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BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1)

“Non song Viét Nam co tré nén twoi dep hay khong, déin toc Viét Nam coé bwdc toi dai vinh
quang dé sanh vai voi cac cwong quoc nam chdu dwoc hay khong, chinh la nho mot phén lon ¢
cong hoc tap cua cac em”

(Trich thw Chii tich Hé Chi Minh).

“....Ndm dy tir mién xuéi xa xoi,
Co giao ngwoi Kinh lén voi ban lang,
Dong Khuoi Ném nhe reo reo hdt,
Hat ciing bdy em bé vang niii rirng,
Cé gido day bdy em tho ngay,
Yéu nui rung rugng nwong qué hwong...”

Cé gido vé bin
Nhac va loi: Trwong Hung Cuong.
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BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 3

‘ CHUYEN DE ‘ ~
HE PHUONG TRINH - HE BAT PHUONG TRINH - HE HON TAP

BRAI TAP GIAI VA BIEN LUAN HE PHUONG TRINK BAC NHAT CHUA THAM SO

TRUNG POAN HOA PHUOQNG PO — QUAN POAN TANG THIET GIAP

Trong khu6n kho Toan hoc so cip noi chung va Dai s6 pho thong noi riéng, hé phuong trinh — hé bat phuong
trinh — hé hon tap 1a dang toan co ban nhung thu vi, c6 pham vi trai rong, phong phu, lién hé chat ché vdi nhiéu bo
phan khac ctia toan hoc so cap ciing nhu toan hoc hién dai.

Tai Viét Nam, hé¢ phuong trinh, ndi dung h¢ phuong trinh — h¢ bat phuong trinh — hé hén tap 1a mot bd phan
hitu co, quan trong, dugc phd bién giang day chinh thirc trong chwong trinh sach gido khoa Toan cac 16p 9, 10, 11,
12 song song voi cac khdi luong kién thire lién quan. Cac phuong phap giai va bién luan hé phuong trinh — hé bét
phuong trinh — hé hdn tap dugc luyén tip mot cach déu din, bai ban va hé thong s& rat hitu ich, khong chi trong bo
mon Todn ma con phuc vu déc luc cho ciac mon khoa hoc ty nhién khac nhu’ hoa hoc, vat 1y, sinh hoc.....Dbi véi
chuong trinh Pai s6 16p 9 THCS hién hanh, hé phuong trinh bac nhét hai an 1a mot ndi dung co ban — quan trong,
giit vai trd chinh yéu trong Dé thi kiém tra chét luong hoc ky, Dé thi tuyén sinh l6p 10 THPT hé dai tra va h¢ THPT
Chuyén. Tham chi day ciing la kién thirc pho bién xut hién trong cac ky thi kiém tra kién thirc thuong nién, ky thi
chon hoc sinh gidi toan cac cip trén toan quéc, ky thi tuyén sinh 16p 10 hé THPT va trong ky thi tuyén sinh dai hoc
— cao dang hang nam, mot ky thi day cam go, kich tinh va bat ngd, né lai 1a mot cau rit dugc quan tim cua cac ban
hoc sinh, phu huynh, cac thay ¢, gi¢i chuyén mon va dong dao ban doc yéu Toan.

Yéu cu cua dang toan kha da dang, da chiéu, muc tiéu tim cac an thoa man mot tinh chat nao do nén dé thao
tac dang toan nay, cac ban hoc sinh can lién Kkét, ph01 hop, tong hop cac kién thtcc duoc hoc vé phuong trinh, hé
phuong trinh va bat phuong trinh, nhu vay nd doi hoi ning lyc tu duy cua thi sinh rat cao. Tuy nhién "Tram hay
khong hay bang tay quen", cac phuong phép co ban da dugc dugc cac thé hé di trude duc két va tan tuy cho thé hé
tuong lai, cac ban hoan toan du kha nang ké thira, phat huy va sang tao khong ngung, chuan bj du hanh trang nim
bét khoa hoc k¥ thuat, dua dat nudce ngdy cang viing bén, phdn vinh, va hién nhién nhitng bai toan trong cac ky thi
nhét dinh khong thé 13 rao can, ma 1a co hdi tht stc, co hoi khang dinh kién thte, minh ching sang ngoi cho tinh
than hoc tap, tinh than i qudc !

Trong pham vi hé phuong trinh hai an bac nhat hai 4n, tai liéu nay tap trung trinh bay mot 16p cac bai toan
gidi va bién ludn hé phuong trinh v6i tham s6 (thuong dung laa, mkb,..), két hop cac phuong phap thudng
dung bao gom phuong phap thay thé, phwong phap cong dai sd, phuong phap hinh hoc, phuong phap dinh thuec.
Noi chung, bai toan giai va bién luan hé phuong trinh ngoai cac van dé can ban nhu v6 nghiém, c6 nghiém, c6 vo
sd nghiém, c6 nghiém duy nhit, n6 thuong kém theo rat nhiéu van dé lién quan, vi ban than h¢ 1a hai phuong trinh
béc nhét hai 4n, voi mbi phuong trinh biéu dién mot duong thang trong mat phing toa do. Bai toan giai va bién luan
h¢ phuong trinh vi thé co thé 10ng ghép v6i bai toan ham sd bac nhat, bac hai, mit phing toa d6, véi mudn van cac
kién thire, k¥ niang khac déi voi phuong phap toa do trong mit phiang (con goi 1a hinh hoc giai tich trong chuong
trinh Hinh hoc 16p 10 THPT).

I. KIEN THUC CHUAN BI

Ky thuat nhén, chia don thuc, da thic, hang dang thuc.

Nim vimng cac phuong phép phan tich da thirc thanh nhan tir.

Nam viing cac phuong phap giai, bién luan phuong trinh bac nhat bac hai, bac cao.

St dung thanh thao céc ky hiéu toan hoc, logic (ky hiu hoi, tuyén, kéo theo, twong duong).

Kién thtrc nen tang Ve mat phang toa 4, ham s bac nhat, duong thang.

Kién thirc nén tang vé hé sé goc cua duong thang, cong thirc do dai, hé thirc luong trong tam giac vudng,
cong thuc luong giac, duong tron, ham so bac hai parabol, phuong trinh nghiém nguyén.

7. Kién thirc nén tang vé udc luong — danh gia, ham sd - d6 thi, bat dang thirc — cuc tri.

Sk v
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BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 4

II. MQT SO BAI TAP PIEN HINH.

x+2y=3m, L \ 4
Y (I); véi m 1a tham so thuc.
2x—y=m.

Bai toan 1. Cho hé phuong trinh {
1. Giai phuong trinh (I) vo1 m=2.
2. @Giai va bién luan h¢ da cho theo m.
3. Tim gia tri ctia m dé€ h¢ (I) c6 nghi€ém duy nhat (x;y) théa man
a) x+y=Tm-1.
b) 2x+5y>5.
c) x +4y’ =5m.
d) Biéu thic P=x +(y- ) dat gi4 tri nho nhat.
e) Diém M (x;p) thudc dudng cong (C):y =x’—3x.
f) Piém M (x;y) ndm phia trong hinh tron tim O, ban kinh R=1.
2
¢) Bidu thitc §=2"F7X%23 4t 0i4 trj 16n nhét, gid tri 16n nhat (néu ¢6),
y(m+2)+
4. Ching minh rang véi moi gia tri cua m, h¢ ludn c6 c6 nghiém duy nhat (x;y) ma diém M (x;y) luon
thuc mot duong thang c6 dinh. Xac dinh phuong trinh duong thang do. ‘
5. Trong mat phang voi hé toa d§ Oxy, xét hinh vudng (V) c6 tam O, hai duong chéo cua (V) nam trén
hai truc toa do va (V) c6 dién tich bang 2. Tim gia tri cia m d€ hé (I) c6 nghiém duy nhat (x;y) sao
cho diém M (x;y) nam phia trong (tinh ca bién) cta hinh vuéng (V).

la

6. Tim gia tri nguyén ctia m dé hé phuong trinh trén c6 nghiém duy nhat (x;») sao cho ty so 2x +31
y+

mot sO nguyén.

2x+y=m

Bai toan 2. Cho hé phuong trinh { (I); m 14 tham s6 thyc.

3x-2y=5
Giai hé phwong trinh (I) khi m=~/2 .
Giai h¢ phuong trinh (I) vo1 m = §+ 2.

Giai va bién luan hé (I) theo m.
Tim gia tri cua m dé hé phuong trinh trén c6 nghiém duy nhat (x; ) thoa méan diéu kién

R b=

a) Diém M (x;y) nam trén duong thang x+5y =13.
b) 7(x+3y)>4m-5.

c) ¥+2y=-1.

d) x>m;y<Tm-2;

2
X

e) DPiém M (x;y) nam trén dudng cong parabol (P): y = >
f) Diém M (x;y) nﬁm hoan toan phia bén trai dudng thing x =+/3.
g) Piém M (x;p) nam trong goc phan tu tht 111 cia mit phang toa do (khong tinh bién).
5. Chung minh rang véi moi gid tri cua m, h¢ ludn c6 cd nghiém duy nhat (x;y) ma diém M (x;y) ludn
thudc mot duong thang c¢d dinh.
6. Tim gia tri nguyén cua m dé hé phuong trinh trén c6 nghiém duy nhat (x;y) sao cho ty s6 *1a mot
y
s6 nguyén.
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BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 5

xX+y=2m+3,

Bai toan 3. Cho hé phuong trinh { (I); m 14 tham s6 thyc.

3x+2y=m-6.
1. Giai h¢ phuong trinh (I) v&é1 m=5.
2. Giai va bién luan hé pl}uong trinh (I) theo m. )
3. Tim gia tri ctia tham s6 m dé€ hé (I) c6 nghi€ém duy nhat (x;y) théa man h¢ thic
a) x=y+3.
b) x>y+1.
c) x—4y=m+9.
d) x>0;y<0.
e) Diém M (x; y) ndm trén duong thang (d):3x+4y=7.
m’ +2\/5(x+y—3)+3
9 9 m2 +1 N 2 2
g) biém M (x; y) va diem N (0;2) nam trong cung nira mat phang bo 1a duodng thing A:x+y=1.
4. Chung minh rang véi moi gia tri cua m, hé (I) luén c6 c6 nghiém duy nhat (x;y) ma diém M (x,y)
1udn thudc mot duong thang ¢ dinh.

f) Biéu thic S = dat gia tri 16n nhat, gia tri lén nhét (néu c6).

5. Tim gié tri nguyén ctia m dé hé phuong trinh trén c6 nghiém duy nhat (x;)) sao cho ty s6 L1a mot
y
s6 nguyén.
6. Trong mat phang voi hé toa do Oxy, xét hinh vudng (V) co tam O, hai dudng chéo cua (V) nam trén
hai truc toa do va (V) c6 dién tich bang 2. Ton tai hay khong gia tri ctia m dé hé (I) c6 nghiém duy
nhat (x;y) sao cho di€ém M (x;y) nam phia trong (tinh ca bién) hinh vuéng (V) ?

xX+y=m,

Bai toan 4. Cho hé phuong trinh { (I); v6i m 1a tham sd thuc.

2x-3y=5m-7.
1. Giai hé phuong trinh (I) khi m=5.
2. Chtng minh rang hé (I) ludn c6 nghiém duy nhét (x;y) v&i moi m.
3. Tim gid tri cua m dé hé (I) ¢ nghiém duy nhét (x;y) thoa mén hé thic
a) x vay trai dau.
b) 2x+y=8m-1.
¢) DPiém M (x;p) nam hoan toan phia trén truc hoanh.
d) DPiém M (x;y) nam hoan toan bén phai duong thing x=4.
e) Diém M (x;y) nam trén duong thang 3x—2y=1.
f) Biéu thitc P =25x>+25y? +1nhan gi4 tri nho nhét.
g) Diém M (x;y) ndm trén dudng tron tdm O, ban kinh R=+/17 .

2
m

h) Biéu thirc S = > dat gia tri 16n nhat, gia tri 1on nhét (néu c6).
m —x—y+7

4. Chung minh rang v6i moi gi tri ciia m, hé (I) ludn c6 c6 nghiém duy nhét (x;y) ma diém M (x;y)
luén thuoc mdt duwong thang co dinh.
5. Tim gié tri nguyén ctiia m dé hé phuong trinh trén c6 nghiém duy nhét (x;») sao cho ty s6 L1a mot
y
s6 nguyén.
6. Gia st y,la so thyc 16n nhat thoa man dang thirc #* +#y+y* +4=3t+4y. Tim gia tri cua tham so m

dé hé phuong trinh (I) ¢6 nghiém (x; y,).
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BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 6

x+y=m+4,

Bai toan 5. Cho hé phuong trinh { (I); v6i m 13 tham s6 thuec.

2x+3y=4m-2.
1. Giai h¢ phuong trinh (I) khi m=2.
2. Chimg minh rang hé (I) luén c6 nghiém duy nhat (x;y) vi moi m.
3. Tim m dé hé (I) c6 nghiém duy nhat (x;y) thoa méin
a) x+4y=5.
b) x*+y* =233.
¢) Biéu thiic S =m?+2x+ y+5nhan gia tri nho nhat.
d) (x+1)(y+1)<0.
e) DPiém M (x;y) nam trén dudng phan giac goc phan tu thi I11.
f) 6x+y+2m-72>0.
g) Piém M (x;y) la tam d6i xtmg cua hai diém (1;4) va (25;— 20).
4. Chumg minh rang véi moi gia tri cua m, h¢ (I) ludn c6 c6 nghiém duy nhat (x;y) ma diém M (x;y)
ludn thudée mot dudng thang (d) c¢b dinh. Viét phuong trinh duong thang (d) do.
5. Trong mit phang véi hé toa d6 Oxy, xét hinh thoi (7) ¢ tim O, hai dudng chéo ctia (7) nam trén
hai truc toa d, do dai hai duong chéo 1a 16 va 14. Ton tai hay khong gia tri ciia m dé hé (I) c6
nghiém duy nhat (x;y) sao cho diém M (x;y) nam phia trong (tinh ca bién) hinh thoi (7) ?

+y=m+6,

Bai toan 6. Cho hé phuong trinh {x (I); v6i m 1a tham sd thuc.

2x=Ty =5m-2.
1. Giaihé (I) vé1i m=4.
2. Chimg minh rang hé (I) luén c6 nghiém duy nhat (x;y) véi moi gia tri caa m.
3. Tim gié tri caa m dé hé (I) c6 nghiém duy nhét (x;y) thoa méin
a) x+y=19.
b) 2x+3y>7m-10.

c) ESST
y

d) x<%<y+1.

e) Diém M (x;y) ndm trén parabol y =9x7.
f) Diém M (x;y) nam trén dudng phan giac goc phan tu thu I11.
g) Diém M (x;y) nam phia bén trai duong thang x = g
h) Biéu thirc P =x+2xy+3y*>nhan gia tri nho nhat.
4. Chumg minh rang véi moi gia tri cua m, hé’ (I) Tudén c6 c6 nghiém dpy nhat (x;y) ma diém M (x;y)
ludn thugc mdt duong thang (d) co dinh. Viét phuong trinh duong thang (d) do.
5. Gia str y,la s6 thyc 16n nhat thoa man dang thirc k> —-2(y+1)k+3y*+1=0. Tim gia tri cua tham s6

m dé hé phuong trinh (I) c6 nghiém (x39,).
Bai toan 7. Mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mon Toan,; Dé thi chinh thire; S&
Giao duc va Pao tao Tinh Thai Binh; Nam hoc 2011 — 2012.

mx+2y =18,

Cho h¢ phuong trinh { (I); m 14 tham sd thyc.

x—y=—6.
1. Gidih¢ (I) khi m=4.
2. Tim m @€ h¢ (I) c6 nghiém (x;y) trong d6 x=2.
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BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 7

3. Tim m d hé (I) c6 nghiém duy nhét (x;y) thoa méin
a) 2x+y=9.

b) x+6y=

c) x>3;y>1.
d) DPiém M (x;y) nam phia trén tryc hoanh.
e) Diém M (x;y) ndm trén dudng parabol (P):y=5x".
f) Diém M (x;y) nim trén duong cong (C):y=x*—2x+8.
g) Biéu thiic S = x4 +2x* —xy+11dat gia tri nho nhat.
h) DPiém M (x;y) ndm glua hai diém 4 va B véi 4 (1;2), B (2;3).
4. Tim gié tri nguyén cua m dé hé co nghlem duy nhat (x,y) trong do x va y déu 1a cac sb nguyén.
5. Tim m d hé (I) c6 nghiém duy nhét (x;y) sao cho diém M (x;) ndm trong long parabol (0):y=x".

a’x+2y=0,

Bai toan 8. Cho hé phuong trinh { (I); v6i a 1a tham sd thuc.

x+y=4.

1. Giai h¢ phuong trinh (I) véi a=2.

2. Giai va bién luan hé (I) theo tham sb a.

3. Tim gid tri cua a dé hé phuong trinh (I) c6 nghiém duy nhét (x;y) thoa man
a) x=—-4,y=4a.
b) 2x+7y=10.

4m

-2

d) Biéu thu:c T =x*+ y—11x+12dat gia tri nho nhat.

e) Biéu thirc S =x*—500x+2015dat gia tri nho nhat.

f) Piém M (x;y) ndm trén dudng phan giac goc phan tu thi 11T trong mat phing toa do.

g) Diém M (x;y) ndm trén parabol (P):y =3x".

c) x+y—

h) Diém M (x;y) nam trén dudng cong (H):y= 3
X

4. Chung minh rang khong ton tai gia tri m dé hé (I) ¢6 nghiém (x;y) duy nhit théa mén dang thirc
sz;+wﬂy—l+ﬂy2+2.
Bai toan 9. Mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mon Toan; Dé thi chinh thire; S&
Giao duc va PBao tao Tinh Thai Binh; Nam hoc 2004 — 2005.

2x+3y=3+a

Cho h¢ phuong trinh { (a 1 tham s6 thuc).

x+2y=a
1. Gii hé phuong trinh trén v6i a = %.

2. Giai va bién luan hé da cho theo m. Khi d6 chirng minh rang Vo1 moi gia tri cua a hé ludn co
nghiém duy nhat (x;y) trong d6 diém M (x;y) thudc mot dudng thiang cd dinh.
3. Tim a sao cho hé c6 nghi€m (x;y) trong d6 y =1;

4. Tim gia tri a dé hé c6 nghiém duy nhat (x;y)thoa man
a) 4x+7y>12.
b) x*+y*=17.
c) x—3xl;+2y=0.
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BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 8

d) x¥*+y=5a-1.

e) Tich xy dat gia tri 16n nhit.

f) Diém M (x;y) ndm bén trai dudng thang x = 5va bén phai duong thang x=4.
g) Piém M (x;y) thudc dudng tron tim O, ban kinh R =+/29 .

h) Diém M (x;y) cach déu hai truc toa do.

i) Diém M (x;y) ndm trén duong cong (H):y=3-x".

j) Diém M (x;y) va diém N (3;5) cach déu dudng phan gidc goc phan tu thir nhat.

3y—x+1=3m

Bai toan 10. Cho hé phuong trinh { (I); m 1a tham s6 thuc.

2x+4y—-1=m
1. Giai hé (I) khi m théa man m’ =8.
2. Chimg minh rng h¢ (I) c6 nghiém duy nhat (x;)véi moi gia tri cia m. Khi d6 hay tim hé thirc lién
hé gitra x va y doc 1ap voi m.
3. Vi gia tri nao cua m thi h¢ da cho c6 nghiém (x; y)sao cho x théa man 2x+ 3mx =5m>.
4. Xac dinh gia tri cua m dé hé phuong trinh sau ¢6 nghi¢m duy nhat (x; y)sao cho
1
a) x—y= o
b) 3x-2y>3.
o L,1__10
X y 3
d) x<y<2m-1.
e) x vay langhiém cia phuong trinh 100k* —20(2m—1)k +(7-9m)(7m—1)=0.
f) Diém M (x;y) ndm trén parabol y=10x>.
g) Piém M (x;y) cach déu hai truc toa do.
h) Biéu thirc P=x*—x?+5x+9y+2dat gia trj nho nhat.
i) Piém M (x;y) va diém N (1;2) cung nam trong ntra mat phang toa do Oxy véi bo 1a dudng
phan giac ctia géc phan tu thir nhat.
x+4y =5,

(I); v6i k 1a tham s thyec.
kx+2y=k+8.

Bai toan 11. Cho h¢ phuong trinh {

1. Giai h¢ (I) voi k=-4.
2. Timk d@ hé (I) c6 nghiém (x;y) trong d6 x=-4.
3. Tim k£ dé hé (I) c6 nghiém (x;y) théa man hé thirc 5x+2y =8.
4. Giaiva ‘pién luan hé da cho theo t}}am s k.
5. Tim k dé hé (I) c6 nghi¢m duy nhat (x;y) thoa man
k+6
a) 3x+7y-1= .
) SrTyl=g T
b) 1 + 2 =6.
Xy
c) x—y=1.

d) Diém M (x;y) ndm trén dudng thing d:x—y =3.
e) Biéu thirc P =x*+y*dat gia tri nho nhat.
f) Biéu thirc S = x* —5x* —11x+4y+13 dat gia tri nho nhat.
6. Tim gia tri nguyén cta k dé hé c6 nghiém duy nhét (x;y) trong d6 x va y déu 1a cac sd nguyén.
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7. Ton tai hay khong gid tri clia k d¢ hé (I) c6 nghiém duy nhét (x;y) trong d6 diém M (x;y) ndm trong
hinh tron (tinh ca bién) tam O, ban kinh bang 1 ?

mx+4y =20

Bai toan 12. Cho h¢ phuong trinh { (I); m 14 tham s6 thyc.

x+my=10

1. Giai h¢ phuong trinh vé1 m=3.

2. Xéc dinh gia tri cia m dé hé phuong trinh da cho vo nghiém.

3. Chung minh rang khi m = -2, hé (I) ludn c6 c6 nghiém duy nhat (x;y) ma diém M (x;y) ludn thude
mot dudng thang ¢ dinh.

