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“Non song Vigt Nam cé tré' nén twoi dep hay khong, dan toc Viét Nam cé bwdc téi dai vinh
quang dé sanh vai véi cac cwong quoc nam chau dwoc hay khéng, chinh la nhé mét phan lén é
cong hoc tdp cuia cic em”

(Trich thw Chii tich Ho Chi Minh).

“Ddanh cho dé di téc,
Ddnh cho dé den ring,
Ddnh cho né chich luén bit phdn,
Ddnh cho né phién gidp bit hodn,
Ddnh cho sit tri nam quéc anh hiing chi hivu chii.”

Hich ra tran — Quang Trung Hoang d@é Dai phd Thanh quén; 1789.
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CHUYEN PE HAM SO VA PO THI (HE TRUNG HQC CO SO)
BAI TAP HAM SO BAC NHAT @UUNG THANG)

TRUNG POAN NGQC HOI - QUAN POAN HAI QUAN

Trong khuon kho Toén hoc so cip noéi chung va Pai s6 pho thong noi riéng, Ham s6 va Do thi 1a dang toan co
ban nhung tha vi, c6 pham vi trai rong, phong phu, lién h¢ chat ché voi nhiéu bd phan khac cua toan hoc so Célp
cling nhu toan hoc hién dai.

Tai Viét Nam, h¢ phuong trinh, ndi dung ham s6 va dd thi 1a mot bd phan hiru co, quan trong, dugc phd bién
giang day chinh thirc trong chuong trinh sach gido khoa Toan budc dau 1a 16p 7, tiép sau la cac 16p 9, 10, 11, 12
song song voi cac khéi lwong kién thirc lién quan. Cac k¥ ning dbi voi ham sb, do thi duge luyén tap mot cach déu
dan, bai ban va hé théng s& rat hitu ich, khong chi trong b mon Toan ma con phuc vu déc luc cho cac mon khoa
hoc tu nhién khac nhu héa hoc, vat 1y, dia ly, sinh hoc,....Ddi véi chuong trinh Pai sb 16p 9 THCS hién hanh, ham
sd va d6 thi giir vai tro chinh yéu trong Dé thi kiém tra chat luong hoc ky, Dé thi tuyén sinh 16p 10 THPT hé dai tra
va hé THPT Chuyén. Ddi véi cac 16p cao hon, ndi dung nay s& duoc mé rong tro thanh kién thirc chinh yéu trong
chuong trinh Pai s6 - Giai tich xuyén subt cac 16p 10, 12, bao gdm ham sb bac cao va bai toan hinh hoc giai tich,
mot bai toan mang tinh phan loai cao trong ky thi tuyén sinh dai hoc — cao déng, ky thi THPT Qudc gia hang nam,
mot ky thi déy cam go, kich tinh va bét ngo, no lai 1a mot cau rat duoc quan tam cua cac ban hoc sinh, phu huynh,
cac thiy co, gidi chuyén mon va déng dao ban doc yéu Toan.

Trong pham vi ham s6 va d6 thi, tai liéu nay tac gia tip trung trinh bay mot 16p cc bai toan khao sat sy bién
thién, v& do thi ham s6 bac hai don gian (tirc 12 dang parabol c6 dinh 13 gdc toa d6 O) hay con goi 1a dd thi ham sb
y =ax?, van dé vi tri twong dbi giita parabol va duong thang, mot sd bai toan gin két yéu t6 luong giac, hinh hoc
giai tich. Nhu da néi ¢ trén, muyc dich khoa hoc chinh cua tai liéu nham phuc vu cho qué trinh day va hoc, kiém tra,
ky thi tuyén sinh 16p 10 THPT, sau nita lam nén tang cho tu duy ham s6, tw duy hinh hoc giai tich & cAp THPT mai
sau, ngoai ra con mang tinh mo rong, dao sau, hudng dén mong mudn ban doc nghién ctru day du vé duong thang,
tang cuong su sang tao, dot phd, phat huy hon nira trong toan hoc va cac ng dung trong hang loat cic mén khoa
hoc tu nhién.

I. KIEN THUC CHUAN BI

K§ thuét nhan, chia don thirc, da thtrc, hing dang thuc.

Nim vimng cac phuong phép phan tich da thirc thanh nhan tir.

Nam viing cac phuong phap giai, bién luan phuong trinh bac nhét, bac hai, bac cao.

Str dung thanh thao cac ky hi€u toan hoc, logic (ky hi¢u hdi, tuyén, kéo theo, tuong duong).

Kién thtrc nén tang vé mat phéng toa do, ham sd bac nhit, duong théng.

Kién thirc nén téng vé hé s6 goc cla duong thang, cong thirc d9 dai, hé thirc lugng trong tam giac vudng,
cong thirc luong giac, duong tron, ham s6 bac hai parabol, phuong trinh nghiém nguyén.

7. Kién thirc nén tang vé u6c lugng — danh gia, ham s6 - do thi, bat dang thirc — cyc tri.

Sk W=
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II. MQT SO BAI TAP PIEN HINH.

Bai todn 1. Cho ham s y=f(x)=ax®  (ala tham sd thuc khic 0).

1.

2.

Xét a =1, tinh f@ﬂf(z)_f(l).
Véi a =3, tim khoang dong bién, nghich bién ctia ham s va so sanh f (\/5 ), f (\/g ) .

Tim a dé d6 thi ham sb da cho di qua diém 4(~1;2). V& d6 thi véi a vira tim duoc.

4. Trong truong hop a=1.

a) Tim diém M va N ¢6 hoanh d9 lan luot bang 1 va 2 ndm trén do thi.

b) Tim toa dd cac giao di€m cua do thi ham s6 va duong thang y =4x-3.

¢) Tim m dé dd thi ham sé tiép xtic voi dudng thing y =2mx+m.

d) Véi gia tri nao cua m thi d c6 phuong trinh y = 2x+3 —mcét dd thi ham sd trén tai hai diém
phan biét ? Hai diém d6 co thé thudc cung phan tu thir hai dugc hay khong ? Vi sao ?

Bai toan 2. Trong mit phang véi hé toa dd Oxy, O 1a gdc toa do cho parabol (P): y:—%x2 va duong

thang chta tham s d:y = (m —1)x+% (m 1a tham s thuc).

1. V& parabol (P) va duong th'fmg d trén ciing mot mat phang toa do trong truong hop m=4.
2. Tim gia tri cia m d¢ dudng thang d

SNk wWw

a) Di qua diém (4;3). 7
b) Song song véi duong thang y =3mx-35.

¢) Vuong goc v6i duong thang y = —%x 7.

d) Cit truc hoanh tai diém c6 hoanh d6 nho hon 2.

Ching t6 duong thang d ludn di qua mot diém cb dinh véi moi gia tri cta m.

Tinh khoang cach 16n nhat tir gbc toa do O dén duong thang d.

Tim gia tri cua m dé (P) tiép xtc voi d. Tim toa do tiép diém.

V6i gia tri nao cua m thi (P) cit d tai hai diém phan biét c6 hoanh do x,,x, théa man

a) x +x,=7xx,.

b)1+1

X -2 x,-2

=2.

c) X\ +x;-9xx,=4.
d) (x+1)(x,+1)=12.
e) Biéu thirc S = (xf + 4)(x22 +9)dat gia tri nho nhat.

7. Chimg minh rang néu parabol (P) cit duong thing d thi ludn ton tai mot giao diém nao d6 c6 hoanh

dd x, thoa man diéu kién |x,|<1.

Bai todn 3. M6 rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho tat ca cac
thi sinh dy thi); Dé thi chinh thirc; Truong THPT Chuyén Thai Binh; Thanh phé Thai Binh; Tinh Thai
Binh; Nam hoc 2009 —2010.

Trong mit phang véi hé toa d Oxy cho parabol (P): y = x* va dudng thing d:y =(2m—1)x—m* +m (véi m

1a tham sé thuc).
1. Tim m dé dudng thang d di qua diém M (27).
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2. Tim m dé dudng thang d cit truc tung tai diém c6 hoanh do nhé hon — 2.
3. Vi gia tri nao cua m thi duong thang d théa man
a) Song song voi duong thang y =5mx—7.

b) Vudng goc v6i duong thang y = %x -6.

¢) Song song v&i dudng phan gidc goc phan tu thir nhat.

4. Ching minh rang d ludn cat (P) tai hai diém phan biét.

5. Tim céc gia tri ciia m dé d cat (P) tai hai diém phan biét c6 hoanh dd x,,x, sao cho
a) 2x,—3x,=5.
b) x’—x; =23.

o) 1 1

+
d) ‘xf —x§‘=l

x—-2 x,-1 -
6. Tim cac gia tri ciia m dé d cét (P) tai hai diém phan biét c6 tung do y,, y,sao cho

a) y +y,=2m’-4.
b) y +y,=13.

C) y, = 6(m2 —m).
Bai toan 4. Mo rong va phat trién bai 3; Dé thi tuyén sinh 16p 10 THPT; Mon Toan; Dé thi chinh thire; S&
Giao duc va Pao tao Tinh Thai Binh; Nam hoc 2009 — 2010.
Trong mit phang véi hé toa dd Oxy cho parabol (P): y = x> va duong thang d: y = (k—1)x+4 (k1a tham 50).
1. Tim gia tri cua k sao cho
a) Duong thing d song song véi duong thang y =(2k—3)x+8—k .

b) Puong thang d vudng goc véi duong thang y = —%x +6—k.

¢) Puong thing d cit truc hoanh tai diém c6 hoanh d6 16n hon 3.
d) Khoang cach tir gbc toa do O dén duong thang d 13 16n nhat.
2. Tim cac diém M c6 hoanh d6 bang 4 va thudc parabol (P).
Khi k =-2; hdy tim toa d giao diém cua dudng thing d va parabol (P).
4. Chung minh rang voi bat ky gid tri nao ca k thi dudng thiang d luon cit parabol (P) tai hai diém
phan biét.
5. Chimg minh rang v6i moi k, ludn tén tai mot giao diém nao d6 cua parabol (P) va dudng thang d c6
hoanh d¢ x,théa man diéu kién |x,|<2.

98]

6. Goi x,,x,1a cac hoanh do giao diém ciia dudng thang d va parabol (P). Tim k sao cho
a) x +x,>6xx,-9.
b) x7+x; —xx, <13.
C) 1 + L <k-1.
X X,
7. Goi y,,y,1a cac tung d6 giao diém cua dudng thang d va parabol (P).
a) Tim ksaocho y, +y,=yy,.

11| V7

—< X,

b) Tim k dé
Y W 4
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Bai toan 5. Mo rong va phat trién bai 3; D¢ thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi chinh thirc; So
Giao duc va Dao tao Tinh Thai Binh; Nam hoc 2007 — 2008.
Trong mit phing véi hé toa d6 Oxy cho parabol (P): y = x?va duong thing d: y = 2(m=1)x—m’+2m.

Trong d6 m la tham s6 thuce, O 1a géc toa do.
1. Tim m d€ duong thang d théa man

a) Di qua gdc toa do O. ‘

b) Vudng goc voi duong phan giac goc phan tu thu I1.
c) Song song véi duong thang y =(3m—2)x+m.

d) Cit truc tung tai giiém c6 tung d6 khong vuot qua 1.
e) Diqua diém K nam trén (P), K c6 hoanh do bang 6.

Tim toa do giao diém cta dudng thang d va (P) khi m=3.
Tim m sao cho (P) va d cat nhau tai hai diém c6 hoanh 4 x,x, va tung d§ y,, y,thda man

a) y+y,<4.

b) [~y =8 ’

c) Biéuthtc S =y, +y, +6dat gid tri nho nhat.

d) y -2y, =8.

e) Biéuthiic P=.[y +.[y, +|m—3|dat gia tri nho nhat.

4. Tim trén parabol (P) diém O (x;y) thoéa min x> —3xy+2y* =0.
5. Tim trén parabol (P) diém M (x;y) thoa man diéu kién 3y —5x+6=2xx+y—3.

6.

Ton tai hay khong diém N (x;p) thudc parabol (P) thoa man hé thirc 5x - (J} + 3)\/zx —1-1=07?

Bai toan 6. Mo rong va phat trién bai 3; Dé thi tuyén sinh 16p 10 THPT; Mon Toan; Dé thi chinh thire; S
Giao duc va Dao tao Tinh Thai Binh; Nam hoc 2004 — 2005.
Trén mit phiang voi hé toa d6 Oxy cho parabol (P): y =2x?; mot dudng thing d c6 hé sb goc bang m va di
qua diém 7(0;2).

1. Viét phuong trinh duong thing d.

2. Tim m dé duong thang d thoa man

a) Song song voi dudng thing y = (3m —%)x +4.

b) Vuodng goc véi dudng thang y=—mx—9.

c) Cit truc hoanh tai diém c6 hoanh d6 bﬁng 5.

d) Di qua diém E c6 hoanh d6 bang 3, E thudc (P).

e) Tao véi hai truc toa mot tam giac co6 dién tich khong nho hon 2.

3. Chimg minh rang d ludn cét (P) tai hai diém phén biét A va B.
4. Goihoanhdfcuad vaBla x,x,.

a) Tim khoang gia tri ctia m d€ 2(x, +x,) <5xx, —6.
b) Tim gi4 tri cua m sao cho x, —3x, =4.
¢) Chtng minh rang |x, —x,|>2.
X U U N VSR , 1 1
d) Tim gia tri nho nhat cua biéu thirc P=—+—+x +x; .
XX
e) Tim gia tri nhé nhat cta biéu thirc O = (xl2 + 9)(x22 + 1).

f) Chtng minh rang it nhat mot trong hai hoanh d6 ¢ gia tri tuyét d6i khong vuot qua 1.
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5.

Goi tung d hai giao diém cua (P) v6i d 1a Vis Vs
a) Tim m dé ton tai hé thirc > +y2 = y,y, +36.
b) Tim tat ca cac gia tri m dé y, =16y, .

¢) Xac dinh m sao cho i+L<3 :
N

Trong truong hop m =1, xét diém C (1;0). Khi d6 hay tim toa d6 diém D trén duong thing d sao
cho tong d6 dai BD + OD dat gia tri nho nhat.
Tim toa do diém M (x;y) nam trén (P) sao cho 2x’ (\/x +1-3x ) +y=4x".
Tim toa d6 diém N (x;y) trén (P) théa man hé thirc
1019x> +18y* +10072> = 30xy° + 67z + 2008z .

Bai toan 7. Mo rong va phat trién bai I1I; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho tit ca cac
thi sinh dy thi); Dé thi chinh thirc; Truong THPT Chuyén Thai Binh; Thanh phé Thai Binh; Tinh Thai
Binh; Nam hoc 2005 — 2006.

Cho cac ham sé y=x> (P) va y= 2(m+1)x-m+2 (d)  (mlatham s0).

l.
2.

3.

4.

o 0o

V& d6 thi (P).
Tim gié tri cua m sao cho
a) Puong thang (d) khong di qua diém (4;1).
b) Puodng thing (d) di qua diém c6 hoanh d6 bang 1, diém nay nam trén (P).

¢) Duong thing (d) song song voi dudng thing y = (m + 3)x -m.

d) Puong théng (d) cat truc tung tai diém c6 tung d6 khong vugt qua 0,5.

e) DPuong thang (d) tao VO’l hai truc toa d6 mot tam giac c6 ty s hai canh goc vudng 1a 1:4.
Chtng minh rang (d) ludn cat (P) tai hai diém phan biét véi moi m.
Goi x,,x,1a hoanh do cac giao diém cua (d) va (P).

a) Tim m sao cho x,+x, >10xx, +5.
b) Tim gia tri ctia m sao cho x{ +x; =7m+8.
1 1

+ .
x-1 x,-1 2

d) Tim m sao cho x} +2(m+1)x,+m—2=9m’.

¢) Tim gia tri m dé

e) Hay tim m dé biéu thic B =|x, —x,|dat gid trj nhé nhat.
Goi tung d6 hai giao diém cua (P) véi (d) 1a y,, y,.

a) Tim m sao cho y, =4y,.

b) Tim m sao cho (y,—1)(y,-1)=-3.

¢) Tim tat ca gia tri ctia m dé i+i: 18.

o N 0 )

d) Tim m dé biéu thitc C =y, +y, — y,y,dat gia tri nho nhat.
Tim toa do cac diém M (x;y) nam trén (P) thoa man dang thitc 4x+ y+5= 2\2x+3.
Tim toa d6 cac diém R (x;y) trén (P) sao cho Vx—2 +V6—x =+/x> —8x+24.
Tén tai hay khong diém Q (x;y) thudc (P) thoa man (x2 +1)(x2 +y° ) =4x’y ?
Dlem N (x;p) trong mit phang toa do duoc goi la dlem nguyén khi x va y déu 1a cac s6 nguyén. Gia

su ton tai cac gia tri nguyén m sao cho (P) va d cit nhau tai cac diém nguyén. Khi d6 (P) va (d) ¢o
thé cit nhau tai bao nhiéu diém nguyén 1a tbi da ?
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Bai toan 8. M¢ rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; M6n Toén; Dé thi chinh thirc; S&
Giao duc va Pao tao Tinh Thai Binh; Nam hoc 2003 — 2004.
Cho ham s6 y = 2x*c6 d thi 1a (P) va dudng thing d:y =2(a —2)x—%a2 (a 12 tham sb thuc).
1. Tima dé q q
a) Puong thang d di qua diém 4 (0; — 8).
b) Pudng thing d song song voi dudng thing y = (5a—1)x—a.
c) Puong thang d vudng goc voi duong phan giac goc phan tu thu I11.
d) Ducng thang d cat truc tung tai diém c6 tung do 16n hon — 2.

