tich hinh phéng (f7) 1a
-2
AL B. 10 c.t p. 2.
3 3 3 3

Trong khong gian Oxyz, cho hai diém 4(-1;1;0) va B(3;5;-2). Toa d trung diém doan thang
AB la

A (2;2,-1). B. (2; 6;—2). C. (4 4-2). D. (1;3; -1).
Chohamsé y = f (x) ¢6 d6 thi nhu hinh v&. S6 gia tri nguyén ciia tham sb m dé dudng thing
y =m cat d6 thi ham s6 da cho tai ba diém phan biét 1a

Y

54 _ _ __

NP — — = = = = o ——— -

19) \ x
A. V0 sd. B. 3. C.0. D. 5.
Téap nghiém cia bit phuong trinh 4 > 64 1a
A. (=0;-1]U[3:+). B. [3:+). C. (=o0;-1]. D. [-1:3].

Cho hinh nén c6 thiét dién qua truc 13 tam giac vudng can c6 canh huyén bang a2 . Dién tich
xung quanh cta hinh nén di cho bang:



Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

2 2
2
A. x/zﬂaz. B. ﬂ. C. ra’. D. \/Zm .
2 2
Cho ham sb y= 2x_+11 Tich gia tri 16n nhat va gia tri nho nhat ctia ham sé da cho trén doan
[—1;0] bang:
A.i. B. 2. C.—l. D. 0.
2 2
Cho ham s y = f(x) c6 bang bién thién nhu sau
T —00 -1 2 400
Y + - +
+o00|[ 4 +oo
y / \ /
3 -5

Téng sb dudng tiém can ding va ti€ém cén ngang cua dd thi ham s6 béng
A. 4. B. 1. C. 2. D. 3.
S6 nghiém cua phuong trinh log, (x + 2) +log, (x - 2) =log,5 1a

A. 2. B. 3. C. 1. D. 0.

Cho hinh chép S.4BCD c6 day 1a hinh vuéng canh a, SA vudng goc voi mit phang day va
SA = a~/2 ( tham khao hinh v&).

B (o]

Géc giira duong thang SC va mit phang (ABCD) bang

A. 30°. B. 45°. C. 60°. D. 90°.

Cho ham sé y = f(x) ¢6 dao ham f'(x)=x(x+3)(x—1)". S6 diém cyc trj ciia ham sd bang
A. 0. B. 2. C.3. D. 1.

Ho tat ca cac nguyén ham cua hamso f(x) =

1(1+ xz jvéixe(0;+oo)\{£+k7r,keZ} la
cos“x 2

X



1 1
A. ——+tanx+C. B. Inx+tanx+C. C. —— —tanx+C. D. Inx—tanx+C.
X X

Céu 28: Cho khdi lang tru ding ABC.A'B'C" ¢6 day ABC 1a tam giac vudng tai B, AB=a, AC = a5
, A4'=2a~/3 ( tham khao hinh v&).

A’ c’

Thé tich khéi lang tru di cho bang

3 3
A. 2345, B. 434°. C. 2\/35‘1 . D. \3a .

Cau 29: Trong khong gian Oxyz, cho cic vecto a =(-2;-3;1) va b=(1;0;1). Césin goc giita hai vecto

a va b bang

| 1 3 3
A ——. B. —. C. ——. D. —.
27 247 207 27
Cau 30: Chohamsd y = f(x) c6 bang bién thién nhu sau
x —00 -6 0 NG 400
Y - 0 + 0 - 0o -+

AN NS

S6 nghiém cua phuong trinh 2 f (x) —~11=0 bang
A. 3. B. 2. C.0. D. 4.

Cau 31: Cho hinh chép S.ABCD c6 day ABCD 1a hinh chitr nhat tdim O, canh AB=a, AD = a+/2 . Hinh
chiéu vudng géc cta S trén mit phing (4BCD) la trung diém ctia doan O4 . Géc gittra SC va

mit phang (ABCD) bang 30°. Khoang cach tir C dén mit phang (SAB) bang

A.

9\/ﬁa B 3@61 C \/Za D 3\/5(1
a . ) a

1 Tl ’



Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cho phuong trinh 16" =24 +10=m (m 1a tham s6). SO gia tri nguyén cta tham
me [—10; 10] dé phuong trinh dé cho c6 ding hai nghiém thyc phan biét 1a

A. 7. B. 9. C. 8. D. 1.

Trong khong gian Oxyz , cho diém / (2;4;— 3) . Phuong trinh mit cdu c6 tam 7 va tiép xuc véi
mit phing (Oxz) 1a

Ao (x=2) +(y—4) +(z+3) =4. B. (x—2)" +(y—4)" +(z+3)" =29.
C.(x=2)" +(y—4) +(z+3)" =9. D. (x—=2) +(y—4) +(z+3) =16.

Gia st 7 1a mot s6 nguyén duong thoa man 3C2 —C? =24. Hé sb ctia s6 hang chira x> trong

khai trién [xz x—gj bang
x

A. 672x". B. —672x". C. 672. D. —-672.

Cho ham sb f(x)>0 va c6 dao ham lién tyc trén R, thoa man (x+1)f"(x)= f(;c) va
X+

£(0)= (%} _Giatri f(3) bing

A.%(4ln2—ln5)2. B. 4(4In2-1n5)’". C.%(41n2—1n5)2. D. 2(4In2-1In5)’,

Cho ham s6 y=x’ +(m—2)x2 +(m—2)x+1. S6 gia tri nguyén cua tham s6 m dé ham sb da

cho dong bién trén (—o0;+o0) 1a

A. 3. B. 0. C. 4. D. 2.

Cho khdi lang tru ABC.A'B'C'co ddy ABCla tam giac vudng tai A, AB=a, BC =2a . Hinh

chiéu vuong goc cua dinh 4> 1én mat phang (ABC ) 1a trung diém ciia canh H ciia canh AC .

Goc gitra hai mat phang (BCB'C ') va (ABC ) bang 60°. Thé tich khdi lang tru da cho bang:
334’ NEYS 334 @3

A. . B. . C. : D. :
4 8 8 16

Trong khong gian OXYZ cho hai diém A(1;2;3),B(1; —2;5). Phuong trinh mat cau di qua hai

diém A, Bva c6 tam thudc truc oy la:

A X+ +27+4y-22=0. B. X’ + )y’ +2°-4y-22=0.
C.x*+y*+22+4y-26=0. D. x>+ +2°—4y-26=0.

In3
Lo véi moi x khic 0. Khi d [ ¥ (x)dx

1

2x—

2
X

Cho ham s0 f(x) c6 f(1)=¢" va f'(x)=

bang



C.9-¢". D.

A. 6—¢>. B.

Chu 40: Cho ham sé bac ba y = f(x) c6 dd thi nhu hinh v&

Yya

S6 diém cyc tiéu ciia ham s6 g(x) = f(—x2 + x) bang
A. 1. B. 5. C.2. D. 3.

Cau 41: C6 bao nhiéu cap s6 nguyén (x;y) théa man 2 <x <2021 va 2* -log, (x+ 2! ) =2x—y?

A. 2020. B. 9. C. 2019. D. 10.

Cau42: Chohamsd y= f(x) lién tyc trén R théa man f(—l) = 5,f(—3) =0 va co bang xét dau dao

ham nhu sau:

#(x) + o - o0 + o + 0 -

S6 gia tri nguyén duong ciia tham sé m dé phuong trinh 3 f (2 - x) ++/x” +4 —x =m cb nghiém trong
khoang (3; 5) la
A. 16. B. 17. C.0. D. 15.

Chu43: Cho ham s6 y = f(x) lién tyc trén R va théa man f(-1)=1, f(—l] =2.Hamsd f'(x) ¢
e

d6 thi nhu hinh v&. Bat phuong trinh f (x) <In (—x) +x” +m nghiém dung véi moi x € (—l; —lJ
e

khi va chi khi



Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

by
——_ 45
|
|
|
|
|
|
|
|
| 2
-1 O | x
|
|
|
|
|
—4 - ————— =
1 1
A. m>0. B.m>3-——. C.m>23-—. D. m>0.
e e
Cho ham sb f (x) lién tuc trén  khoang (0; +oo) va théa man
f \/; Y
f(x*+1)+ ( ):2x+lln(x+1). Biét | f(x)dx=aln5-2Inb+c véi a,b,ceR. Gid trj
4x/x 2x 1
clia a+b+2c bang
A.?. B. 5. C.7. D. 37.
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a . Hinh chiéu vudng goc ciia S trén

mit phang (ABCD) 1a trung diém cua canh 4B, goc giita mit phang (SAC ) va day bang 45°
.Goi M 1a trung diém cua canh SD . Khoang céach giita hai duong AM va SC bang

a5 a\/g

C.—. D. .

a2
4 10 5

A. a. B.

Cho ham sd f(x) c6 dao ham va xac dinh trén R. Biét f(l):2 va

Iolxzf'(x)dx=L41;3/\—/;f(2_\/;)dx:4'Giétri cla ﬁf(x)dx bang
X

A. 1. B.é. C.%. D

1
7 A

Cho hinh nén dinh S ¢6 day 14 hinh tron tim O . M6t mét phang di qua dinh ctia hinh nén va cat
hinh non theo thiét dién 13 mot tam giac vudng SAB c6 dién tich bang 4a’. Goc giita truc SO

va mit phing (SAB ) bang 30°. Dién tich xung quanh ctia hinh nén di cho bang

A. 4\/E7za2. B. 2\/E7ra2. C. \/ﬁﬂaz. D. 8\@7[612.

Cho ham s6 y = f'(x) ¢6 d thi ham s6 y = f"(x) nhu hinh v&



Cau 49:

Cau 50:

YA
0 > |
| 3
I
I
I
I
I
I
I
I
I
I
I
—4 - — - — —

Hamsb g (x) =f (ex - 2) —2020 nghich bién trén khoang nao dudi day?

3
A | -L=1. B. (-1;2). C. (0;+). D.|=:2|.
2 2
Cho khéi chop S.ABCD cb ddy ABCD 1a hinh chit nhat, 4B =a, SA vudng goc véi mit phang

) . 1 .
day va S4 = a . Goc gilra hai mdt phang (SBC) va (SCD) bang ¢, voi cosp =—. Thé tich

V3
ctia khéi chop da cho bang
3 3 3
A. “f. B. &’\2. C. 2*/35“ . D.%.

Cho da giac déu (H) c6 30 dinh. Lay tily y 3 dinh cua (H). Xéc sudt dé 3 dinh lay dugc tao
thanh mot tam giac ti bang

L2 B. 2. c.® D. 2.
140 58 58 280



HUONG DAN GIAI CHI TIET
Cau 1: D0 thi cia ham sb nao dudi ddy c6 dang duong cong nhu hinh v&?

Yy

\4 o A\ T

A y=—x-3x"+2. B.y=-x"+3x"+2. C.y=x"-3x"+2. D.y=x-2x"-2.
Loi giai
Chon C

Do thi ham s6 trong hinh vé la dd thi ciia ham s6 bac bon trung phuong c6 hé s6 a >0, nén dya
vao cac dap an ta Chon C

Cau2: Cho cap sé nhan (u,) c6 s6 hang ddu u, =2 va cong bdi ¢ =4. Gid tri clia u, bing

A. 32. B. 16. C. 8. D. 6.
Loi giai
Chon A

S0 hang tong quat cua cap sO nhan (u,) c6 sb hang dau u, va cong bdi g 1a: u, =u,.q"".
Vay gia trj cia s6 hang thir ba 13 u, = u,.q* =2.4* =32.

Cau3: Mot td cd 6 hoc sinh nam va 5 hoc sinh nit. C6 bao nhiéu cach chon mot hoc sinh nam va mot
hoc sinh nir dé di tap van ngh¢?
A. 4. B. 30. C.C. D. 11.
Loi giai
Chon B
S6 cach chon mét hoc sinh nam 1a C..
S6 cach chon mot hoc sinh nit 1a C..

Vay s6 cach chon mot hoc sinh nam va mot hoc sinh nit dé di tap van nghé 1a C..C} =6.5=30.

Cau4: Ho tat ca cac nguyén ham ctia ham s f(x) =2"+4x la

2 +2x*+C. C.2°In2+C. D. 2
In2 In2

Loi giai

+C.

A.2°In2+2x*+C. B.

Chon B

Ta cé:jf(x)dxzj(?‘+4x)dx:j2xdx+I4xdx:2—;+2x2 +C.

In



Cau5:  Cho khéi lang tru c6 ddy 1a hinh vudng canh @ va chiéu cao bang 3a . Thé tich cua khéi lang try

d3 cho bang
3 3 4 3 3

A.a . B. 4a. C.Ea. D. 3a’.
Loi gidi

Chon D

Dién tich day khdi lang tru 1a S = a’.

Thé tich ctia khdi lang trula V =S.h=a*.3a=34".

Cau 6:  Nghiém cua phuong trinh log, (3x-8)=2 la
4

A. x=—4. B. x=12. C. x=4. D.x:—g.

Loi gidi

Chon C

Phuong trinh d3 cho twong duong v6i 3x—8=2°> < 3x=12< x=4.
Vay, phuong trinh c6 nghiém 1a x=4.

Cau7: Cho khdi tru c6 chiéu cao bang 24/3 va bén kinh day bang 2. Thé tich khdi tru da cho la:

A. 87 B. 8V37. C. 8*/5” . D. 24r.
Loi giai
Chon B
Ap dung cong thirc thé tich khdi tru
V., =rnRh= 837
Cau8: Chohamsd y=f(x) c6 bang bién thién nhu sau:
x —00 -1 1 400
Yy + 0 - 0 +
1 400
)
—00 -3
Ham s6 da cho dong bién trén khoang nao sau day?
A. (I;+0). B. (=3;+x). C. (-L1). D. (—oo31).

Loi giai
Chon A

Dua vao BBT ta c6 ham sé dong bién trén (1;+%0) va (—o0;—1).



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Trong khong gian Oxyz , cho hai diém A(1;1;-2), B(3;—4;1). Toa d cua vecto AB 1a

A. (-2;5-3). B. (2:5;3). C. (2;-5:3). D. (2;5-3).
Loi gidi
Chon C

_

A(L;1;-2
Tacé:{ ( ):>AB=(2;—5;3).

B(3;-4:1)
\ \ ‘A A , 2 X 11y Je 2x-3 .
Phuong trinh duong tiém can dimg ctia do thi ham s6 y = | la:
x J—
A y=2. B. y=1. C. x=1. D. x=2.
Loi giai

Chon C

. 2x-3 . 2x-3
Ta c6: lim = +o00; lim = —0o0,

- x—1 -t x—1

Vay x =1 1a duong tiém cin ding cta dd thi ham sd.

Cho hinh nén c6 d6 dai duong sinh bang 3a va ban kinh day bang a . Dién tich xung quanh cua
hinh nén di cho bang

A. 127a”. B. 37a’. C. 6ra’. D. 7a’.
Loi giai
Chon B

Hinh nén ¢6 d¢ dai duong sinh / =3a va ban kinh day R=a.
Dién tich xung quanh ctia hinh nén 1a S = 7RI = 7.a.3a =37a’.

Véi a 1a s6 thuc duong khac 1, log , (a\/;) bang

A.i. B. 3. C.i. D.l.
4 2 4
Loi giai
Chon A
3
=13 3
Taco: log ,(ava|=log ,a? =—.—=—.
8. ( ) 8. 22 4

Cho khdi chép co dién tich ddy bang a” va chiéu cao bang 2a. Thé tich cua khéi chop da cho
bang

A, —. B. 2a’°. C. 4a°. D. a.

Loi giai



Goi B la dién tich day, & 1a chiéu cao cua khoi chop.
o , X: 1 g as N 1 1 5
Thé tich cta khoi chop da cho bang: V' = gh.B = 5.2a.a =—
Chu 14:  Gié tri nh6 nhat cua ham s y =x" —2x* =3 trén doan [-1;2] bing
A. —4. B. 0. C.5. D. 3.

Loi giai
Chon A

Tap xac dinh: D=R

Ham s6 y =x* —2x” =3 xac dinh va lién tuc trén doan [—1; 2].

VY =4x’ —4x

X
y’:0<:>{
X
Taco: y(0)=-3; y(xl)=-4; y(2)=5

Suyra:gﬁﬁ)“=nﬁn{yC—D;yUD;yﬂxJK2)}=Jdi1)=—4=

Cau15: Cho f(x) 1a mot ham sé lién tuc trén Rva F(x)1a mot nguyén ham cta ham sé f(x). Biét
3
[ f(r)dx=3 va F(1)=1.Gia tri F(3) bang
1
A. 4. B. 2. C. 2. D. 3.
Loi gidi
Chon A

Vi F(x)1a mot nguyén ham ctia ham s6 f(x) ta c6

jf(x)dx=3@F(3)—F(1):3@F(3)=4

Cau 16: Dao ham cua ham sb y = log, (2x2 —x+1) la

2x—1 4x-1 (4x—1)In3 dx—1
e ) (2 5 . B. 2 . C- ?. D. f.
X’ —x+1)In3 (2x* =x+1)In3 2x* —x+1 2x% —x+1
Loi giai
Chon A
(2x2—x+1)' 2x—1

Ta c6 y'=(102-§3(2x2 _“1))': (2% —x+1)In3 - (2¢" —x+1)In3

Céau 17: Phan hinh phang (H) dugc gach chéo trong hinh v& dudi day dugc gidi han boi do thi ham sé
y=f(x), y=x’+4x vahai duong thing x=-2, x=0.



y:w2+4$

| o x
! y = f(z)
4 ,
Biét [ f(x)dr= - dién tich hinh phang (H) 1a
-2
AL B. 18 c. 2 p. 2.
3 3 3 3
Loi giai
Chon D
Ta co:

s :j;|f(x)—(x2 o =]);f(x)dx—i(x2 +Ax)ir %_(_%:%

Cau 18: Trong khong gian Oxyz , cho hai diém A(—l;l; 0) va B (3; 5; —2). Toa dg trung diém doan théng
AB la
A (2;2;-1). B. (2; 6;-2). C. (4 4,-2). D. (1;3; -1).
Loi giai
Chon D
Ta c6 toa do trung diém M 1a
X, X

X, =———==1

2

Yaty
Yu =%:3 .
_ZatZp

M ) =-1

z

Cau19: Chohamsd y= f(x) c6 dd thi nhu hinh v&. S gia tri nguyén cta tham s6 m dé dudng thang

y =m cat d6 thi ham s6 da cho tai ba diém phan biét 13



Y4

A. Vo0 s0.

I®
(98]

Chon B

v
T

Duya vao d6 thi ta co: dudng thang y =m cat d6 thi ham sb da cho tai ba diém phan biét khi

I<m<5.
Két hop didu kién m e Z = m €{2;3;4}.
Vay ¢6 3 gia tri nguyén ctia tham sé m thoa man yéu cau bai toan.

Céu 20: Tép nghiém cua bat phuong trinh 477 > 64 13

A. (—oo;—l]u[3;+oo). B. [3;+oo). C. (—oo;—l]. D. [—1;3].
Loi giai
Chon A
¥’ -2x 2 2 |:XS_1
4 264 < x"—2x2log,64=3 < x" -2x-320 < .
x2>3

Vay, tap nghiém cua bét phuong trinh da cho 1a S = (—oo;— 1] U [3;+ oo) .

Cau 21: Cho hinh nén c6 thiét dién qua truc 1a tam giac vudng cén c6 canh huyén bang a2 . Dién tich
xung quanh cta hinh nén da cho bang:



27a?

2
A. x/zﬂaz. B. —. C. ra’. D. .

Chon D

Goi thiét dién qua truc ctia hinh nén 1 tam gidc ABC vudng can tai 4. Khi do:

+) Béan kinh ddy: 7 = %BC = “*2/5 .

NG

+) Bg dai duong sinh: /= AB ZTBC =a.

_2rd?

Vay dién tich xung quanh cta hinhnon la: S = zr/ 5

A \ A 2x+1 ; Y £, s eg e ) A, » \ A g~ A
Cau 22: Cho ham so y = x—l Tich gia tri 16n nhat va gia tri nhd nhat cua ham s6 da cho trén doan
x_

[-1,0] béng:
A B. 2. c -1 D.0.
2 2
Loi gidi
Chon C

Trén [-1;0] taco: ' = <0Vx e[-1;0]. Suy ra ham s6 nghich bién trén [-1;0] nén:

3
(x-1)°
1

max y = y(~1)=2; miny = y(0)=-1.

A ’ .7 s 17 A \ .7 . 5 A 5 \ A 1S 1
Vay tich gia tri 16n nhat va gia tri nhé nhat cua ham so6 bang 5

Céu 23: Chohamsb y = f(x) c6 bang bién thién nhu sau



Cau 24:

Cau 25:

x —00 -1 2 400
Y + - +
+oo[ 4 00
3 -5

Tong s6 duong tiém can dung va tiém can ngang cta do thi ham s bang
A. 4. B. 1. C. 2. D. 3.
Loi giai
Chon C
Nhin vao bang bién thién ta thiy lim y =3 = y =3 la mot duong tiém can ngang cta do thi

ham so, va lim y=+00 = x=-1 la m{t duong tiém cin ding cua do6 thi ham so.
x—(-1)

Tom lai, téng sb dudng tiém can ding va tiém cén ngang cia dd thi ham s béng 2.
S6 nghiém cuia phuong trinh log, (x + 2) +log, (x - 2) =log,5 1a
A. 2. B. 3. C.1. D. 0.

Loi giai
Chon C

Sx>2.

U x+2>0 x>-2
biéu kién:

=
x=2>0 x>2
Véi diéu kién trén, phuong trinh tré thanh:

=-3(!
log, (x+2)(x—-2)=log,5=x*-4=5x"-9=0< * ()
x=3(n)

Vay phuong trinh d cho c¢6 1 nghiém duy nhat x =3.

Cho hinh chép S.ABCD c6 day 1a hinh vudng canh a, SA vudéng goc véi mat phang day va
SA=a\2 ( tham khao hinh v¢).

B C

Géc gifra dudng thang SC va mit phang (ABCD) bang



Cau 26:

Cau 27:

Ta co:

A. 30°. B. 45°. C. 60°. D. 90°.

Loi giai
Chon B
Theo bai ra ta c6: Hinh chiéu vudng géc cia SC 1én mit phing (4BCD) la dudng thang AC .
Do d6: Géc giita duong thing SC va mit phang (ABCD) bang goc gitta hai duong thang SC
va AC hay SCA.

Ta co: AC:ax/E.

~

Xét tam gidc ASAC vudng tai A co6: tanC = % =1= C=45°.

Cho ham s§ y = f(x) ¢6 dao ham f'(x)=x(x+3)(x—1)". S6 diém cuc trj ciia ham sd bang

A. 0. B. 2. C. 3. D. 1.
Loi gidi
Chon B
x=0
Ta co: f'(x):0<:>x(x+3)(x—l)2:0c> x=-3
x=1

Ta c6 bang bién thién:

T —00 -3 0 1 +0o0

w7 N /

Tur bang bien thién ta c6 ham s6 da cho c6 2 diém cuc tri.

Cach 1am tric nghiém: f (x) 12 ham da thirc nén sb cuc trj 12 s6 nghiém boi 1é cia f '(x) .

/'(x)=0 c6 hai nghiém boi 1¢ 12 x=0; x =—-3 nén ham s6 c6 2 diém cuc tri.

Ho tat cd cac nguyén ham cta ham sé f(x):l(l+ - jvéi xe(0;+oo)\{£+k7r,keZ} 1a
X cos™x 2
1 1
A. ——+tanx+C. B. Inx+tanx+C . C.-——tanx+C. D.Inx—tanx+C.
X X
Loi giai

Chon B



X

+) f(x):l(H x2 j=l+ 12

+)jf(X)df=f(l+ 1

5 ]dx:ln|x|+tanx+C:lnx+tanx+C
X COoS'x

do xe(O;+oo)\{%+k7r,keZ}.

Cau 28: Cho khdi ling tru dimg ABC.A'B'C' ¢6 ddy ABC 1a tam giac vudng tai B, AB=a, AC = a5
, A4'=2a~/3 ( tham khao hinh v&).

Al c’

Bl

Thé tich khéi lang try da cho bang

3 3
A. 2434°. B. 434°. C. 2*/35“ : D. */53“ .
Loi gidi
Chon A

Ap dung dinh 1y Pytago cho tam giac vuéng ABC ta co: BC = \/AC2 —AB* = \/Sa2 —-a’ =2a.
S —lBABC—la2a—a2
we =~ BA 5 .

VABC.A'B'C' = SAABC'AA‘:az~2a\/§ = 2\/§a3 .

Cau 29: Trong khong gian Oxyz, cho cic vecto a =(-2;-3;1) va b=(1;0;1). Césin goc giita hai vecto
avab bang
1 1 3 3
A ——. B. —. C. ———. D. —.
= a7 247 247 27
Loi giai
Chon A
ab 24041 1
lal [p|  Va+o+INIv0+T 2VT

Goi ¢ la goc gitra hai vecto ava b, taco: cosQp =

Chu 30: Chohamsd y = f(x) c6 bang bién thién nhu sau



Cau 31:

x —00 -6 0 V6 400
Y - 0 + 0 - 0o+

AN NS

S6 nghiém cua phuong trinh 2 f (x) —~11=0 bang

A. 3. B. 2. C.0. D. 4.
Loi giai
Chon B
x —00 -6 0 NG +00
y -0 4+ 0 - 0 4+
+00 1 +00
N\ T [/
Y \ ) /
» / \ 9
11

Ta c6: 2f(x)—11:0<:>f(x)—?.
Khi d6, s6 nghiém ctia phuong trinh 2 (x)—-11=0 bang s6 diém chung cta do thi ham s6
y= f(x) va duong thang y = 1?1

Dura vao bang bién thién, ta thiy d6 thi ham s6 y = f (x) va duong thang y =% ¢6 hai diém

chung phan biét nén phuong trinh 2/ (x)—11=0 co6 hai nghiém.

Cho hinh chép S.ABCD c6 ddy ABCD la hinh chir nhat tdim O, canh AB=a, AD = a+/2 . Hinh
chiéu vudng géc cta S trén mit phang (4BCD) 1a trung diém ctia doan O4 . Géc gitra SC va
mit phing (ABCD) bang 30°. Khoang cach tir C dén mit phing (SAB) bang

A. . B. . C. . D.
44 - 11 11

9\/Za 3\/561 x/ia 3\/561
44

Loi giai
Chon B



Goi H latrung diém 4O, tacé SH L (ABCD).

Goc gitta SC va (ABCD) bing SCH bing 30°.
Tacé CA=4HA, suyra d(C,(SAB))=4d (H,(SAB)).
Ké HI L AB, HK L SI,tasuyra HK 1 (SAB).

d(H.(SAB))=HK .

HI =L ap-2Z
4 4
CH=—AC=3‘4B"

Suy ra SH = CH.tan30° :%'

Xét tam giac SHI vuong tai H c6 HK 1a dudng cao.

Syvpg L __ 1 1 _16 16
YKk T HS:  HE 94t 24
3a
HK = .
222
3¢ 34224
d(C,(SAB))=4d (H,(SAB)) = 4. - .

Cau 32: Cho phuong trinh 16 =247 +10=m (m 1a tham s6). SO gia tri nguyén cua tham
me [—10;10] dé phuong trinh d cho c6 diing hai nghiém thuc phan biét 1a



Cau 33:

A. 7. B. 9. C. 8. D. I.
Loi giai
Chon C

Pitt=4",¢>1.

Khi d6 phuong trinh da cho trg thanh > —8¢+10=m (1)
Nghiém 7 =1 cho m¢t nghiém x=0.

M&i nghiém ¢ >1 cho hai nghiém x dbi nhau.

Do vay phuong trinh da cho c6 hai nghiém thuc phan biét khi va chi khi phuong trinh (1) cé
dung mot nghiém ¢ > 1, nghiém con lai (néu c6) phai nhé hon 1.

Xéthamso f(1)=1"—8t+10.

Béng bién thién
t 1 4 +00
() - 0 +
3 400
—6
X ) . m>3
Tu bang bién thién ta c6 phuong trinh (1) c6 mdt nghiém 1ém hon 1 khi [
m=—

Suy ra sd gia tri nguyén m e [—10;10] la 8.

Trong khong gian Oxyz, cho diém 7(2;4;-3). Phuong trinh mit ciu c6 tim 7 va tiép xtic v6i

mit phang (Oxz) 1a

Chon D

Mit phang (Oxz) c6 phuong trinh: y=0.

Goi R 1a ban kinh mit cau can tim. Do mét cau tiép xtc voi mét phang (Oxz) nén

R=d(I;(0xz))=4.

Vay phuong trinh mit cau can tim 1a: (x - 2)2 +(y —4)2 +(z +3)2 =16.



Cau 34:

Cau 35:

Gia st n 12 mot s0 nguyén duong thoa man 3C” —C’ =24. H¢ so cua so hang chira x'? trong

khai trién (xz x —EJ bang

X

A. 672x". B. —672x". C. 672. D. —672.
Loi giai
Chon D

Diéu kién xé4c dinh: ne N';n>3.

Khi do:
30 24 3nt  n! :24<:>3n(n—1)_n(n—1)(n—2):24
(n=2)12! (n-3)!3! 2 6
n=9
on’-120° +11n+144=0<|  34./73 -
n=

2
Két hop véi diéu kién xac dinh suyra n=9.

45-Tk

Tacé:( x——j ZC"( Vx) (——) ch :

45-Tk

S6 hang chira x'? trong khai trién img véi k thoa mian: =12 k=3.
Vay hé¢ s6 cua s hang chira x'* 1a CJ.(-2) = -672.
. £ ., . . " , o , f(x) .
Cho ham s0 f(x)>0 va c6 dao ham lién tuc trén R, thoa man (x+1) f'(x)= 3 va
x4+

f(O)—(lnzzJ Gia tri f(3) bang

A%(4ln2—ln5)2. B. 4(4In2-In5)’. Q.i(4ln2—ln5)2. D. 2(4In2-1In5)’,

Loi gidi
Chon C
: N )
Tacd (x+1)/(x)= x+2 < f(x)_(x+1)(x+2).
Khi do
3 3 1
J.\/idx '([x+1 x+2 IF =!(x+1)(x+2)dx

x+1

21 (3)-2Jf(0 —ln——ln%



<:>2,/f(3):1n§+2\/f 0) </ (3) 1n8—1n5)+,/ (0)
=i 3ln2 In5) +ln_2 Jf 41n2 In5).

Vay f(3):%(41n2—1n5)2.

Chu 36: Cho ham s y=x’+(m—2)x*+(m—2)x+1. S6 gia tri nguyén clia tham s6 m dé ham sb da
cho ddng bién trén (—o0;+o0) 1a
A3, B. 0. C. 4. D.2.
Loi giai
Chon C
Tacod y' =3x° +2(m=2)x+m-2.

Ham s6 da cho dong bién trén R
A'<0

o & (m-2) -3(m-2)<0

@y'ZOVxe]R@{

<:>(m—2)(m—5) <0 me [2;5] .
DomeZ=me {2;3;4;5} .
Vay c6 4 gid tri nguyén ciia m dé ham s6 da cho dong bién trén (—o0;+ ).
Cau 37: Cho khdi ling try ABC.4'B'C'c6 day ABC la tam giac vudng tai A, AB =a, BC =2a . Hinh
chiéu vudng goc cua dinh A’ 1én mit phéng (ABC ) 1a trung diém cia canh H cta canh AC .
Goc gitra hai mat phang (BCB'C ') va (ABC ) bang 60°. Thé tich khdi lang tru da cho bang:

3 3 3 3
A. 3\/? . B. \/ia . C. 33a D. < \/5.

8§ T 16

Loi giai

Chon C




Cau 38:

Cau 39:

Tacé BC=a3. T Hké HI vuong goc voi BC .

Ta c6 AHIC ~ ABACnen%:H—C HJ:AB'HC—“ﬁ.

BC BC 4

Goi K 1a trung diém ciia A’C’ . tir K ké KM vudng goc v6i B’C’.

[

Tt giac KMIH 1a hinh binh hanh nén KM =IH = a

a3
5

Goi N la diém trén B’C’ sao cho M la trung diém cia C’N = A'N =2KM =

_

Do A'H 1 (ABC) nén (A'NIH)L(ABC).Ma A'N > HI nén HIN la goc ti. Suy ra
HIN =120° = A'NI = 60°.
Goi H’ 1a hinh chiéu cta/ 1én A’N suy ra H’ 1a trung diém ctia 4’N .

o A'H = [H'= NH " .tan 60° = 2 .

3a az\/’ 3\/§a3

=>V=A"H.S ;. = R 2

Trong khong gian OXYZ cho hai diém A(1;2;3),B(1; —2;5). Phuong trinh mat cau di qua hai

diém A4, Bva c6 tdm thudc truc oyla:

A X +y +22+4y-22=0. B. x’+y’+2z°-4y-22=0.

C.xX"+y’+2°+4y-26=0. D. X’ +y*+z°-4y-26=0,
Loi giai

Chon A

Gia sir 1(0;;0) 1a thm ctia mit cau.

Tacod 14 =IB nén (—1)2 +(y—2)2 +(—3)2 :(—1)2 —i—(y-l—2)2 +(—5)2 =>y=-2.

Vay I(O -2; O) va R=14= \/ —4) ( 3)2 =26 nén phuong trinh mit cau la:

+(y+2)2-|—z2 =26 x +y +27+4y-22=0.

In3

Cho ham sb f(x) c6 f(1)=¢’ va f'(x)= 2x_1e2'r voi moi x khac 0. Khi do Ixf(x)dx
1
bang
2 2
A. 6-¢. B. 5=¢ C.9-¢. D, 2=°

2 2



Cau 40:

Loi giai
Chon D

Zxdx

Xét tich phan [ f'(x

u=(2x-1)e* du = 4xe**dx
Pit . N L L khido
dV:—de vV=——

X X

2x—1 1 1
"(x)dx = Pdr=——(2x—1)e* +4|e”dx =——(2x 1) +2e* +C.
'[f (x) J = e x( X )e + je x( X )e +2e" +

Do f(l):e2 = C=0.Vay f(x)z—l(Zx—l)e2x+2ezx.
X

In3 In3 In3 2x 1
Khi do, ta ¢6 jxf )dx = j[1 2x) e +2xe™ |dx = [ edx

1 1

Il
|
I
—
O
|
Q
8]
R ——

Cho ham sé bac ba y = f(x) c6 dd thi nhu hinh v&

Yya

S6 diém cyc tiéu ciia ham sb g(x) = f(—x2 + x) bang

Al B. 5. C.2. D. 3.
Loi giai

Chon D

bat f(x)=ax’+bx’+cx+d . Khido f'(x)=3ax’+2bx+c.

Theo d6 thi ham s y = £ (x), ta cd

S(=2)=0  (12a-4b+c=0 12a—4b =0 a=-—1
f'(0)=0 c=0 Sa+db=—4 |b=-3
= = = .
f( 2)——2 —8a+4b—-2c+d =-2 c=0 c=0
7(0)=2 d=2 d=2 d=2



Cau 41:

Vay f(x):—x3 —3x*+2.

Khi dé, ta c6 g(x)zf(—x2 +x)=x6—3x5 +5x° =3x7 +2.

x=-1
x=0
1
g'(x)=3x(2x4—5x3+5x—2):>g'(x):0<:> x:E.
x=1
x=2
Bang bién thién
x |—o0 -1 0 0,5 1 2 +00
g'(x) -0 + 0 — 0 + 0 - 0o -

NVAVAV

Suy ra, ham s6 g (x) = f(—x2 + x) c6 ba diém cyc tiéu.
C6 bao nhiéu cip sd nguyén (x;y) théa man 2 <x <2021 va 2” —log, (x+ 2”‘) =2x-y?
A. 2020. B. 9. C. 2019. D. 10.

Loi giai
Chon D

it log, (x+2"")=¢. Suyra x+2"" =2, x=2'-2"".
Phuong trinh da cho tr¢ thanh: 27 —¢ = 2(2’ -2 ) -y 22" +y=22"+¢.

Xéthamsé g(x)=2.2"+x ¢6 g'(x)=2.2"In2+1>0,Vx nén hamsb y = g(x) luon dong

bién.

Khi do 2.2" +y=2.2"+1 & y=t hay y=log,(x+2"").

Suyra x+2'"'=2" & x=2"-2"=2"",

Ma 2<x<2021 nén 2<2""' £2021 < 1< y—1<log, 2021 hay 2<y<(log,2021)+1.

Lai c6 y 1a sd nguyénnén ye {2, 3.1 1} tac 10 gia tri thdoa man.



Cau 42:

Xét biéu thirc x =2""', mdi gia tri nguyén cua y cho tuong tmg 1 gia tri nguyén ctia x nén c6

10 cdp s6 nguyén (x, y) thoa man yéu cau dé bai.

Cho ham sé y = f(x) lién tuc trén R thoéa man f(—l) = 5,f(—3) =0 va c6 bang xét du dao

ham nhu sau:

f(z) + 0 —~ 0 + 0 + 0 -

S6 gia tri nguyén duong ciia tham s6 m dé phuong trinh 3 f (2 - x) ++/x” +4 —x =m c6 nghiém trong

khoang (3;5) la

A. 16. B. 17. C.0. D. 15.
Loi giai

Chon D

bat g(x):3f(2—x)—i-\/x2 +4 —x voi xe(3;5).

Taco: g'(x)=-3/"(2-x)+ -1.

x +4
Voi xe(3;5):

Tac6: 2—xe(-3;—1) nén f'(2-x)>0 suyra -3/"(2-x)<0.

. X
Ta co: <—=1
X

X +4

Suyra g'(x)=-3/"(2-x)+————1<0,Vx €(3;5) nén ham sé nghich bién trén (3;5).
(=370 = (33) (59

Suy ra r(n3;i5r)1g(x)=g(5)=3f(—3)+\/52+4—5=@—5;

max g(x)=g(3)=3/(-1)+V3* +4-3=12+/13.

(3:5)

Pé phuong trinh 3f(2—x)+\/x2 +4 —x =m c6 nghiém thi V29 -5<m<12++/13 ma m

nguyén duong nén m € {1,2,...,15} tuc la c6 15 gia tri



Ciu 43: Cho ham s6 y = f(x) lién tuc trén R va théa man f(-1)=1, f(—lj =2.Hamsd f'(x) ¢
e

d thi nhu hinh v&. Bat phuong trinh £ (x) < In(—x)+x* +m nghiém ding véi moi x (—l; —lj

e
khi va chi khi
Ay
——_ 45
|
|
|
|
|
|
|
|
| 2 .
-1 O | e
|
|
|
|
|
— 4 —-———-——=--
1 1
A. m>0. B.m>3-—. C.mz23-—. D. m>0.
e e
Loi giai
Chon C

Piéu kién: —x>0< x<0

Bat phuong trinh da cho twong duong véi f(x)—In(—x)—x* <m (*).

Xéthamsé g(x)= f(x)—In(-x)—x* trén (— ;—lj.
e

Ta co g'(x)=f'(x)—%—2x.V(’)’i xe(—l;—%) thi f’(x)>0;—%—2x>0 nén g'(x)>0.

Do d6 ham s6 g(x) dong bién trén (—l;—lj .
e

Suy ra (*) nghi¢m ding véi moi x € [—l;—lj khi va chi khi m > g(—lj = f(—lj—lnl—i2 = 3—%.
e e e e e e

CAud44: Cho ham sb f (x) lién tuc trén  khoang (0;+oo) va théa man

S(Vx) s
f(x2+l)+ 456\/;):22X1

clia a+b+2c bang

17
In(x+1). Biét [ f(x)dx=aln5-2Inb+c véi a,b,ceR. Gi tri
1



Cau 45:

Loi gidi
Chon C

(\/;) 2x+1

Taco f(x"+1)+ ol ln(x+1)<:>xf(x2+1)+f4\/; == In(x+1).

Suy ra jt xf(x2+1)+M dxzjf%ln(x+l)dx.

1 4\/; 1
il fNE e A d(x)
Taco-l[ xf(x +1)+ e dx:‘l[f(x +1) 5 +'l[f(\/;) 5

17

[ (b [ (oie=3 (o

2x+1

N | =

In(x+1)dx :ljln(x+1)d(x2 +x) :%{(xz +x>ln(x+l)|j —j!t(xz +x)de}

1 x+1

4
21{201n5 21112—2}
2 2

1

——
N

[\

2
1 20In5- 21n2——
2 2

Do d6 jf (x)dx=20In5- 21n2—%:>a 20,h=2,c=-22.

Viay a+b+2c=17.

Cho hinh chép S.4ABCD c6 ddy ABCD 1a hinh vudng canh a . Hinh chiéu vudng goc ctia S trén
mit phang (4BCD) 1a trung diém cua canh 4B, géc gilra mit phing (SAC) va ddy bing 45°
.Goi M 1a trung diém cua canh SD . Khoang cach giira hai duong AM va SC bang
A a. B. “*/5. C. “‘/g. D. “*/g.
4 10 5
Loi giai

Chon D



Goi H 1a trung diém canh 4B, [ 1a trung diém canh AO. Suy ra SH L(ABCD),

1 a\/z

(SAC),(ABCD) = SIH =45°. Do d6 SH = IH =2 BO ="

Goi N 1a trung diém canh CD, khi d6 HN L AB.
Chon hé tryc toa do trong khong gian nhu hinh v&, ta c6 toa do cac diém

H(0;0,0), A(O;—% oj S(OO fj D(a,—%;OJ;M(%;_%,a[J’ ( ,%;oj.

Nén AM = (a 4 a\/—] (a;ﬁ;—aﬁJ;R‘:(a;a;O).

2’4’ 2 4
Khoang céch gitta hai duong AM va SC la

[.5¢]19
d(AM,SC)=r——=—=

[am.sc] s

Ciu46: Cho ham s f(x) c6 dao ham va xac dinh trén R. Biét f(l):2 va
J f Il+\3/\_/7 ( \/_)dx 4. Glatrlcuajf dxbang
Al B.2. c3 D. L
7 7 7
Loi giai
Chon D
Ta co
4= (x)de =1 (2))] - [ 2 (x)dv =22 wf (x)de = [ of (x) =1
1

Pit 1 =2—x = dt =———=dx
a X T
Khi do6
41+3\/_ \/— 0 1 1
) s f(2=Vx)dr=d e[ (1+3(2-0)) £ (1)dt=4 < [ 7f(1)de=3] of (¢)dt =



1 4+3[ 1 (1)d _
Suyra [ £ (¢)dt = . IO;f(t) t=4+37'( 1)%.

1

Vay jof(x)dx=7.

Ciu 47: Cho hinh nén dinh S ¢ day 13 hinh tron tdm O . M6t mét phang di qua dinh ciia hinh nén va cat

hinh nén theo thiét dién 1a mot tam giac vudng SAB co dién tich bang 44’ . Goc giita truc SO

va mit phang (SAB) bang 30°. Dién tich xung quanh cta hinh nén da cho bang

A. 41070, B. 21070, C. J107a*. D. 8/107a’.

Loi giai

Chon B

Goi M 1a trung diém ctia AB, tam giac OAB can dinh O nén OM 1 AB va SO 1 AB suyra
AB 1 (SOM).

Dung OK 1 SM .

Theo trén c6 OK 1 AB nén OK L (SAB).
Vay géc tao béi giita truc SO va mit phang (S4B) 1a OSM =30°.

Tam giac vudng can SAB c6 dién tich bang 4a” suy ra %SA2 =4a*> = SA=2a\2

= AB=4a= SM =2a.

Osit =39 \/§2a=\/§a.

Xét tam giac vuong SOM ¢6 cosOSM =——= S50 =—.
SM 2
Cubi cing OB =+/SB> —SO* =a+/5 .
Viy dién tich xung quanh cta hinh nén bang S, =nrl= ra5.2a\2 =24* 107 .

Ciu 48: Chohamséb y= f(x) c6 d6 thi ham sé y = f'(x) nhu hinh vé



YA
0 > |
| 3
I
I
I
I
I
I
I
I
I
I
I
—4 - — - — —

Hamsb g (x) =f (ex - 2) —2020 nghich bién trén khoang nao dudi day?

A. (—1;%}. B. (-1;2). C. (0;+). D. (E;zj.

Loi giai
Chon A

Dua vao dd thi ham s y=/"(x) suyra f'(x)<0Vx<3 va f'(x)>0Vx>3.
g’(x):exf'(ex—2).

Ham s6 g(x)zf(e" —2)—2020 nghich bién néu g’(x)<0 <:>exf’(e“‘ —2)<0
<:>f’(e’“—2)<0 Se'-2<3o e <5 x<n5.

. . 3
Vay ham s6 da cho nghich bién trén (_1;5j .

Ciu 49: Cho khéi chép S.ABCD c6 ddy ABCD 14 hinh chit nhat, AB = a, SA vudng goc v6i mit phing

) . 1 ,
day va S4 = a. Goc gilra hai mat phang (SBC) va (SCD) bang ¢, voi cosp = —. Thé tich

NG

ctia khéi chop da cho bang
3 3 3
A.“‘E. B. &*V2. C. 22a . . 2%
3 3 3
Loi giai

Chon A



bat AD=m, m>0.

Chon h¢ truc toa do Oxyz nhu hinh Vg, géc toa do trung voi 4, tia Ox,0y,0z lan luot trung
voi cac tia AB, AD, AS Khi dé toa do cua cac diém la:

B(a;0;0);D(0;m;0);C(a;m;0);S(0;0;a)

SB = (a;0;-a); BC = (0;m;0) = | SB, BC | = (ma;0;ma)

SD = (0;m;—a); DC = (;0;0) = SD,DC | = (0;- a;~ ma)

Véc to phép tuyén ciia mat phing (SBC)la [S—B,B—C] = (ma;0;ma) , cua mit phing (SCD) 1a
[S—D,D—C] = (0;-a*;—ma).

2 2 1

Theo gia thiét: cosp = % — & 3m’ = 2((12 + mz) = m=av/2.

m-a
= =
3 av a2 + m2 .ma.\/z \/g

a*\2
3

Thé tich khéi chép S.ABCD bang V = %.SA.SABCD = %.a.a.a 2=

Cau 50: Cho da gidc déu (H) c6 30 dinh. Ly tuy y 3 dinh ciia (H ). Xdc sut dé 3 dinh ldy dugc tao

thanh mot tam giac ti bang

R 2. c. D. >
140 58 58 280
Loi gidi
Chon B
Chon ngiu nhién 3 dinh ¢6 Cj,.

Goi (T ) 12 duong tron ngoai tiép da giac (H ) .

Gia str chon dugc mot tam gidc tut ABC véi goc A nhon, B tu, C nhon.



Chon 1 dinh bat ki lam dinh 4 c6 30 cach. Ké duong kinh ctia dudng tron (T ) di qua dinh vira
chon chia duong tron (7') thanh hai phan.(Bén trai va bén phai).

Pé tao thanh mot tam giac tu thi hai dinh con lai cing ndm bén trai hodc cung ndm bén phai.
Hai dinh cting nam bén trai c6 C, cach.

Hai dinh cting nim bén phai c6 C2 cach.

Vi trong mbi tam giac vai tro cia dinh 4 va C nhu nhau nén s6 tam giéc tii tao thanh la:

—30(C‘2“ +Ci) =2730.

2730 39

X4c sudt can tim 1a P = =
Cy, 58




Cau 1:

Cau 2:

Cau 3:

Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 20 (100TN)

Goi z,,z, 1a cic nghiém ctia phuong trinh z> +2z+10=0 trén tap s6 phuc, trong do z, la
nghiém c6 phan a0 duwong. Trén mat phang toa do, diém nao dudi day 1a diém biéu dién sd phic
3z, -2z,

A. M(-L15). B. M(-215). C. M(15-2). D. M(15:-1).
Trong khong gian Oxyz , mit phing («):2x—5y—z+3=0 c6 mdt véc to phap tuyén la
A. n(=2;5-1). B. n(2;-5;3). C. n(2;-5-1). D. n(2;51).

S6 phirc z=2i—5 ¢6 s6 phirc lién hop 1a

A.z=-5+2i. B.z=2i+5. C.z=-5-2i. D. z=5-2i.
Trong mit phang phtic, cho ba diém M, N, P lan lugt biéu dién cho cac sb phuc z, =—1+4i,
z,=2+i, z; =5+4i. Tam gidc MNP la

A. Tam giac vuong can. B. Tam giac can. C. Tam giac deu. D. Tam giac vuong.

Cho hai s6 phitc z, =2 —3i,z, =1+ 2i. S6 phiic z, + z, bang

A.3+1. B.3-i. C. 3+i. D. -3-i.

86 phtre lién hop cta s6 phire z = (2 -3i)(3+2i) 1a

A. z=-12+5i. B.z=12-5i. C.z=12+5i. D.z=-12-5i.

2
Biét F(x)=x" 1a mot nguyén ham ctia ham s6 f'(x) trén R. Gid tri I[2f(x) + 1]dx bang
1

A.ﬂ. B. 45. C. 31. D.ﬂ.

2 5
Trong khong gian Oxyz, khoang cach giita hai mit phang (P):x-2y+2z+2022=0,
(Q):x—2y+22—3:O bang

A. 673. B. 672. C. 674. D. 675.
Ho nguyén ham F(x) ctia ham s6 f(x):e(”‘+3x2—l la
A.F(x):eGX+x3—x+C. B. F(x):%eﬁx+x3—x+C.
C. F(x):e6x+3x2—x+C. D. F(x):%eéx+3x3—x+C.

biém M trong hinh v€ dudi day la diém biéu dién cua s6 phirc z . Tim phan thyc va phan do
cua sO phtic z .



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

3 x

0 ?

-4 M
A. Phan thuc 1a —4 va phan 4o 1a 3. B. Phén thuc 1a 3 va phan 4o 1a —4.
C. Phén thyc 1a —4 va phan 4o 1a 3; . D. Phan thyc 14 3 va phan a0 1a —4i .

A 5 5 A , 3 _l M
Phén 4o cua so phttc z=—— bang
I+

A. 2. B. -1. C. 1. D. 2.

Cho f(x),g(x) la cdc ham s6 x4c dinh va c6 nguyén ham trén R . Khing dinh nao sau day la

sai?

A [[F()+g(x) e =[f (x)de+ [ (x)de. Bl Jhof (x)de=k[ £ (x)dx (keR\{0}).

C. [/ (x)-g(x)Jar=[f (x)x=[g(x)r.  D. [£(x)g(x)e= [/ (x)eg(x)x.

Cho x;y€R théa man (x+2)+(x+3y-3)i=(y+4)+(2x—1)i. Gid trj cua biéu thirc P=xy
bang

A. 6. B. 8. C. 1. D. -8.

Trong khong gian Oxyz , cho hai diém A(-2;3;-1);B(4;—1;7). Mat phang trung truc cta doan
thing AB ¢ phuong trinh la:

A.3x=2y+4z+13=0.B. 3x=2y+4z+16=0.
C.3x—2y+4z-42=0.D. 3x—2y+4z-13=0.

Trong khong gian Oxyz, cho dudng thang d :xT—l = yTH = % Diém nao trong cac diém dudi
day thudc duong thing d ?

A. P(52;4). B. N(1;-1;2). C. M (1;00). D. 0(3;2;2).

Cho ham s y=f(x) c6 dao ham trén doan [L;2],f(1)=4 va f(2)=-2. Gid tr
I =I12f'(x)dx bang?

A. —6. B. 2. C. 2. D. 6.

Trong khong gian Oxyz, ¢6 diém M(—2;3;—1) va duong thing A:er3 _y=5 _zHl . Mat

1
phang (OC) di qua M va vudng goc voi duong thang A c6 phuong trinh 14

A.2x-3y+z+4=0. B.2x+y+3z+4=0. C. 2x+y+3z+10=0. D.2x+y+3z-4=0.



Ciu 18: Trong khong gian Oxyz , mit cau (S) c6 tam A4(1;0;-6) va di qua diém B(7;3;—4) c6 phuong

trinh 1a
A. (x—l)2+y2+(z+6)2 =49. B. (x+1)2+y2+(z_6)2 =49
C. (x—1)2+y2+(z+6)2=7. D. (x—7)2+(y—3)2+(z+4)2=49.

Cau 19: Phin 4o cua sb phic Z=1-2 bing
A. 2. B. 1. C. 2i. D. -2.

Cau 20: Trong tip s6 phuc C, s6 phic z=2-3i 1a modt nghiém cua phuong trinh

z> +mz+n=0(m,n € R). Khing dinh ndo sau day dung$?$

A. 2m+n=>5. B.2m+n=9. C.2m+n=21. D. 2m+n=22.

1 1
Cau21: Néu [f(1-2x)dx=7 thi [ f(x)dx bing
0 -1

A. -14. B. % C. —. D. 14.

Céu 22: Trong khong gian Oxyz, dudng thing A di qua diém D(2; 6; —5) va c6 mot vecto chi phuong

u=(2;-2;7) c6 phuong trinh chinh tic 1a

AL x+2:y+6zz—5‘ B. x—2:y+2:z—7‘
2 -2 7 2 6 -5

C. x—2=y—6:z+5. D. x+2:y—2zz+7'
2 -2 7 2 6 -5

1 1
Céu 23: Néu If(x)dsz thi ISf(x)dx bang
0 0

A. 8. B. 3. C. 15. D. 45.

Céu 24: Dién tich hinh phang giéi han béi cac duong y=2— x* va y =x bang

A. 3. B. % C. —. D.

Do | W

Chu 25: Chohamsb y = f(x) c6 dd thi nhu hinh v&.




Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Dién tich S cua hinh phang trong phan gach soc duoc tinh theo cong thirc

A S =] f(x)dx—] £ (x)ax. B. S = f(x)dv.
C.S=if(x)dx+jf(x)dx. D.Sz—j.f(x)dx+jf(x)dx.

Trong khong gian Oxyz, cho mit cau (S) cé phuong trinh (x —1)" +(y +2)’ +(z-3)’ =4. Tim
toa dd tam / va ban kinh R cua (S )

A. I(L-23) va R=2. B. I(-;2-3) va R=2.

C. I(-1;2;-3) va R=4. D. /(1;-2;3) va R=4.

Thé tich khéi tron xoay do hinh phang gidi han béi cac duong thang y = Jx, truc Ox va hai

duong thang x =1 va x =2 khi quay quanh truc hoanh duoc tinh theo cong thirc nao?

2 2 2 2
A. Vzﬂjxdx. B. V=7Z'J.\/;d.X. C. Vzﬂzjxdx. D. Vzﬂx/;‘dx.
1 1 1 1
Trong khong gian Oxyz, giao diém cua duong thing d : x=3 =y—+11=§ va mit phang
(P):2x—y—z—7=0 la
A. (6;-4;3). B. (3;-10). C. (L4-2). D. (0;2;-4).
14 3 3 N
Néu [ f(x) dx=3 thi [[2f(x)+3] dr bang
1 1
A. 16. B. 6. C.9. D. 12.
Cho ham sé f'(x) c6 dao ham f'(x):3 1 5 va f(1)=2022.Gidtri f(2) bing
y—
A. f(2)=2In2. B. f(2):§ln2+2022.
C. £(2)=1n4+2022. D. f(2):§1n2+2022.

Cho [ = j J2x+1 dx, dit £ =~/2x+1 khi dé viét I theo ¢ va dr ta dugc

A.I:%jtdt. B.I=Itdt. C.[=%jt2dt. D.I:Itzdt.

Hinh phang (H) dugc gioi han boi d6 thi ham s béc ba va truc hoanh dugc chia thanh hai phan

c6 dién tich 1an lugt 1a S, va S, (nhu hinh vé&)



Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

1 4
Biét [ f(x) dng va [ f(x) dxz_?&. Khi do dién tich S cua hinh phing (H ) bing
-1 1
AZ B2 c. 22 p. &
24 3 24 8

Cho ham s6 f (x) = cos 2x . Khang dinh nao dudi day ding?

A. '[f(x)dx=—%sin2x+C. B. [ f(x)dx==2sin2x+C.
C. [ f(x)dx=2sin2x+C. D. J-f(x)dx:%sin2x+C.

Cho s6 phiic z = x+ yi(x,y € R) thoa man diéu kién (1—1—1’)2 —4-2i=2iz. Gia tri cia biéu thirc

X

3 s
M=2—y bang

Az B. 2. c.t D.
2 2 3

oo | W

Trén mit phang phic, tap hop diém biéu dién sé phic z=x+ yi thoa min |z +2+ i| = |E - 3i| la
duong thang co phuong trinh 1a

A, y=—x+1. B. y=x+1. C.y=x-1. D. y=—x-1.

Trong khong gian Oxyz , cho ba diém A4 (1; 0; O) ,B (O; 2; 0) va C(O; 0; 3) . Phuong trinh mat phang
(ABC ) la

Trong khong gian Oxyz, cho diém A(l; 2;3). Tim toa do diém A, 1a hinh chiéu vudng goc ciia
A len mit phang (Oxz) .

A. 4,(1,0,0). B. 4,(1;2;0). C. 4,(1;0;3). D. 4,(0;2;3).

1

Néu jf(x)dx=5. va jf(x)dx=—8 thi [[2(x)-g(x)]dx bang

-1



Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

A. 3. B. 18. c. 13. D. 2.

Nguyén ham Ixsdx bang

A. %x6+C. B. 6x° +C. C. 5x'+C. D. xX*+C.

Cho s6 phitc z =1-2i. Sb phirc nghich dao ctia z c6 mo dun bang

5

A. 5. B. /5. C. o D.

| —

x+1 khi x>1

) . Gid stt F la nguyén ham cua f trén R théa man
X =2x+3khi x<1

Cho ham sb f(x) :{
F(0) :g. Gid tri cua F(-2)+ F(2) bang

A. —E. B. 5. C. —é. D. -12.

2 2
Trong khong gian Ozyz cho mit ciu (S)C(') phuong trinh (1‘ - 1)2 + (y + 2)2 +2* =100 va mat
phang (P) c6 phuong trinh 2z — 3y + 6z — 64 = 0. Mit phang (a) song song voi mét phang (P)

cit mit cau (S ) theo giao tuyén 1a duong tron c6 duong kinh bang 12 ¢6 phwong trinh 1a.

A. 2z -3y+6z-64=0. B. 2z -3y +62+48 =0.
C.2x-3y+62-48=0. D. 2z -3y+62+64=0.

Cho ham s6 y = f(x) ¢6 d6 thi (C) ndm phia trén truc hoanh. Haim s6 y = f(x) théa man céc
didukién [ f'(x)] + /"(x).f (x)+4=0, £(0)=0, f(%) =+/3. Diéntich S 1 hinh phang gi¢i

han boi (C ) va truc hoanh béng

A. % B. 2. C.r. D.

IS

Cho céac sO thuc x, y, m. Biét rang c6 mdt sO phiic z=x+yi thda man zz=4 va

mx+2y+2m—1=0. Khi d6 gia tri m bang

A2 B. -2 C

: : 1 o
Trong khong gian Oxyz, cho mit cau (S) c6 duong kinh AB véi A(2;1;3) va B(6;5;5). Xét
khdi tru (T ) c6 hai duong tron ddy nam trén mat cau (S ) va ¢6 truc nam trén duong thang AB
. Khi (7)) c6 thé tich 16n nhat thi hai mat phang 1an luot chira hai déy cta (7) c6 phuong trinh
dang 2x+by+cz+d =0 va 2x+by+cz+d,=0. C6 bao nhiéu s6 nguyén thudc khoang
(d;;d,)?



Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

A. 15. B. 13. C.11. D. 17.

Trong khong gian Oxyz, cho diém A(Z;—5;4) va mat phang (Oxz) , lay diém M trén mat
phing (Oxz). Goi B théa man diéu kién MB =-3MA . Khoang cach tir diém B dén mat phing
(Oxz) bang

A. 5. B. 6. C. 15. D. 12.

Trong khéng gian Oxyz cho ba diém M (1;2;3),N(2;3;1), P(1;0;4) va mat cau c6 phuong trinh
()c—l)2 +(y+3)2 +(z—10)2 =24. Goi A la diém thay déi thuoc mat cau (S), gia tri 16n nhat
cua |6m —3AN - 2ﬁ’| bang:

A. V66 . B. <202 . C. 6. D. 56.

Cho s6 phic z=x+yi(x,yeR) théa man dicu kién |z+1+i=|z-1+3i va biéu thuc
T =|z+3+i|+|z—4—4i| dat gid tri nho nhét. Khi d6 gié trj 2021x—2022y bing:
A. —4045. B. 4045. C. —4041. D. 4041.
Cho ham s f(x) xac dinh trén R, biét f'(x)Ve"+3-3e" =0, f(0)=12. Gi4 trj tich phan
SAC)) X
I = | — —===dx bang
J.Z x2 [ex +3
A2 B.2 c.2. D. 1.
2 2 2 4
Cho ham s y = —%x“ +4m*x* +4 (voi mla tham s va m#0 ). Goi A la dudng thing song

song voi truc Ox , di qua diém cuec tiéu caa do thi ham sd va hop voi dd thi ham sb tao thanh hinh

32768

phing c6 dién tich bang 3645 Khi d6 tich cac gia tri ctia cac tham sb m bang




1.A 2.C 3.C 4.A 5.B 6.C 7.C 8.D 9.B 10.B
11.A 12.D 13.B 14.D 15.D 16.A 17.B 18.A 19.D 20.A
21.D 22.C 23.C 24.B 25.D 26.A 27.A 28.B 29.D 30.B
31.D 32.C 33.D 34.D 35.C 36.B 37.C 38.B 39.A 40.C
41.A 42.B 43.C 44.B 45.C 46.C 47.D 48.D 49.A 50.A

HUONG DAN GIAI CHI TIET
Caul: Goi z,z, la cac nghiém cua phuong trinh z* +2z+10=0 trén tap sb phiic, trong d6 z, 1a
nghiém c6 phan ao duong. Trén mit phang toa do, diém nao duéi day 1a diém biéu dién sb phirc
3z, -2z,
A. M (-115). B. M (-2;15). C. M (15-2). D. M (15;-1).
Loi giai
Chon A
) z, =—1+3i
z74+2z4+10=0< .
z, =—1-3i
3z, =2z, =3(—1+3i)-2(-1-3i)=—1+15i
Chu2: Trong khong gian Oxyz , mit phing (@):2x—5y—z+3=0 c6 mot véc to phép tuyén la
A. n(=2;5-1). B. n(2;-5;3). C. n(2;-5-1). D. n(2;51).
Loi giai
Chon C
Cau3: Sophitc z=2i-5 co6 sd phirc lién hop la
A z=-5+2i. B.z=2i+5. C.z=-5-2i. D.z=5-2i.
Loi giai
Chon C
Cau4: Trong mat phéng phue, cho ba diém M, N, P lan luot biéu dién cho cac sb phtic z, =-1+4i,

z,=2+i

z, =5+44i. Tam gidc MNP la
A. Tam gidc vudng can. B. Tam giac can.
C. Tam giac deu. D. Tam giac vuong.
Loi giai
Chon A
M (-1;4),N(2:1), P(54)

Tacé MN (3;-3); NP(3;3) = MN.NP =3.3+(-3).3=0.



Vi MN =NP=3\2.
Do do6 tam gidc MNP vudng cantai N .

Cau5:  Cho hai s6 phitc z, =2 —3i,z, =1+ 2i. S phic z, +z, bang

A.3+10. B.3-i. C. -3+i. D. -3-i.
Loi gidi

Chon B

Taco: z, +2z,=(2-3i)+(1+2i)=3—i

Cau 6: S phirc lién hop cua s phirc z=(2-3i)(3+2i) 1a

A z=—12+5i. B.z=12-5i. C.z=12+5i. D. z=—-12-5i.
Loi giai

Chon C

Tacod: z=(2-3i)(3+2i)=12-5i = z=12+5i

2
Cau7: Biét F(x)=x" 1a mdt nguyén ham cia ham sé f(x) trén R. Gié trj I[2f(x) + 1]dx bang

1

A.H. B. 45. C. 31. D.ﬂ.
2 5
Loi giai
Chon C

Do F(x):x4 :>f(x)=4x3 :>j.[2f(x)+1]dx:j.(8x3 +l)dx:31

1
Cau8: Trong khong gian Oxyz, khoang céch gitta hai mit phang (P):x—2y+2z+2022=0,
(Q):x—2y+2z-3=0 bang

A. 673. B. 672. C. 674. D. 675.
Loi giai
Chon D
2022 -(-3)|

Taco: d((P)(Q))=" ==

Cau9: Ho nguyén ham F(x) ctia ham s

=675

f(x):eéx +3x7 -1 1

A. F(x)=e"+x’—x+C. B. F(x):%e6x+x3—x+C.

C. F(x)=e"+3x"—x+C. D. F(x):%e“+3x3—x+C.

Loi giai
Chon B



Cau 10:

Cau 11:

Cau 12:

Cau 13:

F(x):J.f(x)dx:.[(eéx+3x2 —l)dxzéeﬁ"+x3 -x+C.

Piém M trong hinh vé& dudi ddy la diém biéu dién cua s6 phtc z . Tim phan thuc va phan ao
cua so phic z .

3 x
2 E
4 M
A. Phén thyc 1a —4 va phan 4o 1a 3. B. Phan thyc 12 3 va phan ao 1a —4.
C. Phan thuc 13 —4 va phan 4o 1a 3; . D. Phan thuc 14 3 va phan do 1a —4i .
Loi giai

Chon B
Nhin hinh, ta ¢6 M (3;—4)=> z=3—-4i nén z c6 phan thyc 1a 3 va phan ao 1a —4.

Phén 4o ctia s6 phuc z = ? bang

+1
A. 2. B. -1. C. 1. D. 2.
Loi gidi
Chon A
3- 3—-i)(1—i .
z= fz( ) .):1—2inénzcéphénéolé—2.

Cho f(x),g(x) 1a cdc ham s6 x4c dinh va c6 nguyén ham trén R . Khang dinh nao sau day 1a

sai?

A L)+ g(x) = [ £ (x)dx+ [g(x)x.  B. [kf (x)dx=k[ f(x)dx (keR\{0}).
C. [[f(x)-g(x)Joe=[ s (x)x—[g(x)r. D. [f(x)g(x)de=[f(x)xfg(x)r.
Loi giai
Chon D
Ly thuyét: tinh chat ctia nguyén ham.
Cho x;y € R théa man (x+2)+(x+3y—3)i=(y+4)+(2x—1)i. Gia tri ctia biéu thirc P =xy
bang
A. 6. B. 8. C. 1. D. -8.
Loi gidi
Chon B



Cau 14:

Cau 15:

Cau 16:

Cau 17:

(x+2)+(x+3y—3)i=(y+4)+(2x—1)i

Ta co: {x+2=y+4 {x—y=2 {x=4
= = =

= P=xy=8
x+3y-3=2x-1 —x+3y=2 y=2

Trong khong gian Oxyz , cho hai diém A(-2;3;-1); B(4;—1;7). Mat phing trung truc ciia doan
thang AB c6 phuong trinh la:
A 3x—=2y+4z+13=0.B. 3x—2y+4z+16=0.
C.3x-2y+4z-42=0.D. 3x=2y+4z—-13=0.
Loi gidi
Chon D
Ta c6 toa d6 trung diém / cua doan thing AB la: 1(1;1;3) va AB = (6;—4;8)

Chon 7= (3;-2;4) 14 vecto phap tuyén cta mit phing trung truc (P) cta doan 4B

Khi d6 phuong trinh mét phing (P) c6 dang:
3(x—1)—2(y—1)+4(z—3):0<:>3x—2y+4z—13=0

Trong khong gian Oxyz, cho dudng thang d :XT_l = yTH = g Diém nao trong cac diém dudi
day thudc duong thing d ?
A. P(52;4). B. N(1;-1;2). C. M (1;0;0). D. 0(3;2;2).
Loi giai
Chon D
A 2R \ . \ 2 , 3-1 2+1 2
Thay toa d6 diém Q va phuong trinh duong thang d ta co: S "3 5 Sl=1=1

Vay diém Q thudc duong thang d
Cho ham sb y=/f(x) c6 dao ham trén doan [1;2],f(1)=4 va f(2)=-2. Gia tr
2 , :
[=J.1 f (x)dx bang?
A. —6. B. 2. C. 2. D. 6.
Loi giai
Chon A
2
Taco [ = f'(x)dx=f(x) =/(2)-/(1)=-2-4=-6

x+3 y-5 z+l
1 3

Trong khong gian Oxyz, c6 diém M (—2;3;—1) va duong thing A: . Mat

phang (0!) di qua M va vudng goc voi duong thang A c6 phuong trinh 13

A.2x-3y+z+4=0. B.2x+y+3z+4=0.
C.2x+y+3z+10=0. D. 2x+y+3z-4=0.
Loi giai



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Chon B
Mit phing (@) di qua M (=2;3;—1) va c6 vecto phap tuyén n,=u, = (2;1;3) c6 phuong trinh
la

2(x+2)+(y-3)+3(z+1)=0= 2x+y+3z+4=0.

Trong khong gian Oxyz , mit cau (S ) c6 tm A(l; 0; —6) va di qua diém B (7;3; —4) ¢ phuong

trinh la

A (x=1) +y* +(z+6)" =49. B. (x+1) +y* +(z-6)" =49.

C.(x=1) 4y +(z+6) =7. D. (x=7) +(y=3) +(z+4) =49.
Loi giai

Chon A

C6 ban kinh mat cu R = AB = /(7-1)’ +(3-0) +(=4+6)’ =7.
Phuong trinh mt cau (S): (x—l)2 +y° +(z+6)2 =49.
Phan 4o ctia s6 phuc Z = 1-2i bang

A. 2. B. 1. C.2i.

Loi giai

=
5

Chon D
Phan 4o ctia s6 phic Z=1-2i bing 2.

Trong tap s6 phic C, s6 phirc z=2-31 ]a mot nghiém cua phuong trinh

2 _
2" +mz+n=0 (m,n < R). Khéng dinh nao sau day dang’

A. 2m+n=5. B. 2m+n=9. C.2m+n=21. D.2m+n=22.
Loi gidi
Chon A

2 _ , .
Ta c6 Z=2—3i ]a mot nghiém cua phuong trinh z +mz+n—0(m,ne]R) nén Z =2+30 |3

nghiém thir hai cua phuong trinh. Suy ra

{z+z':4:—m {m:—4
<~

zz'=13=n n=13.

Vay 2m+n=5

1 1
Néu [ f(1-2x)dx=7 thi [ f(x)dx bing
0 -1

A. -14. B. Z
2

@)
|
I
=)

D. 14.

Chon D



Cau 22:

Cau 23:

Cau 24:

Cau 25:

bat t=1-2x=dr=-2dx
2. ~ x:1 :> t:_l
bo61 can:

x=0 = =1

Khi d6: jf(l—Zx)dxz7<:>]~1f(t)_(—%dtj:7@%j‘f(x)dx:7<:> j.f(x)dx:14.

Trong khong gian Oxyz, dudng thang A di qua diém D(2;6;—5) va c6 mdt vecto chi phuong
u=(2;-2;7) c6 phuong trinh chinh tc 1a
AL x+2 _ y+6 _ z-5 B x=2 _ y+2 _ z=77 .
2 -2 7 2 6 -5
x-2 y—-6_ z+5 D x+2 y-2 z+7
2 2 7 7 2 6 -5
Loi gidi
Chon C
1 1
[f(x)dx=3  [5/(x)dx
Néu 0 thi 0 bang
A. 8. B. 3. C.15. D. 45.
Loi giai
Chon C
Dién tich hinh phang gi¢i han béi cac dudong y=2— x% va y =x bang
A.3. B. 2. c. U D.3.
2 6 2
Loi gidi
Chon B
Lap phuong trinh hoanh d6 giao diém: 2-xt=xox+x-2=0c { B 5
x=-

Dién tich can tinh S = j ‘2—x2 —x}dx = j‘ (—xz —x+2)dx
-2 -2

Cho ham s y = f(x) ¢6 dd thi nhu hinh v&.



Dién tich S cuia hinh phang trong phan gach soc dugc tinh theo cong thirc

A S=—[f(x)dx—[f(x)dx. B. S =[f(x)dr.

C. S=f(x)de+]f(x)dr D. S=—[f(x)dx+ [ f(x)dr
Loi gidi

Chon D

Ly thuyét

Céu 26: Trong khong gian Oxyz , cho mit cau (S) c6 phuong trinh (x — 1)2 +(y+ 2)2 +(z— 3)2 =4.Tim

toa d0 tim / va ban kinh R cua (S)

A I(1;-2;3) va R=2. B. I(-1;2-3) va R=2.

C. I(-1;2;-3) va R=4. D. /(1;-2;3) va R=4.
Loi gidi

Chon A

Li thuyét.

Céu 27: Thé tich khdi tron xoay do hinh phing gii han boi cac duong thiang y = Jx, truc Ox va hai

duong thang x =1 va x =2 khi quay quanh truc hoanh duoc tinh theo cong thirc nao?

2 2 2 2
A. V=7rjxdx. B. V=7r'|.\/;dx. C. V=7z2.fxdx. D. V=H\/;‘dx.
1 1 1 1
Loi giai
Chon A
Ly thuyét.
n N . . .2 , . 2 x=3 y+1 z . >
Cau 28: Trong khong gian Oxyz, giao diém cua duong thang d : " :—1:5 va mat phang

(P):2x-y-z-7=01la

A. (6,-4:3). B. (3;-1,0). C. (L4-2). D. (0;2;-4).
Loi giai
Chon B

Giao diém cua d va (P) la nghiém cuia hé phuong trinh:



Cau 29:

Cau 30:

Cau 31:

x=3+t t=0
y=—1-t x=3
z=2t y=-1
2x—y—z-7=0 z=0

, jf(x) dx=3 j|:2f(x)+3] dx

Néu ! thi 1 bang

A. 16. B. 6. C.9. D. 12.
Loi gidi

Chon D

Ta co: j[2f(x)+3] dx=2jf(x) dx+j3 dr=23+3x[=12.
1

Cho ham sé f'(x) c6 dao ham f'(x)=3 5
e

va f(1)=2022.Gid tri f(2) bing

A. f(2)=2In2. B. f(2)=§1n2+2022.

C. f(2)=In4+2022. D. f(2):%1n2+2022.
Loi giai
Chon B
1
Ta co: =
aco: f(x) I3x—2

dx=%ln|3x—2|+C.
f(1)=2022 <:>§ln|3.1—2|+C=2022c> C=2022.
:f(x)=§1n|3x—2|+2022
1 1 2
= f(2) :§1n|3.2—2|+2022 =n4+2022="1n2+2022.

Cho [ = j V2x+1 dx, dit £ =+/2x+1 khi d6 viét I theo ¢ va dt ta duoc

1 1

A.I:EJ‘tdt. B. [ =[rdr. C.I:EItzdt. D. I=¢dr.
Loi giai

Chon C

I=[2x+1 dx.

it t =+/2x+1 = *=2x+1= 2¢tdt = 2dx = ¢td¢ = dx.

I:J.\/2x+1 dx:It.tdt :Itzdt.



Céu 32: Hinh phing (H ) duoc gii han boi do thi ham sé bac ba va truc hoanh dugc chia thanh hai phan

c6 dién tich lan lugt 1a S, va S, (nhw hinh v&)

4

o / 4 >

1 4
Biét [ f(x) dx :g va [ f(x) de= _763 Khi do dién tich S cta hinh phing (H ) bing
-1 1
A2 B.2. c 2 p. &
24 3 24 8
Loi giai
Chon C

1 8 63 253
Dua vao hinh V&, ta c6 S = dx - de=_t—=—r.
wa vao hinh v&, ta c6 J.lf(x) J.f(x) 378 T

Cau 33: Chohamsé f(x)=cos2x.Khang dinh ndo duéi day ding?

A. J‘f(x)dx:—%sin2x+C. B. If(x)dx:—2sin2x+C.

C. [ f(x)dx=2sin2x+C. D. J.f(x)dx:%sin2x+C.
Loi giai

Chon D

Ta cé:jf(x)dx=jcostdx=%sin2x+C.

Céu 34: Cho sb phitc z=x+yi(x,y €R) thoa man diéu kién (1+i)z—4-2i =2iz. Gi4 tri cta biéu thirc

X

M = Y bang
Az B. 2. c.t D. 2.
2 2 3 - 8
Loi giai
Chon D

Taco: (1+i)z-4-2i=2iz & (1+i)z-2iz=4+2i = (1-i)z=4+2i = z=1+3i.

=1 L
= g :>M:3—3:§.
y=3 2> 8



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Trén mit phang phic, tap hop diém biéu dién sé phirc z=x+ yi thoa min |z+2+i|:|;—3i| la
duong thing c6 phuong trinh 1a
A. y=-x+1. B. y=x+1. C.y=x-1. D. y=-x-1.
Loi giai
Chon C
Ta co: |z+2+i|=|2—3i|.
<:>|x+yi+2+i|:|x—yi—3i|
<:>|(x+2)+(y+1)i|:|x+(—y—3)i|
o J(x+2) +(y+1) =¥ +(-y=3)’

S X +HAx+4+ Y +2y+1=x"+y> +6y+9
S 4x-4y-4=0
Sx—y-l=0y=x-1

Trong khong gian Oxyz , cho ba diém 4 (1; 0; 0) ,B (O; 2; 0) va C (O; 0; 3) . Phuong trinh mat phéng
(4BC) la

A+ 22 B A AN | c.2+24+20 D.2+24+220
2 1 3 21
Loi giai
Chon B

Mat phéng (ABC) chén 3 truc toa d6 ¢ phuong trinh la: %+%+§ =1.

Trong khong gian Oxyz, cho diém A(l; 2;3). Tim toa d6 diém A4, 1 hinh chiéu vudng goc cua
A len mat phang (Oxz).
A. 4,(1,00). B. 4,(1;2;0). C. 4,(10;3). D. 4,(0;2;3).
Loi gidi
Chon C
Ta c6: hinh chiéu vuong goc ciia diém 4 1én mit phing (Oxz) la 4 (1;0;3).

CrGees [rees [[2r00-e(oke

Néu -1 va | thi -1 bang

A. 3. B. 18. C. 13. D. 2.
Loi giai

Chon B

1 1

j[zf(x)—g(x)}dx=2j1f(x)dx—jf(x)dx=2.5—(—8)=18.

-1 1

Nguyén ham Ixsdx bang

A. éx6 +C. B. 6x° +C. C. 5x'+C. D. x*+C.



Loi giai
Chon A
1
J.xsdx = gxé +C.

Céu 40: Cho s6 phtrc z =1-2i. S phiic nghich dao ctia z ¢6 mo dun bang

A. 5. B. /5. C. ﬁ p. L,
5 5
Loi giai
Chon C
. 1 1 1+2i 1+2i 1 2
SO phtrc nghich dédo cua z 1a l.Khid(’):—= - = + : — = i ;=—+—i.
z z 1-2i (1-2i)(1+2i) 1+2° 5 5
2 2
vay =L 22 (1) (zj _5
z[ |5 5 5 5 5

x+1 khi x>1

5 . Gid st F la nguyén ham cua f trén R thoa man
X =2x+3khi x<1

Cau41: Cho ham sb f(x) :{
F(O):% Gid tri cua F(-2)+ F(2) béing

A ——. B. 5. c. -2, D. -12.

Loi giai

%xz+x+C1 khi x =1

f(x)= x> =2x+3 khi )c<1:> 1,

x+1 khi x=1
F(x)=
gx -x*+3x+C, khi x<1

) ) lx2+x+C1 khi x>1
Vi F(O):§:>C2 === F(x)=

3 lx3—xz+3x+§ khi x<1

Ham s6 lién tuc trén R<> limf(x) = limf(x)

x—1* x—1"

x—1* x—1"

=N lim(lxz +x+C, J: 1im(lx3 -x +3x+§j@%+q =3 =%

1 2 3 .
- it >
2x +x+2 khi x>1 g 3 3 13

F(x)= Vay F(=2)+F(2)=---4-6+=+4-Z==-—.
%xs—x2+3x+§ khi x<1 3 2 2 2

Cau 42: Trong khong gian Ozyz cho mit cau (S)C(') phuong trinh (x - 1)2 + (y + 2)2 +2* =100 va mat
phang (P) c6 phuong trinh 2z — 3y + 6z — 64 = 0. Mit phang (a) song song voi mit phang (P)

cit mit cau (S ) theo giao tuyén 1a duong tron c6 duong kinh bang 12 ¢6 phwong trinh 1a.



Cau 43:

A.2x—3y+62—-64=0. B.2x-3y+62+48 =0.
C.2z-3y+62-48=0. D. 2z -3y +6z+64=0.
Loi giai

Chon A

(@) [1(P) = ne =nr = (2-36).

Phuong trinh mat phing () :22 — 3y + 62+ D = 0 (D # —64).

Mit cau (S)co tAm 1(1; —2;0) ,bankinh R =10.

Puong kinh dudng tron d =12 = r = 6.

Goi H la hinh chiéu vuong géc ctia [lén mit phing (&)= IH =R’ -7 =8.

D =48
D= —64(zoaz‘)'

8+ D =56

[2.1-3.(-2)+ 6.0+ D|
<~ 8+D=-5

J22 + (=3 + 67
— Phuong trinh mit phang (a) la 20 -3y +62+48 =0.

:8<:>|8+D|:56<:> .S

Cho ham s6 y = f(x) ¢6 dd thi (C) ndm phia trén truc hoanh. Him s y = f'(x) théa mén céc
didu kién [f'(x)]z +f"(x).f(x)+4=0, £(0)=0, f(%j =+/3. Dién tich S 14 hinh phing giGi

han b&i (C) va truc hoanh bang

A. % B. 2. C. 7. D.

NG

Loi giai
Chon C

Taco [£/(0)] 4 /(01 (1) +4=0e5 [ £ ()1 (x)] =4

:>f(x).f’(x):—4x+C:>%f2(x):—2x2+Cx+C'

1
1 2/ ¢'=0 C'=0
Méf(O):O,f(Ej:\/g nén | . - = 3__14_1(/*@{
5/ 5J=——+—C+C' 2 2 2

Suy ra: f’ (x) =—4x’ +8x = f(x) =~/—4x* +8x



Khi @6 (C) cit truc hoanh tai hai diém c6 hoanh do x = 0;x =2 va dién tich hinh phang giéi

2 2
han boi (C) va truc hoanh 13 § = [V—4x” +8x dx = [ \[4x(2 - x) dx
0 0

bit x =2sin’t,t € {0;%} = dx =4sintcostdt

Pdi can \/8sm t(2 2sin’ t)4smtcostdt

U
Ny @
U
E/)
o'—.w\a

IR}

S=4

'—.N\éi

2
4sin’ tcos’ tdt = I sin’ 2¢dt =
0

O 0 [N

(l—cos4t)dt = 2(t—%sin4tj

0

Cau44: Cho cac sd thuc x, y, m. Biét réng c6 mot s6 phitc z=x+yi théoa min zz=4 va

mx+2y+2m—1=0. Khi d6 gia tri m bang

A. —2. B. —E. C. l D. 0.
4 4 2
Loi giai
Chon B

Goi M (x;y) 1a diém biéu dién s6 phitc z=x+yi, véi x,y e R

Ta co Z.E=4<::>|z|2 =4<:>|z|=

= tap hop diém biéu dién s phirc z 1a duong tron (C ) tam O, ban kinh R=2

Ma M thudc duong thing A:mx+2y+2m—1=0.

Nén dé c6 mot sd phirc thoa man yéu cau bai toan thi duong thing A phai tiép xtc voi dudng
2m-1|

2

tron (C) < d(0,A) =
m-+4

e (2m-1) =4(m* +4) = 4m+15= O@m——%

Cau 45: Trong khong gian Oxyz , cho mat ciu (S) c6 duong kinh 4B voi A(2;l;3) va B(6; 5;5) . Xét
khéi tru (7') c6 hai dudng tron day ndm trén mét cau (S) va c6 truc ndm trén duong thing AB
. Khi (T ) c6 thé tich 16n nhat thi hai mt phang 1an luot chira hai day cua (T ) c6 phuong trinh
dang 2x+by+cz+d, =0 va 2x+by+cz+d,=0. C6 bao nhiéu s nguyén thudc khoang
(d;;d,)?
A. 15. B. 13. C.11. D. 17.

Loi giai

Chon C



Cau 46:

Goi H la tm ctia duong tron ddy cta khéi tru (7)) va / 14 tim mit cau ()

Mit cau (S) dudng kinh 4B c6 tam (4;3;4) va bankinh R = ATB =3.

Tir gia thiét suy ra mdt phang chira hai day cta khdi tru ¢6 véc to phap tuyén 1a

AB =(4;4;2) = hai mt phing d6 c6 dang 2x+2y+z+d, =0; 2x+2y+z+d, =0

Pt HI = x(0<x<3) =r=HM =\R* —HI* =\J9-x*
= V(T) =7 2HI = 7r2x.(9—x2) = 7r2(9x—x3)

Xét ham sb f(x)=9x-x :>f’(x):9—3x2;f'(x)=0<:>xzi\/g,loai x=—/3.

X 0 V3 3
f(x) + 0
L 6V3
f(x) _— T
0 o

Tir BBT suy ra thé tich khéi tru 10n nhat khi x = HI = NE)
Suy ra khoang cach gitra hai day cta khéi try 1a 243

:M:Z\/g<:>|dl—d2|:6\/§z10,39

= ¢6 11 gia tri nguyén thudc khoang (d,;d, ).

Trong khong gian Oxyz, cho diém A(2;—5;4) va mit phang (Oxz) , lay diém M trén mit
phang (Oxz) .Goi B théa man diéu kién MB =—3MA . Khoang cach tir diém B dén mit phing
(Oxz) bang

A.S. B. 6. C. 15.

Loi giai

D. 12.

Chon C



B0 s (0= 515.

Ta co

Chu 47: Trong khong gian Oxyz cho ba diém M (1;2;3),N(2;3;1), P(1;0;4) va mit ciu c6 phuong trinh
(x—l)2 +(y+3)2 +(z—10)2 =24. Goi A la diém thay déi thudc mat cau (S), gia tri 16n nhat
cua |6W —3AN - 2ﬁ’| bang:

A. 66 . B. V202 . C. 6. D. 5V6.
Loi giai
Chon D
E(1;-3;10)
x=1) +(y+3) +(z-10) =24 = (E):
(r1) +(r+3) # (-10) =24 = (B)y "
X, = 6x,, —3x, —2x, _
6-3-2
Tim diém I sao cho 6IM —3IN —2IP =0 <> y, =6yM6_3§N;2yP =3 =1(-2:37).
Z,:6ZM_3ZN_ZZP=7
6-3-2

Ta c6 [64AM ~3AN —24P| =64l +6IM 341 ~3IN 241 -21P| = 41| = A1
(64M ~34N ~24P|= Al <IE+ R =376 + 26 =56 .
Ping thirc xay rakhi A, E,I theo thir ty thing hang.
Cau 48: Cho sb phuc z= x-l—yi(x,y € R) thoa man diéu kién |z+1+i| = |z—1+3i| va biéu thirc
T =|z+3+i|+|z—4—4i| dat gi tri nho nhét. Khi do6 gia trj 2021x—2022y béang:
A. —4045. B. 4045. C. —4041. D. 4041.
Loi giai
Chon D
Dit biéu dién céc s6 phic x + yi,—1—i;1-3i;-3—i;4 +4i lan lugt 1a cdc diem M (x;y),
A(-1;-1),B(1;-3),C(-3;-1),D(4:4).
Tac6 |z+1+i| =|z—1+3i| < MA = MB
1(0;-2)

n=(2;-2)

Nén M thudc duong trung truc d ciia AB , khi do6 d:{



Do C, D nam cung phia so véi d , goi D' 1a diém dbi xtg ctia D qua d .
Goi E(t;1—2) la hinh chiéu cia D trén d = ED = (41,6 1)
Tacé EDu, =0 4-1+6-t=0c1t=5= E(53)= D'(6,2)= CD':x-3y=0.
Khi d6 ta c6 duge T =|z+3+i|+|z—4-4i|=MC+MD=MC+MD'<CD".
Ping thirc xay rakhi M =d N CD', khi d6 toa d M 1a nghiém cia hé:
x-y-2=0 x=3
= .
x=3y=0 y=1
Cau 49: Cho ham s f(x) xac dinh trén R, biét f'(x)Ve*+3 -3¢e* =0, /(0)=12. Gia tri tich phan

I =J‘244df @) bing

x2e +3

=S B.2 c.2. p. L,
2 2 2 4
Loi giai
Chon A
, . . : 3e*
f(xVe+3-3e"=0= f(x)=
e +3

x 3d(e" +3
Ta co f'(x)dx:\/jf_+3dx:>f'(x)dx:(;—_:;):f(x):6(«/ex+3)+C

Ma f(0)=12=12+C=12=C=0= f(x)=6Ve" +3.



4 f(x) 4 6\e +3 46 -6, 3
I=| —VF—=dx=| ——=dx=| —dx=—1_|=—.
J-z et +3 o .[2 et +3 . J.z X . X 2 2

Cau 50: Cho ham sd y = —%x“ +4m*x* +4 (voi mlatham s va m#0 ). Goi A la dudng thing song

song voi truc Ox , di qua diém cuc tiéu caa do thi ham sd va hop voi dd thi ham s6 tao thanh hinh

. ) . 32768
hang co dién tich ban
phang | S 3645

. Khi d¢ tich cac gia tri cia cac tham s6 m bang

A -2 B. -2 c.-2 D. -2
9 4 2 9
Loi giai
Chon A

y:—ix“+4m2x2 +4=y' =-x +8m2x:—x(x2—8m2)
x=0

y’:O:—x(x2—8m2)20<:> x:2x/5|m| .Dom=0.
x=—2x/5|m|

Ta c6 bang bién thién:

X |—oo —2+/2|m| 0 2v/2|m| +o

f'(x) + 0 - 0 + 0 -

NN

Piém cuc tiéu ctia d6 thi ham s6 1a (0; 4) . Phuong trinh dudng thing A:y=4.

x=0
— 1
Phuong trinh hoanh d¢ giao diém —Zx4 +4m’x’ +4=4 & —Zx4 +4m’x’ =0 < | x =—4|m|
X= 4|m|
lly
20

y={(x)

[44]
=%
[+ ]

Goi S 1a dién tich hinh phiang cam tim



4

o
S:@@zj —_1x4+4m2x2}dx:@© J*(—_1x4+4m2x2jdx:16384
3645 )| 4 3645 1\ 4 3645
5 4‘m‘ 5
oGy vt | o ) 2 ) - ) -
0
J— 2_
2 (M3 22 4
@‘m‘:—@ = mamy =——.—==—
3 33 9



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Ciu 6:

Caiu 8:

Cau 9:

Cau 10:

PE ON TAP KIEM TRA CUOI HOC KY II
MON: TOAN 12 - BE SO: 21 (100TN)

Cho ham s6 F(x) la mot nguyén ham ciia ham sé f(x) va C la mot hang s6. Ménh dé nao

dudi day ding?
A. F'(x)=f"(x)+C. B. [F(x)+C]’:f(x).
C. f'(x)=F(x)+C. D. F(x)=f(x)+C.

Trong khong gian Oxyz , tm va bén kinh ctia mit cau (S): ()c—l)2 +y° +(z+2)2 =4
A I(1;0;-2),R=2. B.I(1;0;2),R=2. C.I(~1;0;2),R=4. D. [(1;0;-2),R=4.

Ho nguyén ham ctia ham sé f'(x)= LIPS
X

A. —Infx|+C. B. In|x|+C. c.-Lic. p. Lic.

Gia tri cua j(Zx +eé ) dx bang

0
A.e—1. B. —e. C.e. D.e+1.

Trong khong gian Oxyz, cho hai vecto Zz(—l; 2; —3)Vé Z;(—2;4;5). Gia tri vecto ab b?mg

A. -16. B. 16. C. 5. D. 5.

Trong khong gian Oxyz, dudng thing di qua diém A(O;l;l) va song song v6i dudng thing

x=1+t
A< y=2-3t c6 phuong trinh la

x=2+4
Aty 22t pox y-1l 2zl x _y-l 2zl pox y-l z-l
-1 -3 4 -1 3 4 -1 3 4 1 3 4

Trong khong gian Oxyz, phuong trinh miat phang di qua M (—1;2;0) va ¢6 vecto phap tuyén
n(4;0,-5) 1a

A. 4x-5z+4=0. B. 4x-5z-4=0. C.4x-5y+4=0. D.4x-5y-4=0.
Nghiém ctia phuong trinh z° —2z+5=0 la

A, —2+iva -2—i. B.2+iva2-i. C.—-142i va -1-2i. D. 1+2i val-2i.
Cho s6 phirc z théa man 2z +(1+i)=(5-2i)(1-i). M6 dun cta s6 z bang

A. 15, B. V17 . C.15. D.17.

S6 phurc lién hop ctia sé phic z =2021-2022i 1a
A. -2021-2022i. B. 2022+2021;i. C. 2021+2022i . D. —2021+2022i .



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Trong khong gian Oxyz , phuong trinh mit cau c6 tam [ (—1; —2;3) vaban kinh R=2 la

(

A. (x+1)2+(y+2)2+(z 3) B. (x-
D. (x+1)2+(y+2)2+(z—3)2 =4.

1) +(y-2)" +(z+3) =2.

-3)" =2.
C. (x—l)2+(y—2)2+(z+3)2= :
Trong khong gian Oxyz, khoang cach tr diém M(3;4;5) dén mat phang
(P):3x-4y+12z-14=0 bing

85 D 53

A. 3. B. 6. . —. . —.
13 13

4 2
Cho ham s§ f (x) lién tuc trén R va [ f(x)dx=12. Gid trj ctia [ f(6x—8)dx biing
) 1

A. 2. B. -72. C.2. D. 72.

Cho ham sé f (x) lién tuc trén doan [a;b] va s6 thuc k tuy ¥ khac 0. Ménh dé nao dudi day

ding?
A. j[k.f(x)dx:kj[f(x)dx. B. jk.f(x)dx:kjf(x)dx.

C jjkf(x)dx:jjf(kx)dx D. j:kf(x)dx=]:f(kx)dx
Néudat t=+"+1 thi [xy/x’ +1dv tro thanh

A. [ardr. B. [rdr. c. [2rdr. D. [+ dr

Cho hinh phang (H) gi6i han boi do thi ham s6 y =1—x", truc hoanh va hai dudng thing

x =—1;x=1. Thé tich ctia khéi tron xoay dugc tao thanh khi quay hinh (H ) quanh truc hoanh

bang
AL B. 17 c. 16 p. T
3 15 15 3

Cho ham s6 y = f(x) lién tuc trén [a;b]. Dién tich hinh phang (/) gi¢i han béi d6 thi ham sb
y=f (x) , truc hoanh va hai dudng thing x = a,x =5 dugc tinh theo cong thic

a

Ao S=[f(x)dr. B. S :nz[f(x)fdx. C. s :i|f(x)|dx. D. § =[] f (x)dx.

a b

Hinh phang gi¢i han boi d6 thi ham sd y = x*, truc Ox va hai dudng thiang x =2, x =0 c¢6 dién
tich bang

A. 16. B. 4. C.2. D. 8.

Biét z, =2—3i 1a mot nghiém ciia phuong trinh z* +bz+c =0 véi b,c 1a cac s6 thuc. Gid tri

ctia b+c bang



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

A. 9. B. 5. C. 1. D. 13.

Goi z,z,,z,,z, 1a cac nghiém cua phuong trinh z'-2z°-8=0. Gid tri cula
2 4|z +|af +|z.f bing

A. 16. B. 8. C. 4. D. 12.

Phén 4o ctia s6 phuc z=2+i 1a

A. 2. B. 1. C. 2. D. 1.

Trong khong gian Oxyz, dudong thang di qua diém A(—2;3;5) va vudng goc véi mit phang
(P):x—2y+2z+1 =0 c6 phuong trinh la

xX=2+t x=-1-2¢ x=-2+t x=1-2¢
A. {y=-3-2t. B.{y=2+4+3¢ . C.yy=3-2¢. D. <y=-2+3t.
z=-5+2t z=-2+5¢ z=5+2¢ z=2+5t¢

Trong khong gian Oxyz , phuong trinh niao dudi dy la phuong trinh mat cau?

A X’ +y —2°-2x-2y-2z-1=0. B. X+ +22°-2x-2y-2z-1=0.
C.x’+y’ +z°-2x-2y-2z-1=0. D. x*+y*+z°-2x-2y-2z+3=0.

Cho hai s6 thyc x, y théa man x—2y+(3x+y)i =2+13i. Gia tri ciia x—2y bang
A. 6. B. -2. C. 6. D. 2.
Trong khong gian Oxyz , cho 3 diém A(2;l;—1),B(3;2;—1),C(1;l;2) . Mt vecto phap tuyén cua
mit phang (ABC ) la
A. (3;-3:1). B. (3;3;1). C. (-3:31). D. (3;-3;-1).
Dién tich hinh phing gi6i han boi db thi hai ham s y=—x? +4 va y=—x+2 bing
A.§. B.g. C.9. D.é.
3 2 7
Trong khong gian Oxyz , phuong trinh mit phang di qua hai diém A(-1;2;3),B(1;4;2) va vuéng
gdc vGi mit phang (P):x—y+2z+l =0 1la

A.3x—y-2z+11=0. B. 5x-3y—-4z+23=0.
C.3x+5y+z-10=0. D.3x-5y—-4z+25=0.

Trong mit phang Oxy, diém M nhu hinh v& bén dudi biéu dién cho sé phiic ndo sau day?



Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

)
4
T T
|
1
|
] 3
M
A. —4-2i. B. -2-4i. C. -2+4i. D. 4-2i.
% N
Gia tri cua Ixcosxdx bang
0
/4 - V4
A 21, B. 21, c. 71, D. Z+1.
2 2 2 2

Mot 6 t6 chay véi van tée 8 m/s thi nguoi 1ai xe dap phanh. Ké tir thoi diém do, 6 to chuyén dong
chim dan déu véi van toc v(¢)=-2¢+8 (m/s), trong d6 ¢ 1a thoi gian tinh bang gidy ke tir luc
bét dau dap phanh. Tir luc dap phanh dén khi dimg han, 6 t6 di chuyén dugc bao nhiéu mét?

A. 6 m. B. 16 m. C.32 m. D. 8 m.

Cho hai s6 phitc z, =2-3i va z, =4—6i. Sé phirc z, —z, 1a

A. 2+3i. B. -2-3i. C. 2+3i. D. 6-9i.

Ho nguyén ham ciia ham s6 f(x)=xe" 1a

A. —xe"+e" +C. B. —xe*—¢e"+C. C. xe"—¢e"+C. D. xe*+e" +C.
Cho ham s6 y = f(x) lién tyc trén [-2;2] va c6 do thi nhu hinh vé bén dudi. Goi S 1a dién tich
ctia hinh phang duoc gidi han boi d6 thi ham sé y = f(x), truc hoanh va hai dudng thang x = —2

,x=2.

Ménh d& nao duéi day dung?

A S=[ feyde-["f(x)dx, B. S=—[ f(x)dr+[ f(x)dr.
C.5=-[ fede=["f(x)dv. D.S=[ fdv+| fx)dx.

x—8 y+tn_ z-m
4 -3
, n 1a cac tham s thuc. Biét rang diém M thudc duong thang A, gia tri cia m—n bang

Trong khong gian Oxyz , cho diém M (6;—6;6) va duong thang A : véi m



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

A. -1. B. -5. C.1. D. 5.

Trong khong gian Oxyz , cho hai diém A(1;3;-5) va B(3;1;-3). Toa do cua véc-to AB 1a
A. (4;,4;-8). B. (2;2;-4). C. (2;-2;2). D. (1;-1;1).
Ho nguyén ham ctia ham sé f(x)=3x"+2x+1 1a

A3 +x +x+C. B. X+x*+x+C. C. +x*+C. D. X*+2x*+x+C.

Mo dun ctia s6 phitc z =—-3+4i bang

A.5. B. 25. C. 1. D. 7.
Phan thuc cta s6 phirc Z=(4—i)+(1+4i) la

A. -3. B. 3. C. -5. D. 5.

Trong khong gian Oxyz, duong thang di qua diém A(O;l;l), vudng goc v6i hai dudng thang

x =2t
A,:x_23:y;6zzl_lvé A,:4y=—t  cOphuong trinh la
z=2+3t
Aoyl _z4l o pxl y -1 ox oyl 2l gox oyl z-1
7 8 -2 7 g8 2 7 8 -2 7 -8 -2

Trong khong gian Oxyz, mdt vecto phéap tuyén ciia mit phang (P) :3x—=2y+2z+1=0c6 toa

do la

A. (3-2;2). B. (3;2;2). C. (3-21). D. (3;2:1).

d, e :Z:Z+2
2 1 —1

Trong khong gian cho hai duong thing va

Oxyz ,

x—1 y+2 z-2
1 3 -2

(P) X+y+2z—-2022=0 va cit hai duong thrfmg d,d, lan luot tai A4, B sao cho do dai doan

d,: Goi A 1a duong thiang song song véi midt phang

thang 4B ngan nhat. Phuong trinh cia A 13

—2+3t
x=6—t x=6-2¢ x=6 *75
5 5 5 2

A ly== B.{y==-+t ly==—t D. {y=2+6t
7 2 d 2 4 2 4 5

9 9 12

z=——+t z=——+t z=——+t z=——+10¢
2 2 | 5
ax+bsin2x

Biét rang fcosz xdx =

a-+b

Gia tri cua bang

m

m

+C v6i a,b va m 1a cac sO nguyén duong, C 1a hang so.



Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

A.i. B.i. C.é. D.
2 3 4

A|w

Cho ham s0 f'(x) xéc dinh trén R\{%} va f'(x)= ﬁ thod man f(2)=3 +%ln3. Gia tri
ciia f(3) béing
1 1

A. Eln5—|—3. B. —2In5+5. C.2In5+3. D. Eln5—|-5.
Trong mat phang Oxy, biét rang tap hop diém biéu dién cia sd phirc thoa méan |Z —6i+ 8| =25
1a mot dudng tron tam /(a;b). Gid trj cia a+b bing
A. 2. B. -2. C. 14. D. -14.

i 2 2
Cho ham s0 f(x)lién tyc trén R thoa man f(x)=x’ +J.xf(x) dx . Gia tri cta jxf(x) dx

1 0
A. —-11. B. 11. C. 7. D. 19.
" ) . ° x y-1 z=2 . °

Trong khéng gian Oxyz, cho duong thing d e mdt phang (P):2x-z-4=0

va mit phang (Q):x—-2y-2=0. Mit cau (S) c6 tam thudc duong thang d tiép xtc véi hai
mit phang (P) va (Q) . Ban kinh ctia mat cau (S) bang

A. 3. B. 5. C. 3. D. /5.

Cho hai s phuc z, wthdéa man |w —i| =2 va z+2=iw. Goi M,n lan luot 1a gia tri 1on nhét va
gia tri nho nhét cua |z| . Gia tri cia M +mbang

A. 4. B. 2. C.5. D. 6.

Trong khong gian Oxyz goi S1a tip cac gia tri nguyén cua tham s m sao cho phuong trinh

x> +y*+2°=2(m+2)x+4my—2mz+7Tm’ —1=0 1a phuong trinh mit cau. S phén tir cua S 1a
A.S. B. 7. C. 4. D. 6.
Cho ham s0 f'(x) lién tuc trén [-2;3] va dd thi cia y = f'(x) nhu hinh v& bén dudi

A

Yy

2 0 3/,
/ m
Ménh dé nao sau day dung?

A. f(-2)> f(0)> f(3). B. £(0)>f(-2)>f(3).
C. 1(0)>7(3)> f(-2). )> £(0)> f£(-2).

&
<
w



Céu 50: Ong Nam c6 mot khu dit dang hinh chit nhat v6i chiéu dai 1a 16m va chiéu rong 1a 8m . Ong
Nam tréng rau sach trén mot manh vuon duge gii han boi hai parabol. Biét rang mdi parabol co
dinh 1 trung diém cta mot canh dai va di qua hai diém dau mat cta canh dai dbi dién (phan gach
soc nhu hinh v€ minh hoa).

16m

8m

Biét chi phi dé trong rau 1a 45.000 déng/m?. Hoi 6ng Nam can bao nhiéu tién (1am tron dén
hang phan nghin) dé trong rau trén phan manh vuon d6?

A. 2159000 dong. B. 2715000 dong.

C. 3322000 dong. D. 1358000 dong.



BANG DAP AN

1.B 2.A 3.B 4.C 5.C 6.D 7.A 8.D 9.B 10.C
11.D 12.A 13.C 14.C 15.D 16.B 17.C 18.B 19.A 20.D
21.B 22.C 23.C 24.D 25.A 26.B 27.D 28.D 29.A 30.B
31.C 32.C 33.B 34.C 35.C 36.B 37.A 38.D 39.C 40.A
41.A 42.D 43.A 44.B 45.A 46.D 47.D 48.A 49.B 50.B

HUONG DAN GIAI CHI TIET
Caul: Chohamsb F(x) 1a mot nguyén ham cua ham s6 f(x) va C 1a mot hing s0. Ménh dé nao
dudi day dang?
(x)=s'(x)+C. B.[F(x)+C] =f
C. f'(x)=F(x)+C. D.F(x ) S(x)+C
Loi gigi
Chon B
Cau2: Trong khdng gian Oxyz, tam va ban kinh cia mat cau (8):(x—1)"+y* +(z+2) =4
A. 1(1;0;-2),R=2. B.I(1;0;2),R=2.
C. I1(-1;0;2),R=4. D.(1;0;-2),R=4.
Loi gidi
Chon A
Chu3: Honguyén ham cua hamso f(x)= 1 1a
X
A. —In[x|+C. B. In|x|+C. C. —i2+c. D.iz+c.
x x
Loi gidi
Chon B
1
CAu4: Gia tri clia j (2x+e")dx bing
0
A.e-1. B. —e. C.e. D. e+1.
Loi giai

Chon C
Ta co: Jl.(2x+e”)a’x=(x2 +ex)

0

i=l+e-0-1=e.



Cau5:  Trong khong gian Oxyz, cho hai vecto ZZ(—l; 2;-3)va l;(—2;4;5) . Gi4 tri vecto a.b bing

A. —-16. B. 16. C. 5. D. 5.

Loi giai
Chon C
Tacod: ab=2+8-15=-5.

Cau 6: Trong khong gian Oxyz, duong thang di qua diém A(O;l;l) va song song v4i dudng thing

x=1+t¢
A4y =2-3t c6 phuong trinh la

x=2+4¢
Ay 22t gx y-1 z-1

-1 -3 4 -1 3 4
c. x_y-l_z=1 5 x_y=-1_ z-1

-1 3 4 -1 3 4

Loi giai

Chon D
Ta ¢6: u, (1,-3;4), duong thing song song véi A nhan vecto a(l;—3;4) lam vecto chi
phuong.
Vay phuong trinh duong thang di qua diém A(O;l;l)vé song song voi duong thing A 1a
x_y-l_z-1
1 -3 4

Cau7: Trong khong gian Oxyz, phuong trinh mat phang di qua M (—l; 2;0) va ¢ vecto phap tuyén

n(4;0,-5) 1a

A. 4x-5z+4=0. B. 4x-5z-4=0. C.4x-5y+4=0. D.4x-5y-4=0.
Loi giai

Chon A

Phuong trinh mat phang di qua M (~1;2;0) va c6 vecto phap tuyén n(4;0;-5) 1a
4(x+1)+0.(y—2)-5(z-0)=0<=4x-5z+4=0.

Cau 8: Nghiém cta phuong trinh z° -2z+5=0 1a

A, -2+iva -2—i. B. 2+iva2-i.
C.-1+2iva—-1-2i. D.1+2i val-2i.

Loi giai
Chon D

Taco: A'=1-5=-4=4i". Phuong trinh c6 nghiém 1a: z, =1+2i, z, =1-2i.
Ciu9: Cho sd phirc z théa man 2z +(1+i)=(5-2i)(1-i). M6 dun ctia s z bang

A V15, B. 17 . C.15. D. 17.
Loi giai
Chon B



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

2z+(1+i)=(5-2i)(1-i) & z = G=20)(=)=(1+1) _,_,,

2
— z=1+16 =17

S6 phirc lién hop cua sb phirc z =2021-2022i 1a
A. —2021-2022i . B. 2022 +2021; . C. 2021+2022i . D. —2021+2022; .
Loi giai

Chon C
Ta c6 z=2021—-2022i = z = z = 2021+ 2022i .

Trong khong gian Oxyz , phuong trinh mit cau c6 tam [ (—l; —2;3) vaban kinh R=2 la

Ao (x+1) +(y+2) +(2-3) =2. B. (x—1)" +(y-2) +(z+3)" =2.

C. (x=1) +(y=2)" +(z+3)" =4. D. (x+1)’ +(y+2) +(z-3)" =4.
Loi giai

Chon D

Trong khong gian Oxyz, khoang cich t diém M (3;4;5) dén mat phing
(P):3x—4y+12z-14=0 bing

A 3. B.6. c. 5 p. 33
13 13
Loi giai
Chon A

_P3-44s125-14
Y4y 12

Ta co: a’(M;(P))

4 2
Cho ham s f(x) lién tuc trén R va ff(x)dx =12. Gid tri cia ff(6x—8)dx bang
-2 1

A. 2. B. -72. C.2. D. 72.
Loi giai
Chon C

bat t:6x—8:>dt:6dx:>dx:%dt.

Khi x=1=t=-2

x=2=t=4.
Khi 6 ]‘f(6x_8)dx:]‘f(t>ldt:l]‘f<x)dx:l.1z:z.
4 J, 6 6, 6
Cho ham sé f (x) lién tuc trén doan [a;b] va sb thuc & tuy v khac 0. Ménh dé nao dudi day
dang?
b b b b

A [k f (x)de =k f(x)dx. B. [k.f (x)dx=k[ f(x)dx.

a a



Cau 15:

Cau 16:

Cau 17:

Cau 18:

C. [kf(x)dx= [ f(Jor)dx D. [k.f (x)dv=[ f (k) dx
a a a b

Loi giai

Chon C

Néu dit £ =+/x* +1 thi f xy/x? +1dx tro thanh

A. jztdt. B. ftdt. C. f2t2 dt. D. ftzdt
Loi giai

Chon D

Pat r=~x*+1=1=x"+1

2tdt = 2xdx & x.dx =t.d¢

Nguyén ham da cho tré thanh: f tdt = f £’de.

Cho hinh phing (H) gi6i han boi do thi ham sé y =1—x", truc hoanh va hai dudng thing

x=—1;x=1. Thé tich cta khdi tron xoay dugc tao thanh khi quay hinh (H) quanh truc hoanh

bang
AL B. T c. 16 D. T,
3 15 15 3
Loi giai
Chon B

Thé tich khéi tron xoay khi quay hinh (/) quanh truc hoanh 14

2 167r
y=r[(1-x
Wf 15

Cho ham s6 y = f(x) lién tuc trén [a;b]. Dién tich hinh phang () gi¢i han boi d6 thi ham s6

y = f(x), truc hoanh va hai dudng thing x = a,x =5 dugc tinh theo cong thirc

b b b a
Ao S = f(x)x. B.S=x[[f(x)]dx. C S=[|f(x)dx.  D.s=[|s(x)dr.

a a a b

Loi giai

Chon C
Ly thuyét.
Hinh phang gii han béi d6 thi ham sé y = x°, truc Ox va hai duong thang x =—2,x =0 c¢6 dién
tich bang
A. 16. B. 4. C.2. D. 8.

Loi giai
Chon B



0 0 4|0
Hinh phang da cho c6 dién tich bang J. |x3 | dx = —J. xdx = —x? =4.
) -2 2
Cau 19: Biét z, =2-3i 1a mt nghiém cua phuong trinh 22 +bz+c=0 v6i b,c 1a cac sb thuc. Gia tri
ciia b+c bing
A. 9. B. -5. C. -1. D. 13.
Loi giai
Chon A
z, =2-3i 1a mot nghiém ctia phwong trinh z* +bz +c =0 nén
(2-3i)" +b(2-3i)+c=0
& 4-12i+9i* +2b—3bi+c=0
2b+c=5 b=-4
= = .
-3b=12 c=13
Vay b+c=9.
Cau 20: Goi z,z,,z,,z, la cac nghiém cta phuong trinh z=2z2-8=0. Gia tri cua

|Zl|2 + |22|2 + |Z3|2 + |Z4|2 bang

A. 16. B. 8. C. 4. D. 12.
Loi giai
Chon D
_22:4<:> 2=
4 2 Zz=_
22 -8=0
z z = 2 , Z3=\/§i
z=-2&
i Z4:—\/§i
Slaf +af +af +af =27+ (-2 +(V2) +(~2) =12.
Cau 21: Phan 4o ctia s phirc z=2+i 1a
A. -2, B. 1. C. 2. D. -1.

Loi giai
Chon B
Céau 22: Trong khong gian Oxyz, dudong thang di qua diém A(—2;3;5) va vudng goc véi mit phang
(P):x—2y+2z+1=0 c6 phuong trinh 1a

x=2+t x=—-1-2¢t x=-2+t x=1-2t
A. {y=-3-2t. B.{y=2+3¢t . C.iy=3-2t. D. <y=-2+3t.
z=-5+42t z=-2+5¢ Z=5+2¢ z=2+45t
Loi giai

Chon C



Ta ¢6: 7, = (1;,-2;2)
Vi dudng thang can tim vudng goc véi (P) nén T py =1l
x=-2+t

Vay phuong trinh duong thing can tim 1a: < y=3-2¢.
z=5+2t

Ciu 23: Trong khong gian Oxyz , phuong trinh nio duéi day 1a phuong trinh mit cau?

A X’ +y —2"-2x-2y-2z-1=0. B. X’ + )y +2z°-2x-2y-2z-1=0.

C. X’ +y +2°-2x-2y-2z-1=0. D. x> +y*+2z°-2x-2y-2z+3=0.
Loi giai

Chon C

Phuong trinh mit cau c¢6 dang: x* + y* +z° —2ax—2by —2cz+d =0
Didukién: @’ +b” +c>—d >0
D@ thiy C ding
Cau 24: Cho hai s6 thyc x, y thoa mén x—2y+(3x+y)i =2+13;. Gia tri cia x—2y bang
A. —6. B. 2. C. 6. D. 2.
Loi gidi
Chon D

. . x=2y=2 x=4
Ta co: x—2y+(3x+y)l:2+l3l =

=
3x+y=13 y=1
Viy x—-2y=2.
Cau 25: Trong khong gian Oxyz , cho 3 diém A(2;l;—1),B(3;2;—1),C(1;l;2) . Mt vecto phap tuyén cua
mit phang (ABC) la

A. (3;-31). B. (3;3;1). C. (-3:31). D. (3;-3;-1).
Loi gidi

Chon A

Tac6: AB =(1;1;0),AC = (~1;0;3) = n_yc) =| 4B, AC |=(3-31).

Céu 26: Dién tich hinh phang giéi han boi do thi hai ham sé y = x> +4va y =—x+2 bang

A3 B. 2. C.o9. .2,
3 2 7

Loi giai
Chon B

x=-1 2
Ta cé; —x2+4=—x+2<:>x2—x—2=0<:>{ , - Nen: S:I‘xz—x—2‘dx:%.
X =
-1



Cau 27:

Cau 28:

Cau 29:

Cau 30:

Trong khong gian Oxyz , phuong trinh mit phang di qua hai diém A(—l;2;3),B (1;4;2) va vuong
goc v6i mit phang (P):x—y+2z+1=0 la
A.3x—y—-2z+11=0. B. 5x-3y—-4z+23=0.
C.3x+5y+z-10=0. D. 3x-5y—-4z+25=0.
Loi gidi
Chon D
Goi (Q) la mat phéng di qua hai diém A(—l;2;3),B(l;4;2) va vudng (P)
Khi do: 1) =| AB.i(p) | =(3:-5:~4). Nem: (0):3v -5y —4z+25 0.

Trong mit phang Oxy, diém M nhu hinh v& bén duéi biéu dién cho sé phiic ndo sau day?

Y
A
4
T T
0 [

[

|

|

2L e e e e e e — - i
M
A. —4-2;. B. —2-4i. C. 2+4i. D. 4-2i.
Loi giai
Chon D
% N
Gia tri cua jxcos xdx bang
0
A Z-1. B. 2+ c. 7L p. X411,
2 2 2 2
Loi giai

Chon A

T V.4
) . T . i LA
Tacod | xcosxdx = xd(smx):xsmx|g - s1nxdx:(xsmx+cosx)|§ :E—l.

O 0 [N
S =[N
O 10 | N

Mot 6 t6 chay voi van toe 8 m/s thi nguoi 1ai xe dap phanh. Ké tir thoi diém d6, 6 to chuyén dong
chim dan déu véi van toc v(t)=-2¢+8 (m/s), trong d6 ¢ la thoi gian tinh bang gidy ké tir lac
bat dau dap phanh. Tir luc dap phanh dén khi dimg han, 6 t6 di chuyén dugc bao nhiéu mét?

A. 6 m. B. 16 m. C.32 m. D. 8 m.
Loi giai

Chon B

Khi 6 t6 dimg han thi v=0=1r=4.



4
Tir lac dap phanh dén khi ding han, 6 t6 di chuyén duogc 13 S = J-(—2t +8)dr = (—t2 + 8t) =16.
0

4
0

Cau 31: Cho hai sb phuc “ =2-30 3 22 =460 o phirc 217 %2 1a
A, 2+3i. B. —2-3i. C. -2+3i. D. 6-9i.
Loi gidi
Chon C
Taco z,—z,=2-3i—(4-6i)=-2+3i.
Chu 32: Ho nguyén ham cua ham s0 f(x)=xe" 1a
A. —xe* +e" +C. B. —xe*—e*+C. C. xe*—e"+C. D. xe'+e" +C.
Loi giai

Chon C
Ho nguyén ham ciia ham s6 f(x)=xe" 1a
F(x)= jf(x)dx = Ixexdx = de(e") =xe" —Ie"dx =xe" —e" +C.
Céiu 33: Chohamsb y= f(x) lién tuc trén [—2;2] va c6 d6 thi nhu hinh vé bén duéi. Goi S 1a dién tich

ctia hinh phang duoc giéi han boi d6 thi hamsé y = £(x), truc hoanh va hai dudng thang x = -2

,x=2.

y

O 2

-9 1 T

Ménh dé nao duéi day dang?
A.S=[ @[ f(dr. B. S=—[ fdx+[ f()d.
C.s=-[, f@ar-[ f()dr. D.S=[ fde+[ flxdr.