4. Tim gi tri nguyén cua m dé hé (I) c6 nghiém duy nhét (x;y) trong d6 x va y déu 1a cac sd nguyén.

5. Tim m dé hé (I) c6 nghiém duy nhat (x;y) thoa min

a) x+2y> .
m+2

b) x—y=3.
c) ¥ +my=20.
a Li3-n
Xy
e) Diém M (x;y) ndm trén parabol (P):y=x7.

f) Diém M (x;y) nam trén dudng cong (H):y= 2
X

g) Biéu thitc K =—)* +3x+5 dat gia tri 16n nhat.

h) Biéu thic S =2x*—x>—12y+9dat gia tri nho nhat.

i) Diém M (x;y) ndm trén duong tron tim O, ban kinh R =+/5.

j) Diém M (x;y) 1a tim ddi xtng cta hai dlem P (3;4), O (5;0).
Bai toan 13. Mé rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mon Toan; Dé thi chinh thirc;
S& Giao duc va Bao tao Tinh Thai Binh; Nam hoc 2006 — 2007.

=1
Cho h¢ phuong trinh {mx IR
X+y=-m

(m 13 tham s6 thuc).

Giai h¢ phuong trinh vé1 m=5.

Xéc dinh gia tri cia m dé hé phuong trinh di cho v6 nghiém.

Giai va bién luan hé (I) theo tham s m.

Tim gi4 tri ctia m d¢ hé phuong trinh da cho c6 nghiém duy nhét (x;y) théa man diéu kién

b N

a) y =x.

b) x*=yp*+x?—y%.

c) 3x>2y+xy+19.

d) Biéu thirc P=x? + y* +3m +2 nhan gi tri nho nhat.

e) Diém M (x;y) ndm trén parabol (P):y=4x".

f) Diém M (x;p) la tam d6i xtmg cua hai diém 4 (1;2), B (1;5).

g) DPiém M (x;y) nam trén duong phan giac cta goc phan tu thir nhat trong mit phang toa do.

h) Diém M (x;y) nam phia ngoai dudng tron tim O, ban kinh R=2. ‘

5. Trong mat phang voi hé toa do Oxy, xet hinh vudng (V) ¢ tam O, hai duong chéo cua (V) nam trén

hai truc toa dg va (V) co dién tich bang 8. Tim tat ca cac gia tri ciia m d€ hé da cho c6 nghiém duy
nhat (x;y) ma diém M (x;y) nam phia trong (tinh cé bién) hinh vuong (V).
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X+y=-m,

Bai toan 14. Cho h¢ phuong trinh { (I); v6i m 1a tham sd thuc.

x+my=-1.

1. Giai h¢ phuong trinh da cho khi m=-2.

2. Giai va bién luan hé da cho theo tham so m.

3. Tim tit ca cac gia tri ciia m dé hé (I) c6 nghiém duy nhét (x;y) thoa man
a) x’+)y =5.
b) x*+6y*=9+2m.

c) ! + L 3.
x-2 y=-2
d) h—ﬂ+h—ﬂ:5.
e) Diém M (x;y) ndm trén dudng thing x—7y =11.
f) Biéu thitc S =4x>+3y?+2x+y dat gia tri nho nhét.

g) Diém M (x;y) ndm trén dudng cong (H):y = %
x_

h) DPiém M (x;y) ndm trén duong phan gidc gbc phan tu thir hai ciia mat phang toa do.

i) Diém M (x;y) ndm trén dudng tron tdm O, ban kinh R =+/5.
Bai toan 15. Mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mon Toén; Dé thi chinh thuc;
S& Giao duc va Bao tao Tinh Thai Binh; Nam hoc 2009 —2010.

(m—Ux+y:2,

Cho h¢ phuong trinh { (I); voi m 1 tham sé thuyc.

mx+y=m+l.

1. Giai h¢ phuong trinh da cho vo1 m=2.

2. Giai va bién luan hé da cho theo m.

3. Chung minh rang v&i moi gia tri cua m, hé (I) luon cd nghiém duy nhat (x;y) thoa man 2x+y <3.
4. Tim gié tri ctia m dé hé (I) c6 nghiém duy nhat (x;y) thoa man diéu kién

1
a >—m+1.
) y=z5
b) x*+y=9m-13.
c) x+2y>1.
d) l—l=nf—m—2
R

e) Diém M (x;y) nam trén tia Oy.
f) Dbiém M (x;y) ndm trén duong thang d :x+y=—4.
g) Diém M (x;y) ndm trén parabol (P):y=x".
h) Diém M (x;y) cach déu hai truc toa do.
5. Chung minh rang véi moi gia tri cia m, h¢ (I) ludn cé nghi€ém duy nhat (x;y), dong thoi ton tai mot
hé thure lién hé gitra hai bién x va y doc lap voi m.

mx+4y=10—m

Bai toan 16. Cho hé phuong trinh { (I); m 1a tham sd thuc).

x+my=4

1. Giai h¢ phuong trinh véi m=-2.

2. Giai va bién luin hé (I) theo tham sb m.

3. Ton tai hay khong gia tri m dé hé (I) c6 nghiém (x;»)=(2;3) ?

4. Tim m & hé (I) c6 nghiém duy nhit (x;) trong d6 x thoa man +2x—1++/x =2.
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5. Tim gid tri nguyén ctia m dé hé (I) c6 nghiém duy nhat (x;y)sao cho x,y déu 1a cac sb nguyén

duong.
6. Tim gi4 tri ctia m d€ hé da cho c6 nghiém duy nhét (x;y)théa méan

a) S5x+y=
b) 2x>y+4.
c) —+—=

d) x>2;y<3.
e) DPiém M (x;y) nam trén duong phan giac cua goc phan tu thtr hai trong mat phang toa do.
f) Diém M (x;y) nam trén duong thang x+2y=6.

g) Diém M (x;y) ndm trén parabol (P):y =3x".
h) Piém M (x;y) va diém N (1;2) ndm cung phia so v6i duong théng A:y=x.
7. Trong truong hop hé (I) c6 nghiém duy nhat (x;y), ching minh rang diém M (x;y) luén nam trén

mot dudng thang cd dinh.
. xX+my=3m .
Bai toan 17. Cho h¢ phuong trinh { R (I); m 1a tham so6 thyc.
mx—y=m"—2
1. Giai h¢ phuong trinh véi m =5 . ) )
2. Chung minh rang hé (I) luén c6 nghi€ém duy nhat v4i moi gia tri ciia tham so m.
3. Tim gi4 tri ctia m d€ hé phuong trinh da cho c¢6 nghiém duy nhét (x;») théa man dicu kién
a) x+y=6.
b) x*>2x+y.
¢) y—x>3.
d) Do dai doan thang OM bang 5 voi O 1a gbe toa do.
e) Diém M (x;y) ndm trén dudng parabol y = %xz.
f) Diém M (x;p) ndm trén tiép tuyén di qua diém (1;1) cia parabol (P):y =x’.
g) Diém M (x;y) ndm trong goc phan tu thir nhat cia mat phang toa do.
h) Diém M (x;y) ndm trén bién hinh vudng biéu dién boi phuong trinh [x|+|y|=
4. Xac dinh gié tri ciia m dé hé phuong trinh da cho c6 nghiém duy nhat (x;y) sao cho x va y twong ung
la do dai hai canh goc vudng ciia mot tam giac vuong c6 do dai canh huyén bang 8.

x+my=1

Bai toan 18. Cho h¢ phuong trinh { (m 1a tham sd thuc).

mx =3my+2m+3

1. Giai hé phuong trinh véi m=4.

2. Giai va bién luan hé da cho theo tham sb m.

3. Vi gi tri nguyén nao ctia m thi hé phuong trinh d cho c6 nghiém nguyén duy nhat ?

4. Xac dinh gié tri cia m dé hé phuong trinh d3 cho c6 nghiém duy nhat (x;») théa man diéu kién
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d) 1 + L >3.
x y+l1
e) DPiém M (x;y) ndm trén parabol y=2x’.
f) Diém M (x;p) ndm trén dudng cong (C):y =x* —3x+5.
g) Piém M (x;y) nam hoan toan phia trén truc hoanh.

mx+y=3

Bai toan 19. Cho hé phuong trinh { (I); m 14 tham s6 thuyc.

x+my=2m+1

1. Giai h¢ phuong trinh voi m=4.

2. Chung minh rang trong truong hop hé (I) c6 nghiém duy nhit (x;p), diém M (x;y) nam trén duong
phan giac cta goc phan tu thir nhat ciia mat phang toa do.

Tim gia tri nguyén ctia m dé hé (I) c6 nghiém duy nhat (x;y) trong d6 x va y déu 1a cac sé nguyén.

4. Véi gid tri nao clia m thi h¢ phuong trinh da cho c6 nghiém duy nhat(x; y)sao cho

a) 2x-9Jx+7=0.
b) 2x+y=——

(98]

m+1
c) x—y>4.
d) |x| = 3| y|.
e) Piém M (x;y) ndm trén duong thang 2x+3y=5.
f) Diém M (x;y) ndm trén parabol y = x?.
g) Khoang cach tir diém M (x;y) dén truc hoanh gip ba lan khoang cach tir diém M (x;y) dén
truc tung.
h) Diém M (x;y) c6 hoanh d6 thoa man dang thirc 6x” +32° +2z+1=4x(2z+1).
i) Diém M (x;y) nam trén tiép tuyén di qua diém (1;1) cua parbol y =x>.

my+3=x

Bai toan 20. Cho hé phuong trinh { (I); m 14 tham s6 thyc.

mx=4(y+l)+m

1. Giai h¢ phuong trinh véi m=4;

2. Tim gid tri cia m dé h¢ phuong trinh da cho vo nghi¢m.

3. Vi gia tri nao cua m thi hé phuong trinh da cho c6 nghiém duy nhat (x; y)théa man diéu kién
a) x>0,y<0.

b) 2x+5y= :
m+2

¢) x+2y>2= 6.
m+2
d) |x| = 5| y| :
e) x>3;y>5.
f) x vayla nghiém ciia phuong trinh bac hai an t: 1> —3mzs+xy =0.
g) Khoang cach tir diém M (x;y) dén truc hoanh gip bdn 1an khoang cach tir diém M (x;y) dén
truc tung.
h) Diém M (x;y) ndm trén parabol y=x.
i) Diém M (x;y) nam trén tiép tuyén di qua diém (1;1) cua parbol y =x>.
4. Trong truong hop hé phuong trinh (I) co nghiém duy nhat (x;y), im quy tich (tdp hop diém trong
hinh hoc) cac diem M (x;y).
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Bai toan 21. Mé rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi chinh thirc;
S& Gido duc va Pao tao Tinh Thai Binh; Nam hoc 2014 — 2015.

mx+y=2m

Cho hé phuong trinh { (I); m 1a tham s6 thyc.

x+my=m+1

1. Giai h¢ phuong trinh vé1 m=2; )

2. Giai va bién luan hé da cho theo tham so6 m.

3. Trong truong hop hé phuong trinh da cho c6 nghiém duy nhét (x;), chung to rang diém M c6 toa

d6 (x;) ludn nam trén mot duong thang cb dinh. Viét phuong trinh dudng thang do.

4. Véi gia tri ndo ctia m thi h¢ phuong trinh da cho c6 nghiém duy nhét (x;y)théa man diéu kién
a) x>3;y>2.
b) x—-y>2.

4

On+1y.

d) DPiém M (x;y) ndm trén duong thang d:2x—y-3=0.

c) x+y’=

e) Diém M (x;y) nam trén parabol y = ixz .
f) Diém M (x;y) ndm trén dudng cong y=x’—3x—1.
g) Biéu thitc P = x>+ y?nhén gia tri nho nhat.
h) Biéu thirc S =2x*—15x* —4y+37 dat gia tri nho nhét.

Tim gia tri nguyén cua m dé hé (I) c6 nghiém duy nhat (x;y) trong d6 x va y déu 1a cac sb nguyén.

6. Trong mit phang v6i hé toa do Ouxy, x¢ét hinh vudng (V) co tam O, hai duong chéo cua (V) nam trén
hai tryc toa d6 va (¥) co dién tich bang 8. Tim tat ca cac gia tri ctia m dé hé da cho c6 nghiém duy
nhat (x;y) ma diém M (x;y) nam trén mot trong bdn bién cua hinh vudng (V).

hd

mx+y=m+l1

Bai toan 22. Cho hé phuong trinh { (I); m 1a tham s6 thyc.

dx+my=2
1. Giai h¢ phuong trinh véi m=2.
2. Giai va bién luan h¢ phuong trinh da cho theo m.
3. Xac dinh gia tri nguyén cia m dé hé phuong trinh di cho c6 nghiém duy nhat (x;y) trong d6 x va y
déu 1a cac s6 nguyen

4. Tim gia tri ciia m dé hé phuong trinh (I) c6 nghiém duy nhat (x;») théa man diéu kién

a) x+3y=4.

b) 1 + 1. 3.

Xy

{wZO
c)
x+y=>0
m* —10
m-2
e) x vay la nghiém cua phuong trinh bac hai an t: 2 —5¢t+xy =0.
f) x<y<3.
5. Tinh gia tri cia biéu thic P = x>+ y+2m voi (x;»)1a nghiém duy nhat ctia hé thoa man x+y=0.
6. Tim tit ca cac gia tri nguyén cua m dé hé (I) c6 nghiém duy nhit (x;y) trong d6 x va y déu 1a cac sb
nguyén.

d) 4x+3y=
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+y=m

, (I); m 1a tham so thuc.

Bai toan 23. Cho hé phuong trinh {mx

X+my=m
Giai hé phuong trinh (I) khi m=—4.
Giai va bi¢n luan hé phuong trinh da cho theo m.
Tim m dé hé phuong trinh d cho c6 v sé nghiém.
Xéc dinh gia tri cia m dé hé da cho c6 nghiém duy nhat (x;) trong d6 x thoa méan diéu kién

2x+3Vx+1+4/x-3=12.
5. Tim gi4 tri ctia m d€ hé phuong trinh da cho c6 nghiém duy nhét (x;») théa man dicu kién
a) x<2;y>2.
b) x+y>=9.
1 1

c) —+—=5.
x+1 y

d) (x+1)m+2y =3.
e) Biéu thirc S =—x?+2y? +3m+4nhan gia tri nho nhat.
f) Diém M (x;y) ndm trén dudng tron tdm O, ban kinh R=1.
g) Diém M (x;p) la tim ddi xtmg cta hai diém O va N trong d6 N (0;6)va O 1a goc toa do.
6. Trong mit phang v6i hé toa dd Oxy, xét hinh vudng (V) c6 tdm O, hai dudng chéo cua (V) nim trén
hai truc toa do va (¥) c6 dién tich bang 8. Tim tat ca cac gia tri cia m d€ hé da cho c6 nghiém duy
nhat (x;y) ma diém M (x;y) c6 thé ndm bén trong hodc bién cua hinh vuong (V).

b=

mx+2y=1
(m-1)x+(m-1)y=1
1. Giai h¢ phuong trinh dé cho khi m=-4. )
2. Xac dinh gia tri cia m dé hé phuong trinh da cho c6 vo6 so0 nghi¢m. , ‘

3. Véi gia tri nao cua m thi hé phuong trinh da cho c6 nghiém duy nhat (x;y) thoa man dicu kién

Bai toan 24. Cho hé phuong trinh { (m 13 tham sd thuc).

a) xy>0.

b) x+2y>0.

c) x—y=3.

d) x+2y=—7—§——<
m”—=3m+2

e) x'-3x'<4. ‘

f) Diém M (x;y) cach ﬁéu hai truc toa do. 7

g) Khoang cach tir diem M (x;y) dén truc hoanh gap nam lan khoang céach tir diém M (x;y) dén
truc tung.

h) Biéu thic S=x+y+ T 312 nhan gi tri 16n nhat, gia tri nhé nhat (néu cé).
m- —>5m+

o A . x—(m+3)y=0,
Bai toan 25. Cho h¢ phuong trinh

(I); v&1 m 1a tham s6 thuc.
(m-2)x+4y=m-1.

1. Giai hé phuong trinh (I) khi m=3.

2. Giai va bién luén h¢ (I) theo tham s6 m.

3. Ching minh rang khi hé (I) c6 nghiém duy nhat (x;y), diém M (x;p) luén nam trén mot dudong thang
(d) o dinh. Tim phuong trinh duong thang (d).

4. Tim m dé hé (I) c6 nghiém duy nhat (x;y) thoa man timg diéu kién
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a)
b)

c)

Diém M (x;y) nam trén duong thang x—2y=5.

X—y> )
Y m+2

7

1

X y 2
X+my=—

Diém M (x;y) cach Siéu hai tryc toa do. ’ ‘ 9 )
Khoang céach tir diem M (x;y) dén truc hoanh gap bay lan khoang cach tur di€ém M (x;y) dén
truc tung. . .

biém M (x;y) ndm vé phia trén truc hoanh.

x va y 12 nghiém cua phuong trinh bac hai ant : /> —67+xy =0.

Diém M (x;y) ndm trén duong cong y = x° —15x—1.

5. Tim m d¢ hé (I) c6 nghiém duy nhét (x;y) sao cho M (x;y) cach déu hai diém P(2;5),0(1;-4).

6. Trong mit phang v&i hé toa dd Oxy, xét hinh vuéng (¥) ¢6 tam O, hai duong chéo cua (V) nam trén
haj truc toa do va (Y) ‘cé dién tich S. Tim diéu kién cua S dé hé da cho c6 nghiém duy nhat (x;y) ma
diém M (x;y) c6 thé nam bén trong hoac bién cua hinh vudng (V).

Bai toan 26. Cho h¢ phuong trinh {x

el NS

—my =0,

(I); v6i m 1a tham sb thuec.
mx—y=m+1.

Giai h¢ phuong trinh (I) khi m=3.

Giai va bién luan hé (I) theo m.

Tim gia tri nguyén ctia m dé hé c6 nghiém (x;y) trong d6 x va y déu 1a cac sd nguyén.
Tim gia tri cua m dé hé (I) c6 nghiém duy nhat (x;y) thoa man diéu kién

a)
b)

c)
d)

3
k)

x>0;y>0.
x>2;y>1.
x+2y<5.
1 2 5
x y 2
Diém M (x;y) nam trén duong thang 2x+3y=6.
Diém M (x;y) nam bén trai duong thang x=4.
Diém M (x;y) nim trén parabol (P):y=x".
Diém M (x;y) cach déu hai truc toa do.
Diém M (x;y) cach déu hai duong thang y =3x-2;y =3x—4.
Diém M (x;p) 1a trung diém cua doan thang PQ v6i P(2;4),0(-2;-6).

Diém M (x;y) va diém (0;— 2) nam trong mot nira mat phang véi bo 1a duong thang x—y =1.

5. Tim gia tri nguyén ctia m dé hé c6 nghiém duy nhat (x;y) trong d6 x va y déu 1a cac sé nguyén.

Bai toan 27. Cho h¢ phuong trinh {

el NS

—-y=2,

5 (I); v&1 m 1a tham sb thuec.
my =>o.

Giai hé (I) véi m=3.

Giai va bién luén h¢ (I) theo m.

Chtrng minh rang hé phuong trinh (I) c6 nghiém duy nhat (x;y) voi moi gia tri m.
Tim gi tri cta m dé hé phwong trinh (I) c6 nghiém duy nhét (x;y) thoa man

a)

Xl =1
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5
b) x+2y==.
) Y=y

c) x+y>l1.
2

m
d) x+y+——=1.
) Y m* +3

Tm—1
m'+3
f) Diém M (x;y) thuoc mot trong cac dudng phan giac cua cic gbc phan tu cia hé truc toa do.
g) Diém M (x;y) thudc cung phan tu thir nhat (khong tinh bién) ctia hé truc toa do.
h) Khoang cach tir diém M (x;y) dén truc hoanh gip sau lan khoang cach tir diém M (x;y) dén
truc tung.
5. Tim tat ca cac gia tri nguyén cua m dé hé co nghiém duy nhat (x;y) trong d6 x va y déu 1a cac sd
nguyén duong.

e) x+y=

mx+y=m+l1

Bai toan 28. Cho h¢ phuong trinh { (I); m 1 tham s6 thuc.

xX+my=2
1. Giai hé (I) trong trudng hop m=-6.
2. Giai va bién luan h¢ (I) theo tham so6 m.
3. Tim gia tri cua m dé hé phuong trinh da cho c6 nghiém duy nhat (x; y)théa man dicu kién
a) 3x+5y=2.
b) x*—y*<1.
c) x+y<5.
4 143-29
x y 3
e) |x—y+2|3 >m’—Tm+27.
f) Diém M (x;y) nam phia trén tryc hoanh.
g) biém M (x;y) nam trén duong thang 2x -5y =-6.
h) Piém M (x;y) ndm trén tiép tuyén di qua diém (2;4) ctia parabol y = x>.
i) Diém M (x;y) nam phia trong hinh tron (khong tinh bién) tim O, ban kinh R=2.
j) DO dai doan thang OM ngan nhat, vdi M (x;y) va O 1a gbce toa do.
4. Xac dinh gia tri nguyén cua m d€ h¢ phuong trinh déa cho c6 nghiém duy nhat (x;y) trong do x va y
déu la céac s6 nguyén am.