2. Khia thay doi, hay xét sb glao diém cua (P) va d tuy theo gia tri cua a.
3. Tim a dé (P) cat d tai hai diém c6 hoanh d¢ x,,x, thoa min
a) x+x,=xx,-2.
1 1
b) —+—=-4.
X X
17
c) x\+x; =3
d) (x-2)(x,-2)=8-9a.
4. Goi tung d6 cac giao diém cua (P)vadla y,y,.
a) Tim a sao cho y, +y, =16—%a2.
1,1 42
N N a’
¢) Tim a sao cho biéu thirc S = y, + y, + 5a dat gia tri nho nhat.
5. Tim trén (P) nhirng diém c6 khoang cach dén gbc toa o O (0;0) bang /3.
6. Ton tai hay khong diém B (x;y) nam trén (P) thoa min (x+ Vx? + 2015)(y +y Y+ 2015) =2015 ?

b) Tim a dé

7. Tim trén parabol (P) toa d6 diém C (x;y) thoa man Vx—3++/5—x +8x= §+ 18.
Bai toan 9. Mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; M6n Toan; Dé thi chinh thire; S&
Giao duc va Pao tao Tinh Thai Binh; Nam hoc 2002 —2003.
Cho ham s6 y = f(x)=x+m c6 dd thi la dudng thing (d), m la tham sd, O 1a gbc toa do.
1. Tim gia trj cia tham sd m dé duong thang d:
a) Diquadiém 4 (1;2003).
b) Khong di qua di€ém B (— 6;2)

¢) Vuédng goc v6i duong thang y = —lx+9 .
m
d) Song song v&i dudong thang A:x—y+3=0.
e) Cit tryc tung tai diém c6 tung d6 16n hon %mz .

f) Tiép xuc voi duong tron tim O, ban kinh R=~/2 .
g) Tao véi hai truc toa do mot tam giac co6 di¢n tich bang 2.

2

h) Tiép xtc véi parabol (P):y = —%x
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2002 2003 : :
2. Xéta= + ;b =+/2002 ++/2003 . Chtirng minh ran a)> f(b).
rocs T ooy 0 =Y v g g f(a)>f(b)

3. Vé6i m=4, tim toa do diém C (x;y) trén dudng thang d sao cho |y —2007]
4. Xéthamsd y=|x—1/+|x—2|c6 dd thi (H).
a) V& d6 thi (H). o q q ‘
b) Bi¢n luan theo tham s6 m s6 giao di€m cua duong thang d va do thi (H).
5. Tim tit ca cac gia tri ciia m dé duong thang d cit parabol (P) y = x”tai hai diém phan biét c6 hoanh
dd x,,x,sao cho

2004 2003
=1.

+|x—2004]

a) x +x,=10xx,—7Tm.
b) x’+x;>8.
c) ! + L l
x—-2 x,-2 5
Bai toan 10. Mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mon Toén; Dé thi chinh thuc;
S& Gido duc va Pao tao Tinh Thai Binh; Nam hoc 2012 —2013.
Trong mat phéng vo1 hé toa do Oxy, O 1a géc toa do, cho parabol (P): y = —x*va dudng théng d:y=mx+2
(m 1a tham sb thuc).
1. Tim gié tri cia m sao cho duong thang d thoa man
a) Diqua diém (4;11).
b) Khong di qua diém (3;2).
c) Song song véi dudng thing y=(4m—6)x+7—m.

d) Vuéng goc v6i duong thang y = —%x +3k.

¢) Dong quy voi hai dudng thing y=x; y=2x-1.
f) Ciat duong thang y = 6x+9tai diém M nim trén parabol (P).
2. Xettruong hop m=-3.
a) Tim toa dg giao di€m cua (P) va d khi do.
b) Tim toa d6 diém N (x;») trén dudng thing d c6 hoanh d6 x = (4 + \/E)(\/ﬁ - \/g)\/4 ~\15.
Tim m dé d cat (P) tai mot diém duy nht.
4. Cho hai diém A(-2;m),B(1;n). Tim m, n dé 4 thudc (P) va B thudc d.
5. Trong truong hop parabol (P) cit dudng thang d tai hai diém c6 toa do(x;1,),(x,:7,)-

[O8)

a) Tim gia tri m dé x +xJ =5x,x, .
b) Timm d€ x] +x; =6xx, +m—4.
1 7

¢) Tim gia tri cia m sao cho

+ =——.
x -1 x,-1 8

d) Tim m sao cho y, +y, =2xx, -8(x +x,).
e) Tim tit ca cac gia tri m sao cho y> +) =8.
m+33

f) Tim m sao cho x,y, +x,y, = 4

\ .2 , 1 1 s J
g) Tim m sao cho biéu thuc § =—+— dat gié tri 16n nhat.
N

h) Chung minh ring it nhat mot trong hai hoanh do c6 gié tri tuyét dbi khong vuot qua /2.
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6. Goi H 1a chan dudng vudng goc ké tir O dén duong thang d. Tim m dé do dai doan OH 16n nhét.

2x
q q q V2?49

8. Tim m dé duong thang d di qua diém T (x;y) thdéa man dang thuc

(x2 +1)(y2 +4)(z2 +9) =48xyz (x,y,z € N) .
9. Gia sir ton tai diém L (x;y) nim trén parabol (P) thoéa man x*+2x+4=3 x(4-y). So sanh d¢ dai
doan thang OL va 19.

10. C6 bao nhiéu diém J (x;y) ndm trén (P) thoéa mén hé thirc y* —5y/x +6x=0 ?
Bai toan 11. Mé rong va phat trién bai 3; Dé thi tuyén sinh 16p 10 THPT; Mon Toéan; Dé thi chinh thirc;
S& Giao duc va Bao tao Tinh Thai Binh; Nam hoc 2013 —2014.

2

Trong mit phing véi hé toa d6 Oxy cho parabol (P): y = x? va duong thing d:y=mx+m+5.

7. Tim toa do diém K (x;y) trén parabol (P) sao cho 2+1 =
y

1. Tim gia tri ciia m sao cho
a) Puong thing d di qua diém C thudc (P), P ¢ hoanh d6 bang 2.
b) Puodng thing d khong di qua diém (4;— 2).
¢) Duong thing d vudng goc véi dudng phan gidc goc phan tu thir I1.

d) Duong thing d song song véi dudng thing y = (%— ij -6.

e¢) Puong thing d cit truc tung tai diém co tung do 16n hon +/15.
f) Puong théng d tao v6i hai tryc toa d0 mot tam giac c¢6 dién tich béng 8.
2. Xéthaidiém D (2;m), E (- 3;n). Timm vandé De(P),Eed .
Tim toa do giao diém cta (P) va d khi m=-5.
4. Chung minh rang véi moi gia tri caa m thi:
a) Puong thing d ludn di qua mot diém cd dinh, tim toa d6 diém do.
b) Pudng thang d ludn cit (P) tai hai diém phan biét.
5. Trong trudng hop parabol (P) cit dudng thang d tai hai diém c6 toa dd (x;1,),(x,57,).

98]

a) Tim m sao cho x, +x, +xx, =m’—2.
b) Tim m sao cho x +x; > 4x,x, —20.
¢) Tim m sao cho x; +2mx, —2m—10=2|m|.
d) Tim gia tri m & y, +y, = y,y, —15.
e) Xéc dinh gid tri nho nhét cia biéu thirc S =|x, —x,|.
f) Tim gid tri m thoa man y, + y, < x,x, +20.
g) Tim gié tri nguyén ctia m dé biéu thirc T = %nhém gia tri nguyén.
6. Tim hai diém phan biét 4, B thudc parabol (P) sao cl:ho il d6i xtmg voi B qua diém M (- 1;5).
7. Tim gia tri cua m dé duong thing d 13 tiép tuyén cua dudng tron tim O, ban kinh R=32.
8. Tim toa do diém N (x;p) trén parabol (P) c6 hoanh d6 x=317+12v2 —+/2.
9. Tim toa d6 diém S (x;y) trén parabol (P) théa man dang thirc x—1+x’ +x+2y+1=1+./4)° —1.
10. Dlem N (x;9) trong mat phang toa do duoc goi 1a dlem nguyén khi x va y déu 1a cac s6 nguyén. Gia

su ton tai cac gia tri nguyén m sao cho (P) Va d cét nhau tai cac diém nguyén. Khi d6 (P) va (d) co
thé cit nhau tai bao nhiéu diém nguyén 1a téi da ?
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Bai todn 12. Trong mit phang voi hé toa dd Oxy, O 1a gde toa dd, cho parabol (P): y = x*>va duong thang

chtra tham s6 d : y = mx+1 (m 1a tham s thuc).
1. Vi gia tri nao cua m thi
a) Puong thing d c6 huéng di 1én ?
b) Dudng thang d di qua diém (4;3).
c) Puong thang d khong di qua diém (— 4; ;1)
d) Puong thang d vudng goc v6i duong thang y =—4x+10.
e) Duong thing d song song v6i dudng thing y =(8m—3)x+6.

f) Duong théng d tao v&1 hai truc toa do mdt tam giac c6 dién tich béng 4.
2. Tim toa dd céac giao diém cua (P) vad khi m=-2.

3. Chimg t6 v6i moi gia tri cua m, (P) va (d) ludn cit nhau tai hai diém phan biét phan biét 4 va B.

4. Giasir 4, Bcotoadd (x;1,),(x,:,).
a) Chung to 4 va B khong thudc truc Oy.
b) Tim m sao cho x, +x, =8xx, —11.
¢) Tim m sao cho 4(x12 +x22) >7xx, +9.
Y S S TR 11
d) Tim tat ca cac gia trictam d¢ —+—>x, +x,+8.
XX,
e) Tim gia tri cua m sao cho y, +y, =yy, +2m.
f) Tim gia tri cia m sao cho y,—y, =2m.
g) Tim gia tri ciia m sao cho y, +y, =m’ +2.

h) Chtng minh rang it nhat mot trong hai hoanh do c6 gia tri tuyét d6i khong vuot qua 1.

5. Goi x,,x,1an luot 1a hoanh do ctia 4 va B. Tim gi4 trj 16n nhat cua biéu thie 7 =L +22
X, X
6. Tim toa d6 diém M (x;y) trén parabol (P) théa man y=x’—y+./y—x.
2 2 2 2
7. Tim toa do diém L (x;y) trén parabol (P) thoa mén \/ al +24y + \/ i 2’;y A ety

8. Dlem N (x;y) trong mit phang toa do duoc goi 1a dlem nguyén khi x va y déu 1a cac s6 nguyén. Gia
su ton tai cac gia tri nguyen m sao cho (P) Va d cét nhau tai cac diém nguyén. Khi d6 (P) va (d) co

thé cit nhau tai bao nhiéu diém nguyén 1a tbi da ?

Bai toan 13. M¢ rong va phat trién bai 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toéan; Dé thi chinh thirc;

S& Giao duc va Pao tao Tinh Thai Binh; Nam hoc 2011 —2012.
Trong mit phing véi hé toa d9 Oxy cho parabol (P): y = x’va dudng thing d : y = ax+3.
1. Tim a dé duong thang d thoa méan diéu kién
a) Khong di qua diém (2;5).
b) Song song v6i dudng thang y = (1-5a)x —% :
2

¢) Vuédng goc v6i duong thang y = %x -4,

d) Cit tryc hoanh tai diém c6 hoanh d¢ 1én hon 7.
e) Tao véi hai truc toa mot tam giac vuong co ty 1¢ cac canh la 3:4:5.

32

f) Tiép xtic voi duong tron tim O, ban kinh R = -
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Nk W

9.

Tim toa do diém S (x;y) trén (P) biét S ¢6 hoanh do x =~/5-/9-44/5 .
Trong truong hop a =1, v& parabol (P) va duong thang d trén cing mot hé truc toa do.
Chung minh rang (P) luon cét d tai hai diém phan biét.
Goi x,,x,1a hoanh d¢ hai giao diém cia d va (P).
a) Tim a sao cho 3(x, +x,)>11xx, -5.
b) Tim a sao cho x] +x; —4xx, =9(a+2).
1 a-6

¢) Tim a dé i+—:
X X, 3

d) Tim a dé hoanh d6 diém nay gip 5 1an hoanh do diém kia.

e) Tim a sao cho biéu thitc P =x] +x] +3(x, +x,)dat gid tri nhd nhat.

f) Tim tat ca gia tri ciia a sao cho x, +2x, =3.

g) Chimg minh rang it nhit mét trong hai hoanh do c6 gia tri tuyét dbi khong vuot qua /3.
Goi tung do cac giao diém cua (P) vad la y,,y,. Tim gia tri cua a sao cho

a) L + L <lI.

N M
b) (3 -1)(,-1)=-5.
2 2
©) (n+x) —(ny,) =19.
d) Biéu thirc Q= ( )(x2 —1) dat gia tri 1on nhat.

Tim toa d6 diém K (x;y) nam trén (P) sao cho/5x—6 +/10—-3x =2y—x—-2.

Dlem N (x;p) trong mit phang toa do duoc goi la dlem nguyén khi x va y déu 1a cac s6 nguyén. Gia
su ton tai cac gia tri nguyen m sao cho (P) Va d cét nhau tai cac diém nguyén. Khi d6 (P) va (d) co
thé cit nhau tai bao nhiéu diém nguyen 1a tbi da ?

Tim tat ca cac diém L c6 toa dd (x;y) nam trén (P) sao cho vx—1+~3—-x+ 4x\2x = xy +10.

Bai toan 14. Trong mit phang voi hé toa do Oxy, O 1a gbc toa dd, cho parabol (P): y=xva duong thang
chtra tham sdd : y = 2ax—3a+5 (a 12 tham s thuc).

1.

2.
3.

Tim gia tri cta a dé dudng thang d théa man
a) Di qua diem K (1;-9).
b) Song song v6i duong thing y=4x+9.

¢) Vuong goc v6i duong thang y = —%x +5k—1.

d) Cat duong thang y =3x—2tai diém c6 hoanh d6 bang 1.

e) Tao véi tia Ox mot goc tu.

f) Tao véi tia Oy mot goc tu.
Chung minh r?mg vO1 moi gia tri cua a, d luon cat (P) tai hai diém phan biét.
Goi hoanh d hai giao diém ctia (P) véi d 14 x,,x,. Tim gia tri a sao cho

a) x +x,=4xx,-5.

b) 2x, +x,=0.
c) L+i:1—2a.
X X%

d) Biéu thic S = x? +x2 —3x.x,dat gia tri nho nht.
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e) |x—x|=10.
f) Hai giao diém cing nim trong gdc phan tu thr nhat.
4. Goi tung d6 céc giao dieém cua (P) vadla y,,y,. Tim gi4 tri cia a sao cho
a) y+y,=yy,—15.
1 1 2

b) —+—==.
n o »m S

.2 , + cro . . £
¢) Biéuthuc Q= yl—zyzdat gia tri nho nhat.
a

d) y+y2=2(3a-5).
Véi gia tri nao cua a thi (P) cit d tai hai diém phan biét nim vé hai phia cta truc tung ?
Xéc dinh a dé (P) cét d tai hai diém phan biét nam vé hai phia ctia duong thang x=1 ?
Tim gia tri cta a dé dudng thang d ddng quy vé6i hai duong thing y=6x—1; y=4x-3.
Tim a sao cho khoang cach tir gbc toa d6 O dén dudng thing d 1a 16n nhat.
Xét duong tron (C) voi tam O, ban kinh R=1. Tim tit ca cac gia tri ctia « dé dudng thang d cat

25
=

e

duong tron (C) theo mot day cung c6 do dai /=

10. Tim toa d6 diém K (x;y) trén parabol (P) sao cho 18x> — 2x—1?7 +9, /x —% =0.

11. Dlem N (x;y) trong mit phang toa d6 duoc goi 1a dlem nguyén khi x va y déu 1a cac s6 nguyén. Gia
su ton tai cac gia tri nguyén m sao cho (P) va d cit nhau tai cac diém nguyén. Khi d6 (P) va (d) co
thé cat nhau tai bao nhiéu diém nguyén 1a tbi da ?

Bai toan 15. Trong mat phang véi hé truc toa d§ Oxy, O 1a goc toa d9, cho duong thang d:y=2x+mva
parabol (P):y=x".

1. Véi gia tri ndo cta m thi duong thiang d thoa man

a) Diqua diem M (2;9).
b) Song song v&i duong thang y = (3m—2)x+4.

¢) Vuodng goc v6i duong thang y = (mz —%jx -3.

d) Cit tryc tung tai diém c6 tung d6 16n hon 3m—-5.
e) Cach gbc toa do O mot khoang bang /5.
f) Tao voi hai truc toa d6 mot tam giac ¢ dién tich bang 13.
2. Tim toa do glao diém cua (d) va (P) khi m=3.
3. Ching minh rang vi moi g1a tri dwong ctia m, trén parabol (P) luén c6 hai diém nam trén d.

4. Tim m d¢ dudng thang d cit parabol (P) tai hai diém A(x,;y,), B(x,;, )sao cho
a) x +x,=5xx,—-4.
b) L+L = —2.

X, X, 6

C) x;+x;—8xx,=24m.

d) ﬁ+ﬁ:—ﬁ.
X, X 5

e) ! + ! +2=0.
x-3 x,-3
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I 1

ST )
g) Nty =yy,+5.

8

7 -
m

h) Biéu thitc P=2L+22 dat gid tri nho nhét.
. . Yo N
1) A va B nam v¢ hai phia cua truc tung.
Xac dinh m d¢€ parabol (P), duong thang d va duong thang y =4x—4dong quy tai mot di€m.

. Tim toa do diém D (x;y) nam trén (P) thoa man dang thirc \/y +2+ \/8x —8y+7=x+1.

Trong mit phing toa do, xét diém K (a;b) thda man (b —2a\b+24d* —4a+ 5)(b +7)=3+ 4b .
Diém K (a;b) ¢6 nam trén parabol (P) hay khong ? Tai sao ?

Bai toan 16. Mo rong va phat trién cau 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho tat ca cac
thi sinh du thi); Pé thi chinh thic; Truong THPT Chuyén Dai hoc Su pham Ha Noi; Pai hoc Su pham Ha
Noi; Quan Cau Gidy; Thu d6 Ha Noi; Nam hoc 2012 — 2013; Ngay thi 06.06.2012.

Trong mit phing v&i hé toa d6 Oxy, O 1a gbc toa dd, cho parabol (P):y=-x"va duong thang chira tham

s6 d:y=mx—m-2 (m 1a tham s thuc).

1.

B

6.