Loi giai

Chon B
Dua vao dd thitaco 5=~ f(x)dv+ [ f(x)dx.
x-8 y+n_ z-m

4 -3
, n 1a cac tham sb thyc. Biét rang diém M thudc duong thang A, gia tri cia m—n bang

Céu 34: Trong khong gian Oxyz , cho diém M (6;—6;6) va dudng thing A: vO1 m

A. -1. B. -5. C. 1. D. 5.
Loi giai
Chon C



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

_ _ _ - =2
TacéMeA:>6 8: 6+n:6 m:> 4 & "
2 4 -3 6—m__1 m=3
-3

Suyram-n=3-2=1.
Trong khong gian Oxyz , cho hai diém A(1;3;-5) va B(3;1;-3). Toa do cua véc-to AB 1a

A. (4;4;-8). B. (2;2;-4). C. (2;,-2;2). D. (1;-1;1).
Loi giai

Chon C

AB=(3-11-3;-3+5)=(2;-2;2).

Ho nguyén ham ctia ham sé f(x)=3x"+2x+1 1a

A3 +x°+x+C.  B.X+x+x+C. C.x+x+C. D. X’ +2x* +x+C.
Loi gidi

Chon B

Ho nguyén ham ctia ham s6 f(x) la F(x) =X +x +x+C.

Mo dun cua s6 phitc z=—-3+4i bang

A. 5. B. 25. C.1. D. 7.
Loi giai

Chon A

C6 |2| =4/(-3)" +4 =5.

Phan thuc cta sb phirc z = (4—1') + (1 + 41') la

A. 3. B. 3. C. 5. D.5
Loi giai

Chon D

C6 z=(4—-i)+(1+4i)=5+3i. Suy ra phan thyc cta z 1a 5.

Trong khong gian Oxyz, duong thang di qua diém A(O;l;l), vudng goéc v4i hai duong thang

x=2t

z=2+3t
A.izy—-l-lzz_-l-l B,x_lzlzz_l.
7 8 -2 7 8 2
Coizy__lzz__l D.izy_lzz_l
78 2 7 8 2



Chon C
Goi d 1a duong thang can viét va u 1a VTCP cta d

L =(-2;21) - -
Do d vudng géc véica A,A, nén §_. _ , chon u=[u1,uz}=(7;8;—2).
uLus=(2;-13)

x
Suyrad:—=—=—-.
R

Cau 40: Trong khong gian Oxyz, mdt vecto phéap tuyén ciia mit phang (P) :3x—=2y+2z+1=0c6 toa

do la

A. (3-2;2). B. (3;2;2). C. (3-21). D. (3;2;1).
Loi gidi

Chon A

Mot vecto phép tuyén ctia mit phing (P):3x—2y+2z+1=0c6 toa dd 1a (3;-2;2).

Cau4l: Trong khoéng gian Oxyz, cho hai duong thang dlsz_lz%:Z—:z

va

x—1 y4+2 z-2
1 3 -2
(P):x+y+2z—2022=0 va cit hai dudng thing d,,d, 1an lugt tai 4,B sao cho do dai doan

d,: Goi A 1a duong thiang song song véi miat phang

thang 4B ngan nhat. Phuong trinh cia A 13

=213
x=6—1 x=6-—2¢ x=6 =3
5 5 5 2
A {y=— . B.{iy=—+1t . C.iy==——t . D. {y=—+6t
A. 1y > y 5 y 5 Y 5
9 9 9 12
=== z=——+t z=——+t z=——+10¢
{ 2 2 2 5
Loi giai
Chon A

Tacd A€d, :XT_lz%: Z+12 = A(2a+La;—a—2)

—1 2 -2
* :y+ :Z =

Bed,:
1 3 -2

B(b+1;3b—2;—2b+2)

AB=(—2a+b;—a+3b—2a—2b+4)

n, = (1;1;1) 1a mt vécto phap tuyén ciia mt phing (P)
A//(P)=n,.AB=0 (—2a+b)+(—a+3b—2)+(a—2b+4)=0
& —2a+2b+2=0sa=b+1

Khi d6 AB =(—b—2; 2b—3;—b+5)



3)) 49 7

AB:\/(—b—2)2+(2b—3)2+(—b+5)2 :\/6[13——] By
Do d6 AB ngén nhét khi va chi khi b:i va A4 6;2;—2 ,E: —Z;O;Z
2 22 22

Puong thang A di qua 4

6;%; — %] vanhan u = (—1,0;1) 1a mdt vécto chi phwong nén

x=6—t
. N 5
c6 phuong trinh 1a ; y:E
9
z=——+t
{ 2
N ALY 2 ax+bsin2x L. . < 4 ~ g Y 4
Cau 42: Biétrang fcos xdx =——— 4+ C v6i a,b va m 1a cac s6 nguyén duong, C 1a hang so.
m
Gia tri cua ath bang
m
A B. 2. c.2. D.>.
2 3 4 4
Loi giai
Chon D
1 2 2 in2
Ta co fcoszxdx:f FCOSAX j_ZXFSINAX L o
2 4
Dodé a=2,b—l,m—4vatl_3
m 4

Chu 43: Chohamsd f(x) x4c dinh trén R\{%} va f!(x)= ﬁ thod man f(2)=3 +%ln3 . Gi tri

cia f(3) bing

A. %ln5+3. B. —2In5+5. C.2In5+3. D. %lnS—I—S.

Loi giai
Chon A

lln(2x—1)—|—c1 khz’x>l
——ln|2x—1|—|—c— 2 2

Tacof ff x)dx— .
51n(1—2x)+czkhix<5

f(2):3+%ln3<:>%ln3+cl :3+%ln3<:>cl =3.

J’(S):%InS—}-c1 :3+%ln5.



Cau 44: Trong miat phang Oxy, biét ring tap hop diém biéu dién cia sd phirc thod man |Z —6i+ 8| =25

1a mot dudng tron tam /(a;b). Gid trj cia a+b bing

A. 2. B. 2. C. 14. D. —-14.
Loi giai
Chon B
Goi s6 phitc z=x+yi (x,yeR).
Khi d6 | z—6i+8|=25 < (x+8) +(y—6)’ =625,
Suy ra tap hop cac diém trong mit phang biéu dién s6 phtc z théa man diéu kién
|z—6i+8| =25 la duong tron tam /(-8;6) va ban kinh R=25.Vay a=-8;b=6=a+b=-2

2 2
Ciu 45: Chohamsb f(x)lién tuc trén R thod man f(x)=x’ +.[xf(x) dx . Gia tri cta jxf(x) dx
1 0
A. —11. B.11. C. 7. D. 19.
Loi gidi
Chon A

Ta co f(x)=x2+j.xf(x)dx.Br§1t J%xf(x)dx:a.Khi do f(x)=x"+a.

2 2 4 2 2
1 1
Do do a:_[xf(x)dx:jx(szra)dx@a: R <:>a=—5+3—a :——5.
1 0 4 2 ) 2 2
Nén f(x)= 2—1—5_
2
2 2 4 2\
15 x* 15x
Vay I=|xf(x)dx=||x ——=x |dx=| —— =-11.
i frgec (0 Seec (55
0
Céu 46: Trong khong gian Oxyz, cho duong thiang d:%:y—_lzg,ma‘[ phang (P):2x—z—4:0

va mat phang (Q) :x—2y—2=0.Mit cau (S) c6 tam thudc duong thang d tiép xtic voi hai
mit phang (P) va (Q). Ban kinh ctia mit cu (S) bang

A 3. B. 5. C. 3. D. 5.
Loi gidi
Chon D
Vitam [ €d nén I(;1+862+1).
Do mit cau tiép xuc voi ca 2 mit phang (P) va (Q) nén d(];(P)):d(I;(Q))zR.
LPe-2-i-d e=2(1+0)-2] Ll=d_fe+4
JreEy eey 5

va ban kinh R = \/g

< t=1. Suy ramit cau c6 tim 1(1;2;3)

Cau 47: Cho hai s6 phirc z,w théa man |w—i|=2 va z+2=iw. Goi M,n lan luot la gi4 tri 16n nhét va

gia tri nho nhét cua |Z| . Gia tri cia M +mbang



Cau 48:

Cau 49:

A. 4. B. 2. C.5. D. 6
Loi giai
Chon D
z+2 z+2

+Tacod z+2=iw=>w=

Do |w—i|=2:> —1

=2 |z+3|=2

l

+ Gia st z:a+bi,(a,beR).

l

Do |z+3|=2=y(a+3) +b* =2 (a+3) +b* =4

= M (a;b) thudc dudng tron tam /(-3;0), ban kinh R=2.

+Ta c6 |z| =va* +b* = MO . Do |R—I0|<MO<R+10 < 1< MO<5=1<|z[<5.
>m=1lM=5=>M+m=6.

Trong khong gian Oxyz goi S1a tip cac gia tri nguyén cua tham s m sao cho phuong trinh

x>+ " +2°=2(m+2)x+4my—2mz+7Tm’ —1=0 1a phuong trinh mit cau. S phén tir cua S 1a

A5, B.7. C. 4. D.6.
Loi gidi
Chon A
Phuong trinh x° + y* + 2> =2(m+2)x +4my —2mz +7m* =1 =0 la phuong trinh mit cu

<:>(m+2)2+4m2+m2—7m2+1>0<:>—m2+4m+5>0c>—1<m<5.

= 8§ ={0;1;2;3;4} . VAy s6 phan tit cia S bang 5.
Cho ham s0 f'(x) lién tuc trén [-2;3] va dd thi cia y = f'(x) nhu hinh v& bén dudi

A

Y

b )
%

Ménh d& nao sau day dung?

A. f(-2)> f(0)> f(3). B. £(0)>1(-2)>1(3).
C. 1(0)>71(3)> f(-2). D. /(3)>£(0)>f(-2).
S Loi giai

Ta thiy f'(x) d6i dau tir dwong sang am khi qua x =0 nén ham sé dat cuc dai tai x=0 (1) )

Tir hinh & ta thiy duoc jl|f’(x)|dx<j. f’(x)|dx<:>if’(x)dx<—_3[f’(x)dx
J 7 (aes [ (x)ares £(0)= (D)< (0)-1B) = F(D> £ (B2

Tir (1) va (2) = £(0)> £(-2)> £ (3).



Céu 50: Ong Nam c6 mot khu dit dang hinh chit nhat v6i chiéu dai 1a 16m va chiéu rong 1a 8m . Ong
Nam tréng rau sach trén mot manh vuon duge gii han boi hai parabol. Biét rang mdi parabol co
dinh 1 trung diém cta mot canh dai va di qua hai diém dau mat cta canh dai dbi dién (phan gach
soc nhu hinh v€ minh hoa).

16m

8m

Biét chi phi dé trong rau 1a 45.000 déng/m?. Hoi 6ng Nam can bao nhiéu tién (1am tron dén
hang phan nghin) dé trong rau trén phan manh vuon d6?

A. 2159000 dong. B. 2715000 dong.
C. 3322000 dong. D. 1358000 dong.
Loi gii
Chon B
y]
8
‘A
m—
-8 0 8
Loi gii
Chon B

Chon canh day khu vuon thudc truc hoanh, gbc toa do 1a trung diém canh day:

2
Khi d6 ta c6 parabol c6 phuong trinh 13 y = ax” va parabol di qua diém (8;8) =>y= % .
Goi 4 la giao diém cua hai parabol = 4(x,;4)

2
Ta cod Aeyz%:xA=4\/§.

Khi d6 dién tich ph'?ln tréng raula S=4 I 4 —? 3

0
1282
3

“ﬁ( szdx:us\E

S tién ong Nam can bo ra 1a 45000 ~ 2715000 dong.



Cau 1:

Cau 3:

Cau 5:

Ciu 6:

Cau 8:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 22 (100TN)

Trong khong gian Oxyz , duong thing di qua hai diém A(1;2;3) , B(5;1;4) cd mot vecto chi
phuong la
A. a;=(~4-1-1). B.a =(4-11). C.a,=(-4L1).  D.a,=(4-5-1).
Trong khong gian Oxyz , mit phang (P) :x+y—z+3=0 di qua diém nao dudi day?
A. N(-L;-11). B. P(L;1;1). C. O(-LL1). D. M (1;1;-1).
Trong khong gian Oxyz , cho mit cau (S) x*+y 427 =2x+4y—-22z+2=0. Piém nao sau day
1a tam cua (S)?
A I(L-2:1). B. H(2;-4;2). C. J(-1;2;-1). D. K(-2;4;-2).
Trong khéng gian Oxyz , viét phuong trinh dudng thang d di qua diém 4 (1; -1 0) va nhan vecto

U= (2; 2;—3) lam vecto chi phuong.

x=1+2¢ x=1+2¢ x=1+2¢ x=1-2¢
A.d:iy=2t . B.d:<y=-1+¢. C.d:qy=-1+2¢. D.d:<y=-14+2t.
z=5-3¢ z=2t z=-3t z==3¢

Cho bdn s6 phrc c6 diém biéu dién lan lugt 1a M, N, P, O nhu hinh vé&. S6 phirc c6 mo-dun 16n

nhat 1a s phtrc ¢6 diém biéu dién la

;'\.".____
P i
$o-------- ro---
5 | M
i [ -t
| 0 :
oo
Q
A. Q. B. P. C. M. D. N.
S6 phirc lién hop cua sb phitc z=—-2+ 1a
AL 2+i. B. 2-i. C.1-2i. D. -2-i.

Trong khong gian Oxyz, cho mit phang (P): 2x—y+2z-2=0. Mot véc-to phap tuyén ciia
mit phing (P) 1a?

A.v=(21;2). B.u=(2%-L-2). C.a=(-12%-2). D.b=(4-2;4).

Goi z,, z, 1a hai nghiém phtic cta phuong trinh z* —3z+3 =0, tinh z} +z; .



A. 9. B. 12. C. 3. D. 15.

X

Cau9: Tim ho cic nguyén ham cua ham s6 f(x)=¢’

A f(x)dxz%e3x+C.B. [£(0dx=3"+C.

3x+l1

C. [ flx)dr= ¢

_ 3x
3x+1+C.D. If(x)dx-e +C.

x+2 y-1 z+7
3 -5

Céu 10: Trong khong gian Oxyz, cho dudng thang d : . Véc-to nao dudi day khong

phai 1a mdt véc-to chi phuong cua d ?

A u, =(1;35). B. u, = (1;3;-5). C.u, =(-1;-3;5).  D.u,=(2,6;-10).

Cau 11: Khiang dinh nao sau day sai?

x+1
A. jldx:1n|x|+c. B. [e'dv="—+C.
X x+1
C. J.;zdx:tanx+C. D. J.cosxdxzsinx-i-C.
cos” x

Ciu 12: Cho ham sé y = f(x), y = g(x) lién tuc trén doan [a;b]. Dién tich hinh phang gi6i han boi db
thi ham sd y = f(x), y = g(x) va cac duong thing x=a; x=b 1a

A, S= j |/ (x)— g (x)|dx. B. S = [(f(x)-g(x)dx.

C.S=

[ () - g(x)dx

b
. D. 5= [(|f(0)]~[g()])dx.
Céu 13: Tim phén 4o ctia s6 phtrc z, biét (1-i)z =3+i.
A. 1. B. —1. C.2. D. -2.
5

Chu 14: Néu jf(x)dsz, [ £ (x)dr=—2 thi if(x)dx bang

3

A. 3. B. 7. C. -2. D. -7.
Céu 15: Cho hai s6 thuc x va y théa man 2x+y+(x+y—4)i:x+y+3+(7—y)i.Khi d6 x+y bang

A. 4. B. 6. C.5. D. 7.
Cau 16: Trén mat phéng toa do, diém biéu dién sb phuc z=-4+3i 1a

A. N(4-3). B. M (-4;3). C. P(—4;-3). D. 0(43).
2 2 2
Cau17: Cho [f(x)dx=3 va [g(x)dr=7,khido [[f(x)+3g(x)]dxbing
0 0 0
A. 10. B. 16. C. —18. D. 24.

CAu 18: Phuong trinh z* —2z+2 =0 c6 cac nghiém phtic z,,z,. Tinh F = |zl|+|22|

A 2. B. 242 . C. 1. D. 2



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Trong khong gian Oxyz, cho tam gidc ABC c6 A(3;—2;5),B(—2;l;—3) va C(S;l;l). Trong tam
G cuatam giac ABC c6 toa do 1a
A. G(2;01). B. G(2;0;-1). C. G(%1-1). D. G(-2;0;1)

Cho hai s6 phtic z, =241, z, =14 3i. M6 — dun ciia s6 phuc z, + ZZ bang

A. 65, B. /50 C. V26. D. V41

Thé tich khéi tron xoay tao nén khi quay quanh truc Ox hinh phang giéi han boi (C): y=Inx,
truc Ox va duong thing x=e 1a

AV =r(e-2). B.V=x(e+l). C.V=rn(e-1). D. V =re.

Trong tap hop cac sé phirc C, xét phuong trinh z* — 43z+16=0 (1). Kihigu A4, B 1a cac diém
trong mit phang phirc biéu dién cac nghiém ciia phuong trinh (1). Tinh sé do goc AOB.

A. 90°. B. 30°. C. 120°. D. 60°.

Xét phuong trinh z*> +bz+c¢=0, b,ceR. Biét s6 phitc z=3—i 1a mot nghiém cta phuong

trinh. Tinh gia tri cia biéu thic P=b+c.

A. P=16. B. P=12. C. P=8. D. P=4.
8 2

Cho j f(x) dx=24. Tinh j f(4x) dx.
0 0

A. 6. B. 36. C. 12. D. 76.

Tinh dién tich hinh phang gi6i han boi duong thang y = 2x va d6 thi hamsd y=x> —x+2.

A.l. B.l. C.l. D. —l.
8 6 7 6
1
Biét rang tich phan / =I(2x+l)exdx=a+be, tich ab bang
0
A. 20. B. 1. C.1. D. -15.

Trong khong gian Oxyz, mit phang (P) :x+2y—2z-8=0 cit mit cau

(S): (x—l)2 +(y —2)2 +(z —3)2 =25 theo mot dudng tron c6 dién tich 1a

A. l6r. B. 207 . C.9r. D. 257.
Trong khong gian Oxyz, cho duong thing A: xT—l = yTH = i2 va mit phang
(P):x—2y+22+2 =0.Goi ¢ la goc gitra A va (P) Tinh sing.
1 5 7 1
A.singp=—. B. sinp==. C.sinp=—. D. sinp=—.
?79 Y79 "9 Y73
Trong mit phang Oxy , tap hop diém biéu dién cac sb phiic z thoa min z=7 1a

A. Tap rong B. Truc Oy C. Téap hop chi gdm diém O D. Tryc Ox
Cho s6 phttc z =a+bi, (a,b € R) thoa man z+2z =2-4i. Tinh 3a+b



Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

A. 10 B. 7 C.6 D. 5.

—

Trong khong gian Oxyz, cho a= (—l; 0;1) ab= ( 0; 0) . Goc gitlra hai vec to @ va b bang

A. 30° B. 60° C. 45° D. 135°
Cho ham sé f(x) xéc dinh trén R\{2} thod man f'(x)= 12, £(1)=2021, f(3)=2022.
X
Tinh P=f(4)-f(0)
=In2 B. P=4 C. P=1 D. P=1In4041.

Trong khong gian Oxyz, cho diém A(l; 3; 2) .Goi M,N, P lan luot 13 hinh chiéu cia 4 1én cac
truc Ox, Oy, Oz . Phuong trinh mit phang (MNP) la

A. x+3y+2z-14=0. B. 6x+2y+3z—6:0.C.%+§+§:0. D. 6x+3y+22-6=0.
Cho I:'[ x—1 —dx, bang cach dat ¢ =x* —2x+3 ta co
(x2—2x+3)
A'[:I 1 2022d B. 1= I 2022 C.I=I lzozzdt' D. = Izozz
2(t+3) (1+3)
. . x=2-2t
Trong khong gian Oxyz, cho hai duong thing dlzxz_ =x+1 =x;8 vad,:qy=1+¢t .Tinh
z=11-5¢t
khoang cach gitra d, va d, .
NS B. 20 C.+5. . L.
2 J14 2

Trong khong gian Oxyz, tinh thé tich khdi hop ABCD.A'B'C'D' biét A(2;2;1), C(3;3;1),
A'(2;2;4), B'(3;2;4).

A. 3. B. 4. C.5S. D. 2.
Cho s6 phirc z thoa man Z(1+i)=7+i . M6 — dun ciia s6 phirc z bang

A. 40. B. 5. C. 2410 D. 25.
‘ 1
Tim nguyén ham ciia ham s6 f(x)=—=—
N2x
1
A. dx=~Jx+C. B. [—ar=2Jx+C.
J.\/2x J.\/2x
1
C. dx=+2x+C. D. dx=22x+C.
J-\/2x ’[\/2)6

Trong mit phang toa dd Oxy, goi M,N,P lan luot 1a cic diém biéu dién cho cac sb phirc
2, =2-3i; z, = 1+2i; z, =4. Tim s6 phtc z, c6 diém biéu dién 14 Q sao cho MNPQ 1a hinh
binh hanh



Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

A.z,=5-5i. B.z,=-1-i. C.z,=7-i. D. z,=3+5i.
Biét: If;ldx:a1n|x—1|+bln|x—2|+C,V('Yi a,b nguyén. Tinh giatri T =a+b
x =3x+2
A. T=5. B.T=1. C.T=6. D.T=0.
Cho hai s6 phitc z,z, théa man |z, —2—2i|=|z +2| va |z, +4+i|=+/5. Gia tri nho nhit cia
P= |Z1 +Zz| bang
245 35

A.T. B.7. C. 5. D. 24/5.

Trong khong gian Oxyz, cho hinh thang ABCD c¢6 hai ddy AB,CD , toa d¢ ba dinh A(2;l;1),
B(0;2;-1),C(1;6;0),D(a;b;c). Biét hinh thang ¢6 dién tich bing 6v/2 . Tinh S =a+b+c.

A. §=8. B. §=6. C.S=7. D. §=5.
x-2 y-4 z-1
-1 11
(S):)62+y2+z2 = 4. Hai mat phang phan biét qua d , tiép xtc véi (S) tai A va B. Duong

Trong khong gian Oxyz, cho duong thing d: va mit cau

thang AB di qua diém c6 toa do

A. 1;1;_—4 . B. l;l;_—2 . C. E;Z;E . D. l;l;g .
3°3 333 333 3'3

Cho ham s6 f (x) lién tuc trén R . Biét cos” x 1a mot nguyén ham cta ham s6 f (x) e’ , ho tat
ca cac nguyén ham ctia ham sé f '(x)e“ la

A. —sin2x+2cos’ x+C. B. sin2x+2cos’x+C.

C. sin2x—2cos’ x+C. D. —sin2x—2cos’ x+C.

Trong khong gian Oxyz, cho ba diem 4(1;0;1),B(0;3;-1),C(21;0;-19) va mit cu
(S):()c—l)2 +(y—1)2 +(z—1)2 =1. Biét M (a;b;c) thudc mit cau (S) sao cho biéu thirc
T =3MA* + 2MB* + MC? dat gia tri nho nhét. Gia trj ctia tong a+b+c 1a

A.a+b+c=%. B.a+b+c=%. C.a+b+c=0. D.a+b+c=12.

Trong khong gian Oxyz, cho hai dudng thang d, :x_+11 = r-1 =§,

thang di qua diém 4(-3;5;5)l1an luot cit d,,d, tai B,C. Do dai BC la

x=1 y z \
d —==—=—_Pudn
211 8

A W2, B. 24/5. C.J19. D. 19.
C6 bao nhiéu s phirc z thoa man z* 1a s0 thye va |z—1—i|=1?
A. 2. B. 4. C.6. D. 8.
2 . N
, X khix>2
Cho hams6 y= f(x)= . Tinh tich phan 7 = x? +1) xdx.
Y f( ) {2+x khix <2 P '([f( )



37 37 133 13

A T=2". B. /=" C.1="2. D. /=2,
6 3 12 6
i 1 3f(x)
Cau 49: Cho hamsd f(x) lién tuc trén R théa man jf(\/x2+3—x)dx=64 va [=—dx=16. Tinh
X
-1 1
3
tich phan [ f (x)dx.
1
A. 20. B. 60. C. 40. D. 80
ax+b ,0<x<1
Chu50: Chohamsd f(x)=<cx’+dx+e ,1<x<5 c6dd thi nhu hinh bén.
kx+m ,9<x<6
Y
X
6
Tinh tich phan 1 = [ £ (x)dx.
0
AT=2 B 1= c.r=2. D. 1=
3 3 3 3



BANG DAP AN

1/2|3/4(5/6|7|8(9/1|1|1|1 1|11 |1 |1 |12 |2 |2|2|2] 2
0/1|2|3|4|5/6|7(8[9/0/1|2|3|4]|5
B/AIA|{IC/IB|/DID|[C/IA/IA|\B/A|IC/A\ID B/ D B/AID|A/D/ D|A|B
22121213 [3(3[3[3/3[3(3|3[3/4|{4(4|/4/4|/4|4/4|/4 |45
67/8(9/0|1|2(3/4|5/6|7/8[9|0|1]2|3|4(|5/6|7|8([9]0
c,Alc/pjcpjcB BIC/A/IB|C/IA(B/B|/A|ID/DB|C|B|C|D|C
HUONG DAN GIAI CHI TIET
Cau 1: Trong khong gian Oxyz, dudng thang di qua hai diém A(1;2;3) , B (5;1;4) c6 mot vecto chi
phuong la
A. a, =(~4-1;-1).  B.a =(4-L1).
C. a, =(-411). D. a, =(4;-1;-1).
Loi gidi
Chon B
Duong thing di qua hai diém 4, B 6 vecto chi phuong 1a 4B = (4;-1;1).
Ciu2: Trong khong gian Oxyz , mit phang (P):x-l— y—z+3=0 di qua diém nao dudi day?
A. N(-L-L1). B. P(LL;1). C. O(-LL1). D. M (L1;-1).
Loi giai
Chon A
(P):x+y-z+3=0 diquadiém N(-1;-11).
Cau 3: Trong khong gian Oxyz , cho mit cdu (S) X'+ +2° =2x+4y—2z+2=0.Piém nao sau day
1a tam ctia (S)?
A I(L-2;1). B. H(2;-4;2). C. J(-12;-1). D. K(-2;4;-2).
Loi giai
Chon A
(8):x*+y* +2° =2x+4y—2z+2=0 c6 tam I(L;-2;1).
Cau4: Trong khong gian Oxyz , viét phuong trinh duong thang d di qua diém 4 (1; -1; 0) va nhén vecto

u=(2;2;-3) 1am vecto chi phuong.

x=1+2¢ x=1+2t x=1+2¢ x=1-2¢
A.d:sy=2t . B.d:{y=—-1+¢. C.d:qy=-1+2¢. D.d:qy=-1+2¢.
z=5-3¢ z=2t z=-3t z=-3t
Loi giai

Chon C



Cau 5:

Cau 6:

Cau 7:

Cau 8:

d di qua diém A(1;—1;0) va nhan vecto u =(2;2;-3) lam vecto chi phuong cé phuong trinh 1a

x=1+2¢
d:qy=-1+2¢.
z=-3t

Cho bdn sb phurc c6 diém biéu dién lan luot1a M, N, P, O nhu hinh v&. S6 phtrc c6 mo-dun lon

nhat 1a s phtrc ¢6 diém biéu dién la

N.____
p |
go== === Fes=-
! | M
i [ -+t
:’ 0 :
R
Q
A. Q. B. P. C. M. D. N.
Loi giai
Chon B

Duya vao db thi, ta c6 OP > ON >0Q > OM nén s6 phtic c6 diém biéu dién 1a P 1a sb phirc c¢6
mo-dun 16n nhat.
S6 phirc lién hop cta sb phitc z=-2+ 1a

A. 240 B.2-i. C.1-2i. D. —2-i.
Loi giai
Chon D
S6 phirc lién hop cia sb phitc z=-2+i 1a —2—i.
Trong khong gian Oxyz, cho mit phang (P): 2x—y+2z-2=0. Mot véc-to phép tuyén cia

mit phang (P) 1a?

A.v=(231;2). B.u=(2-1;-2). C.a=(-1;2-2). D.b=(4-2:4).
Loi giai

Chon D

Mbt véc-to phap tuyén clia mat phang (P) 1a b=(4;-2;4).

Goi z,, z, 1a hai nghiém phtic cua phuong trinh z* —3z+3=0, tinh z} +z; .

A. 9. B. 12. C. 3. D. 15.
Loi giai

Chon C

z,+z,=3

Phuong trinh z* -3z +3=0 c6 hai nghiém z,, z, thoa man { 3
z,.z, =3.



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Co 2z +2z, Z(ZI+ZZ)2—22122 =3"-23=3.

X

Tim ho cac nguyén ham ctia ham s6 f(x) =¢’

A f(x)dx=%e3"+C.B. j fx)dx=3"+C.

3x+1

C. [ f(x)dx=——+C.D. [ f(x)dx=¢" +C.
3x+1
Loi giai
Chon A

Trong khong gian Oxyz , cho duong thang d : leLz =7 3_1 =z +57

. Véc-to nao dudi day khong

phai 1a mdt véc-to chi phuong cua d ?

A u, =(1;3;5). B. u, =(1;3;-5). C.u, =(-1;-3;5).  D.u,=(2,6,-10).
Loi giai

Chon A

Puong thing d c6 1 VTCP u, =(1;3;-5).

Ta ¢6: u, = (-1;-3;5) =—1(1;3;-5) 1a 1 1 VTCP cta d .

u, = (2;6;-10)=2(1;3;-5)1a 1 1 VTCP cua d .

Khang dinh nao sau day sai?

1 x+1
A [—dv=lnp{+C. B [e'dv="—+C.
X x+1
C. ‘f%dxztanerC. D. Icosxdx:sinx-i-C.
cos” x
Loi giai
Chon B

Ta co: Jexdx =e +C.
Cho ham 86 y = f(x), y = g(x) lién tuc trén doan [a;b]. Dién tich hinh phing giéi han boi d6
thi ham s6 y = f(x), y = g(x) va cac duong thang x=a; x=b 1a

A S=[|f(0)-g)|dx. B. S =[(f(x)-g(x))dx.

. s={[¢fx)- g(x))dx‘ . D. §=[(|f(0]-|g(x))dx.
Loi gidi

Chon A

Tim phan 4o ctia sb phirc z, biét (1—i)z=3+i.

A. 1. B. 1. C. 2. D. 2.
Loi giai

Chon C

Tacod



(l—i)z:3+i<:>z:%:l+2i.
—1

Vay phan 4o cia sb phirc z 1a 2.

3 5
[r(x)dx=5 s [r(x)ax
Cau 14: Néu [ (x)de=—2 thi T bing
3
A. 3. B.7. C. -2. D. -7.
Loi giai
Chon A

3 5

Ta c6 _j[f(x)dx:jf(x)dx+jf(x)dx:5+(—2)=3.

1 3

Céu 15: Cho hai s6 thuc x va y théa man 2x+y+(x+y—4)i:x+y+3+(7—y)i.Khi d6 x+y bang

A. 4. B. 6. C.5. D. 7.
Loi giai

Chon D

Theo bai: 2x+y+(x+y—4)i:x+y+3+(7_y)i_

2x+y=x+y+3 =3 =3

XTty=x+y @{X {x

Khi d6, ta co &
2y =8

x+y—-4=T7-y y=4
Vay x+y=7.

Cau 16: Trén mat phéng toa do, diém biéu dién s phuc z=-4+3i 1a

A. N(4-3). B. M (—4;3). C. P(-4;-3). D. 0(4:3).
Loi gii
Chon B
Diém bicu dién s phitc z=-4+3i 1a M (—4;3).
2

2

]f(X)dx:3 Jalx)ar=7 [17(x)+3g (x)]ax

Ciu 17: Cho 0 va o ,khido o bang
A. 10. B. 16. C. —18. D. 24.
Loi giai
Chon D

2 2 2
[1r(x)+3g(x)|ax= [ f(x)de+3. [ g(x)dr=3+37=24
0 0 0

Céu 18: Phuong trinh z° —2z+2=0 c¢6 cac nghiém phirc z,,z,. Tinh F:|zl|—|—|22|

A 2. B. 24/2. C.1. D.\2
Loi giai
Chon B

z, =141
22 2z42=0&]"

z, =11

F:|Zl|—|—|22|:\/§+\/§:2\/§.



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Trong khong gian Oxyz, cho tam gidc ABC c6 A(3;—2;5),B(—2;l;—3) va C(S;l;l). Trong tam
G cuatam giac ABC c6 toa do 1a
A. G(2;0;1). B. G(2;0;-1). C. G(%1-1). D. G(-2;0;1)
Loi giai
Chon A
A(3,-2;5),B(—2;1,-3) va C(51;1)
Trong tdam G cua tam giac ABC ¢6 toa do la G(Z;O;l).

Cho hai sb phirc z, =241, z, =143i. M6 — dun cua s6 phtrc z, + 22 bang

A. 65 B. V/50. C. \26. D. J/41.
Loi giai
Chon D

2,42z, =(2+i)+2(1-3i)=4-5i.
Do d6 |z, +22,| =[4 - 5i| =41

Thé tich khdi tron xoay tao nén khi quay quanh truc Ox hinh phang gi6i han boi (C): y=Inx,

truc Ox va duong thing x=e 1a

AV =rn(e-2). B. V=x(e+]). C.V=rn(e-1. D. V=re.
Loi giai

Chon A

Phuong trinh hoanh d6 giao diém Inx=0< x=1.

Thé tich khéi tron xoay cin tim 1a V = 7 j In?(x) dx.
1

=In’ du—glnxdx ‘ r ‘
pat ¥ TN ‘Do do [In*(x) dv=xInx| ~2[Inx dv=e-2[Inx dv.
dv=dx 1 ! 1 1

v=2x

1

=1 du =— dx h e | e
Dat y nx:> ! x .Dodo ln(x)dx:xlnx| —Ildx:e—x| =e—(e—-1)=1.
dv=dx pex 1 b !

Vay Vzﬂjlnz(x)dx:ﬂ(e—Z).
1

Trong tap hop céc $b phuc C, xét phuong trinh z° — 4\/52 +16=0 (1). Ki hiéu 4,B lacac diém
trong mit phang phirc biéu dién cac nghiém cuia phuong trinh (1). Tinh s6 do goc AOB.
A. 90°. B. 30°. C. 120°. D. 60°.
Loi giai
Chon D
z=2J3+2i
2=23-2i

Ta co A(2x/§; 2),3(2«/5; —2) déi xtng nhau qua truc hoanh.

2 -4f3z416=0 =



Cau 23:

Cau 24:

Cau 25:

Cau 26:

Goi H 14 trung diém AB nén H(zﬁ ;0) .

Xét tam gidc OAH vudng tai H co6 tan AOH = Af_ 2 1 — AOH =30".
OH 23 3

Tam giac OAH can tai O c6 OH 1a dudng cao dong thoi 1a duong phan giac.

AOB =2A40H =60’

Xét phuong trinh z> +bz+c¢=0, b,ceR. Biét s6 phitc z=3—i 1a mot nghiém cia phuong

trinh. Tinh gié tri cia biéu thic P=b+c.

A. P=16. B. P=12. C. P=8. D. P=4.
Loi gidi
Chon D
z =3—1 la mdt nghi¢ém cua phuong trinh thi z=3+i cling 1a mét nghiém cua phuong trinh.
Theo Viete -b=3-i+3+i=6<b=-6; c=3-i)(3+i)=10.
Vay P=b+c=-6+10=4.

if(x)dx:24 _z[f(4x)dx

Cho © . Tinh ©

A. 6. B. 36. C.12. D. 76.
Loi giai

Chon A

bat t=4x = dt =4dx .
DPdican: véi x=0=¢=0, x=2=1¢=38.

Do dé jf(4x) dx:j-f(t)i dt=%if(x) dx=%.24=6.

Tinh dién tich hinh phang gidi han bdi duong thang y = 2x va d6 thi ham s y = x> —x+2.

A.l. E.l. C.l. D. —l.
8 6 7 6
Loi giai
Chon B
Xét phuong trinh hoanh d¢ giao diém:
2x=x"—x+2
& xt=3x+2=0
{x =1
S
x=2
, \ : 1
Vay dién tich hinh phing can tim la: S = j | = 3x+ 2fdx = -
1
1
Biét rang tich phan / = J.(2x +1)e'dx = a+be, tich ab bang
0
A. 20. B. -1. C. 1. D. -15.

Loi giai
Chon C



{u =2x+1 {du =2dx
bat &

dv=e'dx yv=¢e"
=/= (2x+1 xdx 2x+l)
Vay ab=1.

Ciu 27: Trong khong gian Oxyz, mit phang (P):x+2y—2z—8=0 cit mit ciu
(8):(x=1)"+(y—2) +(2-3)" =25 theo mdt dudng tron c6 dién tich 1a

A. l6r. B. 207 . C.9r. D. 25x.
Loi gidi

Chon A

Mit cau () c6 tam 1(1;2;3),R=5

h=d(L(P))- 1.1+22-23- 8|

J1+27 +(=2)

Ban kinh duong tron giao tuyén 1a: r =+ R> —h*> =4
Vay dién tich hinh tron la: S =77 =167 .

Ciu 28: Trong khong gian Oxyz, cho duong thing A:XT_I:y—_H:i2 va mit phing

(P):x—2y+2z+2=0.Goi ¢ la goc gitta A va (P). Tinh sing.

) 1 ) 5 : 7 : 1
A. sinp=—. B. singp==. C.sinp=—. D. sinp=—.
@ 9 Q 9 L % 9 Q 3
Loi giai
Chon C
ing— L1-22+2.(-2) 7
I+ +(22) J1+(2) +2> 9

Cau 29: Trong mat ph'fmg Oxy , tap hop dlem biéu dién cac s6 phiic z thoaméin z=7 la

A. Tap rong B. Truc Oy C. Téap hop chi gdm diém O D. Truc Ox
Loi giai
Chon D
Goi z=x+yi,(x,yeR).Tacd z=Z < x+ yi=x—-yi < y=0. Viy tap hop diém biéu dién
céc s6 phtrc z 1a truc Ox .
CAu 30: Cho sd phuc z=a+bi, (a,b € R) thod man z+2z =2-4i. Tinh 3a+b

A. 10 B. 7 C.6 D. 5.
Loi giai
Chon C

, _ . . . . . . 3a=2 a=
Tacod z+2zZ 22—41<:>a+bl+2(a—bl)=2—4l<:>3a—bl22—4l<:> 5 =

Vay 3a+b=6.



Cau 31:

Cau 32:

Cau 33:

Cau 34:

Trong khong gian Oxyz, cho a=(~1;0;1) va b=(1;0;0). Géc giita hai vec to @ va b bing

A. 30° B. 60° C. 45° D. 135°
Loi gii
Chon D
-1 -1 -
Ta co cos b =—=(a;b)=135"
(@t) la ||b| JEy o Jay o v V2 (@0)
Cho ham s6 f(x) xéc dinh trén R\{2} thod man f’(x)= lz,f(l)=2021,f(3)=2022.
x_
Tinh P=f(4)-1(0)
=In2 B. P=4 C. P=1 D. P=1In4041.
Loi gii
Chon C
Taco: f(x If .[ dr=In|x-2|+C, v6imoi x e R\{2}.

+ Xét trén (2;+00). Tacd f(3)=2022, suyra C=2022.

Do d6, f(x)=In|x-2|+2022, véi moi x €(2;+0). Suyra f(4)=2022+In2.
+ Xét trén (—o0;2). Taco f(1)=2021, suy ra C=2021.

Do d6, f(x)=1In|x—2|+2021, v6i moi x &(-;2). Suyra f(0)=2021+1In2.
Vay f(4)-f(0)=1.

Trong khong gian Oxyz , cho diém A(l; 3; 2) .Goi M, N, P lan luot 12 hinh chiéu cua A 1én cac
truc Ox, Oy, Oz . Phuong trinh mét phang (MNP) 1a
A. x+3y+2z-14=0. B. 6x+2y+3z-6=0.

c. X+ 2 22, D. 6x+3y+22-6=0.
13 2
Loi gii
Chon B

M, N,P lan luot 1 hinh chiéu ctia 4 1én c4c truc Ox,Oy,0z nén M (1;0;0), N(0;3;0),P(0;0;2).

Y

Phuong trinh mét phing (MNP) :%+§+§= l<6x+2y+3z-6=0.

Cho ]:J. -1 dx,béngcéchdétt=x2—2x+3 ta co

(x2 —2x+ 3)2022

A.l:j dr . 5.1:]761;.

2(t+3

)2022

C.Iz.[t;dt. D.I='|.%dt.

3)2022



Loi giai
Chon B

bat t:x2—2x+3:>dt=(2x—2)dx:>%dt=(x—1)dx.

1
Suy ra [=J‘Wdt .
. | q x=2-2¢
Cau 35: Trong khong gian Oxyz, cho hai dudng thang d, : x2— = x+1 = xg vad,:qy=1+t .Tinh
z=11-5¢
khoang cach gilra d, va d,.
A.ﬁ. B. 2 C. 5. . L.
2 J14 2
Loi gidi
Chon C
x—1 x+1 x-8 .. .2 . , -
d,: TS di qua diém M (1;—1;8) va c6 vecto chi phuong u, =(2;-1;3).
x=2-2¢
d,:{y=1+t diquadiém N(2;1;11) va c6 vecto chi phuong u, = (-2;1;-5).
z=11-5¢

Tacd [u;u, |=(2:4;0)=2(1;2;0).

Cach 1:

Goi (P) 1a mit phing chira d, va song song véi d,. Mt phang (P) di qua diém M (1;—1;8),
c6 vecto phap tuyén n = (1;2;0).

Phuong trinh mit phang (P) la: x+2y+1=0.

, L _ ~ _ 22141
Ta co d(dl,dz)—d(dz,(P))—d(N,(P))_—m_\/g,
Cach 2:
Ta co [JI,Z] =(2:4;0); W=(1;2;3).

Ta co [JI,Z}W =10+ 0= d,,d, chéo nhau.

Taco d(d:d,)= [ ] N
v ‘[Z,Z] V22 +47 +0°

Chu 36: Trong khong gian Oxyz, tinh thé tich khdi hop ABCD.A'B'C'D' biét A(2;2;1), C(3;3;1),
A'(2:2;4), B'(3;2;4).
A.3. B. 4. C.5. D.2.
Loi gidi
Chon A



Cach 1:
Tacd AA'=(0;0;3), 4B’ = (1;0;3) =[ 44’ 4B' | = (0;3;0) = 3(0;1;0).
Taco S50 =28 up = ‘[ﬂ,ﬁ] =3.
Mit phang (ABB'A') di qua diém A(Z; 2;1) ,nhan n = (0; 1;0) 1a vecto phéap tuyén.
Phuong trinh mit phang (ABB'4") 1a y-2=0.
Taco d(C;(ABB'A"))=1.
Suy ra Vigep awerp = SABB’A"d(C;(ABB'A,)) =3.
Cach 2:
Tacod A4 =(0;0;3),BB'=(3-x,;2-y,34-2,).
3-x,=0 X, =3
Taco BB = A4 ={2-y, =01y, =2= B(3;21).
4—z,=3 zp, =1

Ta co ZZT?:(1;0;0),35:(3—xD;3—yD;l—zD).

3—x,=1 X, =2
Taco DC=AB=1{3-y, =01y, =3= D(2:31).
l-z,=0 z, =1

Tacod AD = (0;1,0)= [E,E} =(0;0;1) = [E,E]H =3.
Suyra V,zep spcp = ‘[E,E}H‘ =3.

Ciu 37: Cho s phuc z thoa man z(l + i) =7 +i. Mo — dun cia s phirc z bang

A. 40. B.5. C. 2410, D. 25.
Loi giai
Chon B
Ta co: z(1+i)=7+i<:>z=4—3i:>|z|=5
. 1
Cau 38: Tim nguyén ham cuiahamsd f(x)=—
guy f(x) T

] 1
A [—dx=Vx+C. B. [——dx=2Jx+C.
I 2x X X J' 2x X X

C [ de=VExsCop. |

]
dx=22x +C.
J2x

Loi giai



Cau 39:

Cau 40:

Cau 41:

Chon C

Nt i
Trong mat phang toa dd Oxy, goi M,N,P lan luot 1a cac diém biéu dién cho cac sd phirc
z, =2-3i; z, =1+ 2i; z, =4. Tim s6 phic z, c6 diém biéu dién 1a O sao cho MNPQ 1a hinh
binh hanh

Ta co: 2x+C

A . z,=5-5i. B.z,=-1-i. C.z,=7-i. D. z,=3+5i.
Loi giai

Chon A

Theo gid thiét: M (2;-3), N(1;2), P(4;0)

S 4-x,=-1 Xp =35
Do MNPQ la hinh binh hanh nén: MN = QP < =

O—yQ:S yQ:—S
Viy z,=5-5i
Biét: j ] 2dx=aln|x—l|+bln|x—2|+C,Véi a,b nguyén. Tinh gid tri T =a+b
3x+
A.T=5. B.T=1. C.T=6. D.T=0.
Loi giai
Chon B

Ta co: Ix f;rxl+2d J.(

Nén: a=-2,b=3=a+b=1.

jdx:—2ln|x—1|+3ln|x—2|+C

Cho hai s6 phic z,,z, théa min |z1 —2—2i| :|zl +2| va |z2 +4+i| =/5. Gia tri nho nhét cua

P= |Z1 + Zz| bang

A. i B.ﬁ. C. 5. D. 24/5.

5 -5

Loi giai

Chon B

Goi M (x;y) 1a diém bicu dién cta s6 phic z, =x+yi (x,y € R)
Ta co |zl—2—2i|=|zl+2|<::>(x—2)2+(y—2)2 =(x+2)2+y2 S 2x+y-1=0



Suy ra tap hop diém M thudc duong thing d :2x+y—1=0.

Goi N(a;b) la diém bicu dién cua s phic —z, =a+bi (a,b € R)

Ta cod |22 +4+i| =J5< |—Z2 —4—l'| =J5< (a—4)2 +(b—1)2 =

Suy ra tap hop diém N thudc dudng tron (C): (x—4)2 +(y—1)2 =5 cotam /(4;1), ban kinh
R=A/5.

Khi do P=|z +z,|=MN2|R-d(I.d) |:>P>

3J_

=== khi N 14 hinh chiéu cia I 1én duong thing d va diém

35

min

R _INeTi-
d(1.d)

Goi d, 1a duong thang di qua diém I va vudng goc v6i duong thang d = d, :x—2y—2=0

Me(c);Wz I

o | Wi

A 2 s s .. J2x+y-1=0 5 4 3
= toa d) diém N thda man h¢ phuong trinh & =>N|—;——
x—-2y-2=0 3 55
4 3.
=z, =——+=i
55

=>M 2;—2 =z, :2—21'.
3 3
Cau 42: Trong khong gian Oxyz, cho hinh thang ABCD c¢6 hai ddy AB,CD , toa d6 ba dinh A(2;l;1),
B(0;2;-1),C(1;6;0),D(a;b;c). Biét hinh thang ¢6 dién tich bing 6v/2 . Tinh S =a+b+c.

A. §=8. B. §=6. C.S5=17. D. S=5.
Loi giai

Chon A

Ta co

AB =(-21;-2),4B =3,BC = (1;4;1) = | 4B, BC | =(9;0;-9)

‘[E’B—C] _9\5=3\/§

=d(C,AB)=———=
T
Khi d6 dién tich hinh thang da cho la S:WQ&/E:M@BC:l
5
a=2
—2=3.(1-a) 3
= AB=3DC < 1=3.(6-0) < b:1—7:>a+b+c:8.
—2:3.(—c)

W g,




x=2 y-4 z-1
-1 1 1
(8):x*+y* +z* =4. Hai mit phang phan biét qua d, tiép xtc véi (S) tai 4 va B. Puong

Cau43: Trong khong gian Oxyz, cho dudng thing d: va mit ciu

thing AB di qua diém co toa do

A. l;l;_—4 . B. l;l;_—2 . C. 2;g;g . D. l;l;g 1
33 333 333 33

Loi giai

Goi 0(0;0;0) 1a tim cta mit cau (S), K 14 hinh chiéu cia O trén d..
OK cit AB tai trung diém I cta doan AB.

Mit phang (0{ ) qua O vavudng goc voi d c6 phuong trinh [a: —x+ y+z=0.

A,Be(a).
Khi d6 K 1a giao diém cua (a) va d nén K(3;3;0).
ABLd  an vecto chiph ia dudng thing 4B 13 u, _1[“0_’1(} (1,-1;2)
nén vecto chi phuong cta duong than Au,=—.|u,, =(1;,-1;2).
4B L OK p g g g a8 = 37 Ma
A [ 2 — 2— (22
Xét tam gidc OAK vuong tai 4: OA’ = O1.OK = O 5 =0—=—: O]:—OKz(—;—;Oj.
OK~ OK 9 9 33
2
xX=—+t
3
: \ 2 2
Phuong trinh duong thang AB:qy =§—t.
z=2t

Thay ¢ =§ vao phuong trinh (4B) ta tim dugc M (l%%j e(4B)

CAu 44: Cho ham sd f(x) lién tyc trén R . Biét cos® x 13 mot nguyén ham ciia ham sb f(x) e™*, ho tt

5 . A \ 5 \ A 2 \
ca cac nguyén ham ctia ham so f '(x)e "la

A. —sin2x+2cos’ x+C. B. sin2x+2cos*x+C.
C. sin2x—2cos’x+C. D. —sin2x—2cos’ x+C.

Loi giai
Chon D



Cau 45:

Cau 46:

Ttr gia thiét ta co If(x)ez"dx =cos’ x+C" hay f(x)e = (0052 x)’ = —sin2x.
1 :J.f'(x)ezxdxzjezx.d[f(x)] =™ (x)—2‘|.f()c)ezxa’x:—sin2x—2cos2 x+C.
Trong khong gian Oxyz, cho ba diem 4(1;0;1),B(0;3;-1),C(21;0;-19) va mit cu
(S):(x—1)2+(y—1)2+(z—1)2 =1. Biét M (a;b;c) thudc mit cau (S) sao cho biéu thic
T =3MA* + 2MB* + MC? dat gia tri nho nhét. Gia trj ctia tong a+b+c 1a
A.a+b+c:%. E.a+b+c=%. C.a+b+c=0. D. a+b+c=12.
Loi gidi
Chon B
Goi diém 7 thoa man 3H+2]§+E‘z():>l(4;l;—3).
Ta c6 mit ciu (S) co tam J(l;l;l) va ban kinh R=1.
—  —\2 —  —\2 — s —\2
Khi do T =3MA* +2MB® + MC* =3.(MI +I4) +2.(MI +1B) +(MI +IC)
=6MI* +314% +2IB* + IC?
Nhan xét: Biéu thire 7' nho nhat khi MI nho nhat do 374° +2/B* + IC* khong doi
x=1+3¢
Ta co ﬁ:(3;0;—4):>1J: y=1
z=1-4t
Goi M =1JN\(S),do M e lJ = M (1+31;1;1-4¢).

Mat khac M e(S) nén 25¢° zljt:i%. Vay IJ cit (S) tai M, (%;l;gj va M, (%;l;%)
Tacod M I=4;,M,I=6,do M, I<M,I nén M(%;l;%)

Khi @6 a=§,b=1;c=l:>a+b+c:ﬂ.
5 5 5

Trong khong gian Oxyz, cho hai duong thang d, :x_+11 = yT—l zg,dz :XT_I :%:— Duong
thang di qua diém A(-3;5;5)14n luot cét d,,d, tai B,C. Do dai BC la
A 32, B. 24/5. C.J19. D. 19.

Loi giai

Chon C
Goi d 1a duong thang di qua diém A(-3;5;5)1an luot cit d,,d, tai B,C.

Gia su  B(-l-al+a;2a);C(1+2b;b;b), suy ra @:(2—a;—4+a;—5+2a) va
AC =(4+2b;=5+b;-5+b).
Do 4,B,C thang hang nén AB=kAC



2—a=k(4+2b) a+4k+2kb=2]a=1
Hay \—4+a=k(-5+b) < qa+5k-kb=4 {b=-1.
—5+2a:k(—5+b) 2a+5k—-kb=5 1

Vay B(-2;2;2),C(~1;-1;-1)= BC=+19.

Ciu 47: Cé bao nhiéu sb phirc z thod man z* 1a sb thyc va |z—1-1[=1?

A. 2. B. 4. C.6. D. 8.
Loi gidi

Chon B

bat z=x+ yi, (x,ye]R).Khi do, z° =x"—y* +2xyi

= z* ¢6 phan 4o la Z(x2 —yz).2xy nén z* 1a s6 thyc khi

x=0

y=0

X=y

xX=-y

2(x2 —yz).2xy:O<:>

Vilz-1-i|=1< (x—l)2 +(y—1)2 =1. Vay tip hop cac diém biéu dién sb phtc z 1a duong
tron tim /(1;1) va bankinh R=1.

Do d6, sb céc sb phtic z thoa délasd nghi¢m cua cac hé
x=0 y=0
D), 1),
(x=1)" +(y-1)" =1 ® (x=1)" +(y-1)" =1 b

Y m, 1 v
(x—l)2+(y—l)2=1( ) (x—1)2+(y—1)2:1( )

V=X
14— £
' x
1
v=-x
Duya vao hinh trén, ta ¢6 4 s6 phuc thoa dé.
> Kkhix>2 W
y:f(x):{x ?x I=J.f(x2+l)xdx
Cau 48: Cho him sb 2+x khix<2 iohich phan O
A 1=21 B.7=3. c =13 p.7=13
6 3 12 6

Loi giai



Chon C
bit r=x>+1= dr =2xdx

:zsz(t)ﬂ:l}f(x)dx

4
_133
12

1 3
Céu 49: Cho ham sb f (x) lién tyc trén R thoa man [ (V" +3 —x)dv=64 va ij)dxzm. Tinh
_ X

3
tich phan J.f(x)dx
1

A. 20. B. 60. C. 40. 80

Loi giai

=

Chon D

1
If(\/x2+3—x)dx:64
-1
, =—]1=r=3
Pit 1 = x* +3 —x, dbi can {x

x=1=¢=1

2
Taco t=+Vx*+3—x < 2 + 20+ x° =x2+3<:>x:32t :dx:%(%+l)dt
t

Khi d6 _[f( 43— x) jf ( +1jdt_2j[3%+f(x)de=64

3

oo 1

1

j x)dx = 128<:>_[f dx =80.

ax+b ,0<x<1
Céu50: Chohamsd f(x)=Jcx’+dx+e ,1<x<5 c6dd thi nhu hinh bén.
kx+m ,5<x<6
Y




Loi giai

Chon C

Cach 1:
Tir hinh v& ta thiy duoc:

6
Gid tri tich phan 7 = [ f (x)dx s& bang dién tich da giéc ABOCDE trix cho phan dién tich cua
0
parabol bén trong da gidc ABOCDE .
6
. 2 17
Khido 7=|f(x)dr=11-=24=—.
{ /() 3 3
Cach 2:
Véi 0<x<1 dd thi ham s f(x) 1a mot duong thang qua hai diém (0;1) va (1;2)
Véi 1<x<5 d6 thi ham s6 f (x) 1a mdt parabol tiép xtic véi truc hoanh tai diém x=3 va
fim/(x)=2
Véi 5<x<6 d6 thi ham s6 £ (x) la mot duong thang qua hai diém (5;2) va (6;1)

x+1 ,0<x<1

Nén f(x)= %x2—3x+% J<x<5

—x+7 ,5<5x<6
Khi d6
1=if(x)d“jf(x)dx+if(ﬂdx=i(x+1)dx+j(—x2—3x+—]dx+j(—x+7)dx=%.



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

PE ON TAP KIEM TRA CUOI HOC KY II
MON: TOAN 12 - PE SO: 23 (100TN)

A 5 ’ A \ 5 \ A 2 \
Ho tat ca cac nguyén ham ctia ham s6 f'(x)=cos’x 1a

X cosx+C. B‘x+sm2x+c' C‘§+sm2x+c' D.g_sm2x

Tim sb phc lién hop ctia sd phitc z=5-2i .

A z=5+2i. B.z=-5-2i. C.z=2-5i. D. z=2+5i.

Dién tich hinh phiang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?

2 2 2 2
A. [(2x' —2x-4)dx. B. [(-2x+2)dx.  C. [(-2¢+2x+4)dv. D. [(2x—2)dx.
-1 -1 -1 -1
Cho hai ham sé y=f (x) va y= g(x) lién tyc trén doan [a;b] . Dién tich S cua hinh phing

gidi han boi hai do thi ham s6 d6 va cac duong thing x = a,x =b dugc tinh theo cong thirc
b b
A S =|f(x)-g(x)|dx. B. S =[]/ (x)-g(x)|dv.

C. Szﬁj[f(x)—g(x)]dx. D. Szj:[f(x)—g(x)]dx.

Goi A(—l;3) va B (4;5) lan luot 1a diém biéu dién cua sb phttc z, va z,. Tim ) phuc
w=2z -3z,
A. w=-14+9i. B. w=14+9i. C.w=-14-9i. D. w=-14+9i.

Cho hai sb phtc z=1-3i va w=2+1i co diém biéu dién trén mat phéng toa do lan luotla A4 va
B . Tinh d0 dai 4B.

A. AB=\17. B. 4B=17. C. AB=5. D. AB=4/5.
Trong khong gian Oxyz, cho duong thing A di qua diém M (2; O;—l) va c6 mot vecto chi

phuong a =(4;-6;2). Phuong trinh tham s6 cia A 1a



Cau 10:

Cau 11:

Cau 12:

Cau 13:

x=2+2t x=2+2¢ x=-2+4¢ x=4+2¢
A.yy=3t . B.{y=-3t . C.iy=-6t . D.{y=-6

z=-1+t z=—1+t¢ z=1+2t z=2—t
Mot chat diém dang chuyén dong véi van toc v,=15m/s thi ting toc v6i gia toc
a(t)=1"+4t (m/ s2) . Tinh quing duong chit diém d6 di dugc trong khoang thoi gian 3 gidy

ké tir [uc bat dau tang vén tdc.

A. 67,25m. B. 70,25 m. C. 68,25 m. D. 69,75 m.
5 2

Cho biét [ f(x)dx=15. Tinh gia tri cia P=[[ f(5-3x)+7 |dx?
-1 0

A. P=37. B. P=15. C. P=2T7. D. P=19.
Xét cac sb phirc z thoa méin (;+ 3i )(z —3) la sb thuan 0. Trén mt phang toa do, tap hop tat ca
céc diém biéu dién cac sd phuc z 1a mot duong tron cd ban kinh bang

A.#. B.3. C. 3\2. D.%.

_ _
Nguyén ham F(x) ctia ham sb S(x)=e va thod man F(0)=1 la

A.F(x):ex. B.F(x)=2ezx—1. C.F(x):e2 +5. D. F(x)zezx.

b
Cho ham sé f(x) lién tyc trén doan [a;c] c6 dd thi nhu hinh v&, biét J.f(x)dx:—Z va

J. f (x)dx =3. Tinh dién tich S cua hinh phang dugc t6 dam.

b

y=1)

A. §=5. B. §=7. C.S=1. D. §=3.
Thé tich V' ctia khi tron xoay khi quay hinh phang gi¢i han boi do thi ham s6 y = f (x) , truc
Ox va hai duong thang x=a,x=b (a < b) quanh truc Ox duogc tinh theo cong thic

b b

A. V:ﬂifz(xﬁx. B.V=[f(x}dx. C.V=[f(x}dx. D, V:ﬂif(x)dx.

a a



Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cho ham sé y=/1(x) thoa f'(x)=2x-1 va f(0)=1. Tinh jf(x)dx.

A. B. ——. C.2. D. ——.

|

Goi z, 1a nghiém phirc c6 phan 40 4m ctia phuong trinh 2z° — 6z +5=0. Diém nao sau dy bicu
dién so phuc iz, ?

A. M, (—%,%) B. M, [%,—%) M, (%,%) D. M, [%,%j

Goi F (x) 13 mot nguyén ham cua ham sé f '(x)e3x . Chon khang dinh dung trong céc khang

dinh sau.

A. J.f(x)e“dx=§f(x)e3x +%F(x)+C. B. If(x)e“dxzf(x)e“ +F(x)+C.
3x 1 3x 1 3x 3x

C. If(x)e dngf(x)e —EF(x)JrC. D. jf(x)e dx:f(x)e —F(x)+C.

Cho /" (¥)=Nx+1 0y f(3):%.Tinh /()

N B. 1L c. p. 2.
3 3 3 3

Trong khong gian Oxyz, cho hai diém A(4; 0;1) va B(-2;2;3).Mit phang trung truc ctia doan
thang AB c6 phuong trinh I3

A. 6x-2y-2z-1=0. B.3x+y+z-6=0. C.3x—y—-z=0. D. x+y+2z-6=0.

2
Cho tich phan I = Ix.exzdx néu ta dit ¢ = x?, thi tich phan di cho tro thanh tich phan nao trong
1

cac tich phan sau?

A.

14 2 4 2
Ej.e’dt. B. Ie’dt. C. Ie’dt. D. je’dt.
1 1 1 1

Trong khong gian véi hé truc toa do Oxyz, cho hai dudng thing d, :)62_1 p _22 = Z+11‘

5

x=t

d, 4y =0 . Mit phing (P) qua d, va tao v6i d, mot goc 45°. va nhén Z:(l;b;c) lam vecto
z=—t

phap tuyén. Xac dinh tich b.c

A. 8. B. 8. C. 4. D. 4.

Trong khong gian Oxyz , mit phing (Oxz) c6 phuong trinh 1a

A. x+y+z=0. B. z=0. C. y=0. D. x=0.



Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Tinh thé tich khéi tron xoay khi quay hinh phang gi¢i han boi cac duong y =1-x?, y =0 quanh

truc Ox .
A B. 16 c. 2. p. 107
3 15 3 15

Trong khong gian Oxyz, cho mit cau (S) x>+ 9> +2° +2x—2z-7=0. Ban kinh cia mit ciu

da cho bang

A. 15, B. 3. C.9. D. V7.

In? x —5x*

Biét réng .[ dx =aln’ x+ kx> + C (v6i, cho mit cau a,b,k e QvacCla hfmg sé). Tinh

X
a+b+k* taduogc

NS 105
12 12

35

C. -
12

|

~—

Trong khong gian Oxyz, cho tir dién ABCD vé6i A(1;0;0), B(0;1;0), C(0;0;1), D(-2;1;-1).

Thé tich cua tir dién ABCD bang

A.l. B. 1. C.l. D. 2.
2 3
2 3

1
Cho [ f(x)dx=1va [ f(2x~1)dx=6. Tinh tich phan [ f (x)dx bang:
0 0

1

A. 5. B. 7. C. 13. D. 4.
Tim phan 4o cta sb phirc z théoa man (2+i)zz+3—4i:%.
+i
A2 B.2. c.l p. 2.
5 5 5 25

Trong khong gian Oxyz , cho mit phang (a) :2x—3y—4z+1=0.Khi d6, mdt vecto phap tuyén

cua (@)

A. n=(2;3;-4). B. n=(2-34). C. n=(-2;31). D. n=(-2;34).

Cho ham s6 f (x) thoa man .z[f(x)dle va j[f(x)—l]dx:I.Khi do jf(x)dx bang

1

A. 2. B. 0. C. -1. D. 1.
Cho sb phirc z thoa mian: (2+3i)z—(1+2i)Z:7—i.Tinh md-dun cia s phitc w=4z—3—8i
A.12. B. 10. C.13. D. 15

Cho tich phan [ = J.lz xe"dx , néu dat u = x;dv =e*dx thi dang thirc nao sau day ding?



Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

2 2 2 2
A. [ =xe* —J e'dx. B. [ =—xe" —J. e'dx.

1 1 1 1

2 2 2 2
C. I=xe +I e'dx. D. I =—xe* +I e'dx.

1 1 1 1
Thé tich ¥ cuia phan vat thé gidi han boi hai mit phing x =0 va x =3, biét rang thiét dién cua
vat thé cit boi mat phing vudng goc véi truc Ox tai diém c6 hoanh d6 x (0 < x <3) 1a mét hinh
chir nhat c6 hai kich thudc 13 x va 24/9—x* . Thé tich ¥ duoc tinh boi cong thirc

3
A. V:I;2xxl9—x2dx. B. V=j0(x+2v9—x2)dx.
3
C. v =2f (v +2vo-" Jar. D. ¥ =4z (9-x)dx.
Trong khong gian Oxyz, cho hai diém A4(2;4;1), B(-1;1;3) va mit phang
(P):x—3y+2z-5=0. Lap phuong trinh mit phang (Q) di qua hai diém A, B va vudng gbc
v6i mat phang (P)
A. 2x-3y-11=0. B. x-3y+2z-5=0. C.2y+3z-11=0. D.3y+2z-11=0.
) _1)2020 1 ~1 b .
Biét IOC—)Zmdx S +C,x#-2,v061 a, b nguyén duong. Tim ménh dé dlng.
(x+2) a\x+2

A.a<b. B. b—a=4038. C.a=b. D. a=3b.
Hinh phang (H) gi6i han boi db thi hai ham s6 y=x+x-2;y =x+2va hai dudng thing
x =-2;x=3. Tinh dién tich cia (H)?
A, 11. B. 12. C.?. D. 13.
Trong khong gian Oxyz, c6 tit ca bao nhiéu gia tri nguyén cia m dé
X4y +22+2(m+2)x-2(m-1)z+3m* =5 =0 1a phuong trinh mdt mét cau?
A. 7. B. 5. C. 4. D. 6.
Trong khong gian Oxyz ,phuong trinh ndo duéi ddy 1a phuong trinh cia duong thang di qua

A(2;3;0)va vudng goc voi mit phang (P):x+3y—z+5=07?

x=2+3t x=1+¢ x=3+¢ x=1+¢
A.Jy=3+3t. B.yy=3t . C.qy=2+3t. D.yy=1+3t.
z=t z=1-t z=1-—t z=1+t¢

Gia st M 1a mot diém trén mit phang phirc biéu dién sé phtrc z . Tap hop cac diém M théa man

diéu kién |2 + z| = |z - i| 1a mot duong thang c6 phuong trinh 1a:
A. 4x-2y-3=0. B. 4x+2y+3=0.. C.2x+y+3=0. D. 4x+2y+3=0.

Cho hamsé y = f (x) lién tuc trén doan [a ;b] .Dién tich S cua hinh phang gidi han boi db thi

ham s6 y = f(x), truc hoanh va hai dudng thing x = a,x =b dugc xac dinh béi cong thirc



Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

b

A. Szjf(x)dx. B. S=7rji|f(x)|dx. C. S:j|f(x)|dx. D. Szﬂj{[f(x)]zdx.

Cho (H) 1a hinh phing gidi han boi cic dudng y =+/x,y =x—2 va truc hoanh. Dién tich cua
(H) bang

<

A2 B.L. c p. L&
3 3 3 3

Cho s6 phirc z =(2-3i)(1+4i). Tinh mo-dun ctia s phirc w = i :
+i

A. V67 . B. /57 . C. J65. D. J73.

Gia su F (x) la mgt nguyén ham ctia ham ) f (x) trén doan [a;b]. Chon khéng dinh dung

trong cac khang dinh sau

A. f(x)dx:f(a)—f(b). B. f(x)dx:F(b)—F(a).

C. f(x)dx:f(b)—f(a). D. f(x)dx:F(a)—F(b).

Q C— D ey O
Q — R C— >

Trong khong gian Oxyz , cho diém A(3;—1;1) . Hinh chiéu vudng géc ctia diém A 1én mit phang
(Oyz) 1a diém
A. M(3;0;0). B. 0(0;0;1). C. P(0;-1;0). D. N(0;-11).

Cho ham s6 y = f(x) lién tuc trén khoang K. Goi a,b,c 1a ba sb thuc bat ky thudc K va

a <b < c.Ménh d& nao dué6i day sai?

A. -}i[f(x)]z dx=ﬁf(x)dx} . B. jf(x)dx+_:[f(x)dx:jf(x)dx.
C. jf(x)dx:O. D jf(x)dxz—jf(x)dx

Trong khong gian Oxyz , khoang cach tir diém M (2;—4;-1) t6i duong thang A:{y=2—¢ bang
z=3+2t



Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

A. 2414 . B. 24/6. c. 6. D. 14 .

Trong khong gian véi hé toa do Oxyz, cho dudng thing d :i1 :yTH = ZI2 va mit phang

(P):2x—y—2z-2=0.Goi (Q) 1a mit phing chita d va tao vdi mat phang (P) mot goc nhod

nhat; n, = (a;b;1) 1a mot véc to phap tuyén ctia mat phang (Q) . Pang thtic ndo sau day 1a dung?

A.a-b=-1. B.a+b=-2. C.a+b=0. D.a-b=1.

Cho hamsd f(x) xéac dinh va lién tuc trén khoang (0;+0) sao cho x* +x.f (ex ) +f (ex) =1 véi

lnx)-f(x)

moi x € (0; +oo) . Tinh tich phan [ = I;_( dx

X

A.Izi. B.I:—l. C.I:—g. D.I:L.
8 8 3 12

Xét cac s6 phitc z=a+bi(a,beR) théa min 4(z—z)-15i=i(z+z —1)* va |2Z—1+i| dat gia
tri nho nhat. Tinh P =4010a +8b.

1
A. P=2021. B. P=2020. C.P=ﬂ. . 36 .
16 4
Trong khong gian v6i hé truc toa 0 Oxyz, cho mit cau (§):x* +y* +z* =3. Mot mit phang
(P) tiép xtc v4i mat cau va cit cac tia Ox, Oy, Oz lan lugt tai 4, B,C (A, B,C khéng tring véi

gbc toa 40 O) thoa man 0A4* +OB*> + OC* =27 . Dién tich cta tam giac ABC bang:

A.ﬁ. B.&. C.3\3. D. 9/3.

2 2
Trong khong gian vi hé truc toa do Oxyz cho diém A4 (2;3;0) , B(O; —\/5;0) , P(%; —\/5; 2) va

x=t
duong thiang d : y=0 .Giasu M la diém thudc d sao cho chu vi tam gidac ABM nho nhat.

z=2—t
Tim do6 dai doan MP .
A.g. B. 2 C.243. D. 4



DAP AN VA LOI GIAI CHI TIET
6 7 8 9 1 1 1 1 1 1 1 1 1 1
5 6 7 8 9

0 1 2 3 4
(AIBIDID/AICIAJAIAIDIC
33 3 3 3 3 3 3

7 8

Ciu 2:

Cau 3:

Cau 4:

A X E8Y o B. x+S02% o g.%+sm2x+c. D%_smzx C.
Loi giai

Chon C

Ho nguyén ham cua f(x)=cos’ x 1a F(x):jcos2 xdxzj.#dx=§+sm42x+c.

Tim s6 phtec lién hop cua s6 phitc z=5-2i.

A z=5+2i. B. z=-5-2i. C.z=2-5i. D. z=2+5i.

Loi giai
Chon A
Sé phure lien hop cua z 1a z=5+2i.

Dién tich hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thiic nao dudi day?

2 2

A. [(2¢° -2x—4)dr. B. [(-2x+2)dx.
e -1
C. j(—2x2+2x+4)dx. D. j-(2x—2)dx.
e -1
Loi giai
Chon C

Dién tich hinh phéng 1a S = j-|—x2 +3-(x" —2x—1)|dx = j.(—sz +2x+4)dr.
-1

-1

Cho hai ham s6 y = f (x) va y= g(x) lién tuc trén doan [a;b] . Dién tich S cua hinh phang

gi6i han boi hai do thi ham sé d6 va cac dudng thing x =a,x =b dugc tinh theo cong thire



Cau 5:

Caiu 6:

Cau 7:

A. S=j.|f(x)—g(x)|dx. B. S=7er.|f(x)—g(x)|dx.

C. S:ﬂj;[f(x)—g(x)]dx. D. S:j:[f(x)—g(x)}dx.

Loi giai
Chon A

b
Dién tich hinh phang 1a S = ”f(x)—g(x)|dx )

Goi A(-1;3) va B(4;5) lan luot 1a diém bicu dién cua sé phic z va z,. Tim sé phirc

w=2z -3z,

A, w=-14+9i. B. w=14+09i. C.w=-14-9i. D. w=-14+9i.
Loi giai

Chon C

Tacod z,=—1+43i,z, =4+5i > w=2z, -3z, =-14-9i.

Cho hai s6 phtic z=1-3i va w=2+i c6 diém biéu dién trén mit phang toa do 1an lugt1a 4 va
B . Tinh d6 dai 4B .

A. AB=\17. B. AB=17. C. AB=5. D. AB=A/5.
Loi gidi
Chon A

Taco A(1;-3), B(21) = 4B =(2—1)’ +(1+3) =17.

Trong khong gian Oxyz, cho duong thdng A di qua diém M (2;0;—1) va c6 mét vecto chi

phuong a =(4;-6;2). Phuong trinh tham 6 cia A 1a

x=2+2t x=242¢ x==-2+4t x=4+72¢
A qy=3t . B.{y=-3t . C.yy=-6r . D.{y=-6
z=—1+t z=—1+t z=1+2¢ z=2—t
Loi giai
Chon B

A ¢6 mot vecto chi phuong a = (4;-6;2)=2(2;-3;1) va di qua diém M (2;0;~1) c6 phuong

x=242t
trinh la:§ y = -3¢
z=—1+¢

Mot chat diém dang chuyén dong véi van tdc v,=15m/s thi ting tbc voi gia toc
a(t)=1"+4t (m/sz) . Tinh quing duong chit diém d6 di dugc trong khoang thoi gian 3 gidy

ké tir ltic bat dau ting van tdc.



A. 67,25 m. B. 70,25 m. C. 68,25 m. D. 69,75 m.
Loi giai
Chon D

1
Ta co: v(t)= (£ +4t)dt==1 +27 +C.
aco: v(t)=[(¢ +4t)dt URER
Ma v(0)=15=C=15nén v(t)=§t3+2t2+15.

3
Quing duong can tinh 1a: S = I(% 426+ 15)dt =69,75 (m).
0

5 2
CAu9:  Chobiét [ f(x)dx=15. Tinh gid tri cia P = [[ £(5-3x)+7 |dx?
-1 0

A. P=3T7. B. P=15. C. P=27. D. P=19.
Loi gidi
Chon D
bat t=5-3x=dr=-3dx.
2 -1 2
. 1 1
Khi do: P = 5-3x)+7 |dx=|—=f(¢t)dt+|7dx =——.(-15)+14=19.
Jr(5=3e)7)ae= [ /o) [0 ==L (19
Cau 10:  Xét cac sb phtic z thoa méan (E+3i)(z—3) 1a s6 thudn do. Trén mit phang toa do, tap hop tat ca

cac diém biéu dién céc so phtic z 1a mdt dudong tron c6 ban kinh bang

3.2
A.i. B. 3. C.3/2. D.2.
2 2
Loi giai
Chon A

Dat z=x+yi; x,yeR.
Ta co:(2+3i)(z—3)=(x—yi+3i)(x+yi—3)=[x+(3—y)i][(x—3)+yi]
=x"+y"=3x-3y+(Bx+3y-9)i.
Do (;+3i)(z—3) 1a s6 thuan 4o nén x*+y* —3x—3y=0.
W2

Vay tap hop biéu dién s6 phtic z 12 mot duong tron tim 7 (%,%), ban kinh R = -

_ ,2x _
Cau 11: Nguyén ham ©° (%) ctaham sé 7 ) =¢" i thoaman £ (=114




F(x)zjf(x)dx:jezxdxzéezx+c.

F(O)=1<:>le°+C=1©C=l.
2 2

2x

Vay F(x)=2

1
+—.
2

b
CAu 12: Cho ham sb f(x) lién tuc trén doan [a;c] c6 dd thi nhu hinh v&, biét If(x)dx:—2 va

[/ (x)dx=3. Tinh di¢n tich S ctia hinh phang duoc 6 dam.

b

v

y= 1)

A. §=5. B. S=7. C. S5=1. D. §=3.
Loi giai
Chon A

S = ;|j|f(x)|dx = i.|f(x)|dx+;|i.|f(x)|dx

:_if(x)dx+;|c:f(x)dx:—(—2)+3 -5,

Chu 13: Theé tich ¥ cua khoi tron xoay khi quay hinh phing gi6i han béi do thi ham s6 y = f(x), truc
Ox va hai duong thang x=a,x=b (a < b) quanh truc Ox duogc tinh theo cong thic

b b

A.V=7zjif2(x)d.x. B.V:Ifz(x)dx. C.szf(x)dx. D.V:nif(x)dx.

Loi giai
Chon A
Ly thuyét.

_ 4 — _ — !
CAu 14: Cho ham sb y—f(x) thoa ! (x)—2x I va f(O)—l. Tinh J.f(X)dX
0

A. C.2. D. -.

| W\
=
|
I

Loi gidi
Chon A
f(x):jf'(x)dx='|.(2x—l)dx=x2 -x+C



Cau 15:

Cau 16:

Cau 17:

f(0)=1e0-0+C=1eC=1= f(x)=x—x+1

Vay jf(x)dx:jli(x2 —x+1)dx=(x?3—§+xJ

Goi z, 1a nghiém phirc co phan 40 4m ctia phuong trinh 22> — 6z +5 = 0. Diém nao sau day biéu

dién so phuc iz, ?

A. M, —l 3 . B. M, é;—l . C. M, E’l ) D. M, l,z )
2°2 2 2 22 22
Loi giai
Chon D
z=2+1;
2z —6z+5=0& 2 2 :zozi—lj:ﬁ%:l+il‘,
3 2 2 2 2
z=———i
2

Vay diém biéu dién cua s6 phirc izy la M (; ;]

Goi F (x) 1a mot nguyén ham cua ham sé f '(x)e3x . Chon khang dinh dung trong cac khing

dinh sau.
If 3"a’x—; (x )e3x+§F(x)+C. B. J'f(x)e”dx:f(x)eh+F(x)+C.
C. J‘f(x)e”dxzéf(x)e“ —%F(x)+C. D. J.f(x)e“dx:f(x)e“ —-F(x)+C.

Loi giai
Chon C
bat: u =f(x):> du :f'(x)dx

1
dv=e dx=>v=—e"dx

Al B.1. c. p. =2
3 3 3
Loi giai
Chon D




Cau 18:

Cau 19:

Cau 20:

3 3
A 2 -13

G6p ¥: Theo dé chup thi bi 18i f'(x)=~/x+1. Xin phép dugc diéu chinh

Trong khong gian Oxyz, cho hai diém A(4; 0;1) va B(—2;2;3).Mr§1t phang trung truc ctia doan
thang AB c6 phuong trinh I3
A. 6x—2y—-2z-1=0. B.3x+y+z-6=0. C.3x-y-z=0. D. x+y+2z-6=0.
Loi giai
Chon C
Mit phang trung truc cua doan thang AB c6 vécto phap tuyén 1a AB = (— 6;2; 2) va di qua trung
diém 7(1;1;2) cua doan thang AB. Do d6, phuong trinh mét phing do la:
—6(x—1)+2(y—1)+2(z—2) =0 —6x+2y+2z=0<3x—y—z=0.
2
Cho tich phéan I = Ix.exzdx néu ta dat 7= x?, thi tich phan d4 cho tr¢ thanh tich phan nao trong
1
cac tich phan sau?
1 2 4 12
A. —Ie’dt. B. Ie’dt : C. Ie’dt : D. —je’dt
2 1 1 1 2 1
Loi giai
Chon A

2
Ta cod I:J.exzxdx.
1

bit ¢t = x> = df = 2xdx Dxdx:%dt.
Véi x=1=rt=1vax=2=u=4.

4
Khi d6 I:lj‘e’dt.
2l

Trong khong gian v6i hé truc toa dd Oxyz, cho hai duong thing d, :xz—l =2 _22 = Z+11;

x=t
d,:{1y=0 . Mat phing (P) qua d, vatao véi d, mot goc 45°. vanhan n=(1;b;c) lam vecto
z=-—1

phap tuyén. Xac dinh tich b.c

A. -8. B. 8.

(@)
|
h
=

. 4.
Loi giai

Chon C

d, ¢6 vec to chi phuong 1a u, =(2;-2;-1)

d, ¢6 vec to chi phuong 1a u, = (1;0;-1)



Cau 21:

Cau 22:

Cau 23:

Mit phing (P) nhan n = (1;b;c) lam vecto phap tuyén va qua d, nén
un=0e2-2b-c=0 (1)

un

Ta co sin(d,;P)=

u,

_.|=\/§|\1/-1i-0b_20| 2:%:)|1—C|=m <:>b2+2020 (2)
n +b"+c

Thé (1) vao (2) b=2;¢=-2
Khi d6 bc=—4.

Trong khong gian Oxyz , mit phing (Oxz) c6 phuong trinh 1a

A. x+y+z=0. B. z=0. C. y=0. D. x=0.
Loi gidi
Chon C
Mit phang (Oxz) ¢6 hai vecto khong ciing phuong 1a i =(1;0;0) va k=(0;0;1).
Suy ra mt phing (Oxz) ¢6 vecto phap tuyén n=iAk =(0;~1;0).
Mit phing (Oxz) di qua diém O(0;0;0) va c6 vecto phap tuyén n=(0;~1;0) nén mat phang
(Oxz) c6 phuong trinh —1.y =0< y=0.

Tinh thé tich khi tron xoay khi quay hinh phang gi¢i han béi cac duong y =1-x*, y =0 quanh

truc Ox .
A 2E B. 16 c. 2 p. 17
3 15 3 15
Loi giai
Chon D

Hoanh d6 giao diém cta hai 6 thi y =1-x* va y =0 1a nghiém cta phuong trinh
1-x"=0< x==+1.
Thé tich khdi tron xoay khi quay hinh phang gi6i han bai cac duong y =1—x*, y =0 quanh truc
1
Ox 1a V:ﬁj(l—xz)zdx:m—ﬂ.
i 15

Trong khong gian Oxyz, cho mit cau (S) x> +y*+2° +2x—2z-7=0. Ban kinh ctia mit ciu

d3 cho bang

A A5, B. 3. C.9. D. 7.
Loi giai

Chon B

M3t cau (S):x2+y2+zz+2x—2z—7=O coa=-1,b=0,c=-1,d=-7.

Vay mit chu (S) 6 ban kinh R =/(=1)’ + 0+ (1) =(=7) =3.



2 2
x—5x

Céu 24: Biétrang j In dx=aln’ x+kx* + C (v6i, cho mit cau a,b,k € Q va C 1a hiang sd). Tinh

a+b+k* taduogc

A LS . 105 c 2. o3
12 12 6 12
Loi giai
Chon A
In? x —5x° In’ x Inx 5
Taco dx = dx—|5xdx=|In*xd(lnx)—|5xdx=—=-=x*+C .
[— J [5wdv=[in’xd(inx)- | 5
2. .2
Theo bai jmx—sxdxzaln"x+ioc2+c.
X
1
=3
2
Suyra <b=3 SN SE L S DA L L)
5 3 2 12
k=-2
2

Cau 25: Trong khong gian Oxyz, cho tir dién ABCD véi A(1;0;0), B(0;1;0), C(0;0;1), D(-2;1;-1).
Thé tich cua tir dién ABCD bang

A. B. 1. C.

1 1

2 3
Loi giai

Chon A

Taco AB=(-11;0), AC =(~10;1), AD=(-3;1;-1).

Suy ra [ 4B, AC |=(1;1;1), | 4B, AC |.AD =1.(=3)+1.1+1.(~1)=-3.

Viy thé tich cia ti dién ABCD bing V., :%‘[E,AC 4D|= % :%.

1 2
Cau 26: Cho .[f(x)dx: If(Zx 1)dx = 6. Tinh tich phan jf dx bang:
0 1
A. 5. B.7. C. 13, D. 4.
Loi giai
Chon C

)dx:j.f(x)dxzn

1

jf(2x—l)dx:%j.f(2x 1 d 2x— 1 =

1

Nl»—
»—qu
"—u

3

jf(x)dx+jf(x)dx=1+12=13.

1

Khi dé jf(x)dx

Céu 27: Tim phan 4o cta s phic z thoa man (2+i)2 z+3-4i =1
+i



Cau 28:

Cau 29:

Cau 30:

Cau 31:

A2 B.2. c.l p. 2.
5 5 5 25
Loi giai
Chon A
5 4 i—3+4i
(2+i) z+3—4i=—,c>z:1+’—2:_+_i,
1+i (2+1) 55

Trong khong gian Oxyz , cho mit phang (a) :2x—3y—4z+1=0.Khi d6, mot vecto phap tuyén

cua (@)

A. n=(2;3;-4). B. n=(2-34). C. n=(-231). D. n=(-23;4).
Loi giai

Chon D

Ta c6 phap tuyén cta (a) 1a ;1:(2;—3;—4) hay 71:(—2;3;4).
2 2 1
Cho ham s6 f(x) thoaman [ f(x)dx=1va [[ f(x)-1]dx=1.Khid6 | f(x)dx bing
0 1 0
A.2. B. 0. C. 1. D. 1.
Loi giai
Chon C
2 2
[[F(x)=1]de=[f(x)de—1=1 [ f(x)dr=2.
1 1

1
1 2 2

Taco [ f(x)dx=]f(x)dx—[f(x)dr=1-2=~1.

0 0 1

Cho sb phirc z thoa mén: (2+3i)z—(1+2i);:7—i.Tinh mo-dun cta sd phitc w=4z—-3—8i

A. 12, B. 10. C.13. D. 15
Loi giai

Chon C

ac—cb

f ~Jof

Khidé (2+3i)z-(1+2i)z=T-i < z=2-i < w=5-12i = |w|=13.

Tacd az+bz=c<z=

Cho tich phan 7 = Lz xe“dx , néu dit u = x;dv = e"dx thi ddng thirc nao sau diy dung?

2 2 2 2
A. [ =xe* —_[ e'dx. B.I=-xe" —J. e'dx.
1 1 1 1
2 2 2 2
C. [ =xe" +I e'dx. D.[=-—xe" +j e'dx.
1 1 1 1
Loi giai



Cau 32:

Cau 33:

Cau 34:

Cau 35:

u=x du =dx 2
bat = . -Suyra I:xe"1

Jzexdx
dv=e"dx yv=¢". 1 '

Thé tich V' cua phﬁn vat thé gi6i han boi hai mat phéng x=0 va x=3, biét réng thiét dién cua
vat thé cit boi mat phing vudng goc véi truc Ox tai diém c6 hoanh do x (0 < x <3) 1a mét hinh

chir nhat c6 hai kich thude 13 x va 24/9—x* . Thé tich ¥ duoc tinh boi cong thirc

A V=209 dr. B. V=j:(x+2\/9—x2)dx
C. V:2I:(x+2\/9—x2)dx. D. ¥ =4[ '(9-x*)dr.

Loi giai
Chon A
Thé tich ¥ duoc tinh boi cong thire 1 = [ 2xy/9 — x*dx
Trong khong gian Oxyz, cho hai diém A4(2;4;1), B(-L1;3) va mit phang
(P):x-3y+2z-5=0. Lap phuong trinh mit phang (Q) di qua hai diém 4, B va vudng goc
v6i mat phang (P)
A. 2x-3y-11=0. B. x-3y+2z-5=0. C.2y+3z-11=0. D.3y+2z-11=0.
Loi giai
Chon C
Tacé AB=(-3-32), i, =(1;-3;2) =| 4B,ji, | = (0;8;12) = 4(0;2;3) . Mt phiing (Q) ¢
véc to phap tuyén 7i, =(0;2;3) va qua A4(2;4;1) c6 phuong trinh

2(y-4)+3(z-1)=0=2y+3z-11=0.

D™ 1(x-1Y ‘
Biét j (x=1) aimily C,x#-2,v61 a, b nguyén duong. Tim ménh dé ding.

(x+2)2022 a\x+2
A.a<b. B. b—a =4038. C.a=b. D.a=3b.
Loi giai
Chon D

2020 2020 _ _ 2021
J-(x 1)2022 ‘I( j (x 1)2 1 (x 1) iC.
(x+2) x+2 x+2) 32021\ x+2

Khidé a=3.2021=3b.

Hinh phang (H) gi6i han boi d6 thi hai ham s6 y=x"+x—2;y =x+2va hai dudng thing
x =-2;x=23. Tinh dién tich ctia (H) ?
A. 11, B. 12. c.?. D. 13.

Loi giai

Chon D



Cau 36:

Cau 37:

Cau 38:

Cau 39:

Dién tich cta (H) la: §'= j‘(xz +x—2)—(x+2)‘dx =i |x2 —4|dx =13.
5 )

Trong khéng gian Oxyz, c6 tit cid bao nhiéu gia tri nguyén cia m dé

X+ +22+2(m+2)x-2(m-1)z+3m* =5 =0 la phuong trinh mdt mét cau?

A. 7. B.5. C. 4. D. 6.
Loi giai

Chon A

Phuong trinh d4 cho 1a phwong trinh mot mat cau khi va chi khi

(m+2)2+(m—1)2—(3m2—5)>0<:>—m2+2m+10>0<:>1—\/ﬁ<m<1+\/ﬁ

Ma mnguyén nén m e {-2;-1;0;1;2;3;4} .

Trong khong gian Oxyz ,phuong trinh nao dudi day 1a phuong trinh cia duong thang di qua
A(2;3;0)va vudng goc voi mit phang (P):x+3y—z+5=07?

x=2+3t x=1+¢ x=3+t¢ x=1+t¢
A, {y=3+3¢. B.iy=3t . C.qy=2+3t. D. {y=1+3¢.
z=t z=1-t z=1-t z=1+t¢
Loi giai
Chon B

Goi la d duong thang di qua A(2;3;0) va vudng goc voi (P)
Vi d L (P) nén ta chon mot VTCP cua dudng thing (d) 1 u(1;3;-1).
Thay toa d¢ diém A4(2;3;0)vao dép 4n B, C ta thay dép 4n B théa méan
Gia sir M 1a mot diém trén mat phang phirc biéu dién sb phtrc z . Tap hop cac diém M thoa man
diéu kién |2 + z| = |Z —i | 1a mot duong thang c6 phwong trinh I
A. 4x-2y-3=0. B. 4x+2y+3=0.. C.2x+y+3=0. D. 4x+2y+3=0.
Loi giai

Chon D
Goi z =x+yi(x;y € R)
|2+Z| =|Z—i| <:>(x+2)2 +y?=x +(y—1)2 & 4x+2y+3=0.
Vay tap hop cac diém M 1a duong thang: 4x+2y+3=0.
Cho ham s6 y = f(x) lién tuc trén doan [a;b]. Dién tich S ciia hinh phang gi6i han béi d6 thi
ham sé y = f(x), truc hoanh va hai dudng thang x =a,x =b dugc xac dinh béi cong thirc

b

Ao S=]f(x)dx. B.S=7rj1|f(x)|dx. Q.S:i|f(x)|dx. D.S:yzj[f(x)jzdx.

a

Loi giai



Chon C

b
Dién tich S cta hinh phang la: S = J.|f(x)|dx.

Cau40: Cho (H) la hinh phang gi6i han boi cic dudng y =+/x,y =x—2 va truc hoanh. Dién tich ciia

(H) bang
y
g
y=vz /%:
; 1
V4
/ v
1
! X
(0] /2 4
AL B. L. c p. ¢
3 3 3 3
Loi giai
Chon C

( b 10
Ta co: S:j\/;dx+.[(\/;—x+2)dx:?
0 2

Vay dién tich cia (H) bang %

Chu 41: Cho sb phic z=(2-3i)(1+4i). Tinh md-dun cua s6 phirc w= j

+i
A. 67 . B. J57. C. /65 D. \/73.
Loi giai
Chon D

z=(2-3i)(1+4i)=2+8i -3i+12=14+5i.

z=3 14+5i-3 1145
w = = = =
1+i

1+i 1+i
= |w] =8 +(-3) =73

Caud2: Giasu F (x) la mgt nguyén ham ctia ham ) f (x) trén doan [a;b]. Chon khéng dinh dung

8-3i.

trong cac khang dinh sau

A [ £(x) dv=r(a)- 1 (b). B. [ f(x) dx=F(b)-F(a).

C.|f(x)dx=f(b)-f(a). D. | f(x)dx=F(a)-F(b).

Q> Q C—
Q C—) > R C—

Loi giai
Chon B



Cau 43:

Cau 44:

Cau 45:

Cau 46:

b

Ta co: If(x)dx=F(x)

a

"= F(b)-F(a).

Trong khong gian Oxyz , cho diém A(3;—1;1) . Hinh chiéu vudng géc ctia diém A 1én mit phang
(Oyz) 1a diém
A. M(3;0;0). B. 0(0;0;1). C. P(0;-1;0). D. N(0;-11).
Loi gidi
Chon D
Hinh chiéu vuéng géc cta diém 4 1én mit phiang (Oyz) 1a diém N (0;-1;1).
Cho ham sb y=f (x) lién tuc trén khoang K. Goi a,b,c 1a ba s6 thuc bat ky thudc K va
a <b < c.Ménh d nao dudi ddy sai?
b b 2 b c c
A. _[[f(x)]z a’x={[f(x)dx} . B. If(x)dx+'[f(x)dx:'[f(x)dx.
a a a b a
a b a
C. J.f(x)dxzo. D. If(x)dxz—jf(x)dx.
a a b
Loi gidi

Chon A

Ta cod j.[f(x)]z dx = ﬁf(x) dx} 12 ménh & sai.

a a

x=t

Trong khong gian Oxyz , khoang cach tir diém M (2;—4;—1) t6i duong thing A:{y=2—¢ bing

z=3+2t
A. 2414 . B. 24/6. C. 6. D. 14 .
Loi giai
Chon A

Léy N(0;2;3) e A, M—N:(l;6;1),véc to chi phuong i, =(1;-1;2), [W,QA]:(16;8;—4).

]\W,* 2,02 (A\2
[ un G e vy

i, NS
y+1:z—2

Trong khong gian véi hé toa d6 Oxyz, cho dudng thing d :i1 :T

(P):2x—y—2z-2=0.Goi (Q) 1a mit phang chita d va tao v6i mit phang (P) mot gbc nhod

Khoang cach tir M t6i duong thang A la d(M,A)=

va mit phang

nhat; ny = (a;b;1) 1a mot véc to phap tuyén ctia mat phang (Q) . Pang thtic ndo sau day 1a dung?
A.a-b=-1. B.a+b=-2. C.a+b=0. D.a-b=1.

Loi giai
Chon B



Cau 47:

Cau 48:

Vi (Q) chita d nén 7, i, =0 —a+2b+1=0&a=2b+1.
_ ra-b-2| b]
Wa +5 +1 \5b* +4b+2

+)Néu b=0 thi cos((P);(Q))=0=((P);(Q))=90°.

Ta co COS((P); (Q))

+) Xét b =0, khi do cos((P);(Q))z > 14 = ! - S%,
§+g+5 \/2@“) +3
Géc giita (P) va (Q)nhé nhét
o cos((P);(Q)) 16n nhit < cos((P);(Q))z% @%z—l@bz—l:a:—l.
Cho hamsd f(x) xéac dinh va lién tuc trén khoang (0;+0) sao cho x* +x.f (e")+ f (ex) =1 véi
) o . e (1nx)~f(x)
0; . Tinh tichphdn [ =| ———*dx
m(_nxe( ,+oo) inh tich phan L/é .
A.I=§. B.I=—l. C.I=—z. D.I=i.
8 8 3 - 12
Loi gidi

Chon D

Ta co x2+x.f(ex)+f(ex)=l©(x+l)f(ex):1—x2 @(x+1)f(e’”):(1—x)(1+x).
Vi x>0 nén x+1¢0:>f(e"):1—x.Bat t=e"(t>0)=>x=Int.

= f(t)=1-In¢ hay f(x)=1-Inx.

e nx)-f(x) e Inx(l-Inx)
o[ I [

1 1
bat u=Inx = du=—dx; x=x/€:>u=§; x=e=u=1.
X

Khi d@6 I:_[llu(l—u)duzj-ll(u—uz)du:é.
2 2

Xét cac sb phitc z=a+bi(a,beR) thoéa min 4(z—z)—-15i=i(z+z —1)* va |22—1+i| dat gia
tri nho nhét. Tinh P =4010a+8b.

A. P=2021. B. P=2020. C.P:ﬂ. D.Pzﬁ.
16 4
Loi giai
Chon B
Ta co

Az-72)-15i=i(z+7 -1)* < 4(a+bi—a+bi)-15i=i(a+bi+a—bi-1)
& 8bi—15i=i(2a-1) = 8b-15=(2a~1)’.



Cau 49:

Cau 50:

Suy ra 8b—1520c>b2%5.

22— 1+1]=[2a+2bi ~1+1] =|(2a 1)+ (2b+1)i] = /(2a—1)’ +(2b +1)’

2
= Jsb-15+ (2041 = Jo+[2241) 2B
3 4
Déu =" khi b=2 = g =1 =L 15,
3 2777278
1 15

Vay P= 4010.E+8.§ =2020.

Trong khong gian véi hé truc toa 0 Oxyz, cho mit cau (S):x* +y* +z* =3. Mot mit phang
(P) tiép xUic vGi mit cAu va cét céc tia Ox, Oy,0z lan luot tai 4,B,C (A4, B,C khong trung voi
gbc toa dd O) thoa man 04> + OB> + OC? =27 . Dién tich ctia tam giac ABC bang:

A3 g.ﬂ. C. 33 D. 9/3.
2 2
Loi giai
Chon B

Ta co: (P) tiép xic véi (S) = d (0,(P))=R=+3

1 111
Z(0.(P)) o4 0B 0C?

Vi 04,0B,0C d61 mdt vudng goc nén ta co:

Ap dung bét dang thirc BCS dang Engel ta co:

11 1 (1+1+1)° 9 1
Tt ot 2 2 2" 7 2
04~ OB~ 0C° 04 +0OB +0C- 27 3
0A4=3

Déu “="xay ra < 04> =0OB> =0C*> < 0B =3
oCc=3

= AABC 1a tam giac déu canh bang 32
2
(3\/5 ) V3 93
)

4

= SAABC =

Trong khong gian vi hé truc toa do Oxyz cho diém 4 (2;3;0) , B(O; —\/E;O) , P[g; —JE; 2) va

x=t

duong thing d:{y=0 .Giasir M 1a diém thudc d sao cho chu vi tam giac ABM nho nhat.
z=2—t

Tim d6 dai doan MP .

C. 23, D. 4.

@
[\9)



Loi gidi
Chon B
Taco: P, = AB+AM +BM va AB cb dinhnén P,,,, nhé nhit < AM + BM nho nhat

Taco M ed = M (t;0;2—1)

Taco: MA+MB=\[(2-1) +3°+(21) +\£2+2+(2-1) =[2(2=1)’ +9++2 —41+6
22 2) 43 4 (12 V2) 420 2 (242 -2+ 2 V2 (34 2)
=\2+25=33

2\/§—t\/§=t\/§—\/§©t 7

Diu “=" xdy ra <
3 2 5




Cau 1:

Cau 3:

Cau 4:

Cau 5:

Cau 7:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 24 (100TN)
Trong khong gian Oxyz , phuong trinh chinh tic ciia duong thang di qua diém M (2; -1 3) va co

vecto chi phuong u =(3;-2;5) la

x—2:y+1:z—3 B. x+2:y—1:z+3
3 -2 5 3 -2 5

x—3:y+2:z—5 D. x+3 :y—2:z+5
2 -1 3 2 -1 3

A.

C.

S6 nao duéi day 1a mot cin bac hai cia —259
A.5-1. B. -5. C. -5i. D. 5+i.
Trong khong gian Oxyz, mit phing di qua diém A(1;0;—1) va c6 mot vecto phép tuyén

n=(1;2;-1) c6 phuong trinh 1a
A. x—z=0. B. x-z-2=0. C.x+2y-z-2=0. D.2x+y—-z=0.

4 4
Néu [ f(x)dr=3 thi [3/ (x)dx bang
1 1

A. 9. B. 6. C. 3. D.

N | W

Thé tich V ctia khéi tron xoay tao thanh khi hinh phang giéi han boi do thi ham s y = x+1, truc
hoanh va hai dudng thing x =0, x =2 quay quanh truc Ox duoc tinh theo cong thirc nao dudi
day?

2

2 2 2
A. V:ﬁj(x+l)2dx. B. V:J‘(x+l)2 de. C. V:ﬁJ.(x+l)dx. D. V:I|x+1|dx.
0 0 0

0

Trong khong gian Oxyz cho hai diém A(2;—1;5) va B(—3; 4;1). Do dai doan thang 4B bang

A. 66 . B. 5V2. C. V/86. D. V42,
x=1-2t

Trong khong gian Oxyz , dudng thang d :< y =3+t c6 mot vecto chi phuong 1a
z=-2

A. v=(-210). B.a=(-21-2).  C.u=(1;3;-2). D. n=(1;3;0).

Cho F(x) 1a mot nguyén ham ctia ham sb f(x) trén doan [1;5] biét F(S) = 4,F(1) = \/5 . Khi
5

do If(x)dx bang

1

A, 4-2. B. —4-+/2. C.\2-4. D. 4442 .



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Dién tich S cuia hinh phéng gi6i han boi d6 thi ham sé y = f(x), truc hoanh va hai duong thing
x=-3, x=1 (phan to6 ddm trong hinh v&) duoc tinh theo cong thirc ndo dudi day?

Yy,

1
A. S:Tf(x)dx+jf(x)dx. B. S:—]f(x)dx+jf(x)dx.
C. S:ff(x)dx—jf(x)dx. D. S=—]f(x)dx—jf(x)dx.

Trong khong gian Oxyz , mat cau (S):(x—2)> +(y+5)* +(z—9)* =4 c6 ban kinh bang

A. 16. B. 2. C. 8. D. 4.

Trong khong gian Oxyz , cho mit phang (a):2x+7y—z—1=0. Mit phang nao dudi day song
song v&i mit phang (o) ?

A. (P):2x+7y—-z+10=0. B. (Q):x+y+9z-2=0.
C.(R):2x-=Ty—z+1=0. D. (8):2x+7y+z+1=0.

0

C[raea [e@ast [r()-g()]a

Néu -2 va 2 thi -2 bang
A. 5. B. 3. C. -5. D. -3.
Dién tich S ciia hinh phang gidi han béi do thi ham sd y =x’, y = x va hai duong thang x = -1

, X =1 dugc tinh theo cong thirc nao dudi day?

A. S:j.(x3—x)dx. B. S=j(x—x3)dx. C. Szj“xz'—x‘dx. D. S=
- -1 |

j(xz_x)dx‘.

-1
Trong mit phing toa do, diém M & hinh v& bén 1a diém biéu dién sb phirc?
Y

|mmmmmmmmm o o

~on




Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

A 3+2i. B. -3+2i. C. -3-2i. D. 2-3i.

Sb phirc z=5—i c6 phan o0 bang

A. 5. B. 1. C. —i. D. 1.

S6 phtic lién hop ctia s6 phirc z=3+2i 1a

A z=-3+2i, B. z=3+42i. C.z=-3-2i. D.z=3-2i.

Trong khong gian Oxyz , cho mit phing (P):5x + y—2z+1=0. Vecto ndo dudi day 1a mot vecto

phap tuyén ctia (P)?
A. q=(5:2:1). B. a=(512). C. p=(5-2:1). D. b=(51;-2).

Cho hai s6 phtic z=1+2i va w=1-i. S phtic =2 bang
w

1
A 2420, B 1421, ) p.-1-2;
2 2 55

Trong khong gian Oxyz , phuong trinh tham s6 ciia duong thang di qua diém M (-3;0;5) va cd
vecto chi phuong u= (3;-2:1) 1a

x=-3+3¢ x=-3+3¢ x=3-3¢ x=3-3¢
A.3y=-2t . B. {y=-2t . C.qy=-2 . D.qy=-2
z=5 z=5+t z=1+5¢ z =5t

Trong khong gian Oxyz, cho vecto u=-3i+7 } +k . Toa do cua vecto u la
A. (3;7;0). B. (-3;7;1). C. (-3;7;0). D. 3;7;1).

Goi 2, la nghiém phirc c6 phan a0 4m cta phuong trinh z° +4z+5=0. Phan 4o cta sb phic
(3-2i)z, bang
A. 8. B. 7. C.1. D. 4.

2
Tich phan Ix3dx bang
1

AL B. 2. c.l. p. 2.
4 3 4 4
Trong khong gian OXyz | phuong trinh duong thing di qua didm 4(2:-1;3) va vudng goc voi

mﬁtphéng (P)x+y—22+1:O la
x=2 y+1 z-3 B x-1 y-1 z+2

A. .
1 -1 -2 2 -1 3
C. x=2 :y+1: z-3 . x+2 :y—l :z+3.
1 1 -2 1 1 -2

Thé tich cta khéi tron xoay do hinh phang gii han boi d6 thi ham sé ¥ = Jx , truc hoanh va hai
duong thang X =1,X =4 quay quanh truc OX bang



Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

AT B. % c. 2 p. 2
3 2 3 2
Thé tich ctia khéi tron xoay do hinh phang gi6i han boi d6 thi cac ham sé y=—x>+3x va y=0
khi quay quanh tryc Ox bang
iy B.2. c. 2z p. 37
10 2 2 10

Trong khong gian Oxyz , mit phang nao dudi day di qua diém A(O; 0; 2) ?

A (a,):2x-3y-z-3=0. B. (a;):2x-3y—-z+2=0.
C.(a):x+2y-3z-1=0. D. (@,):x-2y-3z+9=0.
Trong khong gian Oxyz, cho duong thing A: le_yT%:_S va mit phing
(P):x+y+52+5=0. Toa do giao diém cua A va (P) la
15 5 155
0;——;—=1. 0;—;= C. (-1;6;0). D. (1,-6;0).
27 2 272
Cho s6 phirc z thoa man ( +2 )z =3—i. Phan 40 cta sd phirc z bang
A. —Z. B. Z C.l. D. —l.
5 5 5 5
Dién tich hinh phang gii han bai do thi ctua cac ham sé6 y =x?+1, y =0 va hai duong thang
x=0,x=1 bing
A. 2. B. 87. C.i. D.ﬁﬂ
3 15
3 6
f(x)dx=2 6 f(x)dx
Néu 1 va [ f(x) dx=-4 thi bing
3
A. —6. B. 2. C.6. D. 2.

Cho s6 phirc z = (1 — 21')2 + (2 - i). Téng phan thuc va phan 4o ciia z bang

A. —-1-5i. B. —-1+5i. C. -6. D. 4.

Cho hai s6 phitc z, =a+bi(a,beR) va z, =—2+5i. Biét z, =z,, khi d6 tong a+b bang

A. 7. B. -3. C. 3. D. 5.

Cho s6 phitc z =1+ 2i . Piém nao dudi day 1a diém biéu dién ctia s6 phiic iz trén mit phang toa
do?

A N(1;2). B. 0(2-1). C. P(1;-2). D. M(-2:1).

Trong khong gian Oxyz , cho hai diém 4(-1;0;3), B(3;—2;1). Phuong trinh mét cau dudng kinh
AB la

A (x+1) +(y-1) +(z+2)" =6. B. (x—1) +(y+1)"+(z-2) =24.



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

C. (x=1) +(y+1) +(z-2)" =6, D. (x+1) +(y-1) +(z+2) =12,

Trong mit phéng toa d, tap hop cdc diém bieu dién cho s6 phitc z = x + yi (x,y € R) théa man
|1+Z| :|i—z| la

A. x-y=0. B. x+y-1=0. C.x-y+1=0. D. x+y=0.

S6 phirc nao sau day 1a mot nghiém ctia phwong trinh z° —2z+5=07

A, —1-i. B. 1+5i. C.1-i. D. 1+2i.

Trong khong gian Oxyz, cho hai diém A(1;3;4) va B(l; 0;1). Piém M nam trén truc Oz va
cach déu hai diém A4, B c6 toa do

A. (0;0;4). B. (2;0;0). C. (0;0;2). D. (0;4;0).

Cho hai s6 phttc z=14i va w=3-2i. M6 dun ctia s6 phirc w—z bang

A. 13 B. V17 c. 15 p. V13

<A 7 b e \ A A . b, A A As .o cro
Biét | xcos2xdx=———(v0i a,b,c 1a cac sO nguyén duong va —1a phan so to1 gian ). Gia tri
c

a ¢

O [y

clia biéu thitc ab +c bang
A. 12 B. -4 C. 4 D. 10.
Trong khong gian Oxyz, khoang cach tur diém M (1; -3; 2) dén mat phang
(@):x=2y+2z+5=0 bang
16 16

A, — B.§ C.i D. —.
3 3 3 9

Trong khong gian Oxyz, mit cau (§):x’+3°+2z>+2x—4y+6z+1=0 cit mit phing (Oyz)

theo mot dudng tron ¢ chu vi bang
A.127. B. 4743 C. 2743 D. 27413,

Trong khong gian Oxyz, cho diém ba diém A(1;2;3), B(0;1;1) va C(1;0;—2). Tim toa d6 diém
M nam trén mat phang (Oxz) sao cho MA> +2MB*+3MC? dat gi tri nho nhat.

A M g;O;—l . B. M —3;0;l ) C. M l;0;—z ) D. M O;E;—l )
3 6 376 3 3 376

Biét phuong trinh z° +az+b=0(a,b € R) c6 mot nghiém 1a z, =3i va nghiém con lai la z,.
Mbdun ctia s6 phirc (a —-b)z, bang
A. 10. B. 9. C. 18. D. 27.

Trong khong gian Oxyz, phuong trinh hinh chiéu ctia duong thang A : % = yTH = 2;12 trén mat
phang (P):x+y+z-3=0 la

A x—lzy—lzz—l. B. x—lzy—lzz—l'

1 4 -5 3 -2 -1

x+1 y+l1 z+1 D x—1 y-1 z+5

-1 -4 5 1 1 1

C.




Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

C6 bao nhiéu s phtrc z thod min |z—2|=|z| va (z+ 1)(2—1‘) 13 sb thuan a0?

A. 1. B. 3. C.0. D. 2.

s

2
- Tich phan | f (sinx—1)cosxdx bing

. 3-2 Sux>—1
Cho ham s6 f(x)={ *onens

5 néux<-—1
2

A. 9. B. 1. C.9. D. 7.

Cho s6 phtic z thoa mén z + li = §+ %z‘ . Téng binh phuong phan thuc va phan 4o cta s6 phic
+1

z bang

A. 19. B. 25. C.7. D. 5.

Mot manh dat hinh chir nhat c6 chiéu dai 60m, chiéu rong 20m . Ngudi ta mudn tréng co & hai
dau ctia manh dét hai hinh bang nhau gi6i han boi hai dudng Parabol c6 hai dinh cach nhau 40m
(nhur hinh v& bén). Phan con lai ciia manh dat nguoi ta 14t gach voi chi phi 1a 200.000 dong\ m? .
Tinh tong sd tién 1at gach (Iam tron dén hang nghin)

A. 133.334.000 dong.  B. 213.334.000 dong.

C.53.334.000 dong.  D. 186.667.000 dong.

20 m_

— — —:g:r— -
:
" - :
H .
] ]
i | ]
i e ]

40 mE - 50 m

H H
i .
] —_— "
Y ; ;
v

Dién tich cua hinh phing giéi han béi dd thi cua ham s6 y = x> —4 va duong thang y =2x—4
bang

A. 367 B. 36. C. g. p. 27

3

Néu [*f()dc=3 thi [[3x-2/ (x) Jdv bing
A.6. B. 0. C.3. D.o.



1.A 2.C 3.C 4.A 5.A 6.A 7.A 8.A 9.B 10.B

11.A 12.B 13.C 14.B 15.B 16.D 17.D 18.A 19.B 20.B

21.C 22.D 23.C 24.B 25.D 26.B 27.D 28.B 29.C 30.D

31.C 32.C 33.D 34.C 35.D 36.D 37.A 38.D 39.A 40.A

41.B 42.A 43.D 44.A 45.C 46.C 47.B 48.C 49.C 50.A

Ciau 1:  Trong khong gian Oxyz , phuong trinh chinh tic cta duong thang di qua diém M (2;—1; 3) va co

vecto chi phuong u =(3;-2;5) 1a

A x—2=y+1=Z—3 B x+2=y—1=2+3.

= 3 ) 5 3 -2 5
C. x—3:y+2:z—5 D. x+3=y—2=z+5_
2 -1 3 2 -1 3
Loi giai
Chon A

Cau 2: SO nao dudi day 1a mot cin bac hai cua —25°?

A.5-1. B. 5. C. 5. D. 5+i.

Loi gidi
Chon C
Ta co (—5i )2 = -25 = —5i 1a mOt can bac hai cua -25.
Ciu 3: Trong khong gian Oxyz, mit phang di qua diém A(I;O;—l) va ¢6 mot vecto phap tuyén
n=(1;2;-1) c6 phuong trinh 1a
A. x—z=0. B. x-z-2=0. C.x+2y—z-2=0. D.2x+y-z=0.
Loi giai
Chon C
Mit phing di qua diém A4(1;0;—1) va c6 mot vecto phap tuyén 7 =(1;2;-1) c6 phuong trinh la
l(x—1)+2y—l(z+l) =0 x+2y-2z-2=0.

4 4
Caud:  Néu [ f(x)dx=3 thi [3f(x)dx bing
1 1

A.9. B. 6. C.3. D.

N | W

Loi giai
Chon A

Ta o i3f(x)dx =3jf(x)dx =33=9

1



Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Thé tich ¥ cta khdi tron xoay tao thanh khi hinh phrfmg gi6i han boi dd thi ham sb y=x+1, truc
hoanh va hai duong thang x =0, x =2 quay quanh truc Ox duoc tinh theo cong thirc nao dudi
day?

A V=r

(x+1)2dx. B. V= (x+1)2dx.

C.V=rx (x+1)dx. D. V= |x+l|dx.

O VO
SR L L]

Loi giai
Chon A

2
Ta co: V:7r’|‘(x+l)2 dx .
0

Trong khong gian Oxyz cho hai diém A(2;—1;5) va B(—3; 4;1) . Do dai doan thang 4B bang

A. V66 . B. 5v/2. C. /36. D. V42
Loi gidi

Chon A

Ta co: AB = (-5;5;—4)= 4B = \/(—5)2 +5° +(—4)2 =66 .

x=1-2t

Trong khong gian Oxyz , dudng thang d :< y =3+t c6 mot vecto chi phuong 1a
z==-2

A. v=(-21;0). B.a=(-21-2).  C.u=(1;3;-2). D. n=(1;3;0).
Loi giai

Chon A
Mbt vecto chi phuong cia d 1a v =(-2;1;0).

Cho F(x) la mot nguyén ham ctia ham ) f(x) trén doan [1;5] biét F(S) = 4,F(1) = \/5 . Khi
5

do If(x)dx bang

1

A 4-2. B. -4-+/2. C.2-4. D. 4++/2.
Loi giai
Chon A

Ta c6: j.f(x)a’x:F(x)L5 =F(5)—F(1):4—\/§.

Dién tich S ctia hinh phang gidi han bai d6 thi ham sé y = f(x), truc hoanh va hai duong thang

x=-3, x=1 (phan t6 dm trong hinh v&) dugc tinh theo cong thirc ndo dudi day?



A. S:J}f(x)dx+j‘f(x)dx. B. S=—]f(x)dx+jf(x)dx.

C. S=_ff(x)dx—jf(x)dx. D. S:-]f(x)dx—jf(x)dx.
Loi giai

Chon B

-1 1
Dua vao db thi ta cé S = —j F(x)dx + jf(x)dx.
-3 -1

Cau 10: Trong khong gian Oxyz, mit cau (S):(x—2)* +(y+5)> +(z—9)* =4 c6 ban kinh bang

A. 16. B. 2. C.8. D. 4.
Loi giai
Chon B
Mit cdu S c6 ban kinh R=2.
Céu 11: Trong khong gian Oxyz , cho mit phang (a):2x+7y—z—1=0. Mit phing nao dudi diy song

song voi mit phang (o) ?

A. (P):2x+7y—-z+10=0. B. (Q):x+y+9z-2=0.

C.(R):2x-Ty—z+1=0. D. (8):2x+7y+z+1=0.
Loi giai

Chon A

Ta thay mit phang (P):2x+7y —z+10 = 0 song song voi mit phang ().

0

[r(a=4  [g(a=1  [[£(v)-g(x)]a

Ciau 12: Néu -2 va -2 thi -2 bang
A.S. B. 3. C. -5. D. 3.
Loi giai
Chon B

Tacd

Le—e

[£(x)-g(x)]de=] f(x)dr-

-2

L=

g(x)dx:4—l:3.



Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Dién tich S ctia hinh phang giéi han boi do thi ham s y = x’, y = x va hai duong thang x = -1

, x =1 dugc tinh theo cong thirc nao dudi day?

A.S=j(x3—x)dx. B.S=j[(x—x3)dx. g.S:j.|x3—x|dx. D.S=
21 -1 i

Loi giai
Chon C
x=0
Phuong trinh hoanh d6 giao diém 13 x> = x < | x =—1

x=1.
Diéntich S 1a § = j|x3 —x|dx.
-1

Trong mit phang toa do, diém M & hinh v& bén 1a diém biéu dién sé phuc?

M
jm=mmmmmmmmm 2
1
1
]
1
1
1
1
:
_I3 O E
A. 3+2i. B. -3+2i. C. -3-2i. D. 2-3i.
Loi giai

Chon B
Piém M & hinh v& bén 13 diém biéu dién sb phic -3+ 2i .
S6 phitc z=5—i c6 phan 40 bang

A. 5. B. -1. C. —i. D. 1.
Loi giai

Chon B

Phan 4o ciia z bang —1.

S6 phirc lién hop cta s6 phirc z=3+2i 1a

A.z=-3+2i. B. z=3+2i. C.z=-3-2i. D.z=3-2i.
Loi giai
Chon D
34 phtrc lién hop cta z1a z=3-2i .
Trong khong gian Oxyz , cho mit phing (P):5x + y—2z+1=0. Vecto ndo dudi day 1a mot vecto
phap tuyén cia (P)?