X+my=m

Bai toan 29. Cho h¢ phuong trinh { (I); m 14 tham sd thyc.

mx+y+m=2
1. Giai h¢ phuong trinh voi m=2.
2. Giai va bién luén h¢ (I) theo tham s6 m. ‘ , 7
3. Khi h¢ (I) c6 nghiém duy nhat (x;y), chimg minh rang di€ém M (x;y) lu6n di chuyén trén mot dudng
thang co dinh, tim phuong trinh duong thang do.
4. Tim gia tri ciia m dé hé phuong trinh di cho c6 nghiém duy nhat (x;)théa man diéu kién
a) 3y+x=7.
3m
b) y<—.
) v

c) x— >l
y3~

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN HOA PHUQNG PO; QUAN POAN TANG THIET GIAP



BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 17

d) Piém M (x;y) ndm bén trai dudong thang x=2.

e) X< 3m.
y
f) Diém M (x;y) ndm trén dudng phan giac cua goc phan tu thir hai cia mét phang toa do.
g) Diém M (x;y) ndm trén dudng cong (C):y=x"+2.
h) Diém M (x;y) cach déu hai truc toa do.
5. Xac dinh gia tri nguyén ctua m dé hé phuong trinh di cho c6 nghiém (x;y) sao cho x, y déu la sd
nguyén duong.

mx+y=2m-1,

Bai toan 30. Cho h¢ phuong trinh { (I); voi m 1a tham sb thuc.

(2m+1)x+7y =m+3.

1. Giaih¢ (I) véi m=2. )

2. Giai va bién luan h¢ (I) theo tham so m.

3. Khi hé (I) c6 nghi¢m duy nhat (x;y), hdy tim moi lién h¢ gifra x va y khong phu thudc vao m.
4. Tim gia tri cia m d€ hé phuong trinh da cho c6 nghiém duy nhat (x;y)théa man diéu kién

a) x+5y=%.

b) |x| = 3| y|.
13 3
c) x> = y> S
d) DPiém M (x;y) ndm trén dudng thang x+ y=3.
e¢) Diém M (x;y) ndm bén trai dudng thing x=2.
f) Piém M (x;y) cach déu hai truc toa dd.
g) Diém M (x;y) ndm trén dudng phéan giac ciia goc phan tu tht IT ciia mat phang toa do.
5. Xac dinh gia tri nguyén ctia m dé hé (I) c6 nghiém (x;y) ma x va y déu la cac s nguyén duong.
6. Gia sir x,1a nghiém x 16n nhat cia phuong trinh hai an 2 —2(x+2)t+5x* +4=0.Tim tat ca cac gia

tri cia m dé hé (I) c6 nghiém (x,;).

mx+y=2,

Bai toan 31. Cho h¢ phuong trinh { (I); voi m 1a tham s6 thuc.

—3mx+my =m-3.

1. Giai hé (I) khi m=-5.

2. Giai va bién luan hé (I) theo tham sb m.

3. Tim gia tri nguyén ctia m dé hé (I) c6 nghiém (x;y) ma x va y déu la cac s nguyén.
4. Tim gié tri nguyén cua m dé hé (I) c6 nghiém duy nhét (x;y) théa man diéu kién

m+7
a) x+y= .
m

b) x+2y=9.

2
C) x—y<—.
) Y3

d) Piém M (x;y) nam trén dudng tron tim O, ban kinh R=1.
e) biém M () nam trén duong théng (d ) ty=5x-2.
f) Diém M (x;y) nam trén parabol y=9x>.
g) Diém M (x;y) ndm trong goc phan tu thir nhat (khong tinh bién).
h) Biéu thic S = x? +x—2xy+3y*dat gia tri nhé nhat.
5. Tim tat ca cc gia tri nguyén ctia m dé hé (I) c6 nghiém (x;y) ma x va y déu 1a sb nguyén.
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Bai toan 32. Cho h¢ phuong trinh {

xX+my=2, . \ A
Y (I); v&1 m 1a tham s6 thye.
mx—3my =3m+3.

1. Giaih¢ (I) khi m=2. )
2. Giaiva Qién luan hé (I) theo tham §6 m. ‘
3. Tim m dé€ h¢ (I) c6 nghi€ém duy nhat (x;y) théa man diéu ki¢n

a)
b)

c)
d)

e)

f)
g)

h)
i)

x+5y=18.
y=8x>.

X +y' =28,
X +—=17.

2

Y
2< |x - y| <3.
Diém M (x;y) nam trong goc phan tur th IV. ‘ q
biém M (x;y) va di€ém N (0;— 3) ndm cung phia (cung nam trong mot nira mat phang, khong
tinh bién) so vo1 dudong phan giac goc phan tu thir nhat.
iz + Lz + 1 nhan gia tri nho nhét.
N , ) 7 ,
Khoang cach tur diém M (x;y) dén truc hoanh gap rudi khoang céach tir diém M (x;y) dén truc
tung.

Biéu thic S =

4. Tim tit ca cac gia tri nguyén ctia m dé hé (I) c6 nghiém duy nhat (x;y) ma x va y déu 1a cac sb
nguyeén.

Bai toan 33. Cho hé phuong trinh {

x+2y=1,

(I); v6i m 1a tham sd thuyec.
2x—my =4.

1. Giai hé (I) véi m=4. )
2. Giai va bién luan hé (I) theo tham s6 m. ) ‘
3. Tim gia tri cia m d€ h¢ (I) c6 nghi€ém duy nhat (x;y) thoa man dicu kién

a)
b)

©)
d)
e)
f)

g)
h)

2x+3y=3.
3x—y>1.
5

m+4
65

227
m’+6
m + 4 . 9 r 14 2 e

Khoang cach tir diém M (x;y) dén truc hoanh gap rudi khoang cach tir di€ém M (x;y) dén truc
tung.
Bié%n M (x;y) nam trén duong phan giac goc phan tu thir 1.
1-x°

>

x+6y>

1.1
Xy

x+y=

Diém M (x;y) nam trén dudng cong (C):y=

Tim gi4 tri nguyén ctua m dé hé c6 nghiém duy nhat thoa mén tich xy 1a mot s nguyén.
Bién luén theo tham sb m gia tri nho nhit cta biéu thic T = (x+2y- 1)2 +(2x—my—4)

2

6. Trong mit phang v6i hé toa d6 Oxy, xét hinh vuéng (¥) ¢6 tam O, hai duong chéo cua (V) nam trén
hai truc toa do va (V) co dién tich S. Tim di€u kién ctua S d€ hé da cho c6 nghiém duy nhat (x;y) ma
di€m M (x;y) c6 thé nam bén trong hodc bién ctua hinh vudéng (V).

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM

TRUNG POAN HOA PHUQNG PO; QUAN POAN TANG THIET GIAP



BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 19

Bai toan 34. Cho h¢ phuong trinh {

1.

3.

Bai toan 35. Cho h¢ phuong trinh {

b NS

mx+y =2m, " \ £
Y (I); v61 m 1a tham so6 thyc.
x+my=m+1.

Giai h¢ (I) khi m=-6.

2. Giai va bién luén h¢ (I) theo tham s6 m.

Chimg minh rang khi hé (I) c6 nghiém duy nhat (x;y), diém M (x;y) luén nam trén mot duong thang
(d) ¢6 dinh. Tim phuong trinh dudng thang (d) do.

Tim tét ca cac gla tri ctia m dé hé c6 nghiém duy nhat (x;y) thoa man diéu kién

a)
b)

¢)
d)

e)

f)
g)
h)
i)
j)
k)

m* —8m+1

xX+y<
m+1

Diém M (x;y) ndm trén dudng thang d véi d di qua diém (4;5) va c6 hé sd goc k :g

Diém M (x;y) nam trén dudng phéan giac goc phan tu thi I11.

Diém M (x;y) ndm trén dudng tiép tuyén di qua diém (1;— 3) cua parabol y = x?.
Diém M (x;y) ndm trén dudng cong (C):y=x"-1.

Diém M (x;y) va diém N (1;3) cach déu dudng phan gidc goc phan tu thir I

Diém M (x;y) nam phia trong (khong tinh bién) ctia hinh tron tdm O, ban kinh bang 1.
mx+(2—n0}u——L

(I); v&1 m 1a tham sb thuc.
(m—&)x—nunzl

Giai hé (I) khi m=-3.

Giai va bi¢n luan h¢ (I) theo m.

Trong truong hop hé c6 nghiém (x;y), tim moi lién hé gilta x va y doc lap voim.
Tim tat ca cac gia tri cia m cua hé (I) ¢6 nghiém duy nhat (x;y) sao cho

a)
b)
c)
d)

e)
f)
g)

h)

i)

Om+8
x+6y=3m_2.

xy=t
y >

x=22;y=>-1.

3x-2y> .
Y 3m-2

Diém M (x:p) 1’12?11’1’1 trén duong phan giac goc ph’?ln tu thu I11. ’

Diém M (x;y) nam trén duong thang d di qua di€ém (1;5) va c6 h¢ s6 goc k =—4

Diém M (x;y) thudc duong tiép tuyén di qua diém (2;3) ctia parabol y=x>.

DPiém M (x;y) cing véi diém N (1;\/§ +1) tao thanh mot duong thang (MN) hop véi tia Ox

mot goc luong gidc o =60°.
Diém M (x;y) cach déu hai truc toa do.

5. Tim tat ca cac gia tri nguyén cua m cta hé (I) c6 nghiém duy nhét (x;y) sao cho x va y déu 1a cac sb
nguyén duong.
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Bai toan 36. Cho h¢ phuong trinh {
1.

3x+2y=—1, . \ £
Y (D); vo1 m 1a tham so thyc.
12x—my =2.

Tim gia tri cua m dé hé (I) c6 nghiém duy nhét (x;y) théa man hé thirc

a)
b)
©)
d)
e)

f)
g)

h)

x+y=10.
m

3x-4y = r—

x>0;y<I.

dx -5y > .
Y m+8

X Hx+2y+2+3x+2y+1=0.
Diém M (x;y) cach déu hai truc toa do.
Diém M (x;y) ndm trén duong phan giac gbc phan tu thi I11.
~1-3x°
T

Diém M (x;y) ndm trén dudng cong y =

2. Khi hé (I) c¢6 nghiém duy nhét (x;y), tim méi lién hé gitta x va y doc 1ap véi m.

3. Bién luan theo tham s6 m gia tri nho nhat cta biéu thic T = (3x+2y+ 1)2 +(12x—my— 2)2 )
Bai toan 37. M6 rong va phat trién bai 5; Dé thi chon hoc sinh gi6i 16p 9 THCS; M6n Toan; Dé thi chinh
thirc; S& Gido duc va Pao tao Tinh Vinh Long; Nam hoc 2008 — 2009.

Cho h¢ phuong trinh {

l.
2.

Bai toan 38. Cho h¢ phuong trinh {mx

1.
. Xac dinh gié tri m dé hé phuong trinh di cho ¢6 v6 s6 nghiém.

mx+y=3m-1 .
d (m 1a tham so thuc).
x+my=m+1

Giai hé phuong trinh vi m théa man m’ =m.
Xéc dinh m dé hé phuong trinh di cho c6 nghiém (x;») trong do y la nghiém nho nhit trong cac

nghiém y ctia phuong trinh hai an 2 +5y% +2y =41y +3.
Xéc dinh gié trj cia m dé hé phuong trinh da cho c6 nghiém duy nhat (x;») théa man diéu kién

a)
b)

c)

d)
e)
f)
g)

h)
i)
h)

x+y<l.
7x+2y>i.
m+1
x=2
y20

DPiém M (x;y) ném trén duong thang 2x—3y =35.

Diém M (x;y) nam hoan toan phia trén tryc hoanh.

Diém M (x;y) nam trong goc phan tu th I1I ciia mat phing toa do.
Diém M (x;y) nam trén dU:orng phan giac clia goc phan tu thi nhat.
Diém M (x;y) va hai diém A(2;3),B(0;2) thang hang.

Tich xy dat gia tri nho nhat.

Biéu thic S =x* + »* —x— y +11dat gia tri nho nhét.

—y=2m

(m 13 tham s6 thuc).
4dx—-my=m+6

Giai h¢ phuong trinh da cho vé1 m=1.

Xac dinh gia tri nguyén cua m dé hé phuong trinh da cho c6 nghiém duy nhét (x;y) trong d6 x va y
déu 1a cac s6 nguyén.
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4. Tim gié tri ctia m dé hé phuong trinh d3 cho c6 nghiém (x; y)sao cho
a) 3x—y=5.
b) 2x+3y>7.
¢) biém M (x;y) nam trén duong thang 4x—y=4.
d) Diém M (x;y) ndm trén dudng cong (C):y=-2x"+2.
e) Diém M (x;y) ndm trén dudng parabol (P):y=x’—4x+2.
x(x+1)+xt=10

f) x1a nghi¢ém nguyén cua hé phuong trinh
t(t+1)+xt =20

y1o1s
8 x y 5

h) y*-3yv2-2x =4x—4.
i) x vay la nghiém ciia phuong trinh bac hai an #: > —4r+xy=0.
j) Diém M (x;y) ndm giita hai diém 4 (1;2) va B (2;3).

2y = 1 .
Bai toan 39. Cho h¢ phuong trinh {mx+ y=mE (m 1a tham so thuc).

2x+my=2m-1
1. Giai hé phuong trinh v&1 m=1. ’
2. Giai va bién lu‘2fm hé phuong trinh da cho thgo tham so m. . 7
3. Chang minh rang khi hé c6 nghiém duy nhat (x;y) thi di€ém M (x;y) luén nam trén mot duong thang
c0 dinh. Viét phuong trinh dudng thang do.
4. Tim gié tri ciia m dé hé phuong trinh d3 cho c¢6 nghiém duy nhat (x;y) thoa man
Sm+6
m+2
b) x>3;y>2.
Cc) x<2;y<3.
1 1

d —+—=1,5.
x+1 y+1

a) x+y=

e) y 1a nghiém 16n nhat ctia phuong trinh hai 4n (t+ y)2 +6y=28¢.
f) Diém M (x;y) nam trén dudng thang 3y +x=5.
g) Diém M (x;y) nam trong goc phan tu thi I (khong ké bién).
h) »*—=3yJ2x—1+4x-2=0.
i) Diém M (x;y) nam trén dudng cong parabol y =2x>.
j) Khoang cach tir diém M (x;y) d&én truc hoanh gip tam lan khoang cach tir diém M (x;y) dén
trug: tung.
k) Diém M (x;y) 1a dinh thu tu cua hinh binh hanh (H) c6 toa do ba dinh lcft (3;4), (5;7), (4;6).
5. Xac dinh gia tri nguyén cua m d€ hé phuong trinh da cho ¢6 nghiém duy nhét (x; y) sao cho x va y
déu 1a céc so nguyén.

On+nx+1:m+2y

Bai toan 40. Cho h¢ phuong trinh { (I); v6i m 1 tham sd thuc.

m*(x=1)=2m+y
1. Giai hé phuong trinh (I) vé1 m=1. )
2. Giai va bién luan h¢é phuong trinh da cho theo tham so m.
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3. Chu:ng minh rang khi hé c¢6 nghiém duy nhat (x;y) thi diém M (x;y) luén nam trén mot duong thang
c¢b dinh. Viét phuong trinh duong thang do.

4. Xac dinh g1a tri nguyén cua m dé hé phuong trinh da cho c6 nghiém duy nhét (x; y) sao cho x va y
déu 1a cac sb nguyén.

5. Tim tt ca cac gia tri cuia m dé hé phuong trinh da cho c6 nghiém duy nhét (x;) trong d6 x thoa

man phuong trinh x* —2xz+2z°> -2x-2z+5=0.
6. Tim gia tri caa m d€ h¢ (I) c6 nghiém duy nhat (x;y) thoa man dieu kién

a)
b)
c)
d)
e)
f)

g)
h)

Bai toan 41. Cho h¢ phuong trinh {

2x+y=7m—_ll.
m_

Diém M (x;y) nam trén dudng phéan giac goc phan tu thi I

|x+y|=—_1.
! +L:2.
x+3 y+2

Diém M (x;y) la dinh thtr tu cua hinh binh hanh (/) ¢6 toa d¢ ba dinh la (2;3), (5;7), (4;6).
Khoang cach tur diém M (x;y) dén truc hoanh gap 2,5 1an khoang cach tu diém M (x;y) dén

truc tung.
1 1 17
¥ y-1 32
Diém M (x;y) cung hai diém N (2;3), P (2;4) tao thanh mot tam gidc.

x+3y=1 .
5 (I); m 1a tham so thyec.
(m +l)x+6y =2m

1. Giai hé phuong trinh vé1 m=2.
2. Xac dinh m dé hé phuong trinh d3 cho c6 nghiém duy nhét (x;y)thoa man diéu kién

a)
b)
c)
d)

e)
f)

g
h)
i)
i)

(sin 45°).3x+(cos 45°).4y =52
Diém M (x;y) ndm trén dudng phéan giac goc phan tu thu I1.
Diém M (x;y) nam trén dudng cong parabol 3y =1-2x—4x>.

2x+y>9—i
m+1

Diém M (x;y) va hai diém N (2;5), P (1;6) thang hang.

1 2 1

X y+2 6

Khoang cach tir diém M (x;y) dén truc hoanh gip 3,5 1an khoang cach tir diém M (x;y) dén
truc tung.

(9x” +4)(81y +1)(2* +4) =108,

37

Diém M (x;y) cach gbc toa 46 mot khoang bang 5

e (xc+1)| + x> =3y — 4|+ Jox+9y -5 =5.

3. Xac dinh gia tri nguyén cua m dé hé phuong trinh d3 cho c6 nghiém duy nhat (x; y) sao cho x va y
déu 1a cac s6 nguyén.

4. Véi gia tri nao cua m thi hé¢ phuong trinh da cho twong duong voi h¢ phuong trinh {

X +4y =1
X +8y =2
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mx+y+m=4

Bai toan 42. Cho hé phuong trinh { (I); m 14 tham s6 thyc.

2x+ (m N 1) y=m
1. Giai h¢ phuong trinh vé1 m=-2.
2. Vo1 gia tri nao cua m thi hé phuong trinh da cho v6 s6 nghiém.
3. Xac dinh gia tri cia m dé hé phuong trinh da cho c6 nghiém duy nhat (x; y) théa man diéu kién
a) 2x+3y=4m.
b) Piém M (x;y) ndm trén duong phan giac gbc phan tu sb 11
c) |2x—y|+|2y—x| :|x+y|.
d) Diém M (x;y) ndm trén dudng cong (C):y=x"+2.
e) Piém M (x;y) cach déu hai truc toa dd.
1 3 16
f) + =—.
x+2 y+4 21
g) Piém M (x;y) nam trén duong thang x—5y =—4.
h) Piém M (x;y) ndm trén dudng tron tm O, ban kinh R =+/10 .

LIy

x y-2

j) Biéu thirc S = [x2 +y + (x—y)xy]2 +3x? —2x +1dat gié tri nho nhat.

(2 — m)(m + 4) 3
(m + 1)2

4. Xac dinh gia tri nguyén cua m dé hé phuong trinh di cho c6 nghiém duy nhat (x;y) sao cho x va y
déu 1a cac s6 nguyén.

k) x va y la nghiém ctia phuong trinh bac hai an #: 1> —4¢ +

mx+y=m-1

Bai toan 43. Cho h¢ phuong trinh { (I); m 14 tham s6 thyc.

x+my=m+1
Giai h¢ phuong trinh vé1 m=4.
Giai va bi¢n luan hé phuong trinh da cho theo tham s6 m.
Tim gia tri cia m dé hé phuong trinh di cho ¢6 v sb nghiém.
Khi hé phuong trinh da cho c6 nghiém duy nhat (x;y), hdy tim hé thirc lién hé giita hai nghiém doc
1ap v6i tham sd m.
5. Tim m dé hé phuong trinh d cho c6 nghiém duy nhat (x;) thoa man diéu kién
m+ 4

el NS

a) x+y>

b) Piém M (x;y) nam trén duong thang d:x-2y=5.

¢) Diém M (x;y) nam trén dudng phan giac goc phan tu o I1.

d) Biéu thitc P =x+ ynhan gi4 tri nho nhat.
6. Xac dinh gia tri nguyén ctua m dé hé phuong trinh di cho c6 nghiém duy nhat (x;y) sao cho x va y

déu 1a cac sb nguyén.
mx—2y=m-2 i
Bai toan 44. Cho hé phuong trinh R (m 1a tham so thyec).
{(m—l) x+l=m’+y

1. Giai hé phuong trinh vé1 m=35.
2. Giai va bién luan h¢ phuong trinh da cho theo tham s6 m.
3. Véi gi4 tri nao clia m thi hé phuong trinh da cho c6 nghi¢m duy nhat (x;y) thoa man diéu kién
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a) x*+2y°=1.
b) 2[x|+3y=4.

c) |x—y|+|x+y| =

d) Piém M (x;y) ndm trong cung phan tu thi nhat ciia mit phang toa do.
e) Diém M (x;y) ndm trén dudng cong (C):y=4x"+1.

f) Diém M (x;y) 1a tAm ddi xtng cia hai diém N (4;3), P (- 5;— 3).

g) ¥ -2y+x+3=2(y—-1)Vx+2.
h) DPiém M (x;y) ndm bén trai ciia dudng thing A:x=——

) ¥ +3x0°=4)".
j) Khoang cach tir diém M (x;y) dén truc tung bang ba lan khoang cach tir diém M (x;y) dén truc
hoanh.
k) | =+ =y =6+ fax+ y-11=7.
4. Xac dinh g1a tri nguyén cua m dé hé phuong trinh di cho c6 nghiém duy nhét (x; y) sao cho x va y
déu 1a cac sb nguyén.
5. Khi hé phuong trinh da cho c6 nghiém duy nhat (x;»), chung minh rang diém M (x;y) ludn di dong
trén dudng thang cach déu hai diém 4 (1;5), B (5;— 1).

(m+2)x+3y:3m+9

Bai toan 45. Cho hé phuong trinh { (m 1a tham s6 thuc).

X+ (m + 4) y=2

1. Giai hé phuong trinh da cho khi m=-3.

2. Xac dinh gia tri cua m de:: hé phuong trinh da cho ¢o nghiém. i

3. Xac dinh gi tri ctia m dé€ h¢ da cho c6 nghiém duy nhat (x;y) théa man diéu kién
a) ¥’ +3x’y=4y".
b) |x|+|y| =|x+y|.
c) y>2x-1.

d) Diém M (x;y) ndm bén phai ctia duong thing A:x = —%.