Tim gié tri cua m sao cho
a) Duong thing d di qua diém (2;— 7).
b) Duong thing d song song v6i dudng thang y =(4-5m)x+ Jm .
¢) Puong thiang d vudng goc v4i duong phan giac goc phan tu thir nhat.
d) Puong théng d cit truc hoanh tai diém c6 hoanh d6 16n hon /3.
e) DPuong thang d tao voi tia Oy mot goc a >90".
Gia sir duong thang d cit tryc tung va truc hoanh theo thir tu tai 4 va B (khong trung gdc toa do O).
Tim tat ca cac gia tri cua m dé
a) Tam giac OAB c6 ty 1€ do dai cac canh la 3:4:5.
b) Tam gidc OAB c6 dién tich bang 4,5.
c) OBA > 60°.
d) Tam giac OAB c6 d6 dai chiéu cao ké tir O dat gia trji 16n nhat.
Tim tap hop cac diém M (x;y) ma dudng thang d khong thé di qua v6i moi gia tri cia m.
Tim toa do giao diém cua (P) véi d khi m=-2.
Chtng minh rang d ludn cit (P) tai hai diém phan biét 4, B ¢6 hoanh do x,,x, .
I 2

a) Timgidtrimdé x +x, = .
xx, 3

b) Tim gié tri m dé x> + x> =4+3m’.
1 1
- =—.

x=-5 x-5 5

d) Timm dé |x, —x,|=+/20.

e) Tim gia tri nho nhat cua biéu thirc § = #/x, —x, .

a) Tim m dé hai diém A4, B nim cung phia d6i vdi truc tung.

b) Tim m d¢ it nhat mot diem c6 hoanh d¢ thude khoang (-2;4).
Dlem N (x;y) trong mit phang toa do duoc goi la dlem nguyén khi x va y déu 1a cac s6 nguyén. Gia
su ton tai cac gia tri nguyén m sao cho (P) va d cat nhau tai cac diém nguyén. Khi d6 (P) va (d) ¢o
thé cit nhau tai bao nhiéu diém nguyén 1a tbi da ?

¢) Tim m théa man
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Bai toan 17. M6 rong va phat trién cau 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho tit ca cac
thi sinh du thi); Dé thi chinh thure; Truong THPT Chuyén Pai hoc Su pham Ha Noi; Pai hoc Su pham Ha
Noi; Quan Cau Gidy; Thu d6 Ha No6i; Nam hoc 2011 — 2012.
Trong mat phang vai hé toa do Oxy, O 1a gdc toa dd, cho parabol (P):y=x" va duong thang chtra tham s
d:y=mx—m’>+3 (mlatham sd thuc).
1. Tim gié tri cuia m dé duong thing d thoa man
a) Di qua diém 4 thudc (P), 4 c6 hoanh do bing /3.
b) Cit tryc hoanh tai diém c6 hoanh d6 bémg 2.
¢) Vuong goc voi duong phan giac goc phan tu tha 111
d) Song song v6i dudng thang di qua hai diém (1;4), (2;5).
e) Tao véi tia Ox mot goc nhon.
2. Tim tit ca cac gia tri ciia m dé duong thang d cat (P) tai hai diém phan biét c6 hoanh do x,,x,.
3. Khi m=1, tim toa do cac giao diém M, N ciia dudng thang d véi parabol (P). Tinh do dai duong cao
OH cua tam giac OMN (H 1a chan duong cao).
4. Vi gia tri nao cua m thi x,x, tuong g la do dai hai canh goc vudng cuia mot tam gidc vudng cod

d6 dai canh huyén bang \E ?

5. Tim m d¢ dudng thing d cat parabol (P) tai hai diém phan biét 4(x,;,),B(x,;¥,)sao cho
a) x, +x,+3xx,=-5.
b) x’+x; —5xx,>19.
1 1
) 1 a1
d) x+x=7.
e) Yty =ny, 3.
) (» 4—)/3)x1x2 +10=0. ‘
_ &) Haidiém 4 va B cung nam phia bén phai cua tryc tung. ’
6. Ton tai hay khong gia tri ctia m dé (P) cat d tai hai di€ém 4, B nam khéc phia doi voi duong x=2 ?
Ja+2-=a b +1
3

P> +b+1

7. Trong mit phang toa do, xét diém K (a;b) thoa man dang thirc

Diém K (a;b) ¢6 nam trén parabol (P) hay khong ? Giai thich.
8. Tim toa do diém L (x;p) trén parabol (P) sao cho v1—x ++/1+x +./1-y =4.
Bai toan 18. M6 rong va phat trién cau 3; D& thi tuyén sinh 16p 10 THPT; Mon Toan (Danh cho tit ca cac
thi sinh du thj); DQ thi chinh thtrc; Truong THPT Chuyén Pai hoc Su pham Ha Noi; Pai hoc Su pham Ha
Noi; Quan Cau Giay; Thu d6 Ha Noi; Nam hoc 2013 — 2014.

Cho parabol (P):y=x?va dudng thang d:y =

1. Tim gid tri ctia m d¢ 7
a) Puong thang d di qua diém (0;1).

b) Puong thing d song song véi dudng thiang y = 2x +% .

¢) Puong thang d vudng goc v6i duong thang y = —73x +4m.

d) Duong thing d cit truc tung tai diém c6 tung d6 16n hon 1.
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2. Tim toa do giap diém cua (P)vad trong truong hop m=1. . , i .
3. Chung minh rdng v&é1i moi m =0, d cat (P) tai hai diém phéan biét, dong thoi hai diém nay nam vé
hai phia cua tryc tung.
4. Goi A(x;,),B(x,;»,)1a hai giao diém ctia d va (P).
a) Timm & x, +x, =5m* —4.
b) Tim m sao cho xx, +x;x, =-2.
¢) Tim gia tri ctia m sao cho S = x? + x> —1dat gia tri nho nhat.
d) Xac dinh m sao cho y, +y, +xx, =3m’ —%.
Y P T 1 1
e) Tim tat cacac giatrimsaocho y,+y,=,[2—-——+—.
V" m Im
f) Tim gia tri nho nhat cua biéu thirc M =y + 2.
5. Trong mat phang toa do, xét diém K (a;b) thoa man dang thirc
a1=b? +bN9—c? + V10— =10 (a,b,ceR).
Diém K (a;b) c6 nam trén parabol (P) hay khong ? Giai thich.
6. Tim toa do diém L (x;y) trén parabol (P) thoa min v2x—1=x>-2y+2x.
7. Piém N (x;)) trong mat phing toa do duoc goi la diém nguyén khi x va y déu 1a cac sd nguyén.
Chimg minh rang (P) va d khong thé ¢6 giao dlem 1a diém nguyén.
Bai toan 19. M6 rong va phat trién cau 3; D& thi tuyén sinh 16p 10 THPT; Mon Toan (Danh cho tit ca cac
thi sinh du thi); Dé thi chinh thirc; Truong THPT Chuyén Pai hoc Su pham Ha Noi; Pai hoc Su pham Ha
No61; Quan Cau Giay; Thu dé6 Ha Noi; Nam hoc 2014 — 2015.

Trong mit phang véi h¢ toa dd Oxy, cho parabol (P):y = x* va dudng thing d: y = —%(m +1)x +% (v6i O la

gbc toa do, m la tham s).
1. Tim tat ca cac gia tri cua m dé
a) Puong thing d di qua diém (3;2).

B

b) Pudng thing d di qua diém A4 thudc (P), 4 c6 tung do bang 5

c) Puong théng d song song vo1 duong phan giac goc phe‘inwtu: thir I1.

d) Duong thang d Vgﬁng goc voi duong thang di qua hai diém (3;1) va (2;4).

¢) Duong thang d cat truc hoanh tai diém c6 hoanh d¢ 16n hon 5.

f) Puong thang d tao voi tia Oy mot goc nhon.
2. Chimg minh rang vi mdi gia tri ctia m, dudng thang d cat parabol (P) tai hai diém phan biét.
3. Goi x,,x,1a hoanh d6 cac giao diém ctia (P) va d.

a) Timm & x +x, >5xx, —9m.

b) Tim m dé X, +x; =6x,x, +§

1 2
+ ==,
x-2 x,-2 3

¢) Tim m sao cho

X R RN T , 1
d) Tim gia trj nho nhat cta biéu thirc S = x +x; —3

¢) Dit f(x)=x+(m—1)x’ —x. Chimg minh ding thirc f(xl)—f(xz):—%(xl—xz)s.
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4. Tim toa d6 diém L (x;y) trén parabol (P) thoa man \/2y—1 +x\2x—1=y.
5. Piém N (x;y) trong mit phang toa do duoc goi 1a diém nguyén khi x va y déu 1a cac s nguyén. Xét
diém nguyén N (x;y) thoa min dang thirc 9x* +3y° +6xy—6x+2y-35=0.
a) Tim tat ca cac diém nguyén N (x;y).
b) Nhiing diém N (x;y) ndo nam trén parabol (P) ?
Bai toan 20. Chuyén thé, mé rong va phat trién cau 4; Dé thi chon hoc sinh gioi 16p 9 THCS; Mon Toan;
Dé thi chinh thirc; S& Gido duc va Pao tao Tinh Gia Lai; Nam hoc 2009 — 2010.
Trong mit phing v6i hé toa do Oxy, O 1a gbc toa dd, cho parabol (P):y=x’va dudng thang d chira tham
6 y=2(m—-1)x—m+3 (m 14 tham sé thyc).
1. Khao st sy bién thién va vé parbol (P).
2. Tim m dé duong thang d thoa man
a) Di qua diém (1;— 4).

b) Vudng goc véi duong thang y = —%x—\/ﬁ :

¢) Song song v&i dudng thing y =—/2x++/3.

d) Cit truc tung tai diém c6 tung d6 16n hon 5.

e) Tao vdi tia Ox mot goc nhon.

f) Tao voi hai truc toa d6 mot tam giac ¢ dién tich bang 0,5.

g) Tao vdi hai truc toa do mdt tam giac c¢6 ty 1¢ do dai cac canh 1a 4:5: Jat.
3. Chung minh rang dudng thang d luén ludn cit parabol (P) tai hai diém phan biét véi moi gia tri m.
4. Got x,,x,1a hoanh d¢ cac giao diém 4, B cua (P) vad. Tim gia tri cua m sao cho

a) x, +x, =5xx, —%.

b) 4(x +x,)=6xx, 2.
¢) Biéu thitc §=x’+x> —%xlx2 dat gia tri nho nhat.

) L
XX
e) ! + L _ l
x—-6 x,-6 6
f) A, Bnam vé hai phia cta tryc hoanh.
g) A va B ddi xing nhau qua diém 7 (2;8).
5. Tim tat ca cac gid tri m dé d cét (P) tai hai diém 4, B nam cung mdt phia ddi véi tryc tung. Khi dé
hai diém A4, B nam vé bén trai hay bén phai truc tung ?
6. Viét phuong trinh dudng thing A di qua diém E (—1;5), chin parabol (P) theo mot day cung (X) sao
cho E 1a trung diém cua X).
7. Blem N (x;y) trong mit phang toa do duoc goi 1a dlem nguyén khi x va y déu 1a cac s6 nguyén. Gia
su ton tai cac gia tri nguyén m sao cho (P) vad cit nhau tai cac diém nguyén. Khi d6 (P) va (d) co

thé cat nhau tai bao nhiéu diém nguyén 1a tbi da ?
8. Tim toa d6 diém L (x;y) ndm trén parabol (P) khi y+x+3=4xyx+3.
9. Trong mit phing toa do, xét diém K (a;b) véi a, b thoa min dang thirc
2(a” +1)(b* +1)=(a+1)(b+1)(ab+1).
Diém K (a;b) c6 nam trén parabol (P) hay khong ? Giai thich.
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Bai toan 21. Chuyén thé, mé rong va phat trién cdu 5; Dé thi chon hoc sinh gioi 16p 9 THCS; Mén Toan;
bé thi chinh thirc; S& Giao duc va Pao tao Tinh Gia Lai; Nam hoc 2009 — 2010.

Trén mit phang toa dd Oxy, cho parabol (P):y= %xzva‘l duong thang d: y = mx+1; m 1a tham sd thyc.

1. Khao sat su bién thién va vé parabol (P).

2. Tim m d¢ dudng thang d thoa mén
a) Diquadiém (3;10).
b) Di qua diém A4 thudc (P), A c6 hoanh do bang /3.
¢) Song song v6i dudng thang y = (3—5m)x L .

V2

d) Vuéng goc v6i duong thang y = —1+ 2m.

NG

e) Tiép xuc véi dudng tron tdm O, ban kinh R ==
3. Chung minh rang véi moi meR:

a) d ludn cat (P) tai hai diém phan biét 4 va B.

b) Dién tich tam gidc AOB khong nho hon [m+1|2.
4. Goi A(x;,),B(x,;¥,)1a hai giao diém ctia d va (P).

a) Tim m sao cho x, +x, =4xx, —%m.

b) Timm d& x>+ x> —5xx, =29.

1

¢) Tim m thoa man ! + :g.
x-3 2x,-3 3

X U U N VTR , 3
d) Tim gia tri nho nhat cta biéu thitc Q= x7 +x; _E(xl +x,).
e) Timm saocho y +y, =y, +xx,—29.

f) Tim m sao cho i+L: 3m
N 0
g) Chung minh rang it nhat mot trong hai di€m c6 gia tri tuyét doi hoanh d¢ khong vuot qua 2.

5. Tim toa do diém D (x;) thudc parabol (P) thoa min x+/2—4y = x> +4L.
Y

6. Tim toa d6 diém E (x;y) thudc parabol (P) c6 hoanh do x thoa man

el P )

7. Dlem N (x;y) trong mit phing toa d6 duoc goi 1a dlem nguyén khi x va y déu 1a cac sb nguyén. Gia
su ton tai cac gia tri nguyén m sao cho (P) va d cit nhau tai cac diém nguyén. Khi d6 (P) va (d) ¢o
thé cit nhau tai bao nhiéu diém nguyén 1a tbi da ?

8. Viét phuong trinh dudng thang A di qua diém L (1;12), chin parabol (P) theo mét day cung (X) sao
cho L 1a trung diém cua (X).

9. Tim toa d6 hai diém U, V thudc parabol (P) sao cho U va ¥ nhan diém 7 (0;4) lam tam ddi xtng.

10. Trong mit phang toa do, xét diém K (a;b) v6i a, b thoa man dang thirc

a*+a—4b+a>+5b=5b .

Diém K (a;b) ¢6 nam trén parabol (P) hay khong ? Giai thich.
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Bai toan 22. Mé rong va phat trién cau 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho tit ca cac
thi sinh du thi); D& thi chinh thirc; Truong THPT Chuyén Thai Binh; Thanh pho Thai Binh; Tinh Thai
Binh; Nam hoc 2011 — 2012.
Trong mit phang véi hé toa dd Oxy, cho parabol (P):y=x’va duong thang (d): y=(m—1)x+3(4-m)
(O 1a gbc toa do, m 1a tham s6).
1. Vg€ parabol (P). 7
2. Tim gia tri cua m sao cho duong thang (d) thoa mén
a) Diqua diém (- 5;1).
b) Di qua diém K thudc (P), K c¢6 hoanh do bang /2 .
¢) Vudng goc v4i dudng thang y = SJEx —Jm.
2mx —1
NE)
e) Ce“}t truc tung tai diérr} co tung do khong vuot qua 6.
f) Cat truc hoanh tai di€ém cp hoanh d6 duong.
3. Goi M, N lan luot la cac giao diém khong trung goc O cua (d) voi truc tung va tryc hoanh.
a) Tim m sao cho tam gidc OMN cé dién tich bang 18.
b) Tim m dé tam giac OMN c6 ty 1& d6 dai cac canh 14 4:7:/65.
c) TimmdéO/]\Z\/>30°. . )
d) Tim m dé tam giac OMN c6 d6 dai chiéu cao ke tu O dat gia tri 16n nhat.
Xét hai diem D (1;m), E (n;6). Tim m va n dé E thuoc (P) va E thudc (d).
Tim toa d giao diém cua (d) va (P) khi m=-2. ) 7
Chung minh rang, v&i moi gia tri cia m, (d) va (P) ludn c6 it nhat mot di€ém chung.
Tim diéu kién ctia m dé (d) cit (P) tai hai diém phan biét 4(x;,),B(x,;,)théa man
a) Hoanh d¢ diém nay gap doi hoanh d diém kia.
b) Hai di€ém c6 hoanh do¢ 16n hon 2.
c) 2x,—3x,=4.
o Ll L
x-4 x,-4 5
e) Biéu thitc P =x?+x>—5x.x,dat gi4 tri nho nht.
f) Biéu thitc Q= x +x? —3x, dat gi4 tri nho nhit.
g) -3<x—x,<3.
h) Ny, +119=yy,.
1) y+y,=v8l-n +n (neR).
j) Biéu thre R=2(x/x, +x3x,) - y,»,dat gid trj 16n nhat.
8. Viét phuong trinh duong thang A di qua diém L (2;5), A chan parabol (P) theo mot day cung (2)
sao cho L la trung diém cua (). 7 7 , 7 7
9. Tim tat ca cac gia tri cia tham so m d¢ duong thang d cat duong thang y =4x—1tai diem J (x;y) sao
cho biéu thitc S = y? —8x? + 7xdat gia tri nho nhat.

10. Chting minh rang c6 ba diém K (x;p) trén parabol (P) thda man /x> +4x—5++/9—x =.[y +3x+4.

11. Trong mat phéng toa do, xét diém L (a;b) thoa man déng thirc Va—8++10—a =b>—18b+83.
biém L c6 nam trén parabol (P) hay khong ? Tai sao ?

-2.

d) Song song véi duong thang y =

Nk
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Bai toan 23. Lién h¢, két hop, M rong va phat trién cac bai toan
% Cau 3; Dé thi tuyén sinh 16p 10 THPT; M6n Toan; Dé thi chinh thirc; S& Gido duc va Pao tao Tinh
Théai Binh; Nam hoc 2006 — 2007.
< Cau 3; Dé thi tuyén sinh 16p 10 THPT; M6n Toan (Danh cho tét ca cac thi sinh dy thi); Dé thi chinh
thirc; Truong THPT Chuyén Ngoai ngir; Pai hoc Quéc gia Ha Noi; Quan Cau Giéy; Thu d6 Ha
No1; Nam hoc 2000 —2001.
< Bai 2; Dé thi tuyén sinh 16p 10 THPT; M6n Toan (Danh cho tit ca cac thi sinh du thi); Dé thi chinh
thirc; Khoéi THPT Chuyén Dai hoc Su pham Ha Noi; Pai hoc Su pham Ha No6i; Quan Cau Gié'ly;
Thu d6 Ha Noi; Nam hoc 2009 — 2010.
Trong mit phing véi hé toa d9 Oxy, cho dudng thing d:y=x+2 vaparabol (P):y=x".
1. Tim toa d6 diém trén duong thang d c6 hoanh d6 bang /3.
2. Tim toa do diém H (x;y) thudc duong thang d sao cho biéu thic P =x* +4)*dat gia tri nho nhat.
3. Xac dinh toa d6 hai giao diém 4 va B cua (d) véi (P).
4. Cho diém M thudc (P) c6 hoanh do 1a m (v&i —1<m<2). Ching minh rang S,,,, < %7

AB —
(S,,;1a dién tich ctua tam gidc MAB).