A. g=(521). B. a=(512). C. p=(5-21). D. b=(51;-2).

Loi giai



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Chon D

Cho hai s6 phitc z=1+2i va w=1—i. S phuc =2 bang
w

1 1 3
A —+—i B. ——+=i C.————i D. ———=i
- 2 55 55 2
Loi giai
Chon A
£_1+2i_(1+2i)(1+i)__l+ii
wo 1-i 2 2 2

Trong khong gian Oxyz , phuong trinh tham s6 ciia duong thang di qua diém M (-3;0;5) va co
vecto chi phwong u = (3;-2;1) 1a

x=-3+3¢ x=-3+3¢ x=3-3¢ x=3-3¢
A.qy=-2t . B.{y=-2t . C.qy=-2 . D. yy=-2
z=5 z=5+t z=1+5¢ z =5t
Loi giai
Chon B

Trong khong gian Oxyz, cho vecto u=-3i+7 } +k . Toa do cua vecto u la
A. (3;7;0). B. (-3;7;1). C. (-3;7;0). D. (3;7;1).
Loi giai
Chon B
Goi z, la nghi€ém phtrc c6 phan 40 4m cua phuong trinh z° +4z+5=0. Phin 4o cia sb phic

(3-2i)z, bing

A. -8. B. 7. C. 1. D. 4.
Loi gidi
Chon C
2 z==2+i . , . . . .
z2+4z+5=0& 5 . Chon z, =—2—i,taco (3—2i)z,=(3-2i)(-—2—i)=—8+i
z=—2—1
2
Ix3dx
Tich phan ! bang
Al B. L2 c.l. D. 2.
4 3 4 4
Loi gidi
Chon D
2 4
2
Taco '[x3dx:x— 5
411 4

1



Cau 23: Trong khong gian Oxyz | phuong trinh duong thing di qua diém 4(2:-13) va vuong goc véi
mﬁtphéng (P)x+y—22+1:O la

x=2 y+l1 z-3 x=1 y-1 z+2

A. . B.
1 -1 -2 2 -1 3
x—2:y+1:z—3 D x+2:y—1:z+3
-1 1 -2 1 1 -2
Loi giai
Chon C

Mit phing (P):x+y—2z+1=0 c6 mdt véc to phép tuyén la n(1;1;-2)

Do dudng thang di qua diém 4(2;-1;3) va vudng gbc véi mit phang (P) nén dudng thang co

- , -2 1 —
mot véc to chi phuong 1a n(1;1;-2), vay dudng thang c6 phuong trinh al = Y ;_ =z 23 .

Céu 24: Thé tich ctia khdi tron xoay do hinh phang gi6i han boi d6 thi ham s6 » = Jx , truc hoanh va hai
duong thang X =1,X =4 quay quanh truc OX bang

AT B. 1% c. 2 .2
3 -2 3 2
Loi giai
Chon B

4 4
Thé tich khoi tron xoay la: V = ﬂI(\/;)Z dx =7r.[ xdx =157”.
1 1

Céu 25: Thé tich ctia khdi tron xoay do hinh phang giéi han bai d6 thi cac ham s y = —x*+3x va y =0

khi quay quanh tryc Ox bang

iy B2 c. 2% p. 31z
10 2 2 10
Loi giai
Chon D
Ja 2 X =
Tacd —x " +3x=0<
x:
3
h@npf:nj0ﬂ2+3xfdx=§kz.
0 10

Cau 26: Trong khong gian Oxyz , mit phang nao dudi day di qua diém A(O; 0; 2) ?

A (a,):2x-3y-z-3=0. B. (a,):2x-3y—-z+2=0.
C.(a):x+2y-3z-1=0. D. (a,):x=2y-3z+9=0.
Loi gidi

Chon B



Cau 27:

Cau 28:

Cau 29:

Cau 30:

Thay toa do diém A(O;O;Z) vao (a3):2x—3y—z+2=0, ta dugc 2.0-3.0-2+2=0 (luén
dang).
Vay Ae(a;)

x—1 y+6 z

Trong khong gian Oxyz, cho duong thing A: T—T=—5 va mit phing
(P):x+y+5z+5=0. Toa do giao diém ctia A va (P) la

15 5 155

0;——;—=1. 0;—;= C. (-1;6;0). D. (1,-6;0).
27 2 2°2
Loi giai

Chon D

x—1 y+6 z 3x—2y:15 x=1

Xéthé s 2 3  —S5o{-5x-2z=-5 <{y=-6.
x+y+52+5=0 x+y+52:—5 z=0

Vay toa d¢ giao diém cua A va (P) la (1;-6;0).

Cho s6 phirc z thoa man (1+2i)E:3—i. Phan 4o cua sd phtc z bang
A. —Z. E.Z. C.l. D. —l.
5 5 5 5
Loi giai
Chon B
Taco (1+2i)z=3-ioz=0t=L T, 17,
1+2i 5 5 5

Viy phan 4o cta s phtc z bang % .

Dién tich hinh phang gii han boi do thi cta cac ham sé y =x*+1, y =0 va hai duong thing

x=0,x=1 bang
A. 2. B. 87. Q.i. D.ﬁﬂ'
3 15
Loi giai
Chon C
1 3 !
S = I|x2+1| :(—+xj =i.
0 0 3
3 6
[r(x)de=2 [£(x) dr

Néu va j f(x) dx=—4 thi bing



Cau 31:

Cau 32:

Cau 33:

Cau 34:

A. —6. B. 2. C.6.

Loi giai

IS
5

Chon D
3 6

[£(x) [ £ (x) s [ £ (x) dv=2-4=2.

1 3
Cho sb phic z = (1 - 21')2 + (2 —i). Téng phan thuc va phan 4o ciia z bang
A. —1-5i. B. —1+5i. C. -6. D. 4.
Loi giai
Chon C
z=(1-2i) +(2-i)=-1-5i.
Suy ra sd phttc z c6 phan thuc bang —1, phan 4o bang —5.

Vay tong phan thyuc va phin do cta s6 phiic z bing —6.

Cho hai s6 phic z, =a+bi(a,beR) va z, =—2+5i. Biét z, = z,, khi d6 tong a+b bang
A. 7. B. -3. C. 3. D. 5.
Loi giai
Chon C
. - [a==2
z, =z, a+bi=-2+51< .
b=5
=a+b=3.
33 36-GL-2021-2022
Cho s phirc z =1+ 2i . Piém nao duéi day 1a diém biéu dién cua sé phuc iz trén mat phiang toa

do?

A N(1;2). B. 0(2-1). C. P(1;-2). D. M(-21).
Loi giai
Chon D
Ta c6 iz =i(1+2i) = -2 +i => diém biéu dién cta s6 phirc iz 1a M (-2;1).
Trong khéng gian Oxyz , cho hai diém 4 (-1,0;3), B(3;—2;1). Phuong trinh mat cau duong kinh
AB 1la

6 >
—
=
|
—_—
~—
o
JL
—~
<
S
—_—
~—
[ o]
JL
—
N
|
[\
~—
[ 5]
Il
(@) N
=
—_
=
+
—_—
~—
+
—_~
<
L
~—
[3S]
+
—_
N
+
[\
P
Il
—_
[\

Chon C
Goi 7 1a trung diém 4B = I1(-12);

Khi d6 mit ciu (§) dudong kinh 4B c6 tdm /, bankinh R=14= J6 = phuong trinh mit ciu



(8) 1a (x=1)" +(y+1)" +(z-2)" =6.
Céu 35: Trong mit phang toa d9, tip hop cac diém biéu dién cho s6 phirc z=x+ yi (x,y € R) théa man
|1+Z|=|i—z| la

A. x—y=0. B. x+y-1=0. C.x—y+1=0. D. x+y=0.
Loi giai
Chon D

Taco [1+z]=|i-z|< \/(x+1)2 +y° :\/x2 +(1—y)2 S x+y=0.
Vay tap hop cac diém biéu dién cho sb phirc z 1a dudng thang co phuong trinh x+ y=0.
Cau 36: S6 phirc ndo sau day 1a mot nghiém ciia phuong trinh z> —2z+5=07?
A, —1-i. B. 1+5i. C.1-i. D. 1+2i.
Loi giai
Chon D
Tacd z>—2z+5=0<z=1+2i. Suyra 1+2i la mot nghiém cua phuong trinh da cho.
Cau 37: Trong khong gian Oxyz, cho hai diém A(1;3;4) va B(l; 0;1). Piém M nam trén truc Oz va

cach déu hai diém A4, B c6 toa do

A. (0;0;4). B. (2:0:0). C. (0;0;2). D. (0;4;0).
Loi giai

Chon A

Vi M € Oz nén M (0;0;¢).

Mat khac M cach déu hai diém A, B nén

MA=MB & \1+9+(1—4) = \[l+(t-1) < 61-24=01=4.
Vay M (0;0;4).
Cau 38: Cho hai s6 phirc Z=1+7 v W=3-2 M5 dun cua s6 phirc W~ Z bing
A. 13 B. V17 c. 15 D. V13

Loi giai
Chon D

Taco w—z=2-3i=|w—z|=4/2" +(-3)" =+13.

A <A 7 b e \ A A N S SR
Cau 39: Biét | xcos2xdx =———( v0i a,b,c 1a cac sO6 nguyén duong va —1la phan so to1 gian ). Gia tri

a ¢ C

O i [ N

clia biéu thitc ab +c bang

A. 12 B. 4 C. 4 D. 10.
Loi giai

Chon A



du = dx % B
Uu=x = 1 K 1
:>I:—s1n2x| '[s1n2xdx——+ COS2X | = ———.
2% 4 )

Ta dat: {
4

= 1
dv = cos 2xdx V= Esin 2x

Viy a=8b=l;c=4=ab+c=12.

Cau40: Trong khong gian Oxyz, khoang cach tur diém M (1;—3;2) dén mat phang
(@):x=2y+2z+5=0 bang

AL B. 3 c.? D. 2.
3 3 3
Loi giai
Chon A

1-2.(-3)+2.2+5 16
Pr(-2y+22 3

Taco d(M;(a))=

Cau 41: Trong khong gian Oxyz, mit cau (S) x*+ ) +2° +2x—4y+62+1=0 cit mit phang (Oyz)

theo mot dudng tron c6 chu vi bang

A. 127. B. 473 . C. 273, D. 27413
Loi giai:
Chon B
(S) X’ +y’+2°+2x—4y+6z+1=0 suy ra tAm I(—1;2;—3) ban kinh
R=1+4+9-1=4/13.
Phuong trinh mit phang Oyz:x=0.
Khoéng céch tir / dén mat phing (Oyz): d(I;0yz) =|-1]=1.
Taco: R®=r’+d* & 13=r+1or=23.
Chu vi ctia dudng tron giao tuyén bang: C =277 = 473 .
Ciu 42: Trong khong gian Oxyz, cho diém ba diém A4(1;2;3), B(0;1;1) va C(1;0;—2). Tim toa do diém
M nam trén mat phang (Oxz) sao cho MA> +2MB*+3MC? dat gi tri nho nhat.

A M g;0;—l 1 B. M —2;0;l ) C. M l;0;—z ) D. M 0;2;—l )
- 3 6 376 3 3 376

Loi giai:

Chon A

—_— —\2 —_— —\2 _ —\2
Ta co: MA® +2MB> +3MC* = (M1+1A) +2(MI+IB) +3(M1+Jc)
— 6MI* + 2@@ +2IB +3ﬁ) + 1A% +2IB% + 3IC* = 6MI? + IA> + 2IB* + 31C>

e 22 1

Goi 7 la diém thoa man: [4+2IB+3IC =0 Suyra: [ E;E;_g )
Suy ra: MA® +2MB* +3MC? = 6MI* + IA” +21B* +3IC".
Dé MA® +2MB’ +3MC? nhé nhdt < MI ;< M 14 hinh chiéu cia I trén mdt phang (Oxz).



Vay M(E;O;—lj.
3 6

CAu 43: Biét phuong trinh z° +az+b=0(a,b €R) c6 mot nghiém 1a z, =3i va nghiém con lai 1a z,.

Moédun cua sd phic (a -b)z, bang

A. 10. B. 9. C. 18. D. 27.
Loi giai:

Chon D
Ta co: z, =3i =z, =z, = -3

. ) z+z,=—a 3i-3i=-a a=0
Theo dinh ly vi ét c6: = ) — .

z,.z,=b 31.(—31)=b b=9
Suy ra |(a—b)z,|=|(0-9)(-3i)|=27.
" R . . . A . 2 x y+1 z=2 .
Cau 44: Trong khong gian Oxyz, phuong trinh hinh chi€u cta duong thing A : 1= 5 " trén mat

phang (P):x+y+z-3=0 la

x—1 =y—l _ z—1 B x—1 _ y—1 _ z—1

A. . B. .
| 4 -5 3 -2 -1
C. x+1=y+l=z+1. D. x—1=y—1=z+5.

-1 -4 5 1 1 1

Loi gidi:
Chon A
{ 5 x=t

IR SN Y

1 2 -1

z=—t+2

Goi A=AN(P) suyra A(t;2t—1;2-1)

Toa do cia A la nghi¢m phuong trinh

t+(2t-1)+(—t+2)-3=02t=2ct=1= A(L1;1).

Lay B(0;-1;2)eA.

Goi B’ 12 hinh chiéu ctia B trén (P) Phuong trinh dudng thang BB’ ¢6 vtcp la
x=t

u=nipy=(1;1;1) 1a: 4 y=—1+¢.
z=2+t

Ta c6: B'=BB'N(P). Suyra: B'(t;t—1;2+1)

Toa do B’ la nghiém phuong trinh:

t+(—l+t)+(2+t)—3:0<:>3t:2<3t:£:>B'(2;—1;§j.
3 3 33



Cau 45:

Cau 46:

Cau 47:

Phuong trinh hinh chiéu 1a phuong trinh AB' ¢cé: u=AB = (—l,—é;gj = %(—l;— 4;5) va di

3
x—=1_ y-1 z-1
4 -5

qua diém A(1;1;1) la:

C6 bao nhiéu s6 phirc z thoa min |z —2|=|z| va (z+1)(z~1) 1a sé thudn ao?

Al B. 3. C.0. D. 2.
Loi gidi

Chon C

Goi z=a+bi (a,beR,i’ =-1)=z=a-bi.

Do |z-2|=|z|= (a-2) +b* =’ +b* = a=1 (1).

Taco (z+1)(z—i)=zz—iz+z—i=a’+b’ —i(a+bi)+(a—bi)-

=a’+b’+a+b—(a+b+1)i.

Do (z+1)(z~i) 1a s thudn a0 nén @’ +b” +a+b=0 (2).

Tir (1) va (2) ta co b> +b+2=0 (v6 nghiém).

3-2x néux>-1

Cho ham s f(x) = {

5
, . Tich phan J. sin x — 1 cos xdx bang
5 néux<-1 e

2

A. 9. B. 1. C.9. D. 7.
Loi giai

Chon C

Ta co jf(sinx—l)d(sinx—l):jff(x)dszJ}dx+j.(3—2x)dx:9.

V3 -2

2

Cho s6 phtic z thoa mén z + - Bl + li . Téng binh phuong phan thuc va phan do caa sé phuc

1+1i
z bang
A. 19. B. 25. C.7. D.5.
Loi giai
Chon B
Goi z=a+bi (a,beR,ﬁ:—l):Z:a—bz‘.
Z z(1—i
Tacéz+i:§+li<:>z+( ) > 1

_ =2t —io2z+z(1-i)=5+i

1+i 2 2 2 2 2
. ] ) ) ] 3a-b=5 a=3
Khi @6 ta co 2(a+bz)+(a—bz)(l—l)=5+l@{ <:>{ .
—-a+b=1 b=4

Vay @’ +b* =



CAu 48: Mot manh dat hinh chit nhat c6 chiéu dai 60m, chiéu rong 20m . Nguoi ta mubn tréng c6 & hai
dau cia manh dét hai hinh bang nhau giéi han boi hai dudng Parabol ¢6 hai dinh cach nhau 40m
(nhur hinh v& bén). Phan con lai ciia manh dat nguoi ta 14t gach voi chi phi 1a 200.000 dong\ m? .
Tinh téng s6 tién 1at gach (1am tron dén hang nghin)

A. 133.334.000 dong.  B. 213.334.000 dong.
C. 53.334.000 dong.  D. 186.667.000 dong.

20 m

— S g f—

-

5
O
3

eemmsnEm——

Chon C

)

8y

Dién tich hinh chit nhat 1a S = 60.20 = 1200(m2 ) .
1 2x° 2800
Dién tich trdng c6 1a S, = 4| (—x? +20)dx = (22— +20x) = 222 (m?).
: g 1£<10 ) = (S +200) [ === (")

Dién tich can lat gach1a S, =S -8, = 82—0(;112 ) — S6 tién dé lat gach 1a:

%.200.000 ~53.333.333( déng)

Cau 49: Dién tich cta hinh phing gi¢i han boi d thi cia ham s6 y = x> —4 va duong thang y =2x—4

bang
A. 367. B. 36. c p. 2%
3 3
Loi giai
Chon C

. x=
Phuong trinh hoanh d¢ giao diém x* -4=2x-4 < x* -2x=0& [



Dién tich cua hinh phing giéi han béi dd thi cua ham s6 y = x> —4 va duong thang y =2x—4

bang
S, :”x —2x‘dx—}[ x? —2x [);3 _x2j|§ :‘_?4‘:_
3 3
Ciu 50: Néu J, f(ds=3 thi Ji 3527 (x) Jox bing
A. 6. B. 0. C.3. D.9.
Loi giai

Chon A

Ls[3x—2f(x)]dx:J'l33xdx—j'2f(x)dx:%x2 R —2jf(x)dx:12—6:6,



PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 25 (100TN)

Cau1:  Trongkhong gian Oxyz , khoang cch tirdiém A(1;-2;3) dénmit phing (P):x+4y—-2z-6=0

bang
Al B, 1921 c. 2 p. 2L
21 21 19 21

Ciu2: Cho sé phirc z=3-2i.Phan 4o cia sd phic z bang
A. 2. B. -2i. C.3. D. 2.
Cau3: Honguyén ham ctia ham s6 f(x)=cosx—x 1a

2 2
. X , . X ,
A. —smx—7+C. B. —sinx—-x*+C. C. smx—7+C. D.sinx—x*+C.

Ciu4: Chohamsé f (x) ¢6 bang bién thién nhu sau:

Khang dinh nao sau ddy ding?
A. Ham sb dat cuc dai tai diém x=0. B. Ham sb c6 hai diém cuc tri.
C. Ham sd ¢6 hai diém cuc dai. D. Ham sb dat cuc dai tai y=5.

CAu5: Cho ham sb f(x)lién tuc, c6 dao ham trén [—2;1] ,f(—2) = 9,f(1) =—1. Gi4 tri cua tich
1
phén If'(x)dx bang
-2

A. -10. B. 10. C. 8. D. -8.

Chu 6: Mot vecto phép tuyén clia mit phing (@):2x—y+2z-3=0 la

A ii=(44-2). B. ii=(-2;1;,-2). C.n=(2-1-2). D. 7i=(2;21).
Cau7:  Cho hai sb phirc * =2+30,2, =32 pyop 2% bang
A. 5i. B. -5i. C.12+5;1. D. 6-6i.
x=2

Ciau8: Chohamsé y= . Ménh dé nao dudi day 1a ding?

x—1
A. Ham s6 dong bién trén R .
B. Ham sb dong bién trén (—o0;0).
C. Ham s6 nghich bién trén tap xac dinh cua né.
D. Ham s6 nghich bién trén timg khoang xac dinh.



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

x=3+t
Trong khong gian Oxyz , duong thing d :{ y =2—2¢ di qua diém nao dudi day?
z=1-3¢t

A.DPiém A(3;2:1). B.Diém D(1;2;3).  C.Piém B(;-2;-3). D.Piém C(1;2;-3).
Trong khéng gian Oxyz, cho bon diém A(-1;0;2), B(2;1;-3), C(1;-1:0) va D(a;b;c). Biét
ABCD 14 hinh binh hanh, khi d6 gid tri P =a+2b+3c bang

A.17. B. 9. C.1. D. 1.

Cho hinh phang (H) gi6i han béi d0 thi ctia hai ham s& f;(x) va f,(x) lién tuc trén doan [a;b]

va hai duong thang x =a, x =b (tham khdo hinh v& dudi). Cong thirc tinh dién tich cta hinh
(H) la

U

) (;t cq T g % b €T
A S = [|£) = £,00)dx. B. § = [(£,(x)= £,(x))dx.
C. S:jfz(x)dx—jﬁ(x)dx. D. S=j|jq(x)+jg(x)|dx.

Cho ham s6 y = f(x) co6 bang xét diu ctia dao ham nhu sau:

T | =00 -2 1 +00

y + 0 - 0 +

S6 diém cuc tri cua ham sb da cho 1a
A. 1. B. 0. C.2. D. -2.

Cho s6 phiic z=-2+ i3 , Gia tri cua |z| la

A l2|=+7. B. |o]=13. C. |2=7. D. |2|=V13.
et 4

Cho If(ln x)ldx =4. Tinh tich phan [ = J.f(x)dx
e X 1

A. I1=4. B.71=2. C.I=16. D. I=8.

Trong khéng gian Oxyz , phuong trinh duong thang d qua A4 (1; 2; 3) , ddng thoi d cat va vuong

gbc véi truc hoanh Ox la:



Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

x=1 x=1+t x=-1 x=1

A.Sy=2 . B.{y=2 . C.iy=-2 ) D.Sy=2+2¢.
z=3+3¢ z=3+3¢ z=-3+3¢ z=3+3¢

Trong khong gian Oxyz , cho diém 7 (1;—2;3). Héi phuong trinh nao sau day 1a phuong trinh mat

cau (S) c6 tam / va tiép xtic véi truc tung Oy.

3 3 3

Néu tich phan I f(x)dx =2 vatich phan J. [f(x) + g(x):ldx =7 thi tich phan J. g(x)dx béng
-2 -2 -2

bao nhiéu?

A. 5. B. 9. C. 5. D. -9.
x—2021

Vx+1

A. j(uz—zozz)du. B. 2j(u2—2021)du. C. 2j(u2—2022)du. D. 2ju(u2—2ozz)du.

Khi tinh nguyén ham J. dx, bang cach dat u =+/x+1 ta dugc nguyén ham nao dudi day?

Ho nguyén ham ciia ham s§ f (x) =xe" la

XZex

2

A. (x+1)e" +C. B. +C. C. xe*+C. D. (x—1)e* +C.

Trong khong gian Oxyz , hdy tim ban kinh R cua mat cau di qua bon diém M (1;0;1) , N (1;0;0)
, P(2;1;0) va O(1;151).

A. R=1. B.R:%. C.Rzg. D. R=4/3.

Cho ham s0 y = f(x) c6 bang bién thién nhu sau

X —o0 -2 6 +o0
Y - + -
Yy +o0 \ /+oo 2 \

3 —w 0

Tong s6 duong tiém can ding va duong tiém can ngang cta dd thi ham s da cho bang
A. 2. B. 0. C. 1. D. 3.

Trong khong gian Oxyz, mit phang di qua diém M (1;2; —2) va vudng goc vdi truc Oz co
phuong trinh 1a

A.z-2=0. B. x+y+z-1=0. C.x+y-3=0. D. z+2=0.



Cau23: Chohamsé y= f(x) co d6 thi nhu hinh v& va dién tich hai phan A4, B lan luot bang 11 va 2.
¥

y=1)

e
(]
Q
=
—

0
Gid tri ctia tich phn 7 = [ f(3x+1)dx bing
-1

A. 3. B. 13. C.9. D.?.

x+5 y—-2 z+2
1

Céu 24: Trong khong gian Oxyz , tim « 1a goc giita duong thang d : va mit phang

(P):—3x—4y—52+lO:O.

A a=120°. B. a=60°. C. a=90". D. a =30".

3x khi0<x<l1

Céu 25: Cho ham s6 f(x)={4 hil<x<o
—X 11X

2
. Tinh tich phan If(x)dx.
0

A.Z. B.i. C.1. D.
2 2

N | W

Cau 26: Trong khong gian Oxyz, hinh chiéu cua diém M (l; 2;3) 1én mit phang (Oyz) cd toa do l1a
A. M, (1;0;0). B. M,(1;2;0). C. M,(0;2;0). D. M,(0;2;3).

Ciu 27: Cho hinh phing (H) gi6i han boi d6 thi ham s6 y = %xa, tryc hoanh va dudng thang x=1.

Tinh thé tich ¥ ctia khdi tron xoay khi quay hinh phang (H) quanh truc hoanh.

AL B. Z. c. Z. p. L.
14 14 28 28
CAiu 28: Tim mot nguyén ham F(x) cia ham sb f(x):ax+i2 (x#0), biét f(l):l’ F(_I)ZO,
x

F(2)=3

A F(x):ixz_{_i_l. B_ F(x):ixz_l_é
4 2x 4 2 x 2

C. F(x)zéxz—i—l. D. F(X):éxz—i-i-i-l_
2 2x 4 4 x 2

Céu 29: Duong cong trong hinh v& sau 1a cta dd thi ham sb nao sau day?



|/
\/

-2

A y=x"-3x"-2. B.y=—x'+x*-2. C.y=x'-x"-2. D. y=—x+3x"-2.

Cau 30: Tich phan [ = j(ex +1)dx bang
0

A.e—1. B. e’ +2. C.e+2. D. e +1.

Cau 31: Trong khong gian Oxyz , phuong trinh mit cau (S) o tam 1 (1; 0; —2) ,bankinh R=4 la

A (x=1) +y +(z+2)" =4, B. (x+1) +y*+(z-2)" =16
C. (x=1) +y*+(z+2)" =16. D. (x+1) +y* +(z-2)" =4.
Céu 32: Tim ho nguyén ham cta ham sb f(x)=423.
e
A | 2 dx=21n(2x—3j+c. B. | 2 dr=tmpx—3|4c.
4x-3 2 4x-3 2 2
C. | 2 dx:4ln(2x—i)+C. D. | 2 _ge=tmpe-3ic,
4x-3 2 4x-3 4 2

Céu 33: Trong khong gian Oxyz, cho hai diém A(1;-2;5) va B(-3;2;1). Tinh do dai doan thang OM

véi M 1a trung diém cua AB.

A. OM =10. B. OM =13 C. OM =13, D. OM =410 .
Chu 34: Tim tit ca cac cdp s thuc (x;y) thoa didu kién 3x+yi=2y+1+(2-x)i.

A. (1;1). B. (1;1), (0;-1). C. (10), (--1).  D.(-L-1).

Chu 35: Cho s phicc z=a+bi(a,beR) théamdn z+1+3i—|z[i=0. Tinh S=a+3b.

A.S:—%. B. §=-5. C. §=5. D.S:%.

Céu 36: Phuong trinh tiép tuyén ctia d6 thi ham s6 y =x* —2x* +1 tai diem A(0;1) 1a
A. y=x+1. B. y=0. C.y=1. D. y=2.
Cau 37: Trong khong gian Oxyz , mit phang (P) qua diém M (4;—2;1) va cit ba tia Ox,Oy,Oz lan luot

tai 4,B,C sao cho O4=20B = OC . Phuong trinh mit phang (P) 1a

A. x-2y4+z-9=0. B.x+2y+z-1=0. C.x+y+z-3=0. D.2x+y+2z-8=0.



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Trong khoéng gian Oxyz, tinh goc giita hai duong thang d, :%:—_:

dz:i:y_1=z+3

|
—_
—_

A. 45°. B. 60°. C. 30°. D. 90°.

Tinh thé tich ¥ cta vat thé giéi han boi hai mit phang vudng goc truc Ox 1an luot tai x =1va
x =3, biét rang thiét dién ctia vat thé cat boi mit phiang vudng goc véi truc Ox tai diém c6 hoanh
d6 x(1<x<3) la hinh vudng c6 canh V3 —x .

A. 2. B. 2x. C. 1. D. «.

Cho ham s0 f(x) c6 dd thi nhu hinh v&

S6 nghiém thyc phan biét ctia phuong trinh 2 f (2@ -x+ 2) =—11a

A. 8. B. 7. C.5. D. 6.

Ki hiéu z,z, 1a hai nghiém phtc clia phuong trinh Z—2z+2=0. Goi M,N lan luot 1a céac
diém biéu dién z,z,trén mat phang toa d6, Ola gbc toa do. Dién tich tam giadc OMN bang

A. 2 (dvdt). B. 1(dvdt). C. 0 (dvdt). D. 4 (dvdt).

Trong khong gian Oxyz, cho cac diém A(1;0; 0), B(0;2; 0), B(0;0; 1). Xét ba mit cau tiép
xtc ngoai v6i nhau d6i mot va tiép xic v6i mat phang (ABC) lan luot tai A, B,C. Tinh tong thé

tich cua ba khoi cau do

N 141722 | B 4772 | c. 4772 | D, 141722 |

16 24 8 8

Cho s6 phuc z thod man 2(‘z+;‘+‘z—;‘)=‘zz‘. Goi M, m lan luot 1a gia tri 1on nhét va gia
tri nho nhat cia T =|z—6-4i|. Biét M —m=av2+bJ5+c, vdi a,b,ceZ. Tinh gia tri
a+b+c.

A. 14. B. 12. C. 4. D. 16.

Tat ca cac gia tri ctia tham sb m dé @0 thi ham s6 y = x* —3x” +1 cit duong thiang y =2m—3

tai ba diém phan biét 1a

A.O<m<?2. B.0<m<2. C. 3<m<l. D.0O<m<4.



Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Ne)
1
Xét tich phan { } thi
e I
: : . :
A. Ismtdt B. Icostdt C. —jdz. D. Idt.
0 0 4 0 0
Cho ham s y = f(x) c6 dao ham lién tuc trén (0;+), théa man x+exf’(e") = f(ex)+1 voi
moi xeR va f (1) =1.Giatri f (2022) thudc khoang nao dudi day?
A. (2022; 2023) . B. (2030; 2031) . C. (2029; 2030) . D. (202 L; 2022).
D6 thi ham s6 nao dudi ddy c6 dang nhu dudng cong trong hinh vé bén dudi
A Yy
\/ O \/ %
A y=x"+x"+1. B. y=2x"-4x"+1. C.y=—x"+2x"-1. D. y=—x*+x"+1.
Trong mit phang phirc, tp hop cac diém biéu dién sé phirc z thoa mén |z -1+ | = |z + 2| la
A. dudng thing y =-3x+1.
B. duong thing 3x—y=1.
C. dudng trung truc cua doan thang 4B véi A(-1;1), B(2;0).
D. duong thing 3x—y+1=0.
Cho biét J dy=Letc véi a,c 1a cac s6 nguyén va b 1a s nguyén duong va 913 phan
x + 2) b b
s6 toi gian. Tinh a—b+c.
A. 3. B. 2. C.0. D. 3.
n . x+1 y z—2 . . L2
Trong khong gian Oxyz, cho dudong thing d: =T s v hai diém A(-13;1),
B(O; 2;—1) . Goi C(m,n, p) 1a diém thudc duong th:fmg d sao cho dién tich tam giac ABC b.':ing
22 . Gia trj ctia tbng m+2n+3p bing
A.S. B. 0. C.3. D. 6.



BANG DAP AN
56 7 8 9 1 1 1 1

HUONG DAN GIAI CHI TIET
Caul: Trongkhong gian Oxyz , khoang cch tirdiém A(1;—2;3) dén matphing (P):x+4y—-2z-6=0
bang
R . 2 p. Y21
21 21 19 21
Loi giai
Chon B
1+4.(-2)-2.3-6
Ta co: d(A;(P)):| (-2) - |:19\/E.
JP+47 +(-2) 21
Ciu2: Cho s phttc z=3-2i.Phén o ctia s6 phtc z bang
A. 2. B. -2i. C.3. D. -2
Loi giai
Chon D
Chu3: Honguyén ham cia hamsd f(x)=cosx—x 1a
x2
A. —sinx—7+C. B. —sinx—x"+C.
x2
C. sinx—7+C. D. sinx—x*+C.
Loi giai
Chon C
Caud: Chohamsd f (x) ¢6 bang bién thién nhu sau:
x —oc -1 0 1 +oc

- 0 + 0 - 0 +
+oc 5 +oco
2 2

Khang dinh nao sau ddy ding?

A. Ham s6 dat cuc dai tai diém x=0. B. Ham s ¢6 hai diém cuc tri.
C. Ham sd ¢6 hai diém cuc dai. D. Ham s dat cuc dai tai y=5.
Loi giai

Chon A



Cau 5:

Cau 6:

Cau 9:

Cho ham sb f(x)lién tuc, c6 dao ham trén [—2;1] ,f(—2) = 9,f(1) =—1. Gia tri cua tich
1

phan If'(x)dx bang
he)

A. -10. B. 10. C. 8. D. -8.
Loi giai
Chon A

1
Taco: [ f'(x)dx=f(1)-f(-2)=-1-9=-10.
2
Mot vecto phap tuyén clia mét phang (or):2x—y+2z-3=0 la

A. i =(44-2). B. 7i=(-2;1;-2). C.n=(2-1-2). D. 7i=(2;2;1).
Loi gidi
Chon B
D@ thiy mit phang (& ):2x—y+2z-3=0 c6 mot vecto phép tuyén 7 =(2;—1;2) nén vecto

ii =(—2;1;-2) cling 1a mot vecto phép tuyén cia (a).

Cho hai s6 phuc “1 = 24302, =3=20 1ep 212 bang

A. 5i. B. -5i. C.12+5i. D. 6-6i.
Loi giai

Chon C

Taco: z,.z, =(2+3i)(3-2i) =6—4i+9i—6i" =12+5i .

x—2

- Ménh dé nao duéi day la ding?
x J—

Cho ham s y =

A. Ham s6 dong bién trén R .

B. Ham s6 dong bién trén (—oo; O).

C. Ham s6 nghich bién trén tap xac dinh cua né.

D. Ham s6 nghich bién trén tung khoang xéc dinh.
Loi giai

Chon B

Piéu kién xé4c dinh: x #1.

Taco: y' = >0,Vx #1. Nén ham s6 ddng bién trén cac khoang (—oo;l) va (1;+oo)

x—1)

Suy ra ham s6 dong bién trén (—o0;0).

x=3+t¢
Trong khong gian Oxyz , duong thang d : y=2-2¢ diqua diém nao dudi day?
z=1-3¢

A.Diém A(3;2;1). B.Piém D(1;2;3).  C.Piém B(1;-2;-3). D.Piém C(1;2;-3).



Loi giai
Chon A
Ta thdy 4(3;2;1)ed.
Cau 10: Trong khong gian Oxyz, cho bdn diém A(-1;0;2), B(2;1;-3), C(1;—-1:0) va D(a;b;c). Biét
ABCD 12 hinh binh hanh, khi d6 gia tri P =a+2b+3c bang
A.17. B. 9. C. 1. D. —1.
Loi giai
Chon B
Tacd AD = BC < (a+1L;b;¢-2)=(-1;,-2;3) & (a;b;¢) = (-2,-2;5) .
Khi d6 P=a+2b+3c=-2+2.(-2)+3.5=9.
Cau 11: Cho hinh phang (H) gi¢i han béi d6 thi ctia hai ham s6 £,(x) va f,(x) lién tuc trén doan [a;b]

va hai duong thing x=a, x=»h (tham khao hinh v& dudi). Cong thirc tinh dién tich ctia hinh

(H) 1a
Yy
o ‘;"' c1 L ey % b T
A S={[A()-f()dx. B. §=[(£(x)~ f,(x))dx.
C. S =[f()dx [ f;(x)dx. D. S = [|£,(x)+ £,(x)|dx.
Loi giai
Chon A

b
Dua vao db thi tacé S = “fl(x) — f,(x)|dx.

Céiu 12: Chohamsb y = f(x) c6 bang xét dau ciia dao ham nhu sau:

T |—00 -2 1 +00

Yy + 0 - 0 +

S6 diém cuc tri cia ham sb da cho 1a
A. 1. B. 0. C. 2. D. 2.
Loi giai
Chon C
Dua vao bang xét ddu ta thiy y' d6i ddu khi qua diém x = —2 va diém x =1 nén ham s da

cho ¢6 hai cuc tri.



Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cho s6 phiic z=-2+ ix/3, Gia tri cua |z| la

A. |2|=+7. B. |2|=13. C. |=7. D. |z|=+13.

Loi giai
Chon A

Taco |z|=v4+3 =47
et 4

Cho If(lnx)ldx:4. Tinh tich phan Iz.[f(x)dx
e X 1

A. =4, B.I1=2. C.I=16. D. I=8.
Loi giai
Chon A

bat tzlnx:dtzldx.
X

Pdican x=e=>t=Lx=¢'=t=4.
4

Taco I=[f(t)dt=4
1

Trong khong gian Oxyz , phuong trinh duong thang d qua 4 (1; 2; 3) , dong thoi d cat va vudng

gbc véi truc hoanh Ox la:

x=1 x=1+¢ x=-1 =1
A.3y=2 . B.<y=2 . C.yy=-2 . D.{y=2+2¢.
z=3+3¢ z=3+3¢ z=-3+3t z=3+3t
Loi gidi
Chon D

Goi M =d N Ox = M (x;0;0) = AM = (x—1;-2;-3)
Taco: d LOx < AM.i=0cx—-1=0< x=1= M (1,0;0) = AM (0;-2;-3)
Tachon 1 VTCP clia d 14 u(0;2;3)
x=1
PTTSciad la{y=2+2t.
z=3+3t
Trong khong gian Oxyz , cho diém 7 (1; —2; 3). Hoi phuong trinh nao sau day la phuong trinh mat

cau (S) c6 tam / va tiép xtic véi truc tung Oy.

A. (x—1)2+(y+2)
C. (x—



Cau 17:

Cau 18:

Cau 19:

Chon D

Tacd OF =(1;-2;3);j =(0:1;0) = | OF: j | = (-3;0;1) = d (1;09) =

Suy ra ban kinh mit ciu 1a: R =10

Vay phuong trinh mit cau (S) c6 tim / va tiép xtc véi truc tung Oy la:

(x—l)2 +(y+2)2 +(z—3)2 =10.
; 3 ;

Néu tich phan [ f (x)dx=2 vatich phan [ [ f(x)+g(x)]dx=7 thitich phan [ g(x)dx bing
2 % 5

bao nhiéu?

A. 5. B. 9. C. 5. D. 9.
Loi giai
Chon A

Ta cc'):i[f(x)+g(x)}dx=7<:>j;f(x)dx+j;g(x)dx=7<:>ig(x)dx=7—2:5

x—2021

Vx+1

A. j(uz—zozz)du. B. 2j(u2—2021)du. C. 2j(u2—2022)du. D. 2ju(u2—2022)du.

dx, bang cach dit u =x+1 ta dugc nguyén ham nao dudi day?

Khi tinh nguyén ham I

Loi giai
Chon C

Pt 1= 1 = du=——

2Vx+1

Tacod: u=Jx+1=>x=u’-1

dx

Ta duge nguyén ham [2(u” —1-2021)du =2 (#* =2022)du.

Ho nguyén ham ctia ham s§ f (x) =xe" la

XZex

A. (x+1)e" +C. B. 5

+C. C. xe*+C. D. (x—1)e*+C.
Loi giai

Chon D

Goi Izjf(x)dxzjxexdx.

bat:

u=x=>du=dx

dv=e'dx=>v=e"



Ta c6: I=J.f(x)dx:xe’C —J.e”dxzxex—ex+C=(x—l)eX+C.

Cau 20: Trong khong gian Oxyz , hdy tim ban kinh R cua mat cau di qua bdn diém M(I;O;l) , N(l;O;O)
, P(2;1;0) va O(1;151).

A. R=1. B.R=>. g.Rzﬁ. D. R=43.
2 2
Loi giai
Chon C
Goi I(a;b;c) 1a tam ctia mat cau di quabén diém M, N, P va 0.

Ta co:

IN? = IM? (1—a)2+b2+02:(l—a)2+b2+(l—c)2
IN? = IP* < (1—a)2+bz+cz:(2—a)2+(1—b)2+c2
IN*=10"  |(1-a) +b*+c* =(1—a) +(1-b) +(1-c)’

3

a=—=

2 = 1 2

<<2a + 2b = 4 bzé
2% + 2¢ = 2 |

c=—

2

11
Suy ra toa do tam / é;—;— .
222

3 (1Y (1Y A3
Ban kinh cua mat cau can timla R =IN = 1—5 +E + = =—.

Chu21: Chohamsb y= f(x) c6 bang bién thién nhu sau

X —o0 -2 6 +on
}." —_ + —
y +o0 \ /+oo 2 \

3 —w 0

Tong s6 duong tiém can ding va duong tiém can ngang cua dd thi ham s da cho bang
A. 2. B. 0. C.1. D. 3.

Loi giai
Chon D

lim y=0= y =0 la tiém can ngang cua dd thi ham sb da cho.

X—>+0



Cau 22:

Cau 23:

Cau 24:

lim y=-00 = x=-2 latiém can ding cla dd thi ham sb da cho.
)c%(—Z)+

lim y =400 = x =6 la tiém can diing cua dd thi ham sb da cho.
x—>6"
Vay dd thi ham s6 d3 cho ¢6 3 duong tiém can.
Trong khong gian Oxyz, mit phing di qua diém M (1;2;-2) va vudng géc véi truc Oz c6
phuong trinh 1a
A.z-2=0. B. x+y+z-1=0. C.x+y-3=0. D.z+2=0.
Loi giai
Chon D

Goi () la mit phing can viét.

() vuong goc véi truc Oz nén nhan & = (0;0;1) lam vecto phap tuyén. Mat khac, (@) di qua
diém M (1;2;-2) nén (@) c6 phuong trinh 1a z+2=0.
Cho ham s6 y = f'(x) c6 do thi nhu hinh v& va dién tich hai phin A, B 1an luot bang 11 va 2.

3

y=1a)

A
/-2 oB/1

0
Gia tri ctia tich phan [ = If(3x +1)dx bang
|

A. 3. B. 13. C.9. D. —.

Loi giai
Chon A

Dat t:3x+l:>dt:3dx:>dx:§dt.Khid(),

1:__ljzf(f)df:%_jzf(x)dx%ﬁf(x)dx_If(x)dx :%(11_2):3.
x+5 y-2 z+2
122

Trong khong gian Oxyz , im « 14 goc gitta duong thang d : va mit phang

(P):—3x—4y—SZ+IO:O.

A. a=120°". B. o =60°. C. a=90". D. o =30°.
Loi giai
Chon B
d:x+5 =y—2:Z+2
2 1 1

—d c6 mdt vecto chi phuong u = (2;1;1).



Cau 25:

Cau 26:

Cau 27:

Cau 28:

(P):-3x—4y—52+10=0=>(P) c6 mdt vecto phap tuyén n =(-3;-4;-5).

wr| |6-4-5 3

sin@ = ——— = =~ =a=60".
|u||n| \/ESx/E 2
. 3x* khi 0<x<1 2
Chohamsd f(x)= . Tinh tich phan x)dx.
f( ) {4—xkhi 1<x<2 P '([f( )

AL B. 2. C. 1. D. 2.

2 2 2

Loi giai

Chon A
Ta co

2

_j[f(x)dx=j)-f(x)dx+jf(x)dx=j3x2dx+i(4—x)dx=x3|; +[4x—§J :1+6—%:%.

1 0 1

1

Trong khong gian Oxyz , hinh chiéu cua diém M (l; 2;3) 1én mit phang (Oyz) cd toa do la

A. M, (1;0;0). B. M,(1;2;0). C. M,(0;2;0). D. M,(0;2;3).
Loi gidi

Chon D

Hinh chiéu cta diém M(l;2;3) 1én mat phéng (Oyz) cotoaddla M, (0;2;3).

Cho hinh phang (H) gi¢i han boi d thi ham s6 y = %xs, tryc hoanh va dudng thang x=1.

Tinh thé tich ¥ cta khéi tron xoay khi quay hinh phang (H ) quanh tryc hoanh.

L iy c. Z. L
14 14 - 28 28
Loi giai
Chon C

Tacod %x3=0®x=0.

Thé tich ¥ ctia khéi tron xoay khi quay hinh phang (H ) quanh truc hoanh la:
1

o1 ? 1 ax’ T
V:ﬁj(—fj dx=rm|=x°dx =" =2,
o\ 2 04 28|, 28

Tim mot nguyén ham F(x) cua ham s f(x)= ax+i2 (x=0), biét f(1)=1, F(-1)=0,
X

F(2)=3
3, 1 1 3, 1 5
Fx)=2x*+——— B. F(x)=2x*———2.
A F(x)=2¥+5.7% (¥) =3+ =173
C.Fx)=20-1 1 D. F(x)=2x+ 14 L.
2 2x 4 4 dx 2
Loi giai



Ta co f(l)zl:a+b=l (1)

b ax> b

Taco F(x)= dx = +— |dx=—-—+C.
aco F(x) J.f(x) J.(ax sz S
TacéF(—l)zO:%a+b+C:0(2)
Tac()F(2)=3:>2a—%b+C=3(3)

3 1 1 3 1 1
T (1) (2) (3 =_;b=—_;C=__ F e L L
E() @ @) suyraa=ib=-2iC=-rm F(x)=3x + -

Ciu 29: Pudng cong trong hinh v& sau 1 ctia @6 thi ham s nao sau day?

|/
\/

-2

v

A.y=x"-3x"-2. B.y=—x'+x"-2.
C.y=x"-x"-2. D. y=—x +3x"-2.

Loi gidi
Chon D

Hinh v& 1a d6 thi ham s6 y = —x" +3x% -2.

Cau 30: Tich phan [ = j.(ex +1)dx bang
0

A.e—1. B.e’+2. C.e+2. D. ¢’ +1.
Loi giai
Chon B
3

r=J(er+1)de=(e+a)f =e 42,
0

0

Céu 31: Trong khong gian Oxyz , phuong trinh mét cau (S) c6 tim /(1;0;-2), bankinh R=4 1a

Ao (x=1) +y7 +(z+2) = 4. B. (x+1) +)y* +(z-2)" =16.

C. (x=1) +y*+(z+2) =16. D. (x+1)" +y* +(z-2)" =4.
Loi giai

Chon C

Phuong trinh m3t cdu (§) ¢6 tam 7(1;0;-2), bankinh R=4 la (x—1)"+y* +(z+2)" =16.

2
4x-3

Céu 32: Tim ho nguyén ham cua ham sé f(x)=



A.j 2 dv=2m|2x-2]+cC. g.j 2 gv=tmpx-3ic.
4x-3 2 4x-3 2 2
C.j 2 dr=4In 2x—ij+C. D.j 2 av=Lmpe-3ic.
4x-3 2 4x-3 4 2
Loi giai
Chon B

2x—i+C.
2

2 1 1
I4x—3dx=I de=7ln
2x—

Céu 33: Trong khong gian Oxyz, cho hai diém A(1;-2;5) va B(-3;2;1). Tinh d0 dai doan thang OM
véi M 1a trung diém cua AB.
A. OM =10. B. OM =13 C. OM =13. D. OM =410 .
Loi gidi
Chon D
M 1a trung diém ctia 4B = M (-1;0;3).

= OM =,/(-1)" +3* =+/10.

Céu 34: Tim tit ca cc cap s thuc (x;y) thoa diéu kién 3x+ yi = 2y+1+(2-x)i.

A. (1). B. (1), (0;-1). C. (10), (-L-1).  D.(=L-1).
Loi giai
Chon A
3x=2y+1 3x-2y=1 =1
3x+yi=2y+l+(2—x)ic>{ r=rw <:>{ ey <:>{x .
y=2-x xX+y=2 y=1

Chu 35: Cho s0 phitc z=a+bi(a,bR) théamin z+1+3i—|z[i=0. Tinh S=a+3b.

A.Sz—z. B. S=-5. C. §=5. D.S:Z.
3 3
Loi giai
Chon B
Z:a+bi(a,beR):>|Z|=\/a2+b2 .
=1
a+1=0 a4
z+143i-|zli=0 = a+bi+1+3i-Va’ +b’i=0 < & 4.
b+3— (12+b2:0 b:——

:>S:a+3b:—1+3.(—§):—5.

Céu 36: Phuong trinh tiép tuyén ctia d6 thi ham s6 y =x* —2x* +1 tai diém A(0;1) 1a

A. y=x+1. B. y=0.

e
<
[l

D. y=2.



Cau 37:

Cau 38:

Cau 39:

Cau 40:

Loi giai
Chon C
y=x"-2x*+1 :>f'(x):4x3 —4x :>f'(0)=
Vay phuong trinh tiép tuyén ctia d6 thi ham s6 y =x* —2x” +1 tai diém 4(0;1) 1a:
y=7"(0)(x-0)+1=1.
Trong khong gian Oxyz , mét phing (P) qua diém M (4;-2;1) va cét ba tia Ox,Oy,Oz lan lugt
tai 4,B,C sao cho O4=20B = OC . Phuong trinh mit phang (P) 1a

A, x-2y+z-9=0. B.x+2y+z-1=0. C.x+y+z-3=0. D.2x+y+2z-8=0.

Loi gidi
Chon B
Gia stt A(a;0;0),B(0;5;0),C(0;0;¢) voi (a,b,c >0). Khi do: (P):£+%+£=1

a C
Theo gia thiét: 0O4=20B=0C < a=2b=c = +2 4 2 =
2 b 2b
Do M €(P) nén 220 ep=taaze-
2 b 2b 2

Vay (P):x+2y+z-1=0

Trong khong gian Oxyz, tinh goc giita hai duong thang dy :%zy—_lz

z \
— va
-1 2

dy —=——=
S R
A. 45°. B. 60°. C. 30°. D. 90°.
Loi giai
Chon D
n n —
Ta c6: cos(d),dy)= ‘cos(nl,n2 | 172 _0:>(d1,d2)=90°
{2

Tinh thé tich ¥ cta vat thé giéi han boi hai mit phang vudng goc truc Ox 1an luot tai x =1va
x =3, biét rang thiét dién ciia vat thé cit boi mat phing vudng goc véi truc Ox tai diém c6 hoanh
d6 x(1<x<3) 1a hinh vudng c6 canh /3 -x .

A 2. B. 27. C.1. D. r.

Loi giai
Chon A

Ta C('):V:le(x)dx=j.<\/E)2 dx=2.

Cho ham sb f'(x) ¢6 do thi nhu hinh v&



-1

S6 nghiém thuc phan biét ciia phuong trinh 2 f (2\/x —1—-x+ 2) =—11a

A. 8. B.7. C.5. D. 6.
Loi giai
Chon C

Thcé:Zf(ZJ;:T—x+2)=—l

(2Jx-1-x+2=a(-2<a<-1)
2Wx—1-x+2=b(-1<b<0)
- (

@f(zm_x+2)=— 2m—x+2 c 0<c<l) (*)
2Jx—1-x+2=d(1<d <2)
Xét ham s g(x)=2\/ﬁ—x+2’ Vx e [l;+4).
gxx):2Jj—l_L:J;—1_1
g(x)=0eVx-1=lox-1=1ex=2
1 2 +00

g'(x) - 0 -

o ///,» HHHERE“HaHamxaHH

H¢ ( )la su twong giao gitta d6 thi ham sd g Va cic duong thing y=a,y=b,y=c,y=d.

Nén s6 nghiém chinh 1a sb giao diém giira @ thi ham s6 g(x) va cac duong thing

y=a,y=by=c,y=d.

X 1 2 +00
g'(x) + 0 -
g(‘l) — 2 . y=d
\\ 1—=cb
\7001—

Viy s6 nghiém thuc phan biét ctia phwong trinh 13 5 nghiém.



Cau 41:

Cau 42:

Ki hiéu z,z, 1a hai nghiém phtc clia phuong trinh Z2—2z+2=0. Goi M,N lan luot 1a céac
diém biéu dién z,,z,trén mit phing toa d6, Ola gbc toa do. Dién tich tam gidc OMN bang

A. 2 (dvdt). B. 1(dvdt). C. 0 (dvdt). D. 4 (dvdt).
Loi giai

Chon B

Phuong trinh: ZZ —2z+2 =0 ¢6 hai nghiém z =1+i va z, =1-i.

Diém biéu dién s phiic z =1+ 1a diém M(1;1).

= OM =+/2.

Piém biéu dién s6 phitc z, =1-i 1a diém N(1;-1).

— ON=+2.

ry
M(1;1)

—_——————— ———

Dién tich tam giac vuong OMN : S = %OM.ON = %\/E\/E =1.

Trong khong gian Oxyz, cho céc diém A(1;0; 0), B(0;2; 0), B(0;0; 1). Xét ba mit cau tiép
xtc ngoai voi nhau doi mot va tiép xac v6i mat phiang (ABC)lan luot tai A, B,C. Tinh tong thé
tich ctia ba khéi cau d6

| 1412 B 47172 c Yz D, 14172 |

16 24 = 8 8
Loi giai

Chon C



Cau 43:

03

Ry + R

O, H

Rs

Ry

B

Goi O, la tam mat cau (81) tiép xtic véi mit phang (ABC) tai diém A. Suy ra R =O,A laban

kinh mat ciu (§) (A 1a hinh chiéu vudng goc ctia O, 1én mat phing (ABC)).

Goi O, la tAm mat cau (%) tiép xtc voi mat phang (ABC) tai diém B. Suy ra R,=0,B la

ban kinh mit cau (%) ( B 12 hinh chiéu vudng goc cta O, lén mat phang (ABC) ).

Goi O, 1a tim mit cau () tiép xtic v6i mit phing (ABC)tai diém C.Suyra R =0O,C la

ban kinh mat cau (%) (C 1a hinh chiéu vudng goc ciia C' 1én mit phang (ABC)).

Vi (§).(S).(S) tiép xtc ngodinén R +R,=0,0,, R+R, =00, R +R =0,0,.

Tacé: AB=+/5,AC=~/2,BC=15.

Vi AB=BC=00,=0,0,>R+R =R+R=R=R,.Mi R+R =00,=AC=+2.
J2

>R=R= -

Cho s6 phtc z thod man 2(‘24—2‘4—‘2—;‘) :‘zz‘. Goi M, m lan luot 1a gia tri 16n nhét va gia

tri nho nhat cia T =|z—6-4i|. Biét M —m=aN2+b\5+c, vdi a,b,ceZ. Tinh gia tri

a+b+c.

A. 14. B. 12. C. 4. D. 16.
Loi gidi

Chon B

Goi z=x+yi, x,yeR.

Ta c6 2(‘z+2 +

Z—;‘) = ‘zz‘ = 2(|2x|+|2yi|) =x"+y' & 4|x|+4|y| =x"+y
(-2 +{]-2) =3,

Tir d6 suy ra diém M (x;y) biéu dién s6 phitc z thudc cac phan clia dudng tron:
(C):(x=2)"+(y-2)" =8 v6i x>0,y >0 tam 7,(2;2) va ban kinh R =22
(C,):(x=2)" +(y+2)" =8 v6i x>0,y <0 tam 1, (2;-2) va ban kinh R=2+2.



(C):(x+2) +(y+2)" =8 v6i x<0,y<0 tam [,(~2;-2) va ban kinh R=2+/2.
(C):(x+2) +(y—-2)" =8 v6i x<0,y>0 tam [,(~2;2) vaban kinh R=2+/2.
Gia st A(6;4);suyra T =|z—6—4i|]=MA

Dodd M = AL, +R=10+232; m= Al —-R=25-2/2..
Suyra M —m=4v2-2/5+10 nén a=4;b=-2;c=10. Vay a+b+c=12.

Cau 44: Tat ca cac gia tri ciia tham s m dé do thi ham s6 y = x* —3x” +1 cit duong thing y=2m -3
tai ba diém phan biét 1a

A.O<m<?2. B.0<m<2. C. 3<m<I. D. 0<m<4.
Loi giai

Chon A

Phuong trinh hoanh d6 giao diém 1a x* —3x% +1=2m-3.

Xét ham sd f(x)=x3—3x2+1 cod f’(x):3x2—6x:f'(x):0©3x2—6x:0<:>{x

Bang bién thién
X —0 0 2 +00
f ( x) + 0 - 0 +

/) /1\3/

Tir bang bién thién suy ra d6 thi ham s6 y = x* —3x” +1 cit dudng thang y =2m—3 tai ba diém

phanbiétla -3<2m-3<1<0<m<2.

N3
Cau 45: Xét tich phan j

Frets e 3 }““U—



Cau 46:

Cau 47:

4 ‘ 4 11 4
A. J‘smtdt. B. Icostdt. C. —.[dt. D. jdt
0 0 40 0

Loi giai
Chon D
x=0=>1=0

x=2sint=dx=2costdt. Ta coO .
x=\/§:>t=”

v

VI T . T
dx = 2costdr = | dr.
{\/4—)62 '([\/4—4sin2t !

Cho ham s6 y = f(x) c6 dao ham lién tuc trén (O;+oo), thdéa man x+exf’(e") = f(ex)+1 véi

Khi do

moi xeR va f(1)=1.Giatri f(2022) thudc khoang nao dudi day?

A. (2022;2023). B. (2030;2031). C. (2029;2030). D. (2021;2022).
Loi giai
Chon C

x+e"f'(ex)=f(e’“)+1@exf'(ex)—1=f(ex)—xc>—
exf'(e")—l ~ d[f(ex)—x]
Qjmdx_erC@jW

Thay x=0 ta c6 duge < In|f(1)|=C < C=0=In|f(e*)-+x.

:x+Cc>ln|f(e")—x|:x+C

Thay x =In2020 ta c6 dugc:
In|f(2022) - n2022| = n 2022 < f(2022) = 2022+ In 2022

D6 thi ham s6 nao dudi ddy c6 dang nhu dudng cong trong hinh vé bén duéi

Ay

M
V

O T

A y=x"+x"+1. B. y=2x"—4x’+1. C.y=—x"+2x*-1. D. y=—x"+x"+1.
Loi giai
Chon B

Dua vao dang diéu db thi, dy la do thi ham trang phuong y = ax’® +bx+c c6 hé s6 a >0 nén
loaiCva D.



Cau 48:

Cau 49:

Cau 50:

Do thi ham sb ¢6 2 diém cuc tri nén ab<0.Ma a>0 nén b<0. Chon phuong an  B.

Trong mit phang phirc, tap hop cac diém biéu dién sd phtrc z thoa mén |z —1+i | = |z + 2| la

A. dudng thing y =-3x+1.
B. duong thing 3x—y=1.
C. dudng trung truc cua doan thang 4B v6i A(-1;1), B(2;0).
D. duong thang 3x—y+1=0.
Loi giai
Chon D
bat z=x+yi (x,yeR).
Taco |Z—1+i|=|z+2|
<:>|Z—1+i|2=|z+2|2
SE-D)+(y+1)’ =(x+2) +)" & 2x+1+2y+1=4x+4
S 6x-2y+2=0=3x—y+1=0.

.X'

Cho biét I ) dv=2etc v6i a,c 1a céc sb nguyén va b 1a sb nguyén duong va % la phan
x +2

sO tbi gian. Tinh a—b+c.

A. 3. B. 2. C.0. D. 3.

Loi giai
Chon D

, roxle X’ —4+4 o'd o . tl(x=2 . ’
Ta co: I:J—zdx:'[ I e dx:j e | dx
0 (x+2) 2 (x+2) 2" x+2) o L\X+2

2 1 a=— 1
Suy ra [=(x— Je"
x+2

a,ceZ

0 c=1

=—%e+1—> b=3 .Vay a~b+c=-1-3+1=-3.

Trong khéng gian Oxyz, cho dudong thing d: TH = % = z_—12 va hai diem 4(-1;3;1),
B(0;2;-1). Goi C(m,n, p) 1a diém thudc dudng thang d sao cho dién tich tam giac ABC bang
272 . Gia tri cia tong m+2n+3p bang

A. 5. B.O. C.3. D. 6.

Loi giai
Chon D
. R‘z(2c;c—3;—c+1)
Goi Ced = C(-1+2¢;¢;2—c¢). Tacd { __ .
AB =(1;-1;-2)

Suy ra [ AC; 4B | = (-3¢ +7;3¢+ ;-3¢ +3).

Mat khéc, S, ,,c =%‘[ZE;ZE] & (3c=7) +(3c+1) +(3c-3) =32.



<:>27cz—54c+27=0©27(c—1)2=Oc>c=l:>C(l;l;1):>m=n=p=1.
Vay m+2n+3p=6.



Cau 1:

Cau 2:

Cau 3:

Cau 5:

Caiu 6:

Cau 7:

Cau 9:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 26 (100TN)

Dién tich hinh phang gidi han béi d6 thi cac ham sé y =Inx, y =1 va duong thang x =1 bang

A.e+2. B. e°. C. 2e. D.e-2.

Trong khong gian Oxyz, goc gitta hai véc-to ivau= (—\/g ;0;1) la

A. 120°. B. 60°. C. 30°. D. 150°.
Cho sb phirc z =1+ 2i . Tong phan thuc va phan 4o cua sb phitc w=2z +z.
A. 2. B. 1. C.3. D. 5.

Cho  f(x),g(x) la hai ham s6 lien tuc trén  doan [1;3]  thoa

3

[/ (x)+3¢(x)] =10 _]3[[2f(x)—g(x)]:6. Tinh j[ £(x)+ g (x)]d.

1

A. 6. B. 7. C.9. D. 8.
Trong khong gian Oxyz, cho hai diém A(1;-1;2), B(3;3;0). Mat phing trung truc cua doan
thang AB c6 phuong trinh I3

A. x+2y-z-3=0. B.x+y-z-2=0. C.x+2y-z+3=0. D.x+y—z+2=0.
Trong khong gian Oxyz cho mit phang (P):Zx— y+z+3=0 va diém A(l;—2;1> .Phuong
trinh dudng thang (d )di qua A va vudng goc vai (P) la:

x=1+2¢ x=1+2¢ xX=2+t x=1+2¢
A.(d):qy=-2-t. B.(d):yy=-2-t. C.(d):qy=-1-2t. D.(d):qy=-2-4.
z=1+t¢ z=1+3¢ z=1+t¢ z=1+3¢

Trong khong gian Oxyz cho hai mit phing (a) 3x=2y+2z+47= O;(,B) Sx—4y+3z+1=0.
Phuong trinh mét phang (P) di qua gbc toa dd O ddng thoi vudng goc véi ca hai mit phang ( a)

va (f)la:

A. (P):2x—y-2z=0. B. (P):2x+y-2z+1=0.
C. (P):2x+y-2z=0. D. (P):2x—y+2z=0.
Goi z;z,1a hai nghiém phtc clia phuong trinh z°+2z+10=0.Tinh gid trj biéu thirc

2 2
A:|Zl| +|Zz|

A. 1043 . B. 20. c. 2410. D. 542.

2

Cho 1 =jf(x)dx= 26 Tinh J = [x[ f (" +1)+1]dx

0



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

A. 54. B. 13. C. 52. D. 15.

Cho s6 phirc z=x+ yi(x;y € R)thoan man (1+2i).z+z=3—4i. Tinh gia tri cua biéu thic
S=3x-2y.
A. -10. B. -13. C. -12. D. —11.
Cho hai s6 phtic z, =1+i va z, =2-3i. Tinh mé-dun cua s phtic |z1 +22|
A. |Zl+22|=1. B. |zl+zz|:\/ﬁ.
C. |21+Zz|:5- D. |Zl+zz|:\/§.
Cho s6 phirc z thoa man z(1+2i)=4-3i. Tim s6 phtc lién hop z cua z

- - - =2 11 - 2 11
A z=2-4; B.z--2_1; C.z=—+—i. D.z=Z+4—i.

55 55 5 5 55
Trong khong gian Owxyz , cho mit phang (P):x+ y—1=0va diém A(2;O;—l). Puong thang
(d ) di qua 4 ddng thoi song song voi (P) va mit phing (Oxy) c6 phuong trinh la
x=2+t x=1+2¢t x=3+t x=3+t¢
A (d):y=—t . B.(d):qy=-1 . C.(d):qy=1+2t. D.(d):qy=2t
z=-1 z=—t z=—t z=1-t¢

r N r 1 2 2

Biét rang ham s6 f(x)=mx+n thoa min jf(x)dx =3, jf(x)dx = 8. Khang dinh nao dung?
0 0
A.m+n=-2. B. m+n=-4. C.m+n=2. D. m+n=4.
_2x _ .

Biét F(x) 12 mot nguyén ham cia ham sb S(x)=e va F(O)_O. Gia tri cia F(in3) bang
A. 6. B. 2. C.8. D. 4.

Cho hinh phang (H ) gidi han boi d6 thi ham sé y = \/; , hai duong thang x=1,x =2 va truc
hoanh. Tinh thé tich khdi tron xoay tao thanh khi quay hinh phang (H ) quanh truc hoanh Ox .

A.3—”. B.%. C.z—ﬂ. D. 3r.

2 3
Cho ham s f(x) lién tuc trén doan [0;10] thoa man j;of(x)dx = 7,];0f(x)dx =1. Tinh
P= '[;f(Zx)dx .
A. P=3. B. P=6. C. P=12. D. P=-6.
Cho ham s f(x) lién tuc trén [—1;2],f(—1) = 8,;f(2) =—1. Tich phan flf'(x)dx bang?

A. 9. B. 1. C. 9. D. 7.



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Ho nguyén ham ctia ham s6 f(x) =3x” +sinx la:

A. 6x—cosx+C. B. x’ +cosx+C. C. 6x+cosx+C. D. x*—cosx+C.

Trong khong gian Oxyz, cho hai diém E (—1; O;2),F (2;1; —5). Phuong trinh dudng thang EF

la:
A.x+1:X:Z_2. B.x+1:X:Z_2. C.x—1:X:z+2. ]).x_1:X:Z+2

1 1 3 3 1 -7 3 1 -7 1 1 -3
Tinh m dun cta sb phitc z biét z = (4-3i)(1+i)
A. |z|=5V2. B. |z|=72. C. |2|=25V2. D. |2|=+2.
Cho F(x) 1a mdt nguyén ham ctia ham s6 f'(x)= > biét F(1)=2. Gié tri ctia F(0) béng

x_
A. In(-2). B.2+In2. C.2-In(-2). D. In2.
86 phitc ndo sau day c6 diém biéu dién 1a M (1;-2)?
A.1-2i.. B. -2-i.. C. -1-2i. D. 1+2i
C6 hai gia tri cia sb thuc a 1a a,a, (O<a1 <a2) thod man I(2x—3)dx=0. Tinh
1
T =3% +3% +log, (“—Zj
1

A. T=13. B. T =26.. C.T=28.. D. T =12.
Trong khong gian Oxyz, cho hai diém A(I;Z;—l),B(—l; O;l) va miat phang

(P):x+2y—z+1=0. Viét phuong trinh mit phang (Q) qua 4,B va vudng goc véi (P)

A. (Q):3x—y+z=0. B. (Q):Zx—y+3=0.
C. (Q):x+z=0. D. (Q):—x+y+z=0.

x—1 y-1 z+1

5 1 nhan vecto &(a;2;b) lam

Trong khong gian Oxyz , cho dudng thing (d ):

vec-to chi phuong. Tinh a+5b.

A. -8. B. 4. C. 8. D. 4.

b
Véi a,b 1a cac tham s thuc. Gia tri j(3x2 —2ax— l)dx bang

0
A. D> +b*a+b. B. 3b> —2ab—1 C. b>—ba*—b. D. b’ —b*a—b.
Goi S 1a dién tich hinh phing gidi han boi cac do thi ham sé y=x* —=3x va y=x. Tinh §.

A. §=8. B. $§=4 C.S5=0. D. §=2.



Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

3
Biét jx+2dx=a+b1nc,véi a,bceZ,c<9.Tinh S=a+b+c

' X
A. §=6. B. §=5 C. §=8. D. S=7.
Trong khong gian Oxyz, goi (S ) la mit cau di qua 4 diém
A(2;0,0),B(1;3;0),C(-10;3),D(1;2;3). Tinh ban kinh R cta mét cau ()
A. R=+/6. B. R=6 C.R=2\2. D. R=3.
Trong khong gian Oxyz , cho diém A4(2;-3;5). Tim toa do A’ d6i ximg véi A qua truc Oy .
A. A'(-2;-3;5). B. 4'(-2;-3;-5). C. A4'(2:3;5). D. A'(2;-3;-5).
Cho hinh phang (H ) gi¢i han béi cdc dudng y =+/tanx,y =0,x=0,x = % quay quanh truc Ox
. Tinh thé tich vat thé tron xoay duogc sinh ra.
A. 7ln2. B.Z. ¢ ZIn2 p, 73
4 2 4

Trong khong gian Oxyz, cho diém G(1;4;3). Mit phing nao sau day cét céc truc Ox,0y,0z
lan luot tai 4,B,C saocho G 1a trong tam tr dién OABC?
A. (P):12x+3y+4z-48=0. B. (P):§+%+§:1.

C. (P):%+%+%:O.D. (P):12x+3y+4z=0.

. 2 .
Cho s6 phtrc z thod man (1—«/51') z=4-3i. Modun cua z bang
Al B.2. c.2 D.2.
5 2 5 4
Ho nguyén ham ciia ham s f (x):ezx’1 la
2x-1 2x-1 1 X 1 2x-1
A. e +C. B. 2¢7 +C. C. Ee +C. D. Ee +C.
Cho s6 phitc z =2-3i. S6 phtc lién hop ctia s6 phirc z 1a
A z=3+2i. B. z=2+3i. C.z=3-2i. D.z=-2-3i.

Trong khong gian Oxyz , cho cac diém 4(3;-4;0),B(~11;3),C(3;1;0). Tim diém D trén truc
hoanh sao cho AD =BC.

A. D(-2;1;0),D(—4;0;0). B. D(12;0;0),D(6;0;0).

C. D(0;0;0),D(-6;0;0). D. D(0;0;0),D(6;0;0).



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cho hinh phéng (H ) gid1 han boi duong cong y = m (m 1a tham s khac 0) va truc
hoanh, khi hinh phing (H) quay quanh truc hoanh duoc khéi tron xoay c6 thé tich 7. C6 bao
nhiéu gia tri nguyén m dé ¥ <10007 .

A. 18. B. 20. C. 21. D. 19.

Trong khong gian Oxyz , mit cau (S) di qua diém O va cit cdc truc Ox,Oy,Oz lan luot tai cdc
diém A,B,C khac 0 thoa min A4ABC co trong tam la diém G(—6;—12;18). Toa do tam [ cua

mit cau (§) 1a
A. 1(-9;-18;27). B. 1(9;18;-27). C. 1(-3;-6;9). D. 1(3;6,-9).

Goi S 1a tong cac sb thuc m dé phuong trinh z° —=2z+1-m =0 c6 nghiém phtic thod man
|z2[=2. Tinh S .

A. S=10. B. §=6. C.S=7. D. §=-3.
Trong khoéng gian Oxyz cho mit phang (P):3x—3y—2z—15=0 va ba diém
A(1;4;5); B(0,3,1); C(2;—1;0) . Tim toa d6 diém M e (P) sao cho MA> + MB* + MC? ¢6 gié tri

nho nhit.
A. M(4;,-1,0). B. M(-4,-1,0). C. M(1;,-4,0). D. M(4;1,0).

Trong khéng gian Oxyz cho mat phiang (P):2x+6y+z—3=0cat truc Oz va duong thang

d: al I > = % =z _16 lan luot tai Ava B. Phuong trinh mat cAu duong kinh AB la:

A (x=2) +(y+1) +(z=5=36. B. (x+2)+(y=1>+(z+5)*=9.

C. (x=2+(y+1)’+(z-5)=9. D. (x+2)+(y -1 +(z+5)* =36.

Trong khéng gian Oxyz, cho diém E(2; 1;3), mit phing (P):2x+2y—z—3=0 va mit cau
(S):(x—?a)2 +(y—2)2 +(z—5)2 =36.Goi A 1a duong thang di qua £, ndm trong (P) va cit (S)
tai hai diém c6 khoang cach nho nhat. Phuong trinh dudng thang A 1a

x=2+t x=2-5¢ x=2+4¢ x=2+9¢
A A:sy=1-¢ B. A:qy=1+3¢ C.Ay=1+3¢ D. A:qy=1+9¢
z=3 z=3 z=3-3¢ z=3+8¢

Trong khong gian Oxyz, cho mit cau (S): (x—l)2 +(y—1)2 +(z—1)2 =1 vadiem A4(2;2;2). Xét
diém M thudc (S ) sao cho dudng thang AM luén tiép xtc voi (S ) Diém M thudc mit phang co
phuong trinh la

A. x+y+z-4=0 B. 3x+3y+3z-8=0 C. x+y+z-6=0 D. 3x+3y+3z-4=0
Trong khong gian Oxyz, c6 tit ca bao nhiéu gid tri nguyén cta m dé phuong trinh

X2 +y2 +22 +2(m+2)x—2(m —1)z+3m2 —5=0 1a phuong trinh mot mit cau?



Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

A. 5. B. 7. C.6. D. 4.

Cho parabol (P):y = x> va mot dudng thing (d) thay doi cét (P) tai hai diém 4,B sao cho
AB=2021. Goi S la dién tich hinh phang giéi han boi (P) va dudng thing (d ) Tim gia tri

16n nhat cua S,y -

3 3 3 3
2021° -1 2021 20217 +1 2021
. Smax = T . B. SmaX = T . C. SmaX = T . Do Smax — T .

Biét F'(x) la mot nguyén ham ciia ham s f(x)=2" va F(0)= % Tinh gi4 tri biéu thic
n

T=F(0)+F(1)+F(2)+F(3)+..4 F(2020)+ F (2021)+ F (2022).

A. T = 220120 B.r-2 ! c.r-2_* p.r=2_-1
' n2 n2 In2
Cho hai s6 phtic z,, z, théa min Zl—_l =1; ! : =2 . Gi trj nh6 nhét cia |Z1 —22|
z, +2-3i z,—1+i
la:
A2, B. 242. C.\2-1. D. 1.
Cho ham s f(x) xac dinh trén R\{l} thoa man f’(x)=%, f(O):2021’ f(2)22022.
x_
Tinh 5=/ (G)=/(=1),
A. §=2021. B. S=1. C. §=In2022. D. $=In4043.

C6 bao nhiéu gia tri dwong ciia s6 thuc @ sao cho phwong trinh z* + V3z+a*-2a=0 co nghiém

phtic z, v6i phan ao khac 0 théa min |2 = V32

A. 2. B. 1. C.3. D. 4.



PAP AN VA LOI GIAI CHI TIET
456789111111111

1

8 9
BEBB--EEE

4

2 3 4 4 4 4
7 4 5 6 7 8
D
Cau 1: Dién tich hinh phang giéi han béi do thi cac ham s6 y =Inx, y =1 va duong thing x =1 bang
A e+2. B. ¢’. C. 2e. D. e-2.
Loi giai
Chon D
Taco hx=1l<x=e.
Dién tich can tinh S = j|lnx 1|dx = ‘j Inx— l)dx‘: xlnx|le—2Idx‘:|e—2(e—l)|:e—2.
1 1
Cau2: Trong khong gian Oxyz, gbc gitra hai véc-to ivau= (—\/§ ; 0;1) la
A. 120°. B. 60°. C. 30°. D. 150°.
Loi giai
Chon D
iu \/5
Tacé i=(1;0;0) nén COS(Z u) H ‘ ‘ . Vay goc gifra hai véc-to i va u 1a 150°.
Cau3: Cho s phitc z =1+ 2i. Tong phan thuc va phan 4o cia sb phirc w =2z +z.
A. 2. B. 1. C.3. D. 5.
Loi giai
Chon D
Co w=2z+2z=2(1+2i)+1+2i=3+2i.
Téng phan thyc va phan do cia s6 phircc w 1a 3+2=5.
Cau4: Cho f(x),g(x) 1a hai ham s lién tuc trén doan [L;3]  thoa

j[f( +3g(x)]=10; j[zf -g(x)]=6. Tinhj-[f(x)+g(x)]dx.
A 6. B. 7. C.9. D. 8.

Loi gidi

j‘f(x)dx:4 ,
; = ';[ :>I[f(x)+g(x)]dx=4+2=6.



Cau 5:

Cau 6:

Cau 8:

Trong khong gian Oxyz, cho hai diém A(1;-1;2), B(3;3;0). Mt phang trung truc cua doan

thing AB co6 phuong trinh 1a

A . x+2y-z-3=0. B.x+y-z-2=0. C.x+2y—-z+3=0. D.x+y—-z+2=0.
Loi giai

Chon A

Toa dd trung diém cta doan thang AB 1a [ (2;151).

Mit phang trung truc ciia doan AB di qua / (2;1;1), nhan AB = (2;4-2) lam véc-to phap

tuyénla 2(x—2)+4(y-1)-2(z-1)=0< x+2y-z-3=0.

Trong khong gian Oxyz cho mit phang (P) :2x—y+z+3=0 va diém A(l;—?; 1) .Phuong
trinh dudng thang (d ) di qua A va vudng goc vaoi (P) la:

x=1+2¢ x=1+2¢ xX=2+t x=1+2¢t
A (d):qy=-2-t. B.(d):qy=-2-t. C.(d):qy=-1-2t. D.(d):qy=-2—4.
z=1+t¢ z=1+3¢t z=1+t¢ z=1+3¢
Loi giai

Chon A
Vid L (P) nén ta chon moét VTCP ctia duong thing (d) 1a 1;(2;— 1;1)
x=1+2t
Suy ra phuong trinh dudng thing (d ) la: s y=-2-¢
z=1+t
Trong khong gian Oxyz cho hai mit phang (Ot) 3x-2y+2z+7= 0;(,3) Sx—-4y+3z+1=0.
Phuong trinh mét phang (P) di qua gbc toa 46 O ddng thoi vudng goc véi ca hai mit phang (a)

va () la:

A. (P):2x-y-2z=0. B. (P):2x+y-2z+1=0,

C. (P):2x+y-22z=0. D. (P):2x-y+2z=0.
Loi giai

Chon C

Ta cb: n, (3;-2;2);n,(5;~4;3) lan lugt 1a VTPT cta hai mat phing (o) va ()

[ nimy | =(21:-2)

Vi (P) L(a);(P) L(B)nén ta chon mdt VTPT cua mit phing (P) 1a n=(2;1;-2)

Phuong trinh mit phang (P)1a: 2x+y—2z=0

Goi z;z,1a hai nghiém phtc cua phuong trinh z>+2z+10=0.Tinh gia tri biéu thic

2 2
A:|Zl| +|ZZ|



Cau 9:

Cau 10:

Cau 11:

Cau 12:

A. 1043 B. 20. C. 2J10. D. 5v2.
Loi giai

Chon B

Taco: z, =—1+3i;z, =—1-3i

A= |Z1|2 +|Zz|2 = 20.

2

Cho / =jf(x)dx=26 Tinh J = [x[ f (" +1)+1]dx

0

A. 54. B. 13. C. 52.

Loi giai

=

15.

Chon D
1
Pit: t = x +1:>x.dx=§dt

Poican: x=0=>¢=Lx=2=1¢=5

1 1 ¢, 1
Khi d6 J=E![f(t)+1]dt=E!f(t)dz+5!dz=5.26+2=15.
Cho s6 phitc z=x+yi(x;y € R)thoin man (1+2i).z+z=3—4i. Tinh gia tri cia biéu thic
S=3x-2y.
A. —10. B. -13. C. -12. D. —-11.

Loi gidi

Chon B
Taco: (1+2i).z+2z=3-4i & (14+2i)(x—yi)+x+yi=3-4i & (2x+2y)+2xi =3—4i

2x=-4 y:Z

{2x+2y=3 ¥=-2
=
2

Viy S = 3.(—2)—2% =-13.

Cho hai s6 phitc z, =1+i va z, =2-3i. Tinh mo-dun ctia sb phic |z1 + 22|

A. |z, +z,|=1. B. |z, +2,|=+13.
C. |z, +z,|=5. D. |z, +z,|=5.

Loi giai
Chon B

Taco |z, +2z,|=[l+i+2-3]=[3-2i]= /3 +(-2) =13

Cho s6 phirc z thoa man z(1+2{)=4-3i. Tim s6 phic lién hop z cua z



Cau 13:

Cau 14:

- . -_ = - 2 11
A z:z—l—li B Z=—E—El Z=—2+£i Z=—+—Ii
55 5 5 - 5 5 5 5
Loi giai
Chon C
Tacc')z(1+2i):4—3i<:>z:4_31=_3_£i
1+2i 5 5
Tfrdc')suyra;:—%+£i.
5 5

Trong khong gian Oxyz, cho mit phang (P):x+y—1=0va diém A(2;0;,-1). Dudng thang
(d ) di qua 4 ddng thoi song song voi (P) va mit phing (Oxy) c6 phuong trinh la

x=2+t x=1+2¢ x=3+t x=3+¢
A (d):3y=—t . B.(d):qy=-1 . C.(d):sy=1+2t. D.(d):qy=2t
z=-1 z=—t z=—t z=1-t¢

Loi giai

Chon A
Mit phang (P) c6 véc-to phap tuyén n = (1;1;0)

Theo dé dudng thang (d) dong thoi song song v6i (P) va mét phang (Oxy) suy ra duong

thang (d ) c6 véc-to chi phuong
"= [ﬁ,ﬂ =(L-10)

Vay phuong trinh duong thing d di qua 4(2;0;-1) ¢6 véc-to chi phuong u =(1;~1;0) c6
x=2+t
phuong trinh (d):< y=—t

z=-1
r \ 14 ] 2 2
Biét rang ham s6 f(x)=mx+n théa min jf(x)dx=3, jf(x)dx=8. Khang dinh nao dung?
0 0
A.m+n=-2. B. m+n=-4. C.m+n=2. D. m+n=4.

Loi giai
Chon D




m
+n=3 m=2
Tur d6 ta c6 hé phuong trinh 2 =

om+am=8 172
Viy m+n=4.
_2x _ .
Cau 15: Biét F(x) 1a mot nguyén ham ciia ham s6 S(x)=e va F(0)= O. Gia tri cia F(In3) bang
A. 6. B.2. C.8. D. 4.
Loi giai
Chon D

Taco F(x jf (x)dx = '[“dx +C

Theo dé F(O):O<:>%+C:0c>C:——

vy )=y =57

Céu 16: Cho hinh phang (H ) gidi han boi d6 thi ham sé y = \/; , hai duong thang x=1,x =2 va truc

hoanh. Tinh thé tich khdi tron xoay tao thanh khi quay hinh phang (H ) quanh truc hoanh Ox .

5.3—”. B.i. C.2—7[. D. 3x.
2 2 3
Loi giai
Chon A

Thé tich khoi tron xoay tao thanh khi quay hinh phang (H ) quanh truc hoanh Ox la:

Ox_ﬁj ( ) dx = ITI xdx—ﬂ;

2

%(4—1) 32” (avrr)

1
Cau 17: Cho ham sd f(x) lién tuc trén doan [0;10] thoa man I;Of(x)dx = 7,J.210f(x)dx =1. Tinh
P= I;f(2x)dx
A. P=3. B. P=6. C. P=12. D. P=-6.
Loi giai
Chon A

Do [ f(x)dx="7.["f(x)dx=1=[ f(x)dx=6



. 1 1 12 6
Ta co: P=Iof(2x)dx=5L)lf(2x)d(2x)=5j0f(u)du=5=3
Céu 18: Cho ham s f(x) lién tuc trén [—1;2],]‘(—1):8,;]‘(2):—1 . Tich phan ij’(x)dx bang?

A. 9. B. 1. C. 9. D. 7.

Loi giai
Chon C

Ta c6 flf'(x)dx=f(x)|2 = f(2)-f(-1)=-1-8=-9

Céiu 19: Ho nguyén ham cua ham sé f(x) =3x" +sinx la:

A. 6x—cosx+C. B. x’ +cosx+C. C.6x+cosx+C. D.x’—cosx+C.
Loi giai
Chon D

Ta co I(3x2+sinx)dx:x3—cosx+c

Ciu 20: Trong khong gian Oxyz, cho hai diém E (—1; O;2),F (2;1; —5). Phuong trinh dudng thang EF

la:

ALy 222 g X+l vy 222 oox-l_y 242 gy x-ly_ 242
1 1 3 3 1 -7 3 1 -7 1 1 -3
Loi giai

Chon B

Ta co E': = (3; I; —7)

Puong thang EF di qua diém E (—1;0; 2) va nhan EF= (3; 1;—7) la vecto chi phuong nén

duong thang EF c¢6 phuong trinh 1a: x;rl =%= Z_72
Céu 21: Tinh mé dun cua s phuc z biét ;:(4—31')(1—1-1‘)
A. |o=5V2. B. |2|=7V2. C. || =25V2. D. |7|=2.
Loi giai
Chon A
z=(4-3i)(1+i)=4+4i-3i -3 =4+i+3=T+i
=z=7-I.

Vay |o|=]7-i|=V7* +1=+50 =5v2..
Chu 22: Cho F(x) 1a mot nguyén ham ciia ham sé f'(x) 2;2, biét F(1)=2. Gié tri ctia F(0) béng
—

A. In(-2). B. 2+In2. C.2-In(-2). D. In2.

Loi giai



Chon B

1 d(x-2
F(x)=J.f(x)dx=Iﬁdx=j%zln|x—2|+C.
F(1)=nl-2/+C=C=2=C=2.
= F(x)=In|x-2/+2
Vay F(0)=In|0-2[+2=2+In2..

Chu 23: S phitc nao sau ddy c6 diém bicu dién la M (1;-2)?

A 1-2i. B. —2-i.. C. -1-2i. D. 1+2i.
Loi gidi

Chon A

S6 phitc c6 diém biéu dién 1a M (1;-2) 1a 1-2i..

Cau24: Co6 hai gia tri cia sd thuc a la al,a2(0<a1<a2) thod man I(2x—3)dx:O. Tinh
1

T =3%+3% +log, (“—2)

a
A.T=13. B. T'=26.. C.T=28. D. T =12.
Loi giai
Chon A
[(2x-3)dx=0
1
<:>(x2—3x) '=

2 a =
<a —3a+2:0<:{
a,=2

T=31+32+log2(%)=3+9+1=13.

Cau25: Trong khong gian Oxyz, cho hai diém A(1;2;—1),B(—l;0;1) va mat phang

(P) :x+2y—z+1=0. Viét phuong trinh mat phang (Q) qua A4, B va vudng goc voi (P)

A. (Q):3x—y+z=0.. B. (Q):Zx—y+3=0..
C.(Q):x+z=0.. D. (Q):—x+y+z=0.

Loi giai
Chon A

AB =(-2;-2;2)=-2(L;1;-1)
VTPT ctia mat phang (P): e =(1;2;-1)



Vi mit phing (Q) qua 4, B va vuong goc voi (P) nén co VIPT 1a: no) = [E;ﬁ(}a)] =(1;0;1)
Mit phing (Q) qua A4(1;2;-1) va c6 VTPT n=(1;0;1) nén c6 PTTQ la:
L(x-1)+0.(y=2)+1.(z+1)=0

S x—-1+z+1=0
Sx+z=0.

x—=1 y-1 z+1
2 1

Ciau 26: Trong khong gian Oxyz , cho dudng thing (d): nhan vecto u(a;2;b) lam

vec-to chi phuong. Tinh a+5b.

A. -8. B. 4. C. 8. D. 4.
Loi giai

Chon C

x—=1_ y-1 z+l

Duong thing (d): 5 1 5

nhin vecto ﬁ(a;Z;b) lam vecto chi phuong

2 b a=4
= .
1 2 b=4

S ug (2;1;2),12(a;2;b) cung phuong < % =

Vay a+b=8.

b
CAu 27: Véi a,b 1a cac tham sb thuc. Gia tri j(3x2 —2ax—1)dx béng

0

A. b’ +b’a+b. B. 3b> —2ab -1 C.b*—ba’-b. D. b’ -b’a-b.
Loi giai
Chon D
b

Ta co: I(3x2 —2ax—1)dx=(x3 —ax® —x)b

0
0

=b’—ab’>-b.

Céau 28: Goi S 1a dién tich hinh phang gidi han boi cac d thi ham s6 y=x—3x va y=x. Tinh S.

A. §=8. B. S=4 C.§=0. D. S=2.
Loi giai
Chon A
x=0
Phuong trinh hoanh d¢ giao diém x* —3x=x < X’ —4x=0< | x =2
x=2

Tacod: S= j|x3 —4x|dx: f(f —4x)dx—j(x3 —4x)dr=8.
) -2

0

3
Tz 2 .
Cau 29: Biet Ix+ dx=a+blnc, véi a,b,ceZ,c<9.Tinh S=a+b+c
X

A. S=6. B.S=5 C. S=8. D.S=7.
Loi giai



Cau 30:

Cau 31:

Cau 32:

3

3
x+2dxzj(l+£)dx:(x+2ln|x|)| —2+2In3=a+blnc.
X X

1

3
Ta co: I
1 1
=a=2,b=2,c=3=>5=7.
Trong khong gian Oxyz, goi (S ) la mit cau di qua 4 diém
A(2;O;0),B(l;3;0),C(—1;0;3),D(1;2;3). Tinh ban kinh R cta mit ciu (S)
A. R=+6. B. R=6 C.R=242. D. R=3.
Loi giai
Chon A
Goi phuong trinh mit cdu (S)lé: X +y +z2°=2ax—-2by—2cz+d =0

(PK: a*+b>+c*—d >0).

4—4a+d=0 —4da+d=-4

1+9-2a-6b+d =0 —2a-6b+d=-10
Vi 4,B,C,De(S) taco: =

149+2a—-6¢c+d =0 2a—6¢c+d =-10

1+4+9-2a—-4b—6¢c+d =0 —2a—-4b—-6c+d =-14

0
1
| (thoa man). Viy R=~a’+b*+c*—d =J0+1+1+4=+/6.

—4

NS
Il

Trong khong gian Oxyz , cho diém A4(2;-3;5). Tim toa do A" ddi ximg véi A qua truc Oy .

A, A'(-2-35). B. £(-2-3;-5).  C. 4(2:35). D. A4'(2-3-5).
Loi giai

Chon B

Goi H 1a hinh chiéu vuong goc ctia 4 1én truc Oy . Khi d6, H (0;—3;0) .

A' dbi xtmg voi A qua truc Oy < H 14 trung diém ciia 44’ = A'(-2;-3;-5).

Cho hinh phing (H ) gi6i1 han boi cac duong y=+/tanx,y=0,x=0,x = % quay quanh truc Ox

. Tinh thé tich vat thé tron xoay dugc sinh ra.

A. 7ln2. B.Z. c *i2 p. ZIn3
4 2 4
Loi giai
Chon C
Thé tich vat thé tron xoay dugc sinh ra I3
V= zi(\/@)z dx = ﬂitanxdx = —7r.ln|cosx||§ = 7[12112 .
0 0



Céu 33: Trong khong gian Oxyz, cho diém G(1;4;3) . Mit phing nao sau day cat cac truc Ox, Oy, Oz
lan luot tai 4,B,C saocho G 1a trong tam tr dién OABC?

x y z
A. (P):12x+3y+4z—-48=0. B. (P):—+—+—=1.
A. (P):12x+3y+4z ()3+12+9
x y oz

A(AP):—+=—+—=0.D. (P):12x+3y+4z=0.
C()4+16+12 0 () x+3y+4z

Loi gidi
Chon A
Goi A(a;0;0),B(0;5;0),C(0;0;c) véi ab.c #0.Khi do, phuong trinh mit phang can viét co

dang LRI

a b ¢

Vi G(l;4;3) 1a trong tam cua t&r dién OABC nén

Xo+ X, +X,+X,
X; =
4 a=4
G=yo+yAZyB+yc:> h=16
c=12
Zo+z +zZp+2,
Z; =
4
< M A Ay \ X y z
= mat phang can viét ¢c6 phuong trinh: Z+E+E:1<:>12x+3y+4z—48:0.

. 2 .
Cau 34: Cho s0 phuc z thod man (1—\/51') z=4-3i. Modun ctia z bing

AL B. 2. c.t .2
5 2 5 4

Loi giai

Chon D

(1-V3i) z=4-3i & (-2-243i)z=4-3i

=2 2431 2| =fa-3i = 2] =2

Céau 35: Ho nguyén ham cta ham s6 f(x)=¢"" la

A. e+ C. B. 2¢”7 +C. C. %ex +C. D. %ez"_l +C.
Loi gidi

Chon D

R 1,
Jf(x)dxzjez ldxzzj.e2 1d(2x—1)—5e2 '+ C.

Céu 36: Cho s6 phtc z =2 —3i . S6 phtc lién hop cua sé phirc z 1a
A z=3+2i. B. z=2+3i. C.z=3-2i. D. z=-2-3i.



Cau 37:

Cau 38:

Cau 39:

Loi giai
Chon B
S6 phurc lién hop ciia sé phuc z 1a z=2+3i.
Trong khong gian Oxyz, cho cac diém A(3;—4;0),B(—1;1;3),C(3;1;0) . Tim diém D trén truc
hoanh sao cho 4D = BC.

A. D(-2;1;0),D(—4;0;0). B. D(12;0;0),D(6;0;0).

C. D(0;0;0),D(-6;0;0). D. D(0;0;0),D(6;0;0).
Loi giai

Chon D

Goi D(a;0;0).

2 2 a-3=3 a=6
Do AD=BC=(a-3) +16=16+9 < (a-3) =9<:{ 3@[
a-3=-

Vay D(0;0;0),D(6;0;0).

Cho hinh phang (H ) gi6i han béi duong cong y=+vm® —x* (m la tham s6 khéc 0) va truc
hoanh, khi hinh phang (H ) quay quanh truc hoanh duogc khéi tron xoay c6 thé tich ¥ . Co bao

nhiéu gia tri nguyén m dé ¥ <10007 .

A. 18. B. 20. C. 21. D. 19.
Loi giai
Chon A
- 3\|m 4m[
Ta co Vzﬂj-(mz—xz)dx: mzx—x— =7z.l|.
et 3 )l-m 3

. 47r|m|3
bé ¥V <10007r < T <1000 .

& |m| <750 < =750 <m <750 < 9,08 <m <9,08.
Do m#0 va meZ nén co6d 17 gia tri thod man.
Trong khong gian Oxyz , mit ciu (S) di qua diém O va cit cac truc Ox,Oy,Oz lan luot tai cac
diém A,B,C khac 0 thoa min AABC co trong tam la diém G(—6;—12;18). Toa do tam [ cua
mit cau (S) la
A. 1(-9;-18;27). B. 1(9;18;-27). C. 1(-3;-6;9). D. 1(3;6,-9).
Loi giai
Chon A
Goi A(a;0;0),B(0;5;0),C(0;0;¢) véi a,b,c>0,khi d6 a=-18,b=-36,c=54.
Goi I(x;y;z),do IA=IB=IC=10



Cau 40:

Cau 41:

Cau 42:

(x+18) +y* + 22 =x* +(y+36)" +2° r=-9 =9
nén {(x+18) +y* +2 =x* + > +(z-54)’ & {36x-72y=972 <{y=-18.
(x+18)2+y2+22=x2+y2+22 36x+108z =2592 z=27
Goi S 1a tong cac sb thuc m dé phuong trinh z> —2z+1-m =0 c6 nghiém phirc thod man
|z2[=2. Tinh S .
A. §=10. B. §=6. C. S=7. D. §=-3.

Chon C
Taco A'=m.

m
* m20:>|z|=2<:>z=i2,khid(’)[ 9(t/m).
m =

* m<0,khidé z=1%iv-m = |z|=21-m=4< m=-3 (Vm).
Vay S=1+9-3=7.
Trong khong gian Oxyz cho miat phang (P):3x—-3y-2z—15=0 va ba diém
A(1;4;5); B(0,3,1); C(2;—1;0) . Tim toa d6 diém M e (P) sao cho MA* + MB> + MC? ¢6 gia tri
nho nhét.
A. M(4;-1;0). B. M(-4;-1;0). C. M(1;-4;0). D. M(4;1;0).
Loi giai
Chon A
Goi diém / thoa méin IA+IB+1C =0 suy ra / latrong tdm tam giac ABC, suy ra 1(1;2;2)
Tacd P=MA>+ MB* + MC? =3MI* + 2MI(IA+ IB + IC) + I4*> + IB* + IC?
Suy ra P=MA* + MB*> + MC* =3MI* + 14> + IB* + IC®

Pmin < MImin < M la hinh chiéu vudéng goc cta I 1én mit phang
(P):3x-3y—-2z—-15=0

C6 dudng thang MI di qua I va vudng goc mit phang (P):3x—3y—2z—15=0

x=1+3¢
Suy ra phuong trinh M7 :3y=2-3t = M(1+3£2-3t;2-2¢)
z=2-2t

Do M €(P) nén t=1= M (4;,-1,0)

Trong khong gian Oxyz cho mat phiang (P):2x+6y+z—3=0cat truc Oz va duong thang

d: XIS :%z 2_16 lan luot tai Ava B. Phuong trinh mat cAu duong kinh AB la:
A (x=2) +(y+1)’ +(z=5)"=36. B. (x+2)+(y=1>+(z+5)*=9.
C. (x-2+(y+1)?*+(z-5)"=9. D. (x+2) +(y =1 +(z+5)°=36.

Loi giai
Chon C



Mit phang (P):2x+6y+z—3=0cét truc Oz tai 4 suyra A4(0;0;3)

va mit phiang (P):2x+6y+z—3 =0 cit duong thang d : XIS :§: 2:16 tai B suyra
B(4,-2;7)

Phuong trinh mit ciu duong kinh AB ¢6 tim 1a trung diém 4B 1a I(2;—1;5) va ban kinh
R= %AB =3,

Phuong trinh mét ciu duong kinh AB: (x—2)* +(y+1)* +(z=5)* =9
Cau 43: Trong khong gian Oxyz, cho diém E(2;1;3), mit phing (P):2x+2y-z—-3=0 va mit ciu

(S):(x—3)2 +(y—2)2 +(z—5)2 =36.Goi A 1a duong thang di qua E , nam trong (P) va cit (S)
tai hai diém c6 khoang cach nhé nhét. Phuong trinh dudng thang A 1a

x=2+t x=2-5¢ x=2+4 x=2+9¢
A A:qy=1-t¢ B. A:iy=1+3¢ C.A:5y=1+3¢ D. A:qy=1+9¢
z=3 z=3 z=3-3¢ z=3+8t
Loi giai
Chon A

. g?

(S) c6 tam 1(3;2;5) vabankinh R=6.
Taco: IE =(~1;-1;-2),/E =/6 < R.

d(],(p)):|6+4;5_322<13_

22 +2°+1 3

Taco: AB = Zm.

MaHK <HE, AB_, < HK__ =HE
Dau " ="xay ra khi va chi khi K = E

Suy ra: A L (IHE)=>u, =| ny, IE | = (1;-1;0) vadi qua £(2;1;3)

xX=2+t
Viay A:qy=1-t.
z=3



Cau 44:

Cau 45:

Trong khong gian Oxyz, cho mit cau (S): (x—l)2 +(y—1)2 +(z—1)2 =1 va diém A(2;2;2). Xét

diém M thudc (S ) sao cho dudng thing AM Iuén tiép xuc voi (S ) Piém M thudc mit phing co

phuong trinh la

A.x+y+z-4=0 B. 3x+3y+3z-8=0 C. x+y+z-6=0 D. 3x+3y+3z-4=0
Loi giai

Chon A

Tacé (S) c6 tam (L;1;1) va ban kinh R=1.

Lai ¢6 14 =(1;1;1)= I4=+/3 > R = A nim ngoai mat cau ().
Xét tam gidgc IAM vudng tai M ta co: AM =~I4* — IM* = 2.

= M thude mat cau (S') ¢ tim A(2;2;2),R'=2=(S"):(x—2) +(y-2)" +(z-2)" =2.
=M e(S)n(S")

= M (x;y;z)la nghiém ciia hé
{<xl>2+<y1>2+<zl>2=1 Q{x2+y2+zz—2x—2y—2z+2=0 242y +27-820
(x=2) +(y-2) +(z-2)=2 ¥ +y +2"—4x—4y-4z+10=0
:>Me(a):x+y+z—4:0.
Trong khong gian Oxyz, c6 tit ca bao nhiéu gia tri nguyén cuia m dé phwong trinh
¥+ y? 422 +2(m+2)x—2(m—1)z+3m* ~5=0 1a phuong trinh mot m3t ciu?
A.5. B.7. C.6. D. 4.

Loi giai

Chon B

Phuong trinh trén 14 phuong trinh mat cu khi:
(m+2)% +(m=1) =(3m% =5) > 0 = + 2m +10> 0 & 1 =TT <m <1411

Do m nguyén nén c6 7 gid tri m thoa man yéu cau bai toan.



CAu 46: Cho parabol (P):y= x> va mot dudng thing (d) thay doi cét (P) tai hai diém 4,B sao cho
AB=2021. Goi S la dién tich hinh phang giéi han boi (P) va duong thing (d ) Tim gia tri
16n nhat ctia S,y -

3 3 3 3
2021° -1 2021 20217 +1 2021
A Spay = B Sy = G Sy = T DL Sy =
6 3 6 6
Loi giai
Chon D
Gia st A(a;az), B(b;bz) (a<b) sao cho 4B =2021.

Khi d6 phuong trinh duong thing AB:y = (a + b)x —ab . Nén:

S:ﬂ(a+b)x—ab—x2‘dx:?[(a+b)x—ab—x2de:%(b—a)3

a

2
Do (b-a)’ +(b” -a?| =2021% <:>(b—a)2(1+(b+a)2) =2021% nén (b—a)* <2021

3 3

2021 2021

=|b-al=b-a<2021=5< 0 . Vay Smaxz_03
Déu béng xay ra khi: a=—20221, b= 20221

Cau 47: Biét F(x) la mot nguyén ham ctia ham sé f(x)=2" va F(0)= % Tinh gia tri biéu thirc
n

T=F(0)+F(1)+F(2)+F(3)+..4+F(2020)+ F (2021)+ F (2022).

2022 2022 2023
A. T =2221202 Br=2_-1 c.r=2_*1 D.7=2_—!
In2 In2 In2
Loi giai
Chon D
Taco f(x)=2' = F(x)= 2=+ C mi F(0)=—— = F(x) ==
In2 In2 In2
Taco T :F(O)+F(1)+F(2)+F(3)+...+F(2020)+F(2021)+F(2022)
B 20 N 21 . 22 N 23 . +22020 +2202] +22022 B 1+21+22+23+”'+22020+22021+22022
In2 In2 In2 In2 ~~ 2 2 In2 In2
(1420422 4204+ 22704 2271 427 ) (2-1) g2 4
- In2 2
Cau 48: Cho hai s6 phitc z,, z, thoa man |———|=1; |—2""| =\/2_ Gié trj nho nhét cia |z, - 7|
z,+2-3i z,—1+i
la:
A N2, B. 242. C.2-1. D. 1.

Loi giai



Chon B
z,—1

_— :1c>|zl—i|:|zl+2—3i|
z,+2-3i

Khi d6 tap hop diém biéu dién sb phuc z, 1a duong trung truc d ciia doan thang AB véi 4 (O; 1)
va B(—2;3) =d:x—-y+3=0.

1 \/7<:>|Z +l|— 2|Zz—1+i|

Dat z, =x+ yi, khi do:

|x+yi+i|=x/§ '—l+i|<:>x2+(y+1)2=2(x—l)2+2(y+l)2<:>x2+y2—4x+2y+3=0

Khi d6 tap hop diém biéu dién sb phuc z, 1a duong tron tam /(2;~1) va ban kinh R =~/2 .
2—(-1)+3

Ta c6 d(l,d)zwz3\/5>R nén |z, —z,|>|d (1,d) - R|=2V2.

2
Ciu49: Cho ham sé f(x) xac dinh trén R\{l} théa man f’(x):%, £(0)=2021, £(2)=2022.
-

Tinn 5=/ )=/ (1),

A. §=2021. B.S=1. C. S=1n2022. D. S =1n4043.
Loi giai
Chon B
3
Taco S=/(3 =] (x)de+£(2 [ jf )
2

Céu 50: Co bao nhiéu gia tri dwong ctia s6 thuc a sao cho phuong trinh z2 + 3z+a*—2a=0 cb nghi¢m
phtic z, v6i phan ao khac 0 thoa min |zo| =37
A. 2. B. 1. C.3. D. 4
Loi giai
Chon B

Do z, v6i phan do khac 0 nén z, nén z, khong phai la so thyec:

=—1(/
Khi d6 a2—2a:|zo|2<:>a2—2a:3<:>a2—2a—320©{a )

Véi a=3,taco ZZ+\/§Z+3=O<:>Z——i—i.



Cau 1:

Cau 3:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 27 (100TN)

Trong khong gian Oxyz , cho hai diém M (1;0;1) va N(3;2;-1). Duong thing MN c6 phuong

trinh tham s 13

x=1+2¢ x=1+¢ x=1+¢ x=1-¢
A. y=2[ . B. y=t C. y=t D. y=t
z=1+t¢ z=1-t z=1+t¢ z=1+t¢

Cho ham s6 y = f(x) xédc dinh va lién tyc trén doan [@;5]. Dién tich hinh phing gi¢i han boi

dd thi ham sé y = f(x), truc hoanh va hai dudng thing x=a, x =5 dugc tinh theo cong thirc

D. S:jj|f(x)|dx.

Trong khong gian Oxyz, cho mit phang (&):3x+2y—4z+1=0. Mot véc-to phap tuyén cia
() 1a

A. n, =(3;2;4). B.n,=(3%2-4). C.n=(3-41). D.n=(2-41).

Trén mat phang toa do, biét M (-3;1) 1a diém biéu dién s6 phirc z . Phan thuc ctia z bang

A. 3. B. 1. C. 3. D. 1.

Trong khong gian Oxyz, cho diém M (1;—2;3) va mat phang (P):2x—y+3z+1=0. Phuong

trinh ctia duong thing di qua M va vudng goc véi (P) la

x=—1+2¢ x=1+2¢ x=1-2¢ xX=2+t
A Jy=2—¢ B.<y=-2-¢. C.iy=-2-¢. D.{y=-1-2¢.
z=-3+3¢ z=3+3¢ z=3-3¢ z=3+3¢

Trong khong gian Oxyz, cho ba diém A(1;0;1), B(1;1;0) va C(3;4;-1). Buong thang di qua

A va song song v6i BC c6 phuong trinh 1a

AL x—lzlzz—l_ B. x+1=1=z+l. C. x—lzlzz—l. D. x+l=1=z+1
4 5 -1 2 3 -1 2 3 -1 4 5 -1
Phan thuc ctia sb phitc z=3—4i bang
A. 3. B. 3. C. 4. D. 4.
2 2
[[47 () -2x)dx =1 [reoar
Cho ! .Khido 1 bang
A. —1. B. 3. C. 1. D. 3.

Cho hai sé phitc Z=4+2i v w=1+1 Modun ctia s6 phirc Z-W bing



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

A 242 B. 2,10 C. 40. D. 8.
Trong khong gian Oxyz , hinh chiéu vudng goc cia diém M (2;1;—1) trén truc Oz co toa do 1a

A. (0;1;0). B. (2;0;0). C. (2:1,0). D. (0;0;-1).

2

Biét F(x)=x" 12 mot nguyén ham cia ham s6 £ (x) trén R. Gid tri cua J[2+f(x)]dx bang
1

A. 5. B.Z. C. 3. D.E.

3 3
Trong khong gian Oxyz , mat phang (Oxz) c6 phuong trinh 1a
A. z=0. B. y=0. C.x+y+z=0. D. x=0.
Ho tAt ca nguyén ham ctia ham s6 f'(x)=2x+4 1a
A. 2x*+C. B. X’ +4x+C. C. 2x" +4x+C. D. x*+C.

Trong khong gian Oxyz , cho mit cau (S):(x—l)2 +(y+2)2 +(Z—3)2 =16. Tam cta (S) co

toa dd la
A (-2:3). B. (1,2:3). C. (~1;-2;-3). D. (-1;2;-3).

Goi z, 1a nghiém phirc ¢6 phan 4o dwong ciia phuong trinh z* —6z +13 = 0. Trén mit phang toa

do, diém bi€u dien so phuc 1-z; 1a

A. Q(4-2). B. P(-2;-2). C. N(42). D. M (-2;2).

S6 phtc lién hop ctia s6 phirc z=2+i 1a

A.z=-2+i. B.z=2+i. C.z=2-1. D.z=-2-i.

Trong khong gian Oxyz , cho duong thang d : x—3 =7 __54 =z +l . Mot vecto chi phuong cua d
la

A. uy =(2:53). B. u, =(3;41). C.u,=(24-1).  D.u =(2-53).

Cho hai s6 phirc z, =—-3+i va z, =1—i. Phan do cta so phurc z, +z, bang

A. =21 B. -2. C. 2i. D. 2.

Goi z,, z, la hai nghiém phtic cua phuong trinh z*> +z+3=0. Khi d6 |z1 | + |22| bang

A. 3. B. 2./3. C. 3. D. 6.

o [r(x)ae=1 [r(x)dc
Néu [ f(x)dxr=-2 va thi 1 bing



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

A. -1. B. 1. C. 7. D. 12.
Trong khong gian Oxyz , cho hai diém A4(-1;0;1) va B(2;1;0). Viét phuong trinh ciia mét phang
(P) di qua 4 va vudng goc v6i dudng thing AB .

A. (P):3x+y—z+4=0. B. (P):3x+y—-z-4=0.
C.(P):3x+y—z=0. D.(P):2x+y-z+4=0.

Biét F(x) 1a mot nguyén ham cua ham s6 f (x)=sin’ xcosx va F(0)=7. Tinh F(%) .

A Fl El=7. Br[Z)-_ti, crlZl=Lis b F[E)o_:.
2 2) 4 2) 4 2

Trong khong gian Oxyz, cho hai diém 7(1;1;1) va A4(1;2;3). Phuong trinh mit cau tam / va di

qua 4 la
A (x+1) +(y+1) +(z+1)" =5. B. (x—1)’ +(y—1)" +(z-1)" =25.
C. (x=1) +(y-1)" +(z-1)" =5. D. (x+1)" +(y+1)" +(z+1)" =29.

Dién tich S cta hinh phang giéi han béi cac duong y =2x*, y=-1, x=0 va x=1 dugc tinh

bdi cong thire

A. S :ﬂ_i.(2x2 +1)dx. B. S =j(2x2 +1)dx.

0 0

C. S:j(zxZ—l)dx. D. §=[(2x +1)2dx.
0

[

Ho tt ca cac nguyén ham ciia ham s f(x) = x(1+sinx)la:

2 2
X . X )
A. ——xsinx—cosx+C. B. ——xcosx—sinx+C.
2 2
x° x?
C.T—xsinx+cosx+C. D.;—xcosx+sinx+C.

Cho F(x) 1a mdt nguyén ham cia ham sé f(x)=e" +2x théamin F(0)= % Tim F(x)?

A.F(x):e"+x2+%. B.F(x):2ex+x2—%.
X 2 5 x 2 3
C.F(x):e +x +E. D. F(x)=e +Xx +E.

x—=2 =y—6 _ Z+2Vé1

Trong khéng gian Oxyz, cho hai duong thing chéo nhau d,: 5 "

x=4 y+l z+2
1 3 -2
duong thang d,la:

d, . Phuong trinh mit phang (P) chita duong thang d, va song song voi



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

A. x+4y+6z-12=0. B. 2x+y—-6=0.
C. x+5y+8z-16=0. D. x+5y+8z+16=0.

Trong khong gian Oxyz , toa dd mot vecto n vudng goc vé6i ca hai vecto a = (L1;-2), b= (1,0;3)
la

A (2;3-1). B. (3;5-2). C. (2-3;-1). D. (3;-5;-1).

Trong khong gian Oxyz, cho diém M (2;-1;4) va mit phang(P):3x -2y +z+1=0. Phuong
trinh ctia mat phang di qua M va song song v4i mit phang (P) la

A. 2x—2y+4z-21=0. B. 2x—2y+4z+21=0.
C.3x—-2y+2z-12=0. D. 3x-2y+z+12=0.

Goi 4,B lan luot 1a cac diém biéu dién cia cac sd phttc z, =14 2i,z, =5—i. Tinh d¢ dai doan
thang AB

A. S, B. 5 ++/26. C. 25. D. \/37.

Cho s6 phirc z théa man (3+2i)z+(2 —i)2 =4+ . Hi¢u phan thyc va phan o cta s6 phtic z
la
A. 3. B. 2. C.1. D.O.

Trong khong gian Oxyz, cho hai diém A(2; 4;1) , B(—2; 2;—3). Phuong trinh mat ciu duong
kinh 4B la

2 2 2

A X +(y+3) +(z-1) =9. B. x’+(y-3) +(z+1) =36.
C. X +(y-3) +(z-1) =36. D. X +(y+3) +(z-1)" =9.
6 2
[£(x)dx=12 I=[f(3x)dr
Cho © . Tinh 0 .
A. 1=6. B. I=36. C.1=2. D.I=4.
3lnx+1 x o N
Cho tich phan I = I dxnéu dat ¢ =In x thi
A I= j3t+4 B. I=j(3t+1)dt. C. I=j.3t+ldt. D. I=j(3t+l)dt.
1 0 € 0
Tim toa do diém M la diém bi€u dién sb phirc z biét z thoa man phuong trinh (1+i)z =3-5i

A. M(1;4) B. M (-1;-4) C. M(-1;4) D. M (1;-4)

Tim a,b e R d& z=1-2i 1a nghiém cua phuong trinh z* +az+b=0



Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

a=2 a=-2 a=-2 a=2
A. B. C. D. .
b=5 b=-5 b=5 b=-5
Trong khong gian Oxyz , cho diém A(l; 1;2) , B(3; 2;—3) . Mt ciu (S) co tam / thudc Ox va

di qua hai diém 4, B c6 phuong trinh

A X+ +2° —4x+2=0. B. x’+)°+z" +8x+2=0.
C.x"+y" +z—-8x+2=0. D. x*+y’+2z°-8x-2=0.
Cho s6 phirc z thoa |Z—1+2i|=3. Biét rang tap hop cac diém biéu dién cua sb phirc w=2z+i

trén mat phang toa do 1a mot duong tron. Tim tim cia duong tron d6

A. I(L;1). B. 1(2;-3). C. I(0;1). D. I(1;0).
S5x+12
Bi tj.4dx aln2+bIn5+cn6. Tinh S=3a+2b+c
X +5x+6
A. —14. B. 3. C. 2. D. —-11.

Cho I:'s[f(x)dx:26. Khi d6 sz.x[f(x2+1)+l x bing
1 0

A. 54. B. 52. C. 15. D. 13.

Trong khong gian Oxyz, cho hai diém 4(2;4;1), B(-1;1;3) va mat phang (P):x—3y+2z-5=0.
Lap phuong trinh mét phang (Q) di qua hai diém 4, B va vudng goc v6i mit phiang (P)

A. 2y+3z-11=0. B. 2x-3y—11=0. C.x-3y+2z-5=0. D.3y+2z-11=0.
Dién tich hinh phing gii han boi d6 thi ham sé y=x? —4 va y = 2x—4 bang

Az B2
3 3

C. 36r. D. 36.

Trong khong gian Oxyz, cho A(L,—1;3) va hai dudng thing d12x14=y;r2=z—21’

x-2 y+1_z-1

d,: R . Phuong trinh dudng thang qua 4, vudng goc véi d, vacat d, la
AL x—1:y+1:z—3' B. x—1:y+1:z—3‘

2 1 3 4 1 4
C. x—1:y+1:z—3‘ D. x—1:y+1:z—3‘

-1 2 3 2 -1 -1
Trong khong gian Oxyz, cho hai diém A(I;O' ) ( ) Dién tich tam giac OAB bang
A6 B. V1. g D.g.

Trong khong gian Oxyz, cho diém M (1; 2;3). Viét phuong trinh mat phang (P) di qua M cét
cac truc toa do Ox, 0y, 0Oz lan luot tai 4, B,C sao cho M 1a trong tAm cua tam giac ABC.



Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

A. (P):6x+3y+2z—18:0. B. (P):6x+3y+2z—6=0.
C. (P):6x+3y+22+18=0. D. (P):6x+3y+2z+6=0.
Trong khong gian Oxyz, cho diém H (1;2;-2). Mét phang (&) diqua A cét céc truc Ox, Oy, Oz
tai 4,B,C saocho H la truc tim tam gidc ABC . Viét phuong trinh mit cau tim O tiép xtc voi

mit phing (o).
A. X" +y +2° =81. B. x’+y*+z* =1.
C.x"+y*+2z°=9. D. x> +y*+2° =25.

Trong khong gian Oxyz, cho mit cu (S):(x—l)2 +(y—2)2 +(z—3)2 =1 va diém A4(2;3;4).
Xét diem M e(S) sao cho duong thang AM tiép xtc voi (S), M ludn thudc mat phang co
phuong trinh la:

A. x+y+z-7=0. B. 2x+2y+2z+15=0.
C. 2x4+2y+2z-15=0.D. x+y+z+7=0.

Cho ham sé y = f(x) c6 do thi nhu hinh v& va dién tich hai phan 4, B lan luot bang 11 va 2

A

Y,

y=f(x)

-9 . 1/ =
/ [9)

0
Giatricua [ = jf(3x+1)dx bang
I

A. 3. B. 13. C. —. D. 9

Cho ham sb £ (x) lién tyc trén [0;1] théa man f(x)=x’+ Ix3f(x2)dx. Gia tri cua biéu thire

0

1=jf(x)dx bang

A2 B2 c. 2 p. 2.
60 20 84 40

. N LA A 5 7 A ’ A ) r A M 1 )
Goi S 1a tap hop tat ca cac so phirc z sao cho so phic w= c6 phan thuc bang R Xét

|z| -z
’ A ’ 5 ~ .7 c 17 A 5 .12 .12
cac sb phic z,,z, € S théa mén |z, —z,|=3, gid tri 16n nhat cia P =|z, —3+4i| |z, -3 +4i

bang



A.12.