3-2x—x
3 .
f) Khoang cach tir diém M (x;y) dén tryc tung bang bay 1an khoang cach tir diém M (x;y) d&én
truc hoanh.
g) Biéu thirc P= ‘xz +2x+ 2‘ +‘x2 -9y +1‘ — 64y dat gi4 tri nho nhét.
h) Piém M (x;y) nam hoan toan phia trén truc hoanh.
i) Diém M (x;y) nam trén dudng phan giac goc phan tu thir 11 ctia mit phang toa do.
4. Tim gia tri nguyén ctia m dé hé phwong trinh di cho c6 nghiém duy nhét (x;y) sao cho diém M (x;y)
1a mot diém nguyén.
5. Khi hé phuong trinh da cho c6 nghiém duy nhat (x;), ching minh rang diém M (x;y) ludn di dong
trén dudng thang cach déu hai diém 4 (1;4), B (— 1;- 2).
6. Trong mit phang v6i hé toa dd Oxy, xét hinh vudng (V) c6 tdm O, hai dudng chéo cia (V) nim trén
hai truc toa d6 va (V) c6 dién tich bang 2. Ching minh rang khi hé da cho c6 nghiém duy nhat (x;y)
thi ¢6 duy nhat mot diém M (x;y) c6 thé nam trén bién cua hinh vudng (V).

e) Piém M (x;y) ndm trén dudng cong y =
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(m—0x+y=3m—%

Bai toan 46. Cho h¢ phuong trinh { (I); v6i m 1a tham sd thuc.

x+(m—1)y=nL
1. Giai hé phuong trinh (I) khi m =-2
2. Tim gié tri cua m dé hé (I) c6 nghiém duy nhat (x;y) thoéa méin
a) x+y=3.
b) 3x-2y>7.
I 3 10
c) —+—=—.
x y 3
d) Diém M (x;y) nim bén trai cia dudng thing A:x=+2.
e) Piém M (x;y) thudc goc phan tu thir nhat cia mat phang toa do.
f) Diém M (x;y) va hai diém P (2;3), O (3;4) tao thanh mot tam giac.
g) Do dai doan thang OM ngan nhat, véi O 1a gbc toa do.
h) Biéu thirc D =—5x+ * +3xnhén gia tri 16n nhat.
i) Biéu thitc 4= Md@t gia tri 16n nhat, gia tri nho nhat.

X+

j) Biéu thitc S =x*-32y+8/x— y+2nhan gia tri nho nhat.
3. Tim gia tri nguyén ctia m dé hé c6 nghiém duy nhat (x;») sao cho diém M (x;y) 1a mot diém nguyén.
(m+Ux=y+m+1
x+(m—&)y:2
1. Giai h¢ phuong trinh vé1 m=-2.
2. Tim m dé hé€ phuong trinh da cho v6 nghi¢m. 7 7
3. Tim gia tri nguyén ctia m d¢ hé c6 nghiém duy nhat (x;y) sao cho di€ém M (x;y) l1a mot diem nguyén.
4. Xac dinh gia tri cua m dé hé phuong trinh trén c6 nghiém duy nhat (x;y) théa man diéu kién

Bai to4n 47. Cho hé phuong trinh { (m 1a tham s6 thuc).

3
a) x+y=—.
m

x+y>0
{xy >1

¢) Biéu thirc S =x+ ydat gia tri 16n nhét.

d) Biéu thirc P =x-2y+3dat gia tri 16n nht.

e) Diém M (x;y) thudc goc phan tir thir nhat ctia mét phang toa do.

f) Diém M (x;y) nam vé bén trai clia truc tung.

g) Piém M (x;y) nam vé phia dudi dudng thang (d):y= % .

h) Khoang cach tir diém M (x;y) d&én truc tung bang 5 1an khoang cach tir diém M (x;y) dén truc
hoanh.

mx+3y=m-1

Bai toan 48. Cho hé phuong trinh { (m 1a tham sd thuc).

2x+(m-1)y=3
1. Giai h¢ phuong trinh véi m = %

2. @Giai va bién luan h¢ phuong trinh da cho theo tham s6 m.
3. Khi hé phuong trinh d& cho c6 nghiém duy nhat (x;»), chung minh rang diém M (x;y) ludn di dong
trén dudng thang cd dinh. Viét phuong trinh dudng thang do.
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4. Tim m dé h¢ da cho c6 nghiém duy nhét (x;y) trong d6 c6 mot bién bang 2.
5. Xac dinh gia tri cia m d€ hé phuong trinh da cho c6 nghiém duy nhét (x;y) théa man diéu kién

Bai toan 49. Cho hé phuong trinh {

a)
b)
c)

d)
e)
f)
g)
h)
i)
j)
k)
1)

3x+4y>0
{2x—y<0
2x+3y=5xy.
1 113
x-=2 ;jg_gﬁ
Tich xy dat gia tri 10n nhét.
Biéu thirc S = y* +2y* +x? —2x—10y +16 dat gia tri nho nhat.

Diém M (x;y) ndm trén dudng thang x+5y =+/2.
Diém M (x;y) ndm trén parabol (P):y=2-x".
Diém M (x:y) va hai diém P (2:3), O (3;5) thang hang.

Diém M (x;y) nam bén trai duong thang x=3.

Jx+y+3—x:ybf+ﬂ.

Diém M (x;y) nam trong goc phan tu thir nhat (ciia mat phang toa do Oxy).
Diém M (x;y) ndm trong long parabol y = x>,
On+ﬂx+2y:m

(3n1+1)x+(n1+1)y-1 (niléthanlséthuc)

1. Giai h¢ phuong trinh trén vo1 m =1.
2. Giai va bién luan h¢ phuong trinh da cho theo m.
3. Khi h¢ da cho c6 nghiém duy nhét (x; y) , hdy tim h¢ thtrc lién hé gitra x va y dgc lap vdoi tham sb m.
4. Tim m dé h¢ phuong trinh trén c6 nghiém duy nhat (x;») thoa man diéu kién
a) x+y=m-1.
b) Piém M (x;y) ndm trén duong thang A:x+2y=3.
c) x>1ly>2.
d) x*+y*=29.
e)|ﬂ=4UL
f) Tich xy dat gia tri 16n nhét, gia tri nho nhat (néu co).
g) Diém M (x;y) ndm trén dudng cong parabol y=—1+5x>.
h) Piém M (x;y) ndm trong goc phan tu tht I cia mat phang toa do.
1) Do dai doan th'fmg OM béng J58 v6i M (x;), O la géc toa do.
N v+l x+2 17
i), B ’ = o
k) Diém M (x;y) ndm trong long parabol y=x>.
1) Diém M (x;y) ndm vé phia dudi dudng thang y = % .
m) Biéu thitc S =3y* —4)” +8x +6dat gia tri nho nhat.
mx—y=-3
Bai toan 50. Cho hé phuong trinh < | . (m 13 tham s6 thuc).
PR
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1.

2. Tim tat ca cac gid tri m dé hé phuong trinh c6 nghiém {

Giai hé phuong trinh da cho vé1 m = —% :

x=-2
y=-2

3. Chimg minh rang v&i moi gia tri ctia m, hé da cho luén ludn c6 nghiém duy nhat (x;y).
4. Vi gia tri ndo ctia m thi hé c6 nghiém (x; y)sao cho

Bai toan 51. Cho hé phuong trinh {

l.

A

a)
b)
c)

d)

€)
f)
g)

h)
i)
3
k)

2=l
y
Sx-2y=5.
3x+l 2y+l_ 49
y x4
3x?* +2y? =50.
Diém M (x;y) nam trén dudng phéan giac goc phan tu thi I11.

Diém M (x;y) nam trong goc phan tu tha II (khong ké bién).
Diém M (x;y) cach gdc toa d6 mot khoang ngin nhét.
Diém M (x;y) nam trén dudng cong x=1> -5y +2.
Tich xy nhan gi tri nho nhét.
Biéu thic N = x? —5y*nhén gia tri 16n nht.
2 2

Diém M (x;y) nam trén duong elippse (E): ic_8+y_ =1.

9

x—my=2 .
4 (I); m 14 tham s6 thuc.
2x+(m-1)y=6

Giéi hé phuong trinh trén véi m = %

Tim gia tri cua m dé hé co nghiém, vo nghiém, vo ) nghi¢m ?
Véi gid tri nao thi hé c6 nghiém dang (2—m;3m-1).

Khi hé da cho c6 nghiém duy nhét (x;y), hay tim h¢ thirc lién h¢ gitta x va y doc 1ap véi tham so m.

Tim gia tri cta tham sd m dé hé c6 c6 nghiém duy nhét (x;y) sao cho

a)
b)
c)
d)

k)

xXZy.
3x—y>m.
x va y déu khong vuot qua 1.
Biéu thic S = (x2 -y )(3x — y+1)dat gid tri 16n nhat.
Diém M (x;y) nam trén duong thang 2x-3y=7.
1 2 3 1
—+ =—.
x 3x-y y+1 2
Biém M (x;y) nam trong goc phan tu thtr hai cua mat phang toa do.
biém M (x;y) cach goc toa d6 O mot khoang bang 3.
biém M (x;y) nam gitra hai diém 4 (2;3) va B (5;6).

%+ 3 =5.
y 3x-8

2 N x2 y2
biém M (x;y) nam trén duong elippse m +7 =1.
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Bai toan 52. Cho h¢ phuong trinh {

1.

x+ay=2 ,
Y (a 13 tham s6 thyc).
ax—2y=1

Giai hé phuong trinh da cho khi a =3.

2. @Giai va bién luan h¢ phuong trinh trén theo a.

3.

2.

Bai toan 53. Cho h¢ phuong trinh {

PN =

Chtmg minh rang hé da cho ludn c6 nghiém duy nhét (x;y) v6i moi gié tri ctia m. Khi d6 hay tim hé
thirc lién h¢ gitra x va y khong phu thudc tham soé a.

Chitng minh khi hé c6 nghiém duy nhét (x;y) khéc 0 ta c6 hé thie 2% =3F2V=%

y y+x
. Tim gia tri cua a dé hé c6 nghiém duy nhat (x;y) sao cho
a) |x|:5|y|.
b) 3y+18x=3l1.
c) x>4y.
d) l+E:E(az+2).
x y 5

e) Diém M (x;y) ném hoan toan phia trén tryc hoanh.

f) Diém M (x;y) ndm trong goc phan tu thir hai ciia mat phing toa do.

g) Tich xy dat gia tri 16n nhat, gia tri nho nhat (néu co).

h) Piém M (x;y) va hai diém 4 (2;1), B (3;2) tao thanh mdt tam giac can tai M.
Tim s6 nguyén a 16n nhat dé hé phuong trinh c¢6 nghiém (x;y)thoa man xy<0.

2

2x—my=m (m 1a tham s thuc).
xX+y=2
Giai hé phuong trinh da cho véi m=2,5.
Giai va bi¢n luan h¢ phuong trinh trén theo tham s6 thuce m.
Tim gia tri nguyén m dé hé phuong trinh trén c6 nghiém duy nhat (x;») véi x va y déu 1a sé nguyén.
Xac dinh m dé hé co nghiém (x;y) sao cho

a) 4x—-y="7.

b) 6x—5y>~2.
0 {y23

x=>-5
d) Piém M (x;y) thudc duong thang d:y =x/3 -1.

e) l+£+i:6.

Xy X
f) \/;+\/;:2.

) Biéu thirc S =xy+ (x+ y)4 nhan gia trji 16n nhét.

h) Diém M (x;) thudc dudng cong (C):y=2-x"-x" —x*.

i) Biéu thitc Z =x*+y* —2x+4y+2011dat gia tri nho nhat. Tim gia tri nho nhét do.
j) Diém M (x;y) va hai diém N (2;0), P (4; O) tao thanh mQt tam giac can tai M.

k) Piém M (x;y) 1a tim ddi xtng cta hai diém H (4;3) va K (-2; -1).
1) Diém M (x;y) va ba diém 4 (2;4), B (3;5), C (2;2) tao thanh mét hinh binh hanh.

2 2
m) Diém M (x;y) ndm trén duong elippse (E): %+i}—8 =1.
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Bai toan 55. Cho hé phuong trinh {

1.
2.

2
—y=-7 3
a’x—y (a 1a tham so thuec).
2x+y=1

2

Giai h¢ phuong trinh khi a = 2.

Chimng minh rang hé phuong trinh da cho lu6n c¢6 nghiém duy r}hét (x;y) vOi moi gié tri cua a, dong
thoi diém M (x;y) ludn nam trong géc phan tu thir I cia méat phang toa do.
Goi nghiém ctia hé phuong trinh 13 (x;y). Tim céc gia trj cia a aé

a) x+y=>5.

b) M (x;y) nam trén dudng thang 6x+ y=—11.

c) x+y<2.

d) M (x;y) nam bén duéi duong thang y=7.

e) M (x;y) nam trén dudng cong y = x* —2x.

pl,2_1L
x x+y 6

g) Biéu thiric S = y*—7y? +8x+16dat gia tri nho nhat.

h) Do dai doan thing OM bang 10, véi M (x;y) va O 1a gbc toa do.

i) Khoang cach tir diém M (x;y) dén truc tung gip sau lan khoang cach tir diém M (x;y) dén truc
hoanh.

4. Véi gia tri ndo clia a thi hé c6 nghiém duy nhat (x;y)ma x va y déu 16n hon %

5. Tim gia tri nguyén a dé hé phuong trinh trén c6 nghiém duy nhat (x;) v6i x va y déu 1a sb nguyén.

Bai toan 56. Cho hé phuong trinh {

1.

2x-y=3+4+2m .
R (m 1a tham so thuc).
mx+y =(m+1)

Giai h¢ phuong trinh v61 m = %

2. Giai va bién luan h¢ phuong trinh da cho theo tham s6 m.
3. Xac dinh gia tri cua m dé hé phuong trinh da cho c6 nghiém (x;y) thoa man diéu kién

a) 4x+y=32.
b) 2x*=5y-3.
c) \/; +y=x+3m.
d) Jx+y=3m-1.
e) L + L — \/§ .
x+1 y+1
f) Biéu thitc S =x?+ 1 +4xy nhan gia tri nho nhat.
g) Diém M (x;y) ndm bén phai duong thing d:x =2 ++/3.
h) Piém M (x;y) nam trén dudng cong (C): y=x>+2x-2.
2 2
i) Dbiém M (x;y) nam trén duong elippse (E): %4—% =1.
j) Diém M (x;y) nam trén duong tron tdm O ban kinh R = \/5 : 7 )
k) Khoang cach tir di€m M (x;y) dén truc hoanh bang ba lan khoang cach tur diém M (x;y) dén
truc tung.
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2mx+3y=m

Bai toan 57. Cho hé phuong trinh { (m 13 tham s6 thuc).

x+y=Il+m

1. Giai hé phwong trinh v6i m théa min ~/m +v2m—1=2.

2. Giai va bién luan h¢ phuong trinh da cho theo tham s6 m.

3. Tim gia tri nguyén cia m dé hé phuong trinh da cho c6 nghiém (x;y) vdi x va y déu nguyén.
4. Xac dinh gia tri ciia m d¢ h¢ phuong trinh da cho c6 nghi¢ém(x;y) thoéa man diéu kién

4
a) Ix+y=——.
) Y 2m—3

b) DPiém M (x;y) thudc duong thang x+y=17.

¢) Piém M (x;y) nam phia bén trai duong thang A:x=6.

d) Piém M (x;y) ndm trén dudng tron (C) tim O, ban kinh bang 1.

e) Khoang cach tir diém M (x;y) dén truc hoanh gap d6i khoang cach tir diém M (x;y) dén truc
tung.

mx+2my=m+1

Bai toan 58. Cho h¢ phuong trinh { (m 1a tham s6 thuc).

x+ (m + 1) y=2
1. Giai h¢ phuong trinh v61 m=4. .
2. Giai va bién luén hé phuong trinh dé cho theo tham s6 m.
3. Ching minh rang khi hé ¢6 nghiém duy nhét (x;y), diém M c6 toa dd (x;y) ludn nam trén mot dudng
thang cb dinh. Viét phuong trinh duong thang do.

4. Tim gié tri ctia m d& hé da cho c6 nghiém duy nhat (x;y) sao cho

a) 3x—-y=3.

by 1+2--2

X y 3

1 2
+

¢)
x+2 y+3

d) Jx+y+3m=m+1.

e) Diém M (x;y) ndm bén trai duémg théng x=—7.

f) Piém M (x;y) thudc goc phan tu thtr nhat cia miat phang toa do.

g) Piém M (x;y) ciing v&i hai diém N (2;3), P (2;7) lap thanh mot tam giac.
h) Biéu thirc S =2x>+xy+ y*>+x+2y+1nhan gia tri nho nhat.

<l1.

i) Diém M (x;y) nam trén duong cong y=1—+/x .
j) Diém M (x;y) ndm trén dudng tron (C) cb tdm 1a gbe toa d6 va ban kinh bang /5.

mx+4y=m+2

Bai toan 59. Cho h¢ phuong trinh { (m 13 tham sd thuc).

X+ my=m

1. Giai h¢ phuong trinh véi m=2.

2. Giai va bién luan hé phuong trinh da cho theo tham s m.

3. Trong truong hop hé phuong trinh dé cho c6 nghiém duy nhat (x;y), ching té rang diém M co toa
d6 (x;y) ludn nam trén mot duong thang cb dinh.

4. Tim m dé hé phuong trinh da cho c6 nghiém duy nhat (x;) thoa man

a) 4x—2y=\/§.
b) x+6y:7m+2.
m+2

¢) Diém M (x;y) ndm trén duong thang x—y =1.

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN HOA PHUQNG PO; QUAN POAN TANG THIET GIAP



BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 31

d)
e)

D

Sx>y+2.
1 3 6
—+==—.
x y 5
2.1 4 7

x v w -y , ‘
biém M (x;y) co6 tong khoang cach dén hai tryc toa do bang 1.
biém M (x;y) cach déu hai truc toa do.

Diém M (x;y) cach gdc toa dd O mot khoang bang /34 .

Biéu thic T = y* —3x*dat gia tri 16n nhat.

Biéu thirc P = iz+ dat gia tri nho nhit.
x° 2y-1

X+ x+2y+2
2(x* +1)=(2y-1)

Biéu thirc S =

~dat gia tri 16n nhit, gia tri nho nhat (néu co).

m) Piém M (x;y) 1a trunquiém ctia doan thang ON véi djém N (4;3), O 1a gbc toa do. ’
5. Tim gia tri nguyén cua m dé h¢ da cho c6 nghiém duy nhat (x;y) sao cho x va y 1a cac s6 nguyén
duong.

Bai toan 60. Cho h¢ phuong trinh {

m—=1)x+y=2 .
( Jx+y (m 1a tham so thuc).
mx+y=m+l1

1. Giai hé phuong trinh vé1 m=8.
2. Chtng minh rang véi moi gia tri cua m, h¢ da cho luén c6 nghiém duy nhat (x;y).
3. Tim gia tri cia m dé h¢ phuong trinh da cho c6 nghiém (x;y) théa man dicu kién

a)
b)
c)

d)

k)

D

xX+y=>6m.

x=m+m—4.

2x’ < y-3.

r,i__om

Xy x(2 - xz) '

Diém M (x;y) nam trén duong thang d :x+y=-3.
Diém M (x;y) nim trén parabol (P):y=x".

Diém M (x;y) nam hoan toan phia trén tryc hoanh.
biém M (x;y) cach déu hai tryc toa d6.

Bi€u thttc P =4x+ y+ 7nhan gia tri 16n nhat.

Biéu thirc S = (x2 +° —1)4 —2y+ x dat gia tri nho nhat.

1 1 2
ﬁ—i—ﬁ_ 4,/x(2—x2) .

Diém M (x;y) ciing v6i hai diém 4 (1;2), B (3;6) 1ap thanh mot tam giéc.

4. Xac dinh gié tri ciia m dé hé phuong trinh da cho c6 nghiém (x;y) trong d6 y dat gi tri 1on nhat.

Bai toan 61. Cho h¢ phuong trinh {

(m—l)x+1:m(y+3)

(m 1a tham s thuc).
2x=y+m+5

1. Giai hé phuong trinh vé1 m=4.
2. Giai va bién luan hé da cho theo tham so m.
3. Tim gia tri cua m d€ hé phuong trinh da cho c6 nghiém duy nhat (x;y) théa man
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a) 2x(x+3)+y=4.
b) 3x—y>2011.
c) x*+7y*=32.
d) y  x+3
xX+2
e) RN L
y \/7 2 \ ,
f) Do dai doan thang OM bang 3, vdi O 1a goc toa do.
g) Biéu thitc P=x"+ y*+3x+ y+1nhn gid tri nho nhat.
h) Tich xy dat gia tri nho nht.
i) Diém M (x;y) thudc dudng tron tim O, ban kinh R =22 .

=31.

j) Diém M (x;p) thuoe dudng cong (C):y =9x" —4.

k) Diem M (x;y) va hai diém 4 (2:4), B (1008;2016) 1ap thanh mot tam gidc.
1) Diém M (x;y) cach déu hai diem C (1;0), D (9;0).

4. Trong mit phang véi hé toa do Ouxy, x¢t hinh vudng (V) co tam O, hai duong chéo cua (V) nam trén

hai truc toa d6 va (¥) c6 dién tich bang 18. Xét truong hop (x;y) la nghiém duy nhat ctia hé ban dau,
ton tai hay khong diém M (x;y) ndm trén bién hodc mién trong ctia hinh vudng (V) ?

mx+y=3

Bai toan 62. Cho h¢ phuong trinh { (m 13 tham sd thuc).

1.

y+mix=m’+2

Giai hé phuong trinh vo1 m=3.

2. Giai va bién luan h¢ phuong trinh da cho theo tham s6 m.
3. Tim gia tri cia m dé h¢ phuong trinh da cho c6 nghiém duy nhat (x;y) thoa man dic€u kién

4.

5.