5. Tim phuong trinh duong thang di qua diém 7 (0;1) va cat parabol (P) tai hai diém phan biét M va N
sao cho MN =24/10.

6. Xét duong thang A:y=mx+1.

5

a) Tim m dé duong thang Adi qua diém L nam trén P, L c6 hoanh d¢ bang -
b) Chiung minh duong thing Aludn ce"'ltqparabol (P) tai hai diém phan biét véi moi gid tri cta m.
¢) Goi P(x;»,),0(x,;y,)la cac giao diém cua A va (P).
Tim gia trj 16n nhét ctia biu thirc M = (y, —1)(», -1).
7. Tim tit ca cac gia tri ctia m dé parabol (P) cat dudng cong (C):y= 5x* —mtai diém L (x;y) sao cho
biéu thitc S = y? —4xy+8x+20 dat gia tri nho nhat.
8. Tim tat ca cac diem K (x;y) thudc parabol (P) théa man dang thirc

y;x: = |x+1|+2015]x =1 +]x-2|.
yrXx

9. Tim toa do hai diém phan biét U, ¥ thudc (P) sao cho hai diém d6 nhan L(%%j 1am tam ddi xtng.

10. Tim toa d6 hai diém phan biét E, F thudc parabol (P) thoa man diéu kién: Piém 7 (0;3) chia trong
doan thang EF theo ty 1¢ E_1 .

IF 3

Bai toan 23. M¢ rong va phat trién bai 3; Dé thi kiém tra chat lugng hoc ky II; Mon Toan; Lop 9; Dé thi
chinh thirc; S& Giao duc va Pao tao Tinh Thai Binh; Nam hoc 2010 — 2011.

Trong mit phang véi hé toa dd Oxy, cho dudng thang y = —%xz va duong thang d:y=ke—k—-2.

1. Tim gia tri cua k sao cho 7
a) Puong thang d di qua diém (3;1).

b) Puong thang d vudng goc véi duong thang y = —%x +4.

¢) Duong thing d song song véi dudng thang y = %x +2.
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d) Puong thing d cit tryc hoanh tai diém c6 hoanh d6 duong.

¢) Duong thang d cat truc tung tai diém c6 tung do 1on hon 0,8. .

f) Duong thang d tao véi hai truc toa d0 mét tam giac c6 di¢n tich bang 9,5.

g) DPuong théng d tao v&1 hai truc toa do mdt tam giac c6 ty 1¢ do dai cac canh la 1:2: J5.
Tim toa d6 di€m c6 dinh C (x;y) ma duong thang d ludn di qua voi moi gia tri cua m.
Tim khoang cach 16n nhat tir goc toa d§ O dén duong thang d.
Tim k dé (P) va (d) cung di qua goc toa dog.
Ching minh rang d ludn cat (P) tai hai diém phan biét khi & thay doi.
Goi x,,x,1an lugt 1a hoanh do céc giao diém 4, B cua (P) va (d).

a) Tim kdé x, +x, —3x.x, :%.

b) Tim £ sao cho x,—x, =4k.

¢) Tim ksao cho x; +x; —x,x, =9k +12.

1 1

+ >— 7
x—-6 x,-6 6

AN ol

d) Vi gia tri nao cua k thi

e) Xac dinh & dé bicu thirc x’x, +x,x>dat gia tri nhé nhat va tinh gia tri nho nhat do.
f) Tim k d¢ tung do diém nay bang 4 lan tung do diém kia.
g) Tim quy tich trung diém / cia doan thang AB.
7. Tim gia tri ciia tham sb & dé dudng thang d cat duong thang y = %x—ltai diém K (x;y) sao cho biéu
thirc S = x> +3)* +4x+5ydat gia tri nho nhat.
8. Tim gid tri cia tham s6 k dé duong thang d cat duong cong y = x* —3x+1tai diém L (x;) sao cho ty

s6 7=2 t2 dat gia tr1 nhé nhat.
X
X A 2:R n , ~ 32 . 3x+3 2%’ x+1
9. Tim toa do diem D (x;y) thudc parabol (P) thdéa man dang thuc - =

ooy fiex-2y]
10. Viét phuong trinh duong thang di qua diém 7 (%—%) cit parabol (P) theo mét day cung UV sao
cho U va ¥ nhan I lam tam d6i xtng.
11. Tim toa d6 hai diém M, N thudc parabol (P) sao cho diém Zz (0;—%) chia trong doan théng MN theo

tyl¢ ZM:ZN=1:3. ‘ .
12. Xét cac diém P va Q nam trén parabol (P), P c6 hoanh dg bang — 1, O c6 hoanh dd bang 2. Tim toa
d6 diém R nam trén cung parabol @sao cho tam giac POR c6 dién tich bang 3.
Bai toan 24. M¢ rong va phat trién bai 2; Pé thi tuyén sinh 16p 10 THPT; Mon Toan (Danh cho tat ca cac
thi sinh du thi); Dé thi chinh thirc; Khoi THPT Chuyén Pai hoc Su pham Ha Noi; Pai hoc Su pham Ha
Noi; Quan Cau Giay; Thu do Ha Noi; Nam hoc 2007 — 2008.
Cho cacham sb y=x*,y=—-x+2.
1. V&dod thi ham sb y=x>.
2. Tim toa do diém C trén dd thi ham sd y =—x+2 biét C c6 hoanh d6 bang 2.
3. Viét phuong trinh duong thang di qua (3;5) dong thoi vudng goc véi dudng thang y=—x+2.
4, Xz'}c dinh toa dQ cac giao diém A, B cua do thi hai ham sb da cho va toa do trung diém I cta doan
thang 4B, biét rang 4 c¢6 hoanh d§ duong.
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10.

1.

Xac dinh toa do cua diém M thudc do thi ham sb y = x”sao cho tam gidc AMB can tai M.
Xét cac diém P va O nim trén parabol (P), P ¢6 hoanh d6 bang — 1, O c6 hoanh d6 bang 2. Tim toa

d6 diém R nam trén cung parabol @sao cho tam giac POR c6 dién tich bang %

Dat f(x):y:xz.Choaléséthucthéamﬁn a’*—4a+1=0, tinh f(a5+i5j.
a

Tim toa do hai diém E, F thudc parabol y =x*sao cho E va F’ dbi xtng nhau qua diém 7 (2;5).
Viét phuong trinh duong }hellng di qua diérp K (0;8) va cét parabol (P) theo diy cung CD sao cho
diém K chia trong doan thang CD theo ty s 1:2.
Trong mat phang toa do Oxy, xét diém L (a;b) thoa man h¢ thirc
a>0,b>0,c>0
abc =1
(a+b)(b+c)(c+a)<2(l+a+b+c)
Hoi diém L (a;b) co6 thugc parabol (P) hay khong ? Tai sao ? q
Xét cac diém U, V nam trén parabol (P) c6 hoanh d6 lan luot 1a — 2 va 4. Xét di€ém 7 thudc cung
parabol nhd uv (tic 14 —2<x, <4). Goi U’ V", T’ twong ung 14 hinh chiéu vudng goc cua U, V, T
trén truc hoanh. w
a) Timtoa dg cac diem U, V", T".
b) Tinh dién tichﬂcéc ta giac UVV'U’, UTT'U’, TVV'T". ’
¢) Tim toa dg di€m 7 sao cho tam giac UVT c6 di¢n tich 16n nhat.

Bai toan 25. M¢ rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho tat ca cac
thi sinh du thi); B¢ thi chinh thire; Truong THPT Chuyén Thai Binh; Thanh phd Thai Binh; Tinh Thai
Binh; Nam hoc 2016 — 2017.

Trong mit phing véi hé toa d6 Oxy cho parabol (P): y = x?va duong thing d:y=2x—m+3.

(m 12 tham s6, meR).

l.

2.
3.

Tim gia tri cua m dé duodng thing d thoa man
a) Diqua diém (8;- 10).
b) Khong di qua diém (- 3;5).
¢) Song song v&i dudng thing y=2x+3m—+/2.
d) Vuéng goc v6i dudng thang 2y = —mx ++/5.
1
J2-1°

f) Hop thanh v6i hai truc toa do mot tam giac c¢6 dién tich béng 1.

e) Cit truc tung tai diém c6 tung d6 16n hon

g) Tiép xtic véi dudng tron tim O, ban kinh R = %
Tim m dé parabol (P) va dudng thing d cung di qua diém c6 hoanh d6 1a 1.
Tim m dé parabol (P) cit dudng thang d tai hai diém phan biét 4 va B sao cho

a) Hoanh do diém nay gip d6i hoanh d¢ diém kia.

b) Tung d6 diém nay gap 9 lan tung d6 diém kia.

¢) Tong binh phuong hai hoanh d6 bang 5.

d) Tong nghich d4o hai hoanh d¢ bang — 1.

e) Tong binh phuong hai hoanh d6 bang 10.

f) Tong binh phuong hai tung d6 bang 56.

g) Téng lap phuong hai hoanh d6 bang 20.
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hd

Viét phuong trinh duong thang di qua diém (2;3) va tlep xuc voi parabol (P).
Xét cac diém U, ¥ nam trén parabol (P) c6 hoanh d6 1an lugt 1a — 2 va 4. Tim toa d6 diém T thudc

cung parabol UV sao cho tam giac UVT c6 dién tich bang 27.

6. Tim toa do diém K (x;y) thudc parabol (P) sao cho [x(3x—1)—y/y—x= 2\/; :

7. Trong mat phang toa do, xét diém L (m;n) voi m va n nguyén duong sao cho

n+3n+4=27".
C6 bao nhiéu diém L ndm trén parabol (P) thoa mén hé thirc trén.
Tim toa dd hai diém C, D nam trén (P)saocho CvaD doi xung véi nhau qua diém M (-1;10).
Tim toa d6 diém E trén parabol (P) va diém F trén dudng thang A:y=x—2sao cho d6 dai doan
thang EF dat gia tri nho nhat.

10. Xét d6 thi ham s6 y = x* —3x+3. Ky hiéu (C) 12 phan d6 thi ham sé nam trong goc phan tu thir nhat

clia mit phang toa do. Tim tit ca cac gia tri ciia tham sb m dé dudng thing d cit (C) tai diém J (x;y)

4 2
L2 , —3x"+3 . , X
sao cho biéu thire § == +l+# dat gid tr1 nho nhat.
y X X+ y

Bai toan 26. Mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Moén Toén; Dé thi chinh thuc;
S& Giao duc va Bao tao Tinh Thai Binh; Nam hoc 2016 —2017.
Trong mit phing véi hé toa d6 Oxy cho parabol (P): y = x?va duong thing d:y = 2(m=1)x+m’+2m.

(m 1a tham s, meR).

1.

2.
3.

e

Tim gia tri cta tham sé m dé duong thang d thoa man
a) Di qua diém 7(1;3).
b) Khong di qua goc toa do.
¢) Cit truc tung tai diém c6 tung d6 nho hon 3.

d) Song song v&i dudng thing y=~3x+3.

. : 1
e) Vuong géc voi duong thing y=———=x+5n.
) ge g thang y=---7
f) Dong quy véi hai dudong thang d,: y=x+9;d,:y=3x+7.
Chting minh rang parabol (P) ludn cit dudng thang () tai hai diém phén biét 4, B.
Goi x,,x,1a hoanh d¢ hai diém 4, B.
a) Tim m sao cho x{ +x; +6x,x, >2016.
b) Timm dé x, +x, +x.x, =9m—2.
¢) Tim m théa man —+—— =—0,25.
X X
1
+
x-3 x,-3

d) Tim m dé +1=0.

e) Tim gia tri nho nhat cua biéu thirc § = 3(x1 +x,)—4x.X, .
Viét phuong trinh tiép tuyén cua (P) biét tiép tuyen di qua diém E (3;5).
Xét diém G nam trén tia Oy (G khong tring goc toa do). Ton tai bao nhiéu tiép tuyén cta parabol
(P) di qua diém G ?
Tim toa d6 hai diém C, D nam trén (P) sao cho C va D nhdn diém (1;5) 1am tdm d6i xtng.
Tim toa do diém E trén parabol (P) va diém F trén duong thang y = x—3sao cho d6 dai doan thang
EF dat gié tri nho nhit.
Xét cac diém U, ¥ nam trén parabol (P) c¢6 hoanh do lan luot 12 — 4 va 6. Tim toa do diém T thudc
cung parabol nhd UV sao cho tam giac UVT c6 dién tich bang 32.
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Bai toan 27. Mé rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi chinh thirc;
S& Giao duc va bBao tao Thu d6 Ha Noi; Nam hoc 2010 — 2011.
Trong mit phang v&i hé toa dd Oxy cho parabol (P): y = x> va duong thang d: y = mx —1.

1.
2.

3.

4.

=

V¢ parabol (P). 7
Tim gia tri cna m d¢ q
a) Puong thang d di qua di€ém (4;1).
b) Puong thing d vudng goc véi duong thing y = —%x +5.

c¢) Duong thing d song song véi dudng thang y = (5m—2)x+5.
d) Puong thing d tao voi hai truc toa do mot tam giac ¢6 dién tich bang 4.
e) DPuong thang d dong quy véi hai duong thang y =3x—2;y =5x—1.
Chtrng minh ring véi moi gia tri ciia m thi duong thiang (d) ludn cit parabol (P) tai hai diém phan
biét.
Goi x,,x, la hoanh do céc giao didm ciia dudng thing (d) va parabol (P).
a) Tim m dé xx, +x2x, —xx, =3.
b) Tim m sao cho x, +x, -10xx, =12.
¢) Tim m thoa man x. +x; —8x,x, =13.
2

x -1 x,-1

=35.

d) Tim m dé

e) Véigiatrinao ciamthi x) —x; =2.
f) Véi gia tri ndo ctia m thi x =16x; .
g) Chimg minh it nhat mot trong hai giao diém c6 gia tri tuyét d6i hoanh do khong vuot qua 1.

. Goi y,,y,la tung dg cac giao diém cua duong thang (d) va (P).

a) Tim m sao cho y, +y, =6xx,-9.
b) Tim gia tri cia m sao cho i+L =-11.
N M

¢) Tim gi4 tri nho nhat cta biéu thuc S =(y, +1)(y,+9).
Viét phuong trinh duong thglmg di qua diém (4;6) va tiép xuc voi (P). q )
Tim toa d¢ hai diém C, D nam trén parabol (P) sao cho C va D nhan diém /(2;20) la tam do1 xtng.
Tim’ toa do hai diém E, F nam trén parabol (P) sao cho di€ém K (0;2) chia trong doan thang EF theo
ty so 1:2.
Xét cac diém P va O nam trén parabol (P), P ¢6 hoanh d6 bang — 2, O c6 hoanh do bing 4.

a) Tim diém R ndm trén cung parabol nhé PQsao cho tam gidc POR c6 dién tich bang 15.

b) Tim diém R nam trén cung parabol nho ]/’@sao cho tam giac POR c6 dién tich l('m nhit.

10. Dlem N (x;y) trong mit phang toa do duoc goi 1a dlem nguyén khi x va y déu 1a cac so nguyén. Gia

sir tOn tai cac gia tri nguyén m sao cho (P) va d cat nhau tai cac diém nguyén. Tim tat ca cac giao
diém nguyén cua (P) va d.

11. Xét diém G nam trén tia Oy, G khong triung goc toa d6. Chirng minh rang khong ton tai tiép tuyén

nao cua (P) di qua G.

12. Tim toa do diém E trén parabol (P) va diém F trén dudng thang y = x—4sao cho d6 dai doan thang

EF dat gié tri nho nhit.

13. Tim tat ca cac diém L (x;y) trén parabol (P) thoa min dang thirc 4y +12xy/1+x =27 (1+x).
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Bai toan 28. Trong mit phang vai hé toa do Oxy cho parabol (P): y = ax’va dudng thang d:y=bx+c.
1. Tim diéu kién cta b va ¢ sao cho
a) Puong thing d di qua hai diém M (2;3), N (4;1).
b) Puong thang d song song voi duong thang y =bh*x—8c+1.
¢) Puong thang d vudng goc v6i duong thang y =—8b%x+10c .
d) Puong thing d cat duong phan gidc goc phan tu thir nhat tai diém c6 hoanh d6 bang 3.
e) DPuong théng d tao va&1 hai truc toa do mdt tam giac c6 dién tich béng 5.
2. Tim gia tri cta a biét parabol (P) di qua diém 4 (- 2;2).
3. Vi gia tri a vura tim dugc, hdy tim b va ¢ sao cho
a) Puong thing d di qua diém B (0;— 2) va tiép xuc véi (P).
b) Pudng thing d cit (P) tai hai diém phan biét c6 hoanh d¢ 1an luot 1a 3 va 4.
¢) Puong thing d cit (P) tai hai diém phan biét ndm vé hai phia cta tryc tung.