B. 15.

D. 30.



BANG DAP AN
1.B 2.D 3.B 4.A 5.B 6.C 7.A 8.C 9.B 10.D

11.A 12.B 13.B 14.A 15.B 16.C 17.D 18.D 19.B 20.A

21.A 22.C 23.C 24.B 25.D 26.A 27.C 28.D 29.C 30.A

31.D 32.B 33.D 34.D 35.C 36.C 37.C 38.B 39.D 40.C

41.A 42.B 43.D 44.C 45.A 46.C 47.A 48.A 49.A 50.D

HUONG DAN GIAI CHI TIET

Cau1: Trong khong gian Oxyz, cho hai diém M (1;0;1) va N(3;2;—1). Dudng thing MN c6 phuong

trinh tham s 1a

x=1+2¢ x=1+¢ x=1+t¢ x=1-—t¢
A ly=2¢t . B.:y= ) C. y=t . D.{y=¢
z=1+t¢ z=1-t¢ z=1+t¢ z=1+¢
Loi giai
Chon B

Tacd MN =(2;2;-2)=2(L;1;-1).
x=1+t¢
Pudng thang MN c6 phuong trinh tham s6 13 y=t
z=1-t.
Chu2: Chohamsd y = f(x) x4c dinh va lién tuc trén doan [a;b]. Dién tich hinh phing gi6i han boi
d6 thi ham s6 y = f (x), truc hoanh va hai dudng thang x =a, x =b duoc tinh theo cong thirc
b b a

A.S=[f(x)dr. B.S=—[f(x)dx. C.8=[|f(x)|dx. Q.S=i|f(x)|dx.

a a b
Loi giai
Chon D
Dién tich hinh phang giéi han b&i d6 thi ham s6 y = f(x), truc hoanh va hai duong thing x=a, x=b

b
dugc tinh theo cong thirc S = I | f (x)|dx.

Chu3: Trong khong gian Oxyz, cho mit phing (a):3x+2y—4z+1=0. Mot véc-to phap tuyén cia

() 1a

A. n, =(3;2;4). B. n,=(3;2;-4).  C.n=(3-41). D. n, =(2;-4;1).
Loi giai

Chon B

Mot véc-to phép tuyén cta (@) 1a n, =(3;2;-4).



Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Trén mit phang toa do, biét M (-3:1) 1a diém biéu dién s6 phirc z . Phan thuc ciia z bang

A 3. B. 1. C.3. D. 1.
Loi gidi

Chon A

M (-3;1)= z=-3+i. Vay phan thuc cla z bang -3.

Trong khong gian Oxyz, cho diém M (1;,-2;3) va mit phang (P):2x—y+3z+1=0. Phuong

trinh ctia dudng thang di qua M va vudng goe véi (P) 1a

x=—1+2¢ x=1+2¢ x=1-2¢ x=2+t
A iy=2-t . B.{y=-2-¢. C.iy=-2-t. D.{y=-1-2¢.
z=-3+3¢ z=3+3¢ z=3-3¢ z=3+3¢
Loi giai
Chon B

Duong thing can viét di qua M (1;-2;3) vanhan n(r) =(2;-1;3) lam vecto chi phuong nén c6

x=1+2t
phuong trinh 1a: < y=-2—¢.
z=3+43t

Trong khong gian Oxyz , cho ba diém A(L,0;1),B(1;1,0) va C(3;4;—1). Duong thang di qua

A va song song véi BC c6 phuong trinh 1a

C.

x—1 X_Z—] B x+l_l_z+1
s ; . 3 -

x—1
-1 2 2
Loi giai

W <
N
I
i
=
+

Il
<

|
N
+
_

Chon C
Puong thiang can viét di qua A(l; 0; 1) vanhan BC = (2;3;—1) lam vecto chi phwong nén co6

X x—=1 y z-1
huong trinh la; —— === .
P 8 2 3 -1

Phén thyc cta sb phirc z=3—4i bang

A.3. B. -3. C. 4. D. 4.
Loi gidi
Chon A
2 2
[[4£ () —2x])dx =1 [feode
Cho ! .Khido bang
A. 1. B. -3. C.1. D. 3.
Loi gidi

Chon C



j[4f(x)—2x]dx=1<:>4jf(x)dx—i2xdx=1<:>4_|%f(x)dx—3=1 <:>f[f(x)dx=1.

Cau9: Cho hai s6 phac Z2=4+2i vy w=1+i Maodun cua sd phitc ZW bang

A. 242, B. 2410 C. 40. D. 8.
Loi giai

Chon C

Tacd: w=1+i=w=1-i.

zw=(4+2i)(1—i)=6-2i = |Z.v_v| = /6% +(=2)? =24/10.

Cau 10: Trong khong gian Oxyz , hinh chiéu vudng goc cua diém M (2;1;-1) trén truc Oz co toa do la

A. (0;1,0). B. (2;0;0). C. (2:1;0). D. (0;0;-1).
Loi giai

Chon D

Hinh chiéu vudng goc cua diém M (2;1;-1) trén truc Oz co toa do la (0;0;-1).

2

Cau 11: Biét F(x)=x" la mit nguyén ham ctia ham s f(x) trén R. Gia trj clia I[2+f(x)]dx bing
1

A. 5. B.Z. C. 3. D.E.
- 3 3

Loi giai
Chon A
2
1

=5.

2
Taco [[2+f(x)]dr=(2x+x")
1
Céu 12: Trong khong gian Oxyz , mit phing (Oxz) c6 phuong trinh la

A. z=0. B. y=0. C.x+y+z=0. D. x=0.
Loi giai
Chon B
Mt phang (Oxz) 6 phuong trinh 1a y =0.

Céau 13: Ho tat c4 nguyén ham ctia ham s f(x)=2x+4 1a

A. 2x°+C. B. ¥’ +4x+C. C.2x" +4x+C. D. x*+C.
Loi gidi
Chon B

2

[(2x+4) dx:2.%+4x+C:x2+4x+C.



Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Trong khong gian Oxyz , cho mit cau (S):(x—l)2 +(y+2)2 +(z—3)2 =16. Tam cua (S) co

toa dd la

A. (1,-2;3). B. (1;2;3). C. (-1;,-2;-3). D. (-1;2;-3).
Loi giai

Chon A

(S):(x—l)2 +(y+2)2 +(z—3)2 =16 ¢co6 tm ](1;—2;3).

Goi z, 1a nghiém phtrc ¢6 phan 4o dwong ctia phuong trinh 7" —6z+13=0. Trén mit phing toa

do, diém bi€u dien so phuc 1-z; 1a

A. O(4-2). B. P(-2;-2). C. N(42). D. M(-2;2).
Loi giai
Chon B

z=3+2i

Z2-6z+13=0< .
z=3-2i

=z,=34+2i =>1-z,=-2-2i.

Vay diém biéu dién sb phic 1-z, 1a P(-2;-2).

S6 phtc lién hop ctia s6 phiic z=2+i 1a
A.z=-2+i. B.z=2+i. C.z=2-i. D.z=-2-i.

Loi giai
Chon C
S6 phirc lién hop ctia sé phitc z=2+i 1a z=2—i

. x=3 y-4 z+l1

Trong khong gian Oxyz , cho duong thang d : =2 s = Mot vecto chi phuong cta d
la
A. 1, =(253). B. u, =(3;41). C.u,=(24-1).  D.u =(2-53).

Loi giai
Chon D

x-3 y-4 z+1  —

M0t vecto chi phuong cua d : 5 P4 ST 3 1a u, =(2;-5;3).
Cho hai sb phirc z, =—3+i va z, =1—i. Phin 4o cua s6 phtic z, +z, bang
A. -2i. B. 2. C. 2i. D. 2.

Loi giai
Chon D

Ta o z, =—3+i Va z, =1+i=> z, +z, =—2+2i. Vdy phin a0 s phirc z, +z, bing 2.

Goi z,, z, 1a hai nghiém phirc cua phuong trinh z* +z+3=0. Khi d6 |zl|+|zz| bang



Cau 20:

Cau 21:

Cau 22:

A. 3. B. 24/3. C. 3. D. 6.
Loi gidi
Chon B
=—1++/2i
2424320 (z+1) =2=(\2i) |7 Vi
z, =—1-/2i

:>|zl|+|z2|=‘—1+\/§i‘+‘—1—\/§i‘=2\E.

3

jf(x)dx=1 if(x)dx

2
Néu _[f(x)dx:—z va 2 thi 1 bang
0
A. 1. B. 1. C.7. D. 12.
Loi giai
Chon A

2 3

Ta c6 jf(x)dxzjf(x)dx+jf(x)dx:—2+1:—1.

1 2
Trong khong gian Oxyz , cho hai diém A4 (—l; 0; 1) va B (2; L; 0) . Viét phuong trinh ctia mat phang
(P) diqua 4 vavudng gbc voi dudng thing 4B .

A. (P):3x+y—z+4=0. B. (P):3x+y—z-4=0.
C.(P):3x+y-z=0. D.(P):2x+y-z+4=0.
Loi giai
Chon A
Ta cd: AB = (3;1;,-1).
Mit phang (P) di qua A va vudng goc voi duong thing 4B nén nhan vecto AB :(3;1;—1)
lam vecto phap tuyén.
Phuong trinh tong quét ciia mit phang (P) la:
3(x+l)+1(y—0)—(z—1)=0 <3x+y—-z+4=0.

Biét F(x) 1a mot nguyén ham ciia ham s6 f(x) =sin’ xcosx va F(O) = . Tinh F(%) .

Loi gidi
Chon C
. 4
Ta cod F(x):Isin3xcosxdx:Jsin3xd(sinx): Sm X c.
. sin* |
Véi F(0)=n=C=x.Suyra F(Ej= PIRREE



Cau 23: Trong khong gian Oxyz, cho hai diém I (l; 1;1) va A(l; 2;3). Phuong trinh mat ciu tam 7 va di

qua 4 la

A (x 41 +(y+1) +(2+1)" =5 B. (x—1)" +(y—1)" +(z-1)" =25

C. (x-1)+(y-1) +(z-1)" =5 D. (x+1)" +(y+1)" +(z+1)" =29
Loi giai

Chon C

Mt chu cén tim o6 ban kinh 14 = \[(1-1)" +(2-1)’ +(3-1)’ =+5.
Khi d6 phuong trinh mit cau 1a (x—l)2 + (y—l)2 +(z —1)2 =5.
Céu 24: Dién tich S cua hinh phang gi6i han boi cac duong y=2x?, y=-1, x=0 va x=1 duoc tinh

boi cong thirc

A S= ;zj(zx +1)dx. B.S= J’(zx +1)dx.

C.S= j(zx—)dx D. S=

0

(24 +1) dx .

on_,._a

Loi giai
Chon B
S =j|2x2 —(—1)|o|x=j(2x2 +1)dx.

0 0

Céu 25: Ho tat c4 cdc nguyén ham ctia ham sé f(x) = x(1+sinx)la:

2 2
X

X ) )
A, ——xsinx—cosx+C. B. ——xcosx—sinx+C.
2 2
x’ x
C. ?—xsinx+cosx+C. D. ——xcosx+sinx+C.
Loi giai
Chon D

2

Ta co: J'f(x)dx=Ix(l+sinx)dx=J.(x+xsinx)dx=x7+jxsinxdx

o |lu=x du =dx
bat , =
dv = sin xdx V=-—COSX

= Ixsinxdx:—xcosx+Icosxdx:—xcosx+sinx+C

2

Vay If(x)dx:%—xcosx+sinx+C

Ciu26: Cho F(x) 1a mot nguyén ham cia ham sé f(x)=e" +2x théamin F(0)= % Tim F(x)?



Cau 27:

Cau 28:

Cau 29:

A. F(x)=ex+x2+%. B. F(x)=2¢"+x’ —%.

C. F(x):ex+x2+§. D. F(x)=ex+x2+%.
Loi giai

Chon A

J.f(x)dx:J‘(eerZx)dx:eerxz+C

F(O):%©1+C:%:>C:%:>F(x):e"+x2+%

x-2 y—6_ z+2
-2 1

va

Trong khéng gian Oxyz, cho hai duong thing chéo nhau d,:

x=4 y+l z+2
2 3 =2
duong thang d, la:

. Phuong trinh mit phang (P) chita duong thang d, va song song voi

A. x+4y+6z-12=0. B. 2x+y-6=0.
C. x+5y+8z—-16=0. D. x+5y+8z+16=0.

Loi giai
Chon C
Taco u, (2,-2; 1);;72 (1;3;-2) 1an lugt 1a VTCP cua hai dudng thang d, ;d,
Ta cé: [uj,@] =(1;5;8)
Vi d, =(P);d, L(P) nén ta chon mdt VTPT cua (P)la n=(1;5;8)
A(2;6,-2)ed, = A€(P)
Phuong trinh mp (P)la: 1(x—2)+5(y—6)+8(z+2)=0< x+5y+8z-16=0. (1)
Lay B(4; -1 —2) €ed,,ta thdy toa do ctia B khong thoa phuong trinh (1) nén mit phang (P)
thoa dé bai.

Trong khong gian Oxyz , toa o mot vecto n vuong goc voi cd hai vecto a= (1;1;—2), b= (1;0;3)

Ia

A (2;3;-1). B. (3;5-2). C. (2-3;-1). D. (3;-5;-1).
Loi gidi

Chon D

Taco: n= [(3,5] = (3;—5;—1)
Trong khong gian Oxyz, cho diém M (2;-1;4) va mit phang(P):3x -2y +z+1=0. Phuong
trinh ctia mét phang di qua M va song song véi mét phang (P) la

A. 2x-2y+4z-21=0. B. 2x-2y+4z+21=0.
C.3x-2y+z-12=0. D. 3x-2y+z+12=0.



Cau 30:

Cau 31:

Cau 32:

Cau 33:

Loi giai
Chon C

Gid sir m3t phang (Q) di qua M song song (P).Khi dé: (Q):3x-2y+z+D=0 (D=-1)
Do M €(Q) nén: 3.2-2.(-1)+4+D=0< D=-12

Vay: (0):3x=2y+2z-12=0

Goi A4,B lan luogt 13 cac diém biéu dién cua cac sb phuc z, =1+2i,z, =5—i. Tinh d0 dai doan
thing AB

A S, B. /5 ++/26. C. 25. D. \/37.
Loi giai
Chon A

Theo gia thiét: 4(1;2), B(5;—1)= 4B =(5—1)’ +(=1-2)’ =5.

Cho s6 phirc z théa man (3+2i)z+(2 —i)2 =4+ . Hiéu phan thyc va phéan o cta s phuc z

Ia
A3, B.2. C. 1. D. 0.
Loi gidi
Chon D
Ta co
(3+20)z+(2=i) =4+i <> (3+20)z=4+i—(2—i) <:>(3+2i)z=1+5i<:>z=;+§i_ =1+,
+ 241

Suy ra phan thuc va phan 4o cua sb phirc z 1an luot1a 1 va 1.

Viy hiéu phan thuc va phan 4o cta sd phirc z 14 1-1=0.

Trong khong gian Oxyz, cho hai diém A(2;4;1), B(-2;2;-3). Phuong trinh mét ciu dudng
kinh 4B la

A X+ (y+3) +(z-1) =9, B. x’ +(y-3) +(z+1)" =36.

C. x*+(y=3) +(z-1) =36. D. X’ +(y+3) +(z-1)" =9.
Loi gidi

Chon B

Mit cau duong kinh 4B c6 tdm [ la trung diém doan théng AB nén [ (0;3; —l) .

Ban kinh mat cau R :%:\/(_2_2)2 +(2—4)2 +(—3—1)2 =6.

Vay phuong trinh mét cdu duong kinh 4B 1a x* +(y— 3)2 +(z+ 1)2 =36.

j.f(x)dx:IZ I:jf(3x)dx
Cho © . Tinh 0



Cau 34:

Cau 35:

Cau 36:

Cau 37:

A. I1=6. B. 1=36. C.1=2. D. I=4.

Loi giai
Chon D
Dit ¢ =3x = dr=3dx.
Déicén:xzojt:o.
xX=2=1t=6
‘ ¢ o dr 1§ 1 1
Khi do, ta c6 [:!;f(3x)dx:-([f(t)?:§_([f(t)dt=§£f(x)dx:§.l2:4.
o 3lnx+l, ‘
Cho tich phan [ :I dx néu dat ¢ =In x thi
X
1
©3t+4 T £3r+1 1
AT=] —dt. B.I=[(3t+1)dt. C.I=[=—=dt.  D.I=[(3+1)dt.
1 1 0o ¢ 0

Loi giai
Chon D
bat t=lnx:>dt=ldx
X
Pdican: x=1=t=0; x=e=>t=1.

1
= I=[(3t+1)dt.

0
Tim toa do diém M la diém bi€u dién sb phirc z biét z thoa mén phuong trinh (1+i)z =3-5i
A. M(l;4) B. M(—l;—4) C. M(—1;4) D. M(l;—4)
Loi giai
Chon C
Taco (1+i)Z =3-5i <z =-1-4i = z=-1+4i. Vay diém biéu dién sb phic z 1la M (-1;4)
Tim a,b e R d¢ z=1-2i 1a nghiém cta phuong trinh z* +az+b=0
a=2 a=-2 a=-2 a=2
A. B. C. D. .
b=5 b=-5 — |b=5 b=-5
Loi giai
Chon C
Vi phuong trinh z* +az+b=0 (l) nhan z =1-2i lam nghi¢ém. Thay z =1-2ivao (1) ta dugc:
2 Cl = _2
(1-2i) +a(1-2i)+b=0< -3-4i+a-2ai+b=0 < s
Trong khong gian Oxyz , cho diém A(l; 1;2) , B(3; 2;—3) . Mit cu (S) co tam / thudc Ox va

di qua hai diém 4, B c6 phuong trinh

A X +y +27—4x+2=0. B. x’+y +z° +8x+2=0.



C.xX’+y " +2°-8x+2=0. D. x*+y +2°-8x-2=0.
Loi giai

Chon C

Goi 1(a;0;0) € Ox 1a tm ciia mit cau (S)

Taco I=(1=a) +'+2*, IB=\/(3-a) +2’ +(-3)’

Theo dé ta c6

A=1B < (1-a) +17+2' =(3-a) +2° +(-3) @ a=4

Tr d6 suy ra toa do diém 1(4;0;0) va I4=+/14

Vay mit cau tam /(4;0;0) c6 ban kinh R =14 = V14 ¢6 phuong trinh 1a
(x—4) +)y* +22 =14 x> +)* +2° —8x+2=0.

Chu 38: Cho s6 phuc z théa |z—1+2i|=3. Biét ring tap hop cac diém bicu dién cia s6 phirc w=2z+i
trén mat phang toa do 1a mot duong tron. Tim tim cia duong tron d6
A I(L1). B. 1(2;-3). C. 1(0;1). D. /(10).
Loi giai

Chon B
bat w=x+yi (x,yeR)

wW—1

2

Tacd w=2z+Hi < z =

Thay vao phuong trinh |z —1+2i | =3 ta duoc

|x+(y—1)i—2+4i|_

—1+2i =3 =3
| 2 |

‘w—i

=3®‘#—1+2i

& |(x—2)+(y+3)i| =6 (36—2)2 +(y+3)2 =36: Pay la phuong trinh dudng tron c6 tim
1(2;-3).

Vay tam ctia duong tron 1a 7(2;-3).

3
Cau 39: Biét jzsx;lzdx=aln2+bln5+cln6.Tinh S=3a+2b+c
5 X +5x+6
A. —14. B. 3. C. 2. D. —11.

Loi giai
Chon D



5x+12 A B _A(x+2)+B(x+3) (A+B)x+(24+3B)

Xét = = =

© x> +5x+6 x+3+x+2 (x+3)(x+2) (x+2)(x+3)

R o {A+B:5 {A=3
Dong nhat hé so ta duoc &

2A+3B=12 B=2

Tur d6 ta co

3 3

Ifx;lzdx:j[ 3 2 }jx:(3ln|x+3|+21n|x+2|)|3:31n6+21n5—3ln5—21n4
X" +5x+6 S\X+3 x+2 2

=-2In4-In5+3In6=-4In2-In5+3In6
Tudoésuyraa=—-4,b=-1,c=3
Vay S=3a+2b+c=3(—4)+2(—1)+3:—11

Cau 40: Cho I=jf(x)dx=26. Khi d6 J=jx[f(x2+1)+l x bang
1 0

A. 54. B. 52. C.15. D. 13.
Loi giai
Chon C

Ta co: sz-x[f(x2 +l)+1]dx=jxf(x2 +1)dx+j.xdx:J%xf(x2 +1)dx+2.

0
Xét Kz_zfxf(xzﬂ)dx
0

Dit t =x* +1= dt = 2xdx
Pdican: x=0=r=Lx=2=17=5

17 17 1

K=— t)dt =— X)dx=—=.26=13.
= rtope=3

Vay J=K+2=13+2=15.

Cau 41: Trong khéng gian Oxyz, cho hai diém A(2;4;1), B(—l;l;3) va mit phang (P):x—3y+22—5 =0.
Lap phuong trinh mét phing (Q) di qua hai diém 4, B va vudng goc v6i mat phang (P)
A.2y+3z-11=0. B. 2x-3y—-11=0. C.x-3y+2z-5=0. D.3y+2z-11=0.

Loi giai
Chon A
Taco: (Q) di quahai diém 4, B = n, L 4B.
(0)L(P) = L7,
Vi AB =(-3;-3;2), n, =(1,-3;2)

=1, =| n,, 4B | =(0:8,12) = 4(0;2;3).



(0)qua 4(2;4;1) vaco VIPT n=(0;2;3) ¢6 phuong trinh la: 2y +3z-11=0.

Ciu 42: Dién tich hinh phang giéi han boi do thi ham s6 y = x* —4 va y = 2x—4 bang

A.4—7r. B.i. C. 36r. D. 36.
3 -3
Loi giai
Chon B

x=0

Phuong trinh hoanh d¢ giao diém: x —4:2x—4<:>x2—2x20<:>{

. c 4
KhldozS=.!|x —2x|=§.

Chu43: Trong khong gian Oxyz, cho A(L;—1;3) va hai duong thang d1:x14:y12:z—21’

x=2 y+1 z-1

1 -1

A.x—l:y+1:Z—3.B.x—1:y+1=2—3‘

2 1 3 4 1 4

x—1=y+1=z—3 D. x—1=y+l=z—3

-1 2 3 7 2 =l =1
Loi giai

d, . Phuong trinh dudng thang qua 4, vudng goc voi d, va cit d, 1a

C.

Chon D
Goi d 1a duong thing qua 4, vudng goc voi d, va cét d,.

Giast d Nd, =B= B(b+2;—-b-1;b+1).

Tacod ﬁ:(b+1;—b;b—2); d, c6 vecto chi phuong u_;:(l;4;—2).
Tacod Ld = ABu, =0 <= b+1-4b-2b+4=0=b=1.

Vay AB = (2;—1;—1) 1a vecto chi phuong cua d .

x—-1 y+1 z-3

Phuong trinh dudng thang d : " .

Cau 44: Trong khong gian Oxyz, cho hai diém A(l;O;—l),B(l;—l;2) . Dién tich tam gidc OAB bfmg
A. 6. B. J11. g.g. D.%.
Loi giai
Chon C
Taco OA =(1;0;-1), OB = (1;-1;2) = | 04;08 | = (-1;-3;-1).

Suyra S,,,; = %‘[@,@}‘ = g :

Ciau 45: Trong khong gian Oxyz, cho diém M (1;2;3). Viét phuong trinh mit phing (P) di qua M cit
cac truc toa do Ox, 0y, 0z lan luot tai 4,B,C saocho M 1a trong tdm cua tam giac ABC .
A. (P):6x+3y+22—18=0. B. (P):6x+3y+2z—6=0.



Cau 46:

Cau 47:

C. (P):6x+3y+2z+18:0. D. (P):6x+3y+2z+6:0.
Loi giai

Chon A

Gia str A(a;0;0), B(0;5;0), C(0;0;c¢).

Vi M (1;2;3) la trong tim tam giac ABC =

W WS w|a

Phuong trinh m3t phing (P) 1a §+%+§=1®6x+3y+22—18=0.

Trong khong gian Oxyz, cho diém H (1;2;-2). Mét phang (o) diqua H cét cac truc Ox,0y, 0z
tai 4,B,C saocho H 1a truc tAm tam giac ABC . Viét phuong trinh mat cau tam O tiép xuc voi

mit phang (a).

A. X’ +y° +z2° =81, B. X’ +y +z° =1.
C. x*+y*+z22=9. D. x* +y*+2° =25.

Loi gidi
Chon C

BC L AH
: { = BC L(AOH)= BC L OH ().

Oz

AC L BH
Ta c(){ = AC L(BOH)= AC LOH (2).

AC 1 Oy
T (1) va (2) = OH L(ABC)= H latiép diém ctia mit cau tam O tiép xtic véi (4BC).
Tacé OH =(1;2;-2)= OH =3 =(8):x’ +)*+2>=9.
Trong khong gian Oxyz, cho mit cau (S):(x—l)2 +(y—2)2 +(z—3)2 =1 va diém 4(2;3;4).
Xét diém M e(S) sao cho dudng thing AM tiép xtc véi (S), M ludn thudc mat phang co
phuong trinh la:



A. x+y+z-7=0. B. 2x+2y+2z+15=0.
C.2x+2y+2z-15=0.D. x+y+z+7=0.
Loi gidi
Chon A
Taco (S):(x— 1) +(y— ) (z—3)2=1 co tim /(1;2;3) va ban kinh R=1
Tacod IA=(L1;1)= I4=3>R
Do M €(S) sao cho dudng thang AM tiép xic voi (S) nén AM luén la tiép tuyén cla mit
cdu (§) = AM =VIM* -R* =2
Do AM =x/§ nén M thudc mit ciu tim 4 ban kinh R =\/§ .
~1) +(y-2) +(z-3) =1
Khidé M e (x )2+(y )2+(Z )2
(x=2) +(y-3) +(z-4) =2
~1) +(y-2) +(z-3)" =1
e | (7 #0=2) (=
(x=2) +(y-3) +(z—-4) =2
Vay M thudc mit phang x+y+z-7=0.

S x+y+z-7=0=0.

Chu 48: Chohamsd y= f(x) c6 dd thi nhu hinh v& va dién tich hai phan 4, B 1an luot bing 11 va 2

A

g y=1(z)

-2 , 1/ z
/ O

0
Gid tri cta 1 = [ f(3x+1)dx bing

A. 3. B. 13. C.?. D. 9
Loi gidi
Chon A
1 1
Taco I = jf (3x+1)dx = jf 3x+1)d(3x+1)=§jf(t)dt=§jf(x)dx

-1 -2

1t 11 2
-3l a3



Cau 49:

Cau 50:

1
Cho ham s6 f'(x) lién tuc trén [0;1] théa man f(x)=x’+ Ix3f(x2)dx. Gia tri ctia biéu thiic

0

I:jf(x)dx bang

23 13 25 13
A B. —. C. —. D. —
— 60 20 84 40
Loi giai
Chon A

0 0
Khi do:

_]3 2dx_]3 6 dx—l 9 3 _xlo mx’* 1_1 _
m—!xf(x) —‘(‘)‘x (x +m) —!(x + mx )dx— o T 0_E+Z:m_ﬁ
S raf(x)—x3+£
uy = =

1 1 1
Khi d6 Iz_[f(x)dxz (x3+£)dx=(lx4+£xj =2.
0 0 15 4 15 ), 60

. . . X S|
Goi S 1a tap hop tat ca cac so phuc z sao cho so phiic w= c6 phan thyc bang rE Xét

|2~z

A o e x 2 2
cac sb phic z,,z, € S théa mén |z, —z,|=3, gid tri 16n nhat cia P =|z, —3+4i| |z, —3+4i

bang
A. 12, B. 15. C. 10. D. 30.
Loi gidi
Chon D
TaC(r):l:w-i-;}: 1 n 1 __ 2|ZZ|_(Z+Z)_ :L:>|Z|:2
2 lz|-z |z|-z 2|z[ 2|z|(z+2) |z]|

Goi z, =x, +y,i co dimbieudiénla 4. z, =x, + y,i c6 diém biéu diénla B.Diém C(3;-4)

la diém biéu dién s6 phuc 3—4i.

. lal=l=l=2  (0o4=0B=2
Ta co: = va OC=5
|Zl_22|:3 AB =3

2 2 —2 —2 —  —\2 . \2
Khi do: P=|z ~3+4i ~|z,~3+4i =4C ~BC =(OC-04) —(OC-0B)
- [oc2 —256.5A7+0A2]—[0c2 —256.5§+032] - 255.(55—52)
—20C.AB =2.0C.AB.cos (FC.E) <2.0C.AB=253=30

Vay Pmax =30 . Du bang xay ra khi AB cung hudng ocC.
------------- HET -






PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 — PE SO: 28 (100TN)

x=3+2¢
Ciau 1:  Trong khong gian Oxyz, cho dudng thang d:4{ y=1—¢ . Phuong trinh chinh tic ctia d la:
z=2-5t
AL x+3:y+1:Z+2 B. x—3=y—l:Z—2.
2 -1 =5 2 -1 -5
C. x—2:y+1:z+5. D. x+2:y—1:z—5‘
3 1 2 3 1 2
Cau 2: Phat biéu nao sau ddy ding?
1 1
A.I —dx=—cotx+C. B.I —dx=tanx+C.
cos” x cos” x
1 1
C.J —dx=cotx+C. D.'[ —dx=—tanx+C.
cos” x Cos” x

Cau 3: Ham sb nao duéi day co do thi nhu hinh v& bén du6i?

|

vy

A y=x"+2x"-2. B. y=—x"+2x+2. C.y=-x+2x-2. D.y=—x"+2x"-2.
Cau 4: Phat biéu nao sau day 1a dung?

A. j.lnxdx=xlnx+j.1dx. B. jlnxdxlenx—jldx.
1 1 1 1

2 2 2 2
C. Ilnxdx:xlnxﬁ—jldx. D. Ilnxdx:xlnx|f+jldx.
1 1 1 1
Cau 5:  Tép xac dinh cia ham sé y = log, x
A. (0;400). B. [2;400). C. [0;400). D. (—o0;+00).
Chu 6: Mot vat chuyén dong cham dan déu véi vén tée v(¢)=180-20¢(m/s). Tinh quing dudng vét

di chuyén duoc tir thoi diém 7 =0(s) dén thoi diém ma vat dimg lai.

A. 810m. B. 9m. C. 180m. D. 160m.
Cau7: Tam dbi xtmg cua dd thi ham sb y= 3x _2 co toa do
X+
A. (-2;3). B. (3,-2). C. (-32). D. (2;-3).
Ciu 8:  Thé tich ctia khéi lap phuong canh 2 bang
A. 6. B. 8. C.2. D. 4.
x+3 y-2 z

Cau9: Trong khong gian Oxyz , dudng thang d :

-1 2 .
" 5 di qua diém nao dudi day?



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

A. P(-3;2;1). B. 0(1;-1;2). C. N(3;-2;-1). D. M(3;2;1).
Nghiém cua phuong trinh log, (x—1)=4 1a
A. x=8lI. B. x=065. C. x=64. D. x=82.

Cho hinh try c6 di¢n tich xung quanh 13 S, =87 va do dai ban kinh R = 2. Khi d6 d¢ dai duong
sinh bang

A. 4. B. 2. C. 1. D.%.

S6 phirc lién hop ciia s6 phic z=1—2i 1a

A z=2—1i. B.z=—1+2i. C.z=—1-2i. D. z=14+2i.

Cho ham s6 y = f(x) c6 bang xét diu dao ham nhu sau.
X | —o0 -2 0 2 +00
¥ ‘ + 0 - [ - 0 +
A. Ham s dong bién trén khoang (—o0;0). B. Ham s6 dong bién trén khoang (-2;0).
C. Ham sd nghich bién trén khoang (0;2). D. Ham s6 nghich bién trén khoang (—o0;-2).

Trong khong gian Oxyz, cho mit phing (P):2x—3y+5z-9=0. Véc-to ndo sau ddy la mot
véc-to phap tuyén cua (P)?

A. n=(2;-3;5). B. n=(2;35). C.n=(2-3-5). D.n=(2;-39).

Cho ham s6 y = f (x) lién tuc trén R théa man gia tri 16n nhat ciia ham s6 trén R 1a 2021.
Khiang dinh nao sau day 1a dung?

A. f(x)<202L,VxeR. B. f(x)<2021, Vx e R,3x, : f(x,)=2021.

C. f(x)>2021, VxeR. D. f(x)>2021, VxeR,3x,: f(x,)=2021.

Cho lang try tam giac déu ABC.A'B'C' ¢ canh bén bang 2a. Pay ABC ndi tiép dudng tron
ban kinh R =a. Tinh the tich khoi lang tru da cho.

3 3

NEAELS B. 34’. c. 3. .
2 2 2

Cho hai diém A4, B cb dinh. Tap hop cac diém M thay d6i sao cho dién tich tam giac MAB
khong doi 1a
A. Mat nén tron xoay. B. Hai duong thang song song.
C. Mt tru tron xoay. D. Mat cau.

N . . 1.2 L, x=2 vy z+1 ,.
Trong khong gian Oxyz cho mat phang (P): x+ (m + l)y -2z+m=0vad: R voi

m 12 mot tham sd thuc. Bé d thudc mat phéng (P) thi gia tri thuc cua m béng bao nhiéu?
A.Khong tontai m. B. m=—4. C.m=-1. D. m=1.

Goi (S)1a mat cau tiép xuc véi tat ca cac mit cta hinh 1ap phuong. Biét khdi 1ap phuong c6 thé
tich bang 36 cm®. Thé tich khéi cau (S) bang

A. 9 cm’. B. 127 cm’. C. 4z cm’. D. 6z cm’.

Trong khong gian véi hé toa dd Oxyz , cho diém A(—3; 2;3) va duong thing



x=1+t¢

d:iy=t . Piém nao sau day khong thudc duong thing A di qua 4, vudng goc va cat duong thang
z=-1+2¢

d

A (21-1). B. (-3;2;3). C. (-8;3;5). D. (211).
Cau21: Sb cac gia tri nguyén cua tham s6 m thudc [—202 1;2021] dé dd thi ham sb y= 2x+4 co tiém

X—m

can dimg nam bén trai tryc tung 1a

A. 2020. B. 2021. C. 4041. D. 4042 .
Céu 22: Cho hai s phtic z,=14+2i va z, =1-1i. Phan thuc ctia s6 phirc 2 bang

2
A -2 B. L. c.2. . -1,
2 2 2 2
Cau 23: BiétF(x) 1a nguyén ham cua f(x)= Ll va F(0)= ! Tinn F(3)
x+
1
A.F(3)=§. B. F(3)=2In2+1. C. F(3)=h2. D. F(3)=2In2.

Cau 24:

Cau 25:

Cau 26:

Cho ham sd y=f (x) c6 dao ham trén R va co do thi nhu hinh bén. Hé s goc ciia tiép tuyén
v6i d6 thi ham sb g(x) = x.f(x) tai x =—1 bang:

.\-

1 0 |1 A

A. 1. B. -1. C. 3. D. 3.
M¢énh dé nao sau day 1a ménh dé dung?
A. D6 thi ham sb y=x" (v6i a 1a mot s6 thuc am) luén c6 mot duong tiém can dung va mat
duong tiém can ngang.

\ £ 3 . \ ., 1
B. Ham so y—\/; c6 daohamla y :ﬁ'
C.Hamsb y=log, x* co tap xac dinh la (0;+).

2021

x2
——| dongbiéntrén R.
2020

D. Ham sb yz(

Cho hinh chép S.ABCD cé day 1a hinh vudng canh a+/2 , tim O, S4 vuéng goc véi mit phing

day va SA= a\/g . Goc gitta SO va mit phiang day bang
A. 45°. B. 60°. C. 30°. D. 90°.



Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cho ham s6 y = f'(x) xdc dinh, c¢6 dao ham trén R va f*(x) c6 do thi nhu hinh v& sau.
y

[\ o

-3/ =2 x

Ménh dé nao sau day dung?

A.Hamsé y = f(x) nghich bién trén khoang (-3;-2).
B.Hamsd y = f(x) nghich bién trén khoang (—2;+oo).
C.Hamsd y= f(x) ddng bién trén khoang (—oo; —2).
D.Hams6 y = f'(x) dong bién trén khodng (-2;0).

Cho hinh hép ABCD.A'B'C'D' . Biét khoang céch tir 4’ dén mit phang (AB'C) bang 4?“ . Tinh
khoang céch tir D dén mét phang (4B'C).

8a

A% B. 2. c. 2. D. —.

5 5 5 5
Mot t6 gom 6 hoc sinh nit va 4 hoc sinh nam duoc xép ngiu nhién thanh mot hang ngang. Xac
suit dé giira hai ban nam lién tiép c6 ding hai ban nit bang

L B. . c. L . D. L

1680 210 1260 280

Cho hamsb y = f(x) cé daoham f'(x)= 2x(x—3)3 (x+ 2)2 ,Vx e R. S diém cyc dai cia ham

sO da cho la

A. 3. B. 1. C.2. D. 0.
Goi z,; z, 1a hai nghiém ctia phuong trinh 2> +2z+4=0.Khid6 4 =|z[ +|z,[ c6 gid tri 1a
A 4. B. 8. C. 20. D. 14.
Tap nghiém cua bit ph trinh | = — 1.
ap nghi€ém cua bat phuong trin (7j > 19 a
A. (-o31).. B. (—o0;=2)U(L;+4).. C. (1;+00).. D. (-21)..
2 2
J-f(x)dx:?) J-[Zf(x)—x]dx.
Cho -2 . Tinh tich phan -2
A 6. B.7. C. 3. D. 5.

Cho ham s6 f(x) c6 bang bién thién nhu sau.



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

X —00 -1 2 +00
y + - 0 +
2 +00
§ / \ /
—00 -2

S6 nghiém ctia phuong trinh £ (x) -4=0.
A. 4. B. 2. C.5. D. 6.

Cho s6 phttc z=a+bi(a,be R) théa man (1+2i)z+3—4i=z+3-2i.Khido |z| bing
A. 13 B. 2. C. 5. D. 1.
Cho khéi chop S.ABC c6 ddy ABC 1atam gidc vudng cantai B, AB=a, SA L (ABC ) ,SA=a
. Ban kinh ctia mat cau tiép xtc tat ca cac mit ctia hinh chép bang

3a(\/§—1) a(ﬁ—l) a(\/z—l) a(\/i—l)
A ———=, B. ———~. c.——~. D.—~.

2 6 3 2

Goi S 1a tap hop cac gia tri nguyén ctia tham s6 m dé phuong trinh 4* =22 —m+3=0 ¢o hai

nghiém phan biét thudc khoang (~1;1). S tap hop con cta tap hop S 1a
A. 1. B. 0. C.4. D. 2.

Cho hamsd y=f (x) xac dinh va c6 bang bién thién nhu sau.

x — 00 -1 2 +00
f(x) - 0 - 0 +
3 +00
) / \ /
—00 0

86 diém cyc tiéu ciia ham s6 g (x)= f(x2 +x) la
A. 2. B. 3. C. 1. D. 0-.
Cho ham s6 y = f(x) c6 bang bién thién nhu sau




Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Téng sb tiém can dng va tiém can ngang ctia do thi ham sd y = W la
x —
A. 4. B. 1. C. 3. D. 2.
Cho ham sb f (x) =2". S gia tri nguyén khong dwong cia tham sb m dé bat phuong trinh

f(cos2 x) < f(m) c6 nghiém thudc (0;7) 1a

Al B.2. C. vo sb. D. 0.
) . , , msin x —1 ) y
C6 bao nhiéu s6 nguyén m €[0;2020] dé ham s0 ¥ = ———— nghich bién trén khoang
sinx—m

T Sw

—s—|?
(2 6 j
A. 2020. B. 0. C. 1. D. 2021.
Cho ham s6 f(x)=x"+3x"+m—1. Sb gid tri nguyén ctia tham sb m €[-10;10] d¢ gié tri 16n
nhit ciia ham s g | f | trén doan [0; 2] nho nhit 1a
A. 1. B. 12 C.9. D. 11.
Cho hinh chop S.4BCD c¢6 ddy ABCD 1a hinh vudng canh a, SA L (ABCD), S4= a2 . Thé

tich khdi cau ngoai tiép hinh chép S.BCD 1a

3 3 3 3
NELRE g, 3703 c. 474 p. 2%

2 8 3 2
Cho hinh chép tir gidc déu S.ABCD c6 cac canh déu bang a~/2 . Thé tich cua khéi nén co dinh
S va duong tron day 1a duong tron noi tiép tir gidac ABCD bang.

3 3 3

2 wa 3 2

A. W\f. B. —. c.o 22, D. ”a\r.

2 2 6 6
Cho ham sd y = f(x) sao cho |f(1) f( )| <2,hamsd y=f' ( ) lién tuc trén R ¢ dd thi

nhu hinh vé bén. Phuong trinh f (x) e’ =m cb nghiém thudc ( 1;1) khi

+y

A. f(l)—e<m< (-1)-%. B. f(—l)—é<m<f(1)—e.
C. f(1)-3<m<f(0)-1. D. f(—l)—%<m£f(0)—1.

Xét ham sb F

¢ t+l g e am e s . 1A
j dt . Trong cac gia tri dudi day, gid tri nao nhd nhat?
1

NI

A. F(1). B. F(2021). C. F(0). D. F(-1).



Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cho ham s6 y = f(x)1a ham da thirc bac bon va c6 d6 thi nhu hinh bén. Biét dién tich hinh
phang gi6i han bi do thi hai ham s6 y = f(x) va y = f"(x)béng %. Tinh dién tich hinh
phéng gidi han boi db thi ham sé y = f(x) va truc hoanh.

-‘I

"20° 10 635 T 1270
Trong khong gian voi hé truc toa dd Oxyz, cho hai diém A4(-2;-1;2)va B(5;-1;1). Duong thang

A 81 B 81 C 17334 D 17334

d' 13 hinh chiéu cta duong thing 4B 1én mat phéng(P) :Xx+2y+z+2=0 c6 mdt véc to chi
phuong I;(a;b;Z) Tinh S=a+b.

A. —4. B. 2. C.2. D. 4.

Xéthamsd y = f(x) = x*+2mxd - (m+ l)x2 +2m—2.S6 gia tri nguyén cua tham s6 m dé ham
sb ¢co cuc tiéu ma khong c6 cuc dai la

A. 1. B. V0 s0. C.2. D. 3.

Cho ham sé y=f(x) c6 dao ham trén R. BiétSf(x)—(f’(x))z =x’+x+4,VxeR. Tinh

Jf(x)dx.

0

A. i B.
2



Cau 1:

Ciu 2:

Cau 4:

HUONG DAN GIAI CHI TIET

x=3+2¢
Trong khong gian Oxyz, cho duong thiang o :{ y=1—¢ . Phuong trinh chinh tic cua d la:
z=2-5t

AL x+3=y+1=z+2 B. .
2 -1 -5 =

C. x=2 :y+1 :z+5. D. x+2 :y—l :Z—S
3 1 2 3 1 2

Loi giai

x=3+2t

Phuong trinh tham s cua dudng thang d:{ y=1-¢ . di qua M (3;1;2) va co vecto chi phuong

z=2-5¢

x=3 y-1_ z-2

la LTd = (2;—1;—5), do d6 phuong trinh chinh tic ctia dudng thang d la: . s

Phét biéu nio sau day dung?

COoS X

C.Icoizxdx=cotx+C. D.j

dx=—tanx+C

Loi giai
Ham s6 nao dudi day co d6 thi nhu hinh vé bén dudi?

|

y

A y=x"+2x"-2. B. y=—x+2x+2. C. _ D. y=—x"+2x>-2.
Loi gii

Duya vao dap an ta thay hinh v& trén 1 db thi ham sé bac ba y = ax® +bx* +cx+d , do d6 loai

trtuddpan Ava  D.

Hé¢s6 a<0 vi lim y=—.

X—>+0
Do thi ham sb cit truc tung tai diém co tung d6 am nén d <0, ta loai trir dap an B.

Nhu vay dép an C théa man.
Phét biéu nao sau day la dung?

A. j‘lnxdx=xlnx+j‘ldx. B. ilnxdx:xlnx—j‘ldx.
1 1 1 1



2 2
g.- D. inxte= e o+ 1
1 1

Loi gidi

2

=1 = _ 2 2
bat {u nx:> du xdx. Do do6 J‘lnxdx:x.lnxLz—J.x.ldx:x.lnxLz—'[ldx..
1 1

dv=dx _ X
V=X
Cau 5: Tap x4c dinh ctia ham s6 y = log, x
A.- B. [2;+00). C. [0;400). D. (—o0;+00).

Loi giai
Ham s xac dinh khi va chi khi x> 0.
Chu6: Mot vat chuyén dong chdm dan déu vé6i véan toc v(r)=180-20¢(m/s). Tinh quing dudng vét
di chuyén duoc tir thoi diém 7 =0(s) dén thoi diém ma vat dimg lai.
A. 810m. B. 9m. C. 180m. D. 160m.
Loi giai

Khi vét dung lai thi v(t)=O<:>180—20t=O<:>t:9

9
Quéing duong vat di chuyén 1a § = [(180—20¢) dr = (180t —10¢*) |;=810.
0

Cau 7: Tam d6i xtmg ctia d6 thi ham s6 y= 3x _2 co6 toa do
X+
A (-2:3). B. (3;-2). C. (-3:2). D. (2-3).
Loi giai

A e o ) A 11 £ X N 2 R ) \ N A , \ \
Tam doi xtrng cua d6 thi ham s6 y = la giao diém cua duong tiém can ding x = -2 va duong
tiém cin ngang y =2 nén co toa do (—2;3).

Cau8:  Thé tich cta khdi 1ap phuong canh 2 bang
A. 6. B. Bl C.2. D. 4.

Loi giai

Thé tich ctia khéi 1ap phuong canh 2 bing 2° =38.

: . -2 z-1 _. .2 .
Cau 9: Trong khong gian Oxyz , duong thang d : x+3 =2 " = 22 di qua diém nao dudi day?
A P(3;231). B. O(1;-1;2). C. N(3i-2;-1).  D. M(3;2;1).
Loi giai
A 2:R \ \ \ 2 x+3 y-2 =z-1 e ,
Thay toa dg diém P(—3 ;25 1) vao phuong trinh duong thang d : " = " = 5 ta thay thoa

man nén chon phuong 4n A.
Cau 10:  Nghiém cua phuong trinh log, (x—1)=4 la
A. x=81. B. x=65. C. x=64. D. B=82



Cau 11:

Cau 12:

Loi giai
Diéu kién: x>1.
log,(x—1)=4=x-1=3" < x=82.
Cho hinh tru ¢6 di¢n tich xung quanh la S =8r va d¢ dai ban kinh R=2. Khi d6 d¢ dai

duong sinh bang

A. 4. g.l C.1. D.

Loi gidi

NG

S
Taco S, — 2Rl e[ ——x = 5T _
! 27R 4w

S6 phirc lién hop cta sb phitc z=1—2i 1a

A z=2—i. B.z=—1+2i. C.z=—1-2i. D.z=1+2i.

Loi giai

S6 phirc lién hop cta s phitc z=a+bi 1a z=a—bi.
Do d6 s6 phirc lién hop ctia s6 phirc z=1—2i 1a z=1+2i.

Cau 13:

Cho ham s6 y = f(x) c6 bang xét dau dao ham nhu sau.

X | —00 -2 0 2 +0

y"+o—ll—0+

A. Ham s6 dong bién trén khoang (—o0;0). B. Ham s6 dong bién trén khoang (-2;0).

C. _ D. Ham s6 nghich bién trén khoang (—oo; —2) .

Loi giai

Ta c6: x€(0;2)= y'<0. Suy ra ham s6 nghich bién trén khodng (0;2).

Cau 14:

Cau 15:

Trong khong gian Oxyz, cho mit phang (P) :2x=3y+5z-9=0. Véc-to nao sau day la mot

véc-to phap tuyén cua (P)?
B. n=(2;3;5). C.n=(2-3-5). D.n=(2;-39).

L i=(a09)
Loi giai
(P) 2x-3y+5z-9=0.=> n=(2;-3;5) la mot véc-to phap tuyén ciia mat phéng(P)..

Cho hamsé y = f (x) lién tyc trén R thoa man gia tri 16n nhat cia ham s trén R 1a 2021.

Khing dinh nao sau déy 1a dung?

A Fy <2001 v . R

C. f(x)>2021,VxeR. D. f(x)>2021, VxeR,3x,: f(x,)=2021

Loi giai



Duya vao dinh nghia GTLN, GTNN ta chon f(x) <2021, Vx e R,3x,: f(x,) =2021.

Cau 16:  Cho lang tru tam gidc déu ABC.4'B'C' c6 canh bén bang 2a. Day ABC ndi tiép duong tron
ban kinh R = a. Tinh thé tich khéi lang tru da cho.

3
A.- B. 34. C. 3% D. gﬁ.

Goi O 1a tim dudng tron ngoai tiép tam giac ABC, M 1a trung diém cua BC

Taco OA=R=a :AM:%OA:%a :>AB=%a.i=x/§a

3

S e :£A32 zﬁ(x/ga)z =¥a2

4 4
33

. 33
VABC'A.BVCV = SABC.AAZTCZZ.ZCZ = 7a3 .
Cau 17: Cho hai diém 4, B cb dinh. Tap hop cac diém M thay ddi sao cho dién tich tam gidc MAB
khéng dbi 1a
A. Mit nén tron xoay.  B. Hai dudng thiang song song.
C. Mattrutionxoay:  D. Mt cau.
Loi giai

Taco: Sy, = %.d(M;AB).AB

Ma S,,,,,, AB khong d6i nén d (M; AB)khéng déi.

Vay tap hop cac diém M thoa man yéu cAu bai toan 12 mot mat tru tru tron X0ay.
Ciau 18:  Trong khong gian Oxyz cho mit phang (P): x+(m +1)y—2z+m =0vad: x;2 = % = Z;—l

voi m 12 mot tham sb thuc. Dé d thudc mat phéng (P) thi gia tri thuc cua m béng bao nhiéu?

A.Khong ton tai m! B. m=—4. C.m=-1. D. m=1

Loigiai

(P):x+(m+1)y=2z+m=0=VIPTn=(;m+1,-2).



Cau 19:

Cau 20:

x=2 y z+l1

di—==s==— = VICPu =(2;1;2); M (2;0;-1) e d

. , nlu 1.24+m+1+2.(-2)=0 m=1

be¢ d thudc mat phang (P) thi = omed.
e(P) [2+(m+1).0-2(-1)+m=0 |m=-4

Goi (S)1a mit cau tiép xuc vai tit ca cac mat cua hinh 1ap phuong. Biét khdi 1ap phuwong c6 thé
tich bang 36 cm®. Thé tich khéi cau (S) bang
A. 97 cm’. B. 127 cm’. C. 4 cm’. D. 67 cm’.

Loi giai

Taco: V=36 cm’ = chiéu dai canh cta hinh 1ap phuong bang 336 em

{36

— Ban kinh khéi cau ndi tiép hinh 1ap phuong 1a: r = cm

Vay thé tich khéi cau () 1a: V,

au

4
=§7zr3 =6 cm’. .

Trong khong gian véi hé toa do Oxyz, cho diém A(—3; 2;3) va duong thing

x=1+¢
d:iy=t . Diém nao sau day khong thudc duong thing A di qua A, vudng goc va cit
z=—1+2t

duong thang d

A. (2;1-1). B. (-3;2;3). C. (-83:5). D. (Z351).
Loi giai

Goi M 1a giao diém cua dudng thing A va dudng thing d

Khi d6 M (1+2;6;—1+2t) = AM =(t+4;t—2;2t —4)

Puong thing d co vée to chi phuong u = (1;1;2)

Puodng thing Adi qua 4, vudng goc véi d

S AMu =0t +441-2+4-8=01=1
:m:(S;—l;—2)



x=-3+5¢
Phuong trinh dudng thang A:<y=2—¢
z=3-2t

D(2;1;1)eA. Chon D

: o : U . 2x+4 )
Cau 21: SO céc gia tri nguyén cua tham s6 m thudc [—202 1;202 1] deé do thi ham s6 y = s co tiém
x—m
can ding nam bén trai truc tung la

A. 2020 B. 2021. C. 4041. D. 4042

Loi giai

' TRER £ 2x+4 .. A , \ \ 2
Do thi ham s6 y = co tiém can ding 1a duong thang x =m .

xX—m
Puong tiém cin dung nam bén trai truc tung < m < 0. Do m thude [—202 1;2021] nén
€ {—202 1;-2020; —2019;....;—1} . Vay c6 2021 gia tri nguyén ciia m thoa man bai toan.

Cau22: Cho hai sé phic z,=1+2i va z, =1-1. Phan thyc ciia s6 phuc L bang

Zy
A -2 B. L. c 2 Q..
2 2 2
Loi giai
Tacéi=1+2i=(1+2z‘)(1+i):—1+3i=—_1+3i_
z, 1-i 1+1 2 2 2
Suy ra phan thuc cta sb phuc L la —l
z, 2
Cau23: BiétF(x)la nguyén ham cua f(x)=L1 va F(0)=1. Tinh F(3)
X+
A. F(3):%. B. F(3)=2In2+1. C. F(3)=In2. Q.-.
Loi giai

Tacd F(x If )dx = I—dx In|x+1|+C

Ma F(0)=1<0=In|0+]+C<C=0

Suyra F(3)=In|3+1/=In4=2In2..
Ciu24: Chohamsd y= f (x) c6 dao ham trén R va c6 d6 thi nhu hinh bén. Hé s6 goc cuia tiép tuyén
v6i d6 thi ham sb g(x) = x.f(x) tai x =—1 bang:



Al B. —1. c.B D. 3
Loi giai
Dua vao do thi ta cé: f(—l) =0
D6 thi ham s6 y = f'(x) c6 tiép tuyén tai x =—1 la dwong thang di qua cac diem (—1;0) va
(0;3). Tir do, tai x =—1 do thi ham s6 y = f'(x) co tiép tuyén la: y =3x+3.
Phuong trinh tiép tuyén ctia do thi hamsé y = f (x) tai M (xo; yo) co dang:
y :f'(xo)(x—xo)ero . Suy ra f'(—l):3.
Xét ham s6 g(x) = x.f(x) ta co:
g'(x)=s(x)+xs"(x)=g'(-1)=/(-1)-/"(-1)=-3

Vay, hé sb goc cua tiép tuyén v6i d6 thi ham sé g(x) = x.f(x) tai x=—11a 3.

Cau 25: Ménh d& nao sau ddy l1a ménh dé dung?
Db thi him sb y =x° (véi @ 1o mt sb the am) ludn 06 mot duemg tiém cin difng v mot

B. Ham s y=3/x c6 daohamla ' =

1
3
C.Hamsb y=log, x* c6 tap xac dinh 1a (0;+).

2021

x2
—— | ddngbiéntrén R .
2020

D.Hémséyz(

Loi giai
Xétcau A: lim y= lim y=0=> dd thj him sd c6 1 tiém can ngang la y=0. lim y =+ = {6 thi ham

X—>+00 X——0 =0T
s6 ¢6 1 tiém can dung 1a x=0. Vay A ding.
1
33x
Dap an C sai do ham s6 c6 tap xac dinh 14 D =R\ {O} .
bap an D sai do y(—1)=y(1).

Déap an B saido y'=

Cau 26: Cho hinh chép S.ABCD c6 day 1a hinh vudng canh a+/2 , tim O, S4 vudng gbc véi mét phing
day va SA = a3 . Goc gitta SO va mit phing day bang



A. 45°, D. 90°.

Vi ABCD 1a hinh vuong nén 40 =2 —4 Taco $4 L (ABCD)=> AO Ia hinh chiéu cia

V2

SO trén (4BCD) = (SO,(ABCD))= (S0, 40)=SOA.
tan SOA :j—‘é:ﬁ: 504 =60" = (50,(ABCD))=60".

Cau27: Chohamsd y= f(x) xac dinh, c6 dao ham trén R va f’(x) c6 dd thi nhu hinh v& sau.
y

[\ o

-3/ =2 X

Ménh d& nao sau day dung?
A.Hamsd y=f (x) nghich bién trén khoang (—3;—2) .

B.

C.Hams0 y = f(x) dong bién trén khodng (—o0;-2).
D. Hams6 y = f(x) dong bién trén khoang (—2;0) .
Loi gidi
Vi f'(x)<0 Vxe(-2+40) va f'(x)=0< x=0 nénhamsb y = f(x) nghich bién trén (—2;+).
Céiu 28: Cho hinh hép ABCD.A'B'C'D’. Biét khoang cach tir 4’ dén mit phing (4B'C) bang 4?0!.

Tinh khoang c4ch tir D dén mét phang (4B'C).

8a
A.6—a. B.2—a. C. D. —.
5 5 - 5

Loi giai



Taco A'D/IB'C = A'D//(AB'C)=d(D,(AB'C))=d(4',(4B'C))= 5

Cau 29:

Cau 30:

Mot td gdm 6 hoc sinh nit va 4 hoc sinh nam duoc xép ngau nhién thanh mét hang ngang. Xac
suit dé giira hai ban nam lién tiép c6 ding hai ban nit bang
A —. B. —. c.—— . N
1680 210 1260 280
Loi giai

S6 phan tir ciia khong gian mau la: |Q =10!.

Do gitra hai ban nam lién ti€p c6 dung hai ban nit nén ban nam phai diung dau hang va cuoi
hang, suy ra c6 4! cach sap xép 4 ban nam va gitra 4 ban nam ¢6 3 vi tri cho 3 cdp 2 ban ni

Chon 2 ban nit dau tién c6 C; cach chon
Chon 2 ban nit lan thit hai ¢6 C; cach chon va c6 C, cach chon hai ban nit con lai
Do d6 s6 cach sap xeép thoa man bai toan 1a: 41.31.C2.C;.C; .

A3CECICE 1
10! 280
Cho ham s6 y = f(x) c6 dao ham f'(x)= 2x(x—3)3 (x+2)2 ,VxeR. S6 diém cuc dai cua

Xac suat can tim la: P =

ham s6 da cho la

A. 3. B. C.2. D. 0.
Loi giai
x=0
Tacod f'(x)=0e 2x(x-3) (x+2) =0 | x=3 .
x=-2

Béng bién thién cta ham sé y = f(x)

b —0 -2 0 3 400

f(x) - 0+ 0 - 0 -

/(%) / \




Ttr bang bién thién ta thdy ham sb da cho c6 1 diém cuc dai.
Cau3l:  Goi z; z, 1 hai nghiém ciia phuong trinh z* +2z+4=0.Khi d6 4=|z | +|z,[" c6 gia trj Ia
A 4. B. Bl C. 20. D. 14,
Loi giai
z,=—1- J3i
z, =—1+ J3i

A= |zl|2 +|zz|2 =(-1)’ +(—«5)2 +(-1)° +<\/§)2 =8.

Ta co: zz+2z+4:0<:{

Cau 32:  Tép nghiém cua bat phwong trinh (7J >— la.

49
A. (~o031).. B. (—0;-2) U (l3420)... C. (I;+%0).. o. (B2
Loi gidi
X 4x X7 4x 2
Ta co: (lj >L o (lJ >(1J o X +x<2 o —2<x<l..
7 49 7 7

2 2
CAu33: .Cho [ f(x)dx=3. Tinhtichphan [[2(x)-x]dx.
-2 -2
Al B. 7. C. 3. D. 5.
Loi gidi
2 2

2 2 2 (A
PN (5 I P
2|, 2 2

Ta co J.[2f(x)—x]dx:2j.f(x)dx—J.xdx=2.3—x—

-2 -2

Vay j[Zf(x)—x]dxz&

Ciu 34: Chohamsb f(x) c6 bang bién thién nhu sau.

X —00 -1 2 +00
Y + 0 - 0 +
2 +0co
. / \ /
—00 -2

S6 nghiém cuia phuong trinh £ (x) -4=0.

A. [ B. 2. C.5. D. 6
Loi giai

f(x)=2

f(x)=-2

Phuong trinh f(x)=2 c6 hai nghiém

Ta c6 fz(x)—4:0<:>{



Phuong trinh f'(x)=-2 c6 hai nghiém.
Chu 35:  Cho s phitc z=a+bi(a,beR) théa man (1+2i)z+3—4i=z+3-2i.Khido6 |z| bing
A VI3 B. V2. C.s. .l
Loi giai
Taco: (1+2i)z+3-4i=z+3-2 = 2iz=2i = z=1=|z|=1.
Cau36: Cho khoi chép S.ABC c6 déy ABC la tam gidc vudng can tai B, AB=a, SAL(4BC),

SA = a . Ban kinh ctia mét cau tiép xuc tat ca cac mat ctia hinh chop bang

.3a(\/§—1) a(~2-1) a(v2-1)

. — S — D.
2 6 3 _-

A B C

Loi giai

B

Goi [ 1a tam mat cau ndi tiép hinh chop va » 1a ban kinh ctia mat cau.

1
Ta co: Vigpe =Vipe +Visan +Visac +Visse = EF(SABC + S5+ Sguc + SSBC) .

Suyra V- r.sS, :>r=£.
S
} 1 1 1
Mat khac: V. Lale-4y S, =la2 +—d* +—aaN2 +—aa2 = d* (1+\/§).
3 2 6 ) 2 2 2
a3
3.— -
6 a(ﬁ 1).

Vay r= =
a’ (1 +2 ) 2
Cau37: Goi S la tap hop céac gia tri nguyén cia tham sb m dé phuong trinh 4* =22 —m+3=0 ¢6
hai nghiém phén biét thudc khodng (—1;1). S6 tap hop con cita tap hop S 1a
Al B. 0. C.4. D.2.
Loi giai

Ta c6: 4"—2.2"—m+3:0<:>(2")2—2.2x—m+3:0



bat: t:2x,te(l;2j
2
Phuong trinh di cho tr¢ thanh: > —2t-m+3=0 <t —2t=m-3
Xét ham: f(t)212 -2t voi te(%;Zj
f(t)=2t-2=01=1
2

(3 )==3rm=-1s@)=0

Yéu cau bai toan < min f(x)=—1<m-3<max f(x)=0<2<m<3
= S=C.Matipconcua S la J.
Cau38: Chohamsd y=f (x) xac dinh va c6 bang bién thién nhu sau.

x -0 -1 2 +oo
f(x) + 0 - 0 +
3 +00
) / \ /
— 03 D
86 diém cyc tiéu ciia ham s6 g (x)= f(x2 + x) 1a
A2 B. 3. C. 1. D. 0-
Loi gisi

Ta co g'(x)=(2x+l)f'(x2 +x).

X ! I 1
= —— X=——
2x+1=0 o2 2
Xetg(x):0<:> f'(x2+x)=0<:> X +x:—1(VN)<:> x=1
X' +x=2 x=-2
1
T | —o -2 3 1 + @
g'(z) - 0+ 0 - 0 +

TN N

Vay sé diém cyc tiéu ctia ham sé g(x)= f(x2 +x) la2.

Ciu39: Chohamsd y= f(x) c6 bang bién thién nhu sau




T |_ao -3 -1 2 +00
f(z) - 0 + 0 - 0 4
2021 0 2
-3 =1
A A ion A , N tA A 5 A T 1N A 1 \
Tong s6 tiém can dung va tiém can ngang cua do thi ham so yzm la
x f—
A. 4. B. [l C.3. D. 2.
Loi giai
T 1 .
Tacod: lim ———= lim ——=w
x—>+ocf(x)_2 f(x)—)Zf(x)_z
. 1 1 1

Im —= 1 =
SR (=2 s f(x)-2 2019

A A . \ A 1 ’ A s A A \
Nén do thi ham s0 y = ———— c6 mdt tiém can ngang la y =

f(x)—2

Tir bang bién thién cia hamsd y = f (x) suy ra d6 thi ham sé y =

2019
L khong ¢ tiém can dung.
f (x) -2
Ciu 40: Cho ham s6 f (x) =2". S gia tri nguyén khong duong cua tham sé m dé bat phuong trinh
f(cos2 x) < f(m) 6 nghiém thudc (0;7) 1a
AR B. 2. C. vo sb. D. 0.
Loi giai
Ta co:

2 1+ 2
f(coszx)ﬁf(m)c>2°°”£2’”<:>cos2x£m<:>¥£m<:>0052x£2m—l.

Trén khoang (0;7), ta co: —1<cos2x<1.
Do d6 bat phuong trinh £ (cos” x) < f (m) c6 nghi¢m thudc (0;7) khi va chi khi
2m-1>2-1<m>0.

Viy sb gia tri nguyén khong duong cta tham s m dé bat phuong trinh

f(cos® x) < f(m) c6 nghiém thudc (0;7) 1a 1.



Cau41: Co bao nhiéu s6 nguyén m €[0;2020] dé ham s6 y =

T Sﬂj
——|?
5%

A. 2020. B. 0. C. 1.
Loi giai
) ) T Sm 1
bit t=sin x khi x€| —;— | thi t €| —;1
26 2
) mt—1
Khido y=
t—m

. s T Sx
Do ham t=sin x nghich bién trén (E ; ?j

, msinx—1 ) y T Sm
bé ham y = —— nghich bién trén khoang | —;—
sinx—m 2 6

mt—1 » 1
thi ham y = ——— dong bién trén khoang | —;1
t—m 2

2

o 1-m —-1l<m<l1
y = =>0
(t—m) 1 1
S mL— S-l<m<—
me l1 2 2
2’ m>1

Ma m nguyén va m €[0;2020] nén m=0.Chon.  C.

msinx—1

sinx—m

nghich bién trén khoang

D. 2021.

Cau42: Chohamsd f(x)=x"+3x>+m—1. S gia tri nguyén cta tham s6 m € [—10;10] dé gid tri 16n

nhat ctia ham s6 g(x)= |f(x)| trén doan [0;2] nhé nhat 1

A. 1. B. 12 C.9.
Loi giai:
Ta co:
f(xX)=x"+3x"+m—-1= f'(x)=3x"+6x

Xét dau:

o0 2 0 o0
+0-0+

=> Ham s dong bién trén [0;2]

THI: f(O)>0:>r%3%i<g(x)=m+19>20c>m—1>O<:>m>1



TH2: f(2)<0=> loai (Do me[-10;10])
TH3: f(2)>02m>—19:>me[—10;1]

nggxg(x)z—m—l
7(0)<0=m<i=|
%%i(g(x):m—i-w

Véi —m—12m+19 = m <-10(])
Vi —m—1<m+19 = m>—-10(t/ m)
= 1%325( 2(x) nho nhat 1a: —m—1 khi: =10 <m <1. Vay c6 12 gia tri ctia m thoa méan.
CAu43:  Cho hinh chép S.4BCD c6 ddy ABCD la hinh vudng canh a, SA L (ABCD), SA= a2 . Thé
tich khdi cau ngoai tiép hinh chép S.BCD 1a

A a3 B 37a’\3 dra’ ar
T . . 3 >

s

Tacé SA L(ABCD)= SA L AC = A thudc mit cdu duong kinh AC

Cé: SA4 L (ABCD)=>SA L BC ma BC L AB=> BC 1 (SAB)=> BC L SB=> B thudc mat cau

duong kinh SC
Tuong tu SD 1. DC = D thudc mit cau duong kinh SC .
Vay S, 4,B,C,D thudc mit cau duong kinh SC .

Ta c6 ABCD 1a hinh vubng= AC = AB\2 =a /2.
Xét tam gidc SAC vuong tai A:SC =~/SA> + AC? =~2a>+2a* =2a= R=a.

Vay thé tich kh6i ciu ngoai tiép hinh chop la: V = §ER3 = gir.cf .
Céiu 44:  Cho hinh chop tir gidc déu S.4BCD c6 cac canh déu bang a~/2 . Thé tich ctia khdi
n6n c6 dinh S va dudng tron day 1a dudng tron ndi tiép tir giac ABCD bang.
3 3 3
a2 wa E 2
A. f. B. —. C.o 2L D. M\F.
2 2 6 6

Loi giai




AB AB a\/a

Tacd A0 =2= = 4. Khdi non di cho ¢6 ban kinh R =——=-—"va chiéu cao
2 2 2
2 2 PP S 1 ra’
h=80=~SA"—-A0O" =a, do d6 cob thé tich la V=§7zR hzT.

Cau 45:

Cau 46:

Cho ham sb y = f(x) sao cho |f(1)—f(—1)| <2,hamsb y= f’(x) lién tuc trén R c6 d6 thi

nhu hinh v& bén. Phuong trinh f(x)—e" =m c6 nghiém thuoe (~1:1) khi

Bt o(x)= 1)

Ta co g'(x) :f'(x)—e"
Ta thy f'(x) nghich bién trén doan [—1;1] va e* dong bién trén doan [—1;1} nén g'(x)

nghich bién trén doan [ ~1:1]
Phuong trinh f (x) —e" =m c6 nghiém thudc (—1;1) c6 nghiém tuong duong phuong trinh

m:g(x) c6 nghiém thudc (—1;1) <:>g(1)<m<g(—1) <:>f(1)—e<m<f(—1)—l.

e

t+1

N
A. F(1). B. F(2021). C. F(0). D. F(-1).

Xét ham s6 F (x) = j dt . Trong céc gia tri dudi ddy, gia tri ndo nho nhat?
1



Loi giai

Ta co
¢t
F(l)= dt=0
(1) ‘1[ 1+1+1
S A | . t+1
F(2021)= ———dt >0 Vi ——>0,€(1;2021
Com) = [ e >0 Y e B2
¢+l

1+¢+1¢°

-1 0 ¢ 1 1 ¢ 1 0
F(—1)=Ide=— ;dt—J‘ i dz<—j (41
0 —

_— —
1 N1+1+12 AL+t 41 NI+t +1° N1+t +12

t+1 0,e[0;1])

1
t+1
Vi | ——=dt>0 do —— >
'([\/l+t+t2 Vi+t+£
Vay F (—1) dat gié tri nho nhét.
Ciu47: Cho ham sé y = f(x)1a ham da thirc bac bén va c6 do thi nhu hinh bén. Biét dién tich hinh
phing giéi han bdi do thi hai ham s6 y = f(x) va y= f’(x)béng 25ﬁ. Tinh dién tich hinh

phéng gidi han boi db thi ham sé y = £ (x) va truc hoanh.

-‘I

81 81 C 17334 D 17334

A 558 B. . T TR
Loi gidi

Theo hinh v& ta thay d6 thi ham s6 y = f(x) di qua céc diém (-2;0), (1;0) va

f'(1)=0,f"(~2) =0 va tiép xtic Ox ta c6 thé dit f(x)=a(x+2) (x—1)",(a#0).

Khido f'(x)=a(4x’ +6x* —6x—4).

Xét phuong trinh f(x) = f'(x)

Sa(x+2) (x=1) =a(@x* + 637 —6x—4) & x* - 2% ~9x* +2x+8=0



Theo gia thiét dién tich hinh phang gi6i han béi do thi cua £ (x) va f'(x) la: 214

214 428a

214 1
Tac():—:aj4|x4—2x3—9x2+2x+8|dx<:> —.
5 -2 2
Vay dién tich hinh phang gi6i han boi d6 thi ham sé y = f(x) va truc hoanh la
1
1 2 2 81
S=—=(x+2) (x—-1)dx=—.
J5Gre2) (x-1)ds =5

-2

Chu 48: Trong khong gian vé6i hé truc toa do Oxyz, cho hai diém A(-2;-1;2)va B(5;-1;1). Duong
thang d' 1a hinh chiéu cta duong thang 4B 1én mat phéng(P) :Xx4+2y+z4+2=0 c6é mot véc to
chi phuong &(a;b;z) Tinh S=a+b.

A. 4. B. 2. C. 2. D. 4.
Loi giai
Goi (Q) 1a mat phang chira dudng thing 4B va vudng goc (P).

Khi d6, duong thiang d'= (P) N (Q)

n) L AB(7;0;-1 - =

l_’;(g) L 2(P) (1;2;1)
= Chon u(a) = [ﬁ(p);ﬁ(g)} =(36;-12;-12) cung phuong vé6i u(-6;2;2)

Nhu vay a:—6,b:2:>a+b=—4.'

Cau 49: Xét ham s y = f(x)= x* +2mx’ - (m+ l)x2 +2m—2. S6 gia tri nguyén cia tham s6 m dé
ham s ¢6 cuc tiéu ma khong co6 cuc dai la
AR B. Vo sd. C.2. D. 3.
Loi giai
Taco: y'=f'(x)= 4x3 + 6mx? —2(m+1)x

x=0
y'=0e4x +6mx’ —2m+Dx=0<|
2x"+3mx—(m+1)=0 (1)

TH1: (1) vo nghiém hodc nghiém kép < A<0< (Zam)2 +8(m+1)<0 < 9m® +8m+8<0 khong

ton tai m .

.xl:.X2=O

TH2: (1) co nghiém x=0<m=-1.Lacdo y'= 4% —6x* =0 = hay ham sé dat cuc

. 3
)
tiéu tai x=i.

2

Vay c6 duy nhét 1 gia tri nguyén ciia m thao man yéu cau bai toan.



Cau50: Cho ham sé y = f(x) c6 dao ham trén R. Bié'tSf(x)—(f'(x))2 =x"+x+4,VxeR. Tinh

J.f(x)dx.

0

C.

W
| W
o
|

A. i B.
2
Loi giai
Chon ham f(x) =ax’ +bx+c (a # 0) (Iy do: vé phai 1a ham da thirc bac hai).
= f'(x) =2ax+b.

Ta co Sf(x)—(f'(x))2 =x"+x+4,VxeR

= 5ax’ +5bx+50—(4azx2 +4abx+b2)=x2 +x+4

<::>(5a—4az)x2 +(5b—4ab)x+(50—b2)=x2+x+4

(a=1
b=1
c=1
—4a’ +5a=1 1
=<5b-4ab=1 < a:z
S5c-b* =4 1
b=—
4
Rt
| 16
a=1 | | "
Khi {b=1 taco J-f(x)a’x=.|-(x2+x+1)dx=?.
c=1 0 0

1
4
] 1 1 1
Khi {b=— tacod If(x)dxzj(lx2+lx+£jdx:£.
4 0 4 4 16 48
13




Cau 1:

Cau 2:

Cau 3:

Cau 4:

Caiu 5:

Caiu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 29 (100TN)
Cho ham s y = f (x) lién tyc trén doan [ ;b |. Dién tich S cua hinh phing gi¢i han bsi do thi

ham sé y = f(x) , truc hoanh va hai dudng thing x=a, x=b (a < b) la

A S=[ f(x)dr. B.Szﬂj:’f(x)|dx. c.s:j:’f(x)|dx. D. S=z[ f*(x)dx.

Trong khong gian Oxyz, vecto ndo sau day 13 mot vecto phap tuyén ciia mit phang c6 phuong
trinh 2x—-y+3z-1=07?

Ao ny=(2:3-1). B.m=(2-L-1). C.n=(213). D. n, =(2-13).
Modun ctia s6 phirc z=3—-i?

A. 242 B. \10. C.8. D. 10.

Ho nguyén ham cia ham s f(x)=¢" la

x+1

e

A. e"+C. B. +C. C. xe"'+C. D. xe* +C.

x+1
Trong khong gian Oxyz , cho hai diém A (—1; 2; 3) , B (3; 4; —3) . Trung diém cua doan théng AB
cOtoaddla
A. (1;3;0). B. (2;1;-3). C. (2;6;0). D. (-2-13).
Trong khong gian Oxyz , mit ciu (S) x> +y*+z" —4x+6y—3=0 c6 ban kinh bang
A. 55 B. V10, C. 4. D. 16.

Trong khéng gian Oxyz, vecto ndo sau diy 1a mot vecto chi phuong cia duong thing

‘x+l=y—2=Z—2?

A
3 -3 5
A. b=(3;35). B. v=(1;-2;2). C. u=(-12;2). D. a=(3;-35).
Cho hai s phuc “ =1-21 3% =3-% 1im g8 phirc z=23-2z
A. z=-5-10i. B. z=-2+2i. C.z=4-06i. D. z=-5+6i.

Cho hai s6 phtic z, =5—4i va z, =—3+i. Phan thyc ciia s6 phiic w = z, + z, bang
A. 3. B. 2. C. 2. D. 8.
Cho hamsd y = f (x) lién tyc trén R va a 1a mot s6 duong. Trong cac khang dinh sau, khang

dinh nao dung?

A [ f(x)dx=a’. B. [f(x)dx=0.  C.[f(x)dx=1.  D.[f(x)dr=2a.
Goi z,,z, 1a hai nghiém cua phuong trinh 32> —4z+7=0.Tinh P=z +z,.
A.P=1. B.P=i. C.P=_—7. D.P:—i.

3 3 3 3

Cho ham s& f(x) = x*. Khang dinh nao sau day 1a dang?



3 2
A. Ixzdx:x?+C. B. szdx:%+C. C. _[xzdx=2x+C. D. Ixzdx=x3+C.

Cau13: Chohamsb y = f(x) c6 dd thi nhu hinh v&. Dién tich phan gach chéo trong hinh bing
Ay
y = f(x)

1 0 1

A. J;f(x)dx. B. _J;f(x)dx+£f(x)dx.

C. jf(x)dx+j;f(x)dx .D. if(x)dx—j;f(x)dx.

0
Céu 14: Trong khong gian Oxyz, tm ciia mét cau (S): (x—3)2 +(y+1)2 +(z—5)2 =5 cHtoadod la
A. (3;-15). B. (-3;1,-5). C. (315). D. (-3;-1;,-5).
Céau 15: Trong khong gian Oxyz , cho céc diém 4(3;2;0), B(1;4;3). Toa do vecto AB 1a
A (2,2,3). B. (-2;2;3). C. (2,-2;-3). D. (2;-2;3).

Chu 16: Trong mit phang toa do Oxy, diém M (-2;5) biéu dién sb phirc nao sau day?
A. 5+72i. B. 2+5i. C.5-2i. D. -2+5i.

Cau 17: Gid tri ciia |sin xdx bang

O 0 | N

A. 0. B. 1. C. -1. D.

NN

Céu 18: Cho sb phtrc z =-3+4i. Mddun cua sb phirc z bang
A. 0. B. 4. C. 3. D. 2.
2 , .
CAau 19: Tich phan j(x+3) dx bang
1

A8 B. 4. c. o D. 61.

3 9
Céu 20: Trong khong gian Oxyz , phuong trinh tham s6 cua duong thang di qua diém A4(1;—2;3) va c6

mdt vecto chi phuong u = (0;-1;2) 1a



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

x=1 x=1 x=1+t¢ X =

A.Jy=-2-t. B.<y=-2+¢t. C.iy=-2-¢. D.{y=-2-¢.
z=3+2t z=3+4+2t z=3+2t z=34+2t

Cho s6 phirc z =3+2i. Phan 4o clia s phtic z bang

A. 2. B. -2i. C. 2. D. 2i.

Biét F(x) la mdt nguyén ham cta ham s6 f (x)=2x(3+2Inx) va F(1)=3. Khing dinh nao
sau day dang?
A.F(x):2x2+2x2lnx+1. B. F(x):2x2+2x21nx—l.

C. F(x)=4x+2x*Inx. D. F(x)=4x"+2x’Inx—1.

Trong khong gian Oxyz , mit cu tam /(2;-1;2) va di qua M (2;0;1) ¢6 phuong trinh la

A (x=2) +(y+1) +(z-2)" =2. B. (x—2) +(y+1) +(z-2) =+2.

C. (x+2)2 +(y—1)2 +(z+2)2 =2. D. (x—2)2 +(y+1)2 +(z—2)2 =1.

Goti z, z, 1a hai nghiém phtrc cia phuong trinh 3z2—z+1=0 va M, N lan lugt 14 hai diém biéu

dién cua z, Z trén mat phéng toa d0 Oxy. Tinh T'=OM +ON .

ar=t B.r-2 cr-¥. p.7-28
3 3 3 3

Cho s6 phirc z:a+bi(a,beR) théa man z+1+3i =zi. Tinh S =a+3b.

A. §=-5. B. §=3. C. §=-3. D. §=3.

Trong khong gian Oxyz cho hai vecto ;(l; -1 2),\7(2; 3;1). Vecto [;t,ﬂ (tich c6 hudéng ctia hai

vecto u va \:) co toa do
A. (-7;3;-5). B. (-7:3;5). C. (7;-3;-5). D. (6;-3;1).

Tinh mo-dun cua s6 phitc z biét z(1+i)+3i=1

A lz|=+5. B. |z|=-5. C. |z]=-5. D. |z|=5.
c c b
If(x)dx:17 If(x)dx:—ll I:If(x)dx

Cho « va b voi a<c<b. Tinh @

A. 1=28. B. I =6.

C. 1=-6. D. [=-28.

Tim s6 phirc z biét z=(5-2i)(i+1).

A.z=T7-3i. B. z=-7-3i. C.z=7+3i. D. z=-7+3i.

[=jf(x)dx=3 J=j[4f(x)—3]dx



Cau 31: Cho hinh phing (H) gi6i han boi @6 thi ham sé y =x?, truc hoanh va hai duong thang x=1,
x=2.Quay (H ) quanh truc hoanh ta dugc khéi tron xoay c6 thé tich bang (dvrz)
Z B. 2% c. = p. =
31 2 5 3
Ciu 32: Trong khong gian Oxyz, cho diém M (3; 2; —2) va duong thang d c6 phuong trinh
% = yTH _Z _33 . Phuong trinh ctia mit phang di qua M va vudng goc véi d 132
A. x+2y-3z-1=0. B. x—2y-3z-7=0.
C.x+2y-3z-13=0. D. x+2y+3z-1=0.

Céu 33: Ho nguyén ham cta ham s f(x)zsin 2x 1a
A. %cos2x+c. B. —cos2x+C. C. 2cos2x+C. D. —%cos2x+C.

Cau 34: Trong khong gian Oxyz, cho 3 diém M(1;0;2),N(2;l;0),P(O;l;3). Mit phing (MNP) co

phuong trinh 1a
A.3x+y+2z-7=0. B.3x+y+2z+7=0. C. 2x+4y+z=0. D.5x-3y+z-7=0.

Cau 35: Cho sb phic z=a+bi(a,b €R)thoa man (1+i)z+2z=3+2i. Tinh P=a-b.

A P=-1. B. P=2. C.p——1. p. p=L.
2 2

Céu 36: Co bao nhiéu s phuc - théa man |z—2—3i|:2\/§ va (2_1)(Z+i) 1a s6 thuc?
A. 1. B. 0. C.2. D. 3.

Cau 37: Ho nguyén ham clia ham s6 f(x)=xx*+1 1a
A %i/x2+1+c. B. %(x2 +1)\3/x2+1+C.

C. %(x2+1)\3/x2 +1+C.D. %i/x2+1+C.

Cau 38: Trong khong gian Oxyz , hinh chiéu vudng goc ciia duong thang
d'xT_lzllzz_3trénmétph§ng (P):x—2y+22—2=Océphu0ngtrinh la
AX_yzl_z72 gx7l_» _z73 ¢ xz4_y_z¥3 pox_yol_z72

4 1 -1 -4 -1 1 1 5 3 2 -1 1
Céu 39: Biét j dx —aln5+bInd+cin3 Vi a,b,c 1a cac sb nguyén. Ménh dé nao sau day
X +7x+12
ding?
A. a+3b+5c=0. B. a-3b+5c=-1. C.a-b+c=2. D.a+b+c=-2.

Ciu 40:  Dién tich hinh phang gii han boi cac duong cong y = —x’ +12x va y= —x bang

g B, 343 .13, b, 37

12 12 4 4



Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Trong mit phing toa dd Oxy, thp hop diém bicu dién s6 phuc - théa man |z —2i| = |z (1+2i )| la

mot dudng tron. TAm va ban kinh cia dudng tron d6 1an luot 1a

A. I(Oa_ljaRzl B. I(_l,OJ,RZI
2 2

C. I(—l;OJ,Rzﬁ. D. I(O;—lj,Rzﬁ.
2 2 2 2
Trong khong gian Oxyz, cho mit phing (P):x+2y+z+1=0 va dudng thing
x+l y-2 z+3
11—l
. Biét rang 7i = (2;b;c) (v6i b<0) 1a mot vecto phap tuyén cia (Q). Khang dinh nio sau day

- Goi (0Q) 1a mit phang chita d va tao v6i (P) mot goc @, voi cos g = %

dang?
A.b+c=-6. B. b+c=-24. C.b+c=2. D. b+c=12.

N . . 2 x=1 y z=2 \ , < 2 .
Trong khong gian Oxyz , cho duong thang d :T:T: 5 Phuong trinh ctia mat phang di
qua M (2;1;0) va chira dudng thang d la
A. 4x—-6y—z+2=0. B.4x-6y—-z-2=0. C. x-2y=0. D. 2x+y+2z-5=0.

Trong khong gian Oxyz, cho hai diém A(1;2;3), B(3;4;1). Goi M (x;;0) la diém thudc mét
phang (Oxy) sao cho MA+MB dat gia tri nho nhat. Pat 7' =x+ y, khang dinh ndo sau day
dang?

13 13
A.Te| 7). B. T e(1;5]. C. Te(7:10). D. Te| 5.
Trong khéng gian Oxyz, cho mit ciu (S):(x+2)2 +(y+1)2 +(z—2)2 =16 va hai diém
A(5;O;3),B(9; —3;4). Goi (P),(Q)lﬁn Iurot 1a hai mat phéng chtra AB va tiép xuc V()’i(S) tai
M, N, tinh d6 dai doan thing MN .

A. 5. B.E. C. 3. D.ﬁ.

5 5
Cho sb phtc z thoa man |z—1+21'| :|Z+5i| va w=iz+10. Gia tri nho nhét caa |w| dat duoc

khi w=a+bi.Tinh P=a*-b*

A. —18. B. 12. C. 128. D. 160.
2

Cho ham s6 y =/ (x) lién tuc va c6 dao ham trén [0;2] thoa man [[f"(x)+x]e" dx=3;
0

T 2 ae’ +c ;
f(2)=4; f(0)=0. Biét [xf(x)e"dr= voi a, b, ¢ 1a cac so nguyén. Khi dé
0

a’ +b* —c bang

A. 104. B. 146. C. 90. D. 48.

Ngudi ta mudn tréng mot vuon hoa cam ti cau trén mot manh vuon gidi han boi mot duong

parabol va mot nira dudng tron cé ban kinh V2 mét (nhu phéan t6 dam trong hinh v&). Biét rang



Cau 49:

Cau 50:

dé trong mot mét vuéng hoa can it nhat 250 ngan dong. S tién toi thiéu dé trong xong vudn hoa
cAm ta cau gan bang (Iam tron dén ngan dong)

A Y

9

A. 893 ngan d(:”mg. B. 809 ngan d(‘j)ng.

C. 476 ngan dong. D. 559 ngan dong.

Trong khong gian Oxyz cho mit cau (§): x*+)° +z° —2x+6y—8z+1=0. 4, Bla hai diém
thudc (S) sao cho 4B =6.Goi M (a;b;c) 1a trung diém cua doan AB . Haiy tinh P=a+b+c
trong truong hop a +2b+2¢ dat gia tri 16n nhat.

235 B.p=2. c. NELY
5 3 2

3

A. P=

y+1 z+3 b.x+2_y—3_£

1 2 1 3 2’
b.

Trong khong gian Oxyz, cho ba duong thang a:%z

9

:x—5 _y*7_z-3 . Goi d 14 duong thang song véi ¢ dong thoi cat hai duong thang a va

C
1 2
Puong thing d di qua diém nao sau day?
A. K (1;-6;6) B. M (4;1;-7) C. H(-2;3;0) D. P(4;10;17)

---------- § ) O —



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

HUONG DAN GIAI CHI TIET
Cho ham sb y = f (x) lién tuc trén doan [a;b] . Dién tich S cua hinh phing gi6i han boi dd
thi ham s y = f (x), truc hoanh va hai dudng thing x=a, x=b (a<b) la

£ ()] g.- D. S=z f*(x)dx.

Loi giai

A.S=[f(x)dx.  B.S=z[

Ung dung tich phan dé tich dién tich ta co S = Ib

£ () de.

Trong khong gian Oxyz , vecto ndo sau day 1a mot vecto phap tuyén ciia mit phang c6 phuong
trinh 2x—y+3z-1=07?

A n,=(2:3-1). B.n =(2-1-1). C.n =(213). D.
4 3 1

Loi giai
Mot vecto phép tuyén ctia mit phang c6 phuong trinh 2x—y+3z—-1=0 1a ;; = (2;—1;3) .

Modun cua s6 phuc z=3-i?

A 242 B. N0, C.8. D. 10.

Loi giai

Modun cua s6 phirc 14 |2 = /3* +(—1)2 =4/10.

Ho nguyén ham ctia ham s6 f (x) =e' la

x+1
A.. B. L +cC. C. xe" '+ C. D. xe' +C.
x+1

Loi giai

Theo bang nguyén ham co ban chon dap an A.
Trong khong gian Oxyz, cho hai diém A4(-1;2;3), B(3;4;-3). Trung diém cta doan thing
AB c6 toa do la

A. [(B3:0): B. (21;-3). C. (26:0). D. (-2-1;3).

Loi gidi

2
. R 3 ) 2 Ca, 2+4
Goi I(x;y;z) la trung di€m cua doan thang AB . Khi do §y =T=3
3-3
2

Vay 1(1;3;0).

Trong khong gian Oxyz , mit cau (§):x’ + »* +z° —4x+6y—3=0 c6 ban kinh bing

A. 35, B. V10. c.i D. 16.

Loi giai



Phuong trinh mit cdu c6 dang x” + y* +z° —2ax—2by —2cz+d =0 voi a> +b*+c* —d >0

—2a=-4 a=2

-2b=6 b=-3
= =

—-2¢=0 c=0

d=-3 d=-3

Ban kinh ctia mat ciu 1a sz/az+b2+c2 —-d=4.

Cau7: Trong khéng gian Oxyz, vecto nao sau diy 1a mot vecto chi phuwong ciia dudng thing
A:)chl=y—2=Z—2?
3 -3 5
A b=(3:3:5). B.v=(1-22).  Cou=(-L22).  D.[@=(E=55)

Loi giai

A ¢6 mdt vecto chi phuong 13 a = (3;-3;5).

Cau8:  Cho haisé phic z, =1-2iva z, =3—4i. Tim s6 phuc z =z, —2z,.
A. z=-5-10i. B.z=-2+2i. C.z=4-6i. D. z=-5+6i.
Loi giai

z=2-22,=1-2i-2(3—-4i)=-5+6i .

Cau9:  Cho hai sd phiic z, =5-4i va z, =—3+i. Phan thuc cta sb phicc w =z, + z, bang
A. -3, B. 2l C.-2. D. 8.
Loi giai

Taco w=z,+2,=5-4i-3+i=2-3i, w c6 phan thuc bang 2.

Cau10: Chohamsé y=f (x) lién tuc trén R va a 1a mot s6 duong. Trong cac khing dinh sau, khing
dinh nao dung?

A. _Tf(x)dx:az. E.- C. jf(x)dle. D. .Tf(x)dx:2a.

Loi gidi
Goi F(x) la mot nguyén ham ctia ham s6 f'(x)

Tacé [ f(x)dr=F(x)

a

"=F(a)-F(a)=0.

Cau 11:  Goi z,,z, la hai nghiém cta phuong trinh 3z* =4z+7=0.Tinh P=z +z,.

A p=_L. B. c.p=_L p.p=-2
3 3 3

Loi giai
Ap dung Viet ta co: P=z +z, =%=§.

Cau 12: Chohamsb f(x)=x". Khang dinh nao sau day la dung?



2
A. - B. szdx:%+C. C. Ixzdx=2x+C. D. Ixzdx=x3+C.

Loi giai

3
X

Ta cbd J.x2dx:?+C.

Cau13: Chohamsé y=f (x) c¢6 d6 thi nhu hinh v&. Dién tich phan gach chéo trong hinh bang
Ay
y = f(z)

2/ O 1 =

1 0 1

AJ.f(x)d.x Bff(x)dx+!f(x)dx

-2 -2
-2 1
0 0
Loi giai
Goi dién tich phan gach chéo la S khi do

5= {17 s = L oo (o= o= o

Chu 14:  Trong khong gian Oxyz , tm cuia mit cau (S): (x—3)2 +(y+l)2 +(z—5)2 =5 cHtoadod la

A.- B. (-3;1,-5). C. (315). D. (-3;-1;,-5).

Loi gidi
Tém ctia mit cau (S): (x—3)2 +(y+1)2 +(z—5)2 =51a (3;-15).

Cau 15:  Trong khong gian Oxyz, cho cac diém A(3;2;0) , B(1;4;3). Toa do vecto 4B la

A (222:3). B (-2:2;3). C. (2-2;-3). D. (2-2:3).

Loi giai
AB =(-2;2;3)
Cau 16:  Trong mit phang toa do Oxy, diém M (—2;5 ) biéu dién s6 phirc nao sau day?
A. 5420, B. 2+5i. C.5-2i. D. —2+5i.
Loi giai

Diém M (a;b) trong mit phing toa dd Oxy la diém biéu dién sb phic z=a+bi.

Do d6 diém M (—2;5) 1a diém biéu dién sb phirc —2+5i .



Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

ooy

Gia tri cia | sin xdx bang
A. 0. g.l C. -1. p. Z.
2
Loi giai
3 .
Ta co jsinxdx =—cosx|?=1.
0 0
Cho s6 phiic z =—3+4i . Mddun ciia s phirc z bang

A 0. B. & C.3. D.2.

Loi giai
Ta cod |E| = |z| =/(-3) +(—4)2 =25=5
2

Tich phan I(x + 3)2 dx bang

1

A.l B. 4. C.%. D. 61.

2 2
Taco j(x+3)2dx:j(x+3)2d(x+3):%
1 1

Trong khong gian Oxyz , phuong trinh tham s ctia duong thang di qua diém A(l;— 2;3) va co

mdt vecto chi phuong u = (0;-1;2) 1a

x=1 x=1+t x=t
A. B.iy=-2+t. C.qy=-2-t. D.{y=-2-¢.
z=3+2t z=3+2¢ z=3+2¢
Loi gidi

Phuong trinh tham s6 ciia dudng thing di qua diem M (x,;,;z,) va ¢6 vecto chi phuong
xX=x,+tut
u=(u;u,;u,) codang {y=y, +ut.

z=2z,+ust

Vay, phuong trinh tham s6 cta dudng thang di qua diém 4 (1 ;— 2;3) va c6 mdt vecto chi phuong

x=1
u=(0;-1;2) la s y=-2-1.
z=34+2t

Cho s6 phirc z =3+2i . Phan 4o ctia s phtic z bang
A.2. B. -2i. (o | D. 2i.
Loi giai



Cau 22:

Cau 23:

Cau 24:

Tacod: 322 —z+1=0=>

Ta c6 z=3-2i nén cb phan 4o bang —2
Biét F(x) 1a mot nguyén ham ctia ham sé f(x)=2x(3+2Inx) va F(1)=3. Khang dinh nao
sau day dang?
A F(x)=2¢" +2¢ Inx+1. B. F(x)=2x*+2xInx—1.
C. F(x):4x2+2x21nx. D. F(x):4x2+2x21nx—l.
Loi giai

u=3+21nx:>du:gdx
bat X

dv=2xdx=>v=x"
[ £ (x)dx =" (3+2Inx) - [ 2xdx = x* (3+2Inx)—x* +C = 22"+ 24 Inx +C..
Ma F(1)=3=C=1.
Vay F(x)=2x"+2x"Inx+1

Trong khong gian Oxyz , mit cau tim / (2;—1;2) vadiqua M (2;0;1) c6 phuong trinh 1a

A (x=2) +(p+1) +(z-2) =2. B. (x=2) +(y+1) +(z-2) =2
C. (x+2)2+(y—1)2 +(z+2)2 =2. D. (x—2)2+(y+1)2+(z—2)2 =1.

Loi gidi
Ta co: IM =(0;1;-1)= IM = \J0* +1* +(~1)’ =2
Vi mat cau tam 7(2;-1;2) vadiqua M (2;0;1) 1)nén R=IM =+2.
Suy ra phuong trinh mat cu can tim la: (x—2)" +(y+1)" +(z-2)" =2.

Goi z,, z, 1a hai nghiém phitc ctia phuong trinh 3z —z+1=0 va M, N lan luot 13 hai diém

biéu dién cua z,, Z trén mit phang toa 46 Oxy . Tinh T =OM +ON .

Loi gidi
l+x/ﬁi
le
6
-1l — 1+11
ZZ= 6 :>Zz= 6

Vi M,N lan lugt la hai diém biéu dién coa z, 2_2 trén mit phang toa d6 Oxy nén

[1 \/—J’N(l;EJZOM:ON:\/(lTJF(ﬁJZ=£
6 6 6 6 6 6 3

23

Suy ra T=OM+ON=T.



Cau 25:  Cho s phtc z:a+bi(a,be]R) théa man z+1+3i =zi. Tinh S =a+3b.

A. 55550 B.S=3. C.S=-3. D. S=3.
Loi gidi

. . . . N a+l=-b a+b=-1 a=1
Ta cod z+1+31=zz<:>a+bz+l+31=(a+bl)z = = = .
b+3=a a-b=3 b=-2

Nén S=a+3b=1-6=-5.
Cau26: Trong khong gian Oxyz cho hai vecto u(1;-1;2),v(2;3;1). Vecto [ﬁ,;] (tich c6 hudng cia

hai vecto u va v) co toa do

A. (<7:3;-9). B. (-7:35). C. (1:-3-5). D. (6:-3;1).

Loi giai
Ta cod [;t,ﬂ =(-7:3;5).

Cau27: Tinh mo-dun ciia s phirc z biét z(l + i) +3i=1

A EEE B. |z|=—5. C. |1=-5. D. | =5.

Cach1: Giast z=a+bi
Ta co:

z(1+i)+3i=1e (a+bi)(1+i)+3i=1< a+ai+bi-b+3i=1 (a—b-1)+(a+b+3)i=0
{a—b—I:O {a:—l

S S
a+b+3=0 b=-2

Vay |7 =y(-1) +(=2) =5

1-3i

Vay [ =(-1) +(-2) =5

c C b
jf(x)dx=l7 Jf(x)dxz—ll Izjf(x)dx
Cau 28: Cho ¢ va b v6i a<c<b.Tinh a
A IS8 B. [=6. C.I1=-6. D. [=-28.

Loi giai

Cach2: Taco z= =—1-2i

Ta co I=J.f(x)dx=j.f(x)dx+jf(x)dx=17—jf(x)dx=17+11=28

Cau29: Tim s phic z biét z=(5-2i)(i+1).
A z=T7-3i. B.z=-7-3i. C.z=7+3i. D. z=-7+3i.
Loi giai

Taco: z=(5-2i)(i+1)=5i+5+2-2i="7+3i.



Tasuyra z=7-3i.

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cho 7= f(x)dx=3.Khido J = [[4/(x)-3]dx bing

A J=9. B. J=18. C.J=6. D. J=4.
Loi gidi
2 2 2
Taco: J = [[4f (x)-3]dv=4[ f (x)dx—[3dx=43-(3x)] =12-(6-0) =6.
0 0

0
Cho hinh phing (H) gi6i han béi do thi ham s6 y = x?, truc hoanh va hai duong thang x =1,

x=2.Quay (H) quanh truc hoanh ta dugc khdi tron xoay c6 thé tich bing (dvtt)

AT B. 2% C. p. '~
31 2 = 3

Loi giai

The tich cia khoi tron xoay la:
2

2 2\2 x° (A5 31
V:ﬂj(x ) dx =r— =—(2 —1)2—72'.
1 N 5
Trong khong gian Oxyz, cho diém M (3;2;-2) va duong thing d c6 phuong trinh
x_y+l_z-3

1 2 -3
A. x+2y-3z-1=0. B.x-2y-3z-7=0.
C

Loi giai

. Phuong trinh ctia mat phang di qua M va vudng goc véi d 1a?

Goi (@) 1a mit phang can tim
Do (&) Ld nén () nhan VTCP u =(1;2;-3) ciia d lam VTPT
Phuong trinh ctia () 1a: 1(x—3)+2(y-2)-3(z+2)=0
< x+2y-3z-13=0.
Ho nguyén ham ciia ham sé f(x)=sin2x 1a
A. %costwLC. B. —cos2x+C. C. 2cos2x+C. Q.-
Loi giai

Ap dung cong thirc nguyén ham Isin(ax+b)dx = —lcos(ax+b)+ C
a

Nhu vay: Isin 2xdx = —%cos 2x+C.

Trong khong gian Oxyz, cho 3 diém M (1;0;2),N(2;1;0),P(0;1;3). Mt phang (MNP) co
phuong trinh la

A.B¥FPF2257201 B.3x+y+2z+7=0. C. 2x+4y+z=0. D.5x-3y+z-7=0.

Loi giai



Ta c6 MN = (1;1;-2) va MP = (-1;1;1).Goi 7i 1a véc to phap tuyén ctia mat phang (MNP).
Mit phang (MNP) di qua M,N,P nén c6 véc to phap tuyén 1a 7 = [M—N,M—P} =(3;1;2).

Khi d6 phuwong trinh mit phing (P) c¢6 dang:3(x—1)+(y—0)+2(z-2)=0
& 3x+y+2z-7=0.

Chu 35:  Cho s0 phitc z=a+bi(a,beR)théa man (1+i)z+2;:3+2i. Tinh P=a-b.

A P=-1. B. c.p=—1 D. P=1.
2 2

Loi giai
Taco (1+i)z+2z=3+2i < (1+i)(a+bi)+2(a—bi)=3+2i

3a-b=3
Sa+bi+ai—-b+2a-2bi=3+2i ) .Suyra P=a-b=2.
a—0o0=

Cau 36: Co bao nhiéu sb phtic z thoéa min |z—2—3i|:2\/§ va (z—l)(;+i) 1a 56 thuc?
AR B. 0. C.2. D. 3.
Loi gidi
Gia st z=a+bi(a,beR). Taco:
|2-2-31=2v2 o |(a=2)+(b-3)i|=2v2 & (a-2)" +(b-3)" =8 (¥)
(z=1)(z+i)=zz+iz—z—i=a’+b’ +ai~b—a+bi~i lasd thuc khi a+b-1=0
& b=1-a thay vao (*) ta dugc (a—2)2+(—a—2)2 =8<2a°=0<a=0

Suyra b=1= z =i. Vay c6 mdt sb phic z thoa dé bai.

Cau37: Ho nguyén ham cua hamsé f(x)=x3Ix’+1 1a

C. %(x2+1)%/x2+1+c. D.%3x2+l+C.

Loi giai

Pit t=3Yx>+1 =7 = x> +1= 32dt = 2xdx . Ta c6:

Ix\/x +1dx = I\/x +1.xdx = Itgtdt— J.t3dt—%

t—+C
4

=§3 (x2+1)4 +C=§(x2+1)\3/x2+1+c

Cau 38: Trong khong gian Oxyz , hinh chiéu vuéng goc ctia duong thing

1 -3 ,
a’:xT=lI=Z1 trén mat phang (P):x—2y+22—2:0cc')phu:(mgtrinhlél
C x—4_1_z+3 D i_y_—l z—2
1 5 3 T2 - 1




Cau 39:

Cau 40:

Chon M (1;0;3) ed .Goi A lagiao diém cua (P) va d , M’ 14 hinh chiéu vuong goc cua M trén
(P)thi duong thing 4M 1a hinh chiéu vudng goc cua dudng thing d trén (P).
+) Tim toa do diém 4 :

Vi ded = A(2t+1;-1;1+3).

Ma Ae(P):>2t+l—2.(—t)+2(t+3)—2=0<:>6t+5=0<:>t=—%:>A(—

W |

.2.2)
676 )

Goi A 1a dudng thdng qua M va vudng goc v6i (P) thi d N(P)={M"}va véc to phap tuyén

+) Tim toa d6 diém M’ :

ciia (P): n(1;-2;2)1a véc to chi phuong ciia A,

x=1+4+u
Taduoc A:dy=—2u =M"(1+u;—2u;3+2u).
z=3+42u

Ma M'e(P)=1+u-2.(2u)+2(3+2u)-2=0=9%u+5= 0<:>u——§:M'(g %,%}

+) Viét phuong trinh duong thing AM ' :

Véc to AM’(% % I_8j TTu( —1) nén u 1a véc to chi phuong ctia AM' .
2 5 13
) i X+= y-— z——
Ta c6 phuong trinh chinh tac duong thang AM " : 43 = 6 16
Nhan thiy N(O;l;2)eAM'nén AM': §=yT_1= 2_12.

A \ - £ N . , \ 2 x-1 'y z-3 < 2
Vay hinh chiéu vuong goc cua duong thang d :T:—I: " trén mat phang
(P):x—2y+2z—2=01éd1rc‘mg thiang AM' c¢6 phuong trinh 14 %=yT_l= 2_12.

Biét Id—:aln5+bln4+cln3 v6i a,b,c 1a cac sb nguyén. Ménh dé nao sau day

x“+Tx+12
dung?
A.a+3b+5¢=0. B. a—-3b+5c=-1.
C.a-b+c=2. D.a+b+c=-2.

Loi giai

1 1 1
[ dx = dx =j( - ]dx:(ln|x+3|—ln|x+4|)|l =—In5+2m4-In3.
o X +7x+12 0(x+3)(x+4) o\x+3 x+4 0
=a+3b+5c=0.
Dién tich hinh phang gidi han béi cac dudng cong y =—x’ +12x va y=-x" bang



A B2 c 22 p. 27
- 12 4 4

Loi giai
Phuong trinh hoanh dé giao diém cua cac duong cong y =—x" +12x va y=—x 1a

X +2x=-x' x(x2 —x—l2)=0

x=0
x=0
S4B S| x=4
x —=x-12=0
x=-3

Dién tich hinh phang gidéi han boi cac duong cong y=-x"+12x va y=-x" bang
4
937
I|x3—x —12x|dx ”x -X —12x|dx+_”x —x* —12x|dx =—.
12

-3

Cau 41: Trong mit phang toa d0 Oxy, tap hop diém biéu dién s6 phirc z thoa man |z 2z| = | 1+ 2z)|

1a mot dudng tron. Tam va ban kinh ctia duong tron d6 1an luot 1a

A. 1(0;—1],13:1 B. 1(—1;0),1?:1.
2 2
C. I(_l; )’R:_S. D.-
2

Loi giai

\9)

Chon D
Giasur z=x+yi, x,yeR
Ta co:

-2 =] (1+20)

& |+ (y=2)i] = |x+ pil|(1+20)
ex’+(y-2) =5(x"+)")

S ax +4y* +4y—4=0

Sy +y +y-1=0
Do d6, tap hop diém biéu dién s6 phiic z théa man |z 21| = | (1+2i) | la mot dudng tron c6 tdm / (0 —%)

2
va ban kinh ,R =, [0? +(—%) +1 =§.

Cau42: Trong khong gian Oxyz, cho mit phang (P):x+2y+z+1=0 va dudng thing
d:x+1 _ y=2 _ z+3
1 1 -1
.Biét rang 7 = (2;b;¢) (v6i b<0) 1a mot vecto phap tuyén ctia (Q). Khiang dinh nio sau day
dang?

- Goi (Q) 1a mit phang chita d va tao v6i (P) mot goc @, vGi cos g = %



Cau 43:

Cau 44:

A. b+c=-6. B. b+c=-24. C.b+c=2. D. b+c=12.

Loi giai
Mit phang (P) c6 mot vecto phap tuyén 1a @ =(1;2;1),
Puong thing d mot vecto chi phuong cua 1a Z = (1;1;—1) .

Vidc(Q)=u,n=0c12+1b-lc=0c=b+2.(1)

5  [l2+2b+1d 5
=— & - —
6 JoNa+p +> 6

Ta lai co cos((Q),(P)) =Cos @ =% = ‘cos(a;),;z)

o6 [2b+c+2|=544+b"+c7 . (2)

Tir (1) va (2) suy ra /6.[3b+4| = 542b> +4b+8 < 6(9b” +24b +16) =25(2b" +4b+8)

) Cioa b=2(I)
< 4bh°+44H6-104=0 < .
b=—13=>c=-11

Vay b+c=—13+(-11)=-24.

Trong khéng gian Oxyz , cho dudng thiang d : xT—l P A ; 2 . Phuong trinh ctia mit phang di

qua M (2;1;0) va chira dudng thang d la

A.4x-6y-z+2=0. B.@¥=6y=2-2=0! C. x-2y=0. D. 2x+y+2z-5=0.

Pudng thing d di qua diém A4(1;0;2) va ¢6 vec-to chi phuong u =(2;1;2).
Suy ra mit phing can tim di qua diém M (2;1; 0) va c6 vec-to phap tuyén [Zm} =(4;-6;-1)
nén mit phang c6 phuong trinh: 4x—6y—z—2=0.

Trong khong gian Oxyz , cho hai diém A4(1;2;3), B(3;4;1). Goi M (x;;0) la diém thugc mét

phing (Oxy) sao cho MA+MB dat gia tri nho nhat. Pat T =x+ y, khang dinh nao sau day

dung?

A. Te(%ﬂ}. B. T e(L5]. C. T e(7;10). Q.-
Loi giai

Phuong trinh mgt phang (Oxy):z=0.

Nhan thay 4(1;2;3), B(3;4;1) ndm vé mot phia so véi (Oxy).

Hinh chiéu vuong goc ctia 4(1;2;3) trén mit phang (Oxy) la H(1;2;0).

Goi A' 1a diém ddi xtmg v6i 4 qua (Oxy), khido A'(1;2;-3).



x=1+¢
Tacd: AB= (2;2;4), phuong trinh dudng thang A'B: |y =2+t

z=-3+4+2t
5
x==
x=1+t¢ 2
7
: ' .4 A 2:3 R ‘A , C|y=2+t y=—
Goi I=A'BN(Oxy). Khi do, toa d6 diém I la nghiém cia hé o 2
z=-3+2t
z=0
z=0 3
t==
2

:I(E;Z;O].
2°2
Vi moi diém M thude (Oxy)ta cO MA+MB=MA"+ MB> A'B.

Do d6 MA+MB dat gia tri nho nhat bing A'B khiva chikhi M =1 .

13
Vay T:§+Z:6 6(5;—}
2 2 2

Caud5. Trong khong gian Oxyz, cho mit cau (S):(x+2)2 +(y+1)2 +(z—2)2 =16 va hai diém
A(5;0;3),B(9;-3;4). Goi (P),(Q)lﬁn luot 14 hai mat phang chira 4B va tiép xtic voi(S) tai
M, N, tinh d6 dai doan thing MN .
A. 5. B. —. C. 3. D.—.

Loi giai

Mit cau () cé tam /(-2;-1;2), bankinh R=4.
AB =(4;-3;1)

x=5+4t
(AB):qy= -3t
z=3+1¢



Cau 45:

Cau 46:

AB L IM

— AB 1 (IMN)= AB LIK nén K la hinh chiéu
AB LIN

Goi K =ABN(IMN). Ta cb {

vuong goc
cua [ trén AB.

K € AB= K (5+4t;-31;3+1)

IK =(7+4t1-3t1+t)

Taco IK L AB < IK.AB=0< 4(7+41)-3(1-3t)+(1+1) =0t =1
= IK =(3;4;0)= IK =5

Xét tam giac vuong MIK co

MK =K —MK? =35> —4* =3

IMMK 12 24

MH - 2. MN=2MH ="
IK 5 5

Cho sb phtic z thoa man |z—1+2i|=|z+5i| va w=iz+10. Gia tri nh6 nhét cua |w| dat duoc
khi w=a+bi. Tinh P=da’ -b’
A. —18. B. 12. C.128. D. 160.

Loi giai
Pit z=x+iy. Taco |z=1+2i =|z+5i| < (x-1)" +(y+2)" =x* +(y+5) & x=-3y-10.
Mat khac: w:iz+lO:i(x+yi)+10:10—y—(3y+10)i. Ta co

] =y/(10-») +(39+10)" = [10(3* + 4y +20) =\10(y+2)* +160 2 410, déu "=" xiy ra
khi y=-2=x=-4.Khidé w=12-4i .Khido P=a"—b"=128.

2
Cho ham s6 y = f(x) lién tuc va c6 dao ham trén [0;2] thoa méan J[f’(x)+x]e’“zdx:3;

0

b
2 ae’ +c . .z A s
dx = voi a, b, ¢ la cac so nguyén. Khi do

2
f(2)=4; £(0)=0. Biét [xf(x)e'
0
a’ +b* —c bang
A. 0% B. 146. C. 90. D. 48.
Loi gidi

2
Xét [ :Ixf(x)exzdx
0

2

Dat u:f(x):duzf'(x)dx; dv=xe* dx = chon \/z%e)C



2 2 2
Le oy @ 1 1 1 , 2
_E.[f (x)e dx:zf(2)e4_5f(0)—5“:f (x)+x:|e dx+
0 0 0
gt 3L L 9T
. 2 4 4 4

1
2

2
4
=2e" —

+

1
4

N | W

:[exzd(xz) =2¢" —%+%e"2

Vay a=9; b=4; c=-7 suyra a’+b*—c=81+16+7=104.
Cau 47: Nguoi ta mudn trong mot vuon hoa cam ti cau trén mot manh vuon gidi han boi mot dudng

parabol va mot nira dudng tron cé ban kinh J2 mét (nhu phan t6 ddm trong hinh v&). Biét rang
dé trong mot mét vuéng hoa can it nhat 250 ngan dong. S tién toi thiéu dé trong xong vudn hoa

cam tu cau gan bang (lam tron dén ngan dong)

A Y

A. 893 ngan dong. B. 809 ngan dong.
C. 476 ngan dong. D. 559 ngan dong.

Loi giai
Ta co:

Phuong trinh nira duong tron tAm O'bén kinh v2:(C):x?+y* =2 (y>0)
Suy ra: (C):y=v2-2" (V2 <x<+2)

Ta c6 phuong trinh parabol: (P):y =ax’ +bx+c (a#0)

Do (P) ¢6 tryc d6i xtmg x=0 = (P): y=ax’ +c

Ta lai c6 diém (0;-1)e(P)=>-1=a0+c < c=-1

Ta thdy do thi (P) cdtdo thi (C) tai diém c6 hoanh do x =1

Taco x=1= yp=~2-1 =1

Vay (P) di quadiém (L1)=1=al-1<a=2

Vay (P):y=2x"-1

Dién tich dé trong hoa cam th cau 1a phén dién tich gi¢i han boi (C) va (P) trén doan [-1;1]

Ta co: S='1”f(x)—g(x)| voi: f(x)=v2-x va g(x)=2x"-1



Ta théy trén doan [—1;1] thi d thi cua f (x) nam trén do thi cua g (x)

Suy ra: f(x) > g(x) < f(x)—g(x) >0 Vxe [—1;1]
Tur do:

1 1

S =J.1|f(x)—g(x)| :j.l[f(x)—g(x)}dx zj[(\/ﬁ)—@xz —1)}dx

-1

=H 2 X —24 —1}1x= j;[ﬂ}dx—ipxz ~1]dx

=_j[ﬂ}dx—(§x3—le

1

2
= +—

3
1

Taco: I, = || V2—x* |dx
1

-1
bat x = \/Esin(t) =dx= \/Ecos(t)dt

boi can:

M~

I

5
e |

2

ENE

; :
mco”‘h:ﬁj\/Ecosztdt:\/zj\/z(1+0052tJdt
i a

4
z
4

— sy

(1+cos2t)dt :£t+%sin2tj :%H

&N

_
4

Vay dién tich trong xong vudn hoa cam ta cau la: S = Z i +§ = % +§

S6 tién tdi thiu dé trong xong vuon hoa cim ti cau: (%+§J.250 ~ 809 (ngan dong)

Cau 48: Trong khong gian Oxyz cho mit clu (S): x> +)° +2> —2x+6y—8z+1=0. 4, Bla hai diém

thudc (S) sao cho 4B =6.Goi M (a;b;c) la trung diém ctia doan AB.Hay tinh P=a+b+c

trong truong hop a+2b+2¢ dat gia tri 1on nhat.

235 B.p-2. c. B2 p. 3!
5 3 3 2

A. P=

Loi giai



Cau 49:

'(S):x2+y2+zz—2x+6y—82+1=0 Cétéml(l;—3;4),R:5
* 4,Be(S), AB=6. Goi M la trung diém AB, suy ra
IM =~ R*-3* =4

=M e(S,):(x—1) +(y+3)’ +(z-4)" =16 cotam I(1;-3;4), R =4

* Xét mit phang (a):x+2y+2z=0 va M (a;b;c)

Tacod d ( . Suy ra diém M thoa ycbt vira thugc mat clu,
2 2 2 3 |
"+2°+2

vira thudc duong thing qua 7 va vudng goc voi (@)

)_| a+2b+2c | |a+2b+2c|
)7 |

x=1+t¢
* Goi A 6 phuong trinh { y =-3+2¢ la dudng thang qua 7(1;—3;4) va vudng goc véi (o)
z=4+2t

x=1+¢
* Thay { y =—3+2¢ voo phuong trinh mit cau ta duoc:

z=4+2t
7 -1 20
-t w12
16 3 33 3
= s -

9 4 ( 1 17 4}
I=—= ol Ty T/ ¢
3 37 3°3
* Vi Ml(Z’ 120): +2b+2c—z+2—1 ZEZIS
3°3 3 3 3
* V61 M, Z—IQ :>a+2b+20——1+2£ 2.i=—9
3’373 3 3 3

e Tathdy a+2b+2c =15 16n nhat. Nén ta chon M, (% ?1 ?] Khido P= a+b+c—?

y+1 z+3 b_x+2_y—3_£
1 =27 1 -3 ’

Trong khong gian Oxyz, cho ba dudng thang a:§=

2
x—5 y+ 7 z-3 . \ \ 2 , - A el . . 2 \
c: = = . Goi d la duong thiang song véi ¢ dong thoi cat hai duong thang a va b.