Bai toan 63. Cho hé phuong trinh {

l.

a) 3x-2y=35.
b) 2x>y-1.
c) |x+2|=y+4.
d) Piém M (x;y) c6 hoanh d¢ duong.
e) Diém M (x;y) nam bén trai duong thang y=35.
f) Diém M (x;y) ndm phia trén dudng thang y = NEY
g) Diém M (x;y) ciing véi hai diém C (1; ;2), D (4;8) 1ap thanh mdt tam gidc.
h) Diém M (x;y) 1a trung diém ciia doan thang 4B véi 4 (4:2) va B (3;2).

Tén tai hay khong gia tri m dé hé da cho c6 nghiém duy nhat (x;y) sao cho diém M (x;y) nam giira
hai dlemE (2;3) va F (4;5).

Tim tat ca cac gia tri nguyén cua m dé hé phuong trinh da cho c6 nghiém duy nhét (x;y) trong d6 x
va y déu 1a cac sb nguyén duong.

m—1)x—my=3m-1 X
( ) Y (m 1a tham so thuc).
2x—y=m+5

Giai h¢ phuong trinh voi m=-1.

2. @Giai va bién luan hé da cho theo tham sb m.

3.

4.

Trong truong hop hé phuong trinh da cho c6 nghiém duy nhat (x;y), ching to rang diém M co toa
do (x,y) ludn nam trén mot dudng thang cb dinh. Viét phuong trinh duong thang do.
Tim gia tri cua m dé hé phuong trinh di cho c6 nghiém duy nhét (x;y) théa man

a) 3x-2y=7.
b) Diém M (x;) thudc dudng thng (A):x—y=5.
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c) 2x>y+3.
o L, L s
x+1 py+2 4

e) Diém M (x;y) nam trén dudng phan giac cua goc phan tu thu I1.
f) Diém M (x;p) nam trong goc phan tu th nhat ctia mat phang toa do.

g) Diém M (x; y) nim trén dudng thang (A):3x+7y=11.

h) x*+y)° =16.

i) Diém M (x;y) ndm trén duong tron tam O (0;0), ban kinh bing 242
j) Biéu thuc S =x* +xy +2y”dat gia tri nho nhat.

k) Diém M (x;y) ndm trén duong parabol (P):y =3x>.

1) Piém M (x;y) ndm trén dudng cong y = x> +7x—11.

m) Diém M (x;y) nam gitra hai diém 4 (1;— 3) va B (2;— 2).

n) Biéu thitc S =~/x> —2x+2 +\/y2 —2y+5dat gia tri nho nhét.

0) Biéu thitc P =x>—3y*+10 nhan gia tri 16n nhat.

p) Biu thitc O =x+2y—/2(x* +4))+3,/y—x+5 dat gid tri 1on nhét.

mx+2y=m+1

Bai toan 64. Cho h¢ phuong trinh { (m 1a tham s6 thuc).

2x+my =3
1. Giai hé phuong trinh v&1 m=3.
2. Chimg minh néu hé c6 nghiém duy nhét (x;p) thi diém M (x;y) thudc mot duong thang (d) cd dinh.
Viét phuong trinh duong thing (d).
3. Tim gia tri nguyén ctia m dé hé da cho c6 nghiém duy nhét (x;y)sao cho x,yla cac sd nguyén am.
4. Xac dinh gié tri ctia m dé hé phuong trinh da cho c¢6 nghiém duy nhat (x;y) thoa man diéu kién
a) 2x-5y=2.
b) x*-3xy+2y*=0.

C) x+2y=
m+2

d) 4x—y>4+2.
e) DPiém M (x;y) thudc duong phan giac goc phan tu thir I1.
f) Diém M (x;y) nam trén parabol y=2x>—x—1.

2 2

54 . N A . X B4
g) biém M (x;y) nam trén elippse (E): &+7 =1.
2

1 LY 17
2x—y 2y-x 10
i) Diém M (x;y) cung hai diém 4 (2;4), B (3;5) tao thanh mot tam giAc.
j) Diém M (x;y) va ba diém 4 (1;2), B (2;4), C (3;6) thang hang.
k) Piém M (x;y) cach gbc toa 6 O mot khoang ngan nhat.
1) Diém M (x;y) cach déu hai truc toa do.

m) Biéu thitc S =(y+1)"v9-x? dat gid trj 16n nhét.

3 3
n) (1_2yj +[3—2xj =3m.
x—1 y
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mx—y=1
y—x=-m

Bai toan 65. Cho hé phuong trinh { (m 13 tham sd thuc).

1. Giai h¢ phuong trinh da cho vo1 m=3. ’

2. Giaiva Qién luan hé phuong trinh da cho theo tham §6 m.

3. Tim m dé h¢ phuong trinh da cho c¢6 nghiém duy nhat (x;y) thoa man

a) y:\/gx—S.

b) y=632x>+9x.

o) x+3+y+2:4.
y o ox+2

d) 3—x+.y+3=4.
€) x*+4xy+3y=0.
f) Céac sb x va y 1a hai s6 nghich dao ctia nhau.
g) Diém M (x;y) ndm trén parabol y =4x>.
h) Piém M (x;y) va hai diém 4 (3;5), B (1;11) lap thanh ba diém thang hang.
i) Diém M (x;y) ndm phia trong (tinh ca bién) hinh tron tim O, ban kinh R =17 .
j) biém M (x;y) va diém (0;—4) né‘}m clng trong mot nira mit phang c6 bd 1a dudng phan giac
gbc phan tu thir nhat cia mat phang toa do.
4. Trong mit phang véi hé toa do Ouxy, xét hinh vuéng (¥) ¢6 tam O, hai duong chéo cua (V) nam trén
hai truc toa do va (V) co dlen tich bang 8. Xét tru:ong hop (x;y) 1a nghiém duy nhét cta hé ban dau,
tim tat ca cac diém M (x;y) ndm trén bién hodc mién trong ctia hinh vuéng (7).

5x+(m—2)y—m

Bai toan 66. Cho hé¢ phuong trinh { (I); m 14 tham s6 thue.

(m+3)x+(m+3)y:2m

1. Giai hé phuong trinh v&1 m=6.
2. Giai va bién luan h¢é phuong trinh da cho theo m.
3. Tim gi4 tri ctia m d€ hé phuong trinh da cho ¢6 nghiém (x;) théa man diéu kién

a) 3x2+4y:7x\/;.
b) 4x-3y< 2m +1

m+3

c) 3x+2y<2.

g 35t
y+1  3x

e) Diém M (x;y) ndm trén duong thang 2x—y=4.

f) Diém M (x;y) nam hoan toan phia dudi dudng thang y=2m .

g) Diém M (x;y) cach déu hai truc toa do.

x—my=0

=2.

Bai toan 67. Cho hé phuong trinh { (m 13 tham s6 thuc).

mx—y=m+1
1. Giai h¢ phuong trinh da cho véi m=35.
2. Trong truong hop hé co6 nghiém duy nhat (x;y), chimg minh rang diém M (x;y) ludn nam trén mot
duong thang cb dinh. Hay tim duong thang co dinh do.
3. Tim tit ca cc gia tri cua tham s6 m dé hé c6 nghiém duy nhét (x;y) sao cho
a) 4x—-y=35.
b) x—y=m.
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c) 5x*—y*+3x=8.
1 2 1
d)

2x+1 3y+1 7

e) Piém M (x;y) ndm trén dudng phan giac ciia goc phan tu tha I11 cia hé truc toa do.
f) Diém M (x;) cach déu hai truc toa do.

g) Piém M (x;y) cach déu hai dudng phéan giac ciia goc phan tu thir nhat va thu 11

h) 3x* —4xy+y*>=0.

i) Biéu thirc S =x*+4)*+9dat gia tri nho nhat.

j) Piém M (x;y) nam trén dudng cong y=16x"—1.

k) Biéu thirc P =x*—2x>—23x—y+12dat gia tri nho nhat.

1) Piém M (x;y) ciing véi hai diém 4 (2;5), B (3;7) 1ap thanh mot tam giéc.
m) Biéu thirc 0 =(y+ l)m nhan gia tri 16n nhat.

2x-5y-7=0
3mx+5y=4m

Bai toan 68. Cho hé¢ phuong trinh { (m 1a tham sd thuc).
Giai h¢ phuong trinh vé1 m=4.
Tim gia tri cua m dé hé phuong trinh c¢6 nghiém duy nhét (x;y) trong d6 x=4.
Giai va bi¢n luan hé phuong trinh da cho theo tham s6 m.
Véi gia tri nguyén ndo cta m thi hé da cho c6 nghiém duy nhét (x;y) trong d6 x va y déu 1a sb
nguyen.
5. Tim tat ca cc gia tri cia m dé hé phuong trinh da cho c6 nghiém duy nhét (x;y) théa man
m+5

el S

a) 4x-y=

b) 3x-5y>2.

¢) Diém M (x;y) ndm trén dudng thang y =2x+1.

d) Diém M (x;y) ndm trén dudng phan giac ctia goc phan tu thir nhit.
x> =7

e) DPiém M (x;y) ndm trén parabol y = 4

3 2

f) + =0,3.
2x+3y 3x+2y

g) x*—3x-2=5(y+1).
h) Biéu thirc 7 =(y” +4x—5)(4x—10y—15)nhan gi trj 16n nhat.
i) Biéu thirc S =x*—x*—5y+8dat gia tri nho nhat.
j) Khoang cach tir diém M (x;y) dén truc hoanh va truc tung c6 gia tri bang nhau.
6. Vi gia tri nao cua m thi hé da cho c6 nghi¢m duy nhat (x;y) sao cho hinh tron tdim O, ban kinh OM
c6 dién tich 16n nhat, trong do O 1a goc toa do va M (x;y).
mx—2y=2m+7,

Bai toan 69. Cho hé phuong trinh { (m 13 tham s thuc).

x+my=m+1.
1. Gii hé phuong trinh khi m :%.

2. Chimg minh rang hé phuong trinh d4 cho ludn c6 nghiém v&i moi gia tri ctia m. Tim hé thirc lién hé
gitra x va y doc 1ap voi tham so m.
3. Xac dinh tat ca céc gia tri m dé hé phuong trinh c6 nghiém duy nhat (x;y) thoa man
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a)
b)
c)
d)

e)
f)

2
Bai toan 70. Cho hé phuong trinh { g

4m* —1
xX+2y=
m+2
7
x2Ly<——.
Y=
2y+7+£:l=2.
x=2 1-y
On+1)x+(nr—2)y=11m2.
34
xX+3y=—
4 3

Biéu thic K =x+ ynhan gia tri 1én nhét, gia tri nho nhat (néu o).
+y=5

(m 1a tham s thuc).
2y—x=10m+5

1. Giai hé phuong trinh da cho trong truong hop m=-1.
2. @Giai va bién luan h¢ phuong trinh trén.
3. Tim m d¢ hé phuong trinh da cho c¢6 nghiém duy nhat (x;y) sao cho

a)
b)

c)
d)

k)

Bai toan 71. Cho hé phuong trinh {x

x=3.
x—mJ—m+§.
Sx-y=10.
L, y+2_19
x+2 x+3 12
x=5y<1.
Diém M (x;y) ndm trén dudng phéan giac ctia gbc phan tu thir 111

Diém M (x;y) nam trén duong cong (C):y=2x"+x.

Biéu thitc P =x>+2y+6nhan gia tri nho nhat.

Biéu thitc S =+/1-2x + \/m dat gia tri lon nhét, gia tri nho nhat.
f+y—2z2¢ﬁ:§.

Do dai doan thing OM béng\/m v6i M (x;p), O 1a gbe toa do.
+ay =2,

(I); v6i a 1a tham sd thuc.
ax—2y=1.

1. Giai h¢ phuong trinh trén véi a =-3.

2. Chimg minh rang vi moi a, hé (I) luén c¢6 nghiém duy nhat. Tim hé thic lién hé giita hai bién x va
y sao cho hé thtrc nay doc 1ap véi tham sd a.

3. Tim a dé hé phuong trinh (I) c6 nghiém duy nhat (x;y) thoa man diéu kién

16
3 -2
a) dx-y=—.
b) x>0;y>0.
¢) (a+l)x+(a-2)y=4d".
d)(l—a)x+(a+2)y=é%§%%.

e)
f)

Diém M (x;y) ném trong goc phan tu thu I1.
Diém M (x;y) nam hoan toan dudi tryc hoanh.

g) Diém M (x;y) cach déu hai truc toa do.
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h) Diém M (x;y) cach truc hoanh mét khoang bing %
i) (5x-3) +4x=2V5x—2+ay.
3 3
J) (2_Xj +(1+2yj =2,
y X
mx—y=>5,
2x+3my =17.

Bai toan 72. Cho hé phuong trinh { (I); v6i m 1a tham sd thuc.

1. Giai h¢ phuong trinh véi m =3 .
2. Ching minh rang v6i moi gia tri m, hé (I) luén c6 nghiém duy nhat. Tim hé thic lién hé giita hai
bién x va |y 820 cho hé thirc nay doc lap voi tham sb m. ‘

3. Tim m dé hé phuong trinh (I) c6 nghiém duy nhat (x;y) thoéa man diéu kién
a) x>0;y<0.
b) 3x=2y.

3Tm’ +4

3m* +2

d) (m+2)x+(Bm-1)y=12m".

e) (m—2)x=Bm+1)y—2m’.

f) Khoang cach tir diém M (x;y) dén truc hoanh va truc tung bang nhau.

3 3
g) (y+5j +(7_2xj ~16.
X 3y
h) Piém M (x;y) nam trén dudng phan giac ctia goc phan tu thir 111 trong mat phang toa do Oxy.

4. Tim gia tri nguyén cta m dé hé phuong trinh (I) c6 nghiém duy nhét (x;y) ma x va y déu 1a sd
nguyén.

C) 2x+y>

mx+y =3,

Bai toan 73. Cho h¢ phuong trinh { (I); v6i m 1a tham sd thuc.

4x+my=6.

1. Giai hé phuong trinh da cho v&i m=1.

2. @Giai va bién luan h¢ phuong trinh da cho theo tham s6 m.

3. Tim m dé hé phuong trinh da cho c6 v6 s6 nghiém.

4. Tim tat ca cac gi tri cia m dé hé (I) co nghiém duy nhét (x;y) thoa méan diéu kién

a) 3x-2y=4.

b) x>1,y<0.

c) 2x-3y>4.

d) s> -1
x+2 y+4 2

e) DPiém M (x;y) nam trén dudng phéan giac goc phan tu thu I1.

f) (m+4)x+(m+1)y=9m".

g) Diém M (x;y) va hai diém 4 (1;4), B (3;6) lap thanh mot tam giac.
h) (m-4)x+(1-m)y+3m*=0.

i) Diém M (x;y) ndm trén duong tron tim O, ban kinh R=+/5.

i) Biéu thirc S = 2x(99 1\ f1o1- 7 )dat gi4 tri 16n nhat, gi4 tri nho nhét.

k) Diém M (x;y) ndm trén hinh vudng () bi€u dién bsi phuong trinh [x]+[y|=
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5. Khi hé c6 nghiém duy nhit (x;y), goi H 1a hinh chiéu vuéng gbc cua diém M (x;y) trén truc hoanh,

%f

chimg minh rang sin MOH + cos MOH =

6. Tim gia trji nguyén ctia m dé hé phuong trinh (I) c6 nghiém duy nhat (x;y) ma x va y déu 1a sd
nguyeén.

Bai toan 74. Cho h¢ phuong trinh {

(m+4)x+n@n:2m—4, L P
(I); v61 m 1a tham s6 thyc.
mx—y=m"-2.

1. Giai h¢ phuong trinh da cho vé1 m=1.

2. Chimg minh rang hé ludn c6 nghiém duy nhét (x;») voi moi gia tri m. Khi d6, hiy tim mdi lién hé
giira hai bién x va y khong phu thudc vao m.

3. Tim m dé hé (I) co nghiém duy nhét (x;y) thoa mén diéu kién

a)
b)
c)
d)
e)

f)

g)
h)

D)
)
k)
D

Bai toan 75. Cho h¢ phuong trinh {mx

3x=5y="7.
3<x<5
-5<y<3
8x—y>4m—J§.
Piém M (x;y) cach déu hai truc toa dd.
1 2 1
+——=—.
x+3 y+8 2

Biéu thic P =2x?+3)* + xy+x+ ydat gid tri nho nhat.
Tich xy dat gia trj 16n nhat.
(2m+4)x+(m—4)y=9(m2—1y
Piém M (x;y) cung voi diém N (-4;0)va géc toa do O tao thanh tam giac OMN can tai M.
Do dai doan théng OM béng\/ﬁ voi M (x;p), O la géc toa do.
2 2
biém M (x;y) nam trén dudng elipse (E): XT +y7 =1.
Diém M (x;y) ndm trong long parabol (P):y=x".

+y=4,

(I); v6i m 1a tham sb thuec.
x—my=1.

1. Giai h¢ phuong trinh da cho voi m=1.

2. Chu:ng minh rang hé ludn c6 nghiém duy nhét (x;y) véi moi gia tri m.

3. Tén tai hay khong gia tri nguyén cua m dé hé co nghiém (x;y) trong d6 x va y déu 1a sé nguyén.
4. Tim m dé hé (I) c6 nghiém duy nhat (x;y) thoa man diéu kién

a)
b)
¢)
d)

e)
f)

g)

xX+y= )
4 m* +1
4x>y.

4x-5y =

Nlm

(m+1)x+(1-m)=5m".
Diém M (x;y) nam phia trén truc hoanh.

(m—l)x+(m+1):3\/;.

Diém M (x;y) ndm bén trai duong thang x = %

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN HOA PHUQNG PO; QUAN POAN TANG THIET GIAP



BAI TAP GIAI VA BIEN LUAN CAC LOAI HE CHUA THAM SO (QUYEN 1) 39

h) Biéu thitc P =x+4y dat gia tri 16n nhat.

i)

SR

i) Diém M (x;y) cach déu hai truc toa do.
k) Biéuthirc Q=x+6 ydat gia tri 1é6n nhit, gia tri nho nhét (neu co).

Bai toan 76. Cho hé phuong trinh {

2mx+3y =m, - \ 4
I (I); v&1 m 1a tham s6 thuc.
x+y=m+l.

1. Giai h¢ phuong trinh da cho khi m=4.

2. Tim m dé hé phuong trinh (I) c6 nghiém (x;y) trong d6 y=m—2.
3. Tim m d hé phuong trinh d3 cho c6 v6 s6 nghiém.

4. Tim m dé hé (I) c6 nghiém duy nhat (x;y) thoa man diéu kién

a)
b)
c)
d)

e)
f)
g)

h)
i)

)
k)

Bai toan 77. Cho hé phuong trinh {

Sx-2y=3.

4
m-3"
(2m+1)x+4y =3m’.

2x-=3y >
Y 2

(2m—-1)x+2y=m’.

Diém M (x:y) nam trén dudng phan gidc cta goc phan tur thi 1.
Diém M (x;y) nam hoan toan phia dudi truc hoanh.

Diém M (x;y) cach déu hai truc toa do.

3 3
3( 4 ]+x+y=5.

1-2x
1 1 4

—_—t
x y m+1
Diém M (x;y) cung vé6i hai diém P (1;3), O (2;5) tao thanh mot tam gic.

Duong thing OM vudng goc voi duong (d):y =3x+1, trong d6 M (x;), O 1a gdc toa do.
2x+3y =5,

(I); v6i m 1a tham s6 thuc.
(m+Ux+y=2

1. Giai hé phuong trinh (I) khi m=0,5.

2. Giai va bién luén hé (I) theo tham sd m.

3. Tim m dé hé c6 vo sd nghiém.

4. Tim tit ca cac gia tri ciia m dé hé (I) c6 nghiém duy nhat (x;) thoa min

a)
b)

c)
d)

e) —

f)

g)
h)

4x-5y=6.
3x—y>4.

x+10y < .
Y 3m+1

1 X _E
x+2 3y+8 33
11 4

+— .
x 6y 10-3x
x<2;y>1.
Diém M (x;y) ¢6 hoanh do bang 12.
biém M (x;y) c6 tung 6 16n hon 5.
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i) Diém M (x;y) va diém N (2;3) cach déu truc tung.
j) Diém M (x;y) ndm trén duong thang (A):y=-x+4.

k) Piém M (x;y) ndm trén phia bén trén truc hoanh.
1) Diém M (x;y) cach déu hai truc toa do.

m) Piém M (x;y) ndm trén bién cua hinh vuong (V), trong d6 (V) co6 hai duong cheo nam trén
hai truc toa dd va (V) co di¢n tich bang 2.

Bai toan 78. Cho hé phuong trinh {

el NS

dinh.

5. Tim gié tri caa tham sb m dé hé (I) ¢ nghiém duy nhét (x;y) thoa man diéu kién

a)
b)

c)

d)

e)

f)

g)
h)
i)
j)
k)
)

Bai toan 79. Cho h¢ phuong trinh {

mx+y=1, . \ %
Y (I); voi m 1a tham so thuec.
4x+my=2.

Giai h¢ phuong trinh (I) khi m=2.
Giai va bién luan hé (I) theo tham s m.
Tim m dé hé (I) c6 s6 nghiém theo thir ty: V6 nghiém; Vo sé nghiém; C6 nghiém duy nhat.

Khi hé (I) c6 nghiém duy nhat (x;y), ching minh rang diém M (x;y) luén thudc mot duong thang cd

S5x=3y="7.
2x—-y>5.
m+10
m+2
L, 2
x+4 y+5 35
x> +3xy+5y° _m+5

24y 17
(m+4)x+(m+l)y=3\/g.
Diém M (x;p) thudc duong thang (d):x—y=1.
Diém M (x;y) thudc parabol (P) : y=x>.
Diém M (x;y) nam phia bén trai truc tung.
biém M (x;y) cach déu hai truc toa do.
Diém M (x;y) thudc dudng cong x* +8y =17 .

S5x+2my =

Biéu thirc S =x? +2)* +4x+6y+8dat gia trj nho nhat.
2mx+y =1,
mx+(1—3m)y=—1.