4. Trong truong hop a = %;b2 —c=3. Hiy tim b dé (d) cat (P) tai hai diém phan biét 4, B sao cho

a) AvaBco t(f)ng nghich dao cac hoanh d¢ bang — 2.
b) A4 va B c6 tdng cac tung d(:) bang 30.
c) A va B cung thudc goc phan tu thir hai.
Bai toan 29. Trong mat phang voi hé toa do Oxy, O 1a gbc toa dd, cho parabol (P): y = x*va dudng thang
d:y=2x+m* (mlatham s thyc).
1. Tim tit ca cac gi tri cuia m dé duong thing d thoa min
a) Diqua diém M (2;5).
b) Bi qua diem N (m;3m*).
¢) Vuéng goc v6i duong thang y = (4 - \/E)x -8.
d) Cit duong phan giac goc phan tu thir hai tai diém c6 tung do bang 4.
2. Xac dinh toa dg giao diém cua (P) va (d) trong truong hop m= 2\{5 : ‘ .
3. Chung minh rang dudng thang d ludn cat parabol (P) tai hai di€m phan bi¢t ndm veé hai phia cua
truc tung V(")’i moi gia tri m khac 0. ) w q ) 7
4. Xac dinh tat ca cac gia tri cia tham s6 m dé duong thang d cat parabol (P) tai hai diém phan biét
A(x:2),B(x,;,)théa man diéu kién
a) x +x,=6xx,+10.
b) L+t—om.
XX
¢) (x+5)(x,+5)>»y, .
d) Ny, =0y, +4.
e) (1n-2)(» -2)=3m"-4.
5. Ton tai hay khong tiép tuyén cta (P) biét tiép tuyén d6 di qua diém K (3;2).
6. Xac dinh toa d6 hai diém C, D nam trén parabol (P) sao cho C va D nhan diém 71 (%,%) 1a tim ddi
xung. 7 ‘ w i
7. Tim’ toa do hai diém E, F nam trén parabol (P) sao cho diém 7 (3;13) chia trong doan thang EF theo
ty s0 2:3.
8. Tim toa do diém L (x;y) trén parabol (P) thoa mén ‘x3 +7y-1 1x—6‘+‘x3 —12y—5x+3‘ =18y -2x-13.
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Bai toan 30. Trong mat phing véi hé toa d6 Oxy, O 1a gdc toa dd, cho ba diém A(—\/§;6),B(l;0), C(2:8).

Diém A nam trén parabol (P) c6 phuong trinh y = ax*; a 1a tham s thuc.
1. Xac dinh a va vé (P) v6i a tim duoc.
2. Gia str d 1 duong thang di qua hai diém B va C.
a) Lap phuong trinh dudng thang d.
b) Tinh dién tich cua tam giac OBC.
¢) Xét vi tri twong dbi gitra thang d va parabol (P).
d) Lap phuong trinh dudng thang di qua goc toa do va song song voi d.
3. Tbn tai hay khong tiép tuyen cua (P) ma tiép tuyén do di qua Cc?
4. Tim m d¢ parabol (P) cit duong thang y = 2x—mtai hai diém H(x,;y,),K (x,;,)thoéa man diéu kién
a) Hai diém déu c6 hoanh d6 16n hon 1.
b) Hai diém déu c6 hoanh d6 nho hon 2.
x+x, 4

C) ——=—=—XxX,.
) 2 m 1712

d) F—+—2_=6
x,-3 x-3

e) 1 N 1
x—-4 x,—-4

f) |x—x|=5

g) X\ +x; <6xx,+m’ 1.

b (y-1)(r-1)=1

i) Biéuthtc =y +2)(y, +2)+3m+7dat gia tri nho nhat.

j) Do dai doan théng HK bﬁng 245.

>1.

5. Gia sir M va N 1a cac giao diém cua parabol (P) va duong thing A:y :%x—3. Tinh dién tich cua

tam giac OMN.
6. Thiét lap duong thang di qua diém 7 (5:41) sao cho dudng thang nay cét parabol (P) tai hai diém

phan biét 7, J trong d6 T 1a trung diém doan thang IJ.
Bai toan 31. Trong mit phang voi hé toa do Oxy cho dudng thing d : y = m—2x va parabol (P):y=x".
V¢ parabol (P).
Tim gia tri cua m dé duong thang d song song v6i dudng thang y =3m* —2x.
Tim gié tri cua m dé duong thfmg d tao voi hai tryc toa d0 mot tam giac c¢6 dién tich bﬁng 4)5.
Tim gid tri cia m dé dudng thang d cat duong thang y = —2x+9tai diém c6 tung do bang 11.
Tim tat ca cac gia tri cia m dé dudng thang d dong quy v6i hai duong thang sau

d :3x-2y=6; d,:6x-Ty=1.

I

6. Trong truong hop m=3:
a) Xac dinh toa do cac giao diém 4, B cta (P) va d. Tinh d6 dai doan thing 4B.
b) Lap phuong trinh duong trung truc cuia doan thang 4B.
7. Tim m dé (P) va d tiép xtc nhau. Tim toa do tiép diém.
8. Tim m dé (P) va d cit nhau tai hai diém phan biét H (x;1,),K (x,;, )théa man diéu kién

a)1+1

x-4 x,-4

=7.
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b) 4423,
x,-3 x-3

c) e N R
X X%

d) x'+x;=16xx,+9m.
1
e) x <x, <—§.

) »+y,=6yy-3.

g) i+L:13.

N 0
h) (3 +5) (3, +5) =532, -7.
D) y-wl=2v2.
9. Gia sit M va N 1a hai diém nam trén (P) c6 hoanh do lan lugt 14 — 2 va 3. Tinh dién tich tam giac
OMN.
10. Xac dinh toa d¢ hai diém H, K trén parabol (P) sao cho H va K dbi xtmg nhau qua diém E (2;5).
11. Viét phuong trinh duong thang di qua diém G (3;13) cat parabol (P) tai hai diém U, V'sao cho G la
trung diém cua doan thang UV. Tinh dién tich tam giac VUO. i
12.Xac dinh té}t ca cac gia tri m dé (P) cat d tai hai diém phan biét P va Q sao cho d dai doan thang
PQ nho nhat.
Bai toan 32. Trong mat ph?mg vo1 hé truc toa do Oxy, O la géc toa d9, cho parabol (P): y=x>Vva cac
duong thing d: y=2x+3; A:y=2mx—3m+2;mla tham s thyc.
1. Gia st M va N 13 hai diém nam trén d c6 hoéph do 1an lugt 1a 2 va 4. Tinh do dai doan théng MN.
2. Tinh dién tich ctiia tam ’giéc tao boi d,u(‘mg thﬁnqu vO1 hai truc toa do.
3. Tinh khoang cach tir goc toa d6 O dén duong thang d.
4. Vi gia tri nao cua m thi duong thang d:
a) Vuong goéc voi duong thang /:y=mx—3m+2.
b) Song song v&i dudng thang y = (m2 —2)x+9.
¢) Cit duong thing y = 4x —mtai diém co tung d6 bang 2.
d) Ce':lt duong thing Atai diémﬁcé hoanh d6 bang 4.
e) Dbong quy véi hai duong thang A, 5x-3y+1=0.
Viét phuong trinh duong théng di qua diém S (1;4) va song song voi d.
Viét phuong trinh duong thang di qua diém G (2;5) va vudng goc vdi d. 7
7. Ching minh rang d va (P) co6 hai diém chung phan biét 4 va B. Tim toa d¢ hai giao diém A4, B va
dién tich tam gidc OAB.
8. Tim gia trj clia m d¢ parabol (P) cit duong thing Atai hai di€ém H (x;,),K (x,;¥, )sao cho

AN

a) X, +x,=x +x;—4.

b) Hai giao diém déu c6 hoanh d6 duong.

¢) Hai giao diém nam khac phia d6i véi truc tung.

d) Hai giao diém déu c6 hoanh d6 16n hon 1.

e) x <5<ux,.

f) H va K nam khac phia di v6i duong thang x=4.
1 2

g) 1.1z
X X, 5
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h — L o2
2x, -3 2x,-3
i) (3x,+5)(3x,+5)=8x/x; —223.

1 (y1+3)(y2+3)=10.

o L.l 7

vy, 169 .
) »+y,+3yy, =4xx,.
9. Goi J la diém nam trén d, J c6 hoanh d6 bang 5. Viét phuong trinh duong thang di qua diém J va
tiép xuc vdi parabol (P). Tim toa do tiép diem.
10. Tim toa d6 diém L (x;y) trén parabol (P) théa man x+4+7 —x =4Jx—1+ (7-x)(x-1)+ +L

2
X

11.Gia st M va N 1a hai diém nam trén (P) c6 hoanh do lan luot 13 1 va 5. Tinh dién tich cua tam giac
OMN. o .
12.Gia stt U va V' 1a hai di€ém nam trén (P) c6 hoanh d0 1an lugt la — 1 va 3.

a) Tim toa d6 diém R thudc cung parabol nhod UV sao cho tam giac UVR c6 dién tich bang 2.
b) Tim toa d6 diém R thudc cung parabol nho UV sao cho tam giac UVR c6 dién tich 16n nhat.
¢) Tim toa do diém R thudc cung parabol nho UV sao cho khoang cach tir R dén duong thang
UV dat gia tri 16n nhat.
14. Dlem E (x;y) trong miat phang toa d6 duogc goi 1a dlem nguyén khi x va y déu 1a cac so nguyén. Gia
sir ton tai cac gia tri nguyén m sao cho (P) va A cét nhau tai cac diém nguyén. Tim tat ca cac giao
diém nguyén cua (P) va A. ) 7
Bai toan 33. Trong mat phang véi hé toa do Oxy, O 1a goc toa do, cho duong thang d:y=2x-m+1va
parabol (P):y = %xz (m 1a tham s thuc).
1. Tim gia tri ctia tham sd m dé: 7
a) Duong thang d di qua diém Z (-1;3). ‘ 7 i
b) Puodng thang d cat duong phan giac goc phan tu tha 11 tai di€m c6 tung d bang 9.
¢) Puong thang d song song véi duong thang A:y=2x—5m’ +1.
d) Puong théng d cat doan thang UV véi U (4;0), V (12;0). ‘
e) Puong thang d tao véi hai tryuc toa do mot tam giac co di¢n tich bang 0,25m.

f) Puong thing d cit duong tron (C) tim O, ban kinh R = %tai hai diém phan biét.

2. Viét phuong trinh duong thang di qua diém (5;2) va tiép xuc vdi parabol (P).

3. Tim toa d¢ giao diém cua d va (P) trong truong hop m=1.

4. Tim gia tri cia m d¢ dudng thang d cit parabol (P) tai hai diém phan biét 4(x,;,),B(x,;,)sao cho
a) x (x,—6)+x,(x,—6)=19.
b) x (4x,—x)+x,(5x,—x)=19.

C) |x1—x2|=\/7.

d)1+1

x—-8 x,-8
e) x —x;=12m-4.
f) xx,(»+y,)+48=0.

=8.

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN NGQC HOI; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC HAI PON GIAN (PARABOLA THCS) 29

g) (J’1 +5)(y2 +5) =9x,x, +8y,y, .

h) 6(x12 +x22)=7x1x2 -y, +7.

)+ =8.

J) A va B doi xing véi nhau qua diém C (2;2,5).
k) D¢ dai doan thing AB bing 2+/5.

5. Gia st duong thang y :%x—lcét parabol (P) tai hai diém phan biét X, Y. Tinh dién tich cua tam
giac OXY.
6. Gia sir duong thang y = x+%c§t parabol (P) tai hai diém phan biét M, N. Tim toa do diém O trén

cung parabol nho MN sao cho dién tich tam giac MON dat gia tri 16n phét. i
7. Tim toa dg diém E trén parabol (P) sao cho khoang céch tir diém E dén duong thang x+ y+2 =0dat
gia tri nho nhé‘g. 7
8. Tim toa do diém H trén parabol (P) va diém K trén duong thang x+ y+5=0sao cho do dai doan
thang HK dat gié tri nho nhat.
Bai toan 34. Trong mat phiang véi hé toa d6 Oxy , O 1a gbc toa dd, cho parabol (P):y=x" va dudng thang
d di qua diém M (1;2), d c6 hé s6 goc k khac 0.
1. Vg€ parabol (P).

Lép phuong trinh duong thang d theo tham s k.
3. Tim gia tri cia tham so k sao cho

a) Duong thing d di qua diém S(2;9).

b) Puong thang d cat dudng thang y = 2x tai diém c6 hoanh d6 bang 2.

c) Puong thang d hop véi tia Ox mdt goc nhon.

d) Puong thang d cat hai tryc toa do tai hai diém P va O sao cho tam giac OPQ vubng can.
4. Chung minh rang véi moi gia tri & khac 0, duong thang d ludn cét (P) tai hai diém phan biét 4 va B.
5. Goi x,,x,theo thtr tu 1a hoanh d¢ cua 4 va B.

a) Chumng to rang: x, +x, —x,x, =2.

b) Tim k sao cho 3x, —2x, =1.

¢) Tim k dé cac hoanh d§ déu 16n hon 2.

d) Tim k dé 4 va B déu nam phia bén phai truc tung.

e) Tim ksao cho S = x> +x? +6x,x,dat gia tri nho nhat.

f) Tim k sao cho L Sl
x=5 x,-5 llxx,

o

g) Timkdé x> +x2>Txx, +9%k—2.

h) Tim kdé x> +x> —10xx, = (3x,+2)(3x, +2).

i) Tim k dé d6 dai doan thing 4B bang 2+/5. 7
6. Goi y,,y,theo thur tu 1a tung d6 ctia 4 va B. Tim k de

a) y.+y;=16.

b) y +y,+28=10y,y,.

c) (»-6)(y,—6)+5>0.

d) S=y +y,+y.y,dat gia tri nho nhat.
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7. Gia st M va N 1a cac diém nam trén parabol c6 hoanh d6 1an lwgt 1a — 1 va 5.
a) Tinh dién tich tam giac OMN. o ) i
b) Viét phuong trinh ti€p tuyén cua (P) bict tiép tuyén song song vdi duong thang MN.
¢) Tim toa d6 diém O trén cung parabol nho MN sao cho d¢ dai duong cao ha tu O cia tam giac
MON dat gia tri 16n nhat. 7 ’
8. Tim toa do dieém Z trén (P) dé do dai doan thang Z7 nhdé nhat, trong do 7 (1;0).
9. Gia st H va K 1a cac diém nam trén parabol c6 hoanh d6 lan lugt 1a 1 va 5. Tinh dién tich cua tam
giac OHK.
10. Tim di€m J thudc (P) sao cho ti€p tuyén cua (P) tai J song song v&i duong thang x+ y+6=0.
11. Tim tat ca cac diém L (x;) trén (P) thoa min dang thic 4x+ y+2="73x-2.
Bai toan 35. Trong mit phang voi h¢ toa do Oxy, O la goc toa dd, cho parabol (P): y = xva dudng thing
d:y=mx—m®+5;m la tham s thyc.
1. Tim gia trj ciia tham sé m dé
a) Duong thang d song song vGi duong thang y =m’x-10.
b) Pudng thiang d vudng goc v6i duong phan giac goc phan tu thi I1.
¢) Puong thang d di qua diém M thudc (P) c6 hoanh dd bang 2.
d) Puong thang d c6 huéng di 1én va tao vai truc Ox mdt goc o =45°.
e) Parabol (P) va duong thing d ti€p xuc nhau.
2. Tim gia tri cia m dé duong thang d cat parabol (P) tai hai diém phan biét A(x,;,),B(x,;y,)sao cho
a) 1 + L 6.
X X
b) x7+x; =5xx, +11.
C) 6()612 +x§)—x1x2 =13.
d) A4 va B nam phia bén phai dudng thang x=2.
e) 2x,—3x,=4.
f) 7x,-2x,=3.
g) x >x,>5.

h) |x1—x2|=x/m.

) x}+mx,+m’=5=4m’.
) yn+y,=10.
K) y =y, =6m.
) y+y,+19xx, =y, +61.
3. Tim tat ca cac gia tri nguyén ctia m dé (P) cat d tai hai diém phén biét va mot trong hai diém dé c6
toa do 1a s6 nguyén.
Viét phuong trinh duong thiang di qua diém K (0;— 4) va tiép xtc véi parabol (P).
Xét diém 7 (0;1), tim toa do diém L trén parabol (P) sao cho d6 dai doan thang LI ngan nhat.

Gia st diém E di dong trén parabol (P). Tim tap hgp (quy tich) trung diém F cua doan thang OE.
Gia sit M va N 1a cac diém nam trén parabol c6 hoanh d6 1an luot 1a — 1 va 3. Tim toa do diém O

trén cung parabol nho MN sao cho tam gidc MON c6 dién tich 16n nhat. ‘

Ton tai hay khong ba diém X, Y, Z trén parabol (P) thoa man (XYZ) la tam gidc déu ?

9. Trén parabol (P) lay ba diém c6 hoanh d6 1an lugt a,b,cthda man o> —-b=b>-c=c*—a.
Tinh gi4 trj ctia bicu thic S=(a+b+1)(b+c+1)(c+a+1).

Nk

*®
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Bai todn 36. Trong mit phang véi hé toa dd Oxy, O 1a goc toa d9, cho parabol (P):y = x’va dudng thing
chira tham s6: A:y=(2k+1)x—k>+1.
Ve parabol (P).

2. Tim cac diém A va B thuoc _parabol (P) c6 hoanh do lan lwot 1a 1 va 2.
3. Tim gid tri cta tham sb k dé:

1.

a)
b)
c)
d)
e)
f)

Puong thang Adi qua gdc toa do.

DPuong théng A khong di qua diém (- 1;6).

Puong thang A song song voi duong phan giac goc phan tu tht I1.
Puong thang A cat duong thang y = 5x—3tai diém hoanh d6 bang 1.
DPuong thing A cit dudng thing y =4 tai diém c6 hoanh d6 am.

Puong thing A c6 hudng di 1én va hop véi truc hoanh mét goc y =60°.

4. Xac dinh k dé dudng thang Ava parabol (P) tiép xtic nhau. Tim toa d6 tiép diém.
5. Xac dinh k d¢ parabol (P) cdt dudng thang Atai hai diém c6 hoanh d6 A4(x,;,),B(x,;,)sao cho

9.

10. Gia sir M va N 1a cac diém nam trén parabol c6 hoanh d6 lan lugt 1a — 1 va 7. Tim toa do diém Q
9. Tim toa d6 diém H trén parabol (P) va diém K trén duong thang x+2y+6=0sao cho do dai doan

10. Viét phuong trinh duong thang qua g‘iém S (1;3) cat parabol (P) theo mot day cung trong d6 diém S

a)
b)
c)
d)
e)

f)
g)
h)
i)
j)
k)
1)

m) x;

X, —x,=3.
i+L=10.
X X
3x,—x,=24.
Hai giao diém nam vé hai phia cta truc tung.
1 1
+
x—-4 x,—-4
I, x| =I3.
Hai giao diém nam khac phia d6i voi duong thang x=2.
2
(xl —xz) =13(x1 +x2)+yl +,.
x, <0<x,;x, >|xl|.
»+y,=10py,+9.
N+ Y, =50y, +9xx, +9.
i +y; =8l
+(2k+1)x, +k* =y, + y, - 1.

Parabol (P) cat duong thang y =3x—2tai hai diém phan biét 7, J. Tinh dién tich tam gidc OJI.