12
Puong thang d di qua diém nao sau day?
A. K (1;-6;6) B. M (4;1;-7) C. H(-2;3;0) D. P(4;10;17)

Giai
+Goi d na=A(2t;-1+1;,-3-2t);d N"b=B(-2+5;3-3s;2s)
+Tacd AB=(s—2t-2;-3s—t+425+2t+3); u, =(1,2;3)

§s=2t-2 3s—t+4 2s+2t+3
2 3

+Vid//lc= ﬁ;uj cung phuong <



2s—4t—-4=-3s—t+4
=
3s—6t—6=25+2t+3

S5s—3t=8 r=-1
@{ <:>{ = A(—2;—2;—1)

s—8t=9 s=1

x=-2+t
+Tacdd:qy=-2+2t
z=—14+3¢

+ Thay bbn d4p an ta c6 diém P thudc d



Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Cau 5:

Cau 7:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 30 (100TN)
Cho biét F (x) 1a mot nguyén ham cua ham sb f (x) Biéu thirc I f (x)dx bang
A.F(x). B. F'(x)+C. C. F(x)+C. D. xF(x)+C.
Chohamsb y = f (x) lién tuc trén [a;b] . Goi D 14 hinh phing gi6i han bdi d6 thi cta ham sb
y = f(x), tryc hoanh va hai dudng thang x = a,x = b(a < b) . Thé tich ctia khoi tron xoay tao

thanh khi quay D quanh truc hoanh dugc tinh theo cong thirc?

A.V:j)‘|f(x)|dx. B.V:ﬂzjif(x)dx. C.Vzﬂjifz(x)dx. D.V:ﬁzj.fz(x)dx.

2 4

If(x)dsz,jf(x)dx:—l f(x)dx

Néu 1 ! thi 2 bang

A. 2. B. 3. C. 3. D. 1.

Cho hai s6 phitc z, =2+3i, z, =—4—i. S6 phiic z =z, —z, c6 modun la

A. 13 B. 2./2. C. 2413, D. 2417 .

Cho cac sb thuc a,b(a <b) va ham s6 y= £ (x) c6 dao ham 1a ham lién tyc trén R . Ménh dé
nao sau day la dung?

A. If’(x)dx=f(a)—f(b). B. [ £ (x)dx = £ (b)-f(a).

QY — > R —

C. j[f(x)dxzf’(b)—f’(a). D. [/ (x)dv=r"(a)-f"(b).

Trong khong gian v6i he truc toa do Oxyz, cho a=-2i+ 4}' — 6k . Toa dd cua ala
A. (2-4:6). B. (~2;4;-6). C. (,-2;3). D. (~1;:2;-3).

Cho ham s6 y = f(x) c6 do thi nhu hinh v& bén dudi. Dién tich S ciia mién dugc t6 ddm nhu

hinh vé duogc tinh theo cong thurc nao sau day?




Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

x=2+t
Trong khong gian Oxyz, cho duong thiang d c6 phuong trinh { y =3¢ (t € R) . Hoi duong

z=-2+t
thang d di qua diém nao sau day
A. B(2;3;-2). B. C(-2;-3;2). C. A(L-11). D. D(2;3;2).
Diém nio trong hinh v& dudi day 1a diém biéu dién cia sb phic z = ll_—?f?
+1
y
A
r-2
i [{-=-------- _}C
Y P X
20 - 21 3
! I [ 4
| D
Lo =2
B
A.Diém B. B. Biém D. C.Piém C. D. Diém A.

Cho ham s6 f(x)= Trong cac khing dinh sau, khing dinh nao ding?

coszx .
A. [ f(x)dx=cotx+C.B. [ f(x)dx=tanx+C.

C. [ f(x)dx=—tanx+C. D. [ f(x)dx=—cotx+C.

Tat ca cac nghiém phirc ctia phwong trinh z° —2z+17=0 14

Ao 1—4i; 1+4i. B. 4i. C. 2+4i; 2—4i. D. -16i.

Trong khong gian Oxyz , phuong trinh mét cau (S) c6 tim 7(—1;1;—2) va bankinh =3 la

A (8): (x+1) +(y=1) +(z+2)" =9. B. (8): (x=1)" +(y+1) +(z-2)" =9.

C. (8): (x=1) +(y+1) +(z-2) =3. D. (S): (x+1) +(y=1) +(z+2) =3,
Trong khong gian véi hé truc toa o Oxyz, cho hai mit phiang (P) va (Q) lan luot c6 vecto

phap tuyén n va n' . Goi ¢ 1a goc giita mit phing (P) va (Q). cong thirc nao sau day dung?

' o n’.n| n’.n|
A. sing =——=. B. cosp=—==. C.sing=—=. D. cos¢p=1==.
gz | gz gz
Cho s6 phitc z =—1+5i. Phan a0 cta sd phic z bang
Al 1. B. 5 C. -s. D. —1.

Trong khong gian Oxyz, cho mit cau (S):x* +)° +2° +2x+4y—6z—1=0. TAm clia mit cau
(S) cotoadd la
A. (1;2;-3). B. (2;4;,-6). C. (-1,-23). D. (-2;,-4:6).



Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Trong khong gian Oxyz , cho phuong trinh mit phang (P): 2x—z+2 =0. Mt vecto phép tuyén

cua (P) la
A. (2,0,-1).

Trong khéng gian Oxyz, cho phuong trinh cta hai dudng thang: d :

.x—3_l

A. d,,d, cat nhau.

B. (2-1,0)

B. d,,d, chéo nhau.

Tinh Jezx‘s dx ta dugc két qua nao sau day

A. 2e¥7 4+ C.

er—S

B. +C.

C. (0;-12).

2177 " :_iz. Vi tri trong d6i cia hai dudng thiang d, vad, la

C. d,,d, song song.

D. (2-12).

X
2 -1 1

D. d,,d, trung nhau.

D. —5¢*7 +C.

Trong khong gian Oxyz, cho mit phang (a) :2x -3y +z-3=0. Mit phing nao sau dy song

song v6i mit phang (o )?
A. (Q):2x+3y+z+3=0.
C.(y):2x=3y+z+2=0.

B. (ﬂ):x—3y+z—3:O.
D. (P):2x—3y+z—3=0.

Goi S 1a dién tich hinh phang giéi han boi hai duong y = 3 va y=4—-x.Tinh §.
X

A2
3.

Tinh tich phan [ = j

A. I:Z—Sln3.
2

1

0

B. 3ln3—E
3

x—3 e
x+1

B. I=4In3-1.

C. iﬂ'.
3

C.I=1-4In2.

D. 4-3In3.

D.I=2-5In2.

Trong khong gian véi hé toa dd Oxyz, cho hai diém 1(2;0;—2) va A(2;3;2). Mt cau (S) cod

tam / va di qua diém A c6 phuong trinh la
A. (x=2) +y* +(z+2) =25.

C. (x+2)2+y2+(z—2)2 =5.

B.
D.

( —2)2+y2+(z+2)2

X
(x+2) +y*+(z-2)" =25.

5.

Gid tri céc s6 thuc a,b théaman 2a+(b+1+i)i=1+2i (véii ladonvido)la

A.a=0;b=1.

B. a:l;b:O.
2

C.a=1b=1.

D. a=l;b:1.
2

Trong khong gian v6i hé toa d0 Oxyz, duong thing di qua hai diem 4(3;1,—6) va B(5;3;—2)

¢6 phuong trinh tham s6 1a

x=5+2t¢
A dy=3+2¢
z=-2-4¢

x=6+2t
B.<y=4+2¢
z=—1+4¢

x=5+t
C.qy=3+¢
z=-2+2¢

x=3+t¢
D.<y=1+¢
z=—6-2¢



Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Trong khong gian Oxyz, goi M (a;b;c) 1a giao diém cua duong thing d: le = y_13 = 212

va mat phang (P):2x+3y—4z+4:0. Tinh T=a+b+c.

A°T:_§' B.T=6. C.T=4. D.T:%.

Tap hop cac diém trén mit phang toa do biéu dién sd phirc z thoa mén diéu kién |Z —i+ 2| =2
la
A. Puong tron tam / 1;—2) ,bankinh R=2.

(
B. Duong tron tam I(—Z;l) ,bankinh R=2.
C. Puong tron tam 1(2;—1), bankinh R=2.
(

D. Puong tron tam [ —1;2), ban kinh R=2.

Trong khong gian véi hé toa dd Oxyz, cho hai diém A(Z;l;l),B(—l;Z;l). Toa d¢ trung diém

cua doan thang AB 1a?

A. 1@;1;%}. B. 1(-3;1;0). C. 1(—3;—%;0) D. 1(13-1j

2 2°2°
Trong khong gian v&i hé toa dd Oxyz, cho diém M (—2;1;8). Goi H 14 hinh chiéu vudng goc

clia M trén mit phing (Oxy). Toa d6 cua diém H 1a

A. H(0;1;8). B. H(-2;1;0). C. H(0;0;8). D. H(-2;0;8).
7

Tinh tich phan / =Isin xdx .
0

A.[=l—g. B.I=%. C.[=—g. D.I=—1+%.

Trong khéng gian v&i hé truc toa ddOxyz, cho ba diém A(2;0,0),B(0;3;0),C(0;0;5). Mat
phing (ABC) c6 phuong trinh 1a

P AE. B. 2+ Y 2o, c.Z+242o. D. 2+24+Z=0.
5 3 5 3 5

Goi z,,z, 1a hai nghiém phan biét ctia phuong trinh z* +3z+4 =0 trén tap s6 phirc. Tinh gia trj
ctia biéu thirc P = |zI | + |zz| .

A 42, B.2. C.2V2. D. 4.

Cho s6 phirc z théa man (2—i)z+3i+2=0. Phin thyc cta sb phic z 1a

c.-L D. -3

Al B. L.

5 5 5 5
Trong khong gian Oxyz , mit phang (P):2x—-2y+z+6=0. Khoang cach tu gbc toa d6 dén
mit phing (P) bang:

A. 0. B. 6. C. 3. D. 2.



Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cho s6 phiic z = a +bi (a,b € ]R) . Khing dinh nao sau ddy dung?
A. |z|:\/a2—b2. B. |Z|=\/a2+b2 . C. |Z|=a3+b3. D. |z|:a2+b2.
Trong khong gian, cat vat thé boi hai mit phang (P):x=-1va (0):x=2. Biét mot mat phang

tlly ¥ vudng goc véi truc Ox tai diém c6 hoanh d§ x(—1<x<2) cat theo thiét dién 12 mot hinh

vudng c6 canh bang 6 — x . Thé tich cua vat thé gidi han boi hai mit phang (P).(Q) bang:

A. 937 B. 2. C. 93. .22,
2 2
, A1 (lnx+2) 3 . - a1 \ R
Tinh nguyén ham J.l—dx bang cach dat ¢ = In x ta dugc nguyén ham nao sau day?
xlnx
2 t (1+2)
Al || 1+—|dt. B. | ——dr. C. dr. D. |(t+2)dr.
I( tj =2 I t* j( )
1
Cho Icos4xcosxdx:£+é v6i a,b,c 1a cac sb nguyén, ¢ <0 va b t6i gian. Tong a+b+c
o a c c
6
bang
A. -77. B. 103. C. -17. D. 43.
Trong khong gian véi hé toa d§ Oxyz , cho (S) x>+ +2° —4x-2y+10z—14 =0 . Mit phang

(P) :—x+4z+5=0 cit mit cau (S) theo mdt duong tron (C) Toa d6 tam H cua (C) la
A. H(—3;1;—2). B. H(—7;1;—3). C. H(9;1;1). D. H(l;l;—l).

10 .
Gié tri ctia j xe*dx bang

0

A.-3004900¢™.  B.300-900¢.  C.——(299¢™-1). D. ——(299¢™ +1).

900 900
Trong khong gian hé truc Oxyz, cho (a) :2x+2y-z-6=0. Goi mit phang
(ﬂ) :x+y+cz+d =0 khong qua O, song song v4i mit phang (a) va d((a),(ﬂ)) =2. Tinh
cd?
A.cd=3. B. cd=12. C.cd=6. D. cd=0.
Tinh dién tich hinh phang (phan t6 dam) gi6i han boi hai duong y = x> —4; y = x—2 nhu hinh

ve€ bén dudi la




Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

A S=2F. B 3 c.2 p. 337
> 2 2 2

Cho s phuc Z=X+yi (vai x’yER)thoémén 2z-5iz=-14—-7i. Tinh * 17

A. 7. B. —1. C. 1. D. 5.

Trong khong gian véi hé toa dd Oxyz , cho tam giac ABC véi 4(2;2;2),B(0;1;1),C(-1;-2;-3)
. Tinh dién tich S cuia tam giac 4ABC.

A. S=53. B.&%. C.S=¥. D. S=5v2.

Trong khong gian Oxyz , mit phang (&) di qua hai diém 4(1;0;0),8(2;2;0) va vudng goc véi
mit phang (P):x+y+z-2=0 ¢ phuong trinh la

A. x+y-2z-4=0. B.x+y+z-1=0. C.2x-y-3z-2=0. D.2x-y-z-2=0.
Biét phuong trinh z* +mz+n=0(m,n € R) c6 mot nghi¢m la 1=37 Tinh 7+3m

A. 4. B. 6- C. V=3 D. 16-

Cho ham sb f(x) =ax’ +bx* =36x+c (a #0;a,b,c e R) ¢6 hai diém cuc tri la -6 va 2.

Goi y= g(x) 1a duong thang di qua hai diém cuyc tri ctia @6 thi ham s6 y = f (x) . Dién tich hinh
phang gi6i han boi hai duong y = f(x) va y = g(x) bang

A. 160- B. 128. C. 64- D. 672-

Cho ham s6 y=f(x) 1a ham lién tuc c6 tich phan trén [0;2] théa ditu kién
f(x*)=6x" +jxf )dx. Tinh 7 = J.f

A. [=-32. B. I =-8. C.I=-6. D. 1=-24.

Trong khong gian Oxyz, cho hai diém M (-2;-2;1),4(1;2;-3) va dudng thang

d: X;—l :_y;S :il' Goi u =(L;a;b) 1a mot vecto chi phuong ctia dudng thing A di qua M,

A vudng goc v6i duong thiang d ddng thoi cach diém 4 mot khoang nho nhit. Gia tri a+2b
la
A. 2. B. 3. C. 1. D. 4.

Trong khong gian voi hé toa d0 Oxyz, goi mit phing (P) :Tx+by+cz+d =0 (voi
b,c,d e R,c<0) di qua diém A(l;3;5) . Biét mat phéng (P) song song voi truc Oy va khoang
cach tir goc toa do dén mat phang (P) bang 3y2. Tinh T=b+c+d.

A.T=-4. B. T =78. C.T=6l. D.T=7.

Goi S 1a tap hop tit ca cac sb phirc = dé sb phirc w=|z| _% c¢6 phan 4o bang i . Biét rang
—

‘zl —22‘ =3 véi 7,2, €S, gia tri nho nhét ctia ‘Zl +2zz‘ bang

A 3W5-32 B. 35-3. c. 543, D. 2V5-243.



BANG DAP AN VA LOI GIAI CHI TIET

1.C 2.C 3.C 4.C 5.B 6.B 7.A 8.A 9.D 10.B

11.A 12.A 13.D 14.C 15.C 16.A 17.A 18.C 19.C 20.D

21.C 22.A | 23.C 24.C 25.B 26.B 27.D 28.B 29.A | 30.C

31.D | 32.C | 33D | 34B | 35.C | 36.A | 37.C | 38D | 39.D | 40.A

41.C | 42.A | 43.A | 44D | 45.A | 46.B 47.A | 48.D | 49.C 50.A

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cho biét F (x) 1a mot nguyén ham ciia ham s6 f (x) Biéu thirc J. f (x)d.x bang
A. F(x). B. F'(x)+C. C. F(x)+C. D. xF(x)+C.
Loi giai
Chon C
jf(x)dx:F(x)+C.
Cho ham s6 y = f(x) lién tuc trén [a;b]. Goi D 1a hinh phing gi¢i han béi do thi ctia ham s6
y=f (x) , truc hoanh va hai duong thang x = a,x = b(a < b) . Thé tich ctia khéi tron xoay tao
thanh khi quay D quanh truc hoanh dugc tinh theo cong thirc?

A.V:j.|f(x)|dx. B.V:ﬂzif(x)dx. Q.Vzﬂ.?fz(x)dx. D.V:ﬂzj’fz(x)dx.

Loi gidi
Chon C
Thé tich cia khdi tron xoay tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thirc

V:”sz(xﬁx_

2

If(x)dsz,;ff(x)dx:—l jf(x)dx

Néu 1 thi 2 bang

A 2. B. 3. C. 3. D. 1.
Loi gidi

Chon C

Ta c6 If(x)dx:jf(x)dx—jf(x)dx=—3.

Cho hai s6 phitc z, =2+3i, z, =—4—i. S6 phiic z =z, —z, c6 modun la

A. 13, B. 242. C. 2413. D. 217 .
Loi giai
Chon C

Taco z=z —z, :6+4i:>|z|:\/62+42 :2\/5.



Ciu 6:

Cau 7:

Cau 8:

Cho céc sb thuc a,b(a < b) vahamsé y= f(x) ¢6 dao ham 1a ham lién tuc trén R . Ménh dé

nao sau day la dung?

A, j.f’(x)dx:f(a)—f(b). B. jif’(x)dxzf(b)—f(a).

C. ;ff(x)dx=f'(b)—f’(a). D. ij(x)dx=f’(a)—f’(b).
Loi giai

Chon B

Ta ¢6 jf'(x)dxzf(x)r; — 1 (b)-f(a).

Trong khong gian vi h¢ truc toa d0 Oxyz, cho a=-2i+ 4}‘ — 6k . Toa @0 cua ala

A. (2-4:6). B. (-2;4,-6). C. (,-2;3). D. (-1;2:-3).
Loi giai

Chon B

Taco a=-2i+4j—6k=(~2;4;—6) nén a=(-2;4;,-6).

Cho ham s6 y = f(x) c6 dd thi nhu hinh v& bén dudi. Dién tich S ctia mién dugce to ddm nhu

hinh v& duogc tinh theo cong thirc nao sau day?

A. S=-[f(x)dx D. S =[f(x)dr
Chon A
Taco S = | (x)|dx=~] f(x)dx.

x=2+t

Trong khong gian Oxyz, cho duong thing d c6 phuong trinh { y =3¢ (t € ]R). Hoi duong
z==2+t

thang d di qua diém nao sau day

A. B(2;3;-2). B. C(-2;-3;2). C. A(L-11). D. D(2;3;2).



Loi giai
Chon A
Véi =0 thi duong thing d di qua diém B(2;3;-2).

A < A B 1 ~ 7 AA \ < R < R « X 5 A Ja l - 3
Cau 9: Diém nao trong hinh v& dudi day la diém biéu dién cta so phic z = ??
+1i

y
A 2
I R _}C
, O DX
20 - 21 3
! B [ 4
I D
Lo _=2)
B
A.DPiém B. B. Diém D. C. biém C. D. Piém 4.
Loi gii

Chon D

i3 _(i-3)(1-)

z =

1+ (1+i)(1-1)

=—142i= z ¢6 diém biéu dién 1a diém A.

Cau 10: Cho hamsé f(x)= . Trong cac khang dinh sau, khing dinh nao dang?

2

cos” x
A. J.f(x)dx:cotx+C. B. J.f(x)dx:tanx+C.
C. [f(x)dx=—tanx+C. D. [ f(x)dx=—cotx+C.
Loi giai
Chon B
Ly thuyét.
Céu 11: Tt ca cac nghiém phirc cua phuong trinh z*> —2z+17=0 1a
A 1-4i; 1+ 44 B. 4i. C. 2+4i; 2—-4i. D. -16i.
Loi giai
Chon A
5 z=1+4i
z7-2z+17=0& .
z=1-4i

Céhu 12: Trong khong gian Oxyz, phuong trinh mit cu () ¢6 tim /(-1;1;-2) va bankinh =3 la

A (8): (x+1) +(y=1)"+(z+2) =9. B. (8): (x=1) +(y+1) +(z-2)" =9.
C. (8): (x=1) +(y+1) +(z-2) =3. D. (S): (x+1) +(y=1) +(z+2) =3.
T Loi giai

Phuong trinh mt cau () c6 tim 7(~1;1;—2) vabankinh r=3 1a



Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

(x+1) +(y=1) +(z+2)" =9.
Trong khong gian véi hé truc toa @ Oxyz, cho hai mit phiang (P) va (Q) lan luot c6 vecto

phép tuyén n va n' . Goi ¢ 1a gbc giita mit phing (P) va (Q). cong thirc nao sau day dung?

g g ?.71| ﬁﬁ|
A. sinp = nar B. cosp= o C.sing=—=—=. D. cosp=7—"-.
gz | gz |
Loi gidi
Chon D
i
Taco: cosp=7—=——-.
g
Cho s6 phitc z =—1+5i. Phan 4o cta sd phic z bang
A. 1. B. s C.-s5. D. —1.

Loi g_iﬁi
Chon C
Taco: z=—1-5i suy ra phan ao bang —5.
Trong khong gian Oxyz, cho mit cau (S):x* +)° +2° +2x+4y—6z—1=0. TAm clia mit cau
(S) cotoadd la
A. (1,2;-3). B. (2;4;,-6). C. (-5-23). D. (-2;,-4:6).
Loi giai
Chon C
Tam ctia mit cau (S) cotoadd la (—l;—2;3) )
Trong khong gian Oxyz , cho phuwong trinh mét phang (P) : 2x—z+2=0. Mot vecto phap tuyén
cta (P) la
A. (20,-1). B. (2-1,0) C. (0;-1;2). D. (2-12).
Loi giai
Chon A

Mot vecto phap tuyén cia (P) 1a (2;0;—1).

. . -1
Trong khong gian Oxyz, cho phuong trinh ctia hai duong thang: d, :%z%: z va
d, :XT_?’ = % = i2 Vi tri twong dbi ctia hai duong thang d, va d, 1a
A. d,,d, catnhau. B. d,,d, chéonhau. C. d,,d, songsong. D. d,,d, truing nhau.

Loi gidi
Chon A
Vec to chi phwong cta d, 1a u = (2;-1;1), vec to chi phuong cia d, 1a u = (L1-2).

Vi hai vec to u,1’ khong cting phuong nén d,,d, cit nhau hoic d,,d, chéo nhau.



-x-2y=0

s . . , x—2z=-2
Xét hé gom hai phuong trinh cua d,,d, :
x—-y=3
—2y-z=0

Heé nay c6 nghiém duy nhat:
(x352)=(2-12)
Vay d,,d, cit nhau.

Cau 18: Tinh J.ezx‘5 dx ta duge két qua nao sau day

A. 277 4+ C. B. +C. D. —5¢*7° +C.

Chon C

. 1
Ap dung I e dx=—e""+C.
a

Céau 19: Trong khong gian Oxyz, cho mit phing (a) :2x—3y+2z—-3=0. Mit phang nao sau diy song

song voi miat phing (a)?

A.(Q):2x+3y+z+3:O. B.(,B):x—3y+z—3=0.
Q.(}/):2x—3y+z+2=0. D.(P):Zx—3y+z—3:O.
Loi giai
Chon C
2 -3 1 -3
1/ l—=—=-z—.
()11(r) i 5= =175

Cau 20: Goi S la dién tich hinh phang gi¢i han boi hai duong y = 3 va y=4-x.Tinh S.
X

A. i B. 3ln3—1—0 C. iﬂ'. D. 4-3In3.
3. 3 3
Loi giai
Chon D
) . 3 x=1 __ 213
Xét phuong trinh: —=4-x < . Vay S=.[——4+x dx ~0,7.
X =3 X
£x=3
CAu 21: Tinh tich phan I = j = dx
o Xx+1
A.I:%—Sln& B. 7=4In3-1. C.I=1-4In2. D. /=2-5In2.
Loi giai
Chon C

1

1
I:[x_?dxzf[l— A ]dx:(x—4ln|x+l|)|;:1—4ln2.

x4+ x+1
Cau 22: Trong khong gian vdi hé toa d0 Oxyz, cho hai diém 1(2;0;—2) va A(2;3;2). Mit cau (S) co



tam / va di qua diém A c6 phuong trinh 1a

A (x=2) +y*+(z+2) =25. B. (x=2) +y*+(z+2)" =5.

C. (x+2) +y +(2-2) =5. D. (x+2) +)7 +(z-2) =25,
Loi gidi

Chon A

Ban kinh mat cdu R = I4 =+/25 =5.
Vay phuong trinh mt cau 1a: (x— 2)2 +y +(z+ 2)2 =25.
CAu 23: Gia tri cac s6 thuc a,b thoa man 2a +(b+1+i)i =142 (véiiladonviao)la

A.a=0;b=1. B.a:%;b:O. C.a=1b=1. D.a:%;bzl.

Loi giai
Chon C
2a+(b+14i)i=142i
& (2a—1)+(b+1)i=142i
2a—1=1 a=1
= =4 .
b+1=2 b=1
Ciu 24: Trong khong gian véi hé toa do Oxyz, dudng thang di qua hai diém A(3;1;—6) va B(5;3;—2)

¢6 phuong trinh tham sé 1a

x=5+2t x=6+2t x=5+t x=3+t
A.Jy=3+2¢ B.iy=4+2¢ C.iy=3+¢ D. {y=1+¢
z=-2-4¢ z=—1+4t z=-2+2t z=—6-2¢
Loi giai
Chon C
AB =(2;2;4)

= duong thing AB c6 mot vecto chi phuong u = (L1;2).
x=5+t¢
= phuong trinh tham s6 ctia dudng thang AB 1a { y=3+¢
z=-2+2t
1 y-3 z=-2

Cau 25: Trong khong gian Oxyz, goi M (a;b;c) 1a giao diém cua dudng thang d : x;— ==

va mit phang (P):2x+3y—4z+4:0. Tinh T=a+b+c.

A T=-2. B. T=6. C.T=4. D.T=3
2 2

Chon B

Vi M ed nén M (-1+2t;3—1;2+1)

Matkhac M €(P) = 2(—-1+2t)+3(3-1)-4(2+1)+4=0=1=1



Cau 26:

Cau 27:

Cau 28:

Cau 29:

= M (1;2;3)
Vay T=6.
Tép hop céc diém trén mét phing toa do bicu dién s6 phic z théa man diéu kién |z —i+2|=2

la
A. Buong tron tam 7 (1;— 2) ,bankinh R=2.

(
B. Duong tron tam /(-2;1), bankinh R=2.
C. PBuong tron tam 1(2;—1), ban kinh R=2.
D. Puong tron tam I(—1;2), ban kinh R=2.
Loi giai
Chon B

Goi z=x+yi

r—i+2 =2 x4 2+(y=1)i| =2 (x+2) +(y-1) =2 (x+2) +(y-1)’ =4
Vay tap hop cac diém trén mit phéng toa do biéu dién sb phuc z la duong tron tam [ (—2;1),
ban kinh R=2.

Trong khong gian véi hé toa d§ Oxyz, cho hai diém A(2;1;1),B(—1;2;1). Toa d¢ trung diém

ctia doan thang AB 1a?
Al l;l;gj. B. 1(-3;1;0). C. 1 _i;_l;() . DI l;i;l
Chon D

Taco: [ 2—1;1+2;1+1 =1 l;3;1 .
2 2 2 22

Trong khong gian v6i hé toa dd Oxyz, cho diém M (-2;1;8). Goi H la hinh chiéu vudng goc

cia M trén mat phrfmg (Oxy). Toa d6 cua diém H 1a

A. H(0;1;8). B. H(-2;1;0). C. H(0;0;8). D. H(-2;0;8).
Loi giai

Chon B

Hinh chiéu vuong goc ciia M trén mat phang (Oxy) la H (—2;1;0).

O N [y

Tinh tich phan 7 = | sin xdx.



Chon A

V4

sinxdx:—cosx|4 =1-—
0 2

S

I =

O e [N

Céu 30: Trong khong gian voi hé truc toa do Oxyz, cho ba diém A(2;0,0),B(0;3;0),C(0;0;5). Mat
phang (ABC) c¢6 phuong trinh la
A.£+1+§:1. B. —+=—+—=1. C. —+
Chon C

Cau31: Goi z,,z, la hai nghiém phén biét cia phuong trinh z° +3z+4=0 trén tip sO phire. Tinh gia tri

cua biéu thire P =|z|+|z,|.

A. 42, B.2. C. V2. D. 4.
Loi giai
Chon D
z°+3z+4=0 c6 A=9-16=-7 = phuong trinh da cho c6 hai nghiém phan biét:
z, = _3+lﬁ;22 = _3_lﬁ :>P=|Zl|+|22|=4.
2 2
Céu 32: Cho sb phurc z théa man (2—i)z+3i+2=0. Phan thuc cta s6 phirc z 1a
NS B. L. c . p. -5
5 5 5 5
Loi giai
Chon C
(2—i)z+3i+2:0<:>z:_2_3l oz=-1_8;
2—i 55

Vay phan thuc caa sb phuc z 1a —%.
Céu 33: Trong khong gian Oxyz, mit phang (P):2x—2y+z+6=0. Khoang céch tu gbc toa do dén
mit phing (P) bang:

A. 0. B. 6. C. 3. D. 2.
Chon D

Loi giai
Taco: d(0,(P))= 6 =2.

224 (=2)" +17
Céu 34: Cho sb phic z=a+bi (a,b € ]R) . Khing dinh nao sau ddy dung?
A. |z|=\/a2—b2. B. |Z|:'\/a2+b2 ! C. |Z|=a3+b3. D. |z|=a2+b2.

Chon B

Loi giai



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Trong khong gian, cit vat thé boi hai mit phing (P):x=-1va (Q) :x = 2. Biét mot mat phang
tlly ¥ vudng goc véi truc Ox tai diém c6 hoanh do x(—1<x<2) cit theo thiét dién 12 mot hinh
vudng c6 canh bang 6 — x. Thé tich cua vat thé gi6i han boi hai mit phang (P).(0) bang:

A. 937, B. 3. C. 93. D. ?ﬂ.

2
Chon C

Loi giai

2 2
Thé tich ctia vat thé giéi han boi hai mat phang: 7 = J. S(x)dx = I (6— x)zdx =93 (dvtt).
-1 -1

Inx+2 .
Tinh nguyén ham I()lc—)dx bang cach dat 7 =In x ta dugc nguyén ham nao sau day?
xlnx
2 t (1+2)
A || 1+— |dt. B. | ——dr. C. |—*dr. D. |(z+2)dt.
- I( t) t—2 J. t* I( )
Loi giai
Chon A
1 ) Inx+2 t+2
Béu:lnx:,»dz=—dx.1<h1déjudxzj( )dt:j(H%jdt.
X xInx t t
t 2 b , b . .
Cho jcos4xcosxdx=—+— Vo1 a,b,c 1a cac s6 nguyén, ¢ <0 va — toi gidn. Tong a+b+c¢
. a c c
6
bang
A. -T77. B. 103. C. -17. D. 43.
Loi giai
Chon C
3 i x
'[cos4xcosxdx:lJ.(COSSx+cos3x)dx:l(lsin5x+lsin3xj ZQ—E.
) 27 2\5 3 = 30 60
3 3 6
a=30
Suyra <b=13 = a+b+c=30+13-60=-17.
c=-60
Trong khong gian véi h¢ toa dd Oxyz , cho (S):x2 +y*+2° —4x-2y+10z-14=0. Mit phing

(P):=x+4z+5=0 cit mitcau (S) theo mot duong tron (C). Toa d6 tim H cua (C) 1a

A. H(-3;1;-2). B. H(-7;1;-3). C. H(%L1). D. H(LL-1).
Loi giai

Chon C

Mit cau (S) cotam 7(2;1;—5) va mat phang (P) co VTPT n= (-1,0;4).



Cau 39:

Cau 40:

Cau 41:

Vi mit phing (P) cdt mat cau (§) theo mot duong tron (C) nén tim H cua (C) 1a hinh chiéu
cua / 1én mit phing (P).
Duong thing [H qua I(2;,-5) va nhén n= (-1;0;4) 1a VTCP ¢6 phuong trinh la
x=2-t
y=1 (teR).Khido IH N(P)=H(2-1;1;=5+4t).
z=-5+4¢
Taco —(2—1)+4(-5+4t)+5=0<1¢=1.Suyra H(L;1;-1).

f=1

Gia tri ctia | xe*dx bang

S

A.-3004900¢™ . B.300-900e™.  C.——(299¢"—1). D.——(299¢™+1).
900 900

Loi giai

u=x du = dx 1 10 1
bat 1 =1=—xe" | - J.—e”’“dx
= 306 30

o _Lgw 1 o, 1 _ 1 (299¢™ +1).
3 900 900 900

Trong khong gian hé truc Oxyz, cho (a):2x+2y—z—6=0. Goi mit phing
(ﬂ):x+y+cz+d=0 khong qua O, song song v4i mit phang (a) va a’((a),(ﬂ))=2. Tinh

cd?
A.cd=3. B. cd=12. C.cd=6. D. cd =0.
Loi giai

Chon A

Ta ¢6 (&) song song véi (4) nén c:—% :>(,B):x+y—%z+d20.

Chon 4(0;0;-6) e (a) khidé d((a);(8))=d(4.(5))= |3;d| - 2|33+d| .
2

213+d 3+d=3 d=0(L
Mait khac d((a);(ﬂ)):2 @¥=2 @{31({2_3:{6[:_(6(]3]) =cd=3

Tinh dién tich hinh phang (phan t6 dam) gi6i han boi hai duong y = x> —4; y = x—2 nhu hinh

veé bén dudi la



A §=2Z. B. 22 c 2. p. 2%
2
Loi giai
Chon C
Ta c6 phuong trinh hoanh d6 giao diém x> —4=x-2< x> —x-2=0 < x=—1;x=2.
2

Duva vao hinh vé § = j.l((x—2)—(x2 —4))dx :I (—x2 +x+2)dx :%.

-1

Cau 42: Cho s phic Z=X+ VI (v6i %V €R Yy hoa man 225 = —14—7i. Tinh X +V

A. 7. B. —1. C. 1. D. 5.
Loi giai

Chon A

Ta co

22—517:—14—7i<:>2(x+yi)—5i(x—yi)=—14—7i<:>2x—5y+(—5x+2y)i=—14—7i

2x-5y=-14 x=3
& & =>x+y=7.
Sx+2y=-7 y=4

Cau 43: Trong khong gian v6i hé toa dd Oxyz , cho tam gidc ABC v6i A(2;2;2),B(0;1;1),C(-1;-2;-3)
. Tinh dién tich S cua tam giac ABC.

A. S=53. B.S=¥. C.S=¥. D. S=5V2.
Loi giai
Chon A
Tacé BC=,J(~1)" +(-2-1) +(-3-1)’ =+/26.
x=—t
Tacé: BC:{y=1-3¢,teR.Goi H 14 hinh chiéu vuong goc cia 4 1én BC.
y=1-4t

Khi d6 H € BC = H (~t;1-3t;1-4t) = AH = (~t-2;-1-3t;-1-4¢).

9 578

Taco AH 1 BC=26t+9=0=t=—--=>A4AH =—.
26 26



Cau 44:

Cau 45:

Cau 46:

. : : 1 543
Suy ra di¢n tich tam giac ABC bang: S, ;- = E.AH.BC = T\f .

Cich 2.
Tacod: S, pc =%|E/\A_C;|
V6i 4B =(-23-1;-1), 4C = (-3;~4;-5) = AB A AC = (1,-7;5) = [4B A AC| = 513

5V3
3

Suyra S, ;- =%‘ZE/\Z€‘ =

Trong khong gian Oxyz , mit phing () di qua hai diém A(1;0;0),8(2;2;0) va vudng goc véi

mit phang (P) :X+y+z-2=0 c6 phuong trinh la

A. x+y-2z-4=0. B.x+y+z-1=0. C.2x-y-3z-2=0. D.2x—-y—-z-2=0.
Loi gidi

Chon D

Taco AB=(1;2;0), My =(LL1)

_—

o) 1 AB

=n,, =| 4B, | =(2-1-1)

Mgy L My

Phuong trinh mit phang () 1a: 2(x—1)-y-z=0<2x—y-z-2=0

Biét phuong trinh z* +mz+n=0(m,n € R) c6 mot nghi¢m la 1=37 Tinh 7 +3m
A. 4. B. 6- C.V=3. D. 16-
Loi giai
Chon A
Vi phuong trinh z*> +mz+n =O(m,n ER) c6 mot nghiém 14 1-3i nén
(1-3i)" +m(1-3i))+n=01-6i~9+m—3mi+n=0 < (-8+m+n)-3(m+2)i=0
{—8+m+n=0

m=-2
= =>n+3m=4.
m+2=0 n=10

Cho ham sb f(x) =ax’ +bx* —36x+c (a #0;a,b,ce R) ¢6 hai diém cuc tri 1a -6 va 2.

Goi y = g(x) la duong thing di qua hai diém cyc trj ctia d6 thi ham sé y = f'(x). Dién tich hinh
phang gi6i han boi hai duong y = f(x) va y=g(x) bang
A. 160- B. 128. C. 64- D. 672

Loi gidi
Chon B
f(x) =ax’ +bx* -36x+c> f'(x) =3ax’ +2bx-36.

f'(—6)0©{3a(—6)2 +20(-6)-36=0 _ {9a—b—=3 @{a =1

Theo bai ta du’(yc{ ' k
/'(2)=0 " |3a(2) +2b.(2)-36=0 3a+b=9 " |b=6

:>f(x):x3 +6x2—36x+c;f'(x)=3x2 +12x-36;



Cau 47:

Cau 48:

Duong thiang di qua hai diém cuyc tri cua ham s6

y=f(x)=(3%’ +12x—36).(§x+9—32x+c+24 la y=g(x)=-32x+c+24.

x=-6
Xét phuong trinh hoanh d6 giao diém hai d6 thi x° +6x> —=36x+c=-32x+c+24 < | x=-2
x=2

Vay dién tich hinh phing gi¢i han boi hai duong y = f(x) va y =g(x) bang
2
J.(x3 +6x° —4x—24)dx

—6

j.(x3 +6x7 —4x—24)dx

-2

S=j|(x3+6x2—36x+c—(—32x+c+24))|dx= +
-6

=128.

Cho ham s6 y=f (x) la ham lién tuc c6 tich phan trén [0;2] thoa diéu kién
f(x*)=6x" +jxf )dx. Tinh 7 = J.f

A. 1=-32. B. I=-8. C.I=-6. D. I =-24.
Loi giai
Chon A

2

Ta co f(xz):6x4 +Ixf(x)dx. bit j-xf(x)dx:a.

0

Khi d6 f(xz):6x4+a:f(x):6x2+a.

2 2 2
Do do a:_[xf(x)dx:jx(6x2+a)dx <:>a=(ix4+iJ Sa=24+2a < a=-24.
0 0 2 2

Nén f(x) =6x"—24.

2 2
Vay I = f(x)dx=[(6x"—24)dx =2+’ —24x)| - 32,

0 0
Trong khong gian Oxyz, cho hai diém M (—2;—2;1),A(1;2;—3) va duong thang
d :XTH = yT—S = il . Goi u =(L;a;b) 1a mot vecto chi phuong ctia dudng thing A di qua M,
A vudng goc v6i dudng thang d dong thoi cach diém 4 mot khoang nho nhat. Gi tri a +2b
la
A 2. B.3. C.1. D. 4.

Loi gidi
Chon D
Duong thing d c6 vecto chi phuong u, = (22,-1); U= (La;b) 1a mot vecto chi phuong cua
duong thang A.
Theo dé, ALd =2+2a-b=0=b=2a+2.
Mat khdc, MA = (3;4;-4) = MA,u | = (4a+4b;—4-3b;3a—4) = (12a+8;~6a~10;3a-4).
‘J\_/IZ,; ‘ 12a+8)" +(6a+10) +(3a—4)’ 2

Nen d(A’A):[ ! L\/( ) +( ) +(3a—4) 1894 +2884+180

J+d® +b° 542 +8a+5

u




Cau 49:

Cau 50:

2 2
et f(a):189a ;i—288a+180:>f, 2) = T2a +90a2.
Sa” +8a+5 (5a2+8a+5)
2 a=0
F(a)=0= 24067242 1900 =0 5.
(5a2+8a+5) a=-7
Béng bién thién
a e —E 0 +a0
4
f'(a) + 0 - 0 +

Vay khoding céch tir 4 dén A nho nht khi a= 0= b=2= a4+ 2b=4.

Trong khong gian voi hé toa d0 Oxyz, goi mit phing (P) :Ix+by+cz+d =0 (voi
b,c,d e R,c<0) di qua diém A(1;3;5). Biét mat phang (P) song song véi truc Oy va khoang
cach tir goc toa do dén mit phang (P) bang 3y2. Tinh T=b+c+d.

A.T=-4. B. T=78. C. T=61. D.T=17.
Loi giai
Chon C
Oy ¢6 véc to chi phuong j =(0;1;0). (P):7x+by+cz+d =0¢6 véc to phap tuyén n(7;b;c)

(P)//oy:>7¢.}'=O:>b=O:>(P):7x+cx+d=0.
Do A(l;3;5),Ae(P):7+50+d:O:d:—50—7.Do do (P):7x+cx—50—7:O.

khoang cach tir gdc toa do dén mat phang (P) bang 342 nén ta co

3 |5c+7| B
d(O,(P))—3\/2 @W—%ﬂ @2502+7OC+49:18(49+02)
7c2+70c—833:0<:>{c:717:>c:—17(c<0):d:78:>b+c+d:61
c=—

Goi S 1a tap hop tat ca cac sb phirc - dé sé phirc w=lz| _Ll c¢6 phan 4o bang i . Biét rang
-

‘21 —22‘ =3 véi 7,2, €S, gia tri nho nhét ctia ‘Zl +2zz‘ bang

A 3W5-32 B. 35-3. c. \5-43. D. 245-243.
Loi giai
Chon A
. . 1 x—1
3 Q1 = R). w= o 2 2 y 3
Crastr 2 x+yz(x,ye )W 1=l z— o (x—1)2+y2+(x—1)2+y21




W ¢6 phan a0 bang % = ,

x—I;}Z+y =i:>(x—l)2+(y—2)2=4.

Vay diém biéu dién s6 phitc Z;,2, thuoe duong tron tam 7 (1,2), ban kinh R=2.
Pat X, =z, +142i;x, =2, +1+2i . x;x,€(C ) :1x* +)y* =4,

Ta X€t |z, +2z,| = |x, +2x, =361 2 |x, + 2x,| |3+ 61| = |z, + 22, | 2 ||x, + 2x,| - [3+ 61|
‘xl—xQ‘:33‘xl—x2‘2:9:>‘x1‘2+‘x2‘2—(x_1.x2+x_2.x1)=93(x_1.x2+x_2.x1):—1

b+ 20, =+ 4, 23, + 3, ) =4+16 -2 =18 =[x, +2x,| =18,

Do d6 |Z1 +222|23\/§—3\/§.



Cau 1:

Cau 2:

Cau 3:

Cau 6:

Cau 7:

Cau 9:

PE ON TAP KIEM TRA CUOI HQC Ki II
MON: TOAN 12 - PE SO 31 (100TN)

Ix“dx bang
A. 55 +C. B. %x5+C. C.5x"+C. D. 4x° +C.

Biét jxcosxdx=a.xsinx+b.cosx+C. Khi d6 a+b bang

A. 3. B. -3. C.0. D. 2.

Cho s6 phirc z =1—i. Trén mat phang toa d9, diém biéu dién cua sé phirc w=1-2 1a
A. 0(2i51). B. M (2;1). C. N(1;2i). D. P(1;2).

3 3
Biét [ f(x)dr=2011.Giétricia [[2+f(x)]dx bing
2 -2
A. 2019. B. 2021. C. 2022. D. 2020.

Goi 1 va 2 1a hai nghiém phirc ctia phuong trinh: z> +22z+10=0. Tinh gia trj ctia biéu thirc

Azzl.zz'

A. A=2. B. A=-10. C. 4=10. D. A=-2.

Trong khong gian véi hé toa do Oxyz , mit cau (S) cO tam 1(3;=-21) va di qua diém M(2;-2;5)
c6 phuong trinh la

A (x=3) 2 +(y+2) +(z-1)*=17. B. x=3)>+(y+2)’+(z-1)> =417

C. (x+3)+(y=-2+(z+1)* =17. D. (x+3)*+(y=2)* +(z+1)* =417 .

Cho sb phitc z =a+bi v6i a,b € R . Chon khang dinh diing trong cac khing dinh sau

A. zz=2a. B. z+z=a’+b>. C. |z|=\/m. D.z=—a+bi.

Trong khong gian v4i hé toa do Oxyz cho hai diém A(2;3;4), B(5;2;6). Tim toa do vecto AB .

A. AB=(3;-1;-2).  B. AB=(-3%;1-2) C. AB=(3;1;2). D. AB=(3;-12).
Diém M trong hinh v& 13 diém biéu dién cua sb phirc z. M6 dun sé phtrc z bing
’y .
3
0 "
—4 ‘M
A. 5. B. /5. C. 25. D. 4.

Cau 10: Dién tich S cua hinh thang cong gidi han boi dd thi ham sb y=+/x, cic dudng thing

x =1, x =4 va truc hoanh (phan gach chéo cho trong hinh bén) bang



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Al B.2 c.2. p. 1.
3 4 2 2
Cho s6 phitc z =2-3i. S6 phirc z c¢6 phan 4o bang
A. 3. B. 2. C. -3i. D. 3.
Cho hai s6 phuc * =2+i va 22 :l_i. S6 phirc v 2L bang
2
A Le2; B. L+2; c.i-2; p.1_2;
2 2 2 2 2 2 2 2
r 2 2 N
Biét [ f(x)dr=4.Gid tri cia [2f (x)dr bang
1 1
1
A. 4. B. 6. C. 5 D. 8.

1

Cho ham sb f(x) va F(x) lién tuc trén R thoa man F'(x) = f(x), VxeR. Tinh If(x)dx
0

biét F(0)=2 va F(1)=5.

A. jf(x)dx:& B. Jl.f(x)dx=3. C. jf(x)dx=—8. D. _I[f(x)dx=—3.

1
Cho ham s f(x) lién tuc trén doan [0;3], biét If(x)dx:2 va |f(x)dx=6. Gia tr cla
0

—_——

3
I:If(x)dx bang
0
A. I=12. B. I =8. C.1=4. D. I =-4.

Khi hiéu z, 1a nghiém phtrc co phan a0 duong ctia phuong trinh 4z> —16z+17 =0. Trén mit

phang toa d6 diém nao dudi day biéu dién cho sb phirc w= izy?

A. Ms(_i;lj. B. M‘{%;lj. C. M, (%;2). D. M, (—%;Zj.

Goi S 14 dién tich mién hinh phang dugc t6 dam trong hinh vé bén. Cong thic tinh S 1a

A. S:jf(x)dx. B. S=—[f(x)dx.



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

C.5=[ fedx-| f(x)dx D.S=[ f)dc+ [ fx)dx.

x+3 y+1 z-6
-2 3 1

. Vecto nao dudi

Trong khong gian v6i hé toa dd Oxyz , cho dudng thang d

day 1a mot vecto chi phuong cua d ?
A u=(2;3;). B.u=(-3;-16). C.u=(-2;3). D. u=(2;-3;1).

Trong khong gian véi hé toa dd Oxyz cho mp(a):4x—2y +3z—5=0.Puodng thang 4 di qua

diém M (0;—7;5) va vudng goc voi mp(a) c6 phuong trinh tham sé 1a

x =4t x =4t x =4t x=4
A y=-T+2t B.<y=7+2t C.3y=-7-2¢ D.3y=-2-7t
z=5-3¢ z=5+3¢ z=5+3¢ z=3+5¢

Trong cac khang dinh sau, khang dinh nao sai?

A. jdx =z +C (C 1ahang sd). B. Icosx dz =sinz + C (C 1a hing sd).
C. J‘ezdx =¢” + C (C 1ahang sd). D. jx“da: = z%"' + ¢ (C la hang sb).
S6 phirc ndo dudi day c6 diém biéu dién 1a diém K & hinh bén?
v
_:2 -1 0 1 2 7
-1

A. z,=-2-3i B. z,=-2+3i C.z,=3+2i D. z,=3-2i
Cho ham s6 y = f(x) c6 dao ham va lién tuc trén R . Phat biéu nao sau day la ding?
A [ f(x)dx=f(x)+C B. [ f(x)dx=rf"(x)+C
C. [ f'(x)dr= s (x) D. [ f(x)dr=s"(x)
Gia st ton tai jb f(x)dx va J.b g(x)dx , hiang s6 k. Chon ménh dé sai trong cac ménh dé sau

b b b a
A. j F(x)dx = j F)dt B. j f(x)dx:—jb F(x)dx

b b b b b
C. j [/ (x).g(x)]dx = j £(x). j g(x)dx D. j k.f(x)dx =k j F(x)dx

V5+Inx

Cho I = J—dx ,dat u=+/5+Inx. Chon khéng dinh dang trong cac khéng dinh sau.
X
A. I:Iluzdu B. I:qudu C. I:_[Zudu D. I:J.2u2du
2

Trong khong gian v6i hé toa dd Oxyz, mit cau (S): (x—S)2 +y? +(z+3)2 =16 c6 ban kinh R
bang
A. 4. B. 16. C.8. D. 242.



Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Trong khong gian vdi hé toa dd Oxyz , mit phang (P) :6x+y—3z+7=0 cob véc to phap tuyén
la

A. n(6;1;-3). B. n(6;0;-3). C. n(6;-3;7). D. n(6;-1;3).

Cho hai s6 phie 1~ 230y =1+ g phirc %12 bang

A. 1-5i. B. 1+5i. C.5+i. D. 5-i.

Trong khong gian véi hé toa dd Oxyz , dudng thing d di quadiém M (x,;,;2,), nhan u(a,b,c)

lam véc to chi phuong c6 phuong trinh tham s6 1a

z=z,+at X=a+x,t x=Xx,+at x=Xx,+at
A. Jy=y,+bt. B. Jy=b+y,t. C.iy=y,+bt. D.z=z,+bt.
x=Xx,+ct z=c+zi z=2z,+ct y=y,tct

Cho ham s6 y = f'(x) lién tuc trén [a;b]. Dién tich S clia hinh phang giéi han béi dd thi ham

s6 y=f (x) , truc hoanh va hai duong thing x =a,x =b dugc tinh theo cong thirc
b b b b
Ao S=(f(x)x. B.S=[|f(x)dx.  C.S=[f(x)dx.  D.S=z[[f(x)]dx

Trong khong gian v6i h¢ toa dd Oxyz , tim toa do vecto u bidt u=3i+ 2}' —5k

A. u=(-3;-25) B. u=(3;2;-5) C.u=(3;;2j;-5k)  D.u=(-523)

Cho s6 phirc Zz thoa man z (1 + 21') +2i =3 —4i. M6 dun cta sb phitc Z bang

A 5. B. 242. C. V2. D. 3.

Trong khong gian véi hé toa dd Oxyz, cho mit cau () c6 tam 7(2;3;-4) va tiép xtic v6i mit
phang (a):2x—2y+z-3=0. Tinh ban kinh R cua mat cau (S).

A. R=3 B. R=1/3 C.R=6 D. R=+/6

Trong khong gian v6i hé toa do Oxyz , cho ba diém A1:2;0), B(0;2;2), €(2,0:3) Mit phang

(P) di qua 3 didm 4 B C o dang #¥ 0y +cz+d =0 Tinh téng b+c+d.
A. -9. B. -21. C. 7. D. -14.

Trong khong gian v6i hé toa d0 Oxyz , mit phing c6 phuong trinh nio sau day di qua gbc toa do
0?

A.3y—4z+5=0. B.3x-4z+5=0. C.3x-4y+5=0. D. 3x—-4y+5z=0.
Trong khong gian véi hé toa do0 Oxyz, cho diém M (—2;3;4). Goi A, B lan luot 1a hinh chiéu
cua diém M trén mp(Oxy) va truc Oz. Tinh d6 dai doan 4B .

A. AB=24/5. B. AB=+29 . C. AB=5. D. AB=4/13.

Cho sé phtic z = a+bi(a,beR) thoaméin (1+i)z+2z=3+2i.Tinh P=a+b.

A.P:l. B. P=-1. C. P=1. D.Pz—l.
2 2



Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

S6 phitc z=1+i 12 mot nghiém cta phuong trinh az’ +2z+b=0, a,be R . Gia tri cia biéu
thuc T'=ab la
A. T=2. B. T =-3. C.T=-2. D. T =3.

Trong Ki hi¢u (/) 1a hinh phing gi¢i han boi do thi ham s6 y = x*, duong thing x =1 va truc hoanh.
Theé tich ¥ ctia khoi tron xoay thu duoc khi quay hinh (/) xung quanh truc Ox bang

A.Vzln. B.V:l. C.Vzln. D.Vzl.
3 5 5 3

Trong khong gian voi hé toa d Oxyz, duong thing d : sz 2%: 2-54 cit hai mat phing

(Oxy), (Oyz) 1an luot tai cac diém M, N . Tim toa do trung diém I cta doan MN .

A. 1(4;0;—4). B. 1(2;4;,-4). C. 1(2;0;—4). D. 1(4,0;,-2).

Mot 6 to dang chay v6i van tée 15m /s thi ngudi 1ai dap phanh; tir thoi diém d6, 6 t6 chuyén
dong cham dan déu véi van tdc v(t) =-5t+15 (m / s) , trong d6 ¢ 1a khoang thoi gian tinh bang

gidy, ké tir luc bat ddu dap phanh. Hoi tir lac dap phanh dén khi ding han, 6 t6 con di chuyén
bao nhiéu mét?
A.22.5m. B. 45m. C.2,25m. D. 4,5m.

C6 tit ca bao nhiéu sb phtic z thoa man z* 1a s6 thuc va |Z -2 —i| =27
A. 2. B. 1. C. 4. D. 3.

x=2+t
Trong khong gian véi hé toa 0 Oxyz, cho dudng thing A:< y=3-2¢ vadiém M (1;1;0). Mt
z=1+3t

phing (P) di qua diém M va chira duong thang A c6 dang 4x+by+cz+d =0. Tinh tong

b+c+d.
A. 6. B. -5. C. -12. D. -7.
1 e
Néu .[f(x) dx =35 thi If(lnx) dx bang
0 X
5
A. > B. 6. C. 5. D. 3.

Trong khong gian v&i hé toa d0 Oxyz, cho hai diém A(2;—4;2), B(0;0;2) va duong thing
x=3-2t
d:{y=1-3t.Mitcau (S) cotdm I thudc duong thang d va di qua hai diém 4, B c6 ban kinh

z=1-t¢

bang

A. 4. B. V5. C. 3. D. V6.
2 a

, A x " +b . \ K A s 3
Tich phan '[ 3xe"dx = (v6i a,b la cac sO nguyén), khi d6 (a +b) bang
e

-1

A. 3. B. 9. C.4. D. 2.



Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

l2[=1_ |w+4{=2
va

< A1 Y sy L1z . P=lz—w &
Cho hai s0 phuc z,w thoa man . Gia tri 16n nhat cua | | bang

A. P=A7. B. P=7. C. P=27. D. P=3\7.

Cho ham s6 y = f(x) c6 dao ham lién tyc trén (0;+o0), thoa man x.f'(x)- f(x)=x" véi
Vx>0 va f(2)=2.Giatri f(3) bang?

A. f(3)=6. B. /(3)=9. C. f(3)=3. D. f(3)=5.

f(x)=ax’ +bx* +cx—1 1 (a,b,c,d,ecR)

Cho hai ham s va g(x)=dx’ erto

< y=[(x) ; v=28(x)

cua hai ham so
khao hinh v¢).

. Biét d6 thi
cit nhau tai ba diém c6 hoanh d6 lan lugt —3;—1;2 (tham

YA

h - Y\/ a

Hinh phang gi6i han boi hai d6 thi da cho c6 dién tich bang

—a B. 23 c. 12 p. 23
12 12 48 48
Trong khong gian véi h¢ toa do Oxyz , cho (P)ix+y+z-2=0 va hai diém 4(2;2;0), B(0;2;4)

.Goi M 1a mot diém nam trén (P) sao cho tam gidc MAB can tai M va co6 dién tich bé nhat.
Tinh dién tich bé nhat d6
4 15414 1

A ——. B. ——.
2 14

Trong khong gian voi hé toa do Oxyz, cho mat cau (S):(x—1)>+(y—2)> +(z-5)* :% va
x=2+t

duong théng A:Ry=1-2t.Goi M(a;b;c) la diém thudc mit cau (S) sao cho khoang céch tu
z=2—t

M dén duong thang A bé nhat. Tinh tong a +2b+3c.

A. 18. B. 16. C. 22. D. 20.



BANG DAP AN VA LOI GIAI CHI TIET

1.B 2.C 3.D 4.B 5.C 6.A 7.C 8.D 9.A 10.A
I11.A 12.A 13.D 14.B 15.B 16.D 17.C 18.C 19.C 20.D
21.B 22.A 23.C 24.D 25.A 26.A 27.D 28.C 29.B 30.B
31.D 32.A 33.C 34D 35.B 36.B 37.A 38.C 39.C 40.A
41.D 42.A 43.C 44.C 45.B 46.B 47.A 48.D 49.B 50.A

4
dx .
Cau 51: J.x bang
A. 5x° +C. B. %x5+C. C.5x*+C. D. 4x’ +C.
Loi giai
Chon B

Ta co: J.x“dx :%xs +C.

jxcosxdx =axsinx+b.cosx+C

Cau 52: Biét .Khid6 @+? bing

A. 3. B. 3. C.0. D. 2.
Loi giai
Chon C
_ |lu=x du = dx
bat = .
dv = cos xdx y=sinx

Khi do J.xcosxdx:x.sinx+jsinxdx:xsinx—cosx+C
Suyraa=1,b=-1=a+b=1-1=0.
Céu 53: Cho s6 phtrc z=1-i. Trén mit phang toa do, diém biéu dién cua sb phirc w=1—2z* 1a
A. 0(2i51). B. M (2;1). C. N(1;2i). D. P(1;2).
Loi giai
Chon D
Taco: w=l1-z=1-(1-i) =1+2i

Suy ra, diém biéu dién sb phirc w 1a P(1;2) .

3 3
[ S (x)dx=2011 [[2+f(x)]ax
Cau 54: Biét 2 . Gia tri cia -2 bang
A. 2019. B. 2021. C. 2022. D. 2020.
Loi giai
Chon B

Ta c6: j[2+f(x)]dx= j2dx+jf(x)dx:10+2011:2021.
-2 -2 -2

Cau 55: Goi z, va z, 1a hai nghiém phuc cua phuong trinh: z> +22z+10=0. Tinh gia trj ctia biéu thirc
A=z.z,.
A. 4=2. B. 4=-10. C. 4=10. D. 4=-2.
Loi gidi



Chon C
Theo dinh li vietta c6 4=z,.z, =10.

Cau 56: Trong khong gian vdi hé toa do Oxyz , it cau (S) co tam 13- va di qua diém M(2;-2:5)
c6 phuong trinh la
A (x=3)° +(y+2)* +(z-1) =17. B. (x=3)"+(y+2) +(z=1)’ =417
C.(x+3)+(y=2 " +(z+1)*=17. D. (x+3)>+(y=2) +(z+1)> =417 .

Loi giai
Chon A
Ta co: W(—I;O;4) = R=IM = \/ﬁ
Phuong trinh mit cau (S) 1a: (x=3)> +(y+2)* +(z=1)> =17.
Céiu 57: Cho s phtic z=a+bi v6i a,b € R . Chon khang dinh ding trong cac khang dinh sau
A.zz=2a. B.z+z=a’+b.  C.l7|=Na*+b’.  D.z=-a+bi.
Loi giai
Chon C

Tacod: z=a+bi= z=a—bi loai dap an D.
+) zz=a’ +b* loai dap 4n A.

+) z+z=2qa loai dap an B.

+) |z|= Ja*+b* chondapan  C.

Cau 58: Trong khong gian v6i hé toa do Oxyz cho hai diém A(2;3;4), B(5;2;6). Tim toa do vecto AB .
A. AB=(3;-1;-2). B. AB=(-3;1;-2) C. AB=(3;1;2). D. AB=(3;-1;2).
Loi giai
Chon C
Ta cé: AB=(3-1;2).

Ciu 59: Piém M trong hinh v& 1a diém biéu dién cua s6 phic z. M6 dun s phirc z bang

’yl
3
(0] oz
i ‘M
A. 5. B. /5. C. 25. D. 4.
Loi giai

Chon A
Tacdé z=3—4i,suyra |z|= 32+(—4)2 =5.

Cau 60: Dién tich S cua hinh thang cong gidi han boi dd thi ham sb y=+/x, cic dudng thing

x =1, x =4 va truc hoanh (phan gach chéo cho trong hinh bén) bang



Cau 61:

Cau 62:

Cau 63:

Cau 64:

AR B. 2. c.2. p. 1
3 4 2 2

Loi giai

Chon A

4 4
2 14
Taco §= [Vxdx =[—\/x7] =
1 3 3

Cho s6 phirc z =2—3i. S6 phic z ¢6 phan 4o bang

A. 3. B. 2. C. -3i. D. 3.
Loi giai

Chon A

Cho hai sb phtrc “ =2+i 3 n=l-1 gf phtrc iy bang

2
A. l+§i. B. —+=i C. l—éi. D. ——iz
2 2 2 2 2 2

Loi giai

Chon A

z, 240)(1+i
Ta co i+—'=z+Z‘Z§ :z+( i) l):i+l+ii:l+§i.
zZ, |Zz| 2 2 2 2
2 2
f(x)dx=4 I2f(x)dx

Biét . Gia tri cua ! bang

A. 4 B. 6. C. % D. 8
Loi giai

Chon D

2 2
Taco: [2f (x)dv =2[f(x)dr=2.4=8.
1

1
' _ 1

Cho ham sb f(x) va F(x) lién tuc trén R thoa man £ (x)—f(x), Vx eR. Tinh jf(x)dx
0

F(0)=2

A. jf(x)dxz& B.

biét F1)=5,

Chon B



Cau 65:

Ciu 66:

Cau 67:

Caiu 68:

Ta co: _:[f(x)dx = F(x)|

1 3
Cho ham s f(x) lién tuc trén doan [0;3], biét If(x)dx:Z va jf(x)dx:6. Gia tri cta
0 1
3

I=If(x)dx bang
0
A. I=12. B. I =8. C. =4 D. I =-4.
Loi gidi
Chon B

3 1 3
Taco: 1= [f(x)dr=[f(x)dx+[f(x)dr=2+6=8.
0 0 1
Khi hiéu z, 1a nghiém phirc c6 phan a0 dwong ctia phuong trinh 4z° —16z+17 = 0. Trén mit

phing toa dd diém nao dudi diy biéu dién cho sb phitc w=iz,?

A. M, (—i;lj. B. M, Glj C. M, Gﬂ D. M, (—%;2}

Loi gidi
Chon D
4+i
Ty 4+i
Taco: 42 ~162417=0 < L
4—i 2
z=—
2

w=iz, = —l+2i.
2
Goi S 1a dién tich mién hinh phéng dugc to dam trong hinh v€ bén. Cong thirc tinh S 1a

y
y=1(x)

-1 O I~—" «x
/70

2

A. S:jf(x)dx. B. S:—_jf(x)dx.

C. S=[ feode~| fxyx. D.S=[ fdv+ | fx)dx
Loi gidi
Chon C

+3 +1 -6 }
al YTz . Vecto nao du6i

Trong khong gian véi hé toa &0 Oxyz, cho duong thang d : 5 3
day la mot vecto chi phuong cua d ?
A u=(2;3;). B.u=(-3;-16). C.u=(-2;3). D. u=(2;-3;).

Loi gidi
Chon C



Véc to chi phuong cua d la: U= (=2:;3;1).

Ciu 69: Trong khong gian v6i hé toa do Oxyz cho mp(a):4x—2y+3z—5=0.Pudng thing d di qua

diém M (0;—7;5) va vudng goc voi mp(a) cd phuong trinh tham s6 1a

x =4t x =4t x =4t x=4
A Jy=-T7+2t B.Jy=7+2¢ C.iy=-7-2¢ D.Sy=-2-7t
z=5-3¢ z=5+3¢ z=5+3t z=3+5t
Loi giai
Chon C

Vécto phap tuyén ciia mp(a) 1a: Ny = (4; —2;3).
Pudng thang thang d di qua diém M (0;—7;5) va vudng goc véi mp(a) = vécto chi phuong
ciia d 14: U =ng = (4;—2;3).

x =4t
Phuong trinh tham s6 cta d 1a: { y = -7 —2¢.
z=5+3¢

Céu 70: Trong cac khing dinh sau, khang dinh nao sai?

A. J-dx =z +C (C lahang sb). B. jcosx dz =sinz + C (C la hang sb).
C. jefdx = e’ +C (C la hing sb). D. j = 2" + ¢ (C 1a hing s).
Loi giai
Chon D
Vi: Ix“da:: "+ C,a = —1.
a+1
Cau 71: S6 phirc nao dudi day co diém biéu dién 1 diém K & hinh bén?
vk

A. z,=-2-3i B. z,=-2+3i C.z;=3+2i D. z, =3-2i
Loi giai

Chon B

Cau72: Chohamsd y=f ( ) ¢6 dao ham va lién tuc trén R . Phat biéu nao sau day la ding?
A [f(x)de=f(x)+C B. [ f(x)dx=f'(x)+C

C.[f(x)dx=s(x) D.[f(x)dx=r"(x)
Loi giai

Chon A



Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

Gia sir ton tai Jj f(x)dx va Jj g(x)dx , hiang s6 k . Chon ménh dé sai trong cac ménh dé sau
A f@de=[ f@deB. [ fade==[" f(x)dx
C [ [f@g@]d=[ 1o gt D. [ kfC)de=k[ f(x)dx

Loi giai
Chon C

V5+Inx

Cho I = I—dx , dat u =~/5+1In x . Chon khang dinh ding trong cac khang dinh sau.
X

A. I:I%uzdu B. I:qudu C. I :J.2udu D. I=j2u2du

Loi giai
Chon D

bit u=/5+Inx = u’ =5+lnx:>2udu:ldx

X
V5+Inx

Taco: I = dex = Iu.2udu = J.Zuzdu

Trong khong gian véi hé toa do Oxyz, mt cdu (S): (x—S)2 +y° +(z+3)2 =16 c6 ban kinh R

bang

A 4. B. 16. C.8. D. 24/2.
Loi giai

Chon A

Ta ¢6 tAm mit ciu la diém 1(5; 0;— 3) va ban kinh mat cAu 1a R = \/R =4

Trong khong gian v6i hé toa dd Oxyz, mét phang (P):6x+y—3z+7=0 cb véc to phap tuyén

1

A. n(6;1;-3). B. n(6;0;-3). C. n(6;-3;7). D. n(6;-1;3).
Loi gidi

Chon A

Ta ¢6 vecto phap tuyén ciia mat phang (P):6x+y—3z+7=0 1a n=(6;1;-3)

Cho hai sb phirc “ =231 3 B =14 g phirc %12 bang

A.1-51. B. 1+5i. C.5+1. D. 5-i.
Loi giai

Chon D

7.z, =(2-3i)(1+i)=5-i

Trong khong gian voi hé toa do Oxyz , dudong théng d diqua diém M (xo; Vo3 Zo ) ,hhan &(a, b, c)

1am véc to chi phuong c6 phuong trinh tham sé 1a



Cau 79:

Cau 80:

Cau 81:

Cau 82:

Cau 83:

z=z,+at X=a+x,t X=x,+at X=Xx,+at

A.<y=y,+bt. B. {y=b+y,t. C.<y=y,+bt. D.<z=z,+bt.
xX=x,+ct z=c+zy z=2z,+ct y=y,tct
Loi giai
Chon C

Puong thang d di qua diém M (xo; yo;zo), nhin ﬁ(a,b,c) lam véc to chi phuong c6 phuong

xX=x,+at
trinh tham s6 1a { y = v, +bt

z=z,+ct
Cho ham s6 y = f'(x) lién tuc trén [a;b]. Dién tich S clia hinh phang giéi han béi dd thi ham
6 y=f (x) , truc hoanh va hai duong thang x = a,x =b dugc tinh theo cong thirc

Ao S = f(x)x. B. S=j.|f(x)|dx. C. Szifz(x)dx. D. S:ﬂi[f(x)]zdx.

Loi giai

Chon B

Trong khong gian v6i h¢ toa dd Oxyz, tim toa do vecto u bidt u=3i+ 2}' —5k

A. u=(-3;-25) B. u=(3;2;-5) C.u=(35;2j;-5k)  D.u=(-523)
Loi giai

Chon B

Cho s6 phirc Zz thoa man z(l + 21') +2i =3—4i. M6 dun cta sé phirc Z bang

A 5. B. 22. C. V2. D. 3.
Loi giai

Chon D

3-4i-2i -9 12 —9Y (-12Y
—_— =———l:>|Z|: — | +|— | =3.
1+2i 5 5 5 5

Trong khong gian véi hé toa d§ Oxyz, cho mat cAu (S ) co tam [ (2;3; —4) va tiép xuc voi mat

Taco: z(1+2i)+2i=3-4i<z=

phang (a):2x—2y+z-3=0. Tinh ban kinh R cua mat cau (S).

A. R=3 B. R=43 C.R=6 D. R=+6
Loi giai

Chon A

Vi mit cau (S) tiép xtic voi miat phang (a) :2x—2y+z—-3=0nén ban kinh

p2-23+(-4)-3 ;
2i(2)f+1

R=d(I,(a))

Trong khong gian voi hé toa do Oxyz , cho ba diém A(1;2;0), B(0;2;2), C(2;0;3). Mat phéng
(P) di qua 3 didm 4 B C o dang #¥ 0y +cz+d =0 Tinh téng h+c+d.
A. 9. B. -21. C. -7 D. -14.



Cau 84:

Cau 85:

Cau 86:

Cau 87:

Loi giai
Chon C
Taco: AB= (—1;0;2),/?@ =(1;-2;3)= [E,R} =(4;5;2) 1a vecto phap tuyén ctia mt
phang (P).
Mit khac, mat phang (P) di qua A(1;2;0) nén (P) c6 phuong trinh
4(x-1)+5(y-2)+2(z-0)=0<4x+5y+2z-14=0
Vay b+c+d=5+2-14=-7.
Trong khong gian v6i hé toa dd Oxyz , mit phang c6 phuong trinh ndo sau day di qua gbc toa do
0?

A.3y—4z+5=0. B.3x-4z+5=0.
C.3x-4y+5=0. D. 3x—-4y+5z=0.

Loi giai
Chon D

Taco: 3.0-4.0+5.0 = 0= mat phiang 3x—4y+5z=0 diqua O.
Trong khong gian véi hé toa d§ Oxyz, cho diém M (-2;3;4). Goi A, B lan luot 1a hinh chiéu
cua diém M trén mp(Oxy) va truc Oz. Tinh do dai doan AB.
A. AB=245. B. AB=4/29 . C. AB=5. D. AB=413.
Loi giai
Chon B

Ta c6: 4(=2;3;0),B(0;0;4)= AB=,/2> +(-3)" +4* =29.

Cho s6 phie Z=a 101 (@D E€R) yhon man A+Dz+2Z=3+20 Tiph p=g1p.
A Pl B. P=-1. C. P=1. D. P=—1,
2 2
Loi giai
Chon B
(A+i)z+2z2=3+2i
< (1+i)(a+bi)+2(a—bi)=3+2i
<:>(3a—b)+(a—b)i:3+2i
1
3a-b=3 |45
= = =a+b=-1.
a-b=2 3
b=——
2
Sé phttc z=1+i 1a mdt nghiém cua phuong trinh az’ +2z+b=0, a,beR . Gi tri cua biéu

thic T=ab la

A.T=2. B. T=-3. C.T=-2. D. T=3.
Loi giai

Chon A

Do z=1+i la mot nghiém ctia phuong trinh az> +2z+b=0, a,bcR.



Cau 88:

Cau 89:

Cau 90:

Cau 91:

Khi do a(1+i)2+2(1+i)+b=0<:>2+b+(2+2a)iz0<:>{2+b:0 {a:_l

S .
2+2a=0 b=-2
Vay T =ab=2.

Trong Ki hi¢u (/) 1a hinh phang gi¢i han boi dd thi ham s6 y = x, duong thang x =1 va truc hoanh.
Thé tich ¥ ciia khoi tron xoay thu dugc khi quay hinh ( /) xung quanh truc Ox bing

A.Vzlﬂ'. B.V=l. Q.Vzlﬂ'. D.V:l.
3 5 5 3
Loi giai

Chon C

1

1

Ta c6 V=72J.x4dx:£.x4 =z,

0 5 [0 5

x=2 z+4

Trong khong gian v6i hé toa d0 Oxyz, dudong thang d : " :gz 5 cat hai mit phang

(Oxy), (Oyz) 1an luot tai cac diém M, N . Tim toa do trung diém I cua doan MN .

A. 1(4;,0,—4). B. 1(2;4;,-4). C. 1(2;0;,—4). D. 1(4;0;,-2).
Loi giai

Chon C

Ta co M (4;4;0),N(0;—4;—-8) = 1(2;0;—4).

Mot 6 t6 dang chay voi van toc 15m /s thi ngudi 1ai dap phanh; tir thoi diém do, 6 to chuyén
dong cham dan déu voi van toc v(t) =-5t+15 (m / s) , trong d6 ¢ 1 khoang thoi gian tinh bang
gidy, ké tir luc bat dau dap phanh. Hoi tir luc dap phanh dén khi dimg han, 6 t6 con di chuyén
bao nhiéu mét?
A.22,5m. B. 45m. C. 2,25m. D. 4,5m.

Loi gidi
Chon A
Khi 6 t6 dimg hdn v(1)=0<1=3.

3
Quing duong 6 to di chuyén J(—St +15)dx = %(m) .

0
C6 tat ca bao nhiéu s6 phirc z thoa min z* 1a sé thuc va |z -2 —i| =27
A. 2. B. 1. C. 4. D. 3.
Loi giai
Chon D
a=0

Gia st z=a+bi v6i a,beR.Tacod z* =a® —b* +2abi 1 s6 thyc suy ra asz@{b 0
Honnita [z—2-i|=2 < (a—2)" +(b-1)" =4.

Véia=0=b=1.



Cau 92:

Cau 93:

Cau 94:

Véi b=0=a=2++3.

Vay ¢6 3 s phuc thoa yéu cau bai toan.
x=2+t

Trong khong gian vai hé toa 40 Oxyz , cho duong thang A:{ y =3-2¢ va diém M (1;1;0). Mat
z=1+3t

phang (P) di qua diém M va chira duong thang A co6 dang 4x+by+cz+d =0. Tinh tong

b+c+d.

A. —6. B. 5. C. -12. D. 7.
Loi giai

Chon A

Taco u, =(1;-23); 4(2;3;1)eA suyra MA(1;2;1).
Khi d6 n, =| Md,u, | =2(4-1;-2).

Do d6 (P):4x—y—2z+d =0.

Vi M e(P) nén d=-3.

Vivay b=-l;c=-2;d =-3 nén b+c+d =-6.

X

[£(x)dx=5 Tf(lnx) dr

Néuy 0 thi bang
A2 B. 6. C. 5. D. 3.

2

Loi giai

Chon C

e 1 e 1

jM de= f(nx) d(inx)=[ £(1) dr=5.

X

1 1 0

Trong khong gian voi hé toa do Oxyz, cho hai diém A4(2;—4;2), B(0;0;2) va duong thang

x=3-2¢
d:{y=1-3t.Mitcau (S) cotam I thudc duong thing d va di qua hai diém A4, B c6 ban kinh

z=1-t
bang
A 4. B. 5. C. 3. D. /6.
Loi gii
Chon C

Goi 1(3-24,1-31;1-t)ed 1a thm mit cau
Ta c6 mit cau () di qua hai diém 4,B nén I4=IB=R
o (261 +(3t=5) +(t+1) =(2t-3) +(3t—1) + (¢ +1)’

< 161-16=0<1=1=1(1;-2;0)



Khi d6 ban kinh R =14 =3.

2 a
Cau 95: Tich phan j 3xe"dx = 3 +b (v6i a,b 1a cac s6 nguyén), khi d6 (a +b) bang
e
-1
A.3. B.9. C.4. D. 2.
Loi giai
Chon B

2 3
’ —3J.exdx=6e2+§—3e2+§=3e +6.
ol e e e

j.3xexdx = j- 3xd(ex) =3xe”
-1 -1

=1, [w+d|=2
va

A : A ’ 5 ~ e s 17 A 5 P = - M
Cau 96: Cho hai s0 phuc z,w thod man . Gia tri 16n nhat cua |Z W| bang

A. P=+7. B. P=7. C. P=27. D. P=37.
Loi giai
Chon B

P:|Z—w|:|Z—(w+4)+4|£|Z|+|—(w+4)|+|4|=7.

z|=1
2 4 5 . \ ” . | | kal>0 Zzl 1
Dang thtrc xdy ra khi va chi khi |w+4|=2 , = N 1=2k=—|.
k,leR w=-6 4
k.z=—l(w+4):4

Cau97: Cho ham sb yzf(x) ¢6 dao ham lién tuc trén (OH_OO), thoa man x.f'(x)—f(x) voi
vr>0va/(2)=2 Gig tri /) bing?
A. f(3)=6. B. f(3)=9. C. f(3)=3. D. f(3)=5.
Loi giai
Chon A

Ta c6 x.f'(x)—f(x)zxz,Vx>03x'f'(x)z_f(x)zl,Vx>0©(f(x)J —1,Vx>0.

X

Suy ra M:)c+C.Mé1 f(2)22 :%:2+C<:>C=—l.
X

Do do M=x—1:>f(x)=x2—x.Vasly f(3)=3"-3=6.
X

f(x)=ax3+bx2+cx—1 1 (a,b,c,d,ee]R)

C4u 98: Cho hai ham s6 va g(x)=dx’ text . Biét d6 thi

ctia hai ham s6 y=f(x) va y=g(x)
khao hinh v¢).

cit nhau tai ba diém c6 hoanh d6 lan lugt —3;—1;2 (tham



Cau 99:

YA

=Y

= _’w \/ >

Hinh phang gi6i han béi hai d6 thi da cho c6 dién tich bang

A2 B. 23 c. = D. 22
12 12 48 48
Loi gidi
Chon D

Vi phuong trinh f(x)— g(x) =0 c6 3 nghiém —3;—1;2 nén
f(x)-g(x)=a(x+3)(x=2)(x+1)
<:>(ax3+bx2+cx—1)—(dx2+ex+%J:a(x3+2x2—5x—6)
<:>ax3+(b—d)x2+(c—e)x—%=ax3+2ax2—5ax—6a

So sanh hé s tu do ta duge —6a = —% =a= %

Do dé szfl(ﬁs)(xﬂ)(x_z)dx:E.
%14 48
Trong khong gian véi hé toa do Oxyz, cho (P):1X+y+2=2=0 y3 pai qidm 4(2:20), B(0;2;4)

.Goi M 1a mot diém nam trén (P) sao cho tam gidc MAB can tai M va co di¢n tich bé nhat.
Tinh dién tich bé nhat do

A.@. 5.@. C.ﬂ. D. J15.
2 14 3
Loi gidi
Chon B

Goi [ latrung diém canh 4B = 1(1;2;2) .

Do AAMB cantai M = MI 1 AB hay MI =d(I;A4B).

Mit khac 4B =-2(1;0;-2) = AB=245.

Dong thoi: S, ., :%d(l; AB).AB =[Syl oM, .

Ta c6: MA=MB = M €(Q) la mit phang trung truc ca doan thang AB
Véi (Q) qua 1(1;2;2) nhén n= —%ZB = (1;0;~2) 1am véc-to phap tuyén

= (0):x-2243=0 (1)
Laico: M e(P):x+y+z-2=0 (2).
Tu (1), (2) tasuy ra M (2z—-3;5-3z;z) :m=(2z—4;—3z+3;z—2)



Cau 100:

SuyraIMZ:(22—4)2+(3z_3)2+(z_2)2:14(2 19) 45 45

>
14) 14714

Do do: IM .. ﬁ S z= 19

15J_ 213 19
Khi do | AAMB]mm_ / 245 = M(_?aﬁ]

Trong khong gian voi hé toa do Oxyz, cho mit cau (S):(x—1)> +(y—2)> +(z-5)* =§ va

x=2+t
duong thang A:{y=1-2¢. Goi M (a;b;c) 1a diém thudc mit cau (S) sao cho khoang cach tir

z=2—t
M dn duong thang A bé nhit. Tinh tong a + 25+ 3c.
A. 18. B. 16. C.22. D. 20.

Loi gidi
Chon A

3

Mit cau () cé tam /(1;2;5) va R= >

Goi H 14 hinh chiéu vudng goc ctia I 1én dudng thing A.
Dung (P) la mat phang qua / va vudng géc A = (P):x—2y—z=-8.

xX—-2y—-z=-8 x=1
D thdy H e(P)NA= toadd H théahé&: <x—2 y-1 z-2=4y=3=H(1;33)
1 2 -1 [z=3

Suyra IH =+/5=2R>R.Dod6 (S)nd =2.

S

M
N

d

H K
D8 thiy d(M:;d)>d(N:;d)=NH =|d(I;d)-R| voi M,N ()
Do dé: d(M;d) =NH < M =N.Khidé M 1a trung diém cia IH

Suy ra M(l;%;4j:>a:1,b:§;c:4.Véy a+2b+3c=18.



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Caiu 8:

Cau 9:

Cau 10:

PE ON TAP KIEM TRA CUOI HQC KIi I1
MON: TOAN 12 - PE SO 32 (100TN)

Duong thing (A): xT—l = yT” = il khéng di qua diém nao dudi day?
A. M (1;-2;0). B. N(-1;,-3;1). C. P(3;-1;-1). D. O(-1;2;0).

Ho nguyén ham ctia ham so J.xmldx 1a

2022 2021
1

A _4C. B.X _4cC. C.2021°°+C. D.—4C
2022 2022 xIn2022

Ho nguyén ham ctia ham s6 I(e" - 7)dx la

A. e -T7x+C. B.e' -7. C.e"+C. D. e"loge+C.

S6 phitc z=5-8i c6 phan ao la

A. 8. B. -8i. C.5. D. -8.

Trong mit phiang Oxy, cho diém M (3; 2) biéu dién s6 phirc z. Ménh dé nao sau dy dung?

A. Sb phitc z c6 phan thuc 12 3, phan 40 1a 2. B. S6 phttc z c6 phan thuc 13 3, phan 4o 1a—-2.
C. S6 phirc z ¢6 phan thyc 1a 2, phan ao1a 3. D. S phtic z ¢6 phan thyc 1a 3, phan 4o 1a 2i.
Ho nguyén ham ctia ham s f(x) =3x’ _x_22 +11a

3

A ¥ -2l +x+C. B.——Zixs+C C. 6x+i+C. D. x3+£+x+C.
X .X3 X

Cho F(x) 1a mdt nguyén ham cua ham s6 f(x) trén R. Khi d6, hiéusé F(0)—F (1) bang
1 1 1 1
A. If(x)dx. B. IF(x)dx. C. —J.F(x)dx. D. —If(x)dx.
0 0 0 0
Trong khong gian voi hé toa dd Oxyz, cho mit phing (P) :—2x+2z+3=0. MGt vécto phap
tuyén ctia mit phang (P) la
A. u=(1;0,-2). B. v=(-213). C. n=(2;0;-1). D. w=(-2;1;0).
Trong khong gian véi hé toa dd Oxyz, mit phang (P) di qua diém M (1; 2;—3) va vuong goc voi
truc Oz c6 phuong trinh la
A. z+3=0. B. z-3=0. C.x+y-3=0. D. x+y+z=0.
Cho ham s f(x)=8-sinx. Khing dinh ndo dudi day ding?
A. [ f(x)dx=8x—cosx+C. B. [ f(x)dr=8x+sinx+C.
C. Jf(x)dx=8x+cosx+C. D. Jf(x)dxz—cosx+C.



Cau 11: Cho ham s6 y = f(x) c6 dao ham f'(x)=3x"-4,VxeR va f(1)=3. Biét F(x) la mot
nguyén ham cia £ (x) thoa man F(~1)= i. Khi do, gid trj F(2) bing
A. 2. B. 16. C.6. D. 4.

Cau 12: Biét j(ax2 +hx+cle'dr=(3x" —8x+13)e* +C voi @ va b 1a céc s6 nguyén. Tim S=a+b.
A. S=1. B. S=4. C.S=5. D. §=9.

Cau 13: Cho ham sé f(x) lién tuc trén R va co mot nguyén ham la F(x), biét j f(x)dx=9 va
F(0)=3.Tinh F(9).

A. F(9)=—6. B. F(9)=6. C. F(9)=12. D. F(9)=-12.

2022

Cau 14: Tich phan jS"dx bang
0

2022 2022 2022
S B. (57 -1)In5. iy p. 21
In 2022 In 2022 In5
2
Cau 15: Cho jf )dx=2 va jg =—1.Tinh 7 = [[x+2f (x)+3g(x)]dx.
A 1= B.I=_. c.1=7. D.1=2.
2 2 2 2

1 3 3
CAu 16: Cho ham sé f(x) lién tuc trén R vaco [ f(x)dx=2; [ f(t)dt=6.Tinh /= f(x)dx
0

0 1

A. I=8. B. I=12. C. 1=36. D. I=4.
x=-2+t
Cau 17: Trong khong gian véi hé toa @6 Oxyz , dudng thang d < y =1+2¢, (1 €R) c6 vecto chi phuong
z=5-3¢
la
A. a=(-1;-2;3). B. b=(2;46). C. c=(1;23). D. d =(-2%15).
Céu 18: Dién tich hinh phang S gidi han boi duong cong y = x* —30x va truc hoanh bang
A. §=9000. B. § =-4500. C. §=4500r. D. §=4500.

Cau 19: Tinh mbdun cua sé phirc z=2—1.

A. 5. B. /5. C. 1. D. 3.

2 1
Cau20: Chohamsé f(x) liéntuc trén R va f(2)=16, jf(x)dx=4. Tinh [=J.x.f'(2x)dx.

0 0

A. I=13. B. I=12. C.I1=T7. D. 1=20.



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

S

Biét j(3+4sin2 x)dxz%—#, trong d6 a, b, ¢ nguyén duong va % t6i gian. Tinh
0

T=a+b+c.

A. T=8- B. T=13- C.T=12- D. T=14-

Trong khong gian véi hé toa d0 Oxyz , cho diém A4 (3; -2; 5) . Hinh chiéu vudng goc cua diém A4
trén mat phfmg toa do (Oxz) la
A. M (3;0;5)- B. M (3;-2;0)- C. M(0;-2;5)- D. M(0;2;5)-
1
2

Cho ham sb f(x) c6 dao ham lién tyc trén [0;1], thoa man f(1)=1, I[f’(x)} dx=% va

0

]jf(\/})dxzé Tinh I:jf(x)dx.

0

AT=2 B.7=L. c.r=3. p. =1,
5 4 4 5
Goi (H) 1a hinh phang gi6i han boi d6 thi ham s6 f'(x) = cosx, tryc hoanh va hai dudng thang

x=0, x=7. Thé tich V cta khdi V cua khéi tron xoay tao thanh khi quay (H ) quanh truc

hoanh béng
T 7’ n’
AV = B.V="—. C.V=r* D.V=—.
2 2 4

Gia sir hai duong cong cit nhau tai 4, B c6 hoanh d6 1an luot 13 —1; 2. Dién tich hinh phing

phan gach chéo trong hinh v& sau dugc tinh theo cong thirc nao dudi day?

fry=z*=3x+2

2 \ Ir

2
Ao 5= [(=x" =227 +5x+6)dx. B. S=j(x3—2x2—x+1o)dx.
-1

-1



Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

C.S:i(x3+2x2—5x—6)dx. D.S:Jz.(x3+2x2—x—10)dx.
e -1

Cho hai ham s6 f (x)=ax* +bx’ +cx” +2x va g(x)=mx’ +nx’ —2x, véi a,b,c,m,ne R. Biét
ham s6 y = f(x)—g(x) c6 ba diém cyc tri la —1; 2 va 3. Dién tich hinh phing gi¢i han boi
hai duong y = f'(x) va g'(x) bang

A 32 B. L c. L p. %
3 9 6 9

Trong khong gian v6i hé truc toa do Oxyz, cho mit phang (P):3x—2y+z-5=0. Diém nao
duéi day thudc mét phang (P)?

A. M(3;—2;—5). B. N(O;O;—S). C. P(3;—2;1). D. Q(l;1;4).

Trong khong gian véi hé truc toa d0 Oxyz, phwong trinh mit phang trung truc (a) cua doan

thang AB, v6i A(0;4;-1) va B(2;-2;-3) 1a

A. (a):x=3y—z—-4=0. B. (a): x-3y+2z=0.
C.(a):x-3y+z—4=0. D. (a):x-3y-z=0.

Cho sb phitc z ¢6 s6 phtic lién hop z =3 —2i . Tong phan thyc va phan 4o ciia s6 phitc z bang
A. 1l B. -5 C.5 D. -1

Cho s phitc z c6 phan thuc va phan 4o déu duong, ddng thoi thoa man z* 1a s thuan ao va

|z| =2+/2 . M6 dun cua sb phirc z—3-5i bang

A. 26 . B. 34 +242. c. J1o. D. 24/3.

Phén thuc cta s6 phie z =(3-i)(1-4i) la
A. —1. B. 13. C. 1. D. -13.
Tinh dién tich S cta phan hinh phang gach soc (bén duéi) gidi han bai d6 thi (C ) ctia ham s

bacba y=ax’ +bx’ +cx+d vatruc hoanh, biét ring (C) cét tryc hanh tai hai diém c6 hoanh do

-2val, déng thoi ham sb dat cuc tri tai x=1.



Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

9
/1
-2 0 1 :
A 5=, B. s=2 cs=2 p. s=31.
5 4 3 5

Trong khong gian Oxyz, cho mat cdu (x~1) +(y~2) +(z+3) =4 c6 tam va ban kinh lin
lwot 1

A I(-5-23);R=2. B. I(;2-3);R=2.

C. I{(12-3);R=4.  D. I(-1;-2;3);R=4.

Cho s phirc z thoa man didu kién (1+4)z—1-3i=0. Tim phin o cita s6 phitc w=1—iz+2
A. —i. B. 1. C. 2. D. —2i.

Trong khong gian véi h¢ toa 46 Oxyz, mit cdu c6 tim A(2;1;1) va tiép xiic v6i mat phing
2x — y+2z+1=0 c6 phuong trinh 1a

A (x=2) +(y-1) +(z-1) =16. B. (x=2) +(y—1) +(z-1) =9.

C. (x=2) +(y-1) +(z-1) =4. D. (x-2) +(y-1) +(z-1)' =3.

C6 bao nhiéu s6 phiic z thoa min z° =z

A. 3. B. 4. C. 5. D. 6.

Cho s6 phitc z=a-+bi (a,beZ) thoa man (1-3i)z 1a s thuc va [z—2+5i|=1. Tinh gi tr
cia T=a+b.

A.T=9. B. T=8. C.T=6. D.T=17.

Cho s6 phttc z théa man (1+7)z+(2-i)z =13+ 2i. Tim modun cita s6 phirc w=z-2i.

A. [w]=+13. B. [w]=3. C. |w=+5. D. |[w]=5.

Cho hai s6 phirc 21 =272 va 2= 7343 gpi 46 s6 phie 21722 1a
A. —545i. B. -5i. C.5-5i. D. —1+i.



Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Trong khong gian vé6i hé truc toa dd Oxyz, cho hai vecto u = (4;2;1) va V= (2;0;5). Toa dd

vecto u+v la

A (-2,-2;4). B. (6;2;6). C. (313). D. (2;2;-2).

Cho hai s0 phitc w,z théa man |w+i] :375 va Sw=(2+i)(z—4). Gid tri 16n nhat cta bicu
thirc P:|Z—l—2i|+|z—5—2i| bang:

A. 677 B. 4+4/13. C. 2453 D. 4/13.

Trong khong gian v6i hé toa Oxyz , cho hinh thang ABCD vudng tai 4 va B. Badinh A(1;2;1)

,B(2;0;-1),C(6;1;0) va hinh thang c6 dién tich bang 62 . Gia st D(a;b;c), tim ménh dé

ding.
A. a+b+c=5. B.a+b+c=6. C.a+b+c=7. D.a+b+c=8

Trong khong gian véi hé toa d§ Oxyz, cho phuong trinh mét phing (P):3x-3y+2z-15=0va
ba diem 4(1;2;0),B(1;-1;3),C(L-L-1). Diem M (x,,¥,.2,) thudc mit phang (P) sao cho
2MA* — MB* + MC? dat gia tri nhé nhat. Tinh gia trj biéu thic T = 2x, + 3y, + 2,

A, 11. B. 5. C. 15. D. 10.

Trong khong gian v6i hé toa 46 Oxyz, cho diém A(—Z;—4;5) . Viét phuong trinh mit cau tim
A va céttruc Oz tai B,C sao cho tam giac ABC vudng

A (x+2) +(y+4) +(z-5) =58. B. (x+2) +(y+4) +(z-5)" =82.

40.

C. (x—2)2+(y—4)2+(z+5)2 =90. D. (x+2)2+(y+4)2+(z—5)2
Trong khong gian v6i hé toa dd Oxyz , cho ba diém A(1;1;4), B(2;7;9), C’(O;9;13) . Phuong
trinh mét phang di qua ba diém A4,B,C la

A. 2x+y+z+1=0. B. x-y+z-4=0. C.7x-2y+z-9=0.D.2x+y—-z-2=0.
Trong khong gian v&i hé toa d6 Oxyz, cho hai diém A(1;2;4), B (0;0;1) va mit cau
(S):(x+1)2 -i—(y—l)2 +2> =4 .Mt phing (P):ax+by+cz+3=0 diqua 4,B va cit mit

ciu (S ) theo giao tuyén 1a mot dudng tron ¢ ban kinh nho nhat. Tinh T =a +b+c?

_Z B.T=>3 c.r=-3 D 7=31
4 5 4 5

A. T

Trong khong gian voi hé toa dd Oxyz , goi N (a;b;c) 1a diém d6i xang véi M (2;0;1) qua duong

thang A:XT_IZXZZIZ.Giétri clia biéu thirc a +b+c¢ bang




Cau 48:

Cau 49:

Cau 50:

A. 7. B. -1. C. 3. D. -5.

Trong khong gian v6i hé toa d Oxyz, cho diém M (2;1;0) va dudng thang d c6 phuong trinh

_1 1 2 . < 2 r .
XT—%=i.Phuong trinh cua duong thang A di qua di€ém M , cat va vuong goc véi duong
thang d 1a
Ax—2:y_—1:i. Bx—2_y_—1:£

1 -4 =2 -1 -4 2
C.x—Z:y—lzi. D.x—2:—y+1:i.
-1 -3 2 -3 -4 =2

Trong khong gian véi h¢ toa do0 Oxyz, cho hai diém M (—2; —2;1) , A(1;2; —3)Vé duong thfmg

d :XTH = yT—S = il . Tim mdt véc to chi phuong u clia duong thang A di qua M , vudng goc

v6i duong thang d , dong thoi cach diém A mot khoang nho nhat.

—

Ao u=(2;2;-1). B. u=(1;7;-1). C. u=(1;0;2). D. u=(3;4;-4).

Cho ham s0 y = f(x) théa man f(l):%vé f(x)- ]Z(x) z%,Vxe(O;wo).
X Hx o x+

Gid tri f(7) bang
7 49 48

AL 2 L i
8 8 8 49



BANG DAP AN

1.D 2.A 3.A 4.D 5.A 6.D 7.D 8.C 9.A 10.C
11.B 12.A 13.C 14.D 15.D 16.A 17.A 18.D 19.B 20.C
21.C 22.A 23.B 24.B 25.A 26.B 27.D 28.D 29.C 30.C
31.A 32.B 33.B 34.B 35.C 36.C 37.B 38.D 39.C 40.B
41.C 42.B 43.B 44.D 45.B 46.C 47.C 48.A 49.C 50.B
HUONG DAN GIAI CHI TIET
Caul: Duong thing (A): XT_I = yT” = il khéng di qua diém nao duéi day?
A. M (1;-2;0). B. N(-1;,-3;1). C. P(3;-1;-1). D. 0(-1;2;0).
Loi giai
Chon D
Thay toa d¢ diem Q(-1;2;0) ta c6
el 2420 40 weli).
2 1 -1
Vay diém Q(-1;2;0) khong thudc duong thang.
Cau2: Ho nguyén ham ciia ham sb J x%dx 1a
2022 20 1
A. +C. B. +C. C. 2021.x** +C. D.———+C
2022 2022 x1n2022
Loi giai
Chon A
x2022
Ta co J‘xz(mdx = +C
2022
Cau 3: Ho nguyén ham cua ham sd J(ex —7)dx la
A.e"-Tx+C. B.e' -7. C.e"+C. D. e'loge+C.
Loi giai
Chon A
Ta co I(e" —7)dx:ex -Tx+C.
Cau4: S phitc z=5-8i co phan 4o 1a
A. 8. B. -8i. C.5. D. -8
Loi giai
Chon D
Phan 4o ctia s6 phic z 1a -8.
Cau5:  Trong mit phang Oxy, cho diém M (3; 2) biéu dién s phirc z. Ménh dé nao sau diy dung?

A. Sb phitc z c6 phan thyc 1 3, phan 4o 13 2.




B. S6 phtic z ¢6 phan thuc 1a 3, phan ao 1a-2.
C. S6 phitc z c¢6 phan thuc 12 2, phan 4o 1a 3.
D. Sb phirc z ¢6 phan thyc 1a 3, phan 4o 1a 2i.
Loi giai
Chgn A

Céau 6:  Ho nguyén ham cta ham s f(x) =3x’ —%+1 la
X

3

A. ¥’ —2Inx>+x+C. B. x——g+x+C. C. 6x+i3+C. D. x3+£+x+C.
x X x
Loi giai
Chon D
Ta co J.f(x)a'x:“.(?’x2 _£+1JJXZX3 +z+x+C.
x’ x
Cau7: Cho F(x) 1a mot nguyén ham ctia ham s6 f(x) trén R. Khi d¢, hiéu s6 F(0)—F (1) bang
1 1 1 1
A. _[f(x)dx. B. _[F(x)dx. C. —IF(x)dx. D. —If(x)dx.
0 0 0 0
Loi giai
Chon D

1

Ta c6: —If(x)dx =—F(x),, =—(F(1)-F(0))=F(0)-F(1).

Cau8: Trong khong gian véi hé toa dd Oxyz, cho mit phing (P) :—2x+z+3=0. MGt vécto phap

tuyén clia mét phang (P) la

Ao u=(10;-2). B. v=(-21;3). C. n=(2;0;-1). D. w=(-210).
Loi giai
Chon C
Vécto phap tuyén ctia mat phing (P):—2x+z+3=0 1a n=(2;0;-1).
Cau9: Trong khong gian v&i hé toa 6 Oxyz, mit phang (P) di qua diém M (l; 2;—3) va vuong goc voi
truc Oz c6 phuong trinh la

A. z+3=0. B. z-3=0. C. x+y-3=0. D. x+y+z=0.
Loi gidi
Chon A
Mt phang (P)di qua diém M (1,2;-3) va vudng gbe vé6i truc Oz nén c6 vec to phép tuyén 1a

k =(0;0;1) = phuong mit phang (P) 1a z+3=0.
Cau10: Cho hamsd f(x)==8-sinx. Khang dinh nao duéi day dung?

A. Jf(x)dszx—cosx+C. B. If(x)dx:8x+sinx+C.
C. jf(x)dx=8x+cosx+C. D. Jf(x)dxz—cosx+C.



Loi giai
Chon C
If J.8 sinx)dx =8x+cosx+C.
Cau 11: Cho ham s y=f(x) c6 dao ham f'(x)=3x"-4,VxeR va f(1)=3. Biét F(x) 1a mot

nguyén ham cua f(x) thoa man F(-1) :%. Khi d6, gia trj F(2) bang

A. 2. B. 16. C.6. D. 4.
Loi gidi

Chon B

J.f J.3x - )dx:x3—4x+C

f(1)=F-41+C=3=C=6= f(x)=x—4x+6

Suy ra

F(z)_F(_l):jl(f_4x+6)dx:%:F(z):%+%:16.

Cau 12: Biét I(ax2+bx+c)exdx:(3x2 ~8x+13)e"+C véi @ va b 1a cc s6 nguyén. Tim S=a+b,
A. S=1. B. S=4. C.S=5. D. S=9.
Loi giai
Chon A
Xét ((3x* ~8x+13)e" +C)'= (6x—8)e" +(3x* ~8x+13)e* = (3x* —2x+5)e’

Suyra a=3;b=-2=a+b=1.
Céiu 13: Cho ham sb f (x) lién tuc trén R va c6 mdt nguyén ham la F , biét I f dx 9 va
F(0)=3.Tinh F(9).
A. F(9)=-6. B. F(9)=6. C. F(9)=12. D. F(9)=-12.

Chon C

Ta co jf )dr=9 & F(x) =9 F(9)-F(0)=9 < F(9)=12.

2022

CAu 14: Tich phan j 5*dx bang
0

5202 1
1n2022°

52022 ) 52022 |
. . D. .
In 2022 ~  In5
Loi giai

B. (5 —1)1n5.

Chon D



2022 2022 2022
5" 522 1

Tacd 5'dx = =
-([ lnSO In5

j‘f(x)dx:Z j.g(x)dx:—l I=j[x+2f(x)+3g(x)]dx

Cau 15: Cho -! va -l . Tinh -1
A.I=£. B.I:Z. C.I=1—7. Q.Izé.
2 2 2 2
Loi giai
Chon D

) 2 2 2 2 3 5
Tau>1:l[x+zfug+xxxﬂdx=£Mk+2£f(xyn+3lggﬂdx=5+4—3=5.

1 3 3
CAu 16: Cho ham s6 f(x) lién tuc trén R vaco [ f(x)dx=2; [ f(t)dt=6.Tinh /= s (x)dx.
0

0 1

A. 1=8. B. I=12. C. 1=36. D. I=4.
Loi giai
Chon A

Iacé1:jf(ﬂdx=jf(ﬂdx+jf(ﬂdx=2+6:8.

xX==2+t
Céu 17: Trong khong gian véi hé toa 46 Oxyz , duong thang d :{ y =1+2¢, (t € R) c6 vecto chi phuong

z=5-3

Ia

A. a=(-1-2;3). B. b=(2;46). C. c=(1;23). D. d =(-2;1;5).
Loi giai

Chon A

Tir phuong trinh tham s6 ctia d, suy ra d 6 vecto chi phuong 1a (1;2;-3) = a=(-1;-2;3)
cling 1a vecto chi phuong cua d .
Céu 18: Dién tich hinh phang S giéi han boi duong cong y = x* —30x va truc hoanh bang
A. §=9000. B. § =-4500. C. §=4500r. D. §=4500.
Loi giai
Chon D

Ta c6 phuong trinh hoanh d6 giao diém: x* —30x=0 < { - 0 nén dién tich hinh phang
X =

S = ]9|x2 —30x| dx =3J9(—x2 +30x)dx =4500.

0 0
Céu 19: Tinh mddun cia s phirc z=2—i.

A. 5. B. /5. C. 1. D. 3.



Loi gidi
Chon B
|z| =2~ =2? +1* = /5.
2 1
Cau 20: Cho hams / (x) lién tye trén R va f(2)=16, [ f(x)dx=4. Tinh I = [x.f"(2x)dx.
0 0
A 1=13. B. I=12. C.1=7. D. [=20.
Loi gidi
Chon C

‘(i;f(Zx)d(2x)

2
~ e [ anx C\/§ , A . a . .y ’
Cau 21: Biet I(3+4sm x)dx R trong d6 a, b, ¢ nguyén duong va 3 toi gian. Tinh
0
T=a+b+c.
A. T =8 B. T=13- C.T=12- D. T =14-
Loi gidi
Chon C
o o . - sp 3
3+4s1n 3+2(1-cos2x))dx=|(5—2cos2x)dx =(5x—sin2x)|6 =———
J(3+4sin’ x)ax=[ (3+2(1-cos2x))e= [ x)dr = (Sx—sin2x)jg =27 -2
=a=5b=6;c=1.

T=a+b+c=5+6+1=12.
Cau 22: Trong khong gian véi hé toa do Oxyz , cho diem A(3;-2;5). Hinh chiéu vudng géc clia diém 4
trén mat phéng toa do (Oxz) la
A. M(3;0;5)- B. M (3;-2;0)- C. M(0;-2;5)- D. M (0;2;5)-
Loi giai
Chon A

1
Chu 23: Cho ham s6 f(x) c6 dao ham lién tuc trén [0;1], théa man f(1)=1, J[f’(x)]z dx:% va
0

jf(\/})dxzé Tinh I:jf(x)dx



Cau 24:

W | W
I
~
Il

AW

A
W | —

Loi giai
Chon B

ol 2
Xét !f(ﬁ)dx:g

Pit t=+/x = =x = 2tdt = dx
x=0=t=0x=1=r=1
1

:>If(t)2tdt=%:> if(t)tdt =§:>jf(x)xdx=

Chon k sao cho j[f’(x)+kx2}2dx20©j[f’(x)Tdx+2ij2f'(x)dx+k2jx4dx20

0

c>%+2k%+k2%=0<:>k2+6k+9=0<:>k=—3.

j[f’(x)—3x2]2dx:02>f'(x)—3x2 =0 (Do [ /(x)-32"] 20,vxe[0:1])

Goi (H ) 1a hinh phdng gi6i han boi d6 thi ham s6 f'(x) = cos x, truc hoanh va hai dudng thang

x=0, x=7. Thé tich V cta khdi V ctia khéi tron xoay tao thanh khi quay (H ) quanh truc

hoanh bing
V4 r’ r’
A V== B.V="—. C.Vv=rn- D.V=—-.
2 2 4
Loi giai
Chon B

V4 T 2
V:ﬂjcoszxdx:ﬂj%:%.
0 0



Cau 25: Gia su hai duong cong cat nhau tai 4, B c6 hoanh d0 lan luot 1a —1; 2. Dién tich hinh phrfmg

phan gach chéo trong hinh vé& sau dugc tinh theo cong thirc ndo dudi day ?

fry=a*=3x+2

\

A. S=j(—x3—2x2+5x+6)dx- B. S=j.(x3—2x2—x+10)dx.
| -1
C.S=j<x3+2x2—5x—6)dx. D.S:j.(x3+2x2—x—10)dx.
e -1
Loi giai
Chon A

Dién tich hinh phang phan gach chéo trong hinh v& sau dugc tinh theo cong thirc

S:jl(g(x)—f(x))dx: j(—x3 -2x’ +5x+6)dx.

-1

CAu 26: Cho hai ham sb f(x) =ax* +bx’ +cx’ +2x va g(x) =mx’ +nx? —2x,v6i a,b,c,m,ne R . Biét
ham s6 y = f(x)—g(x) c6 ba diém cyc trji la —1; 2 va 3. Dién tich hinh phing gi¢i han boi

hai duong y = f'(x) va g'(x) bang

A2 B L c L p. &
3 9 6 9
Loi giai
Chon B

Cé y=f(x)—g(x) c6 badiém cuc tri —1; 2 va 3
= f'(x)-g'(x)=4a(x+1)(x-2)(x-3) =4ax’ —16ax’ + 4ax+24a . (1)

Mat khac f’(x)—g'(x) =4ax’ +(3b—3m)x2 +(2c—2n)x+4. (2)

Pong nhat (1) va (2),suyra 24a=4<a 2%



-

-1

Cau 27:

Cau 28:

Cau 29:

Cau 30:

{4%(”1)()6_2)()6_3)}‘@

2

J

-1

_l_

[4%(x+1)(x—2)(x—3)}dx

14%(x+1)(x_2)(x_3)}dx‘

15 7 71

2 18 9

Trong khong gian véi hé truc toa dd Oxyz, cho mt phing (P): 3x-2y+z-5=0. Diém nao
duéi day thugc mit phang (P)?
A. M (3;-2;-5). B. N(0;0;-5). C. P(3;-2:1). D. O(L;1;4).

Loi gidi
Chon D
Thay toa d diém Q(1;1;4) vao phuong trinh mét phang (P): 3x—2y+z-5=0, ta dugc
3.1-2.1+4-5=0 (thoa man). Vay Q thudc (P).

Trong khong gian véi hé truc toa dd Oxyz, phuong trinh mét phing trung truc (@) cia doan

thang AB, v6i A(0;4;-1) va B(2;-2;-3) 1a

A. (a):x=3y—z—-4=0. B. (a): x-3y+2z=0.

C.(a):x=3y+z—4=0. D. (a): x-3y-z=0.
Loi gidi

Chon D

Goi / 1a trung diém cua doan thing 4B = | (L1;-2)
Co (a) diqua /(1;1;-2), nhan AB = 2(1;-3;—1) 1am véc-to phap tuyén
= (a):(x-1)-3(y-1)-(z+2)=0
< (a)x-3y-z=0.
Cho s6 phtc z ¢6 sb phirc lién hop z =3—2i. Tong phan thuc va phin 4o cua sb phitc z bang
Al B. -5 C.5 D. -1
Loi giai
Chon C
Tacod zZ =3—-2i = z=3+2i. Do d6 tong phan thyuc va phan 4o ctia s6 phitc z bang 5.

Cho s6 phirc z c6 phan thuc va phan a0 déu duong, dong thoi thod man z* 1a s6 thuan 4o va

s 242 . M6 dun ctia s phitc z—3—5i bing

A. 26 B. 34 +242. c. 0. D. 243.
Loi giai
Chon C

Giast z=a+bi = z* =a* —b* +2abi



Cau 31:

Cau 32:

Vi |z| =22 va z? 1a s thudn 4o ta co hé phuong trinh

a*+b* =8 a’ =4 a=+2
= = = .
az—b2:O b2:4 b:iz

Vi s6 phttc z ¢ phan thuc va phan a0 déu dwong nén z=2+2i suy ra

|z—3-5i|=|-1-3i] =10,

Phén thuc ctia s6 phirc z =(3-i)(1-4i) la

A. -1. B. 13. C. 1. D. -13.
Loi giai

Chon A
Ta c6 z=(3-i)(1-4i)=-1-13i, do d6 phén thyc cua z la: —1.

Tinh dién tich S cua phan hinh phing gach soc (bén du6i) giéi han béi do thi (C) cua ham s6
bacba y=ax’ +bx’ +cx+d vatruc hoanh, biét réng (C ) cit truc hanh tai hai diém c6 hoanh do

—2 va 1, @6ng thoi ham s6 dat cue tri tai x=1.

Y |
|l‘II
2 ."f‘l
/
./fl
/
|‘_2 O 1 T
A s=3g B. §=2L c.s=2 p.s=31
5 4 3 5
Loi giai
Chon B
(C) cét truc hanh tai hai diém c6 hoanh do —2 va 1, cét truc tung tai diém c6 tung d¢ bang 2,
déng thoi ham ) dat cuc tri tai x=1 nén ta co
3a+2b+c=0 a=1
—8a+4b—-2c+d =0 b=0 3
= :>f(x):x —3x+2.
a+b+c+d=0 c=-3
d=2 d=2

Vay S = j|x3—3x+2|dx: Jl.(x3—3x+2)dx:%T7.
-2

-2



Cau 33:

Cau 34:

Cau 35:

Cau 36:

Trong khong gian Oxyz. cho mit cdu (x~1) +(y~2)" +(z+3) =4 c6 tam va ban kinh lin
luot 1a
A I(-L-23);R=2. B. I(12-3);R=2.
C. I(;2-3);R=4.  D. I(-1;-2;3);R=4.
Loi giai
Chon B
Mt chu (x—1) +(y-2) +(z+3) =4 c6 tam 1(;2-3) va R=2.

Cho sb phirc z thoa man diéu kién (1+ i);— 1—3i=0. Tim phan 4o cua s phic w=1—iz+z
A, —i. B. —1. C. 2. D. -2i.

Loi giai
Chon B

Ta co: (1+i);—l—3i=0<:>(l+i);=l+3i<:>;=11—13_1 oz=2+ic>z=2—1i
I

Sw=l-iz+z=1-i(2-i)+2+i=2-i
Vay phan 4o ctia s6 phirc wla —1.
Trong khong gian v6i h¢ toa d0 Oxyz, mat cau c6 tam A(Z;l;l) va tiép xtc voi mit phang

2x —y+2z+1=0 c6 phuong trinh 1a
A (x-2) +(y-1) +(z-1) =16. B. (x-2) +(y-1) +(z-1) =9.

C (x=2) +(y-1) +(z-1) =4 D. (x-2) +(y-1) +(z-1)' =3.

Loi giai

=+

Chon C
\22 1+21+q

\/22 -1 +22

Vi mit cau tim A tiép xtc véi mat phang (a) :2x— y+2z+1=0nén mit cu co ban kinh

R= d(A;(a)) =2.

Vay phuong trinh mit cau can tim 1a (x— 2)2 + ( y— l)2 + (Z - l)2 =4.

Khoang cach tir tim A4 dén mp( ) 2x—y+2z+1=01a d

C6 bao nhidu sb phitc z thoa min z* =z

A 3. B. 4. C. 5. D. 6.
Loi giai

Chon C

bt z=a+bi (a,b € R)



Ta co: 22 :;:>(a+ln')3 —a-bic a +3a’bi-3ab’ —bi=a—bi

a—3ab’=a 0(02—3172):

@(as_3abz)+(3azb_bs),-=a_b,-@{3a2b_b3z_b@ )

a=0 a=0 | a=0
- =z=0

a -3 -1=0 a=0 a=0 a=0 ]

<> 4 <> <> =z=xi
b=0 a—b+1= 0 b =1 b=+1
3@ -6 +1=0 -3 —-1=0 b=0 a=4+1

1 =>z=%1
| |5=0 |l#=1 [[6=0

Vay phuong trinh da cho c6 5 nghi¢m.
Chu 37: Cho s6 phitc z=a+bi (a,beZ) thoa man (1-3i)z 1a s thuc va |;—2+5i| =1. Tinh gia tri

cia I'=a+b.
A.T=9. B. T=8. C.T=6. D.T=7.
Loi giai
Chon B
Tacod (1-3i)z=(1-3i)(a+bi)=a+3b+(b-3a)i lasd thucnén b-3a=0<b=3a.(1)

z-2+51=1=|a-2+(5-b)i| =1 (a=2) +(5-b) =1.(2)
Thé (1) vao (2) ta dugc
a=’
(a—2)" +(5-3a)" =110’ ~34a+28=0=| 5.
a=2

Do a,beZ nén a=2,khiddo h=32=6.Vay T =a+b=2+6=8.
Cau 38: Cho s6 phic z théa man (1+7)z+(2—i)z =13+ 2i. Tim modun cita s6 phirc w=z-2i.
A. |w|=\/ﬁ. B. |w|=3. C. |W|=\/§. D. |w|:
Loi gidi
Chon D
bat z=x+yi (x,ye]R).Khid() ;:x—yi.
(1+i)z+(2—i)2:13+2i<:>(1+i)(x+yi)+(2—i)(x—yi):13+2i
3x-2y=13 {x:3
= :
-y=2 y=-2
Khi dé w=2z-2i=3-2i-2i=3-4i—>|w|=

S 3x-2y—yi=13+2i @{

Ciu39: Cho hai sé phic 21 =272 va 2=73%3 gpi 46 6 phirc 272 1a

A. =5+5i. B. -5i. C.5-5i. D. -1+i.



Loi giai
Chon C
z—z,=2-2i—(-3+3i)=5-5i.

Cau 40: Trong khong gian véi hé truc toa dd Oxyz, cho hai vecto u = (4;2;1) va V= (2;0;5). Toa do

vecto u+v la

A. (-2;-2;4). B. (6;2;6). C. (31;3). D. (2;2;-2).
Loi gidi

Chon B

u+v=(626).

Chu41: Cho hai s6 phitc w,z théa man |w+i| =¥ va Sw=(2+i)(z—4). Gié tri 16n nhat cia biéu
thirc P =|z—1-2i|+|z—5-2i bang:

A. 647 B. 4+4/13. C. 253, D. 4/13.
Loi giai
Chon C
Dit z=x+yi, (x,y€R) va M(x;) 1a diém bicu dién ctia s phirc z trén mit phang phirc
Ta c6: 5w=(2+i)(z—4)<:>5w+5i=(2+i)z—8+i:|5w+5i|=|(2+i)z—8+i|
&35 =/5|z-3+2i| < |z-3+2i =3
= T4p hop diém M trén mt phang phirc la dudng tron tm /(3;-2),R =3
Khi dé P =|z—1-2i[+|z—5-2i|= MA+MB véi A(1;2) va B(5;2)

Goi E la trung diém cia 4B = E(3;2).

Ta lai c6: P=MA+MB <~2NMA* + MB> =2, [2ME* +

2 2
Af < x/E\/2(MI+IE)2 + Af .

Hay P <2+53.
. . , MA=MB
DPang thirc xay ra khi va chi khi S M (3; -5 ) .
EM =EI +IM

Vay gid tri 16n nhat ctia P 1a 24/53.



Cau 42: Trong khong gian vé1 hé toa Oxyz , cho hinh thang ABCD vudngtai 4 va B.Badinh 4 (1;2;1)

,B(2; 0;—1) ,C(6;1;0) va hinh thang c6 dién tich béng 6\/5. Gia su D(a;b;c) , tim ménh dé

dung.

A.a+b+c=5. B.a+b+c=6. C.a+b+c=17. D.a+b+c=8
Loi gidi

Chon B

Tacé AB=(1;-2;-2), BC=(4L1) va AD=(a-1b-2;c-1)

— AB=3,BC=32.

‘ AD+BC).AB AD+3\2)3
TheodéSABCD=6\/§<:>( 2) =6\/§<:>g=6\/§<:>AD=\E.

a—lzl.4 a:Z

3 3

e = AD——  —— 1-— 1 7
Ma AD,BC cung huéngnén < AD=—BC < AD=—BC < b-2=-1b=—.

BC 3 3 3

c—lzl.l c:i

3 3

Vay a+b+c=6.

Chu 43: Trong khong gian véi hé toa dd Oxyz, cho phuong trinh mat phing (P):3x—-3y+2z-15=0va
ba diem 4(1;2;0),B(1;-1;3),C(L;-L-1). Diém M (x,,¥,.2,) thudc mit phang (P) sao cho
2MA* — MB* + MC? dat gia tri nhé nhat. Tinh gia trj biéu thic T = 2x, + 3y, + 2,

A1l B.5. C. 15. D. 10.
Loi gidi

Chon B
Goi 1 thoa man 2I4—IB+1C=0= 1(1;2;-2).