1. Giai h¢ phuong trinh v61 m=4. ’
2. Giai va bién luan hé phuong trinh (I) theo tham so m.
3. Tim m dé hé (I) c6 nghiém duy nhat théa man h¢ thac

a)
b)
c)
d)

e)
f)

x+2y=$.

xX+y= i
5
3mx+(2—3m)y =m’—5m.
mx =2x"—3my.
Diém M (x;y) ndm trén dudng thang (A): y = 4x.
Diém M (x;y) nam phia bén phai tryc tung.

(I); v&1 m 1a tham sb thuc.
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) Diém M (x;y) c6 tung d6 16n hon 4.
h) DPiém M (x;y) cing v6i hai diém 4 (2;5), B (4;10) tao thanh ba diém thang hang.
i) Diém M (x;y) c6 hoanh d6 16n hon 0,2.
j) Diém M (x;y) cach déu hai truc toa do.

1-yY 1Y
k)( —yj_%:y+ j =m.
2x 3y—x

mx+y=2m,

Bai toan 80. Cho h¢ phuong trinh { (I); v6i m 1a tham s6 thuc.

x+my=m+1.
1. Giai hé phuong trinh da cho véi m = 4.
2. Giai va bién luan h¢ (I) theo tham so6 m.
3. Chting minh hé (I) luon c6 nghiém duy nhét (x;¥) voéi moi gia tri cua m, dong thoi diém M (x;0) nam
trén mot ducrng thang ¢b dinh. )
4. Tim m dé hé phuong trinh (I) c6 nghiém duy nhét (x;y) thoa man
a) 6x—y=35.
b) 4x-3y>2.
o) {x >4
y<3
4<x<7
{5 <y<6
e) 1 + 1__4
x y 2x-1
1 2 9
D et T e
g) Diém M (x;y) ndm trén dudng thing (d):y =3x+4.

d)

h) Diém M (x;y) ndm trén duong cong (C):y=x"-5x" 1.
i) Biéuthic P=(x—y+ 3)2 +x? +y* + xnhan gia tri nho nhat.
j) Diém M (x;p) co tong khoang cach dén hai truc toa do dat gia tri nho nhat.
k) Piém M (x;y) nam trén dudng tron (C) tim O, ban kinh bang 1.
2
y-o 73

1) Diém M (x;y) ndm trén dudng cong (E): x* e

5. Tbn tai hay khong cac gi tri m dé hé da cho c6 nghiém duy nhat (x;y) thoa méin bat dang thirc

1/2()62+yz)+\/§x2+x£y+|x+y|.

6. Ton tai hay khong cac gid tri m dé hé da cho c6 nghiém duy nhat (x;y) thoa méin bat dang thirc

4 14
( Y j+ T S3mt 41,
2—x -y

x—my=2—4m,

Bai toan 81. Cho h¢ phuong trinh { (I); v6i m 1a tham sd thuc.

mx+y=3m+1.

1. Giai hé phuong trinh da cho vé1 m=4.

2. Chung minh réng h¢ phuong trinh (I) uén c¢6 nghiém duy nhat (x;y) véi moi gia tri ciia m, dong thoi
diém M (x;y) nam trong goc phan tu thir nhat cia mat phang toa do.

3. Tim tit ca cac gia tri cua m dé hé (I) c6 nghiém duy nhét (x;y) théa mén
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a) x+y=4.

b) 3x+y=6.

¢) Biém M (x;y) ¢6 hoanh d¢ 16n hon 1. 7 7

d) biém M (x;y) va goc toa dd cung nam trong nira mat phang, bo la duong thang y=3.
e) Biéu thirc S =x+ ydat gia tri 16n nhat, gia tri nh6 nhat (néu co).

f) Diém M (x;y) nam trén dudng thang x+2y=7.

o (2] (1) 2

Bai toan 82. Mo rong va phat trién cau 3; Pé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho tat ca cac
thi sinh du thi); D€ thi chinh thic; Truong THPT Chuyén Vinh Phuc; Thanh ph6é Vinh Yén; Tinh Vinh
Phtic; Nam hoc 2016 —2017.

Cho h¢ phuong trinh {

1.

m+l)x—2y=-1, .. . A,
( ) 4 (I); v&1 m 1a tham s6 thyc.
x+my =35.

Giai h¢ phuong trinh da cho voi m=2.

2. Giaiva Qién luan hé da cho theo th,am s6 m.
3. Tim m dé hé (I) c6 nghiém duy nhat (x;y) théa man

Bai toan 83. Cho hé¢ phuong trinh {

el NS

a) x+ _20
Y 3
b) 3x—-y>4.

c) Diff:m M (x;y) c6 hoanh d6 nho hon 2,25.
d) Bicu thirc 5x+ y dat gid tri 16n nhat.
e) (m+2)x+(m—-2)y>4m’.
1 1 4
—+—= .
2x 3y 2x+3y
g) Piém M (x;y) ndm trong goc phan tu thi I cia mat phang toa do.

h) mx=(m+2)y-6Jm-1.

i) Diém M (x;y) va diém N (1;0) ndm trong mot ntra mat phang c6 b 1a duong thiang y = %

) (2yx—1_1]3 20 >2(+2+1).

y

mx+2y=m+l, . \ J
Y (); v&i m 1a tham so6 thyc.
2x+my =3.

Giai h¢ phuong trinh da cho voi1 m=4.

Giai va bién luan h¢ da cho theo tham s6 m.

Tim sb nguyén m dé hé (I) c6 nghiém duy nhét (x;) trong d6 x va y déu 1a s nguyén.

Khi hé (I) c6 nghiém duy nhat (x;y), chitng minh rang diém M (x;y) ludn ndm trén mot dudng thang
¢ dinh v&i moi gia tri cua m.

Tim tat ca cac gia tri cua m dé hé (I) c6 nghiém duy nhét (x;y) théa mén

a) 10x-3y=5.
1

b) 7x-2y>—.
) y>-

¢) Diém M (x;y) nam trén dudng thang (d): 3x+4y = %
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1 1 1
d) —+—= :
x y 2x-1
e) Diém M (x;y) ndm trong nira mit phang phia trén, bo 1a dudng thang y = x.
f) Biéu thirc S = x? + y*dat gi tri nho nhat.
2

g) Diém M (x;y) ndm trén parabol (P):y=-2x".
h) Biéu thitc P=~/x*—2x+5+1/y? —2y+5 dat gi4 trj nho nhét.

i) Diém M (x;y) thudc dudng cong (C):y= %—1.
X
j) Diém M (x;y) cach déu hai truc toa do.

5
k) (1—2)/] +3—2x 29
x—1 y

x+my =1,

Bai toan 84. Cho hé phuong trinh { (I); v6i m 1a tham s6 thuc.

mx—3my =2m+3.

1. Giai h¢ phuong trinh dé cho voi m=4.

2. Giai va bién luan hé da cho theo tham so6 m.

3. Tim s6 nguyén m d€ h¢ (I) c6 nghiém duy nhat (x;y) trong d6 x va y déu 1a s6 nguyén.
4. Xac dinh gia tri cua tham s6 m d€ hé (I) c6 nghiém duy nhat (x;y) théa man

a) 9x—5y=38.

2

b) x+3y=—.

m

c) l+i=7.
Xy

d) Diém M (x;y) ndm trén dudng thing 2x—y =5m.
¢) Diém M (x;y) nam phia dudi tryc hoanh. ‘
f) Tong khoang céach tir diém M (x;y) dén hai truc toa d bang 4.

3
g) Kl_xj — w2
y x=3y-2
h) Piém M (x;y) ndm trén dudng tron tim O (0;0), ban kinh bang 5.
xX+my=2,

Bai toan 85. Cho hé phuong trinh { (I); v6i m 1a tham sd thuc.

x=2y=1.
1. Giai h¢ phuong trinh da cho v6i m=4.
2. Giai va bién luan hé da qho theo tham so m. ’
3. Xaéc dinh gia tri cua m d€ hé c6 nghiém duy nhat (x;y) thoa man
a) 3x—y=4.
b) x*+y*=29.
c) ¥ +x+2y=9.
d) x>y+2.
e) Diém M (x;y) nam trén duong thang 3x+2y=5.
X’ =3x+2y+4

(1)

dat gia tri nh6 nhat.

f) Biéu thic S =

g) l+ ! =1.
x 3-2y
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h) Biéu thitc P =3x*—16x* —40y +51nhan gia tri nho nhat.
i) Diém M (x;y) ndm trén dudng phéan giac cua goc phan tu thir nhat ciia mat phang toa do.
j) Diém M (x;y) cuing véi hai diém 4 (1;3), B (2;7) tao thanh mot tam giéc.
k) Biem M (xy) cich déu hai diém C (5;0) va D (7:0).
1) Diém M (x;y) chia trong doan thang PQ theo ty s6 1:2, trong do P (10;1) va Q (0;3).
m) Diém M (x;y) co tong khoang cach dén hai truc toa do dat gia tri nho nhat.
4. Tim s6 nguyén duong m dé hé (I) c6 nghiém duy nhat (x;y) trong d6 x va y déu 1a sé thuc duong.

mx+3y=m+35,

Bai toan 86. Cho h¢ phuong trinh { (I); v6i m 1a tham sd thuc.

3x+my=3m-1.
Giai hé phuong trinh da cho vé1 m=2.
Tim gia tri cua m dé hé (I) c6 nghiém x=-3;y=—1.
Giai va bién luan hé da cho theo tham sd m.
Tim gia tri nguyén cta m dé hé ¢ nghiém (x;y), trong do x va y déu 1a cac sd nguyén.
Xac dinh gia tri cua m dé hé (I) c6 nghiém duy nhét (x;y) thoa man
a) xvaydéu lasd am.
b) x+y>9m-5.

Nk

c) 6x—y=5.
d) DPiém M (x;y) nam trén duong thang d : y—3x=4.
e) l+l_ x+y

Xy X2 +10x-2m

f) Diém M (x;y) ndm trong khoang giira hai duong thang x =2;x =4.

g) Diém M (x;y) ndm trén dudng tron tam 7 (1;2), ban kinh bang 2.
x23

h) {
y=2

i) Diém M (x;y) nam hoan toan phia trén truc hoanh.

j) Biéu thitc D =xy—1dat gia tri 10n nhat.

k) |y’ -x|=8

1) Diém M (x;y) 1a tAm d6i xtng ctia hai diém 4 (6;1) va B (2;3).

m) Biéu thirc S = {L‘z dat gi tri 16n nhét, gia tri nh6 nhat (néu co).
X +x+

X+ :2m+1, , . . X
Y (I); véi m 1a tham so thuc.
2x—-y=m-1.

Bai toan 87. Cho h¢ phuong trinh {
1. Giai h¢ phuong trinh dé cho voi m=2.
2. Ching minh rang hé (I) uén c6 nghiém duy nhat (x;y) vOi moi gia tri m, dong thoi diém M (x;p)
luén nam trén mot duong thang c6 dinh khi m thay d6i. Tim dudng thang do.
3. Xac dinh gia tri ctia m dé hé (I) c6 nghiém duy nhét (x;y) thoa man
a) x+y=I11.
by 242t
x+1  x

c) Jx + \/; =

d) 5x—4y>2m.

e) DPiém M (x;y) va hai diém 4 (1;5), B (3;7) thang hang.
f) Biéu thitc S =x*+2y—8dat gia tri nho nhét.

=6.
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1 2

+ <l1.
x+2 y+3

h) Piém M (x;y) 1a tim ddi xtng cta hai diém C (4;0) va D (0;6).

1) J3y+3=2x-1.

j) Diém M (x;y) nam hoan toan phia trén dudng thang y = 23 -1.

k) Diém M (x;y) di dong trén dudng tron tim O, ban kinh R =+/13.

x+my=1,

Bai toan 88. Cho h¢ phuong trinh { (I); v6i m 1a tham sd thuc.

mx—y=-—m.

1. Giai h¢ phuong trinh da cho vo1 m=2.

2. Tim gia tri ctia m dé hé (I) c6 nghiém x=0;y=1.

3. Chung minh rang hé (I) ludn c6 nghiém duy nhat (x;y) v6i moi gia tri cia m. Tim biéu thtrc lién hé
giira hai bién x va y doc lap véi tham sé m.

4. Xac dinh m dé hé (I) co nghiém duy nhat (x;y) thoa méin

a) x<ljy>I.

b) 4x+y=1.

c) x+3y=9nz_2.
m”+1

d) Piém M (x;y) ¢6 tung d6 16n hon 1.
e) biém M (x;y) cung véi hai diem A4 (2;4) va B (4;8) tao thanh mot tam giac.

f) x+6y<——r.
2 m + 1 N 1 r 2

g) Dbiém M (x;y) nam trong goc phan tu thir nhat cua mat phang toa do Oxy.

h) Bi€u thitc S =x+ y dat gia tri 16n nhat, gia tr1 nho nhat (néu co).

1-xY (y+1Y
i) [ij J{y—j <16.
y x+1

j) Diém M (x;y) chia trong doan thang ON theo ty s6 1:1, trong d6 N (2;0) va O 1a gbc toa do.

2y = 1 .
Bai toan 89. Cho hé phuong trinh {mer y=med (I); v6i m 1a tham so thuc.

2x+my =3.

1. Giai h¢ phuong trinh da cho véi m=-2.
2. Tim m dé hé (I) c6 nghiém x=0;y =-1.
3. Giai va bién luan hé (I) theo m.
4. Khi hé (I) nghiém duy nhét (x;y), tim biéu thirc lién hé giira x va y doc lap voi m.
5. Xac dinh m dé hé (I) c6 nghiém duy nhét (x;y) thoéa mén

a) 1lx-2y=6.

b) 6x—y>2.

¢) Diém M (x;y) thudc dudng phan giac ctia goc phan tu I1I (trong mit phang toa do).

d) x>0,y>0.

2
e) x+5y< m+8 .
m+2
) R

x+1 y+5 - 12
g) Biéuthic 0 =(x-y+2)" +2x*+3y” +4dat gia tri nho nhét.
h) DPiém M (x;y) cing v6i hai diém 4 (1;4) va B (2;5) tao thanh mot tam gic.
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Bai toan 90. Cho hé¢ phuong trinh {

b=

Bai toan 91. Cho h¢ phuong trinh {

1.
. Tim m dé hé (I) c6 nghiém x=0;y=—1.

i) Diém M (x;y) ndm trong goc phan tu thir nhat cia mat phang toa do.

j) Piém M (x;y) nam trén dudng cong y = x> —4x—1.

k) Piém M (x;y) cach gbc toa d6 mot khoang d = J41.

1) Tam giac MNP la tam gidc can tai M, trong d6 N (5;0), P (7;2) va M c6 toa do (x;)).
mactdy=m+2, (I); voi m 1a tham sé thuyc.

X+my=m.

Giai h¢ phuong trinh da cho vé1 m=-2.

Tim m dé hé (I) c6 nghiém (x;y), trong d6 x thoa méin x* +x=10.

Giai va bién luan hé (I) theo m.

Khi hé (I) nghiém duy nhét (x;y), chimg minh rang diém M (x;y) luén nam trén mot dudng thiang cd
dinh, tim phuong trinh dudng thang do.

Xéc dinh m dé hé (I) c6 nghiém duy nhat (x;y) thoa méin

a) 4x+2y=11.
b) 5x-7y<6.
1 7 23
c) —+—=—.
x y 6
>4
d) {x
y=5

e) Diém M (x;y) nam trén tia Ox (khong tinh gbc O).
f) Diém M (x;y) thudc duong thang x+2y=7.
g) Diém M (x;y) va gbc O cuing nam trong nira mit phang c6 bo 1a duong thang (A):x—y=5.
h) Biéu thirc S =4x>+ y* +xy—7dat gia tri nho nhat, tim gia tri nho nhat ay.
2

i) Diém M (x;y) nim trén parabol y = % .
j) Diém M (x;y) cung véi hai diém N (6;0) va P (8:;4) lap thanh tam giac MNP can tai M.
k) Piém M (x;y) ndm trén duong tron tim O, ban kinh R =2+/5.

- = 05 7, \ A
o (I); v61 m 1a tham s6 thyc.
mx—y=m+l.

Giai h¢ phuong trinh da cho vé1 m=-2.

Giai va bién luan hé (I) theo m. Tim h¢ thuc doc 1ap gitra x va y doc 1ap voi m (trong truong hop hé
(I) ¢6 nghiém duy nhat.
Tim gi4 tri nguyén ctia m dé hé (I) c6 nghiém duy nhat (x;») ma x va y déu 1a sd nguyén.
Xéc dinh m dé hé (I) c6 nghiém duy nhat (x;y) thoa man
a) 3x-T7y=-2.
b) 5x—y>1.
1 3 4x -1
) —+——=——.
x y+2 8 —x
d) Diém M (x;y) c6 tung d6 thudc khoang (1;3).
e) Diém M (x;y) ndm trén dudng thing (A):2x+y=5.

f) Diém M (x;y) ndm trén parabol (P):y=x7.
g) Diém M (x;y) va hai diém B (2;4), C (5;10) hop thanh ba diém thang hang.
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h) Biéu thirc B = x> —5xy+12y’nhan gia tri nho nhat.
i) Piém M (x;y) ndm trén duong tron tdm O (0;0), ban kinh R =+/5.

)

(x—2) =5p+1.

k) DPiém M (x;y) cing v6i hai diém D (3;0) va E (5;0) hop thanh tam giac MDE can tai M.

Bai toan 92. Cho h¢ phuong trinh {

xX+2y=2m, . . A
, (I); v61 m 1a tham so thuc.
2x+3y=Tm" =3m.

1. Giai h¢ phuong trinh da cho vo1 m=-2.

2. Tim gié tri cia tham s6 m dé hé c6 nghiém (x;y) trong d6 x=2;y=0.

3. Chung minh rang hé (I) ludn c6 nghiém duy nhat (x;y) v6i moi gia tri ciia m. Tim hé thirc lién hé
giita x va y doc 1ap v6i tham s m.

4. Tim gié tri ctia m dé hé (I) c6 nghiém duy nhat (x;y) thoéa méin

a)
b)

Bai toan 93. Cho hé phuong trinh {

Sx+y=10.
x22

{ySO

3x+7y=9m.

Diém M (x;y) ¢6 hoanh d9 thudc khoang (0;2).

Biéu thue S =x+y+10 dat gia tri nhd nhat.

Biéu thic P=x— y + 7 dat gia tri nhd nhat.

Diém M (x;y) nam trén dudng phan giac goc phan tu thi nhat cia mat phang toa do.
7(x+2y) —1dx—24y =m3-1.

Diém M (x;y) cung v6i hai diém 4 (5;5), B (— 4;— 4) 1ap thanh mot tam giac khong suy bién.
4x—-y =2,

(I); m 14 tham s6 thyc.
X+ (m + l)y =1.

1. Giai h¢ phuong trinh (I) véi m=5.
2. Tim tat ca cac gia tri m dé (I) co nghiém duy nhat (x;y) théa mén

a)
b)
c)
d)

e)

f)

g)
h)

i)
h)
k)
D

x=5.
x+3y=4.
9x* +y* =13.
X +x+y=8.
X 17
xi2+y+2:?'

Diém M (x;y) ndm phia trén truc hoanh.

biém M (x;y) c6 tung do 16n hon 5.

Diém M (x;y) nam trén duong cong parabol (C):y=-x*-6.

Khoang cach tir diém M (x;y) dén truc hoanh bing 10 1an khoang cach tir diém M (x;y) dén
truc tung.

Biéu thirc S = x(5x+1)—y* dat gia tri 16n nhét.

Diém M (x;y) 1 tam d0i xtmg ciia hai diém A (4;0) va B (- 2:4).

Diém M (x;y) cung vé6i hai diém C (- 1;0) va D (5;0) hop thanh tam giac MCD can tai M.

3. Tim tat ca cac gia tri ctia m dé hé co nghiém duy nhét (x;y) sao cho diém M (x;y) nam trén dudng
tron tam O, ban kinh R = 2410
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2x+ay =35,

Bai toan 94. Cho hé phuong trinh { (I); a 1a tham sd thuc.

ax+2y=2a+1.

1. Giai h¢ phuong trinh (I) v6i a=3.

2. Giai va bién luan h¢ (I) theo tham s6 a.

3. Tim tat ca cac gia tri a d€ hé (I) c6 nghiém duy nhat (x;y) théa man

a) 3x+2y="7.

b) 2x>y.

C) x+2y= .
) 4 a+2
d) l+§= 6x—2

X y x*—19x+1"
e) Diém M (x;y) ¢ tung d6 thudc khoang (2;5).
f) Diém M (x;y) ndm trén truc tung.
g) Biéu thirc S =x* +4x*> —12y+21dat gia tri nho nhat.
h) Piém M (x;y) ndm trén duong phan giac goc phan tu thtr 11 ctia mat phang toa do.
i) Diém M (x;y) ciing v6i hai diém 4 (2;5), B (3;7) lap thanh ba diém thiang hang.
j) Diém M (x;y) chia trong doan thang PQ theo ty s6 2:3 vo1 P (1;—3)va Q (6;7).
k) Piém M (x;y) nam trén truc d6i xtmg d cta doan thang CD véi C (1; :2), D (7:8).
4. Tim gia tri nguyén cua a dé hé (I) c6 nghiém duy nhét (x;) sao cho x va y déu 1a s nguyén.