11 73

Tim toa do hai diém C, D trén parabol (P) sao cho C, D nhan diém Q(? ?j lam tam ddi xtng.

Viét phuong trinh dudng thiang di qua diém L(%,%) cit parabol tai hai diém E, F sao cho L 1a trung

diém cua doan thang EF.
Tén tai hay khong ba diém X, Y, Z, T trén parabol (P) thoa mén (XYZT) 1a hinh vudng ?

trén cung parabol nhd MN sao cho tam gidc MON c6 dién tich 16n nhat.

thang HK dat gié tri nho nhat.

chia trong do dai day cung theo ty so 1:2.
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Bai toan 37. Trong mit phang v6i hé toa do Oxy, O 1a gdc toa dd, cho parabol (P): y = ixz va dudng thang

chtra tham sb: d:y=mx—%m—1.

1. V&do thi (P) va d trén cung mot h¢ truc toa do trong truong hop m=2.
2. Tim toa d6 giao diém cua parabol (P) va duong thang y=3x-2.
3. Tim gia tri cta tham sd m sao cho
a) Puong thing d di qua diém T (6;2m).
b) Puong thiang d cit truc hoanh tai diém c6 hoanh d6 bang 2.
¢) DPuong théng d tao va&1 hai truc toa o mdt tam giac c6 dién tich béng 6,25.
d) Puong thang d tao véi truc hoanh mot goc ¢ thoa mén cotp=1.
4. Chung minh rang c6 hai duong thang thudc ho duong thang d tiép xtic voi parabol (P); dong thoi
hai duong thing nay vudng goc véi nhau.
5. Tim m d¢ parabol (P) cdt dudng thang d tai hai diém c6 hoanh dd 4(x;,),B(x,;,)sao cho
a) x +x,=8xx,-10.

b) 5(x +)c2)2 =6x,x,—10.
o) 1 1

x1—3+x2—3
d) 3x,—x,=4.
e) A, Bnam vé hai phia cia tryc tung.
f) |xl—x2|:\/ﬁ.

g) x,>x,>2.

=3.

h) A4, B nam vé hai phia ctia dudng thang x=3.
1) »+y,=19.
Dyt =40y, +ax,.
6. Xét diém C (0;1) va duong thang A: y=—1. Goi M la diém bét ky thudc parabol. Chirng minh rang
MC bang khoang cach tir diém M dén duong thing A.
7. Xét hai diém E, F thudc parabol (P) c6 hoanh d¢ 1an luot [a — 2 va 4.
a) Tinh dién tich cua tam giac OEF.
b) Tim toa d6 diém K thudc cung nho parabol EF sao cho tam gidc EKF c6 dién tich 16n nhit.
8. Tim toa do diém H (x;y) trén parabol (P) sao cho biéu thirc S =x* -4y —2x+5dat gia trj nhd nhat.
Tim gia tri nho nhat do.
9. Tim toa do diém X thudc parabol (P) va diém Y thuoc duong thang x+ y+7 =0sao cho doan thang
XY ngin nht.
10. Tim toa d9 giao diém cua parabol (P) va dudng cong (C):y=x* 32,
11. Viét phuong trinh duong thang / di qua diém Q (2;5) va cat parabol (P) theo mot day cung nhan
diém Q 1a trung diém.
12.Gia st ton tai hai duong thang di qua diém 7 (0;1) cat parabol (P) theo thw tu tai 4,,B,—4,,B,.
1 1 1 \ 1 1

1
Chtng minh ring — +—=—+—=1va + <1
14, IB, I4, IB, JIAI4,  |JIB.IB,

13. Xét hai diém U (0;1) va V' (2b;—1), v61 b 1a tham s6 thuc. Chirng minh rang dudng trung truc cia
doan thang UV tiép xuc véi parabol (P).
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Bai toan 38. Chuyén thé, mo rong va phat trién cdu 4; Dé thi tuyén sinh 16p 10; Mon Toan; Pé thi chinh
thure; S& Gido duc va bBao tao Thanh phoé H6 Chi Minh; Nam hoc 2016 — 2017.
Trong mit phing véi hé toa d6 Oxy , O 1 gbe toa do, cho parabol (P):y=x’va dudng thang chira tham s6

A:y=2mx—m+2;mlatham s6 thuc.

1.

2.
3.

9.

Tim gia tri cua tham sd m dé duong thang A:
a) Diqua diém (4;2).
b) Cat tia Ox. 7
¢) Cat duong thang y =5x—1tai diém c6 hoanh dd bang 1.
d) Cung véi hai duong thang 2x—3y+1=0;4x—5y+1=0ddng quy.
e) C{) huong di 1én va tao vo1 hai truc toa dg mot tam gidc c6 dién tich b"img 4,
f) Cat truc hoanh tai di€ém M; véi M thudc duong tron tam O ban kinh bang 1.
Cho m=1. Tim toa d¢ giao diém M, N cua (P) va A. Tinh di¢n tich tam giac MON.
Tim m dé parabol (P) cat duong thang d tai hai diém c6 hoanh do A(x,;y,),B(x,;y,)sao cho
a) x, +x,=10xx,-3.
b) x’+x; =5xx,-9.
C) ﬁfw»{4n@ﬁm+@.
d) (x,+4)(x,+4)=19x +19x;.
e) (x—4)(x,—4)=(3x,+1)(3x, +1).
P S B
2x,-5 2x,-5
g) Biéu thic S =|x, —x,|dat gid tri nho nhat.
h) (1+x)(2-x)+(1+x,)(2-x)=x +x; +2.
i) Nty =5y, +8.
j) Biéu thitc 7=x, +x, +y,y, + 5(», +y,)dat gia tri nho nhit.

Tim toa do diém U thudc parabol (P) sao cho tiép tuyén cta parabol (P) tai U song song véi dudng
thang y=4x+5.
Tim toa d6 diém L (x;y) thudc parabol (P) sao cho biéu thirc S = x* +2y —8x+10dat gia tri nho nhat.
Tim toa do diém T (x;y) thudc parabol (P) sao cho biéu thutrc sau dat gia tri lon nhat, gia tri nho nhat
2x+y+2

y+1 '
Xét hai diém E, F thudc parabol (P) ¢6 hoanh d¢ 1an lugt 1a — 2 va 4. Tim toa do diém G thudc cung
parabol nho (EF) sao cho khoang cach tir diém G dén duong thang EF dat gia tri 16n nhat. Tim gia
tri nho nhat do.
Chtng minh duong thang y = kx+1ludn cat parabol (P) tai hai diém phan biét H, K, dong thoi co
dung mot diém M thudc duong thang y = —1thoa min dong thoi: MK tiép xuc véi (P) va MK vudng
gbc voi MH.

(néu co):

Gia sir goc vuong ulv =90 di dong sao cho hai canh ciia n6 ludn tiép xuc véi parabol (P). Chimg
minh rang dinh 7 ctia goc luon chay trén mdt duong thang co dinh.

10. Xét duong thang d:y=x+8, xac dinh d6 dai canh hinh vuéng ABCD biét hai dinh 4 va B thudc

duong thang d va hai dinh C, D thudc parabol (P).

11.Xét hai diém M (—1;1) va N (1;1). Gia st hai diy cung 4B va CD déu khac MN, di qua trung diém /

ctia MN, AC cat MN tai P, BD cat MN tai O twong Gmg. Chtrng minh 1P =IQ.
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Bai toan 39. Chuyén thé, mé rong va phat trién cau 4; Dé thi tuyén sinh 16p 10; Mén Toan; Dé thi chinh
thure; S& Gido duc va bBao tao Thanh phoé H6 Chi Minh; Nam hoc 2015 — 2016.
Trong mit phang v6i hé toa dd Oxy, O 1a gbe toa do, cho parabol (P):y=x"va dudng thang chtra tham s6

Ary=mx—m+2.
1. V& do thi (P) trén hé tryc toa do.
2. Tim toa d cac giao diém cta (P) va A trong trudng hop m=2.
3. Tim gia tri cua m dé duong thang Athda mén

h)

Di qua diém T thudc tryc tung, T ¢ tung d6 bang 4.
Di qua diém Z thudc parabol (P), Z c6 hoanh do bang 3.
Cit duong thang y = 4x—2 tai diém c6 hoanh d6 bang 4.

Song song v6i dudng thang y =(2m—1)x—4m’ +2.
Vuéng goc voi dudng thang y = —m’x+6m—1.
Tao véi tia Ox mot goc a =60°.

2

Tiép xuc v6i duong tron tAm O, ban kinh r = -

Tao vé&i hai truc toa do mdt tam giac c6 di¢n tich béng 1.

4. Chimg minh rang (P) v& Aludn cdt nhau tai hai diém phan biét 4 va B voi A(x,;,);B(x,5y,). Tim

gia tri cia m dé

a)
b)
c)
d)
e)
f)

g)

X, +x,=4x,x,-8.

1 1
—+—=m.
X4 Xp
1 1 7
+ =——.
x,—4 x,-4 13
X, x, 1

+ =——.
x, =T x,=7 39

|x, —x,| dat gi tri nho nhat.
xj—Z x§—2:

x,—1 x,-1

Yty >4.

h) A va B déu c6 hoanh d6 16n hon 1.

i)
)
k)
D

yA+yB+1:2(xA+xB).

X, +xp=x,x,+y,+y,—8.
S=y,+y,+10x,x,dat gid tri nho nht.
Do dai doan thang AB ngan nhat.

5. Chimg minh rang véi moi diém M thudc duong thang y = —i , cac tiép tuyén ké tir M dén parabol

(P) vuong gbc voi nhau.
6. Tim toa d6 diém L (x;y) thudc parabol (P) thoa min dang thirc 2y —7x+6=~/4x—3.
7. Tim toa d6 diém J (x;y) thudc parabol (P) sao cho biéu thuc 0=y —12+/3x+11nhan gia tri nho

nhét.

8. Tim toa do diém H thudc duong théng x+y+10=0va diém K thudc parabol (P) sao cho do dai
doan thang HK ngan nhét.

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN NGQC HOI; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC HAI PON GIAN (PARABOLA THCS) 35

Bai toan 40. Chuyén thé, mé rong va phat trién cau 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tat ca céac thi sinh du thi); Dé thi chinh thirc; Truong THPT chuyén Théi Binh; Thi xa Thai Binh; Tinh
Théai Binh; Nam hoc 2001 — 2002.
Trong mit phing v&i hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P): y = (m—-10)x’ va dudng thang chira
tham s d :y=mx—10; vOi m 1a tham s6 thuc khac 10.

1. Tim diéu kién cua tham sé m sao cho duong thang d thoa man

a) Song song v&i dudng phan gidc goc phan tu thir I1.

b) Vudng goc v6i duong thing y =-3x+10.

¢) Cat duong thang y =—10x+ mtai diém c6 hoanh d6 bang — 10.

d) Tao voi hai truc toa d6 tam giac c6 ty 18 hai canh gbc vudng bang 4.

e¢) Khong cit duong tron (C) tim O, ban kinh R =5+2.

f) Pong quy voi hai duong thang y=3x—4;y=6x—1.
Tim toa do giao diém ciia (P) va d voi m=+3-1.
Ching minh parabol (P) va duong :chéng d luon céwdiém chung v61 moi gia tri ctia m.
Tim m dé parabol (P) cat duong thang d tai mot di€ém c6 hoanh do bang — 5.
Chimg minh rang (P) va Aludn cit nhau tai hai diém phan biét 4 va B v6i 4(x;;,),B(x,;»,). Tim

kW

gia tri cia m dé
a) x +x,—-3xx,=3.
b) x'+x; =14.
c) x,+4x,=9.
d) 10x,—x, >1.

e)

x—-4 x,-4
f) 1.2_ 3.
XX
g) Hai hoanh d6 déu 16n hon 0,4.
h) x (1+3x,)+x} =8.
i) Hai diém 4, B nim vé hai phia ctia duong thing x =3.
X, +2 x+3 1

x+1 x,-4
k) x'—-x=-7.
6. Trong truong hop m=12. . ) .
a) Tim toa do di€m M (x;y) thudc parabol (P) thoa man dieu kién hoanh d¢ gap 4 1an tung do.
b) Tim toa d6 diém N (x;y) thudc parabol (P) sao cho biéu thirc S = % 32 —20~/5x +25 dat gié tri

nho nhat.

¢) Xét hai diém E, F thudc parabol (P) c¢6 hoanh d6 lan luot 13 — 2 va 4. Tim toa do diém G
thudc cung parabol nho (EF) sao cho khoang cach tir diém G dén duong thang EF dat gié tri
16n nhét. Tim gié tri nho nhét do.

d) Tim toa do diém U thudc parabol (P) sao cho tiép tuyén cua parabol (P) tai U song song véi
duong thing y=4x+5.

e) Tim toa do diém T (x;y) thudc parabol (P) théa man dang thirc 6x° —6y+7x=~2x—1.

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN NGQC HOI; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC HAI PON GIAN (PARABOLA THCS) 36

Bai toan 41. Chuyén thé, mé rong va phat trién cau 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tat ca cac thi sinh du thi); Dé thi chinh thic; Truong THPT chuyén Thai Binh; Thanh phd Thai Binh;
Nam hoc 2007 —2008.

Trong mit phing Oxy, O 1a gbc toa dd, cho parabol (P): y =(m-3)x’va duong thang d: y=5x+2 (m 1a
tham sd thyc khac 3).

I.
2.

9.

. Chimg minh dudng thing d tiép xtc véi dudng tron (C) tim O, ban kinh R =

Tim m dé parabol (P) di qua diém (3;9).

Tim toa d6 cac giao diém 4, B cua dudng thiang d véi hai truc toa d6 va tinh dién tich cia tam giac
OAB.

Tinh s6 do goc nhon tao boi duong thang d va truc tung.

Tim diéu kién cua k dé duong thing d song song v6i duong thang y = (5k—2)x+6.

2

N
Tim giao diém cta parabol (P) va dudng thang di cho khi m=2.
Tim diéu kién cta m dé parabol (P) va d c6 diém chung.
Xac dinh gia tri cua tham s6 m dé parabol (P) cit duong thang d tai hai nghiém phén biét c6 hoanh
do 1a x,,x,sao cho

a) Mot diém c6 hoanh d6 bang 1.

b) x =2x,.

C)1+1

x—-4 x,-4

=7.

d) DPiém nay c6 hoanh do gip 5 1an hoanh d6 diém kia.

€) X +Xx,=xX,+ .
m-—3

g) (m—=3)x'+5x,=4m’+2.
h) x >Lx,>2.
Chimng minh rang khi (P) cat duong thang d tai hai diém c6 hoanh do x,, x, thi ta ludn thiét 1ap duoc

mot hé thirc lién hé gitta x,,x, ma khong chua m.

10. Tim tat ca cac gia tri nguyén ctia m dé parabol (P) cit dudng thing d tai cac diém c6 toa do déu la

sO nguyén.

11. Trong truong hgp m=4.

a) Xac dinh toa do diém L (x;y) trén parabol (P) sao cho biéu thirc S = x* —24+/6x +24 dat gia tri
nho nhat.

b) Xac dinh toa d6 diém K (x;) trén (P) théa man y—7x+8=2/9x-8.

¢) Viét phuong trinh dudng thing di qua diém 7 (4;25) cit parabol (P) theo diy cung HK sao
cho 7 14 trung diém ctia doan thang HK.
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Bai toan 42. Chuyén thé, mo rong va phat trién bai 1; D& thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho cac thi sinh du thi chuyén Toan, chuyén Tin hoc); D€ thi chinh thirc; Truong THPT chuyén Nguyén
Binh Khiém; Thanh phd Vinh Long; Tinh Vinh Long; Nam hoc 2007 — 2008.
Trong mit phing véi hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P):y=x"va dudng thang chta tham sb
d:y=2(m—-1)x—2m+5; v6i m 1a tham s6 thuec.
1. Tim gia tri cua m sao cho duong thang d thoa min

a) Di’ qua diémX(1;3). 7 .

b) Cat duong thang y =3x-2tai diém c6 hoanh do bang 4.

c¢) Song song v6i dudng thang y =5mx—19.

d) Vuéng goc v6i duong thang y = —%x +4.

e) Hop vai tia Ox mot goe 1on hon 60°.
f) Tao vé&i hai truc toa do mot tam giac co6 di¢n tich béng 0,25.
2. Tim toa d6 giao diém cua parabol (P) va duong thang d khim =1.
3. Chimg minh rang parabol (P) ludn cit duong thiang d tai hai diém c6 hoanh d9 x,,x, véi moi gi tri
cua m.
7. Tim gia tri ciia tham sb m dé parabol (P) va dudng thang d cat nhau tai hai diém phéan biét 4 va B
voi A(x;3,),B(x,;,)sa0 cho
a) x\+x;=14.
b) x +2x,=m.
c) ! - L _ 1.
x-3 2x,-3
d) 5x,+3x,=10xx,—4.
e) A va B nam vé hai phia cua tryc tung.
f) (xl +4)()c2 +4)+x1(x2 —3)+x2 (xl —3) =5.

g) x,>4>x,.

h) 3= 10. ,
1) Bifu thttc S =2y, +3y, —4xx,dat gia tri nho nhat.
1) 2y, +3y,=4yy, +5xx,.
k) x}—2(m-1)x,+2m-5=9m>.
) (2, +5)(4y,+5)<27.
4. Tim toa do diém K (x;y) thudc parabol (P) thoéa man dang thirc (x+ \/m )( y+ Ji' 13 ) =3.