I, B S — —  —\2 —_— —=\2 —  —\2
P=2MA* ~MB® + MC* =2MA ~MB +MC =2(MI+IA) —(MI+IB) +(Mi+IC)
=MI* +2I4> - IB> + IC*.
Do A4,B,C,I cbdinhnén P dat gia tri nho nhat khi va chi khi M/ bé nhat.
MI bénhat khi M 14 hinh chiéu ctia 7 trén mat phing (P) )

x=1+3¢
Phuong trinh dudng thang (d ) di qua 7 va vudng goc véi mit phang (P) lad y=2-3¢
z==2+2t

H=dn(P)=3(1+31)-3(2-3t)+2(-2+2t)-15=0t=1= H(4-10).

T'=2x,+3y,+z,=5



Cau 44:

Cau 45:

Cau 46:

Trong khong gian véi h¢ toa d§ Oxyz, cho diém A(—2;—4;5) . Viét phuong trinh mat cau tam

A va céttruc Oz tai B,C sao cho tam gidc ABC vudng

2 2

A. (x+2)" +(y+4) +(z-5) =58. B. (x+2) +(y+4) +(z-5)" =82.

C.(x=2)" +(y—4) +(z+5) =90. D. (x+2) +(y+4) +(z—-5) =40.
Loi giai

Chon D

b9
b
b
~
—p———— -
O N

{
£
!
’
b4
S
|
i
]
L]
W
ar

5

!
*
Ld
v

M

/

20,
. _;{F,_.**
7

Do tam gidc ABC cantai 4 nén ABC vudng can tai A4

d(4,0z)=245= AB=R=2/10.

Véy phuong trinh mgt cau 1a (x+ 2)2 +(y+ 4)2 +(z- 5)2 =40.

Trong khong gian véi hé toa 46 Oxyz, cho ba diém A(1;1;4), B(2;7;9), C(O;9;13) . Phuong

trinh mat phing di qua ba diém 4, B,C 1a
A. 2x+y+z+1=0. B. x-y+z-4=0.
C.7x-2y+z-9=0. D.2x+y-z-2=0.
Loi giai
Chon B
Taco: 4B =(1;6;5), AC =(~1;8,9) = | 4B, AC | = (14;-14;14)
Mit phing (A4BC) ¢6 mot VIPT 1a n(1;-1;1)
(ABC):x—l—(y—l)+z—4:0<:>x—y+Z—4:0.

Trong khong gian v&i hé toa d6 Oxyz, cho hai diém A(1;2;4), B (0;0;1) va mit cau
(S):()c+l)2 -l—(y—l)2 +2° =4 . Mit phing (P):ax+by+cz+3=0 di qua A, B va cit mat

cau (S ) theo giao tuyén 1a mot dudng tron c6 ban kinh nho nhat. Tinh T =a+b+c¢?

27 33 3 31

A. T B.T=— C.T=— D.T=—
4 5 - 4 5



Loi giai

Chon C
x=t

Taco: AB=(-1;-2;-3)= AB:{y=2t ,teR
z=14+3t

Goi H,K lan luot 1a hinh chiéu cua 7 1én mat phing (P) va dudng thing AB .
Vi K € AB = K (£;261+3t) = IK = (¢ +1;2¢ - 1;1+3¢)

IK 1L AB=1IKu, =0

<:>t+1+2.(2t—1)+3.(3t+1):0<:>t:—%<:>K(—l;—%;ij

7T
V133

=K =——<R
7
(P ) cat mit cau (S ) theo giao tuyén 1a mot dudng tron ¢ ban kinh nho nhat khi va chi khi
d(I;(P)) 16n nhét < IH,,
Taco: IH <IK

: — (6 9 4
Vay (P) la mat phang di qua K vanhan /K = (7;—7;7j la VTPT

(P):é(x+lj—2(y+zj+i(z—ij:0<:>—2x+£y—3z+3:0
7 7) 7 7) T 7 2 4

Cau 47: Trong khong gian véi hé toa d6 Oxyz , goi N (a;b;c) la diém d6i xang véi M (2;0;1) qua duong

thang A:XT_IZX:ZIZ.Giétri clia biéu thitc a +b+c¢ bang

A. 7. B. -1. C. 3. D. -5.
Loi giai
Chon C
Goi H 14 hinh chiéu vudng goc cia M trén duong thang A.
x-1 y z=2

A: T T => Vécto chi phuong clia dudng thing A 1 u, = (1;2;1).




Cau 48:

Cau 49:

» , HeA H(1+8;26;2+1)
H 1a hinh chiéu vudng goc cua M trén duong thang A = .

MH LA | M =0
MH =(t-1;2t;¢+1)

MHau, =0 t-1+4t+1+1=0c 61 =01 =0 = H(1;0;2)

N la diém d6i xtimg v6i M qua dudng thing A, nén H 1a trung diém ctia MN .
Vay N(0;0;3)=>a=0;b=0;c=3=a+b+c=3.

Trong khong gian v6i hé toa dd Oxyz, cho diém M (2;1;0) va duong thing d c6 phuong trinh

-1 1 . . 2 . .
%=%=L.Phuongtrinh cua duong thang A di quadiém M , cat va vudng goc voi duong
thang d 1a

x=2_y-1_z x=2 y-1_z
-1 -4 -2 -1 4 2
C. x—2: lzi D. x—2:—y+1:i

-1 - 2 -3 e )
Loi giai
Chon A

d co VICP u, =(2;1;-1).
Goi A=dNA.Suyra A(1+26-1+8;~t) va MA=(2t-1;t-2;~1).
Tacé d LA nén mqu:m@w@z(zz—l)ﬂ—z”=o©t=§.

— (1 4 2 ,
Do A qua M (2;1;0) vaco VICP MA = (g;—g;—gj, ta chon u =(1;—4;-2) lam VTCP cua

A nén phuong trinh ctia dudng thang A 1a al ; 2 = y_;l = i2 .

Trong khong gian véi h¢ toa d0 Oxyz, cho hai diém M (—2; —2;1) s A(1;2; —3)Va‘1 duong théng

d :XTH = yT—S = il . Tim mdt véc to chi phuong u clia duong thang A di qua M , vudng goc
v6i duong thang d , ddng thoi cach diém 4 mot khoang nho nhat.
Ao u=(22-1). B. u=(1;7;-1). C. u=(10;2). D. u=(3;4;,-4).

Loi giai

Chon C



A

|
+ Goi (P) 1a mit phang di qua M va vudng goc véi d . DoA diqua M va vudng goc véi d
nén Ac (P) .

+ Goi H 1a hinh chiéu vudng géc ctia 4 trén (P).

Ta c6 mit phang (P)c6 phuong trinh 18; 2x+2y—z+9=0

x=1+2¢
AH c6 phuong trinh 1a < y=2+42¢;
z=-3~t

Do H 1a giao diém cta (P) va AH = H(-3;-2;-1).

+Tacod d(A4,A)> AH =6. Déu bang xdy rakhi H € A.

Suy ra khoang cach tir diém A dén AH dat gia tri nho nhét bang 6 khi H € A .
Khi dé A c6 véc to chi phuong HM = (1;0;2).

1

S(x) __x
N==  f(0)-52 = vre (0340
Cau 50: Cho ham s6 yzf(x) théamﬁnf() 2Vé1f(X) X’ 4x o x+l XE( " )

Gia tri f(7) bang
AL B2 c. L. p. B8

8 8 8 49

Loi giai
Chon B
+ Véimoi x €(0;+) taco
ot 22 s
x+1 Lo x+1 8

_!‘(Tf(x)j dx—.!.dxc(Tf( )jl —6= 5 7(7)-27(1)=6

Do f(l):%:f( ):%.



Cau 1:

Cau 2:

Cau 3:

Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 10:

PE ON TAP KIEM TRA CUOI HOC KY II

MON: TOAN 12 - PE SO: 33 (100TN)
Goi z,, z, la hai nghiém phtic ctia phwong trinh 3z° —2z+27=0. Gia tri z, |22| +z, |Zl| bang

A6 . B. 6. C. 3v6. D.2.
Dién tich hinh phang gidi han boi d6 thi ham sd y=xe®, truc hoanh va hai duong thang
x=-2;x=31a

3
Ixexdx .

-2

dx. D. §=

A S= ;zi xe'dx B. S= i xe'dx. C.S= j|xex
5 -2

-2

Cho hamsb y= f (x) lién tuc trén doan [a;b] . Dién tich hinh ph:fmg gi6i han boi dd thi ham s

y = f(x), truc hoanh, cac dudng thing x=a;x =5 c6 cong thirc 1

b a b b
A =] £ (x)dx. B. [ f(x)dx. C. [|£(x)|dx.. D. [ f(x)dx
a b a a
Cho hai s6 phitc z, =1+i va z, =—5+2i . Két qua phép tinh z +z, 1a
A, 4+3i. B. -5. C. 4-3i. D. -4+3i.
Ho nguyén ham ciia ham s f(x) = x> EEPTILI
X
X 3, ¥ 3,
A. F(x)==—-=x"+In|x|]+C. B. F(x)=—+=x"+Inx+C.
3 2 3 2
C.F(x):x—S—ixz—lnx+C. D. F(x)=2x—3—L+C.
3 2 e
Tich phan [ :j dx bang
X+
3+e
A. In[4(e+3)]. B. In(e-2). C.In(e—7). D. ln(Tj.
1
Tinh tich phan 7 = [3*dx.
0
A.[=i. B.I=l. C.l=—. D.1=2
In3 4 In3
Cho tich phan I(Zx - 5) In xdx. Chon khang dinh dung?
1
A. I:(x2 —Sx)lnx‘le—_[(x—S)dx. B. I=(x—5)lnx|le—_|.(x2 —Sx)dx.
1 1
C. I=—(x2—5x)lnx[ —I(x—S)dx. D. I=(x2—5x)lnx‘f+j(x—5)dx.
1 1

Goi z,, z, 14 hai nghiém phirc ctia phuong trinh 5z° —=8z+5=0. Tinh § = |Z1 | + |z2 | +2,z,.
A S=3. B. §=15. c.s=2 D.§=2.
5 5
Goi z,, z, 1 hai nghiém phirc ctia phuong trinh 2z2° + 3z+3=0.Gié tri cta bidu thic 2l +z,)

bang



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

A._—9. B. 3. C.i. D._—9.
8 18 4

Goi z,, z, 1a hai nghiém ctia phuong trinh 2z° +6z+5=0 trong d6 z, ¢6 phan 40 4m. Phan
thuc va phan 4o clia sb phtic z, +3z, 1an luot 1a

A. -1;-6. B. —6;-1. C. 6;1. D. -6;1.

Cho hinh phing (H ) gii han boi cac duong y=+/x, x=0, x=1 va truc hoanh. Tinh thé tich
V' cta khéi tron xoay sinh boi hinh khi quay quanh truc Ox .

T T
A. —. B. 7. C. Jr. D. —.
2 3

Ménh dé nao sau day sai?

A. J.(f(x)+g(x))dx =If(x)dx+jg(x)dx véi moi ham s6 f(x); g (x)lién tuc trén R.
B. [ f'(x)dx = f (x)+C voi moi ham s6 f(x) c6 dao ham lién tuc trén R .

C. I(f(x)—g(x))dx:If(x)dx—jg(x)dx v6i moi ham s6 f(x); g (x)lién tuc trén R .
D. .[kf(x)d.x = kjf(x)d.x v6i moi hing s6 k véi moi ham s6 £ (x) lién tuc trén R.

Ho nguyén ham ciia ham s6 f(x) =2x+11a

A. 2. B. X’ +x. C.x"+x+C. D. C.
Cho hai s6 phiic: z, =2 +1,z, =—1+i. Phan 4o ctia s6 phitc w=2z,.z, bang
A. 2. B. 2. C.6. D. —6.
Cho céc s6 phirc z thoa man (1+i)z =14 —2i . Tong phan thuc va phan 4o ciia s6 phitc Z béang
A. -4 B. 14 C. 4 D. —-14.
Cho cac s6 phtic z =2-3i . Tim phan thuc va phan 4o ciia s phiic z
A. Phan thuc bang 2 va phéan ao bang —3i. B. Phén thyc bang 2 va phan 4o bing 3.
C. Phan thyc bang 2 va phan 4o bang —3. D. Phan thyc bang —2 va phan 4o bang 3 .
3
Tinh tich phan j X cos xdx .
0
Ar=""1 B.1=""2 A r="H A T=Z41.

2 2 2

2
Biét F(x) la mot nguyén ham cta f(x)= Ll va F(0)=2 thi F(1) bang
X+

A.In2. B. 2+In2. C. 3. D. 4.
Tim s6 phtre lién hop cia s6 phitc z=(2-3i)(3+2i).
A.z=12+5;. B.z=-12+5i. C.z=-12-5i. D.z=12-5i.

Cho s6 phirc z thoa man (1+2i)z:4—3i+2z. S phtc lién hop ctia s6 phirc z 142
A z=-2-i. B.z=2-i C.z=-2+i. D.z=-2-i.
Piém M trong hinh v& bén biéu dién s6 phtc z . S6 phirc z bang

A. 3+2i. B. 3-2i. C.2-3i. D. 2+3i.



Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

<

X

@
| NN N S

Cho s phirc z thoa man |iz — 2i| = |1—2i| . Biét rang trong mit phang toa dd Oxy, tap hop cac
diém biéu dién s6 phirc z 1a mot duong tron. Hay xac dinh toa d6 tim / cta dudng tron do.

A. 1(0;2). C. 1(2;0). B. 1(0;-2). D. 1(-2;0).

Ta v& ntra dudng tron nhu hinh v& bén, trong d6 dudng kinh cua duong tron 16n gip doi duong
kinh cua nira duong tron nho. Biét rang nira hinh tron duong kinh 4B ¢6 dién tich 1a 327 va
BAC =30°. Tinh thé tich vat thé tron xoay duoc tao thanh khi quay hinh phing (H) (phan to
dam) xung quanh dudng thing 4B

&
(H)
A B
A. %ﬂ' B. %ﬂ'. C. %ﬂ'. D. 2797

Vi moi s6 phtc z théa man diéu kién |z—1+i| S\/E , ta ludn co
A 2z-1+<3J2.  B.Pz-1+i<2.  C.|z+i<42. D. |z+]<42.

Thiét dién qua truc cia mdt hinh non 1a mét tam giac déu. Goc & dinh ctuia hinh nén d6 ¢o6 so do
la

A. 120°. B. 90°. C. 60°. D. 30°.
Biéu dién hinh hoc ciia s6 phitc z=2-3i 1a diém nao trong nhimng diém sau day
A. 1(-2;3). B. 1(2;-3). C. 1(23). D. 1(—2;-3).

Trong mit phang vai hé truc toa dd Oxy , tap hop tat ca cac diém biéu dién sd phirc z thod man
|z —1+ 2i| = |z + 3| 1a duong thing c6 phuong trinh

A. 2x—y+1=0. B. 2x+y—1=0. C.2x—y—1=0. D. 2x+y+1=0
Vom cira 16n cta trung tdm vin hoa c6 dang hinh Parabol. Ngudi ta du dinh lip ctra kinh cudng

luc cho vom ctra nay. Hay tinh dién tich mét kinh can lap vao, biét rang vom ctra cao 8m va rong
8m (nhu hinh v§).



Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

\

28 26 128 131
A. ?(mz) B. ?(mz) C. T(mz) . D. T(mz)

Goi F(x) la mot nguyén ham coa ham sé f(x)zlnx thoa F(l)=3. Tinh
7=2"" +log, 3.log, [F(e)].

ki

A.T=2. B. T =8. C.T=2 D. T=17.

Trong khong gian Oxyz, cho mat cau (S): (x+2)2 +(y—1)2 +(z+1)2 =25.Toa dd tm 7 cua
(S) 1a

A 1(-2-1-1). B. 1(2;-11). C. I(-2;11). D. I(-21;-1).

Mot khoi tru c6 ban kinh duong tron ddy bang a va chiéu cao bang $2a$.The tich khai tru la.

3
A. EZ . B. 27a’. C. ma’. D. 4ra’.
A . \ 2 x=3 y z+l1 N , ,
Trong khong gian Oxyz, cho duong thang (d ): 5 :7: e Mot vecto chi phuong cua
(d) 1a
A. u=(3;7;6). B. u=(3;0;-1). C. u=(-3;0;1) D. u=(2;7;-6).

Mot hinh tru c6 thiét dién qua tryc 14 1a mot hinh vudng c¢6 canh bang 6¢m . Ban kinh day cua
hinh tru do la
A. 36(cm). B. 6(cm). C. 12(cm). D. 3(cm)

Cho mit ciu tdm / ban kinh R . Mat phéng (P) chita I va cit mat cau theo
mot duong tron c6 dién tich la

A. 27R. B. zR. C. 47R. D. 7R
Trong khong gian Oxyz cho mat phang (P):x—2y+3z—1=0. Mot véc to phap tuyén cua (P)

la

A n=(1;2;3). B. n=(1;3;-2). C. n=(;-2;3). D. n=(1;-2;-1).
Trong khong gian Oxyz, hinh chiéu cua diém M ( 2020;-2021; 0) trén truc Ox c6 toa do la
A. (2020;0;0). B. (0;-2021;0).

C. (-2020;2021;0).  D. (2020;2021;0).

Hinh nén ¢6 dudng sinh [ = 4a va hop véi day goc a = 60°.Chiéu cao hinh nén d6 1a
A. 2a. B. 4a. C. 2av3. D. av3.
Trong khong gian Oxyz cho OM =2i- 3;’ +k. Toa d6 diém M 1a



Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

A. M(2;3;1) B. M(2;-3;-1). C. M(2;-3;1). D. M(-2;3;-1).
Trong khong gian Oxyz , mit phang (Oxz) c6 phuong trinh 1a
A. y=0. B. x=0. C. z=0. D. x+z=0.

Cho mat cau S (O;R) va mot diém 4 ndm ngoai mit cdu. Qua 4 ké mot cat tuyén cit (S ) tai

R\/_

B va C sao cho BC =——— . Khi d6 khoang cach tir O d¢én BC bang

R R3
A. R\3. B. T\/— C.T‘/_. D. RV2.
Mot hinh nén cé duong cao bang 9cm ndi tiép mot hinh cau ban kinh Scm . Ti s giita thé tich
ctia khéi nén va khoi cau la
L B. = c. 2. p. 2L
500 500 125 125
Trong khong gian Oxyz, cho mat phing (P) di qua diém A(2;—1;0) va c6 mot vecto phap tuyén
n= (1;3;-2) c6 phuong trinh la
A. x+3y-2z=0. B. 2x—y+1=0.
C.x+3y-2z+1=0. D.x+3y-2z-1=0.
x=-3+t¢
Trong khong gian Oxyz, cho dudng thang d: { y=t va 2 diem 4(L1;-2); B(3;0;-1).
z=1-2t
Khang dinh nao sau ddy ding
A. Puong thang 4B trung voi duong thang d .
B. Puong thing 4B cit dudng thing d .
C. Puong thang AB va dudng thiang d chéo nhau.
D. Puong thing 4B song v6i duong thang d .
Trong khong gian Oxyz , mit cau (S) c tam 1(2;—1;3) va ¢o thé tich V =36.7 . Phuong trinh
clia mit cau (S) la
A (x+2) +(y+1) +(z-3) =9. B
C. (x+2)2+(y —1)2+(z +3)2:9. D. (x— +
Trong khong gin Oxyz, cho ba diém M (6;0;0), N (0;-2;0) va P(0; ,4) Phuong trinh mat
phiang (MNP) 1a

[\

+
—~

~<

+

f—
[\
O/\
\_/

A. 6x—2y+4z-12=0.B. 2x—6y+3z-12=0.C. §+ll+§=1. D.2+2 20

Trong khong gian véi hé toa dd Oxyz, cho 2 diém A(I;-5;2), B(3;—-1;—2) va dudng thiang

x+3 y-2 z+3

d: . Piém M thudc duong thiang d sao cho MA.MB dat gia trj nho nhat.

4
Gia trj d6 1.
A. 21 B. /29 C. 21 D. 29

Trong khéng gian v&i hé toa dd Oxyz , cho hai diém A(2;—-1;1)va B(0;—2;2). Toa d6 trung diém
I cta doan thang AB 1a



Cau 49:

Cau 50:

31 _ _
A. (l;—;—). B. (1;—3;2) C. (2;-3;3). D. (—l;—l;lj.
22 2 2 22

Trong khong gian Oxyz , cho ba diém A(-1;2;2), B(0;3;1), C(=2;5;0). Toa d6 diém D thoa man

AD=34B+2AC 1a
A. D(0;11;—-11). B. D(2;11;-7). C. D(0;7;,-7). D. D(0;11;-5).
Trong khong gian Oxyz , cho hai diém A(O; 2;—1),B (3;—1;0). Phuong trinh dudng thing 4B

la
x =3t x =3t X = x=3
A.y=3-3¢. B.<y=2-3¢. C.qy=2-t. D.<y=-3+3¢.
z=1+t¢ z=—1+t¢ z=1+3¢ z=1+t¢



Cau 1:

Cau 2:

Cau 3:

Cau 5:

Cau 6:

HUONG DAN GIAI CHI TIET
Goi z,, z, 14 hai nghiém phirc ctia phuong trinh 3z —2z+27=0. Gia tri |zz| +z, |zl| bang

A6 . B.6. C. 3/6. .2
Loi gidi

1-4/5i
3 0 °

14450

Phuong trinh 3z° —2z+27 =0 ¢6 hai nghiém z, = ) 3

N 2
Taco |z|=|z| = \/@ {?J _ /1+9_80:3'

Do do Zl|zz|+z2|zl|:3(z1 +2,)=2.

Dién tich hinh phing gidi han bdi d6 thi ham sd y = xe*, truc hoanh va hai duong thing

x=-2;x=31a

3 3
-2 -2

Loi giai

Chon C
Cho ham s y=f (x) lién tuc trén doan [a;b] . Dién tich hinh phang gi6i han boi d6 thi ham

s6 y = f(x), truc hoanh, cac duong thing x =a;x=b ¢6 cong thirc 1a

A [ F(x)a B. [ £ (x)dx. c. - . [ £ (x)ax

Loi giai
Chon C
Cho hai s6 phitc z, =1+i va z, =-5+2i . Két qua phép tinh z +z, 1a
A 4+3i. B. -5. C. —4-3i. D. —4+3i.
Loi giai
CO z,+z, =(1+i)+(-5+2i)=—4+3i.

Ho nguyén ham cua ham so f (x)=x" —3x+ LI

X
¥ 3,
A. . B. F(x)==+=x"+Inx+C.
3 2
X 3, 1
C. F(x)==——-=x’-Inx+C. D. F(x)=2x-3-—=+C.
3 2 X
Loi giai
3
Co J(xz—3x+ljdx:x——§x2+ln|x|+c.
x 3 2
Tich phéan 7 =I dx bang
1 x+3

A. In[4(e+3)]. B. In(e-2). C.In(e—7). Q.-



Loi giai

Co I—dx 1n|x+3|| =In(e+3)-In4= ln%

1x+

Cau7:  Tinh tichphan = j 3*dx

0
A. B.I:l. C.I:i. D.I1=2.
4 In3

Loi giai

fe 33 1 2
ln3|0 In3 In3 In3’

Cau8:  Cho tich phan I(2x —5)Inxdx. Chon khing dinh dting?

1

A._ B 1= (x-)insf [ (+ ~5e)d.
1

C.I= (x —5x lnx‘ j:- D. I:(xz—Sx)lnxLC+j.(x—5)dx.
1 1

Loi giai
Dit u=Inx=du =ldx; dv=(2x-5)dx=>v=x"-5x.
x

€ ¢

I=(x —5x lnx j x’ —5x (xz—Sx)lnxLe—'[(x—S)dx.
1 1
Ciu 9: Goi z,, z, 1a hai nghiém phtic cta phwong trinh 5z° —8z+5=0. Tinh § = |zl|+|zz|+zlzz.
A.. B. §=15. C. S_E D.S:E.
5 5
Loi giai

z=

4
52 _8745=0 < i —~S=
5

4 314 3| (4 3.\(4 3.
—+=il+|=—=il+| =+=i || =—=i |=3.
55 ‘ ‘5 5 ‘ (5 5 j(S 5 )

Cau10:  Goi z, z, 1a hai nghiém phuc cua phuong trinh 2z° +3z43=0. Gié trj cua biéu thirc

3
5
3i
5
z2 + z,> bang

A. —9 B. 3. C.i. D.
8 18 -

Z +tz,=——
Ap dung dinh 1i Viet ta co

Z.Z, =—



BY L3
2 —_— —
Suy ra 212+222=(Zl+22) —22122:{TJ —2.527.

Caull:  Goi z, z, 1 hai nghiém cta phuong trinh 2z° +6z+5=0 trong d6 z, c6 phan 40 4m. Phan
thuc va phan 4o ctia s6 phirc z, +3z, 1an luogt la
A. —-1;-6. B. —6;—-1. C. 61. D. -6;1.
Loi giai

Ta co 222+6z+5=0<:>Z:7ili.

Do z, ¢6 phan 40 4m suy ra z —_3+1i z =21
2 1= 5 Ty T :
2 2 2 2

———i
Suyra z, +3z, =_—3+li+3.(_—3—lij=—6—i.

2 2
Phan thyc va phan ao cua sb phtic z, +3z, lan lugt 1a —6,—1

Ciu 12:  Cho hinh phang (H ) gi61 han boi cac duong y = Jx, x=0, x=1 va tryc hoanh. Tinh thé tich
V' ciia khéi tron xoay sinh boi hinh khi quay quanh truc Ox .

A.I B. 1. C. Vr. D.g.

Loi giai
Thé tich V' cua khdi tron xoay sinh boi hinh khi quay quanh truc Ox 13
1 2 1
V= nj xdv=n| =X
0 2 0 2

Cau 13:  Ménh dé ndo sau day sai?
A. I(f(x)+g(x))dx=J.f(x)dx+jg(x)d.x v6i moi ham sé f(x); g (x)lién tuc trén R.
B. If’(x)dx = f(x)+C v6i moi ham ) £ (x) c6 dao ham lién tuc trén R .
C. I(f(x)—g(x))dx=If(x)dx—jg(x)dx véi moi ham s6 f(x);g(x)lién tyc trén R.
Loi gidi
Phuong 4n D thiéu diéu kién k #0.

Chu14:  Ho nguyén ham ciia hamsé f(x)=2x+1 1a
A2 B. x’+x. C P 4x+C. D. C.
Loi giai
Ta co _[(2x+1)dx:x2 +x+C.
Cau 15:  Cho hai sb phic: z, =240z, =—1+i. Phan 40 ctia s6 phirc w = 2z,.z, bang
AR B. 2. C.6. D. 6.
Loi giai
Taco: w=2z.z, = 2.(2+i).(-1+i)=2(-3+i)=—6+2i.

Ciu 16:  Cho cac sb phitc z théa man (1+i)z =14 —2i . Téng phan thuc va phan 4o cua sd phic Z bang



Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

A. —4. B. 4. C. 4. D. —14.

Loi giai
Tur gia thibt (1+i)z=14-2i <z = 14_?’ @z=w@z=w@z=6—8i.
1+ (1+)(1-1Q) 2

Suy ra z = 6+8i. Vi vAy tong phan thuc va phan 4o cua sb phitc z bang 14.
Cho céc sd phtrc z=2-3i. Tim phan thyc va phan o cua sb phic z

A. Phan thyc bing 2 va phan ao bang ~3i.  B. Phan thycbing 2 va phan 4o bing 3

C. Phan thyc bang 2 va phan a0 bang —3. D. Phan thuc bang —2 va phan o bang 3i .
Loi giai
Tir gia thiét z=2-3i ta c6 ngay sb phirc lién hop z =2+3i.

Vi vy phan thuc va phan 4o cta sé phtrc Z 1an luot bang 2 va bang 3.

Tinh tich phan | xcosxdx .

A =21 B. A =2 A r=%41.
2 2 2
dx

U=x du =
bat = L.
{dv = cos xdx {v =sinx

z
2 7
xcos xdx = xs1nx|2—I31nxdx —+cosx|2—3—l.
0

S L]

Suyra [ =

o'—.m\a

Biét F(x) la mot nguyén ham cua f(x) =L1 va F(O) =2 thi F(l) bang
X+

A. In2. B. 2+In2. C. 3. D. 4.
Loi gidi
Ta c6: F(x) la mot nguyén ham cua f(x)=L1 nén suy ra F(x I—dx—1n|x+1\+C.
x+
Ma F(0)=2nén In|0+1[+C=2<C=2. = F(x)=In|x+1[+2 = F(1)=2+In2.
Tim s6 phirc lién hop ctia s6 phirc z = (2 -3i)(3+2i).

A Z=12+5i. B. Z=—12+5i. C.z=-12-5i. D.

Loi giai

12-5i.

N|
I

Taco: z=(2-3i)(3+2i)=12-5i.
Suy ra sb phirc 1ién hop cua sb phirc d cho 1a Z =12+5i.
Cho s6 phtrc z théa man (1+2i)z =4-3i+2z. 86 phirc lién hop cia s6 phic z 1a?

A.ZT=-2-i. B.Z=2-i. C.Z7=-2+i. D.Z=-2-i.

Loi giai



Cau 22:

Cau 23:

Cau 24:

Taco: (142i)z=4-3i+2z < (-1+2i)z=4-3i & z= 1_ o =2
—1+2i
=ZzZ=-2+I.
Piém M trong hinh v& bén biéu dién s phic z . S6 phitc z bang
A. 3+2i. B.3-2i. c. 253 D. 2+3i.
Ay
3 ¢------=- -TM
0 ; -
2
Loi giai

biém M (2;3) biéu dién s6 phirc Z nén ta suy ra z =2+3i. Khi d6 z=2-3i.
Cho s6 phirc z thoa man |iz - 2i| = |1 -2i | . Biét ring trong mat phang toa do Oxy , tap hop cac
diém biéu dién s6 phirc z 1a mot duong tron. Hay xac dinh toa d6 tim / cua dudng tron do.
A 1(0:2). B. 1(0;-2). . 1(20). D. 1(-2:0).
Loi giai

bat z=x+yi,(x;yeR).

Ta co: |iz—2i|=[1-2i] <|z-2]=v5 & (x-2)" +1* =5 & (x-2) +)* =5.

Tap hop diém bidu din s6 phirc z 12 duong tron tam 7(2;0), ban kinh R =+/5.

Ta v& ntra dudng tron nhu hinh v& bén, trong d6 dudng kinh cua duong tron 16n gip doi duong
kinh cta nita duong tron nho. Biét rang nira hinh tron duong kinh 4B ¢6 dién tich 1a 327 va

BAC =30°. Tinh thé tich vat thé tron xoay duoc tao thanh khi quay hinh phéng (H ) ( phan t6
dam) xung quanh duong thang AB .

&

()
A B

A. %ﬂ'. E.- C. 33272'. D. 279r .

Loi giai




A4 (0] I H B
Goi V,,, 1a thé tich vat thé khi quay mién phang chira cung tron AID quanh AB.
Vi 12 thé tich vat thé khi quay mién phing chira cung tron ACB quanh AB.

V' 1a thé tich vat thé tron xoay can tinh.

Al 1V 1Y 1
Tach: —=—=4L | _| =— Suyra: V=V, -V, =—V,..
AB 2 VACB ( 2) 8 y ACB AID 8 ACB

Tir gia thiét : nira hinh tron dudng kinh AB ¢6 dién tich 1a 327 nén

2
l.ﬁ. A—B =327 < AB=16.
2 2

BAC =30° = BIC = 60° = ABIC déu, H 1a trung diém IB = IH =4; AH =12 .
CH = AH .tan30° = 4+/3 .

2

1 NP 1 > 320 8967
Vies =Vionac tVeus ZEE.AH.CH2+EJ( 64—x2) dx=§72'.12.(4\/§) +T7TZT
4
. 7 7 8967 784
Vay V:§VACB :g.T:Tﬂ'.
Céu 25: Véimoi sb phite z thoa man diéu kién |z —1+1 <2, ta luén co
A [22-144 <32,  B.[2z-1+i]<2.  C.|z+i]<42. D. |z+1<+2.

Loi giai
Str dung tinh chat: V&i hai sé phirc 2,32, bat ky ta ludn co: |z1 + zz| < |Z1| + |22| )
Ta c6: |z|=|(z—1+i)+(1=i)| <|z=1+i]+[1-i| < 2V2.

|2Z—1+i|=|Z+(Z—1+i)|ﬁ|Z|+|Z—1+i|§3\/§.

Cau 26: Thiét dién qua truc cua mot hinh non 1a mét tam gidc déu. Goc & dinh ctia hinh nén d6 co6 so6 do
la

A. 120°. B. 90°. D. 30°.

Yy
Gia str thiét dién qua truc hinh nén da cho 14 tam gidc déu SAB véi S 1a dinh caa hinh non khi

d6 gbc & dinh 1a ASB = 60°.



Cau 27:

Cau 28:

Cau 29:

Cau 30:

Biéu dién hinh hoc cta sb phirc z =2-3i 1a diém nao trong nhitng diém sau day

A I(=2;3). 5. (@55 C. 1(2:3). D. [(—2;-3).
Loi giai

S0 phitc z=2-3i c6 diém bicu dién hinh hoc 1a 7(2;-3).

Trong mat phéng v6i hé truc toa do Oxy, tap hop tat ca cac diém biéu dién s6 phtc z thod man

|z—1+2i|=|z 43| 1a duong thang c6 phuong trinh

A 2x—y+1=0. B.2x+y—1=0. C.2x—y—1=0. D.2x+y+1=0.
Loi giai

Goi z = x+ yi,(x,y € R) ¢6 diém biéu diénla M (x;y). Ta co:

|z =142 = |z 43| & |x+ yi —1+2i| = |x + yi + 3|

e x=1)+(r+2)i =[x +3)+ i & J(x=1) +(p+2) =(x+3) +
SxP=2x+14+y +4y+4=x"+6x+9+)y° ©2x—y+1=0
< M thudc duong thang (d):2x—y+1=0.

Vay tap hop tat ca cac diém biéu dién sd phic z thoa man |z —1+ 2i| = |z + 3| 1a duong thing
(d):2x—y+1=0.

Vom cira 16n cua trung tim vin hoa cé dang hinh Parabol. Nguoi ta du dinh lip ctra kinh cudng
lyc cho vom cira nay. Hay tinh dién tich mit kinh can 1ap vao, biét rang vom cira cao 8m va rong
8m (nhu hinh v§).

28 131
A. ?(mz) . . - D. T(mZ)

Loi giai
Chon hé tryc toa o Oxy sao cho dudng Parabol c6 dinh 7(0;8) va cét truc hoanh tai (—4;0)
va (4;0).

Phuong trinh ctia dudng Parabol 13 y = —%xz +8.

4
A , - , A < \ \ 5 \ 1
Vay dién tich mat kinh can lap vao vom ctra la S = I ——x*+8
4

128
dx@S:T(mz).

Goi F(x) la mot nguyén ham cia ham s f(x)zlnx thoa F(l)=3. Tinh
7=2"" +log, 3.log, [F(e)].



Cau 31:

Cau 32:

Cau 33:

Cau 34:

=]

AT, B. T8, cr-2 T=1n
Loi giai

Tacé 1= f(x)dx=[Inxdr.

Détu=1nx:>du:ldx vadv=dr=v=ux.
X

I=xlnx—'[dx=xlnx—x+C.
Viy F(x)=xInx—x+C.
Theo gid thiét, F(1)=3<-1+C=3<C=4.
Suyra F(x)=xlnx—x+4.
Taco F(e)=elne—ec+4=4.
Vay T =2"+log,3.log,4=17.
Trong khong gian Oxyz, cho mit cau (S): (x+2)2 +(y—1)2 +(z+1)2 =25.Toa dd tAm I cua
(S) 1a
Al 1(=23-1;-1). B. 1(2-11). . 1(-21L1). D. I(-21;-1).
Loi giai
Toa d¢ tam 7 cua () 1a I(-2;1;-1)
Mot khéi tru ¢6 ban kinh dudng tron day bang a va chiéu cao bang 2a . Thé tich khéi tru 1a

3
A. ﬂTa. B. . C. na’. D. 4ra’.

Loi giai

Thé tich khdi tru V = 7R*h = m.a* 2a = 27a’.

Trong khong gian Oxyz, cho dudng thang (d): XT_3 = % =z +61 . Mot vecto chi phuong cua
(d) 1a
A. u=(3,7:6). B.u=(30:-1).  Cou=(-301) D U=(2756)

Loi giai
Vecto chi phuong cta dudong thing (d) 1a u=(2;7;-6).
Mot hinh tru c6 thiét dién qua truc 1a 1a mot hinh vuong c6 canh béng 6¢cm . Ban kinh day cua
hinh tru do la
A. 36(cm). B. 6(cm). C. 12(cm). D. 3(em)

Loi giai



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Theo gid thiét, thiét dién 1a hinh vudng c6 canh 1a 6(cm).

Khi do, ban kinh déy cua hinh tru 1a 3 (cm)
Cho mit cau tim / ban kinh R . Mat phing (P) chtra / va cit mit cau theo
mot duong tron c6 dién tich 1a
A. 27R. B. 7R. C. 4zR. D. [ ZR%
Loi giai
Mit phang (P) di qua tAm ctia mit cdu nén mat phang (P) cit miat cau theo dudng tron co ban
kinh bang ban kinh ctia mit ciu. Do d6 dién tich ctia duong tron giao tuyén 1a 7R>.
Trong khong gian Oxyz cho mit phing (P):x—2y+3z—1=0. Mot véc to phap tuyén cia
(P) 1a
A n=(1:2:3). B. n=(1:3:-2). Con=(5-23). D. n=(:-2-1).
Loi giai
Tir phwong trinh mét phing (P):x—2y+3z—1=0 suy ra mdt véc to phap tuyén cia (P) la
n=(1;-23).
Trong khong gian Oxyz , hinh chiéu cua diém M (2020;— 2021;0) trén truc Ox c6 toa do la

A (2020:0:0). B. (0;-2021;0). €. (-2020;2021;0). D. (2020;2021;0).
Loi gidi

Hinh chiéu coa diém M(a;b;c) trén truc Ox 1a diém H(a;O;O).

Nén hinh chiéu ciia diém M (2020;—-2021;0) trén truc Ox 1a diém(2020;0;0)

Hinh nén c6 dudng sinh / = 4a va hop voi day goc a = 60°.Chiéu cao hinh nén d6 1a

A. 2a. B. 4a. C. 2a43. D. a3
Loi gidi

S




Cau 39:

Cau 40:

Cau 41:

Cau 42:

Xét tam giac vuéng SAO, ta co: sin60° = ‘;—j = SO = S4.sin 60° = 4a.§ =2a+3.

Vay chiéu cao bang 2a3.
Trong khong gian Oxyz cho OM = 2;—3}'+% . Toa d6 diém M 1a
A M(2:31) B. M (2;-3;-1). g.- D. M(-2;3;-1).
Loi giai
Tacod: OM =2i-3j+k < M(2;-3;1)
Trong khong gian Oxyz , mit phang (Oxz) c6 phuong trinh 1a
A.- B. x=0. C.z=0. D. x+z=0.

Loi giai

Mit phang (Oxz) c6 phuong trinh 1a y =0.

Cho mit cau S (O;R) va mot diém A4 nam ngoai mit cau. Qua 4 ké mot cat tuyén cit (S )
Rf
tai B va C sao cho BC =———. Khi d6 khoang cach tir O d&én BC bang
A. R\3. 5.. C. RT\/g. D. RV2.
Loi giai
BC? 13R*> 3R’ R3
Ta co: d*(0,BC)=R’ - BC _pp DR _SK d(0,BC) _RS
4 16 16 4
Mot hinh nén c6 duong cao bang 9cm ndi tiép mot hinh cau ban kinh Scm . Ti s gitra thé tich

cua khoi noén va khoi cau la

A B. 2L c. 2. p. 2L,
- 500 125 125

Loi giai

Gia str hinh nén c6 dinh 13 S va tim dudng tron day hinh nén 1a A . Goi I 1a tAm ciia hinh cau

tacod IH = SH —SI =4cm . Tam gidc THA vudng tai A nén HA =+/14> —IH>



Cau 43:

Cau 44:

Cau 45:

Cau 46:

=+/25-16 =3cm. Suy ra thé tich khéi non 1a ¥, = %ﬂ.HAz.SH = %z.9.9 =277 (cm’). Thé

tich khéi cau la V. =i7r.IA3 =i7r.125 _ 007 (cm3).
3 3 3
Al gr A em 2 or ) Ae ¢ ke a1 Vy 81
Vay ti s0 gifra thé tich cua khoi non va khoi cau la =+ =——.
V. 500

Trong khong gian Oxyz, cho mit phang (P) di qua diém A4(2;—1;0) va c6 mot vecto phap
tuyén n = (1;3;—2) c6 phuong trinh 1a
A. x+3y-2z=0. B. 2x—y+1=0.

C.[x¥3y=22+1=0! D.x+3y-2:-1=0.

Loi gii
Phuong trinh mit phang (P) 1a: 1(x—=2)+3(y+1)-2(z-0)=0< x—2+3y+3-2z=0
S x+3y-2z+1=0

x=-3+t
Trong khong gian Oxyz, cho duong thing d: { y=¢ va 2 diém A(L1;-2); B(3;0;-1).
z=1-2t

Khang dinh nao sau ddy ding

A. Puong thiang 4B tring v6i duong thing d .
B.

C. Puong thing AB va duong thang d chéo nhau.
D. Puong thing AB song voi duong thang d .

Loi giai
Duodng thing d di qua diém M (-3;0;1) va c6 vécto chi phuong u, = =(L1;-2).

—_—

Puong thing 4B di qua diém A(1;1;-2) va co vécto chi phuong u,, = AB =(2;-1;1).
Ta co: ]\72=(4;1;—3);Mét khac: [;;;,ZZT?] ( 1;-5; 3)7&0 va [ud,AB]
Vay duong thing AB cat dudng thiang d .
Trong khong gian Oxyz , mit cau (S ) co tam [ (2;—1;3) va c6 thé tich V =36.7 . Phuong trinh
clia mit cau (S ) la
Ao (x+2) +(y+1) +(2-3) =9. B. (x+2) +(y—1) +(z+3)" =9.
by o
Loi giai

Ta c6: Khdi cau ban kinh 7 ¢6 thé tich 1a: V = %.72’.1”3 =36r=r=3.

Do d6 phuong trinh mat cau (S) co tam 1(2;—1;3) la: (x—2)2 +(y+1)2 +(z—3)2 =9.
Trong khong gin Oxyz, cho ba diém M (6;0;0), N (0;-2;0) va P(0;0;4), Phuong trinh mét
phang (MNP) 1a



Cau 47:

Cau 48:

Cau 49:

Cau 50:

A. 6x—2y+4z-12=0.B. c.X+2 4221 poiiXiZoo
3 -1 2 6 —2 4

Loi giai
Phuong trinh mit phing (MNP):%+%+§=1<:> 2x—6y+3z-12=0.

Trong khong gian véi hé toa dd6 Oxyz, cho 2 diém A(;-5;2), B(3;—-1;—2) va dudng thing

d: xX+3 4 2 = 2+3 . Piém M thudc dudng thing d sao cho MAMB dat gia trj nho nht.

4 1
Gia tri do la.
A 21 B. 29 C. 21 D.[29
Loi giai:
x=-3+4¢
Phuong trinh dudng thang d viét dang tham sd 1a:{ y =2+
z=-3+2¢

Do diém M thudc duong thing d suy ra M (=3 +4¢2+1;,-3+2t)

Taco MA=(4—4t;,-7—1;5—-21),MB = (6—4t;—3—1;1-2¢)

Khi d6: MA.MB = (4—41)(6 —4t) + (=7 —1)(=3—1) + (5= 2¢)(1 - 2t) =21£* —42¢ + 50
=21(r—1)> +29 > 29. Vay gia tri nhé nhat cia MA.MB 14 29.

Trong khong gian v6i hé toa d0 Oxyz, cho hai diém A(2;-1;1)va B(0;-2;2). Toa do trung

diém I cua doan thing 4B la

31 _
A. (l;—;—j. B. C. (2;-3;3). D. (—l;—l;l)
22 22

Loi giai
Do [ 1a trung diém cua doan théng AB ,toa do diém 713 [ (1;?;%) .
Trong khong gian Oxyz, cho ba diém A(-1;2;2),B(0;3;1),C(-2;5;0). Toa do diém D thoa

man AD =34B+2A4C 1a
A. D(0;15;-11). B. D(211L-7). C. D(0;7;-7). D. D(0;11;-5).

Loi giai
Taco AB(1;1;—1) = 34B(3;3;-3) va AC(-1;3;-2) = 2AC(-2;6;-4)
Nén 34B+2A4C(1;9;-7) (1)
Goi D(a;b;c) = AD(a+1;b—2;¢—2) (2)

a+l=1 a=0

T (1), 2) suyra AD=3A4B+2AC < {b-2=9 < {b=11.Vay D(0;11;-5).
c=2=-7 c=-5

Trong khong gian Oxyz , cho hai diém A(O; 2; —1),B (3; -1 0) . Phuong trinh duong thang AB

la



x=3t x=t x=3
A.Jy=3-3¢. C.iy=2-t. D.{y=-3+3¢.
z=1+¢ z=1+3¢ z=1+¢
Loi giai

Tacé AB=(3;-3;1). Dudng thing 4B qua diém A4(0;2;-1) vaco VICP 4B =(3;-3;1) ¢6
x =3t

phuong trinh 1a { y=2-3¢
z=—1+t



PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 — PE SO: 34 (100TN)
Caul: Tim m déhamsd F(x)=(3m-1)x* +%(3m2 +1)x* +(2m+1)x+3m 12 mot nguyén ham ciia

ham s f(x)=8x"+12x+3 trén R.

A.m=-1. B. m=1. C.m=-2. D. m=4.
Cau2:  Tim mét nguyén ham F(x) cta hamsé f(x)=3" [l-l' j thoa min F(0)=L.
Cos™ X In3
A. F(x)= 3 tanx. B. F(x)= " tanx—1.
In3 In3
C. F(x)=3"In3+tanx D. F(x)=— +tanx—%

Cau3: Biét I = [sin’x.cosxdy = %sinbx+ C,véi a;beN;b=0.Khido ab bing?

A. 6. B. 8. C. 4. D. 3.
Cau4: Tim F(x) la mdt nguyén ham ctia ham 5O f(x)= gZoimreost (2cosx —sinx), biét F(0)=
A. lCZSinercosx +e. B. eZsinx+cosx +e. C. e251nx+cosx. D. leZSinx+cosx .
A 2x _, a b . .. ,
Cau5: Biét 15 (2x+1)dx=—=15 +(—— > j.S +C,voi a,pbeN,CeR.Tinh 2a-b.
s In5 In"5
A 2. B.3. C. 0. D. 4.
3 3 3
Cau6: Cho I[2f(x)+g(x)]dx:1 va J.[f(x)—2g(x):|dx:3.Tinh j[f x)+gl(x
0 0 0
A. 1. B. 0. C. 1. D. 4.
5
Ciu7: Biét 1=j . Sdx=a+bin2+cin?, véi a,b,ccQ. Tinh S=a+b+c.
X +x-2
A. —é. B. 2 C.5. D. 1.
3 3

2
Cau8: Bibt 1=J.\/2x+5dx:a+b\ﬁ,vé’i a,beQ.Tinh S=a-b.
1

AL B. 2. c. 2, p. 2,
3 3 3 3
z
. 41In(sinx+cosx 3 .
Cau9: Biét I ( 3 )dx:£+—ln2 voi a,beZ .Giatri a+b bang
0 cos” x a b
A 2. B. 6. C. 6. D. 2.
dx
Cau 10: Biét a la mot s6 thudc khoang (0;3). Tinh theo a tich phan [ = J.‘ 9‘
x p—
1 3 1 -3
A T=LpdE3 B. I=—In|"— c.I=-n*=2  p ;=Ljpe*3
6 3-a 6 |a+3] 2 |a+3 3-a




Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cho ham sb yzf(x) lién tuc, khong am trén [1;3], thoa man:

xzf(x)f'(x)—(3x2 —1)1/f2(x)+1 =0, véimoi xe[;3] va £ (1)=+3. Gidtricia f(3) bang

PNENEN B2, . 357, p. 475,
3 3 3 9
Chohams6 y = f(x) lién tyc trén [%;1} va thod man 3f(x)+5f(sij = x* +1. Tinh tich phan
x
1
1 =jf(x) dx
> X
5
ar=2ilnd o pc B L s 2l ol o2
25 8 5 25 8 5 25 8 5 25 8 5
Cho ham s6 f (x) 12 ham sb bac hai c6 d6 thi 1a mot Parabol c6 truc ddi ximg 13 truc Oy va thoa
mén didu kién (x* - +1)- 17 —1. Tinh gia tri cta tich phan (—)
o (=) £ (3 )= /7 (x) = ¢ P [2021x 1
A2 B.2 c.l D.>.
3 3 2 4
1
Cho ham s6 f(x) c6 dao ham trén R va thoa man [x*- f'(2¢" +1)dr=5; f(3)=8. Tinh
0
5
I=[f(x-2)dx
3
A. 5. B. 25 C. -24. D. 0.
Cho ham s6 f(x) 1a ham sb 1¢, lién tyc trén doan [-3;3] va théa man If (x )dx 81,
+
3
Ixf(x)dx:54. Tinh J.f5 (x)dx
-3 1
5103 2137
A. 9. B. —. C.—. D. 1024.
2 3
Cho (H ) 1a hinh phang gi6i han bdi parabol y = x”, cung tron c¢6 phuong trinh y =~/4-3x" va
truc hoanh. Dién tich ctua (H) la §= a\/gl—g—b vOi a,be’Z . Tinh 54 —-3b.
y
2
Vi
0 5 X

. 21.

>
o
=
@
©
=



Céu 17: Xét hinh phang (H ) gi6i han boi d6 thi ham sé f (x) =a.x” +b, tryc hoanh, truc tung va dudng
thang x = 1. Biét vat thé tron xoay dugc tao thanh khi quay (/) quanh truc Ox c6 thé tich bang

287 .
T va f'(1)=2 thi 19a + 95 bang
A. 14. B. 3. C. 28. D. 19.

Céu 18: Ong An mudn thiét ké trong hoa trén mot manh déat c6 hinh dang gdm mot phan cua hinh elip
(E) va phan con lai 14 hinh tron (C) nhu hinh v&. Hinh elip c¢6 d6 dai truc 16n 16m va d¢ dai
truc bé 8m . Hinh tron c6 tdm 1a mot dinh ciia elip trén truc 16n va c6 ban kinh bang 4m . Biét
mdi mét vudng trong hoa can chi phi 100.000 dong. Hoi 6ng An cin bao nhiéu tién dé c6 thé
thuc hién dy dinh nay?.

(E) (©)

A. 13.430.000 dong.  B. 12.330.000 dong. C. 15.110.000d0ng.  D. 10.410.000 dong.
Cau 19: Cho ham sb y= f(x) lién tyc trén doan [—3;3]. Hinh phéng (H) gidi han boi d6 thi ham sé

y=f(x), truc hoanh va hai dudng thing x=-3,x=3 dugc cho nhu hinh v& dudi. Biét
0 3

[ £(x)dx=a, [ f(x)dr=b.Diéntich ciia hinh phing (H) bng

-3 0

Y
f (@)

3

Al

A. a+b. B. b-a. C.-a-b. D. a-b.
Cau 20: Mot cai tréng truong c6 khoang cach gitta hai mat tréng la 1m. Mot mat phéng chtra truc, cét

mit xung quanh cta tréng theo giao tuyén 1a hai cung elip (E ) Biét elip (E ) c6 do dai truc 16n

14 2m va d6 dai tryc nho 1a 1m . Thé tich cua cai tréng truong d6 bang



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

cung elip

A (). B. 22 (). c. 22 (). D. 17 ().

32 24 24 48
Sé) ph]:rc 7= l-+i2k +l-2k+1 +l-2k+2 +l-2k+3 +l~2k+4 le k = N* c() phén é() béng
A. 0. B. i. C. 1. D. —i.

A ’ 5 ~ -1y A \ c 1N A Ao . LA ’ 1 \
Cho s6 phtrc z théa man z—2i 1a s thuc va z—4+9i 1a s6 thuan do. Khi do s6 phirc w=—1a
z

A.z=4-2i. B.z:l+ii. C.w=l—ii. D. z=4-2i.
5 10 5 10
Cho s6 phic z c6 phan thuc khong am, phan 4o khong duong, ddng thoi thoa min

|z +2+ i| > |;—3i| va 2(2—2 + i) —4i—1 1a s6 phirc ¢6 phan ao khong duong. Tim gia tri 16n nhat
ctia phan thyc sé phitc w=z+ 32i?

A. 1. B. 4. C.s5. D. -3.

Trong mit phing toa dd Oxy, cho dudng thing (d):3x-2y—-12=0,diém M biéu dién sb phirc
z thoa |2z =|Z -3+ 3i|. Khoang cach 16n nhat tir M dén (d) 1a

1 17 1
AV +—. B. V11+——. C. 211 +—.
J13 J13 J13

Cho phuong trinh 9z* +4 =0 ¢6 céc nghiém z,, z,,z,,z,. Gid tri cla P = |zl|+|22| +|z3|+|z4| la

A.ﬁ. B.§. C.M. D.g.
3 3 3 3

Biét phuong trinh z* —mz+41=0(meR) c6 mot nghiém phitc z, =4—-5i va z, la nghiém

D. V13 +4/11.

phirc con lai. S6 phirc 2z, + 3z, 1a?

A. -20+5i. B. -5+20i . C. 20-5i. D. 20+5i .

Cho s6 phirc z thoa méin (Z -3+ i)(g— 3- i) =36. Biét tap hop cac diém M biéu dién sb phirc
w=2z-5+i 1a dudng tron c6 tm I (x,;¥,) va ban kinh z,. Gia tri ciia x, + y, +z, bang

A. 13. B. 12. C.11. D. 10.

Cho sb phuc z thoa |z -2- 2i| =17. Goi M, m lan luot 1a gia tri 16n nhét va gia tri nho nhét
cia P=|z+2-i|+2[z7-6-3i|.

Tinh M +m.

A.M+m=2\/ﬁ(x/§+1). B. M+m=417 .
C.M+m:\/ﬁ(\/§+l). D.M+m=2(\/g+\/ﬁ).

Téng cdc modun ciia tat ¢ céc sb phitc z théa mén |z|(z—i—1)+2i=(2—i)z bing?

A. 3. B. 2. C. 1. D. 4.



Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Tap nghiém ctia phuong trinh (2z - 1)2 +16=0 la

A. l+2i;l—2i . B. —l+4i;—l—4i . C. —l+2i;—l—2i . D. l+2i;l—2i .
4 4 2 2 2 2 2 2

Trong khong gian vai hé toa dd Oxyz, cho cac diém A(0;-2;-5), B(3;4;4), C(x;y+11)
thang hang. Khi d6 3x—y bang

A. 5. B. 6. C.7. D. 8.

Trong khong gian véi hé toa do Oxyz, cho céc diém 4(2; 0; -1), B(0;3; -2), C(—4;-5;0).
Tim toa do diém M sao cho MA+2MB +3MC =0.

A M é;—i;é . M —é;—i;—é .C. M M é;—i;—i .
3 26 32 6 32 6

Trong khong gian véi hé truc toa dd Oxyz, cho cac diém A4(3;00), B(0;—4;0), C(0;0;5). Tinh
thé tich khéi chop O.4BC.

AV, e =60. B. V, 50 =20. C. V, 5 =30. D. V, ;5 =10.

Trong khong gian v6i hé truc toa 40 Oxyz, cho 2 vecto & = mi +2] —3k, v =mj +2i +4k . Biét
rang .V =8, khi d6 gia tri cia m bang

A. 3. B. 5. C. 4. D. 1.

Trong khong gian véi hé toa dd Oxyz , cho hai diém 4(2;-1;3) va B(3;1;-4). Goi M la diém
di dong trén dudng thing AB . Tinh d6 dai ngan nhit cuia OM .

A.@. B.@. C. 14, D.—”2610.

Trong khong gian véi hé toa &6 Oxyz, cho mit cau (S) :2x* +2y* +22° —4x+8y—4=0. Tinh

dién tich mat ciu (S ) .

A. 967 . B. 7x. C. 24r . D. 28rx.

Trong khong gian vdi hé truc toa d0 Oxyz , cho mat ciu (S) : (x+ 2)2 +(y —3)2 + (Z —4)2 =25
x =2t

va duong thang d:{y=3—1 (teR). Goi (P) 1a mat phang chira duong thang d va cat mat
z=14+2¢

cdu () theo giao tuyén la duong tron (C). Khi duong tron (C) c6 ban kinh nhé nhét thi mt

phang (P) di qua diém nao sau day?

A. A(1;14;1). B. B(2;—1;2). C. C(—1;8;1) D. D(2;3;1).

Trong khong gian v&i hé truc toa d6 Oxyz, cho hai mit phing (P) 2x—y-2z+7=0,

x—1 _y- 4 z+2

(0):3x+4y-9=0 va dudng thing d : . Mit cau (S) co tam nam trén

-1

duong thiang d va tiép xuc voi ca hai mat phang (P).(0 ) c6 phuong trinh 1a

5\’ 7Y 1Y 25 7Y 1y 5
Aol x+—=| +H|y+=| +|z+=| =—. B. x—— y——| +lz—=| =—.

2 2 2 4 2 2 2

2 2 2 2 2

C. x—i + y—Z + Z—l =§. D. y—g + z+2 =ﬁ.

2 2 2) " a 2 >) T %



Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Trong khong gian Oxyz, cho mit cau (S,) c6 phuong trinh: ()c—3)2 +(y—1)2 +(z—4)2 =25,
mit cau (S,) c6 phuong trinh: (x+5)2 +(y+1)2 +(z+12)2 =169 . Goi (@) 1a tiép dién chung
ctia ca hai mit cau trén, song song va cach truc Oy mot khoang nho nhat. Biét phuwong trinh mit
phang (a) tax—bz+c=0, a,b,ceN va a 1a s6 nguyén t6. Khi d6 a +b + ¢ bang:

A. 39. B. 49. C. 59. D. 69.

Trong khong gian véi hé truc toa do vuong gdc Oxyz cho hai diém A(l;l;l) , B (—2; —2;—2) va
mit phing (P):x+y—z—-3=0.Mitcau (5) thay doi di qua hai diém A4, B va tiép xtc véi (P)
tai diém C . Biét rang C ludn thudc mot duong tron ¢d dinh. Ban kinh  cia duong tron d6 bang
A. r=4. B. r=42. C. r=+30. D.r=6

Viét phuong trinh tong quat cia mit phiang (P) di qua diém 4(0;1;2) va vudng goc v6i hai mit
phang (Q):x+y+z-1=0, (R):2x—y+3z+5=0.

A. (P):4x+y—3z+5:O. B. (P) 4x-y-3z+7=0.

C. (P):4x—y+3z—5=0. D. (P) 4x+y+3z-7=0.

Trong khong gian Oxyz, cho ba diém A(1;2;-1), B(-L;1;-1), C(0;-1L1). Mt phang (A4BC)

c6 phuong trinh 1a
A. x+2y—z-1=0. B. 2x+4y+5z+1=0.

C.x+2y-z+1=0. D. -2x+4y+5z-1=0.

Trong khong gian Oxyz , cho ba diém A(-1;1;2), B(2;-1;1), C(-1;2;0). Mit phing di qua A4
va vudng goc v6i duong thang BC ¢6 phuong trinh 1a

A, —x+y+z-4=0. B.—-x+y+z+4=0. C.3x-3y+z+4=0. D.3x-3y+z-4=0.
Trong khong gian Oxyz, cho cac diém A(a;O;O), B(O;b;O), C(O;O;Z),trong d6 a, b lacac
s6 hitu ty duong va mit phing (P) c6 phuong trinh 2x—2y+1=0. Biét ring mit phang(4BC)

B 14 2 N 2
vudng goc voi mat phang (P) va khoang cach tir O dén mat phang (A4BC) bang Nk Gia tri

a.b bang

A. 1. B. 0. C. D. 4.

1
.
Cho diém M (1;-2;3) va mdt phang (P):2x+y+3z+5=0. Goi H 14 hinh chiéu vudng goc

cua diém M 1én mit phang (P) diém H' d6i ximg véi H qua mit phang (OXZ ) o toa do la

H'(-1;3;0). B. H'(-1;-3;0). C. H'(-1;3;0). D. H'(0;—3;0).
e : i x—1 y+1 z=-2 x+2 y-2 z . .
Cho hai duong thang chéo nhau d, : T ;d, S T T Puong thang d

di qua diém M (1;1;1) déng thot vuodng goc voi d, va d, c6 phuong trinh la
x—1 y-3 z-1 B x+1 y+1 z+1
1 1 1 3 1
x=1 y+1 =z-1 x=1 y-1 =z-1

=2 =2 p. =L o
-1 3 - 1 3 1

A.

C.



Cau 47:

Cau 48:

Cau 49:

Cau 50:

. -1 | -2 2 -2
Cho hai duong thang a’l:x1 :yr :22 ;dz:x;— :yl

diém M (1;1;1), vudng goc voi d, va cit d, c6 phuong trinh 1a

:%. Puong thang d di qua

x=17 :y+9 :z—l B x+1 _ y+1 :z+1
1 1 1 7 -9 1

x—1:y+1:z—1 D x—lzy—lzz—l
=7 9 -1 7 -9 1

C.

Trong khong gian v&i hé toa d6Oxyz, cho hai duong thing chéo nhau d:3y=1-2t,
z=2
x=3-1
d,:<y=3t" (t¢'eR). Viét phuong trinh dudng thang A 1a duong vudng goc chung cua hai
z=1+¢
dudng thang d, va d, .
x—2=y—1=z+1 B x+1=y—1=z+2

A. . B. .
1 -1 2 2 1 -1

C. x+2 :y+1: z—l. D. x—1 :y+1 _ z—2.
1 -1 2 2 1 -1

Trong khoéng gian Oxyz, cho hai diém A(L12), B(L;3-1) va mit phang
(P):x+2y—2z+5=0. Viét phuong trinh duong thing A qua 4 song song v6i mit phang (P)

va c6 khoang cach dén B 16n nhat.

x=1-2¢t x=1-2¢t x=5-2t x=1-2¢
A A:qy=1-3¢t. B. A:3y=1+3¢. C.A:qy=-5+3¢t. D.A:qy=3-3¢ .
z=2+4+2t z=2-2t z=-2+2t z=—1+2t
x-1 y-1 =z

Trong khong gian Oxyz cho mat phang (a) :x—y+4=0 va duong thang d :T = =—

Puong thing A nam trong (a) di qua A(—l;3;2) va tao voi d mot goc 45° c6 phuong trinh

la:
(x=—1+1 (x=1 (x=—1—¢ x=—1—t
A.1y=34+t hoic{y=4+1t . B.{y=34+t hoic{y=3+¢
z=2 z=126+24¢ z=2 z=2+424t
x=—1—t x=—1—t¢ (x=—1+4¢ x=—1+¢
C.1y=3+2t hoic {y=3+1t . D.{y=3—t hoic{y=3+¢
z=2 z=2-24¢ z=2 z=2-—24¢




Cau 1:

Cau 2:

Cau 3:

HUONG DAN GIAI CHI TIET

Tim m dé hamsb F(x)=(3m—1)x* +%(3m2 +1)x2 +(2m+1)x+3m 1a mot nguyén ham cua

ham s f(x)=8x3 +12x+3 trén R.
A. m=-1. E.- C.m=-2.D. m=4.
Loi giai
Taco: F'(x)=4(3m—1)x"+3(3m’ +1)x+2m+1.
F (x) 1a mot nguyén ham ctia ham s§ f (x) trén R nén:
f(x)=F'(x),¥xeR < 4(3m—1)x" +3(3m’ +1)x+2m+1=8x"+12x+3,Vx e R.
4(3m-1)=38
& {3(3m* +1)=126m=1.

2m+1=3

Vay chon phuong an B.

, 3
Tim mot nguyén ham F(x) cuahamsb f(x)=3"| 1+——— | théa man F(0) 1
cos” x In3
3x
A. B. F(x)= +tanx—1.
In3

C. F(x)=3"In3+tanx. D. F(x)= +tanx—i.

In3 In3

Loi gidi
Ta co: J.f(x)dxzj?f‘ 1+ 3_: dx:J‘ 3+ ! dx = 3 +tanx+C.
cos’ x cos® x In3
\ 1 1 1
Ma F(0)= &S —+C=—C=0.
In3 In3 In3
Vay F(x)= 3 +tanx.
In3
Biét I = Isinsx.cosxdx = %sinbx+ C,v6i a;beN;b#0.Khi do ab bang?
A.l6. B. 8. C.4. D. 3.
Loi giai
. . ) 1 .
Tacod: I = jsmsx.cosxdx = jsmsxd(smx) =€.s1n6x+C.
Tuwdotaco: a=1;b=6.
Vay ab=6
_ . 2sinx+cosx o ;

Tim F(x) 12 mot nguyén ham ciia ham s6 f(x) -¢ .(2cosx sm.x) , biét F(O)

1 .. . 1 ..
A. Ee2sm)c+cos;c +e. B. e2smx+cosx +e. g‘ D. 5e251nx+cosx .



Cau 5:

Cau 7:

Loi giai

Ta CO If dx I 2sinx+cosx (2COSX SlIDC dx J. 251mc+cosxd(2s1nx+cosx) eZsinx+cosx+C

Khidé F(0)=e+C=e=C=0.

Vay F( ) 25mx+cosx'

BiétISX(zxﬂ)dx:ﬂsu(i— b j.5x+C,Véi a,beN,CeR. Tinh 2a—b.

In5 In5 In*5
A. 2. B. 3. C.0. D. 4.
Loi giai

+Pat 2x+1=u va dv=>5"dx,taco 2dx=du va v=

In5’
5" 2 5" 2

+Khido |5 (2x+1)dx=(2x+1).————|5"dx =(2x+1). -
10-[ (x+) (x+)1n5 In5 (x+)ln5 In’5

=ﬁ.5"+[L— 22 S+C.
In5 In5 In“5

Péi chibu débaitacd a=1,b=2.
Vay 2a-b=0.

S5°+C

j[2f(x)+g(x)]dx=l j[f(X)—Zg(x)]dxﬁ j[f(x)+g x) i

Cho ¢ va 0 . Tinh ©
A. 1. B. 0. C. 1. D. 4.
Loi giai
3 3

bat If(x)dx=a; Ig(x)dx=b.

0 0

Tacoi ) Jax = 1@2J'f i (x)x =1 2a+b=1(1).

0 0

j[ ~2g(x) Jdx = 3@jf j (x)x=3ea-2b=3(2).

0

Gidi (1),(2) ta duoc a=1,b=—1.

Viay _j[[f(x)wtg(x)}dx:Ef(x)dx+ig(x)dle—le.

5 2
Biét I = [————dr=a+bIn2+cIn7,véi a,b,cc Q. Tinh S=a+b+c.
S X +x-=2
A, —= B.E. C.B D. 1
3
Loi giai
2 2 S +x=2)—(x-2 : - 53
[:sz dx:'[( : )( )dxzj'(l_ 2xZ jdxz _j 2x2
S X +x=2 > X +x-=2 2 X +x=2 , 95X +x-=2




5 5 5 5
K:j dr=—t [ L 2B Lpnpeot| +2infxe2)
2 x+2 35x-1 395x+2 3 , 3 5
=—lln4+iln7—il 4——£1 2+ i1n7.
3 3 3 3 3
Suyra I=3-K=3+ %1n2—§1n7:>a 3b—30 :—%VaySza+b+c:5.

2
Ciu8: Biét I:I\/2x+5dx:a+b\/7,vc’yi a,bcQ.Tinh S=a-b.
1

A'm' B-Q- C.Q. Q.ﬁ.
3 3 3 e
Loi giai
3
2 2 i 2 5 2,
Ta ¢6 I=I\/2x+5dxzj(2x+5)zdx:%_( x; )2
1 1 bl |
2

:%(2x+5)\/2x+5 3(27 W)= 9—% Suy ra a = 9b——%

1

Vay S=a-b= 9+%:?
z
. 4In(sinx+ .
Cau9: Biét | n(51nx2cosx)dx:£+31n2 v6i a,be 7 . Giatri a+b bing
0 cos” x a b
AR B. 6. C. 6. D.2.
Loi giai
r
et ]‘-ln(sinx;rcosx)
0 cos” x

bt u =In(sinx+cosx) va dv= .
cos” x

., cosx—sinx . sin x +cos x
Khi d6 du=—————dx vachon v=tanx+1=———
sin x +cos x coS X

T

T

4 In(sinx+cosx 2 4(cosx—sinx sinx+cosx
j ( > )dx=[(tanx+1).ln(sinx+cosx)}|4— , . dx
0 cos” x 0 o \Sinx+cosx CcOS X

T

=1n2—T(1— Sinxjdx=ln2—[x+ln(cosx):||;: =—%+%ln2
0

COS X

Tacoa=—4,b=2,t0vdd a+b=-2.

dx

Cau 10: Biét a 1a mot s6 thudc khoang (0 3) Tinh theo a tich phan 7 = j‘
x —9‘



Cau 11:

Cau 12:

A. B. I =143 c.1=1m[i=3 p=lpets
- 6 |a+3 2 la+3 2 3-a
Loi giai

Do a€(0;3) nén x2—9<0,‘v’xe(0;a).
a a a a
Tacé_[ dr =—j de :l‘[( ! —L)dx:llnwr3 :llna+3
0‘x2—9‘ 0 X =9 6y(x+3 x-3 6 |x=3|, 6 3-a
Véy[=llna+3
6 —-a

Cho ham sb yv=f (x) lién tyc, khong am  trén [1;3], thoa man:

xzf(x)f'(x)—(3x2 —1)Jf2 (x)+1=0, voimoi xe[l;3] va f(1)=\/§.Giétri cua f(3) bang
9 V57 475

A. . B. L
- 3 3 9

c. 2L, p. 22
Loi giai
() /"(x) _3x* -1
2 (x)+1 x*

<:>(1/f2(x)+1)' :3—x—12 :J.(,/fz(x)+l),dx='[(3—%jdx<:> F(x)+1 _3x+diC

V6i xe[1;3], taco: ¥ f(x) f'(x) = (35" ~1)//* (x)+1 =0 & f/

X

+ Theo gia thiét f(1)=+/3 nén 3+1=4+C < C=-2.

= fz(x)—i-l =3x+l—2.
X

Suy ra \/f*(3)+1 =9+%—2 <:>f2(3)=%.
5v19

Vi f(x)20,Vxe[;3] nén f(3)= 3
5V19

Chohamsb y = f(x) lién tuc trén E;l} va thoa man 3/ (x)+5f (sij = x* +1. Tinh tich phan
X

I:j-f(x)dx

X
ar=24ind =S Ll cr=Z2iind b
25 8 5 25 8 5 25 8 5
Loi giai
+Détx:i:>dx:—izdt.
5t 5t

+ Doi can:



Cau 13:

wmiw | =

37
5t
3 3
1 1f(j 13f(x)+5f(] 12 1
Suy ra 37 +51 3jf(x)dx+5jidx=j Sxdxzjx—ﬂwzj.(ywljdx
30 X ER 3 X 3 X EAN
5 5 5 5 5

Cho ham sb f (x) 12 ham sb bac hai c6 d thi 1a mot Parabol c6 truc d6i xtng la truc Oy va thoa

mén diéu kién (x2 —x)f(erl)—f2 (x)=x’—1. Tinh gia tri cia tich phan J;—ZOZ(I* x) dx

A. B. C. D.

W | N

4 1 3

3 2’ 4
Loi giai

Vi ham s6 f(x) 12 ham s bac hai nén f(x) =ax’ +bx+c;(a#0).

Truc ddi Xxung cua dd thi ham sb 1a truc Oy nén ham ) f (x) dat cuc tri tai x=0

= f'(0)=0<24.0+b=0 < b=0. Suy ra ham s6 ¢6 dang f (x)=ax’+c;(a #0)
Taco (x* —x) f(x+1)- f7(x)=x"~1

= (2x=1) f (x+1)+ f/(x+1)(x" —x)=2f"(x) £ (x) =3x (1)

Thay x=0 vao (1) = f(1)=0 = a+c=0.

Vi f(x):ax2+c 1a ham sb chin nén f(l)zf(—l).Thay x=-1vao (l) ta co f(O)z—l

=>c=-1=a=1.

Vay f(x)zxz—l.

Tinh [ = TM
220217 +1

Vi f(x) = x> —1 13 ham s6 chén nén ta luén cd f(x) = f(—x);Vx
bat x=— = dx=—dt

:>[:—f f(—t) dt_j-2021f e j-2021"

2
- =2 = dx
) 20217 +1 2001 +1 ¢ J 20217 + sz (x)

-2



CAu 14: Cho ham s6 f(x) c6 dao ham trén R va théa man [x’-f’(2x* +1)dx=5; f(3)=8. Tinh

0

Izjf(x—?l dx

A. 5. B. 25 o D. 0.
Loi giai

+) Xét J:jx3-f'(2x2+l)dx:5.
0

U=x du =2xdx
bat {dv—xf’(2x2+l)dx:> v:%f(2x2+l)

LS ST 1 [ I .
O—E}[xf(bc +1)dr =5 @—f(3)—§jf(2x +1)d(2x* +1) =5

0

:J:%xzf(2x2+l)

<:>2——J'f f)dt=5 <:>2——If )dx = 5<:>.[f =24

+) I:if(x—2)dx :if(x—2)d(x—2) =jf(t)dt :jf(x)dx=—24.

Céu 15: Cho ham sb f(x) 1a ham sé 18, lién tuc trén doan [ -3; 3] va thoa man If ( )dx 81,
+

ixf(x)dx=54. Tinh ij(x)dx

21
.o I 2 e

Loi gidi
3 2
+) Goi 1=J.];x—(xl)dx.D0 f(x) 1a ham sb 1é nén f(=x)==f(x).
+
3

bit t =—x = dr=-dx.

Khi do6: [ =- I3 +1 J3‘ 3 2(t j;3xf2(x)dx

o3+l 3 +1
e If IS EVECY o JENS g ax—2f £ (ax
5 3T+l 3" +1 % 0

== jf )dx =81.



Cau 16:

+) Goi J = ixf(x)dx

Taco J = jxf )dx = jxf jf(x)dx
bit 1 =—x = dr=-dx.

Khi do: .(fxf(x)dx =

W ey ©

(=) f(—t)(—de) :itf(t)dt :jxf(x)dx.

3

J :2jxf(x)dx:jxf(x)dx=27.

0

3 3
17 (x)dx 6] f (x) de+9[ x*dx =81-6.27+3x°| =81-81=0
0

0

+) Ta co:

=R 1)

3

:>I(f(x)—3x)2dx=02>f(x)=

0

2 2 2
_243 5103
Do dé: [ f° 35x (20 o) =22
i -foacs 2] 2002
[Mite @9 3] Cho (H) 1a hinh phang giéi han béi parabol y =x’, cung tron c6 phuong trinh
g
y=4-3x" va truc hoanh. Dién tich ctia (H) 1a S :% VOi a,beZ . Tinh 5a-3b.
y
T
V3
0 5 X
A. 19, B.[i C.9 D. 21.
Loi giai
y
T
Ni I
o 1 50X

Phuong trinh hoanh d¢ giao diém ciia boi parabol y = x?, cung tron ¢6 phuong trinh
y=+4-3x":

2

=1
Va=-3x'=x ©4-3x=x" o o < x=1.
=-4<0



&ie

! B
Dién tich cua (H) 1 S—Ixzdx+I\/4—3x2dx =%x3|;+1 =§+1 Vi = [ J4-3x dx.
1

1

2
bat: x——smt te{ El} = dx=—=cost.dr.

272 NE)

2. . Ve T
D01can:x=1:>t:§,x: :>t:3.

2
3

MK

- 2
J4—4sin’*t.——=cost.dt =

3

cos’t.dt =

% %(1+cos2t) =T[x+ls1n2tj

~

I
W N — |y
W N ——o |y
W N —o [y

B

(0%)
Py
N | —

3 3 33 2 18

Céhu 17: Xét hinh phiang (H ) gi6i han béi do thi ham s6 f'(x)=a.x” +b, truc hoanh, truc tung va duong

thing x = 1. Biét vat thé tron xoay dugc tao thanh khi quay (H ) quanh truc Ox ¢ thé tich bang

28 .
1—57[ va f' ( ) 2 thi 19a + 95 bang
A. 14. B. 3. C. 28. D. 19.

Loi giai
Ta c6 thé tich cua vat thé la:
1 1 2 2 28
V= ﬂj(a.xz +b)2 dx = ﬂj(az.x4 +b* + Zab.xz)dx =7 a—+b2 +—ab|=nx.—
0 0 5 3 15

2ab _ 28
315

b2
Taco f'(x)=2ax= f'(I)=2a=2=a=1.

b=1>0
Thay vao: b2+§b_§=0<:> ) 5 . Tadugc 19a+9b = 28.
E)
Cau 18: [Mirc dd 4] Ong An muén thiét ké trong hoa trén mot manh dat c6 hinh dang gom mét phan cua
hinh elip (£) va phan con lai 1a hinh tron (C) nhu hinh v&. Hinh elip c6 do dai truc 16n 16m va

do dai truc bé 8m . Hinh tron ¢6 tdm la mot dinh trén truc 16n va co6 ban kinh br:ing 4m . Biét mdi
mét vudng trong hoa can chi phi 100.000 dong. Hoi ong An can it nhit bao nhiéu tién dé c6 thé
thuc hién dy dinh nay?.



(E) (©)

A.[13430.000'ddng.  B. 12.330.000 dong. C. 15.110.000ddng.  D. 10.410.000 ddng.
Loi giai

Chon h¢ truc toa d§ Oxy nhu hinh vé.

2 2
+) Phuong trinh cta (E) co dang: x—2+Z—2=1, a>0,b>0.
a

2 2

+) Tur gia thiét ta c6 2a=16,2b=8=a=8,b=4 nén (E): —+2=1

64 16
2
=y’ =16[1—x—J=%(64—x2):>y=i%\/64—x2 .

64

+) Puong tron (C):(x-8) +)*=16= y=+16—(x-8) .
+) Toa d6 giao diém cua (E ) va (C ) la nghi¢ém cua h¢:
x2 y2 1 {xz +4y2 — 64 (1)
<

64 16 . :
(x—8)2+y2=16 (x—S) +y =16 (2)



2 _ 64_.x2

H )=y (0 < x<8), thay vao, ta dugc
2 64—)(?2 2 2 2 5
(x—8) + :16©4(x—8) +64—x :64©4(x—8) =X
2(x-8)=
(x ) ¥ < x=16 hoac x:E.
2(x—8)=—x 3

+) Goi 7 1a dién tich cua (E) =>I=rmab=32r.
+) Goi J 1a dién tich hinh tron (C) = J =167 .

3 \ A ‘A ’ 3 2 .. 5 e 16 N 2
+) Goi S, la phan dién tich hinh phang gi¢i han boi x=4; x = v 0va y=,/16—(x-8) .

16

¢ 3\/72 (x-8) 16—(x—8)2 16 x—8
1=£ 16—(x—8) dx = 3 +73rcsm 1

4
. NN ST PP 2 . 16 . 1 5
+) Goi S, 1a phan dién tich hinh phang gi6i han boi x=?;x=8; y=0va y=§\/64—x .
8

2 2

8 [ 2

S, = J‘l\/64—x2dx:l oA xT | 04 esin
E2 2 8
3

16

+) Dién tich hinh phang can tim 1a S =1+J 28, -2,
16
3 8
2 1
=327 +167 -2 | /16— (x—8) dx—2 [ =v/64—x*dx ~134,2765429 (m*).
Jlo-(e-s a2 1o ()
3

S4 tién can c6: 134,2765429x100000 =13.427.654,29 .
Viy 6ng An chuan bj it nhat 1a 13.430.000 dong.
Cau19: Cho ham s6 y = f(x) lién tuc trén doan [-3;3]. Hinh phang (H) gi6i han béi d6 thi ham sb

y=f (x), truc hoanh va hai duong thrfmg x=-3,x=3 duoc cho nhu hinh v€ dudi. Biét
0 3

[ f(x)dx=a, [ f(x)dx=b.Din tich ciia hinh phang () béng

-3 0

Y
% 3

- O%}

A. a+b. B. b—a. C.-a-b. D.a-b.
Loi gii

Dién tich hinh phang (H ) la:



Cau 20:

Cau 21:

3

S, =i|f(x)|dx=i|f(x)|dx+i|f(x)|dx=if(x)dx—jf(x)dx=a—b. Vay S, =a-b.

0
Mot cai tréng trudng c6 khoang cach giita hai mat tréng 13 1m . Mot mit phing qua truc cia
trong cat phan xung quanh cia tréng theo hai cung cia elip (E ) Biét rang elip (E ) c6 truc 16n
va truc nho 1an luot 14 2m va 1m . Hay tinh thé tich cta phan khéng gian ma cai trong di néu

chiém chd.

cung elip

Xét hé truc toa d0 Oxy nhu hinh vé.

2 2
Theo gid thiét elip (£) c6 phuong trinh 1a xT+yT =l y= J_r% 1-x°.
4
, , (1 o1 % 17
Thé tich cta céi trong 1a V' 227Z'J‘ (—\/l—xzj dx:—ﬂj (l—xz)dx:—.
2 2" 48
Vay thé tich cua cai trong truong 1a %(m3 ) .
Sé) phﬁ’c z = l~+l-2k +l-2k+1 +l~2k+2 +l~2k+3 +l-2k+4 le k = N* Cé phé,n é() bg:ing
A 0. B.i. c. D. —i.
Loi giai
Taco: z=i+i™ +i* 472 4250 4 P =i P P (148 8 i)

=i+ (1) + (i—1-i+1)=(=1) +i.

Vay: phan 4o cta s6 phic z bang 1.



Cau 22:

Cau 23:

A , 5 ~ co1N A \ <N A A 5 . r A ’ 1 \
Cho s0 phtic z théa man z—2i 1a s6 thuc va z—4+9i 1a s6 thuan 4o. Khi d6 so phiic w=— 1a
z

A.z=4-2i. B.z=l+ii. Q.w=l—ii. D. z=4-2i.
510 5 10

Détz=x+yi,(x,yeR).

Tacod: z—-2i=x+yi-2i=x+(y-2)i lasdthuc = y-2=0< y=2.

Mat khac: z—4+9i=x—4+(y+9)i lasd thudndo = x-4=0<x=4.

Suyra:z:4+2i:>w:l: ! :1 li.
z 4+2i 5 10

Cho sb phitc z c6 phan thuc khoéng am, phin 4o khong dwong, ddng thoi théa min

lz+2+i]> |E - 3i| va z(z—2+1)~4i~1 la s phirc c6 phan ao khong duong. Tim gid tri I6n nhat

cta phan thuc sb phitc w=z+3z.i?

Al B. [ C.s. D. 3.
Loi giai

Pit z=x+yi, x>0,y<0.

+) |z+2+i|2|E—3z‘|<:>|(x+2)+(y+l)z‘|2|x+(—y—3)i|

& (x+2) +(y+1) 22 +(y+3)

S x—y-120.

) z(z-2+1)—4i-1=(x+yi)[(x=2)+(1-y)i]-4i-1

=(x*+y” = 2x—y—1)+(x—2y-4)i.

Z(E—2+i)—4i—1 a s phttc ¢6 phan 4o khong duong <> x—2y—4<0.

+) w=z+3zi = (x+yi)+3(x—yi)i=(x+3p)+(3x+y)i.

Phén thyc cta sé phic w 1a f(x,y)=x+3y.

+) Yéu ciu bai toan tré thanh tim b s6 (x;y) théa man diéu kién,, sao cho f(x,y) dat gié tri
16n nhat.

Biéu dién,, trén mit phing toa do Oxy .



a
Tur d6 thi ta théy bo s (x; y) thoa man diéu kién,, la cac diém M nim & mién trong tr gidc
EFGH .

Suy ra gid tri 16n nhat ciia f(x, ) dat tai mot trong bon dinh E, F,G, H .
Taco E(0;-1), F(0;-2), G(40), H(1;0).
£(0,-1)==3; £(0,-2)=—6; f(4;0)=4; (1,0)=1.
Vay gié tri 16n nhat ctia phin thuc sé phirc w=z+3z.i bing 4.
Céu 24: Trong mit phing toa dd Oxy, cho dudng thang (d):3x-2y—12=0, diém M biéu dién s phirc
z thoa |2z =z —3+3i|. Khoang c4ch 16n nhat tr M dén (d) la
1

1 17
AT +—. B. V11+——. C. 211 +—— D. .

Loi giai

A

(d)
\ \
>
\ 1 i x
1

bat z=a+bi, a,beR thi Z=a—bi, Z-3+3i=(a—bi)-3+3i=a-3—-(b-3)i



Cau 25:

Cau 26:

Cau 27:

C6 [22]=[ -3+ 3] > 2> 467 = J(a=3) +(b-3)" < 4(a>+b")=(a=3) +(b-3)
< 3a>+3b* +6a+6b—-18=0 < a’ +b° +2a+2h—-6=0
Goi M (x;y) la diém biéu dién cho sb phic z théa yéu cau bai thi

Me(C):x2+y2+2x+2y—6:0, (C) la dudng tron tdm 1(—1;—1),bénkinh R=22.

Co d(I,d)= |3(_1)_\%_1)_12| =13 > 242 nén (d) khong cit (C).

d(M,d) 16n nhit < d(M,d)=d(1,d)+R=+13+22.

Cho phuong trinh 9z* +4 =0 c6 cac nghiém Z,, Z,,2y,2,. Gldtricua P= |Zl|+|Zz| +|23|+|z4| la

A.ﬁ. B.§. Q.ﬁ. D.g.
3 3 3 3
Loi giai
zz=gi
Taco 0= +4-0(l) ' ——L | 3 S 2ele,
9 2 2. 3 3
z-=—=i
Suy ra (1) c6 4 nghiém z,, z,,z,,z, va |zl|=|zz|=|z3|=|z4|=§

. 46
Vay P:|Zl|+|22|+|Z3|+|Z4| :—3 .
Biét phuong trinh z> —mz+41=0 (m € R) c6 mot nghiém phtrc z, =4 -5i va z, la nghiém
phirc con lai. S6 phirc 2z, + 3z, 1a?
A. —20+5i. B. —5+20i . C.20-5i. D. 20+5i.
Loi giai
Theo dinh Iy Vi-et ta c6 z,.z, =41 < (4-5i).z, =41 <z, =4 +5i.
Nén 2z, +3z,=2(4-5i)+3(4+5i)=20+5i .
Cho s phire z thoa méan (z—3+7)(z-3-i)=36. Biét tap hop cac diém M biéu dién s6 phirc

w=2z-5+i la dudng tron c6 tam 1 (x,;y,) va ban kinh z,. Gia tri cia x, + y, + z, bang
A. 13. B. 128 C.11. D. 10.
Loi giai
Giastr z=a+bi (a;beR) va w=Xx+yi (x;yeR).
1) (z-3+i)(z-3-i)=36 = [a—3+(b+1)i[a=3-(b+1)i]=36
& (a-3)" +(b+1) =36 (1)

Theo gia thiét: w=2z-5+i < x+yi=2(a+bi)-5+i < x+yi=2a-5+(2b+1)i.



Cau 28:

Cau 29:

— _ a=
:{x_za 5<:> 2 (2).
y=2b+1 b:y—l

2 2
-1
Thay (2) vao (1) ta dugc: (XTJFS— 3j + (yTJr 1) =36 (x— 1)2 + (y + 1)2 =144 .
Suy ra, tip hop diém biéu dién sb phirc w 1a duong c6 tron tim 1 (1; —1) vaban kinh R=12.

Vay x,+y,+z,=1+(-1)+12=12.

Cho sb phirc z thoa |z—2-2i|= J17 . Goi M, m 14n lugt 1a gia tri 16n nhét va gi4 tri nho nhat
cua P=|z+2—i|+2|7—6—3i| . Tinh M +m.

A.M+m=2\/ﬁ(\/§+1). B. M+m=417.

C.M+m:\/ﬁ(\/§+l). Q.M+m=2(J§+Jﬁ).
Loi giai

Pit z=a+bi.

Khi dé: |z-2-2i|=V17 & (a-2) +(h-2) =17 = a* +b* =4a+4b+9.

Suyra P=|z+2-il+27—6+3]=va’ +b* +4a—2b+5+2\a* +b* ~12a—6b+45
= Ba+2b+14 +2V-8a—2b+54 .

Xét ham sb f(t):\/t+14+2\/54—t vol t=8a+2b.

1

Taco f'(t)= - ; VOl te|—14;54].
7() 2Nt+14 24541 [ ]
f'(H)=0<= L o4 osicner=-2
t+14 54—t 5
Béng bién thién
t |—14 —0,4 54
f') 0
/2\/%
F®) 77 \
2V17

Suyra P, =2y85,P. =217.

Vay M+m=2(\/g+x/ﬁ).

Téng cac mddun cua tit ca cac s6 phirc z thoa min |Z|(z —i—l) +2i= (2 —i)z bang?
A. 38 B. 2. C.1. D. 4.

Loi giai



Bai ndy néu ta gid sir z =a+ bi(a,b € ]R) va thay vao phuong trinh sé dwoc mot hé phire tap, vi

vdy ta sé chuyén hudng sang rit z va ldy médun 2 vé dé dwoc phwong trinh hé qud.

Tacéd |z|(z—i—1)+2i=(2-i)z ()= (|2|-2+i)z=|2|+(]2]-2)i (1).
Lay modun 2 vé va binh phuong 2 vé ta duoc: ((|z| —2)2 + 1)|Z|2 = |z|2 + (|z| - 2)2.

Dit ¢ =

z

,t >0 ta co:

((1—2)2+l)t2 = +(t-2)

t =—1 (Loai) :
@(1—2)2(12—1):0@ r=1 :{
r=2

V6i |z|=1thay vao (1) ta duoc Z+l'—1=(2—l')Z<:>Z=—‘=—1.

-~
|
[

V6i |z|=2thay vao (1) tadugc iz=2< z=-2i.
Vay tong cac mon dun ciia cac sd phirc bang 3.

Cau 30: Tap nghiém ciia phuong trinh (2z - 1)2 +16=0 la

A. l+2i;l—2i . B. —l+4i;—l—4i .
4 4 2 2

C. —l+2i;—l—2i . D. l+2i;l—2i ]
2 2 2 2

Loi giai

.
2_1=4i |FTZFH

=
2z—-1=-4i 1

Taco (2z-1) =-16 < (22-1) =(4i) < {
z=—-2i

Vay tap nghiém cua phuong trinh la {% +2i ;% —-2i } .

Céu 31: Trong khong gian v&i hé toa do Oxyz, cho cac diém A(0;-2;-5), B(3;4;4), C(x;y+11)
thang hang. Khi d¢6 3x—y bang
A5 B. 6. C.7. D. 8.
Loi giai
Ta cod Zﬁz(3; 6;9), fo:(x;y+3; 6).
x=2
y=1

i - 3 6
A, B,C thang hang & AB, AC cung phuong @%:%:5 @{
=3x-y=32-1=35.



Vay 3x—y=5.
Cau 32: Trong khong gian v6i hé toa do Oxyz, cho cac diém A(2; 0; —1) , B(O; 3; —2), C(—4; -5; 0).
Tim toa do diém M sao cho MA+2MB+3MC =0.

A. M 2;—2;5 . B.
326

C. M(—é; —i; éj D. M(é;—i; —2]
3726 372 6

Goi M (a; b; ¢). Khi do:
MA=(2-a;—b;~1-c), 2MB =(-2a; 6 —2b;—4—2c), 3MC =(~12-3a; —15-3b; -3c)

Do d6 MA+2MB +3MC =(~6a—10; —6b—9; —6c—5).

5
a=-=
—6a-10=0 ; < s
Theo gia thiét M4 +2MB +3MC =0 1 -6b-9=0 < 1b=-> :M(_?_E;_Ej’
—6c—5=0
5
c=—=
6

Vay M —5;—3;—5)
32 6
Cau 33: Trong khong gian véi hé truc toa do Oxyz , cho cac diém A(3;O;0) , B(O;—4;O) , C(O;O;S) . Tinh

thé tich khéi chop O.4BC.

AV, pe =60 B. V, se =20 C. V, e =30. D. e=iol

Loi gidi
Tacé A(3;0;0) € Ox, B(0;—4;0) € Oy, C(0;0;5) € Oz nén OA4, OB, OC d6i mdt vudng goc
véinhau va O4A=3, OB =4, OC =5.

Suyra V, pc = %OA.OB.OC = %.3.4.5 =10.

Céu 34: Trong khong gian voi hé truc toa do Oxyz , cho 2 vecto i =mi +2 —3k, v =mj +2i +4k . Biét
rang .V =8, khi d6 gia tri cia m bang
A. 3. B. B} C. 4. D. 1.

Loi giai
Taco ii =mi +2j -3k =i =(m;2;-3), V=mj +2i +4k =V =(2m;4).
Theo d& bai ii.¥ =8=2m+2m-3.4=8<m=5.
Chu 35: Trong khong gian véi hé toa do Oxyz , cho hai diem 4(2;-1;3) va B(3;1;-4). Goi M 1a diém
di dong trén duong thang AB . Tinh d6 dai ngan nhit cua OM .



A. V26 B. @. C. 14 p. N2l
4 2 6
Loi giai
o
Ae e o eB

H M

Goi H 14 hinh chiéu ciia O trén dudng thing AB, ta c6 OM > OH
, [03.7]
Khi d6, OM nhé nhat khi OM = OH =d (0, AB) = |_|
AB

Ta co: az(Z;—l;3);ﬁ:(l;2;—7) = [@,E]=(l;l7;5).

‘[@,E]‘_ VP+177+5 210

Vay OM =OH =d (0, 4B) = |E| —\/12+22+(_7)2 6

Céu 36: Trong khong gian v6i hé toa do Oxyz, cho mit cau (S):2x* +2y° +2z° —4x+8y—4=0. Tinh
dién tich mat cau (S )
A. 967 . B. 7x. C. 24r. D. 287 .
Loi gidi
Tacd 2x° +2y° +22° —4x+8y—4=0x"+ )" +2° —2x+4y-2=0.

Mit chu (S) ¢6 a=1;b=-2;c=0;d =2 vabankinh R =@’ +b* +* —d =7
Dién tich mt cau la S =47R* =287 .
Cau 37: Trong khong gian véi hé truc toa do Oxyz, cho mit cau (S): (x+2)2 -l-(y—?a)2 +(z—4)2 =25
x=2t
va duong thang d:{y=3—1 (1eR). Goi (P) la mat phang chira duong thing d va cat mat
z=1+2¢
cau () theo giao tuyén la duong tron (C). Khi duong tron (C) 6 ban kinh nho nhét thi mit
phang (P) di qua diém nao sau day?
A A(131431). B. B(2;-1:2). C. C(-1:81) D. D(2:3;1).

Loi giai



Cau 38:

Mit cau (S) cotam 7(-2;3;4) vabankinh R=5.
Puong thiang d di qua diém M (0;3;1) va c6 vecto chi phuong U= (2;-12).
Goi H,K lan luot 1a hinh chiéu cia / trén mit phing (P) va duong thang d thi IH <IK .

K(2t;3—1;1+21)

T voi IK =(2t+2;—1;2t-3)
IK Lu

Do K 14 hinh chiéu cua 7 trén d nén {

> IKii=0 & d+4+1+4—6= 0@z_§:>11<(% ‘?2 _723)

Puomg tron (C) ¢6 ban kinh r =R — IH* =25 117 >25— IK> .

Suy ra r nhé nhét khi va chikhi H =K < (P) LIK .

Khi d6 (P) di qua M (0;3;1) va c6 mot vecto phap tuyén 1a n=9IK =(22;-2;-23). Do dé
phuong trinh cua (P) la: 22x-2y—23z+29=0.

Ta thay diém A e (P), cac diém B,C,D khong nam trén (P).

Vy khi dudng tron (C) c6 ban kinh nhé nhat thi mat phang (P) di qua diém 4(1;14;1).

Trong khong gian véi hé truc toa do Oxyz, cho hai mit phing (P):2x-y-2z+7=0,
x—1 y—4 z+42

(0):3x+4y-9=0 va duong thang d : . Mit cau () c6 tim ndm trén

-1
duong thang d va tiép xtic voi ca hai mit phang (P).(0 ) c6 phuong trinh 1a
5V 7Y 1) 25 A% 1Y 5
A | x+— | +|y+—| H|lz+=- | =—. B. x—— y——| tlz——=| =—.
2 2 2 4 2 2 2
2 2
C. D. x+ y_2 + z+2 =£.
2 2 4

Loi giai

Goi I(1+3t;4—¢;-2+5t)ed 1a thm mit clu (S).



Do mit ciu (S) tiép xuc v6i ca hai mit phang (P),(Q) néntaco d( (P )) = d([,(Q))
<:>|(2+6t)—(4—t)—(—4+101)+7|_|(3+9t)+(16 4t)-9)

Ja+1+4 - J9+16

Khi d6 mit cau (S) co tdm I(%;%;%j va ban kinh R =% )

elr-3=+2] <:>t=l
2

2 2 2
) 5 7 1 25
Vay phuong trinh matcau (S) la: | x——| +| y—=| +|z—=| =—.
PR '()(2](y2)(2j4
Cau 39: Trong khong gian Oxyz, cho mit cdu (S,) c6 phuong trinh: (x—3)2 +(y—1)2 +(z—4)2 =25,
mit cau (S,) c6 phuong trinh: (x+5) +(y+1)" +(z+12)° =169.. Goi (&) 14 tiép dién chung
clia ca hai mit cau trén, song song va cach truc Oy mot khoang nho nhat. Biét phuong trinh mit
phing (a): ax—bz+c=0, a,b,ceN va a 13 s6 nguyén t6. Khi d6 a +5+c bang:
A. B9 B. 49. C. 59. D. 69.
Loi giai
+) Mit cau (Sl) co tam [, (3;1;4) vaban kinh R =5.
+) Mit cdu (S,) c6 thm I, (~5;—1;—12) va ban kinh R, =13.
+) Do mét phing (a)song song truc Oy nén phuong trinh (@): ax+bz+c =0
(a2 +b*>0,c# 0)
+) (e) 1a tiép dién chung ciia ca hai mat cau (S,) va (S,)

pa+dbid Ba+4b+c]
- d(1;(a))=R o) V@b’ - W=5 (1) .
d(I;(a))=R, ||-5a—12b+c|

2

=13 |133a+4b+c|=5|-5a-12b+| (2)
a’+b’

{13(3a+4b+c)=5(5a+12b—c) {14a—8b+180=0 [7a—4b+9c=0
Taco (2) < 2=

=
13(3a+4b+c)=—5(5a+12b—c) 64a+112b+8c=0 8a+14b+c=0

C_—7a+4b
sl 9

c=—-8a—14b

3a4dhy 1at4b

9
Ja* +b?

—Ta+4b

‘—5<:>|4a+8b|—9\/a2 +b

THI1: V6i ¢ =

, thay vao ta dugc: <

& 65a° —64ab+17b> =0

TH2: V6i ¢ = —8a —14b, thay vao ta dugc:

3a+4b—8a—14b)|
\/a2 +b°

V6i b=0= c=-8a taco phuong trinh (¢, ):x-8=0.

b=0
4a+3b=0

=5 |a+2b|=Va’ +b* < dab+3b :Oc{



Cau 40:

Cau 41:

V6i 4a+3b=0 chon a=3=b=-4=c=32 taco phuong trinh (,):3x—4z+32=0.

Ta c6 d(Oy,(al)):d(O,(al)):Q:S; d(0y.(a,))=d(0,(a,))= \)% :%.

Ta thay d(Oy,(oz1 )) > d(Oy,(oz2 )) nén mit phang théa yéu cau 1a (a,):3x—4z+32=0.

Vay a+b+c=3+4+32=39.

Chon dép an A.

Trong khong gian véi hé truc toa do vuong gdc Oxyz cho hai diém A(l;l;l) , B (—2; —2;—2) va
mit phing (P):x+y—z—-3=0.Mitcau (5) thay dbi di qua hai diém 4, B va tiép xtc véi (P)
tai diém C . Biét rang C ludn thudc mot dudng tron ¢d dinh. Ban kinh » ciia duong tron d6 bang
A r=4, B. r=42. C.r=+30. D.r=6.

Loi giai

P\ D C

+) Ta nhéan thdy hai diém 4, B nam cing phia v&i mat phang (P) Goi D la giao diém cia
dudng thang AB va mit phang (P).
x=1+t
Phuong trinh tham s cua dudng thing AB:{y =1+¢. Tham sb ¢ ung véi giao diém cua dudng
z=1+t¢
thang AB va mit phang (P) 1a nghiém cua phuong trinh
(P):(1+¢)+(1+¢)—(1+1)-3=0=1=2
Suy ra ABN(P)=D(3;3;3) la diém cb dinh.
+) Theo tinh chat phuong tich ta suy ra
DC* = DADB=30=> DC =+/30..
Vay C luén thudc mot duong tron ¢d dinh tim D voi ban kinh 7 = J30.
Viét phuong trinh tong quét ctia mit phiang (P) di qua diém 4(0;1;2) va vudng goc v6i hai mét
phiang (Q):x+y+z-1=0, (R):2x—y+3z+5=0.

A. (P):4x+y-3z+5=0. B. (P):4x-y-3z+7=0.
C.(P):4x—y+3z-5=0. D. (P):4x+y+3z-7=0.
Loi gidi

+)Mit phiang (P) ¢6 véc-to phap tuyén Z = [@,a} =(4;,-1;-3).



Cau 42:

Cau 43:

Cau 44:

+) Phuong trinh tong quét cta (P):4(x—0)—(y-1)-3(z-2)=0<4x—y-3z+7=0.
Trong khong gian Oxyz, cho ba diém A(1;2;-1), B(-L1;-1), C(0;—1;1). Mit phing (4BC)

c6 phuong trinh la
A. x+2y—z-1=0. B. 2x+4y+5z+1=0.

C.x+2y—-z+1=0. D. 2x+4y+5z-1=0.
Loi giai
Ta co: ZEz(—Z;—l;O), ZE‘:(—l;—3;2).
Mit phang (ABC ) di qua ba diém 4, B va C nén co6 mot vecto phéap tuyén la:
n=| 4B,AC|=(-245).

Véy phuong trinh ctia mit phang (ABC) la:

2(x-1)+4(y-2)+5(z+1) =0 2x+4y+5z-1=0.

Trong khong gian Oxyz , cho ba diém A(-1;1;2), B(2;-1;1), C(-1;2;0). Mat phang di qua A4

va vudng goc v6i duong thang BC ¢6 phuong trinh 1a

A, —x+y+z-4=0. B.—-x+y+z+4=0. C.Bx-3p+z+4=0, D.3x-3y+z-4=0.
Loi giai

Tacod BC =(-3;3;-1).

Mit phang (P) di qua 4 va vudng goc v6i dudng thaing BC nén c6 mot vecto phap tuyén 1a

2:%:(—3;3;—1).

Vay phuong trinh ctia mét phang (P) 1a

—3(x+1)+3(y—1)—(z—2):0<:>—3x+3y—z—4=O<:>3x—3y+z+4=0.

Trong khong gian Oxyz, cho cac diém A(a;O;O) , B(O;b;O), C(0;0;2) ,trong d6 a, b la cac

s6 hitu ty duong va mit phing (P) c6 phuong trinh 2x—2y+1=0. Biét ring mit phang(4BC)

B 14 2 N 2
vudng goc v6i mat phang (P) va khoang cach tir O dén mit phang (A4BC) bing —— . Gia tr

V33

a.b bang
Al B.O. c.B
4
Loi giai
Vi 4eOx, BeOy, CeOz, a>0, b>0 nén phuong trinh mit phang (ABC) c6 dang

E_}_Z_Fi:].
a b 2

d(0,(4BC)) == -1 I

1
& —+—
jz NEER A

=8

98]
W
—
Q=
N————
(38
+
VR
S| =
N—
(8]
VR
N | —



Véc to phap tuyén ctia mat phang (4BC) va mit phang (P) lan luot la n, :(13%%j va
a

n, =(2;-2;0). Vi mp(ABC) L mp(P) = n.n, =0<:>%—%=0

Tu, va diéu kién ¢ >0, b>0 =

1
Vay ab=—.
ay 2

Cau 45:  [Mikc @9 3] Cho diém M (1;-2;3) va mit phing (P):2x+y+3z+5=0.Goi A 1ahinh chiéu
vuong goc cia diém M 1én mat phang (P) diém H' d6i xing véi H qua mit phang (Oxz)

cOtoaddla

A. H'(=1,0,0). B. H'(-1-30).  C[H(EEZ0)l . H'(0:;-30).

Loi giai

Goi d 1a duong thang di qua M (1; —2;3) va vuong goc voi (P) khi d6 d c6 mot vec to chi

x=1+2t
phuong 14 u = n, =(2;1;3) . Phuong trinh duong thang d : {y=-2+1.
z=3+3¢
Goi H 1a hinh chiéu cua M 1én (P).
x=1+2t (1)
y==2+t (2)
Toa dd H thoa man hé phuong trinh: .
z=3+3t (3)
2x+y+3z+5=0 (4)
x=-1
Thay (1),(2),(3) vao (4) ta dugc: 14t =-14 & t=-1 tim dugc { y =-3 suyra H(—l;—3;0).
z=0

Do d6 toa d6 diém H'(—1;3;0) 1a diém d6i xtng voi H(—l;—3;0) qua mit phang (OXZ) )
x+2 y-2

-1 1 z-2 ,
Yz ;d, =—=£.Du’(‘mgthéngd
1 1 2 2 1 1

di qua diém M (1;1;1) dong thoi vudng goc voi d, va d, c6 phuong trinh 13

Céu 46: Cho hai duong thing chéo nhau d, : >

x=1 y-3 z-1 B x+1 y+1 z+1
1 1 | | 3 1

C. x—1:y+1:z—1. D.
-1 3 -1 =

Loi giai

A.




Cau 47:

Puong thang d, c6 mot vecto chi phuong 1a LTI = (1;1;2), dudng thang d, c6 mot vecto chi
phuong 13 u, = (2;51).
Puong thing d vudng goc véi d, va d, cd mot vecto chi phwong 14 u = [uj,rjl] =(L,-3;1), di

qua M (1;1;1). Phuong trinh dudng thang d 1a xl—l = y—31 = Zl_l .

. -1 +1 -2 +2 -2
Cho hai duong thang dlle =y1 =Z2 ;a’zzx2 =y1

diém M(l;l;l), vuodng goc voi d, va cat d, co phuong trinh la

=%. Puong thing d di qua

x=7 y+9 z-1 B x+1 y+1 z+1

A. . B.
1 1 1 7 -9 1
C. x—1=y+l=z—l. D. x—1=y—1=z—1.
—7 9 -1 T 7 -9 1
Loi giai

Goi (P) la mdt phang di qua M va vudng goc véi d, (Q) la mit phang chita M va d,. Khi
d6, giao tuyén cua (P) va (Q) chinhla 4 .

Puong thing d, c6 vecto chi phuong la ifl = (1; L; 2). uT 1a mot vecto phap tuyén cua (P) .
Pudng thing d, ¢6 vecto chi phuong 1a u, = (2;1;1), di qua diém N(-2;2;0).

Ta co Z\TNz(—3;l;—1).

Pit n= [M—N,uj} =(21,-5). n 12 mot vecto phap tuyén ciia (0).

Suy ra duong thfmg d c6 mét vecto chi phuong la u= [ﬁ,u_;} = (7;—9;1) ,diqua M (1; 1;1).

. -1 y-1 z-1
Phuong trinh duong thang d 1a x7 =2 9 = Zl :

Cach 2:

x=-2+2t
Puong thang d, c6 phuong trinh tham sd: dy= 2+ ¢.

z= t
Gia st H 1a giao diém clia d va d,. Thé thi H(-2+262+11).
]\7[—7:(—3+2t;1+t;—1+t).

Puong thing d, co vecto chi phuong 1a u, = (1;1; 2).

— = = 4
Do d, 1L d nén u, LMH<:>u1.MH:O<:>—3+2t+1+t—2+2t:0c>t:g.

Suy ra duong thang d c6 mot vecto chi phuong 1a u=-5MH = (7;—9;1) ,diqua M (1;1;1).



Cau 48:

Cau 49:

. -1 -1 z-1
Phuong trinh duong thang d 1a x7 p4 9 =Zl .

x=t
Trong khong gian véi hé toa doOxyz, cho hai dudng thang chéo nhau d,:{y=1-2¢,
z=2
x=3-1
d,qy=3t (t,t' € ]R) . Viét phuong trinh duong thing A 1 dudng vudng goéc chung cua hai
z=1+¢'

duong thang d, va d, .

A x=2 y-1 z+1 x+1 y-1 z+2
T -1 2 2 1 -1

C. x+2 =y+1= z—l. D.
1 -1 2

Loi giai

Goi AB 1a doan vudng goc chung cua hai dudng thang d,;d,.

Taco Aed, = A(t;1-21;2); Bed, = B(3-1';31";1+1')

= AB=(~t'—t+3;3'+ 2t - 1;¢' - 1).

(4BLld, |ABu, =0 (7/4+5=5 [(£=0

: = 1 s S
AB.u, =0 11+7t="7 t=1

= A(L,-1;2); 4B =(2;1;-1).

Vay phuong trinh duong thang A di qua A(1;—1;2) va c6 vecto chi phuong AB = (2;1;-1 )
x-1_ y+1 z-2

2 1 -1
Trong khong gian Oxyz, cho hai diém A(L1;2), B(L3;-1) va mit phang

la:

(P) :x+2y—2z+5=0. Viét phuong trinh duong thing A qua 4 song song voi mit phang (P)

va c¢6 khoang cach dén B 16n nhat.

A. A:sy=1-3¢. B. A:qy=1+3¢.
z=2+2¢ z=2-2t
x=1-2¢
D. A:iy=3-3¢ .
z=—1+2¢
Loi gidi

Taco: 142.1-2.2+5%0=>diém A khong thujc mit phang (P).

Goi () 1a mat phang qua A(1;1;2) va song song vé6i (P):x+2y—2z+5=0.



= (&) c6 phuong trinh x+2y—2z+1=0.

Goi # 1a hinh chiéu cia B 1én dudng thang A.

Taco d(B,A)=BH < AB.
= BH dat gia tri Ién nhat1a AB khi H=A4.
+) Pudng thang A thudc mét phang (@) nén ny =n, =(1,2;-2).
+) Puong thing A vudng goc v6i AB nén ny = 4B =(0;2;-3).
= u, :[@,ZE} =(-2:3;2).

x=1-2¢t

Phuong trinh duong thing A:<y=1+3r = D(5-5;-2) € (A).
z=2+2t

x=5-2¢
Vay phuong trinh duong thang A:4y=-5+3t.
z==2+2t

Céu 50: Trong khong gian Oxyz cho mit phang (a) :x—-y+4=0 va dudng thang d :xT—l = yT—l = %
Puong thang A nam trong (a) di qua A(—1;3;2) va tao voi d mot goc 45° c6 phuong trinh 1a

(x=—1—t x=—1—t
A. B.1y=3+¢ hoic {y=3+t
z=2 z=2+424¢
x=—1—t x=—1—t [(x=—1+1 x=—1+t
C.1y=3+4+2t hoac {y=3+1t . D.{y=3—t hoiac{y=3+t¢
z=2 z=2-24t z=2 z=2-24t
Loi giai

+) Goi u = (a;b;¢) voi @® +b” +¢* >0 1a véc to chi phuong clia A.
+) Ac(a) 6 véc to phap tuyén Z=(1;—1;O):>z;.;=0c>a—b:0<:>a=b:>;:(a;a;c).
+) d ¢6 véc to chi phuong LTd' =(12;2).

|a+2a+20| 1 |3a+20| 1

3Wa'+a’+c’ _$©3\/2a2+02 ﬁ
<:>\/§|3a+2c|:3\/m <::>2(9a2 +12czc+4c2)=9(2a2 +c2) < 24ac-c* =0
c=0

c=24a’

+) Goi ¢ 1a goc gitta d va A, tacd cosp =

c>c(24a—c):O<:>{



x=-1+t
+) V6i ¢=0, chon a=1 tadugc u=(1;1;,0)=d:{y=3+¢ .

z=2
x=-1+¢
+)V6i c=24a,chon a=1=c=24=u=(L1;24)=d:{y=3+1 =M (0;4;26)ed.
z=2+241
x=t
Hay d:yy=4+¢
2=26+24

Vay chon phuong an A.



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Caiu 5:

Ciu 6:

Cau 7:

Caiu 8:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 35 (100TN)

Dién tich S ctia hinh phing gidi han béi cac duong y = x> —5x, y=x—x°, x=1 va x =2 bang

A Ss=13 B.S=9. C.s=". p. s=14
3 3 3

Néu [ f(t)dt=3 va j f(u)du==2 thi [ f(x)dx bing

A. -5. B. 5. C.1. D. -6.
Phat biéu ndo sau day sai?

1 )
A. I—dx:1n|x|+C. B. Icosxdx:smx+C.

b

x+1 1
C. J.e"dxze +C. D.I —dx=tanx+C.
x+1 cos” x

Trong khong gian Oxyz, cho hai vecto &(1;—1; —2) va \:(l; 2;1). Tinh goc ¢ gitra hai vecto u
va v,

A. 150°. B. 60°. C. 120°. D. 30°.

Trong khong gian Oxyz , cho hai diém A(2; 3; —1) va B (4;5; 3) . Piém nao sau day 1 trung diém
cta doan thang AB.

A. N(341). B. 0(6:8;2). C. P(2;2;4). D. M (L;1;2).

Cho s6 phitc z théa man z(1-2i)—3+4i=4+5i. Tinh tong phan thuc va phan ao ca sd phire

z.
A. 4. B. -2. C. 4. D. 2.

Trong mit phang Oxy, tim tap hop diém biéu dién s6 phirc z thoa min |z +1- 2i| =3
A. Duong tron tam I(l; —2) ,bankinh »=9.  B. Pudng tron tam I(—l;2) ,ban kinh r=9.
C. Pudng tron tam /(1;-2), bankinh »=3.  D. Pudng tron tam /(-1;2), ban kinh »=3.

S6 phirc lién hop cua sb phirc z = 12+ 3.1 —2i(3+4i) la
+i
A.z=9-5i. B.z=9+5i. C.z=-9+5i. D. z=-9-5i.

Cho hai ham s6 y = f(x) va y = g(x) lién tuc trén doan [a;b]. Goi (H )14 hinh phing gi6i

han boi d6 thi cac d6 thi y= f(x) , V= g(x) va cac dudong théng x=a,x=>b.Dién tich Scua

hinh phang (H ) duogc tinh theo cong thurc nao sau day
b b b

A 5= fl7 (o= Jle (o B 5= ][/ (- o
a a a

C.s=

jz[f(x)—g(x)]dx‘. D. S='?|f(x)—g(x)|dx.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Trong khong gian Oxyz, cho duong thing d :x—_z1 = % =z _12 va mit phang

(P) :x+y+2z-1=0. Goc giita duong thang d va mit phang (P) bang

A. 30°. B. 90°. C. 60°. D. 45°.
x=1+t¢ x=2+2t

Trong khong gian Oxyz,cho hai dudng thang d : y=2t vad':{y=3+4¢.Phat biéu nao sau
z=3—¢ z=5=-2¢

day dung?

A. dva d' chéo nhau. B. d va d' cat nhau tai mot diém.

C. dva d' tring nhau. D. d va d' song song nhau.

Trong khong gian Oxyz, cho hai mit phang (P) :x=3y+2z-3=0 va
(Q):2x—6y+m’z+m—4=0. Tim tat ca cac gid tri thyc cua tham s6 m dé hai mat phing (P)
va (Q) song song nhau.

A m=2vm=-2. B. m=-2. C.m=2. D.m=4vm=-4.
Goi z va z, la hai nghiém phtic ctia phuong trinh z*> —4z+13=0. Tinh gia trj cta biéu thirc

(zl+zz)2.

A. 25. B. 16. C.0. D. 4.
Trong khong gian Oxyz, tich c6 huéng cua hai vecto i =(1;2;4) va v =(3;-11) la
A. [u,v]=(-6;11;-7). B.[u,v]=(6-11;7). C.[u,v]=(6;11;=7). D. [i,v]=(6;-11-7).

Trong khong gian Oxyz, phuong trinh nio sau day khong phai 1a phuong trinh mat cau?

A X+ + 22 +2x—4y+2z+17=0. B. X’ +)°+2° +4y+6z+5=0.
C.x’+y’+z2°-2x+y—-z=0. D. x’+y*+2°-1=0.
Trong khong gian Oxyz, cho mt phang (a): T+l2+§—l Vec to nao sau diy khong 1a vec
to phap tuyén cua (a)?
An(l_llj B. n, (1,-2;3) C. | ~lii-1 D. n,(6;-3;2)
= |. ., (1,-2;3). Ly —L=—— 1. . ny(6;-3;2).
7273 : 7273 ’

Dién tich S ctia hinh phing gii han boi d6 thi ham s6 y = f (x) (tham khao hinh v€), truc Ox

va céc dudng thang x=a;x=b(a<b) 1a

b

A S=-[f(x)d.  B.S= nj T ax. c.s= j[f )] dx. D. S= jf

Trong khong gian Oxyz, tim phuong trinh mat ciu (S )c() tam [ (1;—4;2)V£1 ban kinh R = 4.
A. (S):(x—l)2 +(y+4)2 +(z—2)2 =4, (S) ( - ) +(y+4)2 +(Z_2)2 =16.
C. (S):(x+1) +(y—4) +(z+2) =4. D. (8):(x+1) +(y—4) +(z+2)" =16.

Tim ho nguyén ham ctia ham s f(x) =2sinx—x.



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

2 2

A. 2cosx—1+C. B. 2cosx—x*+C. C. —2cosx—%+C. D. 2cosx—%+C.

Tinh tich phéan [ = (1+cot2 x)dx .