—y=2m,

Bai toan 95. Cho h¢ phuong trinh { (I); m 14 tham s6 thye.

x—my=1+m.
1. Giai hé (I) véi m=6.
2. Guai va bién luén h¢ phuong trinh (I) theo m.
3. Chimg minh rang khi m = -1, h¢ phuong trinh (I) c6 nghiém duy nhit (x;y) dong thoi diem M (x;y)
va dlem N (2;0) ndm trong cung mot nira mat phang c6 b 1a duong phan giac goc phan tu thi I1.
4. Tim tit ca cac gia tri ciia m dé hé (I) c6 nghiém duy nhat (x;») thoa min
a) 3x—y=5.

b)2x+y>—£—.

m+1

>6

c) x
y<-7

d) L+i+g=0.
x+1 y+1 4

e) Diém M (x;y) ndm trén dudng thing (d):y=3x+5.

f) Diém M (x;y) ndm trén duong cong (C):y=1-5x-x.

g) DPiém M (x;y) nam trong goc phan tu thtr II cia mit phang toa do.

h) DPiém M (x;y) 1a tam d6i xtmg cta hai diém 4 (4;2) va B (— 1;- 3).

i) Diém M (x;y) c6 tong khoang cach dén hai truc toa d6 dat gi tri nho nhat.
j) x vayla cac nghiém ciia phuong trinh bac hai an #: * —r+5m=0.

x+a+z=1,

2

k) x1a s6 16n nhat thda man h¢ thic o
X" +2a +3z" =4.

4x* -3y +4

2

dat gia tri 16n nhat, gia tri nho nhat (néu co).
X +3y-2

1) Biéu thic S =
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Bai toan 96. Cho h¢ phuong trinh {

(m—l)x+y=m, ,
(I); m 1a tham so6 thyc.
x+(m—1)y =2.

1. Giaihé (I) véi m=-2.
2. Gidi va bién luan hé phuong trinh (I) theo m. )
3. Tim tat ca cac gia tri cua m d€ hé (I) c6 nghiém duy nhat (x;y) thoa man

a)
b)

c)

5x-9y=8.

2x* —=7y=1.

1 2 7

—==—.

x y 10

2x” —5xy+2y° =0.

Diém M (x;y) nam trén parabol y=5x*>—43.

Biéu thitc S = x? + y* + 6x+2 nhan gia tri nho nhat.

Diém M (x;p) va hai diém 4 (2;5), B (3;7) lap thanh mot tam giac khong suy bién.
Do dai doan thang OM bang 5, v6i M (x;y) va O la goc toa do.

Dif}m M (x;y) chia trong doan thang OH theo ti 1¢ 1:2 v61 O 1a goc toa do va H (3;6).
biém M (x;y) va hai diém C (- 5 ;0), D (— 1 ;4) hop thanh tam gidc MCD can tai M.

4. Ching minh ri}ng khi m khac 0, hé (I) c6 nghiém duy nhat (x;y), trong d6 diém M (x;y) thuéc mot
duong thang co dinh. 9 ’
5. Tim tat ca cac gia tri nguyén cua m dé hé phuong trinh da cho c6 nghiém duy nhat (x;y) sao cho

biéu thic P =

Bai toan 97. Cho h¢ phuong trinh {

2x-3y

nhan gia tri 1a mot s6 nguyén.

xX+y

3x-2y=m, \ A
d (I); m 1a tham so6 thyc.

x+my=2m-1.

1. Giaihé (I) véi m=-2.
2. Giai V;‘l bi¢én luan h¢ (I) theo m. )
3. Tim tat ca cac gia tri cua m dé hé (I) c6 nghiém duy nhat (x;y) thoa man

a)
b)
c)
d)

e)
f)
g)

h)
i)
)
k)
D

Sx+y=14,4.
46y = m+9
3m+2

x> =3xy+2y° =0.

X —m+3=2y+/4x-3.

Piém M (2;) ¢6 hoanh do 16n hon 0,8; tung do nhé hon 0,4.

Diém M (x;y) nam trén dudng phéan giac goc phan tu thir IV ctia mat phang toa do.
Do dai doan théng OM ngén nhét, v&i M (x;y)vaOla géc toa do.

4x+(m—2)y=\/9m2—5m.
S5m-3

Diém M (x;y) nam phia trén dudng thang d: y = —

5(3x—2y)3+;+1

>6.

Diém M (x;y) cing v6i hai diém 4 (1;2), B (5;10) hop thanh mot tam giac khong suy bién.
2x—(m+2)y=1-m.

4. Tim tat ca cac gia tri nguyén ciia m dé hé phuong trinh dd cho ¢ nghiém duy nhat (x;y) trong do6 x
va y déu la cac s6 nguyén.
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Bai toan 98. Cho h¢ phuong trinh {

1.

mx—2y=3, . z
Y (I); m 1a tham so thuc.
3x+my=4.

Giai hé phuong trinh (I) vo1 m=-2.

2. Giai va bién luan hé phuong trinh (I) theo tham s6 m. Chimg minh rang hé (I) c6 nghiém duy nhét

(x;¥) v&1 moi gia tri cia m.
Tim tat ca cac gia tri cua m dé h¢ (I) c6 nghiém duy nhat (x;y) théa man

17
a) 2x+y—7a
4m
b)3x_y_nf+6'
c) |x|:|y—3|.

d) Diém M (x:y) c6 hoanh d 16n hon % .

e) Khoang cach tir diém M (x;y) dén truc hoanh gip 5 1an khoang cach tir diém M (x;y) dén truc
tung.
f) Diém M (x;y) ndm trong goc phan tu thir nhat cia mit phing toa do.
6
+y>—.
g x+y>
h) (m+3)x+(m-2)y="7m’.
i) Diém M (x;y) va hai diém 4 (2;4), B (3;6) 1ap thanh mot tam giac khong suy bién.
i) (m=3)x—(m+2)y=6m>~Tm.

Bai toan 99. M6 rong va phat trién cau 2; Dé thi tuyén sinh 16p 10 THPT; Mon Toan (Danh cho tit ca cac
thi sinh du thi); Tru,(‘mg THPT Chuyén Pai hoc Su pham Ha Noi; Pai hoc Su pham Ha Noi; Quéan Xuan
Thuy; Quan Cau Giay; Thu d6 Ha Noi; Nam hoc 2015 — 2016; Ngay thi 02.06.2015.

Cho hé phuong trinh {

l.
2.

- =2-4 s \ A
e " (I); m 1a tham so thye.
mx+y=3m+1.

Giai hé (I) v6i m=2.
Chimg minh rang hé (I) c6 nghiém duy nhat (x;y) véi moi gia tri cua m. Gia sir (x,;y,)1a mot

nghiém cua hé.

a) Chimng minh dang thirc x7 + 37 —5(x, +,)+10=0.
b) Diém M (x,;,)ndm trong gbc phan tu thit nhét ciia mit phang toa do.

Tim tat ca cac gia tri ctia tham sd m dé hé c6 nghiém duy nhat (x;y) sao cho

a) x>y.

9—m
b) x+4y=——.
m-+1

Sm+7
C) X+y>——.
m”+1
d) |x - y| =2.
e) Diém M (x;y) ¢6 hoanh d nho hon 1.
f) Bi@m M (x;y) cach déuqhai truc toa do. )
g) Dbiém M (x;y) va hai diém 4 (2;8), B (3;12) lap thanh mdt tam giac khong suy bién.

v (5)(3)
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mx—y=-m

Bai toan 100. Cho hé phuong trinh { (m 13 tham sb thuc).

(l—mz)x+2my =1+m’
1. Giai hé phuong trinh da cho véi m=-4.
2. Chung to h¢ phuong trinh da cho c6 nghiém v6i moi gia tri cua m.
3. Tim tit ca cc gia tri cia m dé hé co nghiém duy nhét (x;y) théa mén diéu kién

a) x+3y= m=> .
m* +1
b) 2x-5y>
m*+1
19
C) Sx—y=——
) y=-=

d) Diém M (x;y) c6 hoanh d¢ 16n hon — 1,5.

e) Diém M (x;y) cach déu hai truc toa do.

f) Diém M (x;y) ndm trong cung phan tht III ctia mat phang toa do Oxy.
g) Biéu thitc P = x+ ynhan gia tri nho nhat, gia tri 1on nhat (néu c6).

h) (1+m—m )x+(2m—l)y =5m* —4m+1.
1) (m2 +m—1)x—(2m+l)y =6m’ —Tm—1.
j) Piém M (x;y) cting véi hai diém 4 (1;1), B (4;4) 1ap thanh mot tam giac khong suy bién.
mx +my = =3,
(1 - m) x+y=0.
1. Giai h¢ phuong trinh da cho v6i m=2.
2. Giai V;‘l bién luan h¢ (I) theo tham sO m. ) .
3. Tim tat ca cac gia tri cua m d€ hé (I) c6 nghiém duy nhat (x;y) thoa man dicu kién
a) 4x+3y=12.
b) x<0;y<0.

Bai toan 101. Cho hé phuong trinh { (I); v6i m 1a tham sd thuc.

c) x+y:iz—1.
m
d) 3x—2y>—%.

e) Piém M (x;y) c6 tung d6 16n hon % :

f) Biém M (x;y) nam vé bén phai ctia duong thang x=4.

g) Biéu thirc F =x+2y+1dat gid tri 16n nhat.

h) Biéu thirc 7 =2x— ydat gia tri nho nhat.

i) Diém M (x;y) cach déu hai truc toa do.

) x+(m+1)y==-3m".

k) (2m—-1)x+(m—-1)x=-3m’.

1) Diém M (x;y) cing v6i hai diém 4 (1;5), B (2;10) lap thanh ba diém thang hang.

m) —+—=
x y Sm-=2
2
) 18 : ( _Xj — 3
x+y) X
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x+my =1,

Bai toan 102. Cho hé phuong trinh { (I); v6i m 1a tham sd thuc.

2mx+m(m—1)y =3.
1. Giai h¢ phuong trinh da cho vo1 m=2.
2. Giai va bién luan hé phwong trinh (I) theo tham sé m.
3. Tim gia tri cua tham sé m dé hé (I) c6 nghiém duy nhat (x;y) thoa man
a) x>0,y>0.
Sm* —22m+3
6m '
¢) Piém M (x;y) c6 hoanh d6 nhé hon 5.
d) Piém M (x;y) c6 tung d 16n hon — 0,5.
e) (2m+1)x+m’y=2m".

f) (2m—1)x+m(m—2)y:2\/z.

) m(m—l)y+1_—x:3.
Y

b) 5x+y=

h) Piém M (x;y) cach déu hai truc toa do.

2x+y=3m,

Bai toan 103. Cho hé phuong trinh { (I); v6i m 1a tham s6 thuec.

mx—(m+1)y=2m+2.
1. Giai hé phuong trinh da cho vé1 m=4. ’
2. Giai va bién luén hé phuong trinh (I) theo tham s6 m. . 9 i
3. Chang minh hé (I) uén c6 nghiém duy nhat (x;y) v6i moi gia tri cua m, dong thoi di€m M (x;y) nam
trén mot duong thang c6 dinh. )
4. Tim tat ca cac gia tri cia m d€ h¢ (I) c6 nghi€ém duy nhat (x;y) thoa man
a) x>0,y>0.
b) x=5y.
c) 5x-3y=7.
d) 6x—y>+3.
5 3 64
e) —+——=—1.
x y+5 33
f) Biéu thitc S = xy nhan gia tri nho nhét.
g) Diém M (x;y) ndm trén trén parabol (P):y=x".
h) x*—7x+2y+11=+/6x-5.
i) Diém M (x;y) nam trén duong thang d:5x—3y=6+2/3.
1) Diém M (x;y) nam trén duong phan giac cua goc phan tu thtr I (trong mit phang toa do).
k) biém M (x;y) cach déu hai truc toa do.
1) Diém M (x;y) nam trén duong tron tim O, ban kinh R=+/17 .
m) Diém M (x;y) cing v6i hai diém 4 (1;5), B (3;15) lap thanh ba diém thang hang.
n) Biéu thte T =+/x’—4x+5 +\/y2 —12y+40 dat gi tri nho nhat.

mx+y=2m"—3m,

Bai toan 104. Cho hé phuong trinh { (I); m 1a tham s6 thuc.

x+2y=2m’*—5m.
1. Giaihé (I) véi m=-2.
2. Giai va bién luan h¢ (I) theo m.
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3. Tim tat ca cac gia tri ciia m dé hé (I) c6 nghiém duy nhét (x;y) thoa man

Bai toan 104. Cho hé phuong trinh {

1.

Bai toan 105. Cho h¢ phuong trinh {
1.
3.

4.

a)
b)

9)
d)
€)
f)
g)
h)
i)
),
k)

D

X+y=8m.

y<0
x>0

3x-2y>5m.

Diém M (x;y) nam trén parabol (P):y=5x".

Diém M (x;y) ndm trén dudng phan giac goc phan tu thir II cia mét phang toa do.

Bi€u thirc P =x+ y+9nhan gia tri nho nhat.

Diém M (x;y) cach déu hai truc toa do.

Hai bién x va y 12 nghiém ctia phuong trinh bac hai an w, tham sé m: u*> —8u+m* —3m* =0.
Biéu thirc S =2x*+3y+6dat gia tri nho nhét.

Diém M (x;y) cing v6i hai diém 4 (1;2), B (3;6) 1ap thanh ba diém thang hang.
(m+1)x+3y =9m* —10m .

+3 \ £
J — dat gia tri nho nhat.
X

Biéu thuc T =

mx+2y=m-2, . . B
(I); v&1 m 1a tham s6 thuc
(2m—1)x+(m+1)y:2m+2.

Giai h¢ phuong trinh da cho vé1 m=3.
2. Giai va bién luan h¢ (I) theo tham so m.
3. Tim gia tri cia m d€ h¢ (I) c6 nghiém duy nhat (x;y) thoa man

k)

4m* —8m —22
m'—3m+2
biém M (x;y) nam trén dudng thang (d):x=2y.

4dx-y=

Diém M (x;y) ¢6 hoanh d¢ 16n hon — 6. q
biém M (x;y) ndm trong gdc phan tu tha 11 ctia mat phang toa do.
Diém M (x;y) khong ndm trén duong thing (A):x=y+4.

xhy=2
y 5

Diém M (x;y) cung vé6i hai diém 4 (1; 6), B (3;18) lap thanh ba diém thiang hang.
Biéu thirc S = x+ ynhan gid tri nho nhat, gia tri 1on nhat (néu c6).

Piém M (x;y) cach déu hai truc toa do.
(3m—1)x+(m+3)y$3m3.
(m—l)x+(m—1)y:4(m+4)3.
m(x—1)+y+1:0

(m 13 tham sd thuc).
x+my+3(1—m)=0

Giai h¢ phuong trinh da cho voi m=—4.

2. Tim gia tri cia m dé hé di cho vo nghiém; vo sb nghiém; c6 nghiém duy nhét ?

Khi hé phuong trinh da cho c6 nghiém duy nhét (x;y), tim mdi lién hé gitta hai bién x va y khong
phu thudc vao tham sb m.

Tim gia tri cia m dé hé phuong trinh trén c6 nghiém duy nhat (x;») thoa man

a)

8x—y=ﬁ.
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Bai toan 106. Cho hé phuong trinh {

1.

b)
©)
d)

e)
f)

D

X+2y>2.
x+y=S5.
Sx—y> \/5 -1.

1 1 x*=3y+6

+ = :

x—1 x+1 (y—l)(y—?a)
Diém M (x;y) thudc parabol (P): y =2x>.
Diém M (x;y) thudc dudng cong (C):y =x"-Tx+2.
Diém M (x;y) ndm trén dudng tron tim O, ban kinh R =+/34.
Biéu thitc S =x(x+2)-3)” +2dat gia tri nho nhat.
Diém M (x;y) cung vé6i hai diém 4 (1;5) va B (2;2) 1ap thanh mot tam giac khong suy ‘Qién.
Puong thang OM vudng gbdc vo1 duong phan giac goc phan tu thir nhat ctia mat phang toa
do, trong do M co toa do (x;y).
Biéu thirc T = /x> —2x+2 ++/y* —2y+2 dat gi4 tri nho nhat.

m) Biéu thirc P =x®—54x" + x> —6y +11dat gia tri nho nhét.

- :3_6 ) 7. \ A
o " (I); vo1 m 1a tham so6 thyc.
mx+y=6m+3.

Giai hé (I) véi m=2.

2. Chimg minh rang h¢ (I) c6 nghiém duy nhét (x,;y,) véi moi gia tri cta m.

a)
b)

Chtng minh dang thirc Z(xj +y02)—18(x0 +,)+45=0.

Chting minh diém M (x,;,)ndm trong géc phan tu thit nhét ctia mit phang toa do.

3. Tim tit ca cc gia tri cua tham s6 m dé hé c6 nghiém duy nhat (x;y) sao cho

Bai toan 107. Cho h¢ phuong trinh {

l.

a)

b) x

c)
d)
e)
f)
g)

h)

i)

a)

—m

9

x+4y= .
Y m* +1
Sm+7

+y>

m*+1°

|x — y| =2.

Biém M (x;y) c6 hoanh d6 nho hon 3.

Di@m M (x;y) cach déuqhai truc toa do. )
biém M (x;y) va hai diém 4 (2;8), B (3;12) lap thanh mét tam giac khong suy bién.
(m+1)x+(1-m)y=6m’.

(m—l)x+(m+1)y >6m’.

5=2)-+(2)

x—2my=3-8m, \ A
4 (x;y;meR)  (I); m 1a tham so.
2mx+y=8m+3.

Giai h¢ phuong trinh da cho voi m=4. )

. Giai va bién luan h¢ phuong trinh da cho theo tham sé m.

Chting minh rang hé¢ (I) c6 nghiém duy nhat (x;y) voi moi gia tri ctia m. Gia st (x,;,)1a mot
nghiém cua hé.

Chumng minh dang thirc Z(xj +y§)+ 45 =24(x,+y,) -
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b) Diém M (x,;,)ndm trong gbc phan tu thit nhat ciia mit phang toa do.
4. Tim tat ca cac gia tri ciia tham s6 m dé hé c6 nghiém duy nhét (x;y) sao cho
a) x=9y.
4
b) x—y>—.
) x-y>o

¢) Biém M (x;y) ¢6 hoanh d6 nhé hon 9,5.

d) Dif}m M (x;y) cach déuqhai truc toa do. )
e) Dbiém M (x;y) va hai diém 4 (1;6), B (2;12) lap thanh mdt tam giac khong suy bién.
f) (2m+1)x+(1-2m)x=6m".

g) (2m—-1)x+(2m+1)y>4m’.

) (22

Bai toan 108. Cho hé phuong trinh {

2x—-my =4-3m, \ 4
4 (x;y;meR)  (I); m 1a tham so.
mx+2y=8m+6.

1. Giai h¢ phuong trinh da cho vo1 m=4.
2. Giai va bién luan hé phuong trinh dé cho theo tham s6 m.
3. Ching minh rdng hé phuong trinh (I) c6 nghiém duy nhat (x;y) vo1 mot gia tri cia m. Gia su
(x93, ) 18 mot nghiém ciia hé.
a) Chimg minh dang thiic (x, -5) +(y, —3)2 =36.
b) Diém M (x,;,)ndm trong géc phén tu thir nhit cia mat phang toa do.
4. Tim tat ca cac gia tr1 nguyén cua tham s& m dé hé c6 nghlem (x;y) déu 1a sé nguyén duong.
Tim tt ca cac gia tri ctia tham sd m dé hé c6 nghiém duy nhét (x;y) sao cho
a) x=9y.
b) x+y=118.
¢) DPiém M (x;p) co tung d d6 nho hon 6,4.

d) DPiém M (x;y) cach déu hai truc toa do.
e) Diém M (x;y) va hai diém 4 (1;2), B (2;4) lap thanh mot tam giac khong suy bién.

f) (m+2)x+(2—m)y=6(m+2) .

hd
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I LOT KET.

Trong chuong trinh 16p 7 THCS ching ta da dugc lam quen v6i hé tryc toa d9 trong mét phéng, voi
ham s y = axva dd thi ciia no. Lén 16p 9 THCS, sach gido khoa Toan hién hanh di dé cap siu hon khai
niém ham s6, ham sé don diéu (dong bién, nghich bién), khai niém ham sb bac nhat va d6 thi cta né, khai
niém hé sé goc cua duong thang, vi tri twong ddi gitra hai duong thing, tuy so lwong bai tap kha nhiéu, da
dang va phong phu nhung tat ca déu la nhung noi dung hét sirc co ban, dé thao tac, thuc hanh. Hé phuong
trinh bac nhit 1a hé phuong trinh don gian nhit bao gom hai phuong trinh bac nhit, dugc giai bang nhiéu
phuong phap nhu phuo*ng phap thé, phucmg phap cong dai sb, phuong phap dd thi - hinh hoc, phuong
phap dat an phy. Xeét rleng dbi véi viée glal va bién luan he phu'ong trinh bac nhit, ching ta wu tién
phuong phap thé, boi vi cac bién x va y gan véi tham sd, néu cong dai sd thong thuong phai nhan thém
tham s0, vo tinh lam phirc tap héa bai toan, boi vi phai xét truong hop tham s bang 0, khac 0 trude khi
bién ddi. Ban chét cia viéc giai, bién luan hé phuong trinh bac nhat chinh 1a bién luan vi tri twong ddi giita
hai dudng thang, tit nhién 1a kém theo dinh lwgng nghiém M (x3) 1a giao diém cta hai duong thang. Do
vdy, nhu da trinh bay trong myc II, ngoai vi¢c nghiém (x;y) théa man mdt h¢ thirc don gian nao do, hay
mot bat dang thirc nao d6, néu ty gidc tim toi, dao sau suy nghi, van dung va lién hé thi ching ta c6 thé
phat trién 1én nhiéu 16p bai toan méi mé nhu
Hg thirc, bat dang thirc chira phan thc.