x*=2x+2

2

dat gia tri 16n nhat, gia
X +2x+2

5. Tim toa d6 diém L (x;y) thudc parabol (P) sao cho biéu thic y =

tri nho nhét (néu c6) ? ‘
6. Xét hai diém M va N thudc parabol (P) c6 hoanh d¢ lan luot la— 1 va 2.
a) Tim diém Q thudc cung parabol nho MN sao cho tam gidc MON co dién tich bang %
b) Tim diém O thudc cung parabol nhod MN sao cho tam giac MON c6 dién tich 16n nhit.
7. Xét hai diém D, E thudc parabol (P) c6 hoanh do lan luot 1a — 1 va 4. Tim toa di€ém F thudc cung
parabol nhé DE sao cho khoang cach tir F dén duong thang DE 16n nhat.
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Bai toan 43. Chuyén thé, mo rong va phat trién bai 1; D& thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tat ca cac thi sinh du thi); B¢ thi chinh thirc; Truong THPT chuyén Nguyén Binh Khiém; Thanh pho
Vinh Long; Tinh Vinh Long; Nam hoc 2007 — 2008.
Trong mit phing véi hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P):y=x"va dudng thang chta tham sb
d:y=2(m-2)x—m+2;v&imla tham sb thuec.
1. Tim gia tri cua m sao cho duong thang d thoa min
a) Diqua di€m G thudc (P), G co6 tung do bang 4.
b) Song song vdi dudong thang di qua hai diém (4;6) va (5;1).
c) Cat duong thang y=6x-1.
d) Vudng goc v4i duong phan gidc ctia goc phan tu thir 1L
e) Tao véi hai truc toa o mdt tam giac co ty 1¢ cac canh 1a 1:2: J5.
f) Ti€p xtc voi parabol (P). Tim toa do tiep diem.
2. Tim gia tri ctia tham s6 m d€ parabol (P) va duong thang d cat nhau tai hai di€ém phan biét 4 va B
voi A(x;,),B(x,;,)sao cho
a) Lel-AtH
X X, 4
b) x, >1>x,.
) |x—x|=3.
d) 2x,—-x,=m.
e) 2x7 =x +x,+2x5.
f) (x+x,—2xx, )3 +xx,=5.
g) X, +x, =4xx, +x +x;.
h) y+y,=3y»,-1.
i)y +y,>6xx,+5(x +x,).
j) A va B nam vé hai phia ciia duong thang x=2.
Viét phuong trinh dudng thing song song véi duong thang y = 6x + 7 va ti€p xic véi parabol (P).
Viét phuong trinh dudng thing vudng goc voi dudng thing y = 5x +3va tiép xtic voi parabol (P).
Tir diém O (0;— 4) ké dugc bao nhiéu tiép tuyén dén parabol (P) ?
X +y +z" =3

S kW

Tén tai hay khong diém L (x;y) trén parabol (P) thoa man hé thic {
xy+yz+xz=3

7. Tim toa d6 diém Z (x;y) trén parabol (P) thoa man dang thirc / y 7 + /x 1. X.
Y Y

8. Vi‘é't phuong trinh dudong thang di qua diém C (3;13) va cit parabol (P) theo day cung DE théa mén
diéu kién DE =2CE . 7 7 )

9. Vict phuong trinh duong thang di qua diem J (2;5) va cat parabol theo mét day cung HK c6 do dai
bang 24/17 .

10. Gia str goc vudng ulv =90° di dong sao cho hai canh cua n6 ludén tiép xtic v6i parabol (P). Ching
minh rang dinh / cta goc ludn chay trén mot duong thang c6 dinh. )

11.Xét duong thang d:y=x+8, xdc dinh d§ dai canh hinh vudéng ABCD biét hai dinh 4 va B thudc
duong thang d va hai dinh C, D thudc parabol (P).

12. Tim toa do tat ca cac diém T (x;y) thudc parabol (P) sao cho x* —2x/2y—1+2y=1.
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Bai toan 44. Chuyén thé, mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tat ca cac thi sinh du thi); Dé thi chinh thic; Trudng THPT chuyén Nguyén Binh Khiém; Thanh pho
Vinh Long; Tinh Vinh Long; Nam hoc 2005 — 2006.

Trong mit phing voi hé toa d6 Oxy, O 1a gbc toa do, cho parabol (P):y :%xz va duong thang chira tham

3—-m

sO d:y=(m-1)x+

1. Tim diéu kién cua tham sé m dé dudng thing d thoa man
a) Di qua diém (4;3).
b) Song song v&i duong thang y=4x-2.
¢) Vuong goc v6i dudng thang y=6x-9.
d) Cit truc hoanh tai diém c6 hoanh d6 16n hon 2.
e) Tao vdi hai truc toa do mdt tam giac cé ty 1¢ gitra canh 16n nhat va nho nhat 1 /26 :1.
f) Tao vd1i hai truc toa Ao mot tam gidc c6 dién tich béng 0,25.
2. Chimg to rang parabol (P) va dudng thiang d cit nhau tai hai diém phan biét véi moi gid tri cia
tham sd m.
3. Tim gia tri ciia tham s m dé parabol (P) va dudng thang d cit nhau tai hai diém phan biét 4 va B
voi A(x;,),B(x,;y,)sao cho
2 2 x+x,

a) —+—

X X, 3
b) |x, —x2|S\/§.

1 1
c) + =
2x, -5 2x,-5

d) x +3x,=m.

e) x,>3>ux,.
f) x <x,<4.
g) (3% +2)(3x, +2)=10xx, -13.
h) A4 va B nam vé hai phia ciia duong thang x=4.
i) Biéu thitc §=5(y, +y,)+y,dat gia tri nho nhat.
i) X +2(m-1)x,+m—-3=9m".
4. Viét phuong trinh dudng thang di qua diém J (0;— 4) va tiép xuc véi (P).
5. Xac dinh toa d6 diém M (x;y) trén parabol (P) sao cho biéu thirc S =12y* —4/5x" +30 dat gi4 trj nhod
nhét.
2y+3  2y+7
x o 2(x+1)’
7. Diém X (x;y) dugce goi 1a diém nguyén khix vay déu 1a cac s6 nguyén. Tim gid tri ciia m dé parabol
(P) cat duong thang d tai hai diém nguyén phan biét.
8. Viét phuong trinh duong thang di qua diém / (2;2,5), cat parabol (P) theo day cung CD sao cho / 1a
tam doi xung cua C va D. L .
9. Giastr H va K lan lugt 1a cac diém nam trén parabol (P) c6 hoanh d6 lan luot 1a — 3 va 5.
a) Tinh dién tich cua tam gidc OHK. ) i
b) Tim toa do diém T trén cung parabol nho (#K) sao cho khoang cach tu I" dén duong thang
HK nhéan gia tri 16n nhat.

6. Xac dinh toa do diém N (x;y) trén parabol (P) thoa mén dang thirc

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN NGQC HOI; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC HAI PON GIAN (PARABOLA THCS)

Bai toan 45. Chuyén thé, mo rong va phat trién bai 1; D& thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tat ca cac thi sinh dy thi); D€ thi chinh thirc; Truong THPT chuyén Nguyén Trai; Thanh pho Hai

Duong; Tinh Hai Duong; Nam hoc 2003 — 2004.

Trong mit phang v&i hé toa dd Oxy, O 1a gbc toa do, cho parabol (P):y=x"va dudng thang chtra tham s6

d:y=5mx+4m.

1. Tim diéu kién cua tham sé m sao cho duong thang d thoa man
a) Di qua diém G thudc parabol (P), G c6 hoanh d bang 5.
b) Cit duong thang y = 4x—3tai diém c6 hoanh do bang 2.

¢) Song song v&i dudng phan gidc goc phan tu thir IIL
d) Vuéng goc v6i duong thang y = —%x+ 10.

e) Tao vdi tia Ox mot goc a =60°.
f) Cat hai tryc toa do Ox, Oy theo thu tu tai X, ¥ sao cho OX =30Y.

2. Tim diéu kién cua m dé parabol (P) tiép xuc véi duong thang d. Tim toa d6 tiép diém.
3. Khi parabol (P) va dudng thang d cdt nhau tai hai diém phén biét 4 va B véi 4(x;3,),B(x,3,).

a) Chung minh rang x? +5mx, —4m >0.
b) Tim gia tri ctia m dé x, <3<x,.
¢) Tim m sao cho |x, —x,|< V4.
1

+
x -4 x,-4
e) Tim m dé hoanh d6 diém nay gip ba lan hoanh d¢ diém kia.
f) Timmdé x'x, +x;x, =m’> +19m.

=35.

d) Tim m dé

g) Tim gia tri ctia m dé x? +5mx, —4m =9m® .
X 2 \ N n PRI 2 2
h) Tim m d€ A va B nam bén phai duong thang x = 3
i) Tim tit ca cac gia trj nguyén ctia m dé x,,x,1a cac s6 nguyén.

m’ X5 +5mx, +12m

2

j) Xéc dinh m dé biéu thirc 4=—
X, +35mx, +12m m

k) Tim gia tri ctia m dé y, +y, = y,y, +17.
1) Tim m sao cho xx,(y, +y,)=-132.

dat gi4 tri nho nhat.

4. Tim toa do diem K (x;y) trén parabol (P) thda man 5y —2x+1=(4x—1)/y+1.

5. Tim tat ca cac diém H (x;y) ndm trén parabol (P) thoa min bét déng thire
5 +y—2x+1< Sy\/2x

6. Viét phuong trinh duong thang di qua diém (5;1) va tiép xtic voi parabol @)
7. Viét phuong trinh duong thang vudng goc voi duong phan giac goc phan tu tha II va tiép xac voi

parabol (P).

8. Viét phuong trinh duong thang di qua diém E (5;41) va cit parabol (P) theo diy cung CD sao cho E

1a trung diém cua doan thiang CD.

9. Xét hai diém M va N nam trén parabol (P) c6 hoanh d6 1an luot 1a —2 va 4. Tinh dién tich cua tam

giac MNQ voi Q (1;2).

9. Tim toa do diém S thudc duong théng x+y+9=0va diém T thuoc parabol (P) sao cho dg dai doan

thang ST ngdn nhat.
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Bai toan 46. Chuyén thé, mo rong va phat trién bai 1; D& thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tat ca cac thi sinh du thi vao truong chuyén); D€ thi chinh thirc; Truong THPT chuyén Vinh Phuc;
Thanh phé Vinh Yén; Tinh Vinh Phtic; Nam hoc 2007 — 2008.

Trong mit phang véi hé toa 4o Oxy, O la gbc toa d¢, cho parabol (P):y :%xz va duong thang chira tham

s6 d :y:(m—l)x—m+%.
1. Tim gié tri ctia m dé duong thing d thoa man

a) Di qua diém (3;1). 7
b) Song song véi dudng thang y =5x—4.

¢) Vuong goc v6i duong thang y = —%x+4 .

d) Tao véi hai truc toa do mdt tam giac c6 dién tich béng 0,25.
2. Tim giao diém cua (P) vad khi m=1. i ) 7
3. Tim tat ca cac gia tri cua tham s6 m dé€ parabol (P) va dudong thang d cat nhau tai hai diém phan biét

AvaBvoi A(x;y,),B(x,;y,)sao cho

a) Mot trong hai‘diém c¢6 hoanh d¢ bang 3.

b) A va B nam v¢ hai phia cua tryc tung.

¢) Hoanh d¢ diém nay bang binh phuong hoanh d¢ diém kia.

d) x'-2(m-1)x+2m=17.

e) 1 + L 3.

X X
1 1
+ =1.
x-3 x,-3
1 1

+
5x, -3 4x,-3
h) x >4>x,.
1) 2x+x,=10.
1) |2x1 —3x2| <5.
k) 3|xl|+4|x2| <5.
) (x-4)(x+x,-9)>0.
m) y,+2y,=99.

f)

g)

n) Biéu thic S =2y +3y>dat gia tri nho nhat.
0) x,,x,1a d6 dai hai canh gbc vudng ciia mot tam giac vudng c6 do dai canh huyén bang 4.

4. Trong trudng hop parabol (P) cat dudng thang y = kx+%tai hai diém phan biét M va N. Tim quy

tich trung diém / cua doan thang MN.

5. Tim toa d6 diém L (x;y) trén parabol (P) théa man 2y +5x+6=23x+4.

6. Tim toa d6 diém K (x;) nam trén parabol (P) sao cho biéu thirc S = y —6+/6x +23dat gia tri nho
nhat.

7. Tim tat ca cac gia tri nguyén ctia m dé parabol (P) cit dudng thing d tai cac diém c6 toa do déu l1a
sO nguyén.
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Bai toan 47. Chuyén thé, mo rong va phat trién bai 2.3; Dé thi tot nghiép THCS; Mon Toan; Dé thi chinh
thirc; S& Gido duc va Pao tao Tinh Ba Ria — Viing Tau; 2004 — 2005.
Trong mit phang v6i hé toa dd Oxy, O 1a gbe toa do, cho parabol (P):y=x’va duong thang chira tham so6

m: d:y=(3m—1)x—2m*+m; mla tham s6 thuec.

l.
2.
3.

Tinh dién tich ctia tam giac tao bai duong thang d v6i parabol (P) khi m=1.
Tinh goc tao boi dudng thang d voi truc tung khi m =2 .
Tim m dé duong thang d thoa man diéu kién

a) Di qua diém (1;m).

b) Cit parabol (P) tai diém c6 hoanh d6 bang 2.

¢) Song song v6i dudng thang y=Tx—1.

d) Vuédng goc v6i duong thang y = —%x+ J5.

Tim toa do giao diém cia parabol (P) va dudng thang d khi m :% .
Tim tit ca cac gia tri cua tham sd m dé parabol (P) va dudng thing d cét nhau tai hai diém phan biét
AvaBvoi A(x;y,),B(x,;y,)sao cho
a) |x —x[<10.
b) x <-l<ux,.
1 1

c) —+—=2.
XX

d) 3x,+4x,=10.

o) 1 1

x -5 ’ x,+6 B

f) A va B déu c6 hoanh do duong.

g x =9x.

h) x;+(3m—1)x, +2m*—m=9.

i) Biéu thitc S =x+2x2 +3x,x, +4 dat gid tri nhé nht.

D m+y,=m+l

k) Do dai doan thing 4B bang /26 .

1) A4 va B nam vé hai phia ciia duong thang y=4.

m) y, =mx, +(m+1)x2.

n) =2y, +3y, +4xx, dat gid tri nho nht.
Viét phuong trinh tiép tuyén cua (P) biét tiép tuyén di qua diém (0;— 5)
4x+3
y+1

2Jy—x"+y" S(x+y)2,

1—(x+y)2 =1-x

Tim toa do diém L (x;y) trén parabol (P) sao cho biéu thiic § = dat gia tri 16n nhat, gia tri nho

nhat (néu co).
Tim toa do diém K (x;y) thude parabol (P) thoa man h¢ thirc

Viét phuong trinh dudng thang di qua diém D (4;25) va cit parabol (P) tai diém E, F sao cho D la
trung diém cua doan thang EF.
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Bai toan 48. Chuyén thé, mé rong va phat trién cau 1.2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
chq cép thi sinh dy thi chuyén Toan, chuyén Tin hoc); Dé thi chinh thtrc; S& Gido duc va Pao tao Thanh
pho HO6 Chi Minh; Nam hoc 2009 — 2010.
Trong mit phang v&i hé toa dd Oxy, O 1a gbc toa do, cho parabol (P):y=x"va dudng thang chtra tham s6
d:y=2mx+16—5m>; m 1a tham sd thyc.
1. Tim diéu kién cua tham sé m sao cho duong thing d thoa man
a) Song song v6i dudng thing y=4x—6.
b) Vudng goc véi duong thing y = —%+12 .
¢) Cat tryc hoanh tai diém c6 hoanh d¢ bang - 5,5.
d) Cat truc tung tai diém c6 hoanh d¢ duong.
e¢) Dong quy voi hai dudng thing 3x—2y =5;5x—4y+1=0.
2. Goi x,,x,1a hoanh d¢ cua cac giao diém cua (P) va d trong truong hop chiing giao nhau.
a) Timm dé hai giao diém neflm vé hai phia cua truc tung.
b) Tim m d¢€ hai giao di€ém déu c6 hoanh d6 duong.
¢) Tim m sao cho x,+x, =xx, +13 .
d) Tim m sao cho i+i:1.
XX
e) Tim tat ca gia tri nguyén cua m dé hai hoanh d¢ déu 1a s6 nguyén.
f) Tim gia tri cia tham s6 m dé x,,x,1a d6 dai hai canh goc vudng clia tam giac vudng cd do dai

canh huyén bang ~/26 .

g) Tim gia tri 16n nhat va gia tri nhd nhat cia biéu thitc P = x? + x> +x, +x, —6x,x, .

h) Tim gia tri 16n nhat va gid tri nho nhat cua biéu thirc 4 =x, (5x, +3x, =17)+x, (5x, +3x, —17).
3. Viét phuong trinh tiép tuyén cua (P) biét tiép tuyén di qua diém (0;— 6).

. 2 < \ 2 8x—m* =1, ., . ..z f s R , ~
4. Tim m d¢€ parabol (P) cat duong thang y = %tal hai diém c6 hoanh d§ x,,x,théa man

X -x)=x —x.
4x+3
y+1

5. Tim toa d6 diém L (x;p) trén parabol (P) sao cho biéu thie S = dat gia tri lon nhét, gia tri nho

nhat (néu co).
6. Tim toa d6 diém K (x;y) trén parabol (P) thoa man dang thic 2 (x+2)3 =6x+3y—x.
7. Gia st ton tai hai duong th'fmg di qua diém 1 (0;1) cit parabol (P) theo thtr tu tai 4,B,—4,,B,.
Chtrng minh rang L+L:L+Lzlva‘1 ! - ! <
I4, IB, IA, IB, JIA.14,  \IB,.IB,

8. Trén parabol (P) liy ba diém c6 hoanh d6 1an lugt a,b,cthéa min a*—b=b*-c=c*—-a.

Tinh gi4 trj ctia bicu thic S=(a+b+1)(b+c+1)(c+a+1).
9. Xét ba diém 4, B, C thudc parabol (P) c6 hoanh do lan luot 13 x > X5, X-théa man déng thot
= A, B, C nam trong goc phan tu thir nhét va khac goc O.
" X, txy+tx.=3.
Xp Xc

Chting minh bat ding thirc Yy + 22.
I+y, 1+y. 1+y, 2
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Bai toan 49. Chuyén thé, mo rdng va phat trién cau 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thirc; S& Giao duc va Pao tao Tinh Vinh Phic ; Nam hoc 2004 — 2005.
Trong mit phang voi hé toa do Oxy, O 1a gbe toa dd, cho parabol (P):y=x’va duong thang d chira tham

s6 ¢6 dang: y =—4mx—3m* —2m+1.

1. Vg€ parabol (P).

2. Tim diéu kién cua tham sé m dé dudng thing d thoa man

a) Di qua diém (4;1).

b) Cit parabol (P) tai diém c6 hoanh d6 bang 1.