QN = |y

A 1=1-+3. B. [=3-1. C.I=1. D. [=43.

Mot 6 t6 dang chuyén dong déu voi van toc 10 (m/s) thi nguoi 1ai xe dap phanh. Tir thoi diém
d6, 6 to chuyén dong chim dan déu véi van toc v(r) =—-27+10 (m/s), trong d6 ¢ 1a khoang thoi
gian tinh bang gidy, ké tir lic bat dau dap phanh. Tinh quing duong 6 t6 di chuyén dugc ké tir
lac dap phanh dén khi ding han.

A. 24 (m). B. 21 (m). C. 25 (m). D. 16 (m).

Cho hinh phang giéi han cac duong y =5,y =0,x=-2 va x =2. Thé tich khi tron xoay tao
thanh do hinh phang D quay quanh tryc hoanh duoc tinh theo cong thirc ndo dudi day?

5% dx.

A.V=J2'52xdx. B.V=ﬂj25xdx. C.V=7zJ2.5xdx. D.V=j
2 2 -2 -2

Trong khong gian Oxyz , khodng céch tir diém M (2;0;1) dén duong thang d : xl—l ==

bang

12
A.%. B. J12. C.\3. D. 2.

Trong khong gian Oxyz , diém M (3;4;—2) thudc mit phang ndo trong cac mit phang dudi
day?

A.(P):z=2=0. B. (Q):x+y-7=0.
C.(R):x+y+z+3=0. D. (§):x-4=0.

Cho sb phirc z = a+bi (a,b € ]R) . Modun cua z dugc tinh bdi cong thirc nao sau day?

A. |Z|:\/a2+b2 ) B. |Z|:a2+b2. C. |Z|= az+(bi)2 . D. |Z|=|a+b|.

Trong mit phiang Oxy, diém biéu dién cta s6 phirc (\/5 +1 )3 la
A. N(80). B. M (0;8). C. 0(v31). D. P(3433).

Tinh thé tich vat thé giéi han boi hai mat phiang x =0 va x =3, biét thiét dién cua vat thé khi cat

bi mét phang vudng goc véi truc Ox tai diém c6 hoanh do x (0 < x <3) 1a tam gidc vudng cén
¢6 canh huyén bang | /2(9 - xz)

AV =9r. B. V' =18. C.V=9. D.V=18x.

Mot chat diém dang chuyén dong véi van toc v, =15(m/s) thi ting toc véi gia tdo
a(t)=t"+ 4t(rn/s2 ) . Tinh quing duong chat diém d6 di duoc trong khoang thoi gian 3 gidy ké

tir lac bat dau ting vén tdc.



Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

A. 69,75(m). B. 87,75(m). C. 67,25(m). D. 68,25(m).

Cho sb phiic z=a +bi(a,b € ]R) . S6 phirc z* 1a s6 thuan ao khi va chi khi

A.a’+b =0. B. b=0. C.a=0. D. a’-b* =0.

Hinh phing giéi han béi duong cong y =1—x* va Ox khi quay quanh Oy tao thanh vt thé c6
thé tich I

_167r
15

18 byl

A V=L, B.V C.v==—.
2 15 2

Trong khong gian Oxyz, tinh khoang cach d giita hai mat phang (P) 2x+2y—-z+1=0 va
(Q):2x+2y—z—5=0.
5

A. d=6. B. d=2. C.d=3 D.d=4.

x+1 y-1 z-2
2 1 3
(P):x—y—z-1=0. Viét phuong trinh duong thang A di qua diém A(1;1;-2), song song véi

Trong khong gian Oxyz,cho duong thing d: va mit phang

mit phang (P) va vudng goc v6i duong thang d

x+1 y+1 z-2 x+l y+1 z-2

A. A B. A: .
-5 -3 2 5 -3
C.A:x—lzy—1:z+2' D.A:x—lzy—1:z+2”
2 -5 -3 2 5 -3
Biét F(x)=e"—2x" la mdt nguyén ham cau ham sé f (x) trén R. Khi d6 .[f(Zx)dx bang:
A. %e“ -x"+C. B. 2¢" —4x* +C. C. %e“ —4x*+C. D.e”-8x"+C..
Cho ham s f(x) c6 dao ham lién tuc trén R , théa man f(O) =—1va f(l) =1. Tinh tich phan
1
]=Jf'(x)dx.
0
A. I =-1. B. I=-2. C.I1=1. D.1=2.
Trong mat phéng Oxy,goi 4, B, C lan luot 1a cac diém biéu dién cho cac sb phuc z, = (2—1’)2

, 2, =3+ai, z, :% (v6i aeR). Tim a dé AABC vudng tai B.

A.a=4. B.a=-4va=-1. C.a=-4. D.a=-1.

Trong khong gian Oxyz,viét phuwong trinh mit phang tiép xac véi mat cau
(S) : (x —1)2 +y° 4 (z + 2)2 =6,dong thoi song song v6i hai duong  thiang

:x—2=y—1=z—l va d :£=y+2=z—2

3 -1 -1 | 1 -1
xX—-y+2z+9=0
A. Yz .
x—y+2z-3=0

dl

x+y+2z49=0
B. x+y+2z+9=0. C. D. x—y+2z-3=0.

x+y+2z-3=0"



Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Trong khong gian Oxyz, cho hinh binh hanh MNPQ, biét M (1;1;1), N(-2;2:3) va O(=5;—2:2)
. Toa d6 diém P 1a

A. P(-8;—1;4). B. P(4;5;2). C. P(-2;-3;0). D. P(2;3;0).

Cho phuong trinhz> +az+b5=0 c6 mot nghiém phirc 2—-3i (@ va b 1a cac sb thyc). Tinh
T=ab.

A. T=4. B. T=52. C.T=13. D.T=-52.

Trong khong gian Oxyz, cho hai diém A(0;2;3) va B (0;4;— l) . Mit ciu ¢ tAm ndm trén tryc
Oy d6ng thoi di qua hai diém 4 va B c6 ban kinh R bang

A. R=+5. B. R=410. C.R=47. D. R=1.
x=6-4¢

Trong khong gian Oxyz, cho diém A(1;1;1) va duong thang d:{ y =-2—¢ . Tim toa d¢ hinh
z=—1+2¢t

chiéu vudng goc cua diém A 1én duong thang d
A. (10;-1;-3). B. (6;-2;-1). C. (2-3;1). D. (1;-1;0).

Cho s0 phtic z = C6 bao nhi€u s6 nguyén am cua m dé |z—i| <1?

m-+1
A. 3. B. Vo sb. C.1. D. 2.

1
Cho ham s6 f'(x) c6 dao ham lién tuc trén doan [0;1] thoa f(1)=2 va J.x.f’(x)dx =1. Tinh
0

1
tich phan [ = J.f(x)dx.

0
A. I=-3. B. =3 C.I=-1. D. I=1
Trong khong gian Oxyz , cho mat phfmg (P) cit cac truc toa do 1an luot tai cac diém 4, B va
C . Biét tryc tAm ctia tam gidc ABC 1a H (3;—1;1). Phuong trinh mat phang (P) la
A.3x—y+z-11=0. B.3x-y+z+1=0. C.x—p+3z-7=0. D. x+3y-z+1=0.
Xét cac s6 phirc z thoéa man diéu kién (z+1—i)(2—i) 1a s thuc. Biét tap hop cac diém biéu

din hinh hoc ctia z 1a mot dudng thang. Hé sd goc cuia dudng thang d6 1a
A. -1. B. 2. C. 2. D. 1.

Cho elip (E) c6 do dai truc 16n 4,4, =8 va do dai trucnhd BB, =6.Goi M, N, P, O lacéc

diém trén elip (E ) sao cho MNPQ 1a mét hinh vudng. Goi S 1a dién tich ctia phan duoc gach
chéo (tham khao hinh v¢).



Cau 46:

Cau 47:

Cau 48:

Cau 49:

N,

\\\_\
_

Ly
\
\
\
\
\
\
\

r

Z A
T
P ’ Q
B
Ménh d& nao sau day dung?
A. 26<85<27. B. 5<§<9. C.13<§5<14. D. 6<S<7.
C6 bao nhiéu gia tri thyc ctia tham sé m dé phuong trinh z> +m =0 c6 nghiém phirc z, thoa
man |ZO| =1?
A. 3. B. 1. C. 2. D. 4.
A . 4R . 8 4 8 P .
Trong khong gian Oxyz, cho hai diém A(2;2;1) va B 333 ) Bict diem I (a;b;c) la
tam dudng tron ndi tiép tam gidc OAB . Tinh gia tri biéu thic S =a+b+c.
A. S=1. B. §=3. C.S5=2. D. $=0.
Trén nira duong tron dudng kinh 4B ldy diém C sao cho goc CAB =30°. Tinh thé tich vat thé
tron xoay tao thanh khi quay hinh phang (H ) ( phan gach chéo trong hinh ) quanh dudng thing
AB biét AB=4
c
A I B
53 32 14
A.V:Zﬂ'. B.V=—mx. C.V=—7mr. D.V=—r.
3 3 3 3
x=1+t
Trong khong gian Oxyz, cho duong thang d :qy=1+2t. Goi d, la duong thang qua diém
z=1-2t
A (l; 1;1) va ¢o vecto chi phuong u = (3;0;4). Puong phan giac cia goc nhon tao bdi hai duong
thang d, va d, c6 phuong trinh la:
A_d;x_l=y_1=2_1. B.d'x—lzy—lzz—l.

-1 3 7 5 1
:x—3:y—2:z—2. D.d:x—3:y+4:z—12‘
2 1 1 2 -5 11

C.d




CAu 50: Xét cac sb phuc z va w thoa man |w—i| =2 va z+2=iw.Goi M va m lan luot 1a gia tri 16n
nhat va gia tri nho nhit caa |Z| Tinh M +m?

A. 6. B. 2. C.5. D. 4.



BANG DAP AN

Cau 1:

Ciu 2:

Cau 3:

Cau 4:

HUONG DAN GIAI CHI TIET

Dién tich S cuia hinh phang gi6i han béi cac duong y =x* —5x, y=x—x>, x=1 va x=2 bang

A.S=E. B. §=9. C.S=Z. D.S=ﬂ.
3 3 3

Loi giai
Chon A
Dién tich hinh phang can tinh la:

2 2 13
S :”(x2 —5)6)—(x—xz)|dx:J‘|2x2 —6x|dx:?.
1 1

Néu [ f(6)dt=3 va [ fa)du=-2 thi [ £(x)dx bing

A. -5, B.S. C. 1. D. -6.
Loi giai
Chon C
1 1
j f(dt=3 j F(x)dx=3
Vi 0 — 0

j fu)du=-2 j F(x)dx=-2

2 1 2
Taco [ f(x)dr=[ f(dx+ [ f(x)dx=3+(-2)=1.
0 0 1
Phét biéu nao sau dy sai?
A. Ildx =Inx|+C. B. jcosxdx =sinx+C.
X

x+1
€

+C. D.J ! dx=tanx+C.

& '[ erdv= cos’ x

x+1
Loi gidi

Chon C

Phuong an C sai vi Jexdx =e" +C.

Trong khong gian Oxyz, cho hai vecto &(l;—l; —2) va ;(1;2;1). Tinh goc ¢ gitra hai vecto u

va v.
A. 150°. B. 60°. C. 120°. D. 30°.
Loi giai



Ciu 5:

Cau 7:

Cau 9:

Chon B

L1+(-1).2+(-2).1 1

w -~ = =120
Wy e (2P

Trong khong gian Oxyz , cho hai diém A4 (2; 3; —l) va B (4;5; 3) . Diém nao sau day 1a trung diém

cosQ =

cua doan thang AB.

A. N(3:41). B. 0(6;8;2). C. P(2;2;4). D. M (L;1;2).
Loi giai

Chon A

2+4_3+5_—1+3j:(3;4;1)
2727 2

Cho s6 phirc z théa man Z(l -2i ) —3+4i=4+5i. Tinh tong phan thyc va phan ao cta s phirc

3 3

Trung diém cua doan théng AB c6toaddla (

zZ.

A. 4. B. -2. C. -4. D. 2.
Loi gidi

Chon B

z(l—2i)—3+4i:4+5i<:>Z:—4+51+3_4l —1+3i.

1-2i

Suy ra z=1-3i. Véy tong phén thyc va phan 4o cua sé phic z 1a -2.

Trong mit phang Oxy, tim tap hop diém biéu dién s6 phirc z théa man |Z +1- 2i| =3

A. Puodng tron tam /(1;-2), bankinh #=9.  B. Puong tron tim /(—1;2), ban kinh r=9.

C. Duong tron tam I(l; —2) ,ban kinh »=3.  D. Puodng tron tdm I(—I;Z) , ban kinh »=3.
Loi giai

Chon D

bat Z=x+yi(x,y € R)

:>|Z+1—2i|:3<:>|(x+l)+(y—2)i|=3<:>\/(x+l)2+(y—2)2 =3 (x+1) +(y-2)" =9
= Tap hop cac diém biéu dién sd phic z thoa didu kién |Z+l—2i| =3 la: Puong tron tdm

I(—l;2), ban kinh »=3.

S6 phirc lién hop cua sb phirc z=12+3_i—2i(3+4i) 1a
+1
A. z=9-5i. B. z=9+5i. C.z=-9+5i. D.z=-9-5i.
Loi giai
Chon B
. 13\ (2 .
Ta co: z=1+3f—2i(3+4i)=w—2i(3+4i):5+51+8—6i=9—5i
241 (2+1)(2—l)
= 2=9+5i

Cho hai ham s6 y = f(x) va y=g(x) lién tyc trén doan [a;b]. Goi (H )14 hinh phéng gi6i



Cau 10:

Cau 11:

han boi d6 thi cac do thi y= f(x) , V= g(x) va cac duong théng x=a,x=>b.Dién tich Scua

hinh phing ( H ) dugc tinh theo cong thirc ndo sau day

A=l (e Tla(ofic B 5= [/ () sk

C. S:j.[f(x)—g(x):'dx‘. D. S=T|f(x)—g(x)|dx.
Loi giai

Chon D

Dién tich S cua hinh phang (H) la hinh phing giéi han boi do thi cac d6 thi y=f(x),

b
y = g(x)va céc dudng thing x =a,x=>» dugc tinh theo cong thirc: S = I|f(x)—g(x)|dx

a

Trong khong gian Oxyz, cho duong thang a’:x—_lzlzz_2

-2 1 -1
(P):x+y+2z-1=0. Géc giita duong thing d va mit phang (P) bang
A3

va mit phang

0°. B. 90°. C. 60°. D. 45°.

Loi giai
Chon A
a(-2;1;-1) 1a VTCP ctiad

n(1;1;2)1a VTPT cua (P)

Goi « 1a géc hop boi d va (P),taco sina :‘cos(a,ﬁ)‘ =1 _1
alfr] 2
Vay a =30°
x=1+t x=2+2¢
Trong khong gian Oxyz,cho hai duong thang d:{y=2¢ va.d':{y=3+4¢
z=3—t z=5=-2¢
day dung?
A. dva d' chéonhau. B. dva d' cit nhau tai mot diém.
C. dva d' tring nhau. D. d va d'song song nhau.
Loi giai
Chon D
a(1;2;-1) 1a VTCP ctia d ,a’(2;4;-2) 1a VTCP ctia d' .
=a :%; ,a va E’cfmg phuong.
gL
242 =1 2
Ta lay M(l;0;3)ed,thay M vao d':{3+4'=0=> t’z—%
5-20=3 |, _,

=>Med .

. Phat biéu nao sau



Cau 12:

Cau 13:

Cau 14:

Cau 15:

Vay d va d'song song nhau.

Trong khong gian Oxyz, cho hai mdt phang (P):x-3y+2z-3=0 va
(Q) :2x—6y+m’z+m—4=0. Tim tit ca cac gia tri thuc ctia tham sb m dé hai mat phang (P)

va (Q) song song nhau.

A m=2vm=-2. B.m=-2. C.m=2. D.m=4vm=-4.
Loi giai
Chon C
. 1 -3 2 -3
(P) va (Q) song song nhau T
2 1
w2 {m2=4 {m=i2
& & &
3 1 m#-2 m# -2
m—4 2
Vay m=2
Goi z, va z, la hai nghiém phtic ctia phuong trinh z* —4z+13 =0. Tinh gia tri cta biéu thirc
(z +Z2)2.
A. 25. B. 16. C.0. D. 4.
Loi giai
Chon B

Vi z,,z, la hai nghiém phirc ctia phwong trinh z* —=4z+13=0 nén z, +z, = b 4.
a
Khi d6 (z,+2z,)" =4* =16.

Trong khong gian Oxyz, tich c6 hudng cua hai vecto u = (l; 2;4) vav= (3;—1;1) la
A. [a,v]=(-6:1-7). B.[u,v]=(6;—-117).
C. [u,v]=(6;11;-7). D. [i,v]=(6;—11;-7).
Loi giai
Chon C

Ta co [ﬁ,ﬁ] = ﬂ

2 4
-1 1

4
1

1
3

1 2
; ; =(6;11;-7).
3 _ID (6115-7)

b 9

Trong khong gian Oxyz, phuong trinh nio sau diy khong phai 1a phuong trinh mat cau?

A X+ +22+2x—4y+22z+17=0. B. X’ +)y° +2°+4y+62+5=0.
C.x"+y*+2°-2x+y-z=0. D. x*+y*+2°-1=0.

Loi giai
Chon A

Xét mit cau c6 phuwong trinh x> + y* + 2> +2x—4y+2z+17=0 ¢c6 a=-1,b=2,c=—1,d =17.
Khid6 a° +b° +c* —d =—-11<0.
Vay phuong trinh x* + y* + z2 + 2x—4y + 2z +17 = 0 khong phai la phuong trinh mit cau.



Cau 16:

Cau 17:

Cau 18:

Cau 19:

Trong khong gian Oxyz, cho mit phang (a) : % + L +§ =1.Vec to nao sau day khong 1a vec

-2
to phép tuyén ctia (a) ?

A.n (l;?l;%]. B. ;1:(1;—2;3).
C. Z(—l;l;—lj. D. n,(6;-3;2).
2 3
Loi giai
Chon B

—( =11 .
(a):£+l+£:1<:>x—ly+lz—lzo. Vec to n, | ,—;= | 1a mot vec to phap tuyén cia
1 2 273 7273

(@).
Dién tich S cua hinh phéng gi6i han boi dd thi ham s6 y=f (x) (tham khao hinh v§), truc Ox

va céc dudng thang x =a;x=b(a<b) 1a

A. S = —jf(x)dx. B. S = ﬁj[f(x)]z dx.

C.S= —j[f(x)]z d. D.S= 'b[f(x)dx.

Loi giai
Chon A
b b
S = I|f(x)|dx :—If(x)dx.

Trong khong gian Oxyz, tim phuong trinh mit cau () c6 tam /(1;—4;2)va ban kinh R = 4.

A (S)(x=1) +(y+d) +(z-2) =4
B. (8):(x=1) +(y+4) +(z-2)" =16
C. (8):(x+1) +(y—4) +(z+2) =4.
D. (8):(x+1) +(y—4) +(z+2) =16
Loi giai
Chon B

Tim ho nguyén ham ctia ham s f(x) =2sinx—x.

2 2
A. 2cosx—1+C. B. 2cosx—x*+C. C. —2cosx—x7+C. D. 2cosx—%+C.

Loi giai
Chon C

2

Ta co: If(x)dx =I(2$inx—x)dx=2Isinxdx—fxdx=—2cosx—x7+C.



Cau 20:

Cau 21:

Cau 22:

Cau 23:

3
Tinh tich phan I:j(l+cot2x)dx.
s
A. I=1-4/3. B. I=3-1. C.1=1. D. I=43.
Loi giai
Chon B

1N

c 2
> sin” x

4 x
Taco: I= J-(1+c0t2 x)dx = I ! dx = —cotx|§ =—cotZtcotL=—1+3=~3-1.
7 o 4 6

6 6
Mot 6 t6 dang chuyén dong déu voi van toc 10 (m/s) thi ngudi 1ai xe dap phanh. Tir thoi diém
d6, 6 to chuyén dong cham dan déu véi van toc v(¢) =—-27+10 (m/s), trong d6 ¢ la khoang thoi
gian tinh bang gidy, ké tir lac bat dau dap phanh. Tinh quing dudng 6 t6 di chuyén duoc ké tir
lac dap phanh dén khi dimng han.
A. 24 (m). B. 21 (m). C. 25 (m). D. 16(m).

Loi giai

Chon C
Ta co: v(t):O < 2t+10=0 2t=-10 < =5.
Khi xe ding han thi van téc v (t) =0 nén thoi gian ké tir luc dap phanh dén khi 6 t6 dimg han 1a

t=5(s). Vay quing duong 6 t6 di chuyén duoc ké tir luc dap phanh dén khi dimg han 1a:

=5 +10.5=25 (m).

5
0

5
S = [(-26+10)de = (~¢* +10r)
0
Cho hinh phing gidi han cac duong y =5,y =0,x=-2 va x =2. Thé tich khi tron xoay tao
thanh do hinh phang D quay quanh truc hoanh duoc tinh theo cong thirc nao dudi day?

5% dx.

2 2 2 2
A.V:jS“dx. B.V:ﬂIZS"dx. C.V:ﬂ_[Sde. D.V:j
5 ) ) -2
Loi giai
Chon B
Thé tich khéi tron xoay tao thanh do hinh phing D quay quanh truc hoanh duoc tinh theo cong

thitc V = ﬂj(S")z dx =7Z'J2. 25" dx .
2 2

Trong khong gian Oxyz , khoang céch tir diém M (2;0;1) dén duong thing d : = 1_1 =

bang

12
A.%. B. 12, C.\3. D. 2.

Loi giai
Chon D
Duong thing d c6 vécto chi phuong la d@ =(1;2;1) va diém M (1;0;2)ed .

MM, = (=1;0;1);| MM, | =(-2;2;-2).

[04.a] f2pezeif 5

vay d(M,d)="— " - _
(¥.4) |al JE422 412




Cau 24:

Cau 25:

Cau 26:

Cau 27:

Trong khong gian Oxyz, diém M (3;4;—2) thudc mit phang nao trong cac mit phang dudi
day?

A.(P):z=2=0. B. (Q):x+y-7=0. C.(R):x+y+z+3=0. D.
(8):x—4=0.

Loi giai
Chon B

Thay toa do diém M (3;4 ;= 2) lan luot vao phuong trinh mit phing trong cac phwong an:
Xét phuong an A tathdy 2-2=—-4#0=>M &(P).

Xét phuong én B ta thdy 3+4-7=0=M (Q).

Xét phuong én C ta thdy 3+4-2+3=8%0= M ¢(R).

Xét phuong én D ta thdy 3-4=-1%20=>M &(S).

Cho sb phitc z = a+bi (a,b € R) . Médun cua z dugc tinh bdi cong thirc nao sau day?
A. |z|=Va*+b*. B. |Z|=a2+b2. C. |Z|= aer(bz')2 . D. |Z|=|a+b|.

Loi giai
Chon A
Theo cong thirc tinh ta ¢6 |z| =|a +bi|=Va’ +b° .

Trong mit phing Oxy, diém biéu dién cua sb phirc (\/§ +i )3 la
A. N(80). B. M(0;8). C. 0(¥3:1). D. P(33:3).

Loi gidi
Chon B
3
Ta ¢6 (\/§+i) =33 +9i+33i% +i° = 8i.

Vay diém biéu dién cia s6 phtic (\/§+i)3 1a M(0;8).

Tinh thé tich vat thé giéi han boi hai mat phang x =0 va x =3, biét thiét dién cua vt thé khi cat

bi mét phang vudng goc véi truc Ox tai diém c6 hoanh do x (0 < x <3) 1a tam gidc vudng cén

¢6 canh huyén bang | /2(9 - xz)

A.V=9r. B. V =18. C.V=9. D. V=18r.
Loi giai

Chon D

Goi a 1a canh géc vudng cta tam giac vudng can cé canh huyén bang | /2(9 - xz) ,

Khi d6 ta cé 1/2(9—x2) = a2 & a=+9—x* . Dién tich S(x)=%a2 =%(9—x2).
i . 3 13 , 1 ¥ 3
Thé tich can tim V=!S(x)dx=§j(9—x )dx=5(9x—?] =9.

0

0



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Mot chat diém dang chuyén dong voi van téc v, =15 (m/ s) thi ting toc véi gia tdc
a(t)=1+4 (m/s2 ) . Tinh quang dudng chit diém d6 di dugc trong khoang thoi gian 3 gidy ké
tir luc bat dau ting van toc.
A. 69,75(m). B. 87,75(m). C. 67,25(m). D. 68,25(m).

Loi giai
Chon A
Taco a(t)=r +4t=v(t)=[a(r)dt = ?+2z +C(CeR).

3

Theo gia thiét v(0)=15= C=15:>v(t)=%+2t2 +15.

3 t3 4 2 3
Vay S =[| —+2£ +15 |dt = L 2P 415t | =69,75.
3 12 3

0

0
Cho s6 phirc z=a+bi(a,beR). S phirc z* 1a s6 thudn do khi va chi khi
A a®+b*=0. B.h=0. C.a=0. D. a*-b*=0.
Loi giai
Chon D
Taco: 2° =(a+bi) =a* +2abi—b* = a—b* +2abi.
z* 1a sb thuan 4o khi va chi khi phan thuc bang 0 < a®> —b> =0.
Hinh phang gi6i han boi dudng cong y =1—x” va Ox khi quay quanh Oy tao thanh vat thé co
thé tich 1a

A V==L B. v =19% c.v=1 D.V=1.
2 15 15 2
Loi giai
Chon A
y<1
Tacod: y=l-x’ & x’=l-y < .
x=xl-y
21
v T
Vay V=rx d V4 d Tly——| =—.
y ff )dy = I )dy = (y Zjo 5

Trong khong gian Oxyz, tinh khoang cach d gifra hai mit phang (P):2x+2y—z+1=0 va
(Q):2x+2y—z—5 =0.
A. d=6. B.d=2. C.d:% D.d=4
Loi giai

Chon B
Vi (P)//(Q) nén d((P);(0))= ),

s - 2 — &

J2+22 (1)



Cau 32:

Trong khong gian Oxyz,cho duong thang d :x;-I P 1_1 = Z;2

(P):x—y—z-1=0. Viét phuong trinh duong thing A di qua diém A(1;1;—2), song song véi

va mit phang

mit phang (P) va vudng goc v6i dudng thang d

A.A:x+l=y+l=z—2' B.A.x+l=y+1=z—2

-5 -3 S 2 5 -3
C.A:x—lzy—1=z+2. D.A:x—lzy—lzer2“
2 -5 -3 2 5 -3
Loi giai
Chon D

Puong thang d ¢6 VICP: Z:(Z;lﬁ), mit phang (P) c6 VTPT:Z:(I;—I;—I).

Puong thing A song song v4i mit phang (P) va vudng goc voi duong thing d nén co

VICP:u, =|u,n, |=(25-3)

Phuong trinh duong thang A di qua diém A(1;1;—-2), song song véi mat phang (P) va vuéng goc voi

Cau 33:

Cau 34:

Cau 35:

duong thang d la: A:x—lzy—1:z+2'
2 5 -3

Biét F(x)=e"—2x* la mot nguyén ham cau ham sé f (x) trén R. Khi d6 '[f(Zx)dx bang:
A. %ezx—x2+C. B. 2¢* —4x* + C. C. %ezx—4x2+C. D. e -8x*+C..
Loi giai
Chon C
F(x) =" —2x” 1a mot nguyén ham cau ham s f(x) trén R.
f(x) =F' (x) =e' —4x= f(2x) =™ —4.(2x) =™ —8x.
'[f(Zx)dx = I(ezx —Sx)dx :%eh —4x* +C.
Cho ham s f(x) c6 dao ham lién tuc trén R, thoa man f(O) =—1va f(l) =1. Tinh tich phan
1
1= If'(x)dx
0
A. I =-1. B. I=-2. C.I=1. D.I1=2.
Loi giai
Chon D
1
Taco = f'(x)dx=f(x), =/ (1)-f(0)=1-(-1)=2.
0
Trong mat phéng Oxy,goi A, B, C lan luot 1a cac diém biéu dién cho cac sb phtc z, = (2 -1 )2

, 2, =3+ai, 232? (v6i aeR). Tim a dé AABC vuodngtai B.
+1
A.a=4. B.a=-4va=-1. C.a=-4. D.a=-1.
Loi giai
Chon D



Cau 36:

Cau 37:

Cau 38:

A2 . 1-i
Tacd z,=(2-i) =3-4i, z,=——=—i.
=(29) o1+

Do d6 cac diém A(3;-4), B(3;a), C(0;-1) 1an lugt biéu dién cho cac sé phirc z,, z,, z,.

BABC=0
. o a=-4
Tir gia thiét AABC vudng tai B taco {BA=(0,—4—-a) C>(4+a)(1+a)=0<:>[ L
. a=-
BC =(-3%-1-a)

Véi a=—-4 tacddiém A4 tring diém B nén loai truong hgp a = —4. Tanhan a=-1.
Trong khong gian Oxyz,viét phuong trinh mat phang tiép xtc voi midt cau
(S ) : (x - 1)2 +y° 4 (z + 2)2 =6,dong thoi song song v6i hai duong  thang

x=2 y-1 z-1 X y+2 z-2

d, vad,:— .
3 -1 -1 1 1 -1
x—y+2z+9=0 x+y+2z49=0
A. . B.x+y+2z+49=0. C. Do x—y+2z-3=0.
xX—y+2z-3=0 x+y+2z-3=0
Loi giai
Chon C

Xét mat cau (S):(x—l)2+y2 +(z+2)2 =6 co tam 7(1;0;—2) va ban kinh r=+6.

x y+2 z-2

x—2 =y—l _ z—1 va d,:x

-1 -1 [ T
1a a=(3;-1;-1) va b=(L;1;-1).

Hai duong thang d, : 1an luot ¢6 vecto chi phuong

Mit phing (P)song song véi hai duong thing da cho nén (P) c6 vecto phép tuyén
n=|ab|=(22;4) hay m=(1;1;2).

Suy ra (P)c6 phuong trinh tong quat dang: x+ y+2z+m=0.

Vi(P)tiép xtc voi mit cau(S),

nén d([,(P)):r@w:\/g@|m_3|:6©{m—3=6 @{m:9 |
m

Vi+1+4 -3=-6 m=-3
. . L | x+y+2z+9=0
Vay (P) c6 phuong trinh tong quat 1a .
x+y+2z-3=0
Trong khong gian %% cho hinh binh hanh MNPQ | pig MOLLD - N(=2:253) 4
O(=5:-252) Toqa do diém P 1a
A. P(=8:—1;4). B. P(4;5:2). C. P(=2;-3:0). D. P(2;3;0).
Loi giai
Chon A
Hinh binh hanh MNPQ, ta c6 MN = OP = QP =(-3;1;2).
Suy ra toa do cua diem P(—8;—1;4).
Cho phuong trinh ' +vaz+b=0 ¢4 mdt nghiém phttc 2-30 (@ va b 1a cac sé thuc). Tinh
T=ab
A.T=4. B.T=52. C.T=13. D. T=-52.
Loi giai



Chon D
Thay z =2 —3i vao phuong trinh z* +az+b=0. Ta co:
A2 . 2a+b=5 a=-4
(2—31) +a(2—3l)+b=0<:> & .
-3a=12 b=13
Cau 39: Trong khong gian Oxyz, cho hai diém A(0;2;3) va B(O;4;— 1). Mt cau ¢6 tAm nam trén truc
Oy d6ng thoi di qua hai diém 4 va B c6 ban kinh R bang
A. R=+5. B. R=4/10. C.R=47. D.R=1.
Loi giai
Chon B
Mit cau c6 tm ndm trén truc Oy nén 1(0;b;0).
Mit cau di qua hai diém 4(0;2;3) va B(0;4;-1), suy ra:

{Eji:IAle:ﬂAz =B & (2-b) +3' =(4-0) +1' & b=1.

Suy ra, ta co R=IA=\/(2—1)2+32 =4/10.

x=6-4¢
Céu 40: Trong khong gian Oxyz, cho diém A(l;l;l) va duong thing d:{ y=-2—¢ . Tim toa d6 hinh
z=—1+2t
chiéu vudng goc ciia diém A4 1én duong thang d
A. (10;-1;-3). B. (6;-2;-1). C. (2-31). D. (,-1,0).

Loi giai
Chon C

Goi A 14 hinh chiéu vudng goc ciia diém A 1én duong thing d c6 VICP u =(-4;-1;2).
Nén Hed= H(6-4-2-1;-1+2t) = AH = (5-4t;-3—-1;-2+21).
AH Lu= AHu =0 —4.(5-41)-1.(-3-1)+2.(-2+2t) =0 =1,

Viay H(2; —3;1)

Céu 41: Cho s6 phuc z = o C6 bao nhiéu sb6 nguyén am cua m dé z—i| <1?
A. 3. B. Vo sb. C.1. D.2.
Loi giai
Chon D
m

-1

Sl<:>|m—i(m+i)|£|m+i|@|m+1—mi|£|m+i|

Ta co |z—i|£1<:>‘ .
m-+1

<:>w/(m+1)2+m2 <mP+lem’ +2m<0e 2<m<0.

Nén ¢6 2 gia tri m thoa dé bai.



Cau 42:

Cau 43:

Cau 44:

1

Cho ham s £ (x) c6 dao ham lién tuc trén doan [0;1] thoa f(1)=2 va Ix.f’(x)dx =1. Tinh

(=}

1
tich phan 1 = If(x)dx.
0

A I=-3. B. =3 C.1=-1. D. /=1
Loi giai

Chon D

. u=x du = dx
A dv=f'(x)dx:> v=r(x)

1

+Nén Ix.f’(x)dle@x.f(x)“) —jf(x)dle.

Suy ra I=jf(x)dx=l.f(l)—l=2—1=l.

Trong khong gian Oxyz , cho mit phing (P) cét cac truc toa do lan luot tai cac diém A4, B va

C . Biét tryc tAm ctia tam gidc ABC 1a H (3;—1;1). Phuong trinh mt phang (P) la

A.3x—y+z-11=0. B.3x—y+z+1=0. C.x-y+3z-7=0. D.x+3y—-z+1=0.
Loi giai

Chon A

Gia str mat phang (P) cit cac truc toa dd Ox, Oy, Oz lan luot tai cac diém A(a;0;0),B(0;b;0)

va C(0;0;c). Khi d6 (P):£+%+£=l(dk: a,b,c#0).
a C

Tacod H(3;-1;1) la tryc tdm cua tam gidc 4BC nén H e (P). Do do ta duogc: i—%+l =1(1).
a c

Miit khéc ta lai co AH =(3—a;—l;1);ﬁ :(3;—1—b;1);ﬁ':(0;—b;c);E‘:(—a;0;c).

\ ~ , ., R Eﬁ'=0 b+c=0 b=-3a
H(3;—1;1) la tryc tdm cua tam gidc ABC nén { | =

BHAC=0 |-3a+c=0 |c=3a

1

Tur (1) ta duoc i+L+—:1<::>a:£.Suyra b=-11,c=11.
a 3a 3a 3

© e 3 1 1
Khi @6 (P):ﬁx—ﬁy+ﬁz=1<:>3x—y+z—11=0.

Xét cac s6 phirc z thoéa man diéu kién (z+1—i)(2—i) 1a s thuc. Biét tap hop cac diém biéu

dién hinh hoc cua z 1a mot dudng thang. Hé sb goc cua dudng thing d6 1a

A. 1. B.2. C. 2. D. 1.
Loi giai

Chon C

bit z =x+yi,(x,y eR).

Taco (z+1-i)(z=i)=((x+1)+(y=1)i)(x—(y+1)i)



:x(x+1) y+1 [x x+1)(y+1):|i.
Khi d6 (z+1—i)(2—i) 1a 56 thue < x(y—1)—(x+1)(y+1)=0 & y=-2x-1.

Vay tap hop cac diém biéu dién hinh hoc ctia z théa mén bai toan 1a duong thang A:y=-2x—1. Ta thay
A cohésdgocla k=-2.

Cau 45: Choelip (£) c6 do dai tryc 16n 4,4, =8 va do dai trucnhd BB, =6.Goi M, N, P, Q lacéc
diém trén elip (E) sao cho MNPQ la mét hinh vuéng. Goi S 1a dién tich cua phan dugc gach

chéo (tham khao hinh v¢).
13
N _= : M
Ay
Q
Ménh dé nao sau day diing?
A. 26<85<27. B. 5<§5<9. C.13<S85<14. D. 6<S<7.
Loi giai
Chon A
Y
) /3 5
%% X
A = s
.;j’/ v=——+/16—1x"
7 = %
P Q
31
x2 2
Chon h¢ truc toa d¢ nhu hinh vé. Khi d6 elip (E ) c6 phuong trinh: E+ % =1 (E )
Vi MNPQ 1a hinh vuong. Goi M(a;a) € (E) (O <a< 3).
a a’ 254° 12
Suyra: —+—=1< =l=>a=—.
16 9 144 5

2 2

Ta co: f—6+%=1:>y:i% /16_x2 )

Suy ra dién tich ctia phan dugc gach chéo 1a
12

5 5
S:2_[(2%\/16—x2jdx=3j(\/16—x2)dxCA:IO26,964.
0 0

Cau 46: C6 bao nhiéu gia tri thuc cta tham sb m dé phuong trinh z> +m =0 c6 nghiém phirc z, thoa

man |ZO| =1?



A 3. B. 1. C 2. D. 4.
Loi giai

Chon C

Ta co: ‘g‘:|zo|:l (*).

Vi z, 12 nghiém cta phuong trinh z* +m =0 nén:

zg+m:0:>m:—z§ :|m|:‘—z§‘:‘z§‘:|zo|2 :|Zo”z_0‘:l:>m:il.

Chu 47: Trong khong gian Oxyz, cho hai diém A(2;2;1) va B( —E;—;g) Biét diém 7 (a;b;c) la

tam duong tron ndi tiép tam giac OAB . Tinh gié tri biéu thic S=a+b+c.

A. S=1. B. §=3. C. §=2. D. §=0.
Loi giai

Chon C

Taco OA=[22+2>+(-1)’ =3;

53] (3 ) =

1 (a ;b c) 1a tim duong tron noi tiép tam giac OAB nén ta cd

@)

3]

Il
S

|
W | 0
~—
(i8]

+
TN
(USH NN
~
[\S]

+
TN
W |
N
(i8]

Il

N

—Sa+3 —g—a]+4(2—a):0
-12a=0 a=0
ABIO+OAIB+OBIA=0<{-5b+3 i—bj+4(2—b):o ©1-126+12=01b=1.
> ~12¢+12=0  |c=1

—5¢+3 %—cj+4(l—c):0

Vay S=a+b+c=2.



Céu 48: Trén nira duong tron dudng kinh 4B 1y diém C sao cho goc CAB =30° . Tinh thé tich vat thé
tron xoay tao thanh khi quay hinh phang (H ) ( phan gach chéo trong hinh ) quanh duong thang
AB biét AB =4

A I E
2 14
AV ==rx B.V 27[ Cc.V 3—7[ V=—r
3 3 - 3
Loi giai
Chon D
B
. M
c

Tur gia thiét ta c6 AABC vudng & C = AC =23;BC=2.

Goi 7 13 hinh chiéu vudng goc cua C 1én AB = Al = AC.cos 30°=3;CI =+/3
Gén hé truc Oxy sao cho 0= 4 va B(4;0). Khi dé: 7(3;0) va C(3;43).

Nira dudng tron c¢6 phuong trinh 13 y =+/4x—x? ; duong thang AC:y = %x .
Vay thé tich vat thé tron xoay tao thanh khi quay hinh phing (H ) ( phan gach chéo trong hinh
) quanh duong thing AB bang

V= ﬁj(%xj dx+7r1-(\/4x—x2 )2dx = ﬂi%dx+ﬁj(4x—x2)dx

3 3
all P
91, 3

4

=T —

=37Z'+7[[32—ﬁ—(18—9)j|=57l'.
, 3 3
Thtr lai m ==£1 théa man bai toan. Vay c6 2 gia tri thuc cua m .



Cau 49:

Cau 50:

x=1+t¢
Trong khong gian Oxyz, cho duong thing d,:{y=1+2¢. Goi d, la duong thang qua diém
z=1-2t
A(l; 1;1) va ¢ vecto chi phuong u = (3;0;4) . Puong phan giac cia goc nhon tao bdi hai duong
thang d, va d, c6 phuong trinh la:

x-1_ y-1 z-1 x-1_ y-1 z-1

A.d: B. d:

-1 3 7 5 1
C.d:x—3:y—2:z—2‘ D.d:x—3:y+4:z—12.

2 1 1 2 -5 11
Loi gidi

Chon D
+ Duong thang d, c6 mdt vecto chi phuong la: i, =(1;2;-2); i, | =3
Pudng thing d, c6 mét vecto chi phuong la: 4, =(3;0;4); |u d2|=5.

B e AT

1

Xét: cos(udl sUy, )

= (#, i, ) 1a goc nhon = (d,,d, ) =i, ., ).

* Goi d 1a duong phan gidc ctia goc nhon tao boi hai dudong thang d, va d,. Puong thang d

c6 mot vecto chi phuong 1a: i, =t _ e, :(—i'g‘—gJ:—i.(2;—5;11)||(2;—5;11).
ﬁd1| |ﬁd2 15

Nhén xét: A(LL1)=d Nnd, = A(LL1)ed.

Vay phuong trinh ciia duong thang d 1a: d:x—lzy—l=z—1<:>d:x—3=y+4=z—12.
2 =5 11 2 =5 11

Xét cac sb phitc z va w thoa mén |W—i| =2 va z+2=iw. Goi M va m lan luot 13 gia trj 16n

nhét va gia tri nho nhét ctia |z| Tinh M +m?

A. 6. B. 2. C.5S. D. 4.
Loi gidi

Chon A

(*) Cach 1:

s w-il=2e|iw+l|=2<|z+3|=2.

+ Ap dung BDT mé-dun: 2:|z+3|2||z|—3|<:>1£|z|£5
+ |2| =1 khi: z=-3k; k, >0 = |—3k1|:1<:>k1:§ = z=-1
+ |2 =5 khi: z=-3k,; b, >0 = |—3k2|:5©k2:§ = z=-5

* Vay: m=min|z[=1 va M =max|z|=5 = M +m=6.
(*) Cdch 2:



VA

=Y

MZ I MI O

©

s w-i|=2e|iw+]|=2<|z+3|=2.

Dat: z=x+yi;tacd: |z+3=2 & |x+3+yi|=2 o (x+3) +y? =4.

Do d6: tap hop cac diém M (x;y) biéu dién sb phirc z 1a duong tron (C) 6 tim 1(-3;0) va
ban kinh R=2.

* [OI-R|<|2|=0M <OI+R < 1<|2[<5.

Cac dau “=” dat dwoc khi: O,1,M,,M, thang hang (véi M, la diém biéu dién z,_,

va M, la

n

diém biéu dién z

max )

* Vay: m=min|z[=1 va M =max|z|=5 = M +m=6.



PE ON TAP KIEM TRA CUOI HOC KY II

MON: TOAN 12 — PE SO: 36 (100TN)

Cau 1:  Biét mot nguyén ham ctia ham sé f(x) = 12 ham sd F(x) thoa man F(l) =5.Khi d6

2x—1
F(x) 1a ham sé nao sau day?

A. F(x)=2In]2x—1/+5. B. F(x):%1n|2x—1|+5.
C. F(x)zln(2x—1)+5. D.F(x)=1n|2x—1|+5.

Cau2: Cho /= '[3x2 Vx* +2dx . Néu dit ¢ =+x* +2 thi I trd thanh nguyén ham nao sau day?

2
A. |2¢dr. B. |=¢dt. C. |udt. D. |3zdt.
J I3 J J
Cau3: Hamsb F (x) nao dudi day la nguyén ham ciia ham s y =3/x+1?
F(x)= %(x+1)3+c B. F(x):g3(x+l)4+c.
C. F(x)= % (x+1) +C. D. F(x)=%(x+1)\3/x+l+c.

4 1 2 4 4 \
Cau4: Cho biét jxezxdx = Zez" (ax+b)+C, trong d6 a,beZ va C la hang s6 bat ki. Ménh dé nao
dudi day la dang?
A.b>a. B. a-2b=0. C.2a+b=0. D.a+2b=0.

If(x)dsz jg(x)dx:—l ]:j[x+2f(x)+3g(x)]dx
Caus5: Cho - va -l . Tinh -1 .

| <
—_
|

B. I=—. C.Izz. D.1=E.

A I=
2 2 2 2

4 2
Cu6:  Cho tich phan [ = [ f(x)dx =16. Tich phan J = [ £ (2x)dx béng
0 0

A. J =8. B. J=64. C.J=16. D. J=32.

3

Cau7: Cho A= j _dx. Dt 1 =1+x*, biéu thirc nao dudi day 1a dung?

1+ x?

10 3 1 101 10 1
A. A= [27dt B. A=[_—dt C.A=[—dt D. 4= [—dt
) ! 2t )24

1
Cau8: Bibt j xe**dx=ae* +b, a,b € Q vala cac phan sb téi gian. Tinh a+b.
0

A. B. 1. C.

1
>

SN



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Dién tich ctia hinh phang giéi han boi do thi ham s6 y =3x” +1, truc hoanh va hai duong thang
x=0,x=21a
A. 8. B. 12. C. 10. D. 9.

Hay tinh dién tich phan to6 ddm trong hinh v& dudi day.
‘ .

1 __v:,\"—l/

4 3 T
A —. B. —. C. 1. D. —.
3 4 2
Tinh dién tich S ctia hinh phang giéi han béi dd thi cac ham s y =|x , y=x" -2
A s=2 B. §=3. c.s=11 D.s=2.
3 2 3

Cho ham s6 y = f(x) ¢6 d thi nhu hinh v&.

y

/—3 0] 2 X

Dién tich S cua hinh phéng gi6i han boi dd thi ham sd trén véi truc hoanh 1a

2 0 2

A. S:_jf(x)dx. B. §= [ f(x)dx—[f(x)dx.

-3 0

C.S:ff(x)dx+jf(x)dx. D.S:jf(x)&+jf(x)w.

Cho mién D gi61 han béi cac duong y = Jx ,v=0,x=2. Thé tich vat thé tron xoay thu duoc
khi mién D quay quanh Ox béng:

B YND) NG
S

A. 2. C. Tﬂ' D. 27[

Goi 4, B theo thir ty 1a diém biéu dién cua cac sé phiic z,, z,. Khi d6 do dai clia vécto BA

bang::



Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

A. |zl|—|zz|. B. |zl|—|—|zz|. C. |zl—22|. D. |zl—|—22|.

Cho sb phirc z =2021-2003; . Tinh tong phan thuc va phan 4o cua z

A. —4024. B. -17. C.17. D. 4024.

Cho sb phuc z =1+3i, z, =3i—4, sb phic z, dugc biéu didn boi diém C(4;-2). Tinh
|2 [ |l +]=f

A. 35. B. 55. C.15. D. 5.

Cho cac sb phirc z thoa min |Z +2 —i| = |Z —1+i| . Biét tap hop cac diém biéu din cac s6 phirc
z trén mit phang toa d6 1a mot duong thang. Phuong trinh dudng thang do6 1a

A. 6x—4y-3=0. B. 6x—-4y+3=0. C. 6x+4y+3=0. D. 6x+4y-3=0.
Cho s6 phtc z thoamén zz =1 va |E— 1| = 2. Tong phan thuc va phan 4o clia z bang

A. -1. B. 0. C.2. D. 1.

Cho s6 phitc z=a+bi (a,beR) thoéa min z+1+3i—|z|i=0. Tinh S =2a-3b.

A s=1. B.S=2. C.S=—6. D.s=—1.
3 3
Cho sb phuc Z=a+bi(a,beR) théa man a+(b—1)i= i+§l . Gia tri cua a.b béng
—2i
A. 3. B. 2. C. 3. D. 2.
Phuong trinh bac hai nao sau day c6 nghiém 1-~/2i?
A. 22 -2z+3=0. B. 2 +2z+5=0. C.z"-2z+5=0. D.z°+2z+3=0.

Trong tap céac sb phirc, cho phuong trinh z* —2mz +(m —1)2 =0,meR (1) . Goi m, la mot gia
tri dé phuong trinh (1) ¢6 hai nghiém phéan biét z,, z, thoa man |21|2 = |zz|2 . Hoi ¢6 bao nhiéu
gia tri nguyén cua m, khong vuot qua 2021?

A. Vo sb. B. 2020. C. 2022. D. 2021.

Trong tét ca cac s6 phirc z théa man |z—1| =4, tim s6 phirc c6 mo dun nhé nhat
A. z=-3+1i. B. z=-3-i. C.z=-3. D. z=3.

, tim s0 phtrc ¢6 mo6 dun nho nhat

Trong tat ca cac sd phirc z théa man |z - 1| = |Z +3i

A. Z:—g—gi. B. Z=—g+§i. C. Z:%—éi. D. Z=z+éi.
55 55 55 55

Cho s6 phirc z thoa man |Z| < 2. Gia tri nho nhét ctia biéu thic P = |Z -3+ 4i| bang:
A.S. B. 3. C.-3. D. 7.

Trong khong gian Oxyz, cho hai diém A4(3;1;-2), B(2;-3;5). Piém M thudc doan AB sao
cho MA=2MB, toa d6 diém M 1a



Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

A. M(Z;i;ﬁj. B. M(45-9).  C. M(i;—s;l—q. D. M (1;-7:12).
333 2 2

Trong khong gian véi hé toa dd Oxyz, cho 3 diém 4(2;,—3); B(0;—2;5); C(L;1;3). Tim toa

do diém D dé ABDC 1a hinh binh hanh

A. D(1;2;—-11). B. D(—1;2;-5). C. D(3;4;-5). D. D(-1;—-2;11).

Trong khong gian v6i hé toa d§ Oxyz, cho diém 1 (—3; 2;—5). Phuong trinh mat cau (S ) co

tam / va (S) tiép xuc véi truc Oz la:

A (x=3) +(y+2) +(z-5) =V13. B. (x+3) +(y—2) +(z+5) =13.
C. (x+3) +(y—2) +(z+5) =169. D. (x+3) +(y—2) +(z+5) =25.

Trong khong gian v6i hé toa d0 Oxyz , tim tong tat ca cac gid tri nguyén dwong ctia tham s m
dé phuong trinh x> + y* +z> —=2x+2y—4z+m =0 1a phuong trinh ctia mot mit ciu

A. 6. B. 21. C.15. D. 5.

Cho M (8;-2;4). Goi 4,B,C lan luot 13 hinh chiéu vudng goéc cia diém M 1én cac truc
Ox,0y,Oz . Phuong trinh mit phing ( 4BC) la:

A. x+4y+2z-8=0. B.x-4y+2z-8=0.

C.x—4y-2z-8=0. D.x+4y—-2z-8=0.

Trong khong gian toa d6 Oxyz, Phuong trinh mit phing (a) di qua hai diém
AL 1;1), B(-2;0;3), cach déu hai diém C(3;-2;1),D(2;-1;2) va C,D niam vé hai phia cia
mit phing (a) la

A. 3x+y—-4z+6=0.
B. X+y+2z-4=0.
C 3x+y—-4z+6=0 vax+y+2z-4=0.
D.x—y—2z+2=0,
x—=1 y+1 =z

Trong khong gian toa d0 Oxyz, Cho duong thing d: ) 1 = g va mit phing

(P)x+2y—2z+1=0.Goi A4 la giao diém cua d véi mp(P), M 1a diém thuoc d

sao cho MA = 6/14 | khoang cach tir M t&i mit phrfmg (P ) la:

A. @ B. 4 C. 414 p. 2.

J14

Viét phuong trinh tham sb ctia duong thang (d ) qua A(2; —4; —2) va vudng goc v6i mit phang

(y0z).



Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

x=2 x=2+t
A.Jy=—4+t;teR. B.{y=—4+t ;teR.
z=-2+t z=-2
x=2+t
C.qy=—-4 ;teR. D. Ca 3 dap an déu sai.
z=-2

Viét phuong trinh tham sé cta dudng thang (D) qua B (2;3; 1) va song song voi hai mit phing

(P):2x-y+2z-7=0 va (Q):x+3y-2z+3=0.

x=2-4¢ x=2+4m
A.qy=3+6t;teR. B.Jy=3-6m;meR.
z=1+7t z=1+7m
x=2-4n
C.{y=3-6n ;neR. D.Cabadap an déu sai.
z=14+"7n

Trong khong gian toa d§0 Oxyz, cho hai diém A(l; 0; —3),B(3;—l;0) . Viét phuong trinh tham

s6 ctia duong thang d 13 hinh chiéu vudng goc ciia dudng thang AB trén mit phang (Oxy).

x=0 x=1+2¢ x=1+2¢ x=0
A.d:{y=—t . B.d:{y=0 . C.d:sy=—t . D.d:sy=0
z=-3+3¢ z=-3+3¢ z=0 z=-3+3¢

1 3
Cho ham s6 y = f(x) lién tuc trén doan [-1;3] théa man jf(x)dx =2 va jf(x)dx =4,
1

0
3
Tinh J-f(|x|)dx.
-1
A. 6. B. 4. C.8. D. 2.

3x? +2e" + (3)62 + 2)xex
va théa man

Biét F(x) la mdt nguyén ham cia ham s f(x)=

1+ xe*
F(0)=0.Tinh F(1).
A. F(1)=1. B. F(l)=1-2In(1+e).
C. F(1)=1+2In(1+2e¢). D. F(I)=1+2In(1+e).
» Zln(sinx+cosx) a T, A e e
Bict I 5 dx=—In2+— v6i a, beN; ceZ, —Ia phan so0 toi gian. Khi do gia
0 COS™ X b c b

tri a+2b—c bang
A. 1. B. 3. C.9. D. 11.



Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Tinh dién tich S cua hinh phéng gidi han bdi cac dd thi ham s6 f (x):(Sx—3).4x;

b c . . . ey
x)=5x+3 taduoc S=a+ ———, V01 a,b,c 1a cac so nguyén duong. Khi d6 gia tri
g( ) ' 16In*2 In2 e 8 8
cia P=a+b+c bang
A. P=76. B. P=36. C. P=96. D. P=86.

Cho hinh phing (H) gi6i han béi (C):y=x"—3x va duong thdng d:y=x. Thé tich khéi

a+b\/E+C\/§

tron xoay sinh bdi hinh phéng (H ) quay quanh truc hoanh c6 dang V =27 LTJ

véi a,b,c € Z . Trong cac s6 a,b,c cd bao nhiéu s6 duong?

A. 2. B.O. C. 3. C. 1.
: 21 =2
C6 bao nhi€u s6 phirc z théa mén <, | 2
2 +4=12
A. 1. B. 2. C.0. D. 3.
Cho s6 phic z=a+bi (a,p€R) théa main L;% la s6 phtic thuan ao. Khi
zZ—2o5—1

P =2|z—4-3i|+3|z+6—3i| dat gia tri nho nhat. Tinh Q= —2a+5b

A.QO=-7. B. 0=-3. C.0=17. D. 0=3.

Trong khong gian voi hé truc toa d0 Oxyz, cho diém A(-1;3;0) va diém B(2;1;-4). Tim
diém M thudc mit phang (Oxy) sao cho biéu thirc P =2MA> — MB* dat gia tri nho nhat.

A M(-4:54). B. M (4;0;0). C. M(0;5;4). D. M (~45;0).

Trong khong gian v&i hé toa 46 Oxyz, cho mat cau (S):(x—l)2 +(y+2)2 +(z—5)2 =26 va
diem A4(2;1;1). T diém A4 ké cdc dudng thang d6i mot vudng géc v6i nhau va cit mét cau
(S) tai cac diém B,C,D khac A. Mat phéng (BCD) ludén di qua diém H(a;b;c) ¢d dinh.
Tinh gia tri cta biéu thitc P=a+b+2c.

23 20
A2 B. 2. c.

— D. 4

3 3 3
Trong khoéng gian Oxyz, cho cic diém A(-10;2), B(2;-10) va mat phing
(P):x-2y+5=0.Goi A la dudng thang di qua 4 va song song v6i mit phang (P) sao cho

khoang cach tir B dén A dat gia tri nho nhat. Mot vecto chi phuong u cua A 1a?

(-1;2;2). u=(2;1;-2).

A.u B.
C. u=(2;2;-1). D. u=(2-21).



Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cho ham sb f(x) lién tuc trén (1;+OO), théa man f(2)=6 va
f(x)=(x-1)f"(x)+2x" =3x" + L, Vx e (1;+ ) Tinh f(\/i)

Al B. /2. C. 1. D. V2.
Cho ham sd f(x) lién tuc trén R, thoa man f(x)—f(4—x)—f(5—x) =10x’ +1, VxeR.Gia

tri jf(4—x)dx+if(5—x)dx la

506 1685
A ——. B. 438. C. ———. D. —449.
3 2
Choz,, z,1a 2 sb phitc théa man|z—4-3i|=2 va |z,—z,|=3. Gi4 tri 16n nhét cua biéu thic
M =|z+z,-2+2i| a
A 10425 B. 5+2410. C. 10++/7. D. 7+2410.
Trong khong gian voi hé toa do Oxyz, cho hai diém A(1;1;1),B(2;2;1)va mit phang
(P) :x+y+2z=0. Mit cau (S)thay ddi di qua 4, B va tiép xtic v6i mit phang (P) tai tiép

diém H .Biét H chay trén mot dudng tron ¢ dinh. Tinh ban kinh duong tron do.

A. 32 B. 3. C. 243. D. ﬁ

2
Trong khong gian (Oxyz) cho tam gidc ABC c6 A(2;3;3), phuong trinh duong trung tuyén

x=2 y-5 z-1
-1 2 -1

k¢ tor B 1la , phuong trinh duong phan gidc trong goc C la

x—4 y-3 z-1
2 -1 -1
A.T=1 B. T =52 C.T=29 D. T=10

. Biét réng toa do diém B(m;n;l) . Tinh gia tri biéu thuc T = m?* +n?.



Cau 1:

Cau 2:

HUONG DAN GIAI CHI TIET

Biét mot nguyén ham cuia ham sb f(x) = 1a ham s F(x) thdéa man F(l) =5. Khi do

2x—1

F(x) 1a ham sb nao sau day?

AT o F= D

C. F(x)=In(2x—-1)+5. D. F(x)=In]2x-1]+5.
Loi giai
F(x)= ;dx=lln|2x—l|+C
2x—1 2

Ma: F(1)=5=>C=5
Chon B
Cho I = I3x2\/ x* +2dx. Néu dit t =+/x*+2 thi I trd thanh nguyén ham nao sau day?
2,
A. . B. [~rdt. C. [rdt. D. [3tdt.
3
Loi giai
t =X +2 = 2tdt =3x7dx
Nén: 1= [3x°x' +2dx = [ 20t
Chon A

[ Mire d 2] Ham s6 F (x) ndo dudi dy 1a nguyén ham ctia ham s y=3/x+1?

3 4 4
A F(x)=2(x+1)+C. B. F(x)=§$/(x+1)“ +C.
Loi gidi

Ta co I=I\3/x+ldx.
bit: t=3Yx+1 = =x+1=3 dr =dx.

:>1=It.3t2dt =I3t3dt =%t4+C =%3 (x+1)4 +C =%(x+1)\3/x+1+C.

Vay F(x)=%(x+1)\3/x+1+c.



. 1 . Ly
CAu4: [ Mirc df 2] Cho biét Ixez"dx = Zez" (ax+b)+C, trong d6 a,b€Z va C la hang so bat ki.

Ménh d& nao duéi day 1a ding?

A.b>a. B.a-2b=0. C.2a+b=0. D. a+2b=0.
Loi giai
_ du = dx
bit v = 1
T ldv=erdx y=—e"
2x 2x 2x 2x 2x
Taco [xe¥dx ==~ [-dx=2"———+C ="—(2x-1)+C.Suyra a=2, b=~-1.
2 2 2 4 4

[r(x)de=2 [g(x)dr=-1 I=[[x+2/(x)+3g(x)]dx
Caus5: [Mic do 2] Cho ! va -1 . Tinh -1 .

A T=L) B. 1= C. p.r=1
2 2 2

Ta co:

2

I= j[x+2f(x)+3g(x)]dx= jxdx+2if(x)dx+3jg(x)dx

-1

22
_X 0043 (ly=2—ts1=2
2 22

-1
4 2 .
CAu6:  [Mire d9 2] Cho tich phan 7 = [ f(x)dx=16. Tich phan .J = [ £ (2x)dx bing
0 0

A. =8l B. J=64. C.J=16. D. J=32.

Loi giai

2
Taco J = [ f(2x)dx
0

bat t=2x:>dt=2dx:>dx=%dt

Béicén:xzo:)tzo

x=2=t=4

2 1t 1% 1
J=|f(2x)dx== dt=— dx=—.16=38.
J/ (@x)ar=2 ] r()at=3 [/ (x)de=7

Cau7: [ Mic dd 2] Cho A:j.( 2)
11+ x

X

_dx. Djt £=1+x, biéu thic ndo dusi day la dung?

A. A=1J9212dt B. A=i%dt C. A=[—dt
) 2t




Loi giai

Ta dat: t=x2+1:>dt=2xdx:>xdx=%dt.

o [x=3=t=10 ]
boi can: :>A=I—dt.

x=1=1=2 ) 2

1
Cau8: [ Mirc d 2] Biét j xe*dx=ae’ +b, a,beQ vala cac phan sd ti gian. Tinh a+5.
0

A.%. B. 1. g.l D. 0.

Loi giai
1
Gia st 1=j xe*"dx
0
_ du =dx
bat her 1
T ldv=eTdx  |[v=—¢™"
2
1 1 2 1 2
:>I_£62x _l." 2xdx=e__ er _e_+l
2 0 29 2 0 4
Su ra'a—b—l Va at+b—l
y ra: . Ay 5

Cau9: [ Mikc dd 2] Dién tich ctia hinh phing gi¢i han bai db thi ham s y =3x” +1, truc hoanh va
hai duong thang x=0,x=2 1a
A. 8. B. 12. c. ol D.9.
Loi giai
Taco: S =[5 +1dv = [*(3x2 +1)dx = (x4 x)|* =10
a co: _j0|x+| _jo(x+) =(x +x)0— .

Cau 10: [ Mire dd 2] Hay tinh dién tich phan t6 dam trong hinh vé& duéi day.
| y

>
=

Alw
@
=}

|



Cau 11:

Cau 12:

Loi giai
Tacé x* -1<0,Vxe[-11].

Phan t6 dam la hinh phang duoc gidi han boi dudng f(x), truc hoanh va hai dudng thang

1

x=+1 nén coé dién tich 1a: S = jll [ ~1dx = fl(l —xJdx = [x _x?}j

-1

[ Mirc d§ 2] Tinh dién tich S ciia hinh phing gi¢i han boi do thi cac ham sb y=|x|,
y=x"-2
A s=5 B. S=3. c.s=1 D.

3 2

Loi giai

:—ll ] =
B (o) 12

Xét phuong trinh: |x|=x" -2 < x* - [x|-2=0< [|x| _, I

2
Dién tich hinh phang can tim: S = I||x| -x+ 2|dx
)

Vi f(x) = |x| —x* +2 1a ham sb chin nén:
2

S:2'2[|x—x2 +2|dx=2 j(x—x2+2)dx‘:2
0 0

2 3
R,
2 3

[ Mire @9 2] Cho ham s6 y = f(x) ¢6 d6 thi nhu hinh vé.

y

/3 0 2 X

Dién tich S cua hinh phang gidi han boi d6 thi ham s trén véi truc hoanh 1a

2

A. S:_jf(x)dx.
C.S=J§f(x)dx+j.f(x)dx. D.S=j.f(x)dx+j.f(x)dx.
Loi giai

Dua vao do thita cé: f(x)>0 Vxe(-3;0) va f(x)<0 Vxe(0;2).



Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

S=J2;|f(x)|dx=S:j;|f(x)|dx+j;|f(x)|dx:S:j;f(x)dx—jf(x)dx.

0

[ Mire d¢ 2] Cho mién D gi61 han boi cac duong y = \/;, y=0,x=2. Thé tich vat thé tron

xoay thu dugc khi mién D quay quanh Ox béng:

w2 B N2 42, D.l

2
Ta co &zO@sz:VzI;rxdszﬁ
0

[ Mire @ 2] Goi 4, B theo thir tyr 1a diém biéu dién ciia cac s6 phic z,, z,. Khi d6 do dai cia

vécto BA bang::

A. |Zl|—|22|. B. |Zl|—|—|22|. g- D. |Zl—|—22|.

Loi giai

Goi 2, =a,+hi, 2, = a, +byi = A(a;;h), B(ay;b,) = [BA| = (@, ~ @)’ + (b, ~b)* =z, -2,

[Mirc @ 2] Cho s phirc z =2021—2003i . Tinh téng phan thyc va phén 4o cua z

A. —4024. B. -17. C.17. D. 4024
Loi giai

z=2021-2003; = z = 2021+2003i .
Téng phan thyuc va phén 4o ctua z bing 4024 .

[Mtre d 2] Cho s6 phitc z, =1+3i, z, =3i—4, s phitc z, dugc biéu didn boi diém C (4;-2).
Tinh |Z1 |2 —|Zz|2 +|Z3|2

A. 35. B. 55. C.15. D.5
Loi giai

z,=4-2i
|z, ~|z| +|z =10-25+20=>5.

[Mire d9 2] Cho cac sé phtrc z thoa méin |z+ 2 —i| = |z -1+ i| . Biét tap hop cac diém biéu dién

cac s6 phirc z trén mit phang toa d6 1a mot duong thang. Phuong trinh dudng thang do 1a

A. 6x—4y-3=0. B.6x=4y+#3=0. C.6x+4y+3=0. D.6x+4y-3=0.

Loi giai

Goi z=x+yi (x; yeR).Taco:



|z+2—i|:|z—l+i|<:>|x+yi+2—i|:|x+yi—l+i|

S Jx+27 + (=17 =J(x=1) +(y+1)
& 6x—4y+3=0.
Céiu 18: [Mikc d9 2] Cho sb phtic z théoa man zz =1 va |E—1| =2. Tong phan thuc va phan 4o cla z

bang
A B B. 0. C.2. D. 1.

Loi gidi
Goi z=a+bi (a;beR), suyra Z =a—bi.

+) zz =1 suyra (a+bi)(a—bi)=l©a2—(bi)2 Sa’+b’ =1,

+) |E—1|=2 suy ra |(a—1)—bi|:2<:>(a_1)2+(_b)2 =4

=a+b=-1.

a2+b2 :1 a:—l
Giai h¢

— z 2: < b:O
(a 1) +b" =4

Ciau 19: Cho sé phiic z=a+bi (a,bcR) thoéa min z+1+3i—|z|i:O. Tinh S =2a-3b.

A S=L 5.. C.S=-6. D.S=-_.
3 3

Loi giai
Cach 1:

bat z=a+bi; (a;beR).

Tir gid thiét, ta c6: a+bi+1+3i—|a+bili=0 < a+bi+1+3i—a’ +b"i=0

o
b+3—-+a*+b* =0

a+1=0 a=-1
<:>a+1+(b+3—\/a2+b2).i:0<:>{ { 4.

Vay S=2a—3b:—2—3.(—§j:2.
Cach 2: z+1+3i—|z|i=0(*)

z+1+3i—|z|i:0<—>|z|=|—1+(|Z|—3)i|

ol =1+(d-3) =2



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Thay vao (*) ta duoc: z:—l—gi

Vay S:2a—3b:—2—3.(—§j:2.

1+3i

1-2i

A. 3. B.2. C. -3. D. B
Loi giai

Cho s6 phitc z =a+bi(a,beR) théaman a+(b—1)i= Gia tri cia a.b bang

1+3i

Ta co: b-1)i=
aco: a+(b-1)i o

. . a=-1 a=-1
Sa+(b-1)i=-l+i< o )
b-1=1 b=2

Suyra ab=-2.

[ Mire d§ 2] Phuong trinh bac hai nao sau day c6 nghiém 1— V2i 2
A. 22 =2z+3=0. B. 2 +2z+5=0. C.z"-2z+5=0. D. 22 +2z+3=0.
Loi gidi
Vi z, =1-/2i 1a nghiém cua phuong trinh bac hai az’ +bz+c=0 nén z, =1++/2i cling la

nghiém ctia phwong trinh bac hai az’ +bz+c=0.

zl+zzz_—b:1+\/§i+1—\/§i =2
Ta co 4 suy ra 1-2i 1a nghiém cua phuong trinh bac hai
2z, == =(14420)(1-42i) =3
a

z>=2z+3=0. Chon A

[ Mire dd 2] Trong tap cac sd phirc, cho phuong trinh z° —2mz +(m —1)2 =0,meR (1) . Goi
m, 1a mot gia tri dé phuong trinh (1) c6 hai nghiém phan biét z,, z, thoa mén |z, |2 = |Zz|2 . Hoi
c6 bao nhi€u gia tri nguyén cua m, khong vuot qua 20217

A. Vo sb. B. 2020. C. 2022. D. 2021.

Loi giai
Phuong trinh z* —2mz + (m - 1)2 =0, meR co6 hai nghiém phan bi¢t z, z, thod man
|z =|z,|" khiva chikhi A'<0< m> —(m+1)’ <0< m >_71. Chon C
[Mire dd 2] Trong tat ca cac s phirc z théa min |Z - 1| =4, tim s6 phirc c6 mod dun nho nht

A, z=-3+1i. B. z=-3-i. C. z=-3. D. z=3.
Loi giai

Giast z=a+bi, a,beR.

z-1|=4 o J(a-1) +b* =4 o (a-1) +b* =4,



Cau 24:

Cau 25:

Suy ra tap hop cac diém M biéu dién sé phic z 1a duong tron tim 7 (I;O), ban kinhR=4.

Mat khac,

Z|=OM ,dod6 |z| . < OM,, =|0I-R|=3.

(a-1)" +b* =4 @{a =-3

Khi d6 ta c6 hé phuong trinh:
i b =3 b=0

Vay z =-3 1a s6 phic can tim.

, tim s0 phtrc c6 md dun nho

[Mire dd 2] Trong tat ca cac sd phic z thoa mén |z—1| = |z+3i
nhét
A. B. Z:—g+éi. C. Z:%—éi. D.Z:g+éi.
55 55 55
Loi giai

Giast z=a+bi, a,beR.

2= =|z+3i] = J(a=1) +b" = Ja>+(b+3)’ < a+3b+4=0.
Suy ra tap hop cac diém M biéu dién sb phirc z 13 duong thing A:x+3y+4=0.

Mait khéc,

z|=0M ,do d6 |2| < OM,, =OH vé&i H1a hinh chiéu vudng goc cua O trén
duong thang A.

Ta tim duoc diém M(—%;—g). Vay z= —%—gi 1a s6 phirc can tim.

[ Mire d§ 2] Cho s6 phic z théa min |z|<2. Gié tri nho nhat cia biu thitc P=|z—3+4i]

bang:
A.5. B. Bl C. -3. D.7.




Cau 26:

Cau 27:

Cau 28:

Gia sir M 1a diém biéu dién s6 phirc z thoa man |Z| <2. Khidé M thudc hinh tron tdm

0(0;0), ban kinh R=2.

Pua bai toan tim GTNN cua biéu thic P = |z—3+4i|= |z —(3-4i )| vé bai toan tim d6 dai doan

MA ngan nhat v6i A4(3;-4) 1a toa d6 diém biéu dién so phirc z, =3—4i.
Tacé OA=5 nén diém 4 ndm bén ngoai hinh tron tim O bénkinh R=2
Nhu vy d6 dai M4 nho nhét bing 04— R =32 +(-4)" —2=3.

[ Mirc d§ 2] Trong khong gian Oxyz, cho hai diém A(3;1;-2), B(2;-3;5). Piém M thudc
doan AB sao cho MA=2MB,toadd diém M la

A.- B. M (4;5,-9). C.M(%;—S;%}. D. M (1;-7;12).
Loi giai
Goi M (x;y;z).
Vi diém M thudc doan 4B sao cho MA =2MB — AM =2MB
7
Xx=—
x-3=2(2-x) 3
5 7 58
-1=2(-3- =—= ——==|.
Sy (3-y)e=qy 3:>M(3, 3,3j
z+2=2(5—z)
=2
3

Vay M Z;_—5;§ .
37373

[ Mirc d 2] Trong khong gian vé6i hé toa dd Oxyz, cho 3 diém A(2;1,—3); B(0;—2;5);
C(L;1;3). Tim toa d¢ diém D d& ABDC 14 hinh binh hanh
A. D(1;2;—11). B. D(—1,2—5).  C.D(3;4,-5). D. D(=-211).
Loi gidi
x,—1=-2 X, =—
Vi ABDC 14 hinh binh hanh nén: CD= 4B < {y, —1=—3&1y, =-2
z,—3=28 z, =11

Vay D(—1;,-2;11)

[ Mire dg 2] Trong khong gian véi hé toa dd Oxyz, cho diém [ (—3; 2;— 5). Phuong trinh mat
cau (S) c6 tam 7 va (S) tiép xtic véi truc Oz la:

A (x=3) +(y+2) +(z—5) =13. B.



Cau 29:

Cau 30:

C. (x+3) +(y—2) +(z+5) =169. D. (x+3) +(y—2) +(z+5) =25.
Loi giai

Goi H 1a hinh chiéu vuong goc cua tam I(—3; 2;—5) 1én truc Oz = H(O; 0;—5)
Vi mit cau tiép xuc voi truc Oz nén c6 ban kinh R = IH = J13
Vay phuong trinh mdt cau () can tim la: (x+3)" +(y—2)" +(z+5)" =13.
[Mire @9 2] Trong khong gian voi hé toa dd Oxyz, tim tong tt ca cac gia tri nguyén duong
ctia tham s6 m dé phuong trinh x> + y* +z°> —2x+2y—4z+m =0 1a phuong trinh ctia mot

mat cau

A. 6. B. 21. c. 15 D. 5.
Loi giai

Tt phuong trinh: x>+ y* +2° = 2x+2y—4z+m =0

2a =-2 a=-1

2b=2 b=1
Taco &

2c=—4 c=-2

d=m d=m

Phuong trinh di cho 14 phuong trinh mit cau
Sa+b+ct—d>01+1+4-m>0m<6, két hop m 1a gia tri nguyén duong

Suyra me {1;2;3;4;5} . Vay téng cac gia tri tham $6 m can tim 1a 15

[Mire d 2] Cho M (8;—2;4). Goi 4,B,C lan luot 1a hinh chiéu vudng goc cua diém M 1én
céc truc Ox, Oy, Oz . Phuong trinh mét phang (4BC) la:

A. x+4y+2z-8=0. B.x-4y+2z-8=0.
C.x-4y-2z-8=0. D.x+4y-2z-8=0.
Loi giai
Vi A4,B,C lan luot 1a hinh chiéu vudng goc cua diém M 1én céc truc Ox,0y,0z nén

A(8;0,0), B(0:-2;0), C(0;0;4).
Phuong trinh mt phang (4BC) theo doan chin la:

ﬁ+l+§=1 hay x—4y+2z-8=0.

8 2



Cau 31:

Cau 32:

[ Mire dd 2] Trong khong gian toa d6 Oxyz, Phuong trinh mit phiang (a)di qua hai diém
A(1;1;1), B(=2;0;3), cach déu hai diém C(3;-2:1),D(2;—1;2) va C,D nam vé hai phia cta
mit phing (a) la

A 3x+y—-4z+6=0,

B. x+y+2z-4=0.

C 3x+y—4z+6=0 vax+y+2z-4=0.

D.x—y—2z+2=0,

Loi giai
C,D nam v¢ hai phia cia mit phing (a) nén CD cat mit phing (a) tai /.
Vi mit phiang (@) cach déu hai diém C(3;-2;1), D(2;-1;2) nén I la trung diém CD.

Toa do diém I(%;—%;%) . Mt phing ()14 mp di qua ba diém 4,B,1.

AB(-3;-1;2)

Mt phing (a)c6 VTPT la: n = [25,227] = éﬁ(l;l;z) vi { o
241(3;-5;1)

Vay phuong trinh mit phing (a) la: x+y+2z-4=0

x—1 _y+l =z
2 1 3
mit phing (P)x+2y—2z+1=0.Goi A4 1a giao diém cua d véi mp (P), M 1a diém

[ Mirc d6 2] Trong khong gian toa dd Oxyz, Cho dudng thing d va

thude d sao cho MA = 6~/14 | khoang cach tr M t6i mit phang (P) la:

2414 2
A, —— B. 4 C. 4V14 D. —.
7 - V14

Loi giai

/ A H

x=1 y+1 =z -
> = 1 =§céVTcplaud=(2;l;3)

d:




Cau 33:

Cau 34:

(P)x+2y—2z+1=0c6 VTPT ner) = (1;2;-2)

Goi H 14 hinh chiéu vuéng goc clia M trén mit phang (P), ta c6 (d;(P)) = MAH

TN — — MH
sin(d;(P)) =|cos(u,;n
(d:(5) (v (P))‘ 3\/ "~ MA
T 2
MH = MA.sin(d;(P)) =614 ——=4
sin(d;(P)) =6~ 3@

Vay dypy =4

[ Mire d@9 2] Viét phuong trinh tham s cua duong thang (d ) qua A(2; —4; —2) va vudng goc

v6i mit phing ( yOZ) :

x=2 x=2+t
A.Jy=—4+t;teR. B.{y=—4+t ;teR.
z=-2+t z=-2

D. Ca 3 dap an déu sai.

Loi giai
(d) L(»0z) nén c6 vecto chi phuong ctia (d):u, =(1;0;0) .

Phuong trinh tham sé cia dudng thang (d ) qua A(2;—4; —2) va vudng goéc v6i mat phang

x=2+t
(yOZ)lél y=—4 ;teR.
z==-2

[ Mike dd 2] Viét phuong trinh tham s cua duong thing (D) qua B(2;3;1) va song song voi

hai mit phang (P):2x—y+22—7:0 va (Q):x+3y—22+3:O.

x=2+4m
A. B.jy=3-6m;meR.
z=1+Tm
x=2-4n
C.{y=3-6n ;neR. D.Cabadap an déu sai.
z=1+7n

Loi giai
Vecto phap tuyén cua hai mit phang (P):Zx—y+2z—7=0 va (Q):x+3y—2z+3=0 lan
lugt 1a n, =(2,-1,2);n, =(1,3,-2)



(D)//(P) va (D)//(Q) nén vecto chi phuong ciia (D):a = [ni,nj} =(-4;6,7)

x=2-4¢
= (D){y=3+6t;teR .
z=1+7t

Cau 35: [ Mire d9 2] Trong khong gian toa do Oxyz, cho hai diém A(1;0;-3), B(3;-1;0). Viét phuong
trinh tham s6 cua dudng thing ¢ 1 hinh chiéu vudng goéc cia duong thing 4B trén mit

phéng (Oxy).

x=0 x=1+2¢ x=0
A.d:Jy=-t . B.d:qy=0 D.d:qy=0
z=-3+3¢ z=-3+3¢ z=-3+3¢
Loi giai

Hinh chiéu vudng goc cta diém A4 trén mat phang (Oxy) 1a H(1;0;0).
Vi B e (Oxy) nén hinh chiéu vuéng goc ctia B 1én mit phang (Oxy) tring véi diém B .
Phuong trinh d can tim di qua A va B.
Dudng thang d di qua H c6 véc-to HB =(2;-1;0)
x=1+2¢

Suy ra phuong trinh tham sé ctia d 1a { y =—¢
z=0

1
Chu 36: [Mirc d§ 3] Cho ham s6 y = f(x) lién tuc trén doan [-1;3] théa man If(x)dx:2 va
0

if(x)dxz 4. Tinh jlf(|x|)dx

1

A. 6. B. 4. C.8 D. 2.
Loi giai

1 1

Vi 7/(|x]) 1a ham chén nén jf(|x|)dx=2jf(|x|)dx=2jf(x)dx=4.

0 0
3

Ta c6: jf ) dx jf ) dx j (|x|)dx=2if(x)dx+jf(x)dx=4+4=8.

1

3x% +2e" +(3x2 +2)xe

1+ xe*

va

Cau37: [ Mirc d§ 3] Biét F(x) la mot nguyén ham cia ham s f(x)=
thoa man F(O) =0. Tinh F(l)

A. F(1)=1. B. F(1)=1-2In(1+e).

C. F(1)=1+2In(1+2e). D. F(1)=1+2In(1+e).

Loi giai



Cau 38:

Cau 39:

T o F(x):j3x2+2ex+(3x2+2)xe dx:J.3x2(l+xex)+2(x+1)ex 0
1+ xe” 1+ xe”
5 2(x+1)e" (x+1)e* 3
—I3x dx+I dx=x +I—dx=x +7
1+ xe” 1+ xe”
bat t=1+xex:>dt=(1+x)e"dx.
Khi do I:2J.%22ln|t|+C:21n|l+xex +C

Do viy F(x)=x"+2In[l+xe’|+C

Ma F(0)=0 nén C=0 suyra F(x)=x3+21n|1+xe" (I)=1+2In(I1+e).

In(sin x+cosx)

[Mirc d¢ 3] Biét

O i | N

T . Ay A KA.
5 dx=—In2+— voi a, be N; ceZ, —laphan so toi gian.
cos” x b c b

Khi d6 gia tri a+2b—c bang

Al B. 3. C.9. D. ik
Loi giai
Chon D
’ u =In(sin x +cosx) duzcc?sx—sinx i
Ta co: 1 = sin x +cosx
dv:COS xdx v=tanx+1
e 4 In(sin x+cosx) . z 4 coS x —sin x
Khi do: I=I - dx = (tan x +1).In(sin x +cos x) ‘g—j(tanx+1) — T dx
. cos’ x . sinx +cos x

3 z
=2Inv2 - j cosx— Smxdx:2ln\/§—(x—ln(cosx)) 4 :21n\/§——+—1n2—iln2——
7 COS X 0 2 2 4

Vay ]:1%In2—%:>a:3;b:2;c:—4:>a+2b—c:11.

[ Mitc @9 3] Tinh dién tich S cia hinh phang giéi han boi cac d6 thi ham sé

b

= (5x-3).4"; = 5x+3 = .
f(x) (x ) ,g(x) x+3 tadugc S a+16ln22 —

, VO1 a,b,c 1a cac sO nguyén

duong. Khi d6 gia tri cia P=a+b+c bang
A. P=76. B. P=36. C. P=96. D. P=86.

Loi giai

Giai phuong trinh f (x)=g(x)< (5x—3).4" =5x+3



_5x+3 x Ox+3

= 4" =
5x—-3 5x-3

0(*)(vi x :% khong 1a nghiém cua (*).

_5x+3
5x-3

Xét ham so h(x)=4" voi xi%.

30

Ta co h'(x) =4"nd+
(5x—3)

—~>0,Vx ¢§ nén h(x) 1a ham s6 dong bién trén cac khodng

(—oo;%) va (%;+oo) , do d6 phuong trinh f(x) =0 c6 khong qua 2 nghiém ma
h(—l) = h(l) =0. Vay (*) c6 hai nghi¢m phéan biét x=-1 va x=1.
Dién tich hinh phang can tim la:

S :j.l|f(x)—g(x)|dx=j1|(5x—3)4x —(5x+3)|dx=

jl[(Sx—3)4x —(5x+3)}dx‘

= i[(sx—3)4x—(5x+3)]dx‘= j.l(Sx—3)4xdx—j(5x+3)dx‘.

-1

| du = 5dx
u=>5x-3
Tinh [ (5x—3)4"dx. Dat =1 g
b dv=4"dx v=
In4
1 (5x-3)4] 54 10 5 . 5 75
Suy ra '[(Sx—3)4xdx:— - dr=— 4 = —
e In4 y ’ In4 In4 In°4 ' In2 16In°2
1 5x° 1
Tinh I(5x+3)dx:[7+3x] =6.
—1 1
s 752 ds 752 5
In2 16In"2 16In°2 In2
a=6
Vay <b=75=a+b+c=86.
c=5

Chu 40: [Mirc df 3] Cho hinh phang (/) giéi han béi (C):y =x’ —3x va dudng thang d : y =x. Thé

tich khéi tron xoay sinh béi hinh phing (H)quay quanh truc hoanh c6 dang

szﬂ(a+bx/5+c\/§

105 J v6i a,b,c € Z. Trong cac sb a,b,c c6 bao nhiéu s6 duong?

AR B.O. C. 3. C. 1.
Loi giai



Cau 41:

Y

x=0
Phuong trinh hoanh d¢ giao diémcta (C) va d: x’ -3x=x o x’ -4x=0c|x=2 .
x=-2

Phuong trinh hoanh d¢ giao diém cta (C) va truc hoanh: x* -3x=0<| x= N
N
Goi (€'} ==+ +3x 12 db thi d6i ximg v6i b thi (C) qua tryc hoanh.

x=0
Phuong trinh hoanh d6 giao diém cua (C') vid: X +3x=xo X -2x=0c| x=+2 .

N
Tur d6 thi ta cé: V = 27{f(x3 —3x)2 dx + j. [xz —(x3 —3x)2}dx]
0 2

sV =2r

o'—.s‘

(x —6x" +9x +J2. —x®+6x* — 2)a’x}
V2

2

x__6i 8
7

2

)

7
V2 (g_& ]

eV=2x _128”76&”16‘5} —a=-128 b=176; c=216.
) |Z|=2
[ Mirc d§ 4] C6 bao nhi€u s6 phire z théa man |, | 2
2> +4]=12
Al B.2. C.0. D.B
Loi giai

S R C R
a e |22 +4[=12 \z3+zz\=12 ‘zz+2‘:6



x2+y2:4 (1)
Gidstr z=x+yi, x,yeR tacod
(x2 —y° +)c)2 +(2x—1)2 y'=36 (2)

Tir (1)= y* =4—x" thé vao (2) ta duoc:
(20° +x—4) +(2x-1) (4-27) =36

S x=3x-2=0

- =4
- X =y _\/5
x=2=y=0

Viay c6 ba sb phurc théa man: z =2; z=—1—\/§; z=—1+\/§

Cau42: Cho sb phuc z=a+bi (a,bER) théa man Z+13+?l la sd phtric thuan ao. Khi
z—3—i
P =2|z—4-3i|+3|z+6—3i| dat gia tri nho nhat. Tinh Q= —2a+5b
A. Q=-7. B. 0=-3. C.0=7. D. 0=3.

Loi gidi
Chon'C

Tacg ZH1TTI_atl+(b+7)i |at1+(6+7)ifla—3—(p-1)]
z—=3—i a-3+(b—1)i (a=3) +(b—1)

@’ +b’—2a+6b—10+(8a—4b—20)i

N (a—3) +(b—1y '

z+147i

z—3—1

@* +b*—2a+6b—10=0<x (a—1)" +(b+3)" =20.

Theo bai ra

1a s0 phurc thuan do nén

Goi M (a;b) 1a diém biéu dién cua s6 phirc z. Khi d6 tap hop diém M nam trén dudng tron

(C): (x=1)" +(y+3)" =20 cotam I(1;—3), ban kinh R =24/5.
’M.I

B

Tacod P=2|z—4—3i[+3|z+6—3i|=2MA+3MB véi A(4;3),B(—6;3).



Cau 43:

Déthéy[A:?a\/g:%R.

. \ N ~ g 4—' 7 1

Goi D la diém thoa man ID:EIA:>D 5;_5 .

A M 3 Njamt ~ A =AM 3
IM ID 2 MD 2
Tir d6 suy ra P = 2MA+3MB = 3(MD + MB)>3BD =529 .

Tacod IAID=R*=IM* =

Do d6, P dat gia tri nho nhat bang 529 khi va chi khi M 1a giao diém cua BD va duong tron

(C), M nam gitra B va D.

Ta cé BD = [E,—Q] = é(5;—2) :
3 3 3

xX=—6+5t¢

y=3-2t

(*).

Thay (*) vao phuong trinh dudng tron (C ) ta dugc

Phuong trinh dudng thang BD 1a {

t=1
(5t=7) +(2t—6) =20 29> — 9414+ 65=0=|  65.
t=—
29
9 151 43 . s \ A
Suy ra Ml(—1;1> hoac M, 2—9;—5 . Vi M nam gitta B va D nén M(—l;l).

Tacod a=—1;b=1.Suyra Q=-2a+5b=-2(—1)+5.1=7.

[ Mirc d9 3] Trong khong gian véi hé truc toa do Oxyz, cho diém A(-1;3;0) va diém
B(2;1;-4). Tim diém M thudc mit phang (Oxy)sao cho biéu thic P =2MA> - MB’® dat gia
tri nho nhét.

A. M (-4;5:4). B. M (—4;0;0). C. M (0;5;4). D. M(-4;5;0).

Loi giai
Goi I(a;b;c) sao cho 2IA—IB=0.
Taco IA=(~1-a;3-b;—c).
IB=(2-al-b;—4—c).

2(-1-a)-(2-a)=0 (q=-4
0 <1b=5 =1(-454)
2-c)(A-c)=0  le=4

P =2MA> - MB’ =2(W+H)2 —(M+E)2 = MI* + 2M] (214~ IB) + 214" ~ IB®

Do 2IA—IB=0 nén P=MI*+2I4> — IB*.



Cau 44:

Cau 45:

Vi 2147 — IB* khong d6i nén P nho nhét khi M7 nho nhat hay M 1a hinh chiéu cta 7 trén mat
phang(Oxy)

Vay M (—4;5;0).
Trong khong gian v&i hé toa 40 Oxyz, cho mit cau (S):(x—l)2 +(y+2)2 +(z—5)2 =26 va
diém A4(2;1;1). T diém A4 ké cac dudng thang d6i mot vudng géc v6i nhau va cit mét cau

(S) tai cac diém B,C,D khac A. Mat phfmg (BCD) ludén di qua diém H(a;b;c) ¢ dinh.

Tinh gi tri cua biéu thic P=a+b+2c.

23 20 18
A B. —. C. —. D. 4
3 3 3
Loi giai
Chon A
D’ 3
.'|1".'\\
.“I':‘K‘“-
i A
F 7 : T "\ \‘x\ —n
! . L wy
i 1 oo ;""*\
v~ %
II.' : v A ~
I S S .
,r 1 {__-’f "'. i \_\
! ::J'Tf:___l',___x‘f__'_?___:-"-'\c
- T | .'-'t"'---- /
# e
f,/ _-O,__ . %
- -
B E

Mat cau ¢6 tam 7(1;-2;5), ban kinh R =26 va 4€(S).

Tt dién ABCD c6 cac duong AB, AC, AD d6i mot vudng goc.

Dung hinh hop chit nhat ABEC.DFMN , khi 6 I 1a tim mit cAu ngoai tiép hinh hop chir nhat
va 1a trung diém cua AM va DE.

Goi O=ACNBD, G=AM nDO . Ta co AG =0G= 40 =l:> G 1a trong tam tam
GM GD DM 2

giac BCD va AG =lm =%A—f =G i;—I;EJ =>H i;—1;E =P =2.

3 3 3 3 3 3 3
[Mire @9 3] Trong khong gian Oxyz, cho cac diém A(-1;0;2), B(2;-1;0) va mat phing
(P):x-2y+5=0.Goi A la dudng thing di qua 4 va song song v6i mit phang (P) sao cho

khoang cach tor B dén A dat gia tri nho nhét. Mot vecto chi phuong u cla A 1a?

(—1;2;2).
(2;2;—1).

=(2;1;,-2).

B. [
D. u=(2-21).

A u
C.u



Loi giai

Q

Goi (Q) 1a mit phing di qua 4(—1;0;2) va song song véi mit phing (P).
Suyra (Q):x—2y+1=0.

Do A// (P) nén Ac(Q).

Goi K, H lan lugt 1a hinh chiéu ciia Blén (Q) va A,

Taco BH > BK
d(B,A)=BH dat gia tri nho nhatkhi BH =BK < H=K .

Khi d6 A qua 4 va K. Goi d 1a duong thing di qua B va vudng goc (P), d :{y=—-1-2¢.
Taco Ked= K(2+1-1-21,0); K e(Q)=1=-1= K(L10).
Mot vec to chi phuong cia A 13 AK = (2;1;-2).

CAud6: [ Mic dd 4 |Cho ham sé f(x) lién tuc trén (L+e0), théa man f(2)=6 va
f(x)=(x-1)f"(x)+2x" =3x" +1,Vx €(1;+ ). Tinh f(\/i)

Al B. /2. C. 1. D. N2
Loi giai

+) Vxe (1;+oo)ta co:
f(x)=(x=1).f"(x)+2x’ =3x* +1

& f(x)=(x=1).f"(x)+(2x+1)(x-1)’

c{f(x)}, —2x+1 :j{f(x)}, dx = [(2x+1)dx LG BT

x—1



Cau 47:

Cau 48:

Vi f(2)=6=C=0= f(x)=(x-1)(x" +x),Vx>1 :>f(\/§)=\/§,
[ Miac do 4] Cho ham sb f (x) lien tuc  trénR,thdoa  man

f(x)-f(4=x)-f(5-x)=10x"+1, VxeR.Gidtr if(4—x)dx+jf(5—x)dx 1a

506 1685
A ——. B. 438. c.B
3 = 2
Loi giai

D. —449.

b b
Ap dung cong thic: If(x)dx =If(a +b—x)dx.

a

3 4 4

Do d6: j.f(x)dxzj.f(4—x)dx; J.f(x)dx zjf(S—x)dx.
Tir gia thiét:

f(x)-f(4=x)-f(5-x)=10x" +1:>j(f(x)—f(4—x)—f(5—x))dx=I(10x3+1)dx=202

<:>Jf(x)dx—jf(4—x)dx—'[f(5—x)a’x=202

1 1
3 3
& =[f(5-x)dx =202 [ f(5—x)dx=-202. (1)
1 1
Mat khac:

f(x)—f(4—x)—f(5—x)lex3 +1:j!‘.(f(x)—f(4—x)—f(5—x))dx:j(10x3 +l)a’x:L281

1

4 4 h 1281
<:>_{f(x)dx—_l[f(4—x)dx—jf(5_x)dx:T

1281

- 1281 ¢
@!f(4—x)dx——7. (2)

<:>—jf(4—x)dx-7

1

4 3
Tur (1) va (2) ta suy ra: If(4—x)dx+Jf(5—x)dx:_%_202:_$.
1 1

[Mire d94] Choz,, z,1a 2 s6 phirc thoa man|z—4-3i|=2 va |z,—z,|=3. Gia trj 16n nhét cta
biéu thic M = |Zl +z,-2+ 2i| la

A 10+24/5. B. 5+2410. C. 10++/7. D. 7+2410.
Loi giai



O H 1 8

bat z, =z +z,

Goi 4,B,C lan luot la cac diém biéu dién cac sb phtc z, z,, z,.
Nhin xét:

+ A, B ludn thude dudng tron tam /(4;3), bankinh R=2 va AB=3.
+ T giac OACB 1a hinh binh hanh.

Goi H la trung diém cua AB= IH | AB tai H

NG

[H = I4* — HA* = g = H ludn thudc duong tron tam (4;3), ban kinh R, = -

Vi tir gidc OABC 13 hinh binh hanh nén H 1a trung diém ciia OC = OC =20H
= C la anh ctia H qua phép vi ty tim O ti s6 2

= C luon thuc duong tron tm K (8;6) va bén kinh R, = 2R, =+/7 (K 1a 4nh ciia H qua
phép vi tu tim O tisd 2).

Taco: M =|z,+z, - 2+2i|=|z,-(2-2i)|= CL v6i L(2;-2) la diém biéu dién s6 phirc 2-2i
Theo quy tic 3 diém, ta c6: CL < KL+CK

= M <10+/7.

Cach khac: Co Viét Thao

Goi 4,B lan luot 14 cac diém biéu dién cac s6 phic z,, z,.

= A, B ludn thugc duong tron tdm 1(4;3) ,bankinh R=2 va AB=3.

Goi H 1atrung diém cia 4B = IH 1 AB tai H

NG

IH =14 — HA* = g = H luén thudc dudng tron tam /(4;3), ban kinh R, = -



Cau 49:

Taco: M =z +2,~2+ 2 =|z, ~1+i+2, ~1+i| =|Nd+ NB| = |2NH| = 2NH voi N(1;-1) 1a
diém biéu dién s6 phirc 1-i
Theo quy tac 3 diém, ta c6: NH < NI +IH = NH < NI + R,

Do do: M, =2(NI+R)=10++/7.

[Mitc d 4]Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(l;l;l),B (2; 2;1)Vé1 mat
phing (P) :x+y+2z=0. Mit cau (S)thay dbi di qua 4,B va tiép xic v6éi mat phang (P) tai

tiép diém H . Biét H chay trén mot duong tron ¢ dinh. Tinh ban kinh duong tron do.

A. 342 B. V3. C.2\3. D. ﬁ

2
Loi giai

Ta co: AB = (1,1,0)

x=1+t
Phuong trinh tham s6 cta dudng thang AB1a:{y=1+¢.

z=1

Goi M 1a giao diém ctia 4B va mit phing (P) x+y+2z=0.

x=1+t
141 x=-1
=1+
Toa do M (x;y;z)thoa man hé Y . =qy=-1.
z =
z=1
x+y+2z=0

Vay co M(—l;—l;l).
Theo tinh chét cia phuong tich ta c6 MH?* = MAMB =12 = MH =24/3..

Suy ra H thudc mit cau tim M ban kinh 2\/§ )

Mat khac H thudc mat phéng (P)( qua tam cau M )nén H thudc duong tron thiét dién cua

mit cau tim M ban kinh 2\/3 va mat phang (P). Puong tron niy c6 ban kinh 2\/§ .

Cau 50:

[ Mircdd 4] Trong khong gian (Oxyz) cho tam gidc ABC c¢6 A(2;3;3), phuong trinh dudng

x=2 y-5 z-1
-1 2 -1

trung tuyén ké tr B 1a , phuong trinh duong phan giac trong goc C la

x-4 y-3 z-1
2 -1 -1
A. T=1 B. T =52 C.T=29 D. T=10

. Biét rdng toa d¢ diém B(m;n;1). Tinh gia tri biéu thic T=m’ +n’.




Loi giai

Goi M 1a trung diém AC. Trung tuyén BM c6 phuong trinh x—12

M (2-m;5+2m;1—m) = C(2-2m;7 +4m;—1-2m).
Vi C nam trén dudng phan giac trong goc C nén

L {C(4;3;1)

M(3;3;2)

2—2m—4_7+4m—3 _—l—2m—l
2 -1 -1

=>m=

Goi A’ 1a diém d6i xtmg ctia 4 qua phan giac trong goc C

y=5 z-1

= = suy ra
2 -1 Y

Goi I 1a giao diém cta A4’ véi phéan giac goc C, khid(’)l(4 +2a;3—a;1— a)

Suy ra khi do A'(6+4a;3—2a;—1—2a) va A' e BC.

Véc to chi phuong ciia duong thang chira phan giac trong goc C lau = (2;—1; —1) .

Ta co

Adu=0 < (4+4a)2+(-2a).(-1)+(-4-2a)(-1)=0 o a=-1= 4'(251)e BC.

x=2+t
Suy ra phuong trinh duong thang A'C:{y=5-1.

z=1
Ma A'C nBM ={B} Vay nén

24b-2 5-b-5 1-1
-1 2 -1

=b=0=B(25]1)

VayT =m*>+n*=29.



PE ON TAP KIEM TRA CUOI HOC KY II
MON: TOAN 12 - PE SO: 37 (100TN)
2
Caul: Cho jf )dx=3 va jg dr=—=5.Tinh 7 = [[2x=3f(x)+4g(x)]dx.
A. 1=26. B. I =-26. C.I1=-8. D. =12,

Cau2: Goi § 1a dién tich hinh phing giéi han boi db thi ham s6 y = f(x), truc hoanh, duong thing

x =a,x =b.Hoi cach tinh § nao dudi day diing?

4y y= f(x)

A S=] f(x)dr. B. =] £ (x)dc+ [ £(x)a.
C. S=jf(x)dx+if(x)dx. D. S:—j'f(x)dx—jf(x)dx.

_I)dx —a+bIn3, voi a,b 13 cic sb nguyén. Gia trji ciia a+b bang
A. 9. B. 7. C. 8. D. 10.
1
Cau 4: Tinh tich phan sau j2x(x2 + 1)2021 dx
0

1 22022 _1 22021 1 22022 _1
A ——. B. . C. . . .
2022 2022 2021 4044

s

6
Cau 5: Gia tri cua tich phan I cos2xdx bang
0

3 2 3
Al B.i. C.£. D.i.
2 2 4 4
3
Cau 6: Biet J.(2x+l)cosxdx:a7r+b. Tinh P=a® +b?
0
A. 1. B. 4. C.0. D. 2.
Cau 7: Tinh dién tich hinh phing gi6i han boi cac dudong ¥ = X =3 va y= —2|x|
A2 B. 10 c.’ p. 0
3 3 3 6

Cau 8:  Tinh thé tich ciia khi tron xoay khi quay hinh phang gi6i han bai cac duong ¥ = X’ —4x , ¥y=0

, x=—1, x=1 quanh truc Ox.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

A 2T B. 347 c. 20487 . 4777
105 105 105 105
3 1
Cho I = f(x)dr=2020. Tinh tich phan J = [ f(2x-+1)dx.
1 0
A. 2021. B. 4040. C. 1010. D. 2020.

1
Tich phan j(x —2)e*dx=a+be’, voi a,b la cac s6 hitu ti. Biéu thirc a +b bang:

0

A, 2 B. 1

1 C. —— D. 2
2 2
r 3 r
Biét I:_[)cln()c2 +1)dx:a1n10+bln2+c trong d6 @, b, C la cac sO nguyén. Tinh gia tri cia
1
bieuthic T=a+b+c.

A. T=5. B.T=2. C.T=0. D. T=10.
| 5

Cho s la ham s6 lién tuc théa [ £ (x)dx =2021. Tinh / = [ cos x.f (sin x) dx .
0 0

A. 2020. B. 2019. C. 2022. D. 2021.

Biét J dx =2, trong 46 a,b la cac s6 thyc duong. Tinh tich phan l—dx

xXimnx
A.I=In2. B.1=2. c.r=—L. D. /=L
In2 2
. A 3x° +5x+1
Cho tich phan 7 = j—dx aln2+bIn3+c. Voi 0,b,ccQ. Tinh gia tri cua biéu thic
X +X
T=3a’+3a—-c
A. -1, B. 0. C. 1. D. 2.

2 2
Cho sb phirc - thoa mén: z = (l+\/5i) +(l—x/§i) . Tinh modun cua sb phirc w =iz —4

A. |w|=\/§. B. 2.5. C.2. D. 5.

. Cho s phirc > thoa man diéu kién: (l+2i)z+;=i. Tim s6 phtc :.

A z=142i. B..-1 1, C.z=2-i. p. -1,
2 2 2 2

. Cho s6 phurc - thoa man diéu kién: (l—i)z+;=2+i. Tim module ctia sé phtrc

w=2z-3i.

A.|W|=2\/E. B.|w|=\/§. C.|w|=2@. D.|W|=\/E.

Tim s6 phtic lién hop Z ciia s phitc z = (3 —2i)(2 + 3i).
A. z =-5i. B. Z=6+6i. C.z=12-5i D. Z=6-6i.

Tim céc s thuc X,y biét (2x+3y+1)+(—x+2y)i :(3x—2y+2) (4x Y- 3)

19—1’y:i B. x:—i y:i C.x:i yz_i D-x=—i,y=—i

A.x: Py >
11 11 11 11 11 11 11



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cho s6 phirc - thod méan hé thic |Z -3 +i| =5. Tap hop cac diém biéu dién cua -1a mot dudng
tron c6 ban kinh la

A. R=3. B. R=1. C.R=5 D. R=9.

Cho s phure - thoa mén hé thic (Z - 3) (1+17) =2i . Phan 4o ctia sb phirc - bang

A. 3. B. 1. C.5. D. 9.

Biét nghich dao cta s6 phitc Z béng s6 phtc lién hop cta né. Khi dé:

A. |Z| =1. B. |Z| =2. C. Z 1asb thuc. D. Z la sb thuan ao.

Goi Z; va Z, 14 hai nghiém phuc ciia phuong trinh z> + 6z +12 = 0. Tinh gié tri ciia biéu thirc

P=[z|+[z,|

A. P=4\3 B. P=2\3 C. P=6 D. P=3
Cho s6 phiic -théa min 3z — iz =15—13;. Tim mddun cta Z.

A. 5. B. 25. C. \/g D. ﬁ

Trong mit phang phirc, cho 3 diém 4, B,C lan luot 1a diém biéu dién cua cac sé phirc
z,==1+i,z,=1+3i,2,. Biét tam gidc ABC vudng cintai A va Z; c6 phan thyc dwong. Khi
do, toa do diém C la:

A.(2;-2). B. (3;-3). C. (V8-11). D. (1;-1).

Trong khong gian Oxyz , goc giira hai vecto ; Va y = (0;—\/§ ;1) la

A. 120°. B. 60°. C. 150°. D. 30°.

Trong khong gian v6i hé toa dd Oxyz , viét phuong trinh mit phang ( P ) di qua diém M (l; 2; 3)

va vudng goc v6i dudng thang A -

x—1 y-7 z-3
2 1 4
A. 2x+y+4z-16=0. B.2x—y+4z-16=0.

C.2x+y+4z+16=0. D. 2x+y+4z-16=0.
Trong khong gian véi hé toa dd Oxyz , cho mit phang (P):x-l—y—2z-|—3 =0 va diém 1(1;1;0).

Phuong trinh mat cau tim [ va tiép xtc véi (P ) la

A. (x—1)2+(y—1)2+22:%- B. (x_1)2+(y_1)2+22:2_65.
2 2 2 5 25

C.(x-1) +(y-1) +z" =—. D. 2 2222
( ) (y ) NG (x+1) +(y+1) +z -

, +1 -2 +
Trong khong gian 0xyz , cho duong thang d : al 5 4 3 _Z 3

phuong trinh mit phang (P) di qua A song song dudng thang d va truc Ox.

vadiém A(1;4;-5). Viét

A. y+3z-19=0 B. y-3z-19=0. C. y-3z+19=0. D. y+3z+19=0.



Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Trong khong gian voi hé toa d§ Oxyz , cho mat phing (P) :Xx+y+z-3=0.Piém M(l; 2; —3)
¢6 hinh chiéu 1én (P) 1a diém M'(a;b;c). Téng a+b+c bf‘mg bao nhiéu?

A. 3. B. -3. C.0. D. 6.

Trong khoéng gian Oxyz, cho miat phang (P) :2x-y+z—-4=0 va mat phang
(Q) :x+3y-2z+2=0.Puong thing d 13 giao tuyén ctia mit phang (P) va mat phang (Q)

c6 phuong trinh 1a
A x—1 y—-1 z+3 B x—1 y—-1 z-3

-1 -5 7 1 5 7
C. x—1 _ y—1 _ z—3 D. x—1 _ y+1 _ z—3 '
-1 5 7 -1 5 7
Trong khong gian Oxyz, cho diém A(—1;0;4) va duong thing d c6 phuong trinh
XTH - % =z ;1 . Tim phuong trinh duong thang A di qua A, vudng goc va cit d .
Axl y_z=2 gxl v _z22 cxl_y _zm2 px¥l_y_z-4
2 2 1 1 =3 1 1 1 1 1 1 -1
Trong khong gian Oxyz, cho duong thing A:Z ;2 =2 :1 =z ;5 va mit phing
(a):3x+4y+52—2021=0. Goc gitta A va (a) bang
A. 30°. B. 60°. C. 0°. D. 90°.
Trong khong gian Oxyz, cho tam giac ABC c6 A(2; 3; 1), B(4; I —2) , C(6; 3 7). Dién tich
tam giac ABC bang
A. 14. B. 24. C.8. D. 24.
Trong khong gian Oxyz, cho 4 diém A(6;—2;3), B(0;1;6), C(2;O;—1), D(4;l;0). Tinh thé
tich tor dién 4BCD .
A. Vigep =96+ B. Viscp =24 - C. Visep =72 - D. Viger =12+
. X 43" +ex’3 a 1 e . .z
Biét 7 :I dx=—+ In (1+ j, Vo1 a,b 1a hai s6 nguyén duong. Tinh
0 el +rx 3 eln3 T+e
T=a+b>.
A. 84. B. 41. C. 96. D. 25.
Hinh phing dugc t6 dam trong hinh dudi ddy duoc giéi han boi dudng tron, dudng parabol, truc

hoanh va c6 dién tich § :a\/z+b—CTE, V6i a,b,c eQ. Tinh tong 3a+3b-2c.



Cau 38:

Cau 39:

Cau 40:

Cau 41:

A. 5. B. 7. C.9. D. 11.
Mot vat chuyén dong trong 3 gid vai véan tde v(km / h) phu thudc vao thoi gian ¢ (h) ¢ do thi
ham s6 1a mot phan ciia parabol c6 dinh B (2;6) va truc dbi xing song song véi truc tung nhu

hinh v&. Tinh quing dudng S ma vt di chuyén duoc trong 3 gid do.
A.15km. B. 33km. C.16 km. D. 30 km.

Cho hamsb y = f(x) codaoham trén R, hamsd y = f'(x) 12 ham béc hai ¢6 dd thi nhu hinh

v€ dudi va co dien tich 5, = %, S, = 2.

O

Ménh d& nao sau day ding ?

A f0)<f()<f(4).B. fl=|<f(4)<f(1).

)

Trén tap hop s6 phirc, cho phuong trinh z> + bz +¢ =0 véi b,c e R . Biét rang hai nghiém cua

Rl
2

C. fl=|<fO)<f().p. fF()<f(4)<f

>
2

phuong trinh ¢6 dang 2w—1+3i va iw+2+3i, véi W 1a mét sé phtrc. Tinh gia tri cua biéu
thac § =25 —c.

A. 294. B. —409. C.27. D. 37.

Cho s phtic - thoa méan (Z —2)(E+ 31') 1a mot s6 thuan ao. Tap hop diém biéu dién sé phuc -
12 mot dudng tron ¢ chu vi bang.

A 13 B. 2713, C. ”\/B. p. 137

2 4




Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cho sb phic Z thoa man hé thic |Z -2+ 3i| = |Z + i| . Gia tri nhé nhit cta biéu thuc
P=[2z+i(1-2i)| bang
A.%. B.%. c.g. D.?.
Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(I;O;O), B (O; ();2) va mit ciu
(S) :x’+y’ +27=2x-2y+1=0. Sé mit phing chira hai diém 4, B va tiép xtic véi mit cau
(S) 1a
A. 1 mit phang. B. 2 mit phang. C. 0 mit phang. D. V6 s6 mit phang.
Trong khong gian Oxyz cho ba diém A(l; I; 0) , B(3; -1 2) , C(—l; 6; 7). Tim toa do diém M
trén mit phang (Oxz) sao cho MA® + MB> + MC> nho nhat.
A. M(3;0;-1). B. M (1;0;0). C. M(1;0;3). D. M(1;1;3).
Trong khong gian véi hé toa d0 Oxyz, cho hai duong thang o :%: % = _iz;
d’' :x_—j;1 = % = Z_+11 va mit phang (P) :x—y—z=0. Phuong trinh ndo sau day la phuong trinh
ctia duong thing A song song voi (P) ,cat d va d' lanluottai M va N ma mn =+/2.
A.A:7x—4:7y+4:7z+8' B_A:7x—4:7y—4:7z+8'

3 8 =5 3 8 =5
C.A:7x—1:7y—4:7z+3. D.A:7x—1:7y+4:7z+8'

3 8 =5 3 8 =5
Cho ham sb y=1f (x) c6 dao ham lién tuc tréen R va thoa méan diéu kién:
xé,[f'(x)jg’ + 64,[f(x)—1]4 =0,VxeR va f(1)= % Tinh tich phin jf(x)dx.

0

A.%. B.%. C.%g. D. _%S.
Cho ham s6 y = f(x) =ax’ —2x" +bx—1 vay= g(x) =cx’ —4x+d c6 dd thi nhu hinh vé. Biét
dd thi ham sb y=f(x) va y=g(x) cit nhau tai ba diém phan biét X,X,,X; théa man
X, +X,+%;=9. Tinh dién tich hinh phang S gi¢i han boi d6 thi ham sé y = f'(x) va duong
thang y=—1.




Cau 48:

Cau 49:

Cau 50:

A.S:%. B. 27 C.3. D. 9.

4
Cho s phic - thoa man |z-3-7i|=2 vabiéuthic P=|z+2|" —|z—2i|" dat gia tri 16n nhat. Gia
tri ‘z—\/ﬁ—\/ﬁi‘ bing

A8, B. JaT. C. 38. D. 61

. . 8 48
Trong khong gian (Oxyz) cho diém A(2,2,1) va diém B (_E;E;Ej . Goi A la duong phan giac
trong cta goc A cua tam giac OAB . Piém M (a;b;c) trén A sao cho MO+ OB dat gia tri nho
nhit. Hoi T =7a+8b+2021c co gia trj bang
A. 2019. B. 2020. C. 2017. D. 2018.
Trong khong gian véi hé truc toa dd Oxyz , goi d 1a duong thang di qua diém M (2 ;=1 1) , song
song voi mit phang (P) :x—2y—-z+2021=0 sao cho tong khoang cach tir cic diém
A(Z;—Z;O), B(1;0;3) toi duong théng do dat gia tri nho nhit. Vecto chi phuong cia d la
LTd =(a;b;c). Tong a® +b> +c* bang:

A. 2020. B. 30. C. 100. D. 120.



Cau 1:

Ciu 2:

Cau 4:

HUONG DAN GIAI CHI TIET

2 2
Cho [ f(x)dr=3 va jg dx=-5. Tinh / = j [2x-3f(x)+4g(x)]dx.
-1
A. 1=26. B.1=-26. C. I=-8. D. [=12.
Loi giai

Ta o6: Izj[2x—3f(x)+4g(x)]dx

_x‘ —3jf dx+4jg
~(4-1)-33+4(-5)=-26.

Goi § la dién tich hinh phing gi6i han bsi dd thi ham sé y = f'(x), truc hoanh, duong thang

x =a,x =>b (nhu hinh vé& bén). Hoi cach tinh § nao dudi day dung?

&y y= f(x)

A S=|f(x)dx. B. S= jf(x)dx+if(x)dx

Loi gidi

Tacé:S=j.|f(x)|dx=j;|f |dx+.[|f |dx——_[f dx"‘J.f

3 2 s
Cho J'(zx _ljdx=a+bln3,vc'ri a,b 1a cac sO nguyén. Gia tri cua a+b bang

1 X
A. 9. B. [l C. 8. D. 10.
Loi gidi
3 3
[2 ‘ldx:j[zx-ljdx: (x* ~mnfaf)| =8-I3 = a=g.b=—1=a+b=7
1 X 1 X !

1
Tinh tich phin sau .fo(x2 + 1)2021 dx
0

1 C 22021 _ 1 22022 _1

I®

A, — . . . D. .
2022 2021 4044

Loi giai



Piat r=x*+1=2xdx=d¢; Ddicin x=0=r=l;x=1=7=2

2
2022 2022
2 002

2022~ 2022

Khi d6: _[2x x° +1 . _[Md

T

6
Cau5:  [Mikc d9 2] Gi4 tri cua tich phan j cos2xdx bang
0

AL, B.ﬁ. C.Q. .
2 2 4

Loi giai

IS

Tacd

O ey [N

1 . Z 1 . .
cos2xdx=551n2x|6 =—(sm£—sm0)=—3
0

T

., 2
Cau 6:  [Mirc dp 2] Biét j (2x+1)cosxdx =ar +b. Tinh P=4> + b
0

A. 1. B. 4. C.0.
Loi giai

_ |lu=2x+1 du =2dx
Dit = )
dv = cos xdx y=sinx

T T

=
=

2 K 2 K
Ta co: .[(2x+1)cosxdx=(2x+1)sinx|2 —I2sinxdx=7z+1+2005x|2

0 0 9 0
=7r+1+2(cos%—cos0)=7z—1- Viy P=a®>+b> =12 +(-1)* =2

Cau7:  [Mikc 9 2] Tinh dién tich hinh phang gi6i han boi cac duong ¥ = X’ =3 va y= —2|x|

A2 Q.I c.? p. 10
3 3 6

Loi giai
Phuong trinh hoanh d¢ giao diém x* -3 =-2[x| = X[ +2[x]-3=0 < x[=1<x=11.

Dién tich hinh phing 1a: § = j|x2 =3+ 2| dx = j|x2 —3—2x|dx+j|x2 —~3+2x|d
0

Ma x* -3-2x<0 Vxe(-10) va x*-3+2x<0 Vxe(0;1) nén

0

I(xz —3—2x

-1 0

x’ ' x?
=|| =—=3x—x" | |+|| =-3x+x’
3 . 3

Cau 8:  [Mirc dd 2] Tinh thé tich cua khdi tron xoay khi quay hinh phang giéi han boi cac duong
y=x'—4x, y=0, x=—1, x=1 quanh tryc Ox.

A 7z B. c. 20487 p. 477
105 = 105 105

Loi giai

S= jx —~3+2x)dx

1

5 5 10
=4 —=—
3 3 3

0




0 814
V=nf(x3—4x)2dx=T57[.

el
3 1

Cau9:  [Mirc dé 2] Cho / :{f(x)dx:2020. Tinh tich phan J :If(2x+1)dx.
1 0

A. 2021. B. 4040 C. 1010. D. 2020.
Loi gidi

bat t:2x+1:>dt:2dx:>dx=%.£)6icén: x=0=>t=lLx=1=1t=3.

. ' 1; 1.1
Khi doJ = 2x+1)dx =— dt ==—71=-.2020=1010.
ido {f( x+1) ij(t)t 51=7

1
1
Ciu 10:  [Mirc d 2] Tich phan j (x—2)e”dx=a+be’, véi a,b la cac so hitu ti. Biéu thirc a+b bing:
0

1

A. 2 E.l C. — D. 2
2 2
Loi giai
5 u=x-2 du = dv S p gy 1 llzdx
at = 1 .Suyra: |(x-2)edx=(x-2)—e"" —e™
dv:erdx v:EeZX y !( ) ( )2 o .([2
1 2
e le i Lo Lo 13,5 573
4 |, 2 4 4 4 4 4
5 3 1
Suyraa=—,b=——,suyra a+b=—.
ATy P 2

3
Cau 11: [Mic dd 2] Biét lzjxln(xz+1)dx=a1n10+b1n2+c trong d6 a, b, c la cac sb nguyén.
1
Tinh gia tri ctia biéu thitc T =a+b+c.