Hé thire, bat déng thire chira tham sé.
Hé thure, bat déng thirc chira can thie.
H¢ thic lién hé gma hai bién doc 1ap vm tham sd.
H¢ thirc phat trlen tur viée ¢d 1ap tham s0.
H¢ thirc phat trién tr v1ec cdng dai s6 hai phuong trinh cua hé ban déu.
Bién luan gia tri nho nhét cia mot biéu thire.
Tim gia tri nho nhat, gi trj 16n nhat ciia mdt biéu thic (néu co).
Hai bién x va y 1a nghiém cua phuong trinh bac hai 4n nao d6, tham sb m.
Véi kién thire so ddng vé ham s bac nhat, d6 thi ham s bac nhat (duong thing), ham sé bac hai don gian
va do thi ham sd bac hai don gian (parabol y = ax?), duong cong, duong tron, dudng elippse, chung ta ¢ thé
phat trién 1én rat nhiéu | 16p bai toan duge manh nha tur diém M (x;y) nhu
Blem M (x;p) nam trén mdt dwdng thang nao do.
Elem M (x;p) nam trén mot duong phén giac cung phan tu lugng gidc nao do.
Elem M (x;y) nam trong géc phan tu lugng giac nao do.
Piém M (x;y) c6 hoanh do hodc tung dd nam trong mdt khoang nao do.
Elém M (x;p) ném trén mgt dudng cong parabol nao do.
Diém M (x;p) nam trén mdt dwdng cong bét ky nao dé.
Dlem M (x;p) nam trén mt duwong tron c6 tdm va ban kinh xac dinh.
Elem M (x;y) nam phia trong, phia ngoai cta hinh tron ¢6 tam va ban kinh xac dinh.
Diém M (x3) ¢6 khoang cach den mot diém, mot duong thang cho trudc nhan gia tri cho trude.
Dlem M (x;y) cung v&i mdt co sé diém nao d6 thang hang.
Diém M (x;p) cung véi hai diém nao d6 hgp thanh mqt tam giac khong suy bién.
Blem M (x;y) c6 toa d§ nguyén (VO‘I diéu kién tham s nguyén).
Piém M (x;p) chia trong, chia ngoai mot doan thang theo ty 18 xéc dinh.
Diém M (x;») cung véi hai diém nao d6 hop thanh mot tam gidc can, tam giac déu, tam giac
vudng,...
> Diém M (x) nam trén mot hinh vudng, hinh thoi, hinh thang,...cho truge.
Déi véi 16p bai toan gin voi dlem M (xp), cach don gian nhat va hiru hidu nhat chinh 1a tim hé thirc lién hé
giita hai bién dgc 1ap véi tham s, ddy 1a mot bude bic cau, bude dém dé don gian hoa nhimng biéu thirc
chira tham s6 m. Trong mdt sé truong hop, néu khong tim duge hé thirc ndy, viée tién trién yéu cau bai
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toan tham chi di vao ngd cut. Ro1 xa mai truong THCS, chap chitng buéc vao THPT cac ban hoc sinh sé
dugce tiép can véi cac kién thirc vé vector véi cac phép toan va toa do, tich vo hudng cia hai vector va g
dung, hé thire lu‘(mg trong tam giac thuong, hé thirc lugng trong dudng tron hay phuong phép toa dj trong
mit phing, di siu nghién ctru duong thang, du'o*ng tron, duong elippse bau dyc, duong parabol tong quat,
hypebol véi mudn hinh van trang — tire 1a gan moi thir hinh phang da hoc dudi cap THCS vao hé tryc toa
do, va tim cac dic diém, yéu td, tinh cht dya trén cac phép tinh vé toa d9, ndi dung nay s& dugc nang cao
hét mirc két hop ky nang vé hinh phy, chung minh dic tinh, 1a nQi dung thuong nién trong ky thi tuyen
sinh Pai hoc — Cao dang va ky THPT Qudc gia khi da roi méi truong THPT. Trong tai li¢u nay, tac gia da
6 ging suu tam, chon loc, khai thac, lién hé va mé rong hét mirc trong tam nhin con han hep cua ban than,
hy vong né s€ la tai li¢u tham khao bo tich, 1y thu, chuyén sau, voi mong mudn gép phan nho bé vao
phong trao hoc tap ham s va do thi cap THCS con rit yéu, cling nhu dit nén tang tu duy ham sé, tu duy
hinh hoc giai tich cho cac em hoc sinh nho tudi trude khi chinh thirc bude vao cap THPT.

Tai li¢u nay dugc khoi dong viét thang 07/2016 va hoan thanh thing 12 nam 2016, giai doan ma bao
chi va cac phuong tién truyen thong chinh thdng dang ding tai nhiéu thong tin vé tinh trang tham 0, tham
nhiing, chay chure, chay quyén, sai pham 16n, sai pham nho, thua 19, diéu chuyén cong tac “dung quy
trinh”, bd nhiém can bo theo kiéu “tim nguoi nha”, thay vi “tim ngudi tai”, kem theo rt nhidu van dé nhirc
nhdi, khién nhan dan hoang mang, niém tin giam sit...

Xin néu don cu

«* Nguyén Bi thu Tinh 0y Tinh Ha Tinh V3 Kim Cy, Nguyén Truéng ban Quan Iy Khu Kinh té Viing
Ang cap phep theo kiéu “Tién tram hau tiu” cho Céong ty TNHH Hung Nghi€p Formosa cua Vung
lanh tho Pai Loan dau tu trong vong 70 nam (mét thdi gian kha “it”), trong vong chwa dén 8 nim
da thai chat thai bira bii, gdy nén 6 nhiém méi truong nghiém trong, tao ra tinh trang cé bién chét
hanh loat tai vung bién cac tinh Ha Tinh, Quang Binh, Quang Tri, Thira Thién Hué, lam thiét hai
nghiém trong vé moi phuong dién cho dong bao va dat nude. Pap lai bao chi, dai dién Formosa ung
dung thira nhan cong ty dung axit dé sic rira dudng 6ng, nhung thura thién khong thong bao chinh
quyén dia phuong vi “khong biét quy dinh nay”. Qua thye hét strc tring tron, Au ciing phai vi ho
khong phai dong bao minh. Tong Bi thu Ban chap hanh Trung wong Pang Cong San Viét Nam
Nguyén Phii Trong duong nhiém da timg thang thin: “ Cé y kién néi sao lam cham. Nhung day l1a
déu tranh chir khong phai 1a viéc thuong lwgng. Pau tranh dé budc nguoi co tdi nhan 15i, cii dau
xin 13i, hira phai thay d6i diy chuyén, hira khong tii pham. Nhan dén bu cho ching ta 500 triéu
USD”.
< Nguyén Phé chi tich Uy ban nhan dan Tinh Hau Giang, Nguyén Chu tich Hoi ddng Quan tri Cong

ty Xay lap dau khi Viét Nam (PVC) Trinh Xuan Thanh cing mét s6 déng nghiép, trong thoi gian
quan ly PVC giai doan 2011 — 2013 da budng long quan 1y, kiém tra, gidm sat, lam trdi cac quy
dinh vé quan Iy kinh té, dé xay ra sai pham, lam thua 15, thit thoat 3300 ty dong cua nha nudc.
Ngoai ra, “quy trinh” giéi thidu, tiép nhan, b ‘nhiém vao vi tri Tinh 0y vién, Pho chu tich Uy ban
Nhan dan Tinh Hau Giang cua ong ¢6 nhidu van dé, kém theo thyc té ong dugc dua dén bang xe tu
Lexus LX570 nhung gin bién sé xanh cong vu 95A — 0699 thudc s¢ hiru cia Phong Ky thuat Hau
can Cong an Tinh Hau Giang la sai nguyén tic, tao nén hinh anh sai, giy du luan xau trong quan
ching nhan dan. Tong Bi thu Ban chap hanh Trung wong Pang Cong San Viét Nam Nguyén Pha
Trong noi: “Gan day ching ta c¢6 lam tiép mot sé vu dugc du ludn quan tam, trong d6 vu Trinh
Xuan Thanh chi 1a mdt vi du thdi. Con lién quan dén nhiéu thir lam. Chung ta lam timg buéc, chic
chan, hiéu qua. Co nhiing viéc t6i chua tién néi truée. Ching t6i da néi nhiéu lan rdi, 1a c6 bude di
chéc chan, chit ché, than trong, hidu qua va phai giit cho dugc cai 6n dinh dé phat trién dat nudc.
Sé di nhu vay 1a sau vy nay n6 lai lién quan dén vu khéc.

Trén day chi 1a hai trong s rat nhiéu vy lum xum khong dang cé, khong nén co, 1a dién hinh cho tinh trang

gian 1an, tham 6, tham nhiing, lam trai trong m¢t b phan quan chirc, can b thoai hoa, bién chét, dao durc
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xudng cép hién nay. Nhu Tong Bi thu Nguyén Phi Trong timg gidi bay khi tiép xuc cir tri Thu d6 Ha Noi
ngay 06.08.2016: “Pay la lTnh vuc rat la quan trong nhu"ng cung vo cfmg kho khén phire tap. Lién quan
dén 191 ich, danh dy ciia moi con ngum moi1 don vi nén khong dé ti nao. L(n ich chang chit nen rat 1a kho
khan. Nhung Dang va Nha nudce quyet tam lam dé trong sach bo may, néu khong thi gay g0”. Rd rang, dé
6 nén tang de quyét tim duge, can mot hé thong chinh tri trong sach, viing manh, can nhimg con ngudi
tai ning, quyét doan, dirt khoat, manh mé, cong thém tu chat nhan hau, khoan dung nhung khéng nhan
nhuong, liém chinh nhung khéng nhu nhuge, can kiém, chi cong vé tu, hon nita phai dam nghi, dam lam,
dam nhén, dam phan bién va dam stra sai.
“Cé nhiing cai sai khong thé stra duge. Chap va gugng ép cang lam sai thém. Chi ¢6 cach 1a dimg bao gio
sai nira, hoac 1a phai bu lai béng mdt viéc dung khac”
(Hon Truong Ba, da hang thit — Luu Quang Vi, 1981).
Nhan ra cai sai, sua sai, bu lai bing nhimg vige lam dung, bu lai bang viée dat duge nhiing tién by vugt
bac vé vin hoa, phép luat, dao dirc, 1& nghia, khoa hoc, k¥ thuat ma hién nay dé4t nudc chua vuon toi, d6
phai 1a nhimg con nguoi xa hoi chu nghla thyc thy, nhu'ng con nguoi d6 trudng thanh tir cac em hoc sinh,
tir thé thé hé mai sau, néu duoc nudi dudng, dao tao va vun dip ding cach. Trong mdi canh cude cong
nghiép hoéa, hién dai hoa, sy phat trién vuot bac vé khoa hoc, cong nghé, kinh té, gido duc an ninh quoc
phong,...nhu hién nay, nhing bai toan don gian, du dugc lam can than, dung quy trinh thi van chi la buée
tlen dé, nén tang, néu cir nhu thé mai, chung ta chi phat tnen 0 murc trung binh, boi vi khong ¢6 tinh cai
tién, burt phd, sang tao, thoi quen nay, tinh than nay an sdu gdc ré tr bac tleu hoc sé rat nguy hiém khi 1én
cac 16p cao hon. "Tram hay khong hay bang tay quen", tac gia mong mudn céc thay cd va ban doc c6 thé
khai mé, phat trién — truyén dat hon nira, cac ban hoc sinh ¢6 gang thur sire hét kha ning, cac em hoc sinh
hay hoc tap hang say, chuyén can lao dong, | két hop trau doi dao dirc, trau doi ban linh chinh trj viing vang,
kha nang phan bi¢t dung sai va sura chira 16i 1am, ngay tir nhu’ng bai toan nho nay thoi, dé khong bi lung
ting, b& ngd, dé dang thién bién van héa véi khoa hoc, véi doi sdng, véi nhu'ng khé khan ndi tai cua dat
nuge. Cac phuong phap, ky thuat co ban da dugc cac thé hé di trudc dic két va tan tuy truyén dat cho thé
h¢ tuong lai, cac ban hoan toan du kha nang ké thira, phat huy hét mirc va séng tao khong ngimng, chuan bi
da hanh trang nam bat khoa hoc ky thudt, tr¢ thanh nhiing nha khoa hoc, nha quan ly gioi, nang d(mg hay
chuyén gia an ninh, quoc phong, tré thanh ruong ct liém chinh cua quoc gia, dua dat nuée ngay cang mo
rdng, phat trién viing bén, phdn vinh, minh bach, va hién nhién nhiing bai toan trong cic ky thi nhat dinh
khong thé 1a rao can, ma la co hdi thi strc, co hi khang dinh qua trinh, co hdi khang dinh kién thirc, minh
chirng séng ngdi cho tinh than hoc tap, tinh than &i quc duge boc 10 trong twong lai !
Thanh phé Thai Binh, Tinh Thai Binh.
Ngay 01 thang 12 nam 2016
Than ai.
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IV. MOQT SO TAI LIEU THAM KHAO

1.

2.

10.

11.

12.

13.

14.

15.

16.

17.

18.

19.

20.

21.

22.

Bii tdp ning cao va mot sé chuyén dé todn 8.

Bui Van Tuyén; NXB Gido duc Viét Nam; 2004.
Bii tdp ning cao va mot sé chuyén dé todn 9.

Bui Véan Tuyén; NXB Gido duc Viét Nam; 2005.

. Ndng cao va phdt trién todn 8, tip 1 — tip 2.

Vi Hiru Binh; NXB Giao duc Viét Nam; 2004.

. Néng cao va phat trién todn 9, tip 1 — tdp 2.

Vi Hiru Binh; NXB Giao duc Viét Nam; 2005.
Todn ning cao Pai so 10.
Nguyén Huy Poan; NXB Gi4o duc Viét Nam; 1999.
Bai tdp ndng cao va mot 6 chuyén dé Dai s6 10.
Nguyén Huy Poan; Pang Hung Thing; NXB Gido duc Viét Nam; 2006.
Tai liéu chuyén todn: Pai sé 10 — Bai tdp Dai s6 10.
Poan Quynh — Dodn Minh Cudng — Tran Nam Diing
— Piang Hung Thang; NXB Gi4o duc Viét Nam; 2010.
Mt s6 chuyén dé Dai sé boi dwong hoc sinh gioi THPT.
Nguyén Van Mau — Nguyén Van Tién va
mot sb tac gia; NXB Gido duc Viét Nam; 2009.
T uyén tdp cdc bai toan hay va kho Dai $6 9.
Nguyén Durc Tan — Pang Dtic Trong — Nguyén Cao Huynh
— Vi Minh Nghia — Bui Ruy Tan — Luong Anh Van; NXB Giao duc Vi¢t Nam; 2002.
Mt s6 phwong phap chon loc gidi cdc bai todn so cdp, tip 1 - tap 3.
Phan Dtrc Chinh — Pham Vian Diéu — B4 Vian Ha — Pham Vin Hap
— Pham Vin Hung — Pham Ding Long — Nguyén Vin Mau
— P Thanh Son — Lé Dinh Thinh; NXB Pai hoc Quéc gia Ha Noi; 1997.
Bi gidng chuyén sau Todan THPT: Gidi todn Pgi sé 10.
Lé Hong Dirc — Nhém Cy Mon; NXB Ha Nbi; 2011.
Phwong phdp gidi phwong trinh va bét phwong trinh.
Nguyén Van Mau; NXB Giao duc Viét Nam; 1994,
Todn boi dwong hoc sinh phé thong trung hoc — quyén 1; Dai sé.
Han Lién Hai — Phan Huy Khai — DPao Ngoc Nam — Nguyén Dao Phuong
— Lé Tat Ton — Piang Quan Vién; NXB Ha Nai; 1991.
Phuwong trinh va hé phwong trinh khong mau muc.
Nguyén Birc Tan — Phan Ngoc Thao; NXB Gido duc Viét Nam; 1996.
Chuyén dé boi dwong Todn cip ba; Dai so.
Nguyén Sinh Nguyén; NXB Da Ning; 1997.
Gidi todn Pai s6 so cip (Diing cho hoc sinh 12 chuyén, luyén thi dai hoc).
Tran Thanh Minh — Vii Thién Can — V& Anh Diing; NXB Gido duc Vi¢t Nam; 1995.
Nhitng dang todn dién hinh trong cdc ky thi tuyén sinh DPai hoc va Cao ding; Tap 1;2;3;4.
Bui Quang Truong; NXB Ha Ngi; 2002.
On luyén thi mén Todn THPT theo chii dé; Tap mot: Pai so va lwong gidc.
Cung Thé Anh; NXB Gido duc Viét Nam; 2011.
Phwong phap gidi toan trong tam.
Phan Huy Khai; NXB Dai hoc Su pham; 2011.
Cac bai giang luyén thi mon Toan; Tap 2.
Ptic Chinh — Vit Duong Thuy — Pao Tam — Lé Thdng Nhat; NXB Gido duc Viét Nam; 1993.
500 Bai todn chon loc Pai so - Hinh hoc 10.
Lé Hoanh Pho; NXB Pai hoc Qudc gia Ha No6i; 2012.
Tam thirc bdc hai va vwng dung.
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Lé Si Déng — Lé Minh Tam; NXB Giao duc Viét Nam; 2003.
Chuyén dé Bit ding thivc va irng dung trong dai sé.
Nguyén Pirc Tan; NXB Gido duc Viét nam; 2003.
23 Chuyén dé gidi 1001 bai todn so cdp ; Quyén 1.
Nguyén Vin Vinh — Nguyén Dirc Dong
va mot sd dong nghiép (NKTH); NXB Gido duc Viét Nam; 2002.
Phuwong phdp gidi todn bt ding thikc va cuec tri.
Nguyén Vin Diing — V& Qudc Ba Can — Tran Qubc Anh; NXB PHQG Ha Noi; 2011.
Cac bai giang vé bit dc;ng thirc Cauchy.
Nguyén Vil Luong — Pham Vian Hung — Nguyen Ngoc Thing; NXB PHQG Ha Nbi; 2008.
Cim nang luyén thi Pai hoc Ung dung ham soé Gidi todn Pai sé va Gidi tich.
Huynh Nguyén Luan Luu — Nguyén Thi Duy An; NXB DPHQG Ha Noi ;2014.
Tw duy logic tim toi loi giai H¢ phwong trinh.
Mai Xuan Vinh — Pham Kim Chung — Pham Chi Tuan
—DPao Van Chung Duong Van Son ; NXB DPHQG Ha Noi; 2015.
Boi dwing hoc sinh gidi todn Trung hoc co 56, Pai sé.
Nguyen Thi Thanh Thuly — Pham Minh Phuong
— Tran Vian Tan; NXB Gio duc Viét Nam; 2014.
9 Chuyén dé Pai 56 T rung hoc co’ so.
Vi Hitu Binh; NXB Giao duc Viét Nam; 2014.
Todn ning cao Pai sé va Gidi tich 12.
Nguyén Xuan Liém — Hoang Chinh Bao ; NXB Gio duc Viét Nam ; 1999.
15 chii dé thuwong gap trong cdc ky thi THCS va tuyén sinh lop 10 ; Mon Todn.
Nguyén Dtrc Hoang — Nguyén Son Ha ; NXB Dai hoc Su pham ; 2009.
H¢ phwong trinh va phwong trinh chira can thirc.
Nguyén Vil Luong — Pham Van Hing — Nguyén Ngoc Thing; NXB DPHQG Ha Nbi; 2006.
Tam thirc bdc hai va vwng dung.
Lé Si D@)ng — Lé Minh Tam; NXB Giao duc Viét Nam; 2003.
Khai théc va phat trién mét sé bai todn Trung hoc co sé ; Tap 1, 2.
Nguyén Tam Son — Pham Thi L¢ Héng ; NXB Giao duc Viét Nam ; 2012.
Chuyén dé Bit ding thivc va itng dung trong Pai sé.
Nguyén Btrc Tan; NXB Gido duc Viét Nam; 2003.
Dé thi tuyén sinh vao I6p 10 Mén Todn.
Ha Nghia Anh — Nguyén Thay Mui — Huynh Ky Tranh;
NXB Pai hoc Qubc gia Ha Noi ; 2006
On thi vao I6p 10 THPT Chuyén; Mén Todn.
Doan Minh Cuong — Trinh Hoai Duong
— Tran Van Khai — D3 Thanh Son; NXB Gido duc Viét Nam; 2013.
Tai liéu hwong dén én thi vao lop 10 Mén Todn.
Pham Van Thao (chu bién) ; NXB Dai hoc Quéc gia Ha No6i; 2013.
On tdp thi vao l6p 10 ; Mén Todn.
Phan Doan Thoai — Trinh Thuy Héng — Lai Thi Thanh Huong
— Mai Cong Man — Hoang Xuan Vinh; NXB Gido duc Viét Nam ; 2008.
On thi vao I6p 10; Mon Todn (Danh cho hoc sinh tinh Thdi Binh).
Duong Van Thanh; NXB Dai hoc Quéc gia Ha No6i; 2012.
Tai liéu chuyén toan THCS; Todn 9; Tdp 1: Dai $0.
Vi Hitu Binh — Pham Thi Bach Ngoc — Dam Vén Nhi; NXB Gido duc Viét Nam; 2012.
Dé thi tuyen sinh vao l6p 10 h¢ THPT Chuyén tryc thugc dgi hoc va THPT Chuyén cdc tinh thanh.
Dé thi tuyen sinh vao lop 10 h¢ THPT hé dai tra cdc dia phu’o’ng trén toan quoc.
Dé thi hoc sinh giéi mén todn khéi 8 dén khoi 12 cdc cip.
Dé thi tuyén sinh Dai hoc — Cao ding mén Todn (chinh thirc — dw bi) qua cdc thoi ky.
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47. Dé thi Olympic 30 thing 4 Todn hoc khéi 10, khéi 11 cdc tinh mién Trung va Nam bg (1995 — 2013).

48. Cdc tap chi todn hoc: Tap chi Toan hoc va tudi tré; Tap chi Toan tudi tho 2 THCS; Tap chi Kvant...

49. Cdc dién dan todn hgc: Boxmath.vn; Math.net.vn; Mathscope.org; Onluyentoan.vn; Diendantoanhoc.net;
Math.net.vn; K2pi.net; Mathlink.ro;...

50. Mot 56 trang mang hoc tap thong qua facebook; twiter;...

THAN THE TAI NGUC TRUNG
TINH THAN TAI NGUC NGOAI
DUC THANH PAI SU NGHIEP
TINH THAN CANH YEU PAI
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