A. T=5. B.T=2. C.T=0. D. T=10.
Loi giai
2x
du = dx
=In(x*+1 2
pac [0 g v
dv:xdx vzx +1
2
x> +1 ’ xP 41 2x x2+1 >3
Do do: I = ln(x2+1) —J. = = 1n(x2+1) —J.xdx
12 X+ 2 oo
2 Y 10 2 9 1
X ln(x2+1) | X :—lnIO——ln2—(———j:51n10—ln2—4..
2 2 2 2 2 2
a=5

Suyra sb=—-1=a+b+c=0.
c=-4



3
Céiu 12:  [Mikc d9 2] Cho f 13 ham sé lién tuc thoa _[f )dx =2021. Tinh / _[cosxf(sm x)dx.
0
A. 2020. B. 2019. C. 2022. D. 2021.
Loi gidi

< . Xe A T
bat t=sinx = df =cosxdx.Poéican x=0=¢=0, x:3:>t:1.

1 1

cosx.f (sinx)dx = If(t)dtzjf(x)dx:2021.

0 0

Tacod [ =

o'—.Nm

b
Cau 13:  [Mirc d6 2] Biét Ildx =2, trong d6 a,b 14 cac sd thuc duong. Tinh tich phan I—dx
X xInx
1 1
A. I=In2. B.I=2. C.l=—. D. I=—.
In2 2

Loi giai

< 1 2. a . “
Pit r=Inx=dt=—dx.Ddican: khi x=e¢‘ =>t=a;x=¢"=1t=b
X

1 t1
Vay 1=j;dt=j;dx=2.

Cau 14: [ Mirc do 2] Cho tich phan [ = dex aln2+bIn3+c.Voi a,b,ceQ. Tinh gia tri
1 X +Xx

cua biéu thirc 7 =3¢ +3a—c

A. -1, B. [0% C. 1. D. 2.
Loi gidi
3352 33 + +2 +1 3 3dx+x
3x +5x+1 (7 +x)+2x x4l
1= [ 2 = | _jsdx j i jsdx+j—)
1 X +Xx 1 x +X T X +X
a=1
3
=3 +In|x’+x| =6+I6=In2+In3+6=b=1=T=3.1"+31-6=0.
c=6

Cau 15: [ Mire @ 2] Cho s6 phirc z thoa man: E=(l+\/§i)2 +(1—\/§i)2. Tinh modun cua sd phirc
=iz—4
A [w|=+5. B. 2\/5. C.2. D.5.

Loi giai

Ta cé: z=(1+ﬁi)2+(1—ﬁi)2 c14242i-241-232i-2= 2= z=-2.

Do do: w=-2i—4=|w|=/(—4)" +(-2) =420 =25.

Cau 16: . [ Mirc @9 2]. Cho s phirc z thoa man diéu kién: (1+2i)z+; =i . Tim s6 phirc z .



Cau 17:

Cau 18:

Cau 19:

Cau 20:

A.z=1+2i. B.Z=l—li. C.z=2-1. D.
2 2

Loi giai
Giast z=x+yi(x;y eR).
Ta C('):(l+2i)z+z=(1+2i)(x+yi)+x—yi:(2x—2y)+2xi.

1
o 20-2y=0 "7 1.1,
Theo gia thiét ta suy ra Vay z=—+—1i.
2x=1 1 22
d 2
[ Mie d@9 2]. Cho s6 phitc z thoa man diéu kién: (1—7)z+z =2+i. Tim module cta s phirc
w=2z-3i.
A [w|=2419. B. |w|=+19. C. [w|=2v29. D. [w|=29.

Loi giai

Gid stir Z=x+yi(x;yeR).

Ta co: (1—i)z+2;:(1—i)(x+yi)+2x—2yi:(3x+y)—(x+y)i.

2x+y=2 x=-1
2=

—(x+y)=3

= w=2(-1+4i)-3i=-2+5i,dodo |w|=+29.

Theo gia thiét ta suy ra { = z=-1+4i

y=4

[ Mire d6 2] Tim sb phirc lién hop Z ctia s6 phtic z = (3—2i)(2+3i).

A. Z=-5i, B. Z = 6+6i. C.z=12-5i D. z=6-6i.

Loi giai
Taco: z=(3-2i)(2+3i)=6+9i-4i+6=12+5i=>Z=12-5i,

[ Mire d9 2] Tim céc s6 thue x,p biét (2x+3y+1)+(-x+2y)i =(3x—2y+2)+(4x—y-3)i

9 4 9 4 9 4
A. B.x=——, y=me  C.x=—, y=—m  D.x=—— ym——
—- TR TRREET! TRRET!

Loi gidi
Ta co
2x+3y+1=3x-2y+2 —x+5y=1 9 4
= 3x:—,y=_
—x+2y=4x—-y-3 —Sx+3y=-3 11 11

[ Mike d§ 2] Cho s6 phirc z thoa mén hé thirc |z—3+i|=5. Tép hop céc diém bicu dién cua z

la mot dudng tron ¢6 ban kinh la
A. R=3. B. R=1. C.R=5 D. R=9.
Loi giai

Goi M (x;y) véi x,y € R1a diém biéu dién ctia s phirc z. Tacd z=x+yi.

Theo gia thiét ta co |z—3+i|=5<:>|x+yi—3+i|=5<:>\/(x—3)2+(y+1)2:5

o (x-3)" +(y+1) =25



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Vay tap hop céc diém bicu dién cua z1a duong tron tim 7(3;—1), ban kinh R=35.

[ Mire d9 2] Cho s6 phurc z thoa man hé thire (z—3)(1+7) = 2i . Phan 4o clia s phc z bang
A3, B. 1 C.s. D.9.
Loi gidi
Ta co (z—3)(1+i):2i <:>z—3:% Sz-3=14+i o z=4+i
+i
Vay phén 4o cia sb phirc z1a 1.

[ Mire d 2] Biét nghich ddo cta s phirc z bang sé phirc lién hop cua né. Khi do:

A ||=1. B. |z|=2. C. z lasé thuc. D. z la s thuan 4o.
Li gidi
Pidukién z#0.C6 z” =|i2; z" =;<:>ﬁ=;<:>2(1—|z|2)=0©|z|=l (do z#0)
z z

[ Mirc d9 2] Goi z, va z, 13 hai nghiém phtrc cua phuong trinh z* +6z+12=0. Tinh gia tri
ctia biéu thirc P = |zl | + |zz|
A P=43 B. P=2\3 C. P=6 D. P=3
Loi giai
z, =3+ J3i
z,=-3— \/gi

Suy ra P=|zl|+|zz|=\/(—3)2 +(\/§)2 +\/(—3)2 +(\/§)2 =43

A=36-4.12=12i" = 2" +62+12=0 @{

[Mire dd 2] Cho s phirc z théa mén 3z —iz=15-13i. Tim mddun cua z.

A. 5. B. 25. C. 5. D. 7.
Loi gisi
. 3a-b=15 a=4
Goi z=a+bi (a,beR). Taco 3(a+bi)—i(a-bi)=15-13i & = .
—a+3b=-13  |h=-3

Vay z=4-3i=|z|=5.

[Mite @6 2] Trong mit phang phirc, cho 3 diém 4, B, C lan luot 1a diém biéu dién cia cac sd
phtic z, ==1+1i, z, =1+3i, z,. Biét tam gidc ABC vuéng can tai 4 va z, c6 phan thuc duong.
Khi d6, toa d6 diém C la:

A (2;-2). B. (3;-3). C. (V8-1;1). D. (1;-1).
Loi giai

Gia sw z; =a+bi voi a,beR,a>0 suyra C(a;b).

Tacé A(-1;1),B(1;3) = AB=(2;2),AC=(a+1;b-1).

Tam giac ABC vudng tai 4 nén



Cau 26:

Cau 27:

Cau 28:

ABAC=0<2(a+1)+2(b-1)=0a+b=0=b=-a (1).
Tam gidc ABC cantai A nén AC = AB < AC* = AB’ <:>(a+1)2+(b—1)2 =8 (2).

Thé (1) vao (2) ta duogc:

(a+1) +(~a-1) :8<:>a2+2a+l=4<:>a2+2a—3=0<:>[ N
a=-

Via>0nén a=1=b=-1.Vay diém C co toa do la (1;-1).

[ Mike d 2] Trong khong gian Oxyz , goc giita hai vecto j va u= (0;—\/3_ ;1) la
A. 120°. B. 60°. C. 150" D. 30°.
Loi gidi
Goi a la goc giita hai vecto }'(0;1;0) va ﬁ:(O;—\/3_;l), ta o
L B iser,
| 2

cosa =

5|
[ Mirc d§ 2] Trong khong gian v6i hé toa dd Oxyz , viét phuong trinh mit phang (P) di qua

diém M (1;2;3) va vudng goc voi duomg thing A x2—1 - yI7 _ Z;3 .

A. 2¥FYF4z2516=0] B. 2x—y+4z-16=0.

C.2x+y+4z+16=0. D. -2x+y+4z-16=0.
Loi giai

+) Mt phang (P) di qua diem M (1;2;3).

+) Mit phiang (P) vudng géc dudng thing A nén (P) nhan vec to chi phuong cia dudng thing
A 1am vec to phap tuyén. Suy ra (P) c6 vec to phép tuyén 1a 71(2;1; 4).

Khi d6: 2(x—1)+(y-2)+4(z-3)=0=2x+y+4z-16=0.

Vay phuong trinh mét phang (P):2x+y+4z-16=0.

[ Mike dd 2 | Trong khong gian véi hé toa dd Oxyz , cho mit phang (P) :Xx+y-2z43=0 va
diém 7(1;1;0). Phuong trinh mét cau tim / va tiép xtc véi (P) 1a

E._

D. (x+1) +(y+1)" +2 =2—65.

A. (x—l)2 +(y—1)2+z2 =

C. (x=1) +(y-1) +2*=
Loi giai

_ i+1-20+3 5

JP+r+(22p 6

Mit cau tiép xic mat phang nén ban kinh mat cau 1a » = d (1 ,(P))

Vay phuong trinh mit cau 1a (x—l)2 +(y —1)2 +7 ==,



Cau 29:

Cau 30:

Cau 31:

x+l y-2 z+3

[Mire d§ 2] Trong khong gian Oxyz, cho dudng thang d : > 3 va diém
A (1 ;4; —5) . Viét phuong trinh mat phang (P) di qua 4 song song duong thing d va tryc Ox .
A. y+3z-19=0 B. y-3z-19=0. C. y-3z+19=0. D. y+3z+19=0.
Loi giai

Ta co: LTd = (—2; 3;1) 1a vecto chi phuong ciia dudng thing d va i= (1,' 0;0)

= n_}: = [Z/Z,;} = (0; L; —3) 1a vecto phap tuyén ctia mit phang (P)

Phuong trinh mét phing (P) di qua 4 song song duong thang d va truc Ox la
0.(x=1)+1.(y—4)-3(z+5)=0< y-32-19=0

[Mire d9 2] Trong khong gian véi hé toa dd Oxyz , cho mit phang (P) :X+y+z-3=0.Piém
M (1;2;-3) 6 hinh chiéu 1én (P) 1a diém M'(a;b;c). Tong a+b+c bang bao nhiéu?
A. 38 B. 3. C.0. D. 6.

Loi giai
Dudng thing A qua M (1;2;-3) vudng goc véi (P) nhan véc-to phap tuyén n= (L,1;1) cua (P)
x=1+¢
lam véc-to chi phuong nén c6 phuong trinh A:<y=2+¢ .
z=-3+t¢

Xét phuong trinh (1+t)+(2+t)+(—3+t)—320 st=1.

Suy ra giao diém cta A va (P) la M'(2;3; —2) 13 hinh chiéu cia M 1én mat phéng (P) .

Do d6é a+b+c=3.

[Mire dd 2] Trong khong gian Oxyz, cho mit phing (P):2x—y+z-4=0 va mat phing

(Q):x+3y—2z+2=0. Pudng thing d 1 giao tuyén cua mit phang (P) va mit phiang (Q)

c6 phuong trinh la
x—-1 y-1 z+3 B x-1 y-1 z-3

A. . B.
-1 -5 7 1 5 7
C x—1=y—1=z—3 'D. x—1:y+1:z—3.
—Il 5 7 -1 5 7
Loi giai

Mit phing (P) c6 véc to phép tuyén n, = (2;-151).
Mit phang (Q) c6 véc to phap tuyén @ =(1;3;-2).

. : uln,
Goi u 1a 1 véc to chi phuong ctia dwong thang d . Do d =(P)N(Q) nén { g

uLnQ



Cau 32:

Chon ﬁ=[a,@]=(—l;5;7).

o M e(P) '
Lay diém M (l; V; z) ed= . Toadd M langhiém cia h¢ phuong trinh:
M e (Q)

2 y4z-4=0 1
{ o <:>{y .Suyra M (1;1;3).

1+3y-2z+2=0 z=
Phuong trinh dudng thang d : x—ll = y5—1 = 2;3 .
[ Mirc d 3 | Trong khong gian Oxyz , cho diém A(—1;0;4) va dudng thang d c6 phuong trinh
xTH =%= Z;I . Tim phuong trinh dudng thing A di qua A, vudng goc va cit d .
AL x—lzlzz—2. B.x_—lzl:z—z C.x_—l=1=2—2. D. x+1=Z=Z—4.
2 2 1 1 -3 1 1 1 1 1 1 |
Loi giai
Cach 1:

Puong thang d :XTH =

%: Z;I ¢6 véc to chi phuong i =(1;1;2).

Goi (P) lamat phing qua diém 4 va vudng goc voi dudng thing d , nén nhan véc to chi phuong
cua

d 1a vecto phap tuyén (P):1(x+1)+y+2(z-4)=0< x+y+2z-7=0

Goi B la giao diém cua mit phang (P) va dudng thang d = B(—1+¢; t; 1+2¢).

Vi Be(P) < (—1+t)+1+2(1+2t)-7=0<t=1= B(0; 1; 3)

Ta c6 duong thing A di qua 4 va nhan vecto AB = (l; 1;—1) 1a véc to chi phuong c6 dang

A:x+1=1=z—4.
1 1 -1

Cach 2:

Goi d "NA=B= B(—1+t;1;1+2t)

AB = (t;6;-3+2¢). Buong thang d c6 VICP la LTd =(1;1;2)

VidLAnén AB Lu, < ABu, =0 t+1+2(-3+2t)=01=1.

Suy ra AB =(1;1;-1) .Ta c6 duong thing A di qua A4(~1;0;4) va nhan véc to AB =(L;1;-1) la

véc to

chi phuong c6 dang A : xIrl =%= 2_14.




Cau 33:

Cau 34:

Cau 35:

Cau 36:

x=2 y+l z-5

1 va mit phing

[Mitrc d6 2] Trong khong gian Oxyz, cho duong thing A:

(@):3x+4y+52-2021=0. Géc giita A va (o) bang
A. 30°. B. 60°. C. 0°. D. 90°.
Loi giai
Ta c6 mdt véc to chi phuong ciia A la u, =(3;4;5); mot véc to phap tuyén cia (@) la

n, =(345).

Céch 1: Nhan thdy u, = %:) nén duong thang A L («) suy ra (A;(a)) =90°.

| o

Cich 2: Ap dung cong thirc sing = 1— (_)‘, (trong d6 ¢ = (A;(a)))
_ 3.3+4.4+5.5]

= sing = =1 =>¢p=90°.

VR4 523 442 45

[Mirc d§ 2] Trong khong gian Oxyz , cho tam giac ABC ¢6 A(2;3;1), B(4;1;-2), C(6;3;7)
. Dién tich tam gidc 4ABC bang
A. [ B. 24. C. 8. D. 24.
Loi giai
Fb tac gia: Tran Minh

AB=(2:-2;-3), AC=(40:6); [ 4B, AC |=(-12-24:8) = 5,5, = %‘[ﬁ,ﬂr] ~14.

[ Mitc d6 3] Trong khong gian Oxyz, cho 4 diém A(6;-2;3), B(0;1;6), C(2;0;-1),
D(4;1;0). Tinh thé tich t&r dién ABCD .
AV pep =96. B. V pep =24. C. Ve =T12. D. Vi gep =12.

Loi giai
Tacod AB=(-6;3;3); AC =(—4;2;-4); AD=(-2;3;-3).
[E,A—CJ = (~18;-36;0).

[@,E].TD = 72#0= A4, B, C, D 1a 4 dinh ctia mot t&r dién.

Thé tich t& dién ABCD 13 V., %‘[@,ﬁ],@‘ _12.

[ Mic df 3] Biétl:j 8 =24
0 e3 +rx 3 eln3

duong. Tinh T=a+b>.

2 5 x 5Ax
+3" +ex’3 1 b . . 2
das il a ln(1+ © J, véi a,b 1a hai sO nguyén
T+e

A. 84. B. 41. C. 96. D. 25.
Loi giai
2 5 X 54x 2 x 2
Taco =[5 3 +eX3dx=j I L) RSN L
0 e3 +rx 0 e3 +r 6 |, 3




Cau 37:

3X
el +rx

dx.

Tinh K :J%

0

1
eln3

Datt=e3" +7=>dt=e.ln3.3’'dx=3"dx = dr.

Poicin: x=0=>t=r+e;, x=2=t=9e+71.

e+
1 ln9e+7z_ 1 ln(1+ 8e j

Khidd K = = =
eir eln3  e+xmr  eln3 T+e

t eln3

1 %7dr 1
e.In3 'eL ln|t|

=32
Vay 1222+ 1435197 S r o g =06
3 eln3 T+e b=8

[Mire dd 3] Hinh phing dugc t6 dam trong hinh dudi day duge gidi han boi dudng tron, dudong
parabol, truc hoanh va c6 dién tich S =a\2 +b- cn, voi a,b,c €Q. Tinh téng 3a+3b—2c.

A. 58 B. 7. C.9. D. 11.
Loi giai
Phuong trinh cua parabol 1 y = —x* +2x+1.
Phuong trinh duong tron la: (x - 1)2 + ( Y- 1)2 =1=> phan duong tron nam phia dudi dudng thing

y=1c6phuong trinh 1a y=1-~/2x—x" .

Parabol cét truc hoanh tai hai diém c6 hoanh do 1a x =1+ \/5 va cit duong tron tai cac diém co
hoanh d6 14 0,1,2 (trong d6 tiép xtc tai diém c6 hoanh d6 bang 1).

Do tinh d6i xtmg nén dién tich ctia hai phan t6 dam la bang nhau, do do:

0 1 1
2 | —x2+2x+1)+2j(1—\/2x—x2)dx=8‘ET_10+2j(1— 1—(x—1)2)dx
_ 0 0

s=2 | (
12




Ciu 38: [Mirc d 3] Mot vat chuyén dong trong 3 gid voi véan tde v(km / h) phu thudc vao thoi gian
t ( h) c¢6 d6 thi ham s6 1a mot phan cia parabol ¢6 dinh B (2; 6) va truc d6i xtng song song véi

tryc tung nhu hinh v&. Tinh quing dudng S ma vat di chuyén duogc trong 3 gio do.
A. 15 km | B. 33 km. C. 16 km. D. 30 km.

N = === mmmmmmm e —————e o
@ mmmmmmmmmmm oo

40 T 1
Goi ham s biéu thi van tdc cua vat la v(t) =at’ +bt+c.

c=2

c=2

Theodébéi,tacc'): ;—b:2 =bh=4
a

4a+2b+c=6 4=71

3
Suy ra v(t) =" +4t+2, 0<1<3. Vay S =[v(¢)dt = [(~£ +4t+2)de =15 (km).
0

O C— W

Chu 39: [ Mire dd 3] Cho hamsé y = f(x) c6 dao ham trén R, hamsb y = f'(x) la ham bac hai c6 d6

thi nhu hinh v& du6i va c6 dién tich S, = % S, = %




Cau 40:

Ménh dé nao sau day diing ?

1

Taco [ f/(x)dx=f(1)-£(0)=S5, =%:>f(l)>f(0) (1)

0

Do y=f ’(x) la ham bac hai theo hinh v€ trén thi x :g 1a truc ddi xtng ctia dd thi ham s6

y=f tudotac j (]_f(o)=jf'(x)dx+jf'(x)dx251_%Sz=—i<0

suy ra f@< £(0) (2). Tx (1) va (2) tacs f@< £(0)<1(1).

[Mire d 3] Trén tap hop sb phuc, cho phuong trinh z° +bz+c¢=0 véi b,c € R . Biét rang hai
nghiém cua phuong trinh ¢6 dang 2w —1+3i va iw+ 2+ 3i, véi w 1a mot sb phirc. Tinh gi tri
clia biéu thie S =2b> —c.

A.[294] B. —409. C.27. D. 37.
Loi giai
Vi z;, =2w—143i va z, =iw+2+3i la hai nghiém cta phuong trinh bac hai h¢ s6 thuc nén

z,=2z.Pit w=x+yi(x,yeR).
Taco z, =2(x+yi)—1+3i=(2x—1)+(2y+3)i

z, =i(x+yi)+2+3i=(2-y)+(x+3)i.

— 2—-y=2x-1 2x+y=3 x=4
Viz,=z & & & .
x+3=-2y-3 X+2y=-6 y=-5

Suyra z, =7-Ti; z, =T+7i.



Cau 41:

Cau 42:

, AYHTTT (p=-14

Ap dung dinh 1y Vi-et ta co = { o8 Suyra S =2b>—c=294.
25 = "

[Mite @9 3] Cho sb phtc z thoa min (2—2)(E+3i) 1a mot s6 thuan ao. Tap hop diém biéu

dién sO phtc z 1a mot dudng tron co6 chu vi bang.

A 3. B. 27413 C. ”T p. 3%

4

Loi giai
bat z:x+yi(x,yeR), ta co: (x+yi—2)(x—yi+3i) =x"+)’ —2x—3y+(3x+2y—6)i.

0 (z—2)(7+3i) 1a mot s6 thuan 4o nén c6 phan thyc bang 0 hay x* +)* —2x-3y=0.

3 J13

2
Vay tap hop diém biéu dién sb phirc z 1a duong tron (x - 1)2 + ( % —EJ = % c6 ban kinh —

J13

Vay chu vi duong tron la 2zR = 27r.7 =13

[Mike d9 3] Cho s6 phiic z thoa man hé thirc |z—2+3i| =|z+i|. Gia tri nho nhét ca biéu thie

=|2z+i(1-2i)| béng

N B. . e 12 p. 18

-2 2 3 3
Loi giai

Cach 1:

Gia st z=a+bi,(a;b eR).

Tir gia thiét ta co |a—2+(b+3)i| =|a+(b+1)i|

o\ J(a=2) +(b+3) =@ +(b+1)’ © —4a+4b+12=0 a=b+3.

Biéu thirc P=[2z+i(1-2i)|=|2a+2bi+i+2|=\/(2a+2) +(2b+1)’ .

= P=J(26+6+2)" +(2b+1)" =J4b> +32b+ 64+ 4b> +4b+1 = /36> +36b+65 .

2
= P= 2(4b2+18b+§j ﬁ: 2(21”2) _>i
4 2 2 2

2

Vay P :% dat duoc khi b:—%;a:%.

min

Cach 2:
Gia st z=a+bi,(a;b eR).



Cau 43:

Cau 44:

Tir gid thiét ta ¢6 |a—2+(b+3)i] =|a+(b+1)i|

o J(@a=2) +(b+3) =\Ja* +(b+1)’ = —da+4b+12=0< —a+b+3=0.

— Tap hop cac diém biéu dién sb phirc z 13 duong thang A:—x+y+3=0

a+1+(b+%ji :2\/(a+1)2 +(b+%)2

Biéu thitc P=|2z+i(1-2i)=|2a+2bi+i+2|=2

Gia str M(a;b),A(—l;—%) =MecAvaP=2AM .
b—1+3

= P>2d(M;A)=2. 2 =7‘5.
J2 2

[Mirc d§ 3] Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(l; O;O), B(O; 0;2) va mat
ciu (S) X’ + )y’ +2°—2x-2y+1=0. S6 mit phing chira hai diém A, B va tiép xuc v6i mat
ciu (S ) la
A. 1 mit phang. B. 2 mit phang. C. 0 mit phing. D. V6 s6 mit phing.

Loi giai
Goi  phwong trinh mit phing théa man yéu ciu bai toan i

(P): Ax+By+Cz+D=0(4’+B*+C*>0).
Theo dé bai, mit phing (P) di qua 2 diém 4, B nén ta co:
A+D=0 A=2C
= :
2C+D=0 D=-2C
Khi d6, phuong trinh mit phang (P) cod dang: 2Cx+By+Cz-2C=0.
Mit cau(S) c6 tam 7(1,1,0) va ban kinh R=1.

:R®M=l® |B| =1

Vi (P) tiép xtc vsi (S) nén: d(;(P Nl
i ( ) iép xuc voi ( ) nen ( ( )) 502 1 B2 \/m
& B =5C"+B* < C=0.

Suy ra: 4 =D =0=>Phuong trinh mit phang (P) codang:y=0.
Vay: C6 duy nhat mot mit phang chira hai diém 4, B va tiép xtic v6i mit cau (S ) .

[Mire d§ 3] Trong khong gian Oxyz cho ba diém A(1;1;0), B(3;-1;2), C(~16;7). Tim toa
d6 diém M trén mit phing (Oxz) sao cho MA* + MB* + MC* nho nhat.
A. M(3;0;-1). B. M (1;0;0). C. M(1;0;3). D. M (1;1;3).

Loi giai

Cach 1



Cau 45:

M e(Oxz)= M (x;0;z)
MA* = (x—1) +1+2%, MB* =(x=3)" +1+(z-2)", MC* =(x+1)" +36+(z-7)’
MA* + MB® + MC? =3x* —6x+32" —182+102 =3(x—1)" +3(2-3)" +72> 72
Déu bing xdy rakhi x=1,z=3. Vay M (1;0;3).
Cich 2

G(1;2;3)

Goi G la trong tdm tam gidc ABC =<4 =
GA+GB+GC=0

Ta c6: MA*> + MB* + MC* = (m+@)2 +(m+@)2 +(m+@)2
=3MG" +(GA* + GB® +GC2)+2W(@+@+G—C)
=3MG* +(GA> + GB* + GC?)

MA* + MB* + MC? nhé nhat khi MG nho nhit

= M 1a hinh chiéu vudng géc cia G 1én mit phang (Oxz). Vay M (1;0;3).

[Mtre d9 3] Trong khong gian véi hé toa d6 Oxyz, cho hai dudong thiang d :%=%=iz;
+1 +1 .

d:> 5= % =2 " va mdt phang (P):x—y—z=0. Phuong trinh nao sau day 1a phuong trinh
ciia dudng thang A song song véi (P), cit d va d' lanluottai M va N ma MN = V2.
A.A:7x—4:7y+4:7z+8. B.

3 8 -5 -
C.A:7x—1:7y—4:7z+3. D‘A:7x—l:7y+4:7z+8.

3 8 -5 3 8 -5

Loi giai

Goi M (t;¢;—2t) va N(—1-2¢',¢t',—1—1¢'). Suy ra ]\7\7=(—1—2t'—t;t'—t;—1—t'+2t).
Mit phang (P) nhan 7 =(1;—1;—1) lam vecto phap tuyén.
Do duong thang A song song voi (P) nén MNJji=0

S -1-2t"-t—-t'"+vt+1+t'-2t =0 t=—t".

Khi d6 MN = (=1+£;-26;-1+3t) = MN =14£* =8t +2 .

0
MN =2 <147 -8t+2=2<| 4
=

Vé6i t=0 thi MN = (-1;0;-1) ( loai do khong cé phuong an chon).



Cau 46:

Cau 47:

Véi t=2 thi m:(—i;ﬁ;ij:—l(s;s;—s) va M(i,i,—ﬁj
7 7 771 7 77 7
X 4 y zZ+
. . . 2 7 7T 7 Tx—4 Ty—-4 7z+8
Vay phuong trinh duong thang A: 7_ 7 7 hay A: = = .
ay p g g g 3 2 5 y 3 2 5
[Mic do 4] Cho ham ) y=f (x) c6 dao ham lién tuc trén R va théa man diéu kién:
1
xé.[f'(x)]3 +64.[f(x)—1]4 =0,VxeR va f(1)=2—‘71. Tinh tich phan If(x)dx
0
229 _
A B. 22 c. 228, p. -2
256 256 229 229
Loi giai

Taco: x°.[ f'(x)] +64.[ f(x)-1] =0,vxeR

IR EALC)) TSR 1O
RN ORI BN

/(%) 4
N dr= [~ dv (%)
I%/f(X)—l-[f(X)—l] I~
Bang phép d6i bién, ¢ = %/f(x)—l =t = f(x)—l =3’dt = f’(x)dx

(*):_—3=i+c,thay x =1 ta dugc _—3=i+C

Jr(x)-1 x W 1
Vi f(l):Z—Z:C:O,khidé ,3/f(x)—l=%:>f(x)=(_73xj +1.

| | 3
—27x 229
Suy ra x)dx = +1 |dx=—.
Y !f() -([{64 ] 256
[Mire d§ 4] Cho ham séy = f(x)=ax’ —2x> +bx—1 vay=g(x)=cx’ —4x+d c6 do thi nhu
hinh v&. Biét d6 thi ham s6 y = f(x) va y= g(x) cit nhau tai ba diém phén biét X,,X,,x, thda
man X, +x, +x, = 9. Tinh dién tich hinh phing S gi6i han béi do thi hamsé y = f(x) va duong

thang y = —1.




C. 3. D. 9.

1>
t
1]
A|©O
o]

Loi giai
Tacéd f'(x)=3ax> —4x+b la ham sd bac hai, cing bac voi g(x).

Ma tr d6 thi ta c6 ham sé f(x) dat cuc tri tai hai diém la nghiém pt g(x)=0 nén
f'(x)zk.g(x), VxeR (k;tO).

<:>3ax2—4x+b=k(cx2—4x+d), VxelR

3a=kc k=1
S 4=-4k<=3a=c. (1)
b=kd b=d
ALt LA A , A o 3 n 2 4 8 4
D06 thi ham so g(x) c6 tung do dinh bang —1 nén g(—)=—l S———+d=-1d=—-1.(2)
c c c c

Phuong trinh hoanh d¢ giao diém cua do thi hai ham s f(x) va g(x):
ax’ =2x* +bx—1=cx’ —4x+d & ax’ —(2+c)x2 +(b+4)x—1—d =0 *).

Theo gia thiét, phuong trinh (*) c6 3 nghiém X, X,, X; thoaman x, +x, +x; =9 nén theo dinh li

Viet cho phuong trinh bac ba, ta c6 2+c:9<:>2+c:9a.(3)
a
3a=c da=c a—l
Ta (1), 2Q)va(3)tacohpt: |, 4 . &9 4 b=3
d=—-1 d=—-1
¢ c c=1
24+c¢=9a 2+c¢=3c d=3

Véi cac gia tri trén thay vao (*) thi thoa man phuong trinh ¢6 3 nghiém phan biét ¢ tong bang
9.

:f(x)z%x3 —2x7 +3x-1.

. . 15 0 X
Xét phuong trinh f(x):—1<:>§x -2 +3x-1=-1< ;
X =

o =S (a)
Dién tich hinh phang gi6i han bdi do thi ham s6 yen1 la:

3 4
S=I = x——gx3+ix2 |3:2.
0 12 3 2 o 4

CAu 48: [Mirc d9 4] Cho sb phitc z théa man |z—3-7i|=2 va biéu thic P=|z+2|" —|z-2i dat gia

3

J.(%xS —2x7 + 3xj dx

0

%x3 —2x° +3x}dx =

trj 16n nhét. Gia tri ‘z —2- \/Ei‘ bing



A. N/58° B. V/41. C. 8. D. /61 .
Loi giai
Goi M(x,y) 1a diém biéu dién cua s phuc z. Goi A(—2;O),B(0;2) va J(—l;l) (J la trung
diém cua AB)
Phuong trinh dudng thing AB:x—y+2=0
Tacd |z-3-7i]=2 (x-3) +(y-7) =4 (C)
Suy ra diém M thudc vao duong tron tim 7 (3; 7) ,bankinh R=2.

Goi H 1a hinh chiéu cua I trén dudng thang AB , phuong trinh dudng thang IH :x+ y—-10=0
— Toa d6 cua diém H 1a nghiém cua hé phuong trinh:

{x+y 0 @{x = H(4;6).
X—-y=-2 y=6

. A 2 2 —2 —2 - N — —
Tir gid thiét: P=|z+2[ —|z—2i = MA* ~ MB* =MA ~MB =(MA-MB)(MA+MB)
=2BA.MJ =2.BA4 (W +IH + m) =2BAMI +2BA.HJ +2BA.IH
Co: BA=(-2;-2); HJ =(~5,-5) = BA.HJ = (-2).(-5) +(=2).(=5) =20

BAIH =0( Vi IH L AB)
Suy ra: P=2BAMI.cosa+40<2.BAMI +40.Diu "="xayra < cosa =1.

Suy ra diém M 1a giao cua duong thing A qua / song song voiBA cat dudng tron (C )

Q.

m

—14

Phuong trinh dudng thang A:x—y+4=0



Cau 49:

Cau 50:

Toa do diém M la nghiém cla hé phuong trinh:
x—y+4=0 x:3+\/§;y:7+x/§:>|z—x/§—\/§i|:\/§
=
2 2
(x=3) +(y-7) =4 x=3—\/§;y=7—\/§:|z—x/§—\/§i|= 74— 4042

Vay: Khi P=|z+2[ ~|z - 24" dat gi tri 16n nhdt thi |- —v2 ~/2 = /58

[Mire d9 4] Trong khong gian (Oxyz) cho diém 4(2,2,1) va diém B(—g § g} Goi A 1a

dudng phan giac trong clia goc 4 cua tam giac OAB . Diém M (a; b; c) trén A saocho MO+ OB

dat gi4 tri nho nhat. Hoi T =7a+8b+2021c c6 gia tri bang
A. 2019. B. 2020. C. 2017. D. 2018.

Loi giai

Goi C la chan duong phan giac trong tai goc 4.

2 2
04=~2"+2"+1’ =3; AB:\/(—%—Z] +(§—2) +(1-1)" =5

CB AB 5 5 2

C6 AC :(—3;—%;0] nén chon vtcp ciia A 1a ﬁ(2;1;0)

x=2+2¢
Véy phuong trinh duong phan gidc trong xuét phat tir dinh 4 1a: { y=2+¢ (1eR).

z=1
D& thay O, B nam khac phia so véi A nén T = OM + OB nho6 nhit khi O, M, B thing hang hay
M =0BNA.

Suyra M =C. Vay M(—l;%;lj nén I'=7a+8b+2021c =-7+4+2021=2018.

[Mitrc dd 4] Trong khong gian véi hé truc toa do Oxyz, goi d 1a duong thang di qua diém
M (2;-1;1), song song véi mit phang (P):x—2y—z+2021=0 sao cho téng khoang cach tir
cac diém A4(2;-2;0), B(1;0;3) t6i duong thang do dat gié tri nho nhat. Vecto chi phuong cua d
la ud (a,b,c) (trong d6 a, b, c 1a cac s thuc thoa man a+b+c=4). Téng a” +b* +c* bang:
A. 2020. B. 30. C. 100. D. 120.

Loi giai
Goi (Q) la mat phang di qua M (2;—1;1) va song song véi (P), tacé (Q):x—2y-z-3=0.
Khido d < (0Q).
Goi H,K lan luot 12 hinh chiéu cua 4, B trén mat phéng (Q) .

Taco d(A;d)+d(B;d)=d(4;(Q))+d(B;(Q))=A4H +BK .



Diéng thirc xay ra khi va chi khi duong thing d di qua hai diém H, K . Khi d6 u, = kHK (v6i
k#0).

Goi d, la duong thang di qua A4 va vudng goc voi mit phing (Q) , khi d6 phuong trinh cua
x=2+t

duong thang d, 14 {y=-2-2¢.
z=—1

Vi H=d, m(Q):>2+z—2(—2—2t)—(—t)—3:O:t:_?l:H(%;—l;%).

Goi d, la duong thang di qua B va vudng gbc v6i mat phing (Q) , khi d6 phuong trinh cua

x=1+t
duong thang d, 1a { y=-2r .
z=3—¢

6

b

Vi K =d, m(Q):>1+t—2(—2t)—(3—t)—3=0:>t=%:K(H —10 13),

Vay HK = l;__z;é 3Z=kﬁ= k;ik;ﬁ :azk;b:ik;cz_k
333 373 3 3 3 3
k -2k Sk

6.

Ma g+b+c=4=> —+—+—=4=k
3 3 3

Vay a=2b=-4;c=10=a"+b’ +c* =120.



Cau 1.

Cau 2.

Cau 4.

Cau 5.

Cau7.

Cau 8.

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 38 (100TN)
Trong khong gian Oxyz , cho duong thang A di qua diém M (—4;2;3) va ¢6 vecto chi phuong
U= (1;—1;3) . Phuong trinh tham s6 ctia duong thang A 13

x=1-4¢ x=4+t x=-1-4¢ x=-4+t
A qy=—-1+2¢. B.qy=—-2-¢. C.qy=1+2t . D.<y=2-t .
z=3-3¢ z=-343t z=-3-3¢ z=34+3t

Trong khong gian Oxyz , cho mit phang (P ) :—2x+2y+z+3=0. Vecto nao duéi day la
mot vecto phap tuyén ctia (P ) ?

Aca=(-223). B.a=(-220). cC.a=(-221). D.a=(221).

Cho F(x) 12 mot nguyén ham cia ham s6 f(x) trén doan [0;4] va thoa man F(O) = \/g ,

4
F(4)=5.Knido | f(x)dx bing
0

A —5-+/3. B.5+4/3. C. —5+/3. D.5-4/3.

Trong khong gian Oxyz, cho mit phang (a) :2x—3y+z-3=0. Mit phiang nao dudi diy song
song v6i mét phang (a)?

A. (}/):Zx—3y+z+3=O. B. (P):x—3y+2z+1=0.

C. (Q):2x—y+z—3:O. D. (,B):—3x+y+3z+2:0.

3 3
Néu [ f(x)dr=2 thi [5f(x)dx bing
-1 -1

A. 40. B. 25. C. 20. D. 10.
Trong khong gian Oxyz, cho hai diém 4(1;—4;0) va B(5;4;-6). Toa d¢ trung diém ctia doan
thing 4B 1a

A. (48,-6). B. (2:0;-2). C. (2:4-3). D. (3;0,-3).
x=3-2¢

Trong khong gian Oxyz , cho dudng thang d: {y =4 +3t. Véc to ndo dudi day 1a mot véc to chi
z=-2

phuong cua d ?

A.-n=(-2;3;-2).  B.v=(-2;3;0).  C.u=(3;4;0). D. a=(3;4;-2).
Trong khong gian Oxyz, cho duong thang A di qua diém M (1;4;-2) va c6 véc to chi phuong
U= (5;— 4;1) . Phuong trinh chinh tic ctia duong thang A la

x+1 y+4 z-2 x—1_ y—-4 z+72

A. B.
5 —4 1 5 —4 1
C. x—5:y+4:Z—l. D. x+5:y—4:Z+1.
1 4 -2 1 4 -2

Néu [ f(x)dr==2 va [ f(x)dr=6 thi [ f(x)dx bing

A. 4. B. —-12. C. 8. D. -8.
Trong khong gian Oxyz , mét phang (Oxy) c6 phuong trinh la
A. x+y=0. B. z=0. C.x-y=0. D. x+y-z=0.



Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cho hai s6 phtic zy=1-2i va z,=1-i. S6 phtc a bang
2
1
A, 1+2i. B. E+li. C. i——i. D. l—i.
55 2 2 2

Thé tich ¥ ctia khdi tron xoay do hinh phang gi6i han boi d6 thi ham sé y = x—1, truc Ox va hai
duong thing x=0, x=4 quay quanh Ox dugc tinh bang cong thirc nao dudi day?

4 4 4 4
A. V=7rj.(x2—1)dx. B. V=J.(x—1)2dx. C. V=ﬂj(x—l)2dx. D. V=7rJ.|x2—1|dx.

0 0 0 0
Cho hai s6 phiic z=-2-5i va w=4-3i.S6 phiic z+w bang
A. —6-8i. B. 2-8i. C. -6-2i. D. 2-2i.
Dién tich S ciia hinh phing gi6i han boi cac duong y = f (x), y=0,x=-2 va x=1 (phan to
dam trong hinh bén) duoc tinh boi cong thirc nao dudi day?

Yy

A,S:—:Ef(x)dx+j-1f(x)dx, B,S=—:Ef(x)dx—j.1f(x)dx,
¢ S=_j:f(x)dx+j1f(x)dx. D. =] f(xiv- ] f(x)dx.

Trong khong gian Oxyz , cho véc to u=2i— 3}' +k . Toa dd véc to u 1a
A. (2;3;0). B. (2;-3;0). C. (2:31). D. (2;-3;1).

NG

S6 phirc lién hop cia sb phirc z = %+ 71‘ la

A.Z:—l—ﬁi. B.;=l+£i. C.Z:—l+£i. D.E:l—ﬁi.
2 2 2 2 2 2 2 2

Trong khong gian Oxyz , mit cau (S):(x—2)* +(y +3)> + z° =9 ¢6 ban kinh bang

A. 18. B. 3. C.9. D. 81.

Dién tich S cta hinh phang giéi han boi dd thi cac ham sb y =sinx, y = cosx va hai dudng

thang x = —z,x = 7 dugc tinh boi cong thic nao sau day?

A. S = j(sinx—cosx)dx.. B. S = ]E(sinx—cosx)dx..
C.S= ]Z(|sinx|—|c0sx|)dx. D. S= ]{|sinx—cosx|dx..

Phén thyc cta sb phirc —6+2i bang
A, 2. B. 6. C.2. D. 6.
S6 phire nao dudi day la mot can bac hai cia —49 ?



A, —T+1. B. -7. C.7i. D. 7-i.
Cau 21. Trén mat phang toa do, diem M ¢ hinh bén 1a diém biéu dién cua sb phtc z . M6 dun cua z bang

7

(@]

-

A 245. B. 2. C. V6. D. 4.
Cau 22. Trong khong gian Oxyz , mit phing nao dudi day di qua diém A(O; 2; —3) ?
A (a):2y—-3z+9=0. B. (a,):2x-3y—-z+3=0.
C. (a;):2y-3z=0. D. (a,):2x-3y-z-3=0.
Ciu 23. Trong khong gian Oxyz , cho dudng thang A: xtﬁ = yT—2 :g. Piém nao dudi day khong thudc
A?
A. M (-3;2;0). B. N( 4% %) C. 0(1;1;2). D. P(3;%;—3j.

CAu 24. Tinh j 2dx .

v

el c.1=< D.I=¢.
3 3
Ciu 25. Dién tich ctia hinh phang gi6i han bai d6 thi ctia ham s6 y =3x” —6x, truc hoanh va hai dudong
thang x =—-2; x=0 bang
A. 4r. B. 20. C. 20r . D. 4.

T

A. [ =2e. B. /=

2
Ciu 26. Tinh J = jzxcosxdx.
0

A l=r-2. B./=2-1. C.l=r-1. D./I=1-r.

Céu 27. Trong khong gian Oxyz , mit cau co tim / (0;2;—1) va di qua diém M (3 ) c6 phuong trinh la
A. x2+(y+2)2+(z—1)2=59. B. (x—3)2+( ) +(z- 2) =27.
C. X +(y-2) +(z+1)" =27. D. (x+3) +(y+5) +(z+2) =59.

Ciu 28. S6 phirc nao duéi day 1a mot nghiém cta phuong trinh 2z° —3z+5=07?

PR T S Y T 00
202 2 2 4 4 4 4

Cau 29. Theé tich cta khoi tron xoay do hinh phang gidi han bdi d6 thi ham s6 y =—, truc Ox va hai
X

duong thang x =1, x =3 quay quanh truc Ox bang
Az B. In3. c. = D. 7In3.
3 3
Cau 30. Goi z, la nghiém phirc c6 phan 4o dwong cta phuong trinh z* +2z+3=0. S phirc lién hop cia
s6 phitc w=1iz, 1a

2 +i. B. —1++/2i. C. —1-2i. D. 2 -i.



Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Tim phén 4o ctia sb phirc z théa man (3+2i)z=4-2i
g B. 12 c. L.
13 13 10

Tim céc so thuc x va y saocho 2x—yi=4+7; v6i i la don vi ao.

D. 4.

A. x=4vay=-7. B.x=4vay=7. C.x=2vay=7. D.x=2vay=-7.

Cho s6 phirc z=(1+ z')2 +2—i . Tong phan thyc va phan 4o cua z bang

A. 2. B.2-i. C. 3. D. 2+i.
Cho s6 phttc z =1+ 2i. Diém biéu dién cia s6 phirc (3 —2i )Z trén mit phang phirc c¢6 toa do 1a
A. (3:0). B. (4:0). C. (7:4). D. (3:4).

Trong khong gian Oxyz , khoang cach tir diém M (— 1;2;4) dén mit phang
(a):2x—2y+2z—3=0 bang
2

A, —. B. —.
3 3

Biét phuong trinh Z24+mz4+n=0 (m,n € R) c6 mot nghi¢ém 1a z, = 2 —i va nghiém con lai la

D. 1.

Z, . M6 dun cua so phirc m + nz, bang

A 41, B. V61, C. 1. D. 1.
Cho ham s6 y = f(x) c6 dao ham lién tyc trén R va f(0)=—3. Ham sd y = f’(x) c6 do thi nhu
duong cong trong hinh bén. Biét rang dién tich cia hai hinh phang gidi han boi truc Ox va do thi

ham s6 y= f'(x) trén doan [—2;0] va [0;1] lan lugt bang g va % Gié tri cua biéu thuc
S(=2)+ f(1) bang

Y y=f(x)
-2
/ 1o} 1
A. —ﬁ. B. —@. C.5. D. 6.
12 12
x=-2—t x=2+3t
Trong khong gian Oxyz, cho hai duong thang d:{y=2t va d':{y=4—¢ .Khang dinh nao
z=1+t z=-3+2¢
dudi day ding?
A. d va d' cat nhau. B. d va d’' song song véi nhau.
C. d va d' trung nhau. D. d va d' chéo nhau.
1 .
7 e khl X Z 1 n N
Cho hamso f(x)= Jx . Tich phan J: zexf(4ex —4)dx bang
2x—-1 khi x<1
A2 B. L. C. 4. p. L.
4 2
Trong khong gian Oxyz, cho ba diém A(0;0;2), B(-1;2;1), C(2;—4;4). C6 bao nhiéu diém D

thoa min A4, B, C, D 1a bdn dinh cia mdt hinh binh hanh?
A. 0. B. 1. C.2. D. 3.



Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Trong khong gian Oxyz, cho mit cau (S): x’ +(y—1)2 +(z+2)2 =16 vabadiém 4(0;1;2),

B(0;-3;-2), C(-4;1;-2). Xét khdi nén (N) c6 dinh 7 ndm trén (S), dudng tron ddy la giao

tuyén ctia mit phang (ABC ) va mat cau (S ) . Khi (N ) c6 thé tich 16n nhét thi duong thang 14 c6
y—1 z=-2

phuong trinh dang ? = = . Gia tri ciia a+b bang
a

A. 243, B. 243. C. 3. D. V3.

Cho ham sb f(x) =ax* +bx’ +c (a ,b,ce ]R) ¢ d6 thi nhu hinh cong trong hinh bén. Dién tich

hinh phang gi6i han boi cac duong y = f(x) , =0, x=—1 va x=1 bang

b

v

A2 B. 2. c. 2 p. 2.
15 15 15 15
Trong khong gian Oxyz , biét mat cau (S) x>+ 3" +2° +8x+7 =0 va mit phang

(a) :x+y+2=0 cat nhau theo giao tuyén la dudng tron (C) Bén kinh cua (C) bang
A N3, B. V7. C.\2. D. 3.

Chohams6 y = f(x) c6 f(1)=0va f'(x) :me véi moi x > 0. Tich phan I@dx bang
1
¢l B.L. c.el p. L.
6 3 3 6
Bé& mit ctia mot cong trinh kién triic duge md phong nhur hinh bén dudi, trong d6 hai cung 4B va
CD 1a hai ntra cta hai elip (4, B 14 hai dinh cta elip th nhat va C, D 1a hai dinh cua elip thir
hai). Nguoi ta mudn son lai bé mit cia cong trinh d6 bang mau son phit hop hon. Biét don gia dé
som hoan thién di thoa thuan voi don vi thi cong 1a 100.000 dong \m?> . Hay tinh tong s tién phai
tra dé sém hoan thién bé mit ctia cong trinh (1am tron dén hang nghin).

A.



Gm
~.
7m

hm

—_———— e —— —

B T

A. 4414.000 dong.  B. 4.412.000dong.  C. 3.707.000 dong.  D. 3.708.000 ddng.
Ciu 46. C6 bao nhiéu s phuc z théa man |z |= J2 va (z+1)(Z +1i) 1a s6 thudn a0 ?

A. 1. B. 3. C.2. D. 0.
Ciu 47. Cho sb phic z théaman (1-i)z—iz =3—i. Mo dun ciia z béng
A N29. B. 41. C. V13, D. V34.

Chu 48. Xét hai sb phirc z,,z, théa min |z, +1+i|=|z, +1+i|=2,

zl|+|zz| = |z1 —zz| va z,c6 phan thyc
duong. Khi |z,|+2
3 3 3

A, —. B. 0. C.—. D. —.
2 4 2

Ciu 49. Trong khong gian Oxy, cho ba diém A(-2;0;0),B(0;3;0) va C(0;0;,—6). Tim toa do diém M
ndm trén mét phang (Oyz) sao cho MA® + MB* + MC? dat gia tri nho nhat.

zz| dat gia tri nho nhét thi tich phan thuc va phan 4o cua z, bang

A. M (-1;0;0). B. M (0;1;-2). C. M(O;%;%). D. M (0;-3;6).
3 3
Cu50. Néu [[4f(x)-3]dr=—1thi [ f(x)dx bing
1 1

A. 3. B. 2. C.

N |~
AW,

— HET -



Caul.

Cau 2.

Cau 4.

Cau 5.

HUONG DAN GIAI CHI TIET
Trong khong gian Oxyz , cho duong thang A di qua diém M (—4; 2;3) va ¢6 vecto chi phuong

U= (1;—1;3) . Phuong trinh tham sb ctia dudng thing A 1a

x=1-4¢ x=4+t x=—1-4t x=—4+t
A Jy=—1+2¢. B.iy=-2-t¢. C.qy=1+2¢ . D.iy=2—-t¢ .
z=3-3¢t z=-3+3¢t z=-3-3¢ z=3+4+3¢
Loi gii
Chon D

Puong thang A di qua diém M (—4; 2; 3) va ¢6 vecto chi phuong U= (1; —1;3) c6 phuong trinh
x=-4+t¢
thamsdla<y=2—1¢ .
z=3+3¢
Trong khong gian Oxyz , cho mit phang (P ) :=2x+2y+z+3=0. Vecto nao dudi day 1a
mot vecto phap tuyén cta (P ) ?
Aa=(-223). B.a=(-220). ca=(-221). D.a=(221).

Loi gidi
Chgn C
Tir phuong trinh mat phang (P ) :—2x+ 2y +z+3 =0 ta thly mot vecto phéap tuyén ciia (P ) la
a=(-221).

Cho F(x) 12 mot nguyén ham ciia ham s6 f(x) trén doan [0;4] va thoa man F(O) = \/g ,
4

F(4)=5.Knido [ f(x)dx bing
0

A —5-4/3. B.5+4/3. C. —5+4/3. D. 5-+3.
Loi giai
Chon D

[ (x)d= F (3 = F(4)- F(0) =55

Trong khong gian Oxyz, cho mit phing (a) :2x -3y +z-3=0. Mit phing nao dudi diy song

song v4i mit phang (a) ?

A. (7):2x=3y+z+3=0. B. (P):x—3y+2z+1=0.

C. (Q):2x—y+z—3=0. D. (,B):—3x+y+3z+2=0.
Loi giai

Chon A

Xét mat phang (a):2x—3y+z—3=0 va mit phang (7/):2x—3y+z+3:O co
%z_—z:%;ﬁ? nén mit phang () song song v6i mit phang ().

3 3
Néu [ f(x)dx=2 thi [5f(x)dr bing
-1 -1

A. 40. B. 25. C. 20. . 10.

Loi giai

IS

Chon D



Cau 7.

Cau 8.

Cau 9.

Cau 10.

Ta ¢6 ij(x)dszjf(x)dsz.Zle.

Trong khong gian Oxyz, cho hai diém 4(1;—4;0) va B(5;4;-6). Toa d¢ trung diém ctia doan
thang 4B 1a

A. (4:8,-6). B. (2;0;-2). C. (2:4;-3). D. (3;0;-3).
Loi giai
Chon D
y = Xat 1S4
2 2
: ; A C ey V,+y, —4+4
Goi / la trung diém cua 4B. Khido6 y, = 5 = 3 =0.
Zz _ZutZp :H:_3
2 2
Vay toa do trung diém cia doan thing 4B 1a 1(3;0;-3).
x=3-2¢
Trong khong gian Oxyz , cho dudng thiang d: { y =4 +3¢. Véc to nao dudi ddy 1a mot véc to chi
z=-2
phuong cua d ?
A n=(-2;3;-2). B. v=(-2;3;0). C. u=(3;4;0). D. a=(3;4;-2).
Loi giai
Chon B
x=3-2¢
Dudng thing d: {y=4+3r c6 mdt véc to chi phuong la v=(-2;3;0).
z=-2

Trong khong gian Oxyz , cho duong thing A di qua diém M (1 34— 2) va cd véc to chi phuong
U= (5;—4;1). Phuong trinh chinh tic cua dudng thing A 1a

x+1 y+4 z-2 x-1 y-4 z+2

A. .
5 —4 1 -5 —4 1
C x=5 y+4 z-1 x+5 y-4 z+1
T 4 2 T 4 2
Loi giai
Chon B

Duong thing A di qua diém M (1;4;-2) va c6 véc to chi phuong ;:(5;—4;1), phuong trinh
x—1 y-4 z+2

chinh tic ctia dudng thing A la 1 "

Néu [ f(x)dr==2 va [f(x)dr=6 thi [ f(x)dx bing

A. 4. B. -12. C. 8. D. -8
Loi giai

Chgn A

4 0 4
Ta co: jf(x)dxzJf(x)dx+_[f(x)dx=—2+6z4.

—1 -1 0
Trong khéng gian Oxyz , mat phang (Oxy) c6 phuong trinh 1a
A. x+y=0. B. z=0. C.x-y=0. D. x+y—-z=0.

Loi giai

Chon B



Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Ta c6 mdt phang (Oxy)nhan & =(0;0;1) lam VTPT va qua O(0;0;0)nén c6 phuong trinh 1a

z=0.
Cho hai s6 phtic z, =1-2i va z, =1—i. S phtic A bang
Z
31
AL 1+2i. B. E+li. C.———i.
55 -2 2

Loi giai
Chen C

z, 1-2i (1=2i)(1+i) 3-i 3 1.

5, 1= (1-)(+) 2 2 2

Thé tich ¥ ctia khdi tron xoay do hinh phang gi6i han boi d6 thi ham sé y = x—1, truc Ox va hai

duong thing x=0, x=4 quay quanh Ox dugc tinh bang cong thirc nao dudi day?

A. V=7rj.(x2—1)dx. B. V=j.(x—1)2dx. C. V=7z].(x—1)2dx. D. V=7rjt|x2—1|dx.
0 0 0 0

Loi giai

o 4
V= ﬂ.! [f(x)]zdx = ﬂ!(x—l)zdx

Cho hai s6 phirc z=-2-5i va w=4-3i.S6 phitc z+w bang
A. —6-38i. B. 2-8i. C. -6-2i.

Loi giai
Chen B

Tacd z+w=-2-5(+4-3i=2-8i.

D. 2-2i.

Dién tich S clia hinh phing gi6i han boi cac duong y = f (x), y=0,x=-2 va x=1 (phan to

dam trong hinh bén) duogc tinh badi cong thirc nao dudi day?
Y

A,S:—J}f(x)dx+:1[f(x)dx. B.S=—J}f(x)dX—

-2 -2

-1 1

jlf(x)dx.

C. =] Fxies [ £(x)ar. b. S=:j;f(x)dx—j1f(x)dx.

-2 -1
Loi giai

Ta co S=j|f(x)|dx= +

[ [ ()

=_If(x)dx+jlf(x)dx.

Trong khong gian Oxyz , cho véc to u="2i- 3}' +k . Toa do véc to u 1a



A. (2:3;0). B. (2;-3;0). C. (2:3:1). D. (2;-3;1).
Loi giai

Chgon D

Tacod u=xi+y.j+zk<u(xy;z).

Do d6 u=2i-3j+k < u(2-31).

NG

Ciu 16. S6 phirc lién hop cua sb phic z = %+—i la

E=—l—£i. B.z=—+"";. C.Z:—l+£i. Q.E:l—ﬁi.
2 2 2 2 2 2 2 2

Loi giai

Chon D

ADCT, ta c¢6 sd phuc lién hop cta sd phiic z:%+§‘ la Z:%—?i.

Céu 17. Trong khong gian Oxyz, mit cau (S):(x —2)* + (y +3)> + z> =9 ¢6 ban kinh bang

A. 18. B. 3. C.9. D. 81.
Loi gii

Chon B

Mit cau (S):(x—2)* + (¥ +3)* +z° =9¢c6 ban kinh R = 3.
Cau 18. Dién tich S cua hinh phang gi¢i han boi d thi cac ham sd y =sinx, y = cosx va hai duong
thang x = —z,x = 7 dugc tinh boi cong thic nao sau day?

A. S= I(sinx—cosx)dx.. B. S = ]E(sinx—cosx)dx..

C.S= ]E(|sinx|—|cosx|)dx. D. S= _T|sinx—cosx|dx..
_ Loi giai _

Chon D

Dién tich S cua hinh phang gidi han boi d thi cac ham sd y =sinx, y = cosx va hai duong
thang x = —z,x = 7 duoc xac dinh:

S = I |sinx—cosx dx.
Cau 19. Phan thyc cua sd phirc —6+2i bang
A. 2. B. 6. C.2. D.6.
Loi giai
Chon B
Phan thuc cta sb phirc bang —6.
Cau 20. S6 phirc nao dudi day 1a mot cin bac hai ciia —49 ?
A, —T+i. B. -7. C.7i. D.7-i.
Loi giai
Chon C
Tacd —49 = 49;* = (J_r7i)2. Do d6 —49 ¢6 cac cin béc hai la +7i . Vay chon dép an C .

Cau 21. Trén mat phéng toa d0, diém M & hinh bén 13 diém biéu dién cua sd phtc z . Mo dun cua z béng



@]

(. L

A. 245, B. V2. c. 6. D. 4.
Loi giai
Chon A

Ta ¢6 toa o cuia diém M (4;-2) = |z| = OM = (4> +(-2)" =245 .
Cau 22. Trong khong gian Oxyz , mit phang ndo dudi ddy di qua diém A(0;2;-3) ?

A (a):2y-3z+9=0. B. (@,):2x-3y—z+3=0.

C. (a;):2y-3z=0. D. (a,):2x-3y-z-3=0.
Loi giai

Chon B

Xétdapan 4 c6 2.2-3.(-3)+9=22, vy d¢(a,) .
Xétdap an B ¢6 2.0-3.2—(-3)+3=0,vay de(a,).
Xétdap an C c6 2.2-3.(-3)=13, viy 4d¢(a;) .
Xétdapan D ¢6 2.0-3.2—(-3)-3=-6,vay 4¢(a,) .

Céu 23. Trong khong gian Oxyz , cho dudng thing A:x—tﬁzyT_zzg. Diém nao dudi day khéng thudc
A?
91 1
A. M (-3;2;0). B. N| —4;—;— |. C. 0(L;1;2). D. P| 3;—;-3|.
42 2
Loi giai
Chon C
Xétdapan A4 c6 =2-272_0 \av men .
—4 1 2
9 1
443 4% 5
Xétdap an B co =2 —== viy NeA
—4 1 2
Xét dap an C co ﬂ:E;«tz,vaiy O¢A .
-4 1 2
1
343 572 -
Xétddpan D c6 ——==—=—_vay PeA .
-4 1 2
Céu24. Tinh [x’dx .
0
3_1 3
A. I=2e. B.1=% cir=%. D.I=¢"
3 3
Loi giai

Chon C



€2
3 3

3
Taco: Iz{x—j
3

Céu 25. Dién tich ctia hinh phang gi6i han bai d6 thi ctia ham sé y =3x* —6x, truc hoanh va hai dudng
thing x =—2; x=0 bang
A. 4r . B. 20. C. 20rx. D. 4.
Loi giai

0

Chon B
0

Dién tich ctia hinh phang can tinh 1a S = I |3x2 - 6x|dx
5

x=0g(-2;0)

Xétpt: 3x° —6x=0<=
cLpti 5x X Lc:2§£(—2;0)

S=]1|3x2—6x|dx=‘j-(3x2—6x)dx - (x3—3x2):‘:20.
2 2
Cau 26. Tinh I=i2xcosxdx.
A.I=7r—02. B.I=2-1. C.l=r-1. D.I=1-rx.
Loi giai

Chon A

2
Xeét I=J-2xcosxdx
0

_ lu=2x du = 2dx
bat = .
dv = cos xdx y=sinx

T

T E T T
I=2xsinx|g —J.2sinxdx=2xsinx|g +2005x|§ =r-2.
0

Ciu 27. Trong khong gian Oxyz , mit cau c6 tam 7(0;2;-1) va di qua diém M (3;5;2) c6 phuong trinh 1a

A X +(y+2) +(z-1) =59, B. (x=3) +(y—5) +(z—2)" =27.

C.x’ +(y—2)2 +(z+1)2 =27. D. (x+3)2 +(y+5)2 +(z+2)2 =59.
Loi giai

Chgn C

IM =~3? +32+3% =27
Mt cau c6 thm 1(0; 2;—1) va di qua diém M (3;5;2) c6 ban kinh IM = \/ﬁ
Vay phuong trinh mat cau 1a x* +(y —2)2 +(z+ 1)2 =27.

Cau 28. S6 phirc nao dudi day 1a mot nghiém ciia phuwong trinh 2z° —3z+5=07

3 W11, 3 1, 3 31, 3 31,

A —+—1. B. —+—i. C.—+—i. D. —+—1.
2 2 2 2 — 4 4 4 4
Loi giai
Chon C
Taco: A=(-3) -4.25=-31<0
3+iv31 3 <31
= Phuong trinh c6 hai nghi¢m phuc: z = 14\/7 :Z_T‘

Vay chon C.



Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

A < \ 3 M s e 50 3 A s 1.2 A 1 \ .
Theé tich cua khoi tron xoay do hinh phang gidi han bdi d6 thi ham s y =—, truc Ox va hai
X

duong thang x =1, x =3 quay quanh truc Ox bang
2

A Z B. In3. C D. zln3.
3 3
Loi gii
Chon C

Thé tich khéi tron xoay da cho la:

3 3
V=7rJ‘L2dx=7r.(—lj =7r[—l+lj=2—ﬁ.
X x )|, 3 3

Goi z, l1a nghiém phtrc c6 phan 4o duong cua phuong trinh z* +2z+3 =0. S phtrc lién hop cua

sb phtic w=iz, la
A —2+i. B. —1++/2i. C. -1-+/2i. D. —2-i.
Loi giai

Chgn A

z=—1+~/2i
=

z=—1-2i

= w=izy=—V2—i=>w=—2+i.

Tim phén do ctia s phitc z théa man (3+2i)z=4-2i

Z, = —1+/2i

Ta co: 22+2z+3=0<:>|:

4 B. 12 c. L. D. -4
= 13 13 10
Loi gidi
Chon A
Taco (342i)z=4-2i &>z =2 2
3+2i

(4-2i).(3-2i)

(3+2i).(3-2i)

8—14i
S z=
13
_8 14,
13 13
A T G \ 14
Vay phan do cua so phuc z 1a b =53

Tim céc s6 thuc x va y sao cho 2x—yi=4+7; véi i 1a don vi 4o.
A. x=4vay=-7. B.x=4vay=7. C.x=2vay=7. D.x=2vay=-7.

Loi gigi
Chon D
: 2x=4 x=2
TaC02x—yi=4+7i®{ @{ .
-y=7 y=-7
Cho s6 phirc z=(l+i)2 +2—i . Tong phan thuc va phan 4o clia z bang
A 2. B.2-i. C.3. D.2+i.
Loi gigi
Chon C

Tacd z=(1+i) +2—i=(1+2i+i2)+2—z‘=2+i.
Suy ra z c6 phan thuc @ =2, phin 40 b =1. Viy tong phan thuc va phan 4o cua z bang 3.
Cho s6 phitc z =1+ 2i. Diém biéu dién cua sd phirc (3 —2i )Z trén mat phang phirc c6 toa do la

A. (3;0). B. (4;0). C. (7:4). D. (3;4).



Loi gidi
Chon C
Taco: (3—2i)z=(3—-2i)(1+2i)=T7+4i
Cau 35. Trong khong gian Oxyz , khoang cach tir diém M (— 1;2;4) dén mit phang
(a):2x—2y+2z—3=0 béng
Al B2 .22
- 3 3 2
Loi gidi
Chon A
2.(~1)-22+4-3] 5
22427 +1 3

Ciu 36. Biét phuong trinh 2 4+mz+n=0 (m,n € R) c6 mot nghi¢ém 1a z, = 2 —i va nghiém con lai la

Ta co: d(M;(a)) =

Z, . M6 dun cua so phitc m + nz, bang

A. V41, B. J61. C. 1. D. 11.
Loi gidi
Chon B

Phuong trinh c6 mot nghi¢ém 1a z, =2 —i nén s€ c6 nghiém z, =241
Ap dung dinh 1i viet ta co:

z+tz,=4=-m m=—4

= .

Z,.Z,=n=23 n=>5
Khidé m+nz, =—4+5(2—i)=6-5i.
|6 —5i|=~/61.

Ciu 37. Chohamsb y= f(x) c6 dao ham lién tuc trén R va f(0)=-3. Ham sd y = f'(x) c6 dd thi nhu

duong cong trong hinh bén. Biét rang dién tich ctia hai hinh phang giéi han boi truc Ox va db thi

ham sb y= f'(x) trén doan [—2;0] va [0;1] lan luot bing g va % Gia tri cia biéu thuc

f(=2)+ /(1) bang

Yy y=F)
)
/ 1) 1 =z
A -2 B -1 C.5. D. 6.
12 12
Loi gidi
Chon B

Tirdd thita 66 = [ £/ =f @, = FO©)~ (-2) suyra f(-2)= £(0)—3

Ta ciing 6 % =— j f(x)dx=—f@)|, =—f 1)+ £(0) suyra f(1)= f(0) —%

Viy f(-D+ f)=2f(©-3-2 =2,



x=-2—t x=2+3¢t
Cau 38. Trong khong gian Oxyz, cho hai duong thing d:<y=2t vad':{y=4—¢ .Khang dinhnao

z=1+t¢ z=-3+2¢
dudi day dang?
A. d va d' citnhau. B. d va d’ song song véi nhau.
C. d va d' trung nhau. D. d va d' chéo nhau.
Loi gidi
Chon D

d cd VTCP u, =(-1;2;1) va di qua diém A4(-2;0;1).
d' ¢6 VICP u, =(3;-1;2) va di qua diém B(2;4;-3).
Tirdo ta 6 AB = (4;4;—4) va [Z,E]:(S;S;—S)iﬁ.

Lai c6 [Z,uj].ﬁ:@;«to. Suyra d va d’ chéo nhau.

, L a2 o2 ,
Cau39. Chohamsd f(x)= Jx . Tich phan IO exf(4ex —4)dx bang
2x—1 khi x<1
A. 2. B.l. C.4. Q.l.
4 2
Loi giai

Chon D

bat 4ex—4:t:>4exdx:dt:>exdx:%.

Doi can:

x=0=1t=0

x=ln2=r=4
.2, N 4 dt 14 I adr | 1
Taco: [ e'f(de"—4)de=] f(t)?—zjo f(r)dr_Z{jo(th)dwj1 ﬁ}_?
Ciu 40. Trong khong gian Oxyz, cho ba diém A(0;0;2), B(-1;2;1), C(2;—4;4). C6 bao nhiéu diém D
thoa man A4, B, C, D 1a bon dinh ctia mot hinh binh hanh?
A 0. B. 1. C.2. D. 3.
Loi gidi
Chon A
Ta cd: AB= (-1;2;-1), AC = (2,-4;2) .
Ta thiy: AC =-2.AB= AB, AC la hai vecto cung phuong va chung diém 4 nén ba diém
A, B,C thang hang. Do d6 khong ton tai diém D dé 4, B, C, D 1a bén dinh ctia mot hinh binh
hanh.

Cau 41. Trong khong gian Oxyz, cho mit cau (S): x’ +(y—1)2 +(z+2)2 =16 vabadiém 4(0;1;2),
B(0;-3;-2), C(—4;1;—2). Xét khdinoén (N) c6 dinh 7 nam trén (S), duong tron ddy 1a giao
tuyén ctia mgt phang (ABC) va mit cau (S). Khi (N) c6 thé tich 16n nhat thi dudng thang 74 c6

y—1 z-2

phuong trinh dang %z == Gié tri cia a+b bang
a

A. -243. B. 24/3. C. 3. D. 3.

Loi giai




Chon C
Mit cau (S) c6 tim E(0;1;-2).
Ta thdy ba diém 4,B,C thudc mit cau (S).
AB=(0;-4;-4) ; AC=(—4;0;-4).
Mit phéang (ABC) qua 4 vanhan Zz[ﬁ;ﬁ}=(16;l6;—l6) lam vécto phap tuyén.
Phuong trinh mit phing (ABC): x+y—z+1=0.
x=
Goi (d) la dudng thang qua £ va vudng goc v6i mit phang (ABC) = (d):qy =1+t .
z=-2—-t
(N) c6 thé tich 16n nhat= I 1a giao diém ciia (d) va mt cau (S).
Te(d)=1(t;1+1,-2-1).

A (45,86, 4
5,

A, N bl
3 3
Ie(S)=>r++1 =16=>

_ A3 [ 4B A, 43
3 3 3 3
Vi d(I;(4BC)) 16n nhét = [ 4*/5;1+4*/§;—2—4‘/§ :
3 3 3

4=

3
Suy ra a=1;b=-1-+/3.

Vay a+b=—/3 .
Ciu 42. Cho ham s6 f(x) =ax" +bx’ +c (a ,b,ce ]R) c¢6 d6 thi nhu hinh cong trong hinh bén. Dién tich

JZ (4\3/5;4\3/5; 4 4\/5]:¥(1;1;—1—\/§).

hinh phdng gi6i han béi cac dudng y = f(x), y=0, x=-1 va x=1 bing



v

s

A B. 2. c. 2 D. 2.

15 15 15 15
Loi gidi

Chon A

Do thi ham sé qua (0;—1):(::—1.
Do thi ham s6 qua (1;—2):>a+b=—1 (1)
f'(1)=0 {4a+2b=0
=
f"(1)>0  |a>0

a=1

(2).

Ham dat cuc tiéutai x=1= {

Giai hé (1) va (2) ta dugc {
Do d6 f(x) =x*-2x*-1.

1

A1 3o a 4 2 44

Di¢n tich hinh phang can tim § = Hx -2x"— 1|dx = 5

-1

Cau 43. Trong khong gian Oxyz , biét miat cau (S) x>+ >+ 27 +8x+7 =0 va mit phing
(a) :x+ y+2=0 cat nhau theo giao tuyén la dudng tron (C) Bén kinh cua (C) bang
A. 3. B. 7. C.\2. D. 3.
Loi giai

Chon B
Mit cau (S) c6 tim /(—4;0;0) vabankinh R=3 .

Ta co: d([,(a))=w=\/§.

J2

Vay ban kinh ctia duong tron (C) 1a: r=\[R® —d* (1,(a)) =v9-2=+/7.

Chu44. Chohamsd y=f(x)co f(1)=0 va f’(x):ln—x véi moi x > 0. Tich phan Ide bang
x

X 1
3 3
iy B L. c. &1 D. 1.
6 3 3 6
Loi giai
Chon D
Taco: f(x)=]/f"(x)d :Iln—xd Lk



In’ x

Do f(l):0<:>C=0 . Vay f(x)= 5

2

Xét lzjf(x)dxzjh’ X dx.
1 X 1

2x

bat tzlnx:dt:ldx

X
Pdi can
X | 1 e
t | 0 1
zlz_l[ltzdt:lfr:l
)2 6 b 6

Cau 45. BE& mit cia mot cong trinh kién trac dugc mo phong nhur hinh bén dudi, trong do6 hai cung 4B va
CD 1a hai ntra cua hai elip ( 4, B 1a hai dinh cua elip thit nhat va C, D 1a hai dinh cua elip thu
hai). Nguoi ta mudn son lai bé mit cua cong trinh d6 bang mau son phit hgp hon. Biét don gia dé
som hoan thién di thoa thuan voi don vi thi cong 1a 100.000 dong \m?> . Hay tinh tong s tién phai
tra dé sém hoan thién bé mit ctia cong trinh (1am tron dén hang nghin).

Gm
-
7m

o

_——— o — e —— —————

_——— e e e e

A. 4.414.000 dong.  B. 4.412.000d6ng.  C. 3.707.000 dong.  D. 3.708.000 ddng.
Loi giai

Chon A

Xét hé truc toa d0 Oxy nhu sau

3%

-1
— |
)
x2 yZ
Elip 16n c6 phuong trinh —+=—=1.
P PRvome T S T 4

Dién tich hinh phang gidi han boi phéan elip 16n va truc hoanh 1a 6.2.7 = 127z(m2)



2 2

Elip nhé c6 phuong trinh % + yT =1

Dién tich hinh phang gi¢i han béi phan elip nhé va truc hoanh 1a 3.1.7 = 37r(m2 ) .
Phan dién tich gidi han béi nira trén cta elip 16n va nira trén cta elip nho 1a
1 9 )
—(127-37)=—n(m").
L22-37) = 2x()
Dién tich bé mit cta cong trinh kién tric 13 %7[ +2.3.5= 30+%7z(m2 ) .
Téng sb tién phai tra dé sém hoan thién bé mit cua cong trinh 1a
(30 + %ﬂ'] -100.000 = 4.414.000 (ddng)
Cau 46. C6 bao nhiéu sé phirc z thoa man |z |=~/2 va (z+1)(Z +i) 1a sb thudn a0 ?
A. 1. B. 3. C.2. D. 0.
Loi giai
Chon A
Goi M (x;y) la diém biéu dién s6 phitc z=x+yi; x,yeR.
|z]=v2 < x*+)* =2.Khidé M thudc dudng tron tim O, ban kinh R, =~/2..
Z+D)Z+i)=zz+z+zi+i=x*+ +x—yi+xi—y+i

=x2+y2+x—y—yi+xi+i
1Y 1Y 1
(z+1)(Z +1) 12 s6 thudn 40 nén phén thuc x2+y2+x—y:O<:>[x+Ej +[y——j =—.

Khido M thudc duong tron tdm [/ (—%,%) ,bankinh R, = g
1 \/5 A . \ \ A < A , A r A , 5 ~
Vi IO =— =R, — R, nén hai dudng tron trén tiép xuc trong. Vay c¢6 1 s6 phirc thod man.
2
Ciu 47. Cho sb phirc z théamén (1-i)z—iZ =3—i. Mo dun ciia z béng
A. V29 . B. J41. C. 13, D. \/34.
Loi giai
Chon D . .
Goi s0 phuc can tim 1a z=a+bi;a,b € R. Khi d6 yéu cau bai toan tré thanh

(1-i)(a+bi)—i(a-bi)=3—i<a+(-2a+b)i=3—i.

Bang cach dong nhat phan thyc va phan o ta dugc

a=3 a=3
= .
2a+b=-1 b=5

Vi vy sb phtrc can tim 1 z =3+ 5/ = |z| =+/34.

Chu 48. Xét hai sb phirc z,,z, théa min |z, +1+i|=|z, +1+i|=2,

z|+|z,| =z, — z,| va z ¢6 phén thuc

duong. Khi |z,|+2

zz| dat gia tri nho nhét thi tich phan thuc va phan 4o cua z, bang

A2 B. 0. c.-2. D. -2
2 4 - 2
Loi giai
Chon D

Tir gia thuyét thir hai 14 |z,|+|z,| = |z, — z,|ta suy ra z, =kz,,k <0.
Ta goi z, =a+bi =z, = ka+kbi;(a,b e R, ka > 0).
Do z, ¢6 phan thyc duong nén k<0 va a <0

Theo gia thuyét |z, +1+i|=|z, +1+i|=2 ta dugc



Cau 49.

Cau 50.

(a+1)+(b+1)" =4 (1)

(ka+1) +(kb+1)" =4 (2)
Tir (1) taco a2+b2+2(a+b):2:2(a+b)=2—(a2+b2)
Thay vao (2) taco

2
a’+b*

2 2 2 2 2 1
a2+b2j\/a +b —2(\/41 +b +m]24

2, 12
a +b" =1 {ab—é

K (a? +b2)+k[2—(a2 +b2)]=2@k(k—1)(a2+b2)=2(1—k):>k=—

Khi do |zl|+2|z2|=(|k|+2)|zz|=(2+

Vay |z,|+2|z,| dat gié tri nh6 nhat bing 4 khi 1 = 8.

a+b=5 k=-2

3
Vay k*ab=-=.
ay 5

Trong khong gian Oxy, cho ba diém A(-2;0;0),B(0;3;0) va C(0;0;—6). Tim toa do diém M
nam trén mét phing (Oyz) sao cho MA® + MB* + MC? dat gia tri nho nhét,

A. M (-1;0;0). B. M (0;1;-2). C. M(O;%;—3). D. M (0;-3;6).

Loi giai
Chon B

Goi G la trong tam cua tam giac ABC = G[—%; 1;—2)

Tacod T =MA> + MB* + MC* = MA +MB +MC

& T =(MG+Gd) +(MG+GB) +(MG+GC)

o T=3MG +ZVG(@+@+E—C)+@2 +GB +GC

& T =3MG* +GA> +GB* +GC? (vi GA+GB+GC =0)

Vi 4,B,C,G cb dinh = GA* + GB* + GC* khéng d6i

= T nh¢ nhat khi va chi khi MG nhé nhat, ma M €(Oyz) nén M 1a hinh chiéu vuéng géc cia
G 1én mit phing (Oyz) = G(0;1;-2).

Vay G(0;1;-2).

3

Néu [[4f(x)-3]dx=—1 thi jf(x)dx bang

1

A. 3. B. 2. C.

=

o |~
Al

Loi giai
Chon D

3 3

Ta c6 —1:j[4f(x)—3]dx=4if(x)dx—3jdx

1

— HET---



Cau 1:

Cau 2:

Cau 3:

Cau 5:

Cau 6:

PE ON TAP KIEM TRA CUOI HQC KY II
MON: TOAN 12 - PE SO: 39 (100TN)

Cho F (x) 12 mot nguyén ham cua ham s6 f (x) trén doan [a ;b] . Ménh dé nao duéi day dung

A [ £(x)dx=F(b)-F(a). B. [ f(x)dv=F(a)-F(b).

C. [ £(x)dv=F(b)+F(a). D. [/ (x)dv=—F(b)-F(a).

Q C— O D e
2 — > R,

Cho hai s6 thyc x, y théa phuong trinh x +2i = 3 +4iy . Khi d6 gia tri cia x va yla
1 . 1
A.x=3,y=2. B. x=3, y= C.x:3,y:—5. D.x=31,y=5.

Ham s f(x) nao dudi day thoa If(x)dx =In|x+3[+C?

Ao f(x)=(x+3)In(x+3)-x. B. f(x):xi3.
C. f(x)=— D. f(x)=In(In(x+3)).

x+2°
Ham s6 y = f(x) lién tuc va khong 4m trén [a;b]. Dién tich hinh phang gi6i han boi dd thi

ham sd y=f (x), tryc hoanh va hai duong thang x =a, x=5b dugc tinh theo cong thirc nao

dudi day?
A.S:nf[f(x)]zdx. B.S:yzjf(x)dx. C.S:ff(x)dx. D.S:—jlf(x)dx.

Ho tat ca cac nguyén ham ctia ham s6 f(x) =cosx+6x 1a
A. sinx+3x>+C. B. —sinx+3x’+C. C.sinx+6x"+C. D. —sinx+C.

. \ . 1
Cho s6 phuc z=1 —/2i . Tim phan 4o cua so phuc P =—.
z

A.Q. B.\2. C. 2. D. —g.

3
Trong khong gian voi hé toa 40 Oxyz , mit phang Oyz c¢6 phuong trinh 1a
A. y+z=0. B. x=0. C. y=0. D. z=0.

Thé tich cta khdi tron xoay do dd thi giéi han boi dd thi cua ham s6 y= f(x) lién tuc va
khong am trén doan [1;3] , truc Ox va hai duong thfmg x=1,x =3 quay quanh truc Ox dugc

tinh theo cong thuc:

A V= ;zi F(x)dx. B. V= j[ f@]de. C.Vv= i F(x)dx. D. V= ;zj[ @] dx.



Ciu9: Chohamsé f(x) liéntyctrén R va [ (f(x)+2x)dx=5. Tinh | f(x)dx

A. 9. B. 9. C. 1. D. -1.
Cau 10: Trong khong gian Oxyz, cho ba diém 4(2;0;0),B(0;-1;0),C(0;0;3). Mt phang (ABC) c6

phuong trinh 1a
Ay X2 B.2+24+Z=1 C.£+l+—_1 SR A,
2 1 3 2 1 2 -1 -2 1 3

Cau 11: Trong khong gian Oxyz, cho hai diém A(l;1;2),B(3;l;O). Trung diém cta doan théng AB ¢o

toa d¢ la

A. (1,0;-1). B. (4:2;2). C. (211). D. (2;0;-2).
Cau 12: Trong khong gian Oxyz, cho u=2i -3 —k. Toa do cua vecto u 1a

A u=(231). B.u=(2-3;-1).  C.u=(23-1). D. u=(2;-13).

Céu 13: Dién tich hinh phang giéi han boi cac dd thi ham s y=2x-x> va y=—x+2 Ia
5 1 6 1
A. —(dvdt) B. —(dvdt) C. —(dvdt) D. —(dvdt)
6 6 5 2
Cau 14: Cho s6 phirc z =3+ 4i. Modul ctia s6 phirc (1 +i)z bang

A. 10, B. V10, C. V2. D. 50.
Cau 15: Trong khong gian Oxyz, mit phang di qua diém A(2;—l;2) va song song véi mit phing
(P) :2x—y+3z+2=0 c6 phuong trinh Ia
A. 2x—y+3z-11=0. B.2x—-y+3z+11=0.
C.2x-y-3z+11=0. D.2x-y+3z-9=0.
Chu 16: Cho ham s6 y = f(x) lién tuc trén R. Goi S 1a dién tich hinh phang gi6i han béi d6 thi ham

s6 y=f(x), truc hoanh va hai dudng thing x=—1, x=4 (nhu hinh vé bén dudi). Ménh dé

nao dudi day dung.

A. S:jf(x)dﬁjf(x)dx.



4

C. S==[ f(x)dx+ [ f(x)dx. D. S=jf(x)dx—jf(x)dx.

1
Cau 17: Cho s6 phirc Z=2+51 8§ phuc w=iz+z 13

A, w=-3-3i. B. w=-7-7i. C.w=7-3i. D. w=3+7i.
Céu 18: Tim ho nguyén ham cta ham sd f(x) = cos2x ?

A. jcos2xdx:—2sin2x+C. B. Icostdx:ZSin2x+C.

B. Icostdx:—%sin2x+C. D. Icostdx:%sin2x+C.
Cau 19: Tim s phirc z théa man z+2z=2—4i

A.Z=—z+4i. B.z=£+4i. C.z=——-4i. D. z=—-4i.
3 3 3

3 3
CAu 20: Biét [ f(x)dx=6. Gid tri cia [2f(x)dx bang
2 2

A. 36. B. 3. C.12. D. 8.
Céu 21: Tim céc gia tri thuc cta tham sb m dé s phirc z =m’ +3m* —4+ (m - l)i 1a s6 thuan 4o.
m=1
A. m=0. B.{ . C.m=1. D. m=-2.
m=-2
Cau 22: Cho hai s6 phirc z, =1-3i va z, =3+i. S6 phtic z, +z, bang
A, 4+42i. B. 4-2i. C.4-2i. D. -4+2i.
Cau 23: Trén mat phéng toa do Oxy ,diém biéu dién sb phtc 3—-2i cotoadd la
A. (2:3). B. (-2:3). C. (3;2). D. (3;-2).
Chu 24: Trong khong gian Oxyz diém M (1;-2;1) thudc mét phang nao duéi day?
A.(P):x+y+z=0. B.(B):x+y-z=0.
C. (P3):x—2y+2=0. D. (P4):x+2y+z—1=0.
Céu 25: Trong mit phang toa do Oxy, tap hop cac diém biéu dién cic s phic z thoa diéu kién
lz-(3+2i)=2 1a
A. Pudng tron tam /(3;2), ban kinh R=+2. B.Duong tron tim /(3;-2), ban kinh R =~/2
C. Puong tron tam 1(3;2) ,bankinh R=2.  D. Duong tron tam I(—3;2) ,bankinh R=2.
1

Céu 26: Biét jf(x)dx =-2 va jg(x)dx =3, khi d6 J[f(x) —g(x)]dx bang

0



Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

A. 5. B.5. C. -1. D. 1.

Trong khong gian Oxyz, cho mit cau (S):x” + y* +(z—2)* =16. Bén kinh ciia mit cau (S)

bang

A. 8. B. 32. C. 16. D. 4.

S6 phtic =3+ 7i ¢6 phan 4o bang

A. 3. B. 7. C. 3. D. -7.

Trong khong gian hé toa d0 Oxyz, hinh chiéu vudng goc cua diem M (2;1;—1)trén truc Oz ¢6

toa dd la
A. (0;1;0). B. (2;1;0). C. (0;0;-1). D. (2;0;0).

Trong khong gian Oxyz, cho mit phang (P):2x—2y+x+6=0. Khodng cach tir goc toa do
dén mat phang (P) bang

A. 6. B. 2. C. 3. D. 1.
S phirc lién hop cua sé phic 3—4i 1a
A. 3+4i. B. -4 +3i. C. -3-4i. D. -3 +4i.

Nghiém phtic ¢6 phan 4o duong ctia phuwong trinh z> —z+1=0 14

A :—l—ﬁi. B. :—l ﬁl
2 2 2 2
2 2 2 2

Dién tich S clia hinh phang gii han boi hai d6 thi ham s6 lién tuc trén R: y = f; (x), y=1 (x)

va cac duong thang x = a,x = b(a < b) duoc tinh boi cong thirc:
b b
Ao S =[£G+ f(0)lx. B. § = [(£,()= £,(x))dx.

C.S=

[ ()= £ (x)dx

. D. S=j|fl(x)—f2(x)|dx.

Trong khong gian Oxyz, cho mit phing (P):x+2y+3z—1=0. Vecto nio dudi day 1a mot
vecto phap tuyén cua (P)?

Ao m=(1;3;-1). B.n,=(23-1).  C.ny=(1;2-1).  D.n,=(123).
J.dex bang
A 5xt+C. B. %x6+C. C.x*+C. D. 6x°+C.

Phuong trinh nao duéi ddy nhan hai s6 phirc —i/3 va ix/3 lam nghiém?



Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

A. 2249=0. B. 22 ++/3=0. C.22+5=0. D. 22+3=0.

Cho hinh phang (H) gi6i han boi cac duong y = f(x) =x , V= g(x) =x—2 va truc hoanh
(nhw hinh vé bén duéi). Tinh thé tich ¥ cua khdi tron xoay tao thanh khi quay hinh (H )
quanh tryuc hoanh.

v A

3

f(x)

0 *

A.Vzg—ﬂ-. B.V:16—ﬂ. C.V=8r. D. V=10r.
3 3
Trong khong gian Oxyz, cho vat thé nam giita hai mit phang x=0 va x=3. Biét rang thiét
dién cua vat thé cit béi mét phang vudng goc véi truc Ox tai diém c6 hoanh do x (0<x<3)
1a mot hinh vuéng canh 1a V9 — x> . Tinh thé tich 7 cta vat thé.
AV =18x. B. V' =171. C.V=17r. D. V =18.
1 x3
Tinh [ = [———dx.
SxT+2
A. I=-3. B. I=1. C.1=0. D. I=3.
55 dx
Cho I =aln2+bInS+cInll véi a, b, ¢ 1a cac sO hitu ti. Ménh dé nao dudi day
6 XN X +9
dang?
A.a+b=3c. B. a-b=-3c. C.a-b=—c. D.a+b=c.
Trong khong gian Oxyz , dudng thing di qua diém A(l;3;—l) va B(l; —l;l) c6 phuong trinh la
x=1 x=2 x=1+t¢ x=1+¢
A.qy=1-4¢. B.{y=2-4t. C.qy=-3+4¢. D.sy=1+2¢.
z=2t z=1+2¢ z=2—t z=—t

Trong khong gian Oxyz, cho diém M (1;1;—2) va duong thang d :xT—l = yT+2 = % Mat

phing di qua M va vudng goc voi d c6 phuong trinh 1a
A x+y—-2z+6=0. B.x+y-2z-6=0. C.x+2y-3z+9=0. D. x+2y—-3z-9=0.



Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

x=1+kt

. . 2 _1 - 2 -

Trong khong gian Oxyz, cho hai duong thang d, : xl P 5 =z " 3 va d,:qy=
z=—1+2¢

Tim gié trj ctia k dé d, cat d,.

A. k=0. B. k=1. C.k=-1. D.k=—%.

Goi z va z, la hai nghiém cua phuong trinh 2z° +6z+5=0, trong d6 z, c6 phan a0 am.

Phan thyc va phan ao cua sé phirc z, +3z, 1an luot 14

A. 6;1. B. —6;1. C. -6;-1. D. -1,-6.

Cho s phtc z thoa 3(;+i)—(2—i)z =3+10i . Mddun clia z bang

A N3 B. 3. C.5. D. 5.

Trong khong gian Oxyz, cho diém A(O; 4;—3). Xét duong thang d thay doi, song song véi

truc Oz va cach truc Oz mot khoang béng 3. Khi khoang cach tr 4 dén d nho nhét, d di
qua diém nao dudi day?

A. M(0;-3;-5). B. N(0;3;-5). C. 0(0;5-3). D. P(-3;0;-3).
Trong khong gian Oxyz , cho mit phiang (P): 2x+2y—z—3=0 va hai dudng thing

-1 +1 -2 +1 . . z >
d : x2 :%= Z_2 , d,: al T % = Z_l . Puong thang vuong gbéc voi mat phang P, dong

thoi cat ca d, va d, c6 phuong trinh 13

x-3 y z+1 B x=2 y-2 z+1

A. = .
2 2 2 3 2 -2
C. x—lzl:erl. D.x—2:y+1:z—2.
2 2 -1 2 2 -1

Trong khong gian Oxyz, cho dudong thing d : x—j;l:ll: 212 va hai diém 4(-1;3;1),
B(0;2;—1). Tim toa do diém C thudc d sao cho dién tich cua tam giac ABC nho nhét.

A. C(1;151). B. C(-3;-1;3). C. C(-5;-2;4). D. C(-1;0;2).

Cho z,=2m+(m—2)i va z, =3—4mi, v6i m 1a s6 thuc. Biét z,.z, la sb thudn ao. Ménh dé

nao dudi day dang?
A. me[0;2). B. me[2;5]. C. me(-3;0). D. me(-5-2).

Trong khong gian Oxyz , cho hai diém A(2;1;3) va B(6;5;5). Mat phang vuong goc véi doan

AB tai H théa min Ez%ﬁ c6 phuong trinh dang 2x+by+cz+d =0.Glatri b+c+d



bang
A. —15. B. -21. C. -12. D. -18.



Cau 1:

Cau 2:

x+2i=

Cau 3:

Cau 4:

HUONG DAN GIAI CHI TIET

Cho F(x) 1a mot nguyén ham ctia ham sé f(x) trén doan [a;b]. Ménh dé ndo dudi day ding

A. jf(x)dsz(b)—F(a). B. if(x)dsz(a)—F(b).

C. fff(x)dx:F(b)+F(a). D. jf(x)dx:—F(b)—F(a).
Loi giai

Chon A

Theo 1y thuyét

b

jf(x)dsz(x)

a

"= F(b)-F(a).

Cho hai sb thuc x, y thoa phuong trinh x +2i =3+ 4iy . Khi d6 gia tri ca x va yla

1
A x=3,y=2. B. x=3, :E.
1
C.x=3, y=— D. x=3i, y=—
Loi giai
Chon B

x=3
3+4iy & =3 = 1
2=4y y=—

Ham s6 f(x) ndo dusi day thoa [ (x)dx =1In|x+3[+C?

2

A. f(x)=(x+3)In(x+3)-x. B. f(x)= 3
X
C. f(x):xlz. D. f(x)=In(In(x+3)).
Loi gidi
Chon B
[f(x)de=] 13dx:1n|x+3|+C.
X

Ham s6 y = f(x) lién tuc va khong 4m trén [a;b]. Dién tich hinh phang gi¢i han béi do thi
ham sd y=f (x) , truc hoanh va hai duong théng x=a, x=>b dugc tinh theo cong thirc nao

dudi day?

A. S:ﬂj[f(x)]zdx. B. S:ﬂif(x)dx.



Loi gidi
Chon C

Dién tich hinh phang gidi han boi d6 thi ham sé y = f (x) , truc hoanh va hai dudng thang

b
x=a, x=>b dugc tinh theo cong thuc S=j|f(x)|dx.

b b
Vihamsd y = f(x) khong am trén [a;b] nén S:Hf(x) |dx:jf(x)dx.

Cau5: Ho tit ca cac nguyén ham ctiia ham s f(x) =cosx+6x 1a

A. sinx+3x>+C. B. —sinx+3x*+C. C.sinx+6x*+C. D. —sinx+C.
Loi giai

Chon A

Xét dap an A c6 (sinx+3x> +C)'=cos x + 6.

Xét dap 4n B c6 (—sinx+3x” +C)'=—cos x + 6x.nén loai ddp 4n B.

Xét dap 4n C c6 (sin x+6x° +C)"=cosx+12x. nén loai dép an C.

Xétdap an D c6 (—sinx+C)'=—cosx. nén loai D.

Vay ta chon dap an A.

Cau6: Cho s6 phirc z =1 —2i . Tim phan 40 cta s phirc P = l
z

A'g' B. 2. C. /2. D. —g.
Loi giai
Chon A

Ta co: z:l—\/ainén: |Z|=\/§.
va E=l+\/§i.

Do d6: Z-2= |Z|2 =3.

1+v2i 1 2.

1 z
4 P:—:—: —_ —1
Taco z zz 3 3

N

Vay s6 phue P = - ¢6 phan 4o 1a: 3

Tachondapan  A.



Cau7: Trong khong gian v6i hé toa 46 Oxyz , mit phang Oyz c6 phuong trinh 1a
A. y+z=0. B. x=0. C.y=0. D. z=0.
Loi giai
Chon B
Ta c6: mot véc to phap tuyén ciia mit phang Oyz 1a: 7i(1;0;0).
Mit phang Oyz di qua goc toa dd O(0;0; 0).
Phuong trinh mgt phang (Oyz)1a: 1(x—0)+0(y—0)+0(z—0)=0hay x=0.
Tachondapan  B.
Ciu 8: Thé tich cua khdi tron xoay do dd thi giéi han boi d6 thi cua ham s y = f(x) lién tuc va
khong am trén doan [1;3], truc Ox va hai duong thing x =1,x =3 quay quanh truc Ox duoc

tinh theo cong thuc:

AV = zi £ (x)dx. B. V= j[ f@d. C.v= i f(x)dx. D. V= zi[ f@)] dx.

Loi giai
Chon D

Cau9: Cho ham sb f(x) lién tuc trén R va Jj(f(x) + 2x)dx =5. Tinh Iozf(x)dx
A. -9. B. 9. C. 1. D. -1.
Loi giai

Chon C

Theo dé: 5= [ (f(x)+2x)dx = [ f(x)dv+2[ xdv=[ f(x)dx+4.

Suy ra ij(x)dx =1.

Cau 10: Trong khong gian Oxyz, cho ba diém A(Z;O;O),B(O;—I;O),C(O;O;3). Mat ph'fmg (ABC) co

phuong trinh 1a
A+l Z o, B.2+2+21, g.f+l+5=1. ) J P A
2 1 -3 2 1 3 2 -1 3 -2 1
Loi giai
Chon C
X £, < 12 NP A
Phuong trinh theo doan chan cia mat phang (ABC) la 5+—1+§=1.

Cau 11: Trong khong gian Oxyz, cho hai diém A(l;1;2),B(3;l;O). Trung diém cta doan thing 4B cb
toa do la
A. (1,0;-1). B. (4;2;2). C. (351). D. (2;0;-2).

Loi giai
Chon C



Trung diém cua doan AB c6 toa do 1a (2;1;1) .

Cau 12: Trong khong gian Oxyz, cho u=2i- 3;’ —k . Toa dd cua vecto u la

<

A u=(231). B.u=(2%-3%-1).  C.u=(23-1). D. u=(2;-13).

Loi giai
Chon B

Toa do cua vecto u 1a u = (2;-3;-1).

Céu 13: Dién tich hinh phang giéi han béi cac do thi ham sd y=2x—x* va y=—x+2 1a

5 1 6 1
A. —(dvdt B. —(dvdt C. —(dvdt D. —(dvdt
6(V) _6(V) 5(V) 5 (dvd)
Loi giai
Chon B

Phuong trinh hoanh d6 giao diém cua d6 thi hai ham s6 d3 cho 1a

x=-1

—x+2:2x—x2©x2+3x+2=0<:>{ 5’
xX=-

Dién tich hinh phang gii han boi cac d6 thi ham s6 y=2x—x* va y=—x+2 la

S=£|x2 +3x+2|dx=é.

Cau 14: Cho s6 phirc z =3+ 4i. Modul ctia s6 phirc (1+i)z bang

A. 10. B. 10. C. 5\2. D. 50.
Loi gidi
Chon C

(1+i)z=(1+i)(3+4i)=-1+7i.
(1+0)2] = |- 14+7i] = (1)’ + 7 =52,

Cau 15: Trong khong gian Oxyz, mit phing di qua diém A(2;-1;2) va song song véi mat phing
(P):2x—y+3z+2=0 c6 phuong trinh la

A.2x—y+3z-11=0. B.2x—-y+3z+11=0.
C.2x—y-3z+11=0. D.2x-y+3z-9=0.
Loi giai
Chon A
mit phang di qua diém 4(2;-1;2) va song song véi mit phing (P):2x—y+3z+2=0 c6
phuong trinh 1a 2(x—2)—(y+1)+3(z—2):0<322—y+3z—11:0.



CAu 16: Cho ham sb yv=Ff (x) lién tuc trén R . Goi S 1a dién tich hinh phfmg gi6i han béi dd thi ham
s6 y=f(x), truc hoanh va hai dudng thing x=-1, x=4 (nhu hinh vé bén dudi). Ménh dé

nao dudi day ding.

4 1 4

A. S:jf(x)dﬁjf(x)dx. B. S:-_jf(x)dx—jf(x)dx.
C. S:—jf(x)dx+if(x)dx. D. Szjf(x)dx—if(x)dx.
Loi giai

Chon D

4
Dién tich hinh phang can tim duoc tinh theo cong thirc S = J. | f (x)|dx.
-1

() (cl<x<l)

Quan sét dd thi ham s6 ta thdy |/ (x)|= {
-f(x) (I<x<4)

4 1 4
Vay S=[|f (x)ldx=5= [ f(x)de—[ f(x)dx.
-1 -1 1
Cau 17: Cho sb phitc Z=2+5(_ 86 phic W=iz+2 13
A, w=-3-3i. B. w=-7-7i. C.w=T7-3i. D. w=3+7i.
Loi giai
Chon A

Tacd w=iz+z=i(2+5i))+2—5i=-3-3i.

Céu 18: Tim ho nguyén ham cta ham s6 f(x) = cos2x ?

A. jcostdx:—Zsin2x+C. B. jcos2xdx:2sin2x+C.
1 . 1 .
B. jc0s2xdx:—551n2x+C. D. jcostdx=Esm2x+C.
Loi giai

Chon D



1 .
Ta co Jcos2xdx=5s1n2x+C.

Céau 19: Tim s phirc z théa man Z+2z=2-4i

A.z:—g+4i. B.z:%+4i. C.Z:—g—4i. D.Z:£—4i.
3 - 3 3 3
Loi giai
Chon B
bat z=a+bi (a,beR)
Khi do
z4+2z=2—4i > a+bi+2(a-bi)=2—4i =3a-bi=2-4i
3a=2 a:% 2 .
=1 b4 S 3:>z=§+4z.
B b=4
3 3
[ rde=6 [2reode
Cau 20: Biét 2 . Gid tri cua 2 bang
A. 36. B. 3. C.12. D. 8.
Loi giai
Chon C

Ta c6 iZf(x)dx = 2if(x)dx =2.6=12.

Céu 21: Tim cac gia tri thuc cta tham sd m dé sb phic z=m’ +3m*> —4+ (m —l)i 14 s6 thuan ao.

m=1
A.m=0. E.{ . C. m=1. D. m=-2.
m=-2
Loi giai
Chon B
_ 3 2 S 18 A A s . 2 . m=1
z=m’+3m’ —4+(m—1)i 1a s6 thuan ao khi: m’ +3m’ -4=0 < 5"
m=—
Cau 22: Cho hai sb phirc “ =1-3i 3 2=340 g4 phttc “1 722 bing
A. 4+2i. B. -4-2i. C.4-2i. D. —4+2i.

Loi giai
Chon C

z+z,=(1-3i)+(3+i)=4-2i.
Cau 23: Trén mat phfmg toa do Oxy ,diém biéu dién sb phtic 3—2i c6toado la

A. (2;3). B. (-2:3). C. (3;2). D. (3;-2).



Loi giai
Chon D

z=3-2i ¢6 diém bicu dién la M (3;-2).

Céu 24: Trong khong gian Oxyz ,diém M (1;—2;1) thudc miat phing nao dudi day?
A (B):x+y+z=0. B.(R):x+y-z=0.
C.(B):x=2y+z=0. D.(P):x+2y+z-1=0.

Loi giai
Chon A

Vi:1-2+1=0.Nén M €(R).
Céu 25: Trong mit phing toa do Oxy, tip hop cac diém biéu dién cac sé phic z thoa diéu kién

lz-(3+2i)=2 1a

A. Puong tron tam 1(3;2) ,ban kinh R = V2. B. Puong tron tam 1(3;—2), ban kinh R =~/2
C. Duong tron tam 1(3;2) ,bankinh R=2. D. Duong tron tam
I(—3;2) ,bankinh R=2.
Loi giai
Chon C

Goi z=x+yi,x,y € R c6 diém biéu dién 1a M (x;y).
z-G+2i) =2 x+yi-(G+2i)| =2 x-3+(y-2)| =2 (x-3) +(y-2) =4

Do d6 diém M (x;y) chay trén duong tron tam /(3;2), bankinh R=2.

[f@ix=-2  [g@x=3 10 g0

Cau 26: Biét va o , khi d6 0 bang
A. 5. B. 5. C. 1. D. 1.
Loi giai
Chon A

[f(0)-g®)]dx = [ f(x)dx - [ g(x)dx =—2-3=-5

S S———

Céu 27: Trong khong gian Oxyz, cho mit cau (S):x” + y*> +(z—2)* =16. Ban kinh ctia mit cau (S)
bang
A. 8. B. 32. C. 16. D. 4.
Loi gidi
Chon D



R’=16<R=4.
Cau 28: S6 phitc —3+7i ¢6 phan 4o bang
A. 3. B. 7. C. 3. D. -7.

Loi giai
Chon B

Cau 29: Trong khong gian h¢ toa do Oxyz, hinh chiéu vudng goc cua diém M (2; 1;—1) trén truc Oz cé

toa do la

A. (0;1,0). B. (2;1,0). C. (0;0;-1). D. (2;0;0).
Loi giai

Chon C

Hinh chiéu cua diém M (2;1;—1) trén truc Oz 1a (0;0;-1).
Cau 30: Trong khong gian Oxyz, cho mit phang (P) :2x—2y+x+6=0. Khoang cach tir gbc toa do
dén mit phang (P) bang
A. 6. B. 2. C. 3. D. 1.
Loi giai
Chon B

Khoang céch tir goc toa do dén mit phing (P):

_20-20+0+6] 6
J2 ()« 3

d(0;(P))

Cau 31: SO phirc lién hop cua s6 phiic 3—4i 1a
A. 3+4i B. -4 +3i. C. -3-4i D. -3 +4i.
Loi giai
Chon A
S6 phurc lién hop ctia 3 —4i 13:3 + 4i.

Cau 32: Nghiém phtrc c6 phan 4o dwong ctia phuong trinh z*> —z+1=0 la

A z——l—ﬁi. B =—l ﬁl
2 2 2 2
(INE] 1 B3
Cz=—+2 D.z=—-"i
2 2 2 2
Loi giai

Chon C



1+i\B
Z:
2
1-i\3
Z:

2

Z-z+1=0<

Nghiém phtic ¢6 phan 4o duong 13 z = %+ ?i.

Cau 33: Dién tich S caa hinh phéng gi6i han boi hai dd thi ham sb lién tuc trén R: y = 1 (x), y=15 (x)

va cac duong thang x = a, x = b(a < b) dugc tinh boi cong thic:
b b
Ao S =[£G+ f(0)kx. B. §=[(f(x)- fi(x))dx.

C.§=

[ ()= £(0)ax

. D. S = [|£(x)= f,(x)lx.

Loi giai
Chon D

b
Theo cong thitc ta co S = _ﬂ Si(x)— fz(x)|dx
Céu 34: Trong khong gian Oxyz, cho mit phiang (P):x+2y+3z—1=0. Vecto nao dudi diy la mot
vecto phép tuyén cta (P)?
Ao m=(13;-1). B.n,=(23%-1).  C.m=(L2-1). D n=(L23).
Loi giai
Chon D

Tir phuong trinh tong quat cia (P) ta c¢6 vecto phap tuyén cua (P) 1a: nj = (1;2;3)

5
dx .
Cau 35: jx x bang
A 5xP+C. B. %x6+C. C.x*+C. D. 6x°+C.
Loi giai
Chon B

Ta co J-xsdx:ﬁx5+1 -i-C:%x6 +C.
+

Ciu 36: Phuong trinh nao dudi day nhan hai sb phirc —ix/3 va i3 lam nghiém?
A 2249=0. B. 22 +4/3=0. C.22+5=0. D. 2> +3=0.

Loi giai
Chon D



Cau 37:

Cau 38:

Z:if/g

z=-3i
Xét dap an A c6 zz+9=0<:>{ 3 nén loai.
z=3i
z=—i%
Xét dap an B co Z2+B=0 nén loai.

Xétdapan Cco z° +5=0<

XétdapanDco z° +3=0< nén chon.

z:i\/g

Cho hinh phing () gi¢i han béi cac duong y = f(x)= Jx, y= g(x)=x-2 va truc hoanh
(nhw hinh vé bén duéi). Tinh thé tich ¥ cua khdi tron xoay tao thanh khi quay hinh (H )

quanh tryuc hoanh.

i
A.Vzg?ﬂ E.V:MT” C.V=28r. D. V=10x.
Loi giai
Chon B
Goi V' 1a thé tich khdi nén c6 ban kinh » =2 va chiéu cao h=2.
Ta co: V':lm’2h=8—”.
3 3
4 ) 4 o |4 1
vay V =z [(Jx) dx—V':ﬁjxdx—g—”zn.x— 87 g, Sm_lom
g : 3 2|, 3 33

Trong khong gian Oxyz, cho vat thé nam giita hai mit phang x=0 va x=3. Biét rang thiét

dién cua vat thé cit boi mat phang vudng goc véi truc Ox tai diém c6 hoanh do x (0 <x< 3)
1a mot hinh vuéng canh 1a V9 — x> . Tinh thé tich 7 cta vat thé.

A.V=18r. B. V=171. C.V=17lr. D.

Loi giai



Chon D

2
Dién tich hinh vuong tai diém c6 hoanh do x 1a §(x)=(\0—x" | =9-x".

3 3 3
X
Vay V= |[(9-x" dx:(9x——J =18.
flo-)ar=[ox- |
1 x3
CAu39: Tinh /= [——dx.
SXT+2
A. I=-3. B. I=1. C.1=0. D.1=3.
Loi giai
Chon C
3 ) Lo
Cach 1: Nhan xét f(x)= laham s6 1é nén [ = dx=0.
) f() x> +2 J-)c2+2

-1
1

1 3 1 1 Ld(x?+2 2
2 X 1
Cich2: [ = [——dx= (x— = }u:jm-j#:’c— ~In(x*+2)[ =0.
X +2 e X +2 ’ doxT+2 2, -1
55 dx
Cau 40: Cho I =aln2+bInS5+cInll véi a, b, ¢ 1a cac sO hitu ti. Ménh dé nao dudi day
e XN xX+9
dang?
A.a+b=3c. B. a-b=-3c. C.a-b=—c. D.a+b=c.
Loi giai
Chon C

Pit t=Vx+9 = x=¢ -9 = dx =2zdt
Pdi can: voi x=16=¢=5; x=55=1=8

55 8 8 8
Khido [—o = [ 2 [ 24 L 120 2 s L,
w9 S (F=9)r -9 3 |e+3] 311 3 3 3
Suyraa:%,b:l,CZ—l:a— =—c
373 3

Ciu 41: Trong khong gian Oxyz , dudng thang di qua diém A(1;3;—1) va B(l;—l;l) c6 phuong trinh 1a

x=1 x=2 x=1+t x=1+¢
A Jy=1-4¢. B.<y=2-4¢. C.iy=-3+4¢. D.<y=1+2¢.
z =2t z=1+2¢ z=2—-t z=—t
Loi giai
Chon A

Tacé AB=(0;-4;2) 1 vecto chi phuong clia dudng thang di qua diém A4(1;3;-1) va
B(L;-1;1)
Goi I 1a trung diém cua doan 4B, taco I(l;l;O) € AB.



Cau 42:

Cau 43:

Cau 44:

x=1
Phuong trinh duong thing 4B 1a { y=1-4r.
z=2t

Trong khong gian Oxyz, cho diém M (1;1;-2) va dudng thang d :XT_I = yT-k2 = % Miit

phang di qua M va vudng goc v6i d c6 phuong trinh 1a

A. x+y-2z+6=0. B.x+y-2z-6=0. C.x+2y-3z+9=0. D. x+2y-3z-9=0.
Loi gidi

Chon D

Puong thing d ¢6 vecto chi phuong 1a u = (1;2;-3).

Mit phing (P)vudng goc véi d nén nhan u =(1;2;-3) lam vecto phap tuyén,

Phuong trinh mit phang (P) di qua M va vudng goc voi d c6 phuong trinh la

1(x—1)+2(y—1)—3(z+2)20<:>x+2y—3z—9:0.

x=1+kt
: . , -1 -2 z-3
Trong khong gian Oxyz, cho hai duong thang d, : xl =7 5= Zl va d,:qy=t
z=—14+2¢
Tim gia tri ciia k dé d, cit d, .
1
A. k=0. B. k=1. C. k=-1. D.k:_?
Loi giai
Chon A
x=1+s
Pudng thang d, c6 phuong trinh tham s 1a { y =2 —2s.
z=3+s
I+kt=1+s
Dé d, cit d, thi hé sau c6 nghiém duy nhat: {7 =2-2s
—1+2t=3+s

Giaihétaco k=0.
Goi z va z, 1a hai nghiém cua phuong trinh 2z° +6z+5=0, trong d6 z c6 phan a0 am.

Phan thyc va phan do cta so phuc z, +3z, lan lugt 1a

A. 6;1. B. —6;1. C. —6;-1. D. —-1;-6.
Loi giai
Chon B



Cau 45:

Cau 46:

3 1
Z=—=t—i
Phuong trinh 2z° +6z+5=0 < 2 f .
PR
2
f A2 A 31 3. 1. .
Do z,¢6 phan 40 am nén z, :—E—E va z, :—E+51,Vay z, 43z, =—6+1i.
Cho sb phiic z thoa 3(;+i)—(2—i)z:3+10i.Médun clia z bang
A. 3. B. 3. C.5. D. 5.

Loi giai
Chon D

Goi z:a+bi,(a,beR). Khi d6
3(z+1)-(2-1)z=3+10i ©3(a—bi+i)-(2-i)(a+bi)=3+10i
& 3a—3bi+3i~2a~2bi+ai—b=3+10i.

< (a—b)+(a—5b+3)i=3+10i
a-b=3 a-b=3 a=2
= = = .
a-5b+3=10 a—-5b=17 b=-1
S6 phtic can tim 14 z =2—i nén c6 modun 1a Z=«/22+(—1)2 =5.

Trong khong gian Oxyz, cho diém A(O; 4;—3). Xét duong thang d thay doi, song song véi
truc Oz va cach truc Oz mot khoang bang 3. Khi khoang cach tir 4 dén d nho nhét, d di
qua diém nao dudi day?
A. M(0;-3;-5). B. N(0;3;-5). C. 0(0;5-3). D. P(-3;0;-3).

Loi gidi
Chon B

Vi duong thiang d thay ddi, song song véi truc Oz va cach truc Oz mot khoang bang 3 nén d
thudc dudng sinh ctia mit try tron xoay, c6 tim nam trén truc Oz va cd ban kinh »=3.

Lai c6 4(0;4;-3) € (Oyz)va goi H la hinh chiéu ctia 4 1én d thi d(4,d)=AH .
Khoang céch tir 4 dén d nho nhat khi AH nho nhatkhi d di qua diém E(0;3;0).

x=0
Suy ra phuong trinh tham s6 ctia d :4 y =3. Chon ¢ =—5 thita c6 N(O; 3;—5) ed.

z=t



Ciu 47: Trong khong gian Oxyz, cho mit phing (P) : 2x+2y—2z-3=0 va hai duong thing

-1 1 -2 1 . . . .
d : x2 =%= Z_+2 , d,: al " = % _ZT . Puong thang vudng gbéc véi mat phang P, dong

thoi cat ca d, va d, co phuong trinh la

x=3 y z+1 B x-2 y-2 z+l

A. == .
- 2 2 2 3 2 -2
C. x—lzlzz+l. D.x—2:y+1:z—2.
2 =2 -1 2 2 -1
Loi giai
Chon A

Goi d 1a duong thang can tim.

Do d L(P) nén u, =1, =(2;2;-1).

Goi A, B lan lugt 1a giao diém ciia duong thang d véi hai duong thang d, va d,.
Do Aed,, Bed, néngiasiw A(1+2a;a;—1-2a), B(2+b;2b;—1-b).

Suy ra @:(l+b—2a;2b—a;2a—b).

Do AB cung phuong vé1 u, nén ta co:

1+b-2a 2b—a 2a-b - 1+b-2a=2b-a
2 2 -1 2b—a=-4a+2b

@{afo = A(1;0;-1), B(3;2:-2).

Duodng thing d di qua diém B(3;2;-2), nhén i, =(2;2;-1) lam mdt vecto chi phuong c6

phuong trinh 1a x=3 =2 Z+1.
2 2 =2
. . 1 -2 . a2
CAu 48: Trong khong gian Oxyz, cho duong thing d : %:%: Zl va hai diem A(-1;3;1),

B(0;2;—1). Tim toa do diém C thudc d sao cho dién tich cua tam giac ABC nho nhat.
A. C(L;L;1). B. C(-3;-1;3). C. C(-5;-2;4). D. C(-1;0;2).

Loi giai
Chon A

Do C ed nén gia str C(—1—2t;—t;2+t).
Tacé: AB=(1;-15-2), AC =(-2t;-1=3;1+1); | 4B, AC |=(-3t-7;3t~1;-3t-3)

Dién tich tam giac ABC la:



S = %‘[E,A—C] - %\/(—St ~7V +(3t—1) +(-3t-3) = %J27(r+1)2 1322242

Déu "="xayra < t=-1 = C(1;1;1).
Vay S, =242 khi C(1;1;1).

Cau49: Cho z, =2m+(m—2)i va z,=3—4mi, v6i m 1a so thuc. Biét z,.z, 1a s6 thuan d0. Ménh dé
nao dudi day dung?

A. me[0;2). B. me[2;5]. C. me(-3;0). D. me(-5-2).
Loi giai
Chon A

Taco z,.z, =(2m+(m=2)i).(3-4mi) = 6m+4m(m—2)+(3(m—2)-8m’)i.
Khi d6 z,.z, 14 s6 thudn do < 6m+4m(m-2)=0< 4m* -2m=0<

1
Vay me<0;,—;.
o { 2}

Cau 50: Trong khong gian Oxyz, cho hai diém A(2;1;3) va B(6;5;5). Mat phang vudng goc véi doan

AB tai H théa min Ez%ﬁ c6 phuong trinh dang 2x+by+cz+d =0.Glatri b+c+d

bang

A. —15. B. -21. C. -12. D. -18.
Loi giai

Chon D

Taco: AB=(4;4;2); AH =(x, -2,y —1;z, -3).

8 14
X, —2== X, =—
" 3 T3
3 yH 3 yH 3 3539
4 13
ZH—3=§ ZH_?

Mit phing (P) vudng goc voi doan AB tai H c6 véc to phap tuyén 1a n= %ZE =(2;2;1) nén

(P):2(x—%)+2(y—1—31}+1(z—gj=0<:>2x+2y+z—21:0.

Suyra b=2,c=1,d=-21=b+c+d=-18.
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