¢) Song song v&i dudng thang y=—-5x+m+1.

d) Vudng goc v6i dudng thing 3x—5y++/6 =0.

e) Cit truc tung tai diém c6 tung d6 duong.
Tim toa do giao diém cua parabol (P) va duong thang d khi m =0.
Chung minh rang parabol (P) va duong thang d ludn c6 it nhat mot dlem chung.
Tim tat ca cac gia tri ctia tham sd m dé parabol (P) va dudng thiang d cét nhau tai hai diém phan biét
AvaBvoi A(x;y,),B(x,;y,)sao cho

nbhw

a) x +x,+4xx,=204.

by Lo o 16,
X X, 55

c) 2x,—5x,=8.

d) |x1—x2|=2

e) |x,—3x|=m

f) ! +£:2.
x -1 x

g) 6>x>x,>-5.
h) Biéu thirc P=x”+3x dat gia tri nho nhat.
i) x,x,1a do dai hai canh AB, AC ciia tam giac ABC c6 dién tich bang 10 dong thoi théa man
didu kién sin BAC =% .
D »+n>2.
k) 2y +3y, =4x +5x,.
1) Biéu thic S=2y2+3y> -4y, -5y, +6dat gia tri nho nhét.
6. Tim trén parabol (P) céc diém L (x;y) thoa man dang thirc (y—4x+1 1)(24 -8z° + 21) =35.

7. Xéc dinh toa do diém K (x;y) trén parabol (P) thoa man \[y+2x—15—+/x* —3x =+/x-3.

8. Tim toa do diém H (x;y) trén parabol (P) sao cho biéu thirc § =4/1-2x+41+2x —|—{‘/1—4y dat gia tri
16n nhét.

9. Tim k dé parabol (P) cit dudng thiang y =3x—k theo mot ddy cung c6 d6 dai bang /10 .

10. Xét ba diém 4, B, C thudc parabol (P) c¢6 hoanh d9 lan lugt 1a x,,x,, x. thoa man dong thoi

= A, B, C nam trong goc phan tu thir nhat.
" X, txy+x.=3.

Y n b7 n Ye

Tim gi4 tri nho nhit cta biéu thirc O = .
X, +2x, xp+2y. x.+2x,
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Bai toan 50. Chuyén thé, mé rong va phat trién bai 1; Dé thi tuyén sinh 10 THPT; Mén Toan (Danh cho
tat ca cac thj sinh dy thi); bé t}}i chinh thirc; Truong Pho thong Nang khicu; Pai hoc Khoa hoc Ty nhién;
bai hoc Quoc gia Thanh pho H6 Chi Minh ; Nam hoc 2004 — 2005.
Trong mit phang voi hé toa do Oxy, O 1a gbc toa dd, cho parabol (P):y=x"va duong thang d chta tham
s6 c6 dang y = (m+1)x—2m;v6i m 1a tham sb thuc.
1. Tim diéu kién cua tham s6 m dé duodng thang d thoa man
a) Diqua diém (4;2). q
b) Song song vo1 duong thang y =8x+10.

¢) Vuong goc v6i duong thang y = —%x+l2 .

d) Cit truc hoanh tai diém c6 hoanh d6 16n hon 2.
e) Hop vai tia Oy mot géec a =60°.
f) Tao véi hai truc toa do mot tam giac can.
g) Tiép xuc véi dudng tron (C) tam O, ban kinh R = %
2. Tim tat ca cac gia tri ctia tham sd m dé parabol (P) va duong thang d cit nhau tai hai diém phan biét
MvaNv6i M(x;y,),N(x,;y,)sa0 cho
a) X\ +x;=06xx,.
b) Hoanh d6 diém nay bang bon 1an hoanh do diém kia.
¢) x;+(m+1)x,+2m=9.
d) x <4<x,.
e) ! + L _ 5

x -2 x,-2

f) x,,x,1a d6 dai hai canh gbc vudng ciia mot tam giac vudng co canh huyén bang 5.
g) x,,x,1a 46 dai hai canh 4B, AC cua tam gidc ABC véi dién tich tam giac ABC bang 10 va
sin ABC = 1 .
5

h) (y,+4)(y,+4)=10y,y,-3.
i) L+L_ Nt

Y M y1y2_10.

3. Tim toa d¢ diém K (x;) trén parabol (P) sao cho y—2x =4(x-3) x+; .
x p—
4. Tim toa do diém L (x;y) trén parabol (P) sao cho biéu thitc §=./y—x+1+./y+x+1dat gia tri nho

nhat.

5. Ton tai hay khong diém H (x;y) trén parabol (P) théa min bat dang thic x\/ﬁ +ydx—1>xp ?

6. Viét phuong trinh duong thang di qua diém T (6;61) va cét parabol (P) theo mot day cung sao cho T
1a trung diém cua day cung do. .

7. Goi 4, B, C 1a ba diém thudc parabol (P) c6 hoanh d6 lan luot 14 a;b;a+5b. Chung minh dudng
thang OC song song voi duong thang AB. i ) w

8. Xét hai duong thang d,:y=4x+5;d,:y=4x+k. Duong thing d, cat parabol (P) tai hai diém C, D.
Tim gia tri ciia k dé duong thang d, cit parabol (P) tai hai diém E, F sao cho tir giac tao bdi bon
diém C, D, E, F ¢6 dién tich béng 6.
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Bai toan 51. Chuyén thé, mo rong va phat trién bai 1; Dé thi chon hoc sinh gidi 16p 9 THCS; Mén Toan;
bé thi chinh t}}frc; S& Gido duc va Pao tao Iha‘mh pho H6 Chi Minh; Nam h()q 2002 -2003.
Trong mat phang vdi hé toa d§ Oxy, O 1a goc toa do, cho parabol va duong thang chira tham so

(P):y=(2m—1)x2; d:y=2mx-1 [m;t%j

1. V& parabol (P) trong truong hop m=2.
2. Tim toa dd giao di€m cua (P) va d trong truong hop m=3.
3. Xac dinh gia tri ctia m sao cho

a)
b)

c)
d)

€)
f)
g)

Puong théng d di qua diém (5;3).
Puong thang d vuong goc voi duong phan gidc goc phan tu thir 1L
Puong thing d song song v6i duong thiang y=—10x+23.

Puong thing d cit truc hoanh tai diém c6 hoanh d6 16n hon 4.

[

Puong thang d tao véi hai truc toa d6 mot tam gidc vudng co do dai canh huyén 1a

Puong théng d tao v6i hai tryc toa d0 mot tam giac c¢6 dién tich be'mg 0,25.

45

Cit dudng tron (C) tam O, ban kinh R =1theo mot diy cung c6 do dai / = —~

4. Tim tit ca cac gia tri ctia tham sd m dé parabol (P) va dudng thang d cit nhau tai hai diém phan biét
Mva N voi M(x;y,),N(x,;y,)sa0 cho

a)
b)

©)
d)

e) x

f)
g)

h) x

i)
3
k)
D

ft nhat mot trong hai hoanh d6 giao diém thudc khoang (~1;0).

x, +x,+10xx,=6.

X, +3x; =4,

‘xlz - xzz‘ =1.

—4x,=4.

(2m—1)x12 —2mx+1=4m’.

X7 =5x; +1.

e[2;4].x, €[3:5].

M va N nam trong khoang giita hai dudng thang x =4;x=5m—2.

x,,x,1a do dai 2 canh 4B, AC cia tam giac nhon ABC c¢6 dién tich bﬁng 10 va cosBAC =

B
2

y+4y,=10.
L+£:3.
X0

m) (y,+2)(y,+3)=6y,p, —4xx,.
5. Trong truong hop m=1.

a)
b)
c)

Bai toan 52.

Tim diém K (x;y) thudc parabol (P) thoa mén dang thic \/ y—=2x+ \/ y=Tx= \/ y—23x.

Tim m dé parabol (P) cit dudng thang A:y = mx+3theo mot diy cung c6 do dai nho nhat.
Tim toa d6 diém X (x;y) thudc parabol (P) sao cho d¢ dai doan thang XY ngin nhét, trong d6
Y (1;0).

Chuyén thé, mé rong va phat trién bai 4; Dé thi tuyén sinh 16p 10 THPT; Mon Toan; Dé thi

chinh thirc; S& Gido duc va Pao tao Tinh Binh Duong; Nam hoc 2014 — 2015.
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Trong mit phing v6i hé toa do Oxy, O 1a gbc toa dd, cho parabol (P):y=x’va dudng thang d chira tham
s6 d :yz2(m—1)x—2m+5.

l.
2.

V& parabol (P) va dudng thang d trén cing mot hé truc toa do khi m=2.
Tim gi4 tri cta tham s m sao cho

a) DPuong thing d di qua diém (5;9).

b) Cit dudng thang y =3x—5tai diém c6 hoanh do bang 2.

c) DPuong théng d song song v&i duong thang y = ? .

d) Duong thing d vudng goc v6i dudng thang y = —%x +9.

e) Puong thing cit tryuc hoanh tai diém c6 hoanh d¢ 16m hon 1,5.
f) DPuong thang d trung voi duong thang y =4mx—38.

. Chimg minh rang v&i moi gia tri ciia tham sd m, parabol (P) va dudng thang d ludn cit nhau tai hai

diém phan biét. o 7 , q
Tim tat ca cac gia tri cia tham s6 m dé parabol (P) va duong thang d cat nhau tai hai diém phan biét
Mva N voi M(x;y,),N(x,;y,)sa0 cho

a) x +x,=5xx,—-4.

b) MvaN neflm vé hai phia cua tryc tung.

¢) M va N nam cung phia doi voi truc tung.

d) x}+x; <6xx,+4(x +x,)-5.

e) x —2x,=3.

p L, 3

X X X, + X,

g) x +2(m—1)x,+2m—5=4m’.

h) Biéu thitc 4=x>+x? dat gi4 tri nh6 nhat. Tim gié tri nh6 nhét do.
1) »+y, :(3x1 +m)(3x2 +m)+9m .

j) Biéu thitc 7 =10xx, —(5+,)(5+, )nhén gid tri 16n nhat.

k) Biéuthie B=(x +2) +(x, +2)° +4(x +x,)dat gia tri nhé nhat.

Xét diém G (1;0). Tim gi4 trj ciia m dé duong thang d cat hai truc toa do Ox, Oy 1an luot tai £ va F
sao cho dién tich tam giac OF G gap d6i dién tich tam giac OEF.

6. Tim toa d6 diém K (x;y) trén parabol (P) thoa min \/4y +2x+3- 2\/y +1=4x-2.
7. Tim toa d6 diém L (x;y) trén parabol (P) thoa méan bat dang thirc y—6x+26 <6y2x+1 .

9.

Xét ba diém A4, B, C thude parabol (P) c6 hoanh do lan luot 1a x X5, X . Tim gia tri 16n nhét va gia
Vi i Vs n Ye )

Vy—x,+l yp—x,+1 yo—x.+1

Tim n dé parabol (P) cét duong théng y=x+ntai hai diém phan bi¢t C, D. Goi [ 1a trung diém cua

doan théng CD, chirng minh réng khi d6 diém 7 di dong trén mdt duong théng ch dinh.

tri nho nhat cta biéu thirc T =

10. Xét hai diém X, Y thudc parabol (P) c6 hoanh d6 1an luot 1a — 3 va 5. Tim toa d¢ diém Z thudc cung

parrbol nho XY sao cho dién tich tam giac XYZ dat gia tri 16n nhat.

11. Viét phuong trinh duong thang / di qua diém J (=2;20) va cat parabol (P) theo mot day cung PQ sao

cho J chia doan thang PO theo ty 1& JP:JO =1:10.
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Bai toan 53. Chuyén thé, mo rong va phat trién cau 4 ; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thurc; S¢ Giao duc va Pao tao Thanh phé H6 Chi Minh; Nam hoc 2009 — 2010.
Trong mit phang voi hé toa do Oxy, O 1a gbe toa dd, cho parabol (P):y=x’va duong thang d chira tham

S(’f):y:(Sm—l)x—6m2 +2m.

1. Tim gié tri cua tham s6 m dé dudng thing d théa man

a)
b)
9)
d)
e)
f)
g)

bi qua géc toa do.

Co hé s6 gbc nhd hon 5 va khong trung véi hai truc toa do.
C6 hudng di lén.

Cit hai truc toa do tai hai diém phan biét.

Tao véi tia Oy mot goc a =45°.

Song song véi duong thang y = 4/mx+2n-7.

Vuédng goc v6i dudng thang 2x+7y+5m=0.

2. Tim giao diérq cua parabol (P) va duong t}}éng d trong truong hop m=-3.
3. Chung minh rang parabol (P) va duong thang d luon co it nhat mot diém chung voi moi gié tri m.
4. Khi parabol (P) va dudng thing d cét nhau tai hai diém phan biét M va N véi M (x;33,), N (x,30,).

a)
b)

c)
d)
¢)
f)
g)

h)
i)
3
k)
b

Tim gid tri cia m dé x +x; =1.
Tim tat ca cac gia tri cua m dé 2x, —3x, =1.
Tim gia tri ca m d& x} +(5m—1)x, +6m* —2m=25.

Tim gié tri cia m dé |x, —x,|=2.
Tim m d& M va N nam vé hai phia ctia dudng thang x = % .
Tim m d&& M va N déu c6 hoanh d6 nam trong khoang (3;10).

Tim m dé i—3x2 =14.
X

Tén tai hay khong gia tri m sao cho \/x—l +dm =2 x, ?

Tim gia tri nhé nhat cta biéu thitc P = x? +2x2 +3x, +4x, .
Tim m dé 4y, +5y, = 6x, +7x,.

Tim m dé M va N nam vé hai phia cia duong thang y=4.
Tim gid tri nho nhat cta biu thitc P =y, +2y, +3x, (4x, +5).

5. Viét phuong trinh dudng thang di qua diém D (2;5) va chan parabol (P) theo mot diy cung co do
dai bang 2417 .

6. Tim toa do diém A (x;y) trén parabol (P) sao cho y+3/x* -y =2x+1.

7. Tim toa do tat ca cac diém B (x:y) trén parabol (P) thoa man bat dang thirc

x\/y—x+1+2\/1+3x 2y+x+3.

8. Tim toa do diém X (x;y) trén nhanh phai parabol (P) sao cho biéu thuc S = x(y—48)dat gia tri nho

nhét.

9. Xét ba diém 4, B, C thudc parabol (P) c6 hoanh d6 lan luot 13 x,,x,,x.. Phan bién bat dang thirc

sau day 3(XA+XB+XC)2 <y, +2) (v +2)(ye +2).

10. Xét diém Y (x;y) thudc parabol (P). Tim gia tri 16n nhat va gia tri nho nhét cua biéu thic

K:\/2x—y+\/2x—y+3.
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Bai todn 54. Chuyén thé, mé rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
du bi; S¢& Giao duc va Pao tao Tinh Binh Dinh; Nam hoc 2014 — 2015.

Trong mit phing voi hé toa do Oxy, O 1a gbe toa dd, cho parabol (P):y= %xzvé duong thang d chira tham

s6 ¢6 dang: y=(m—1)x+3_m - m 1 tham s thuc.

1. V& parabol (P).
2. Xét hai diém 4, B thudc parabol (P) c¢6 hoanh d6 1an luot 1a — 2 va 4. Tinh d6 dai chiéu cao ha tir O
cua tam giac OA4B.
3. Xac dinh gia tri ctia tham s6 m sao cho dudng thing d thoa man
a) Di qua diém J thudc parabol (P), J c6 hoanh do bang 5.
b) Song song véi duong thing y=(3m—2)x+n-2.

¢) Vuong goc v6i duong thang y = —%x+ J5.

d) Cit truc tung tai diém c6 tung d6 16n hon 5.
e) Cat truc hoanh tai di€m c6 hoanh @ nho hon 2.

Loy . A ., , 4en L, 3 1
f) Tao véi hai truc toa do mdt tam giac c6 dién tich bang TR

g) Cit duong thang y =2x—1tai diém Z (x;y) sao cho T = x> + 2y + 4xy dat gid tri nho nhat.
4. Tim gié tri ciia tham s6 m dé duong thang y = mx +2 cit parabol (P) tai hai diém phan biét X, ¥ sao
cho tam gidc OXY c6 dién tich bang 24/5.
5. Biét rang duong thdng y = x+4 cat parabol (P) tai hai diém phan bi¢t C, D. Tim toa d6 diém £ nam
trén cung parabol nhé CDdé tam giac CDE c6 dién tich 1on nhat.
6. Chimg minh parabol (P) va duong thang d ludn c6 hai diém chung phan biét vo1 moi gia tri cua m.
7. Tim tat ca cac gi tri ciia tham sb m dé parabol (P) va dudng thiang d cit nhau tai hai diém phén biét
MvaNvéi M(x;y,),N(x,;y,)sa0 cho
|x1 - x2| =2\2.
b) x/+x;=34.
c) x—-x,=2(m-1).
d) 1.1 _x+%
X X, 6
€) 1 + 1. 4.
X X
f) x +x<6.
g) x +2(m+1)x,+3m+2=3m>.
h) Do dai doan thang MN dat gia tri nho nhat.
i) (3 +5)(»,+5)=8xx,+3(x +x,)+11.
. 1 1 2
i) —r—==.
» oy, 5
8. Tim toa do diém K (x;p) trén parabol (P) sao cho biéu thirc Q =64y —8x+10dat gia tri nho nhat.
9. Viét phuong trinh duong thang di qua diém L (3;5) va cit (P) theo ddy cung HK sao cho L 1a trung
di€ém cua doan thang HK.
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Bai toan 55. Chuyén thé, md rong va phat trién cau 3b; Dé thi tuyén sinh 16p 10 THPT; M6n Toan; Dé thi
chinh thtrc; S& Gido duc va Pao tao Tinh Lang Son; Nam hoc 2014 — 2015.
Trong mat phang vdi hé toa do Oxy, O 1a goc toa do, cho parabol (P): y = x> va duong thang chira tham so6
d:y=2x+m+3;vdimlatham s6 thuc.
1. Xét cac diém X (1;m) va Y (4;n). Tim m va n dé X thudc (P) va Y thudc d.
2. Tim tat ca cac gia tri cia m va n sao cho duong thang d thoa man
a) Cat duong phan giac goc phan tu thur nhat tai diém c6 hoanh do bang 10.
b) Song song vo1 duong thang y =3mx+6n—10.
¢) Vudng goc v6i dudng thang 3y =—2mx ++/6 .
d) Cit truc tung tai diém c6 tung d6 16n hon 4m.
e) Tao véi hai truc toa do mdt tam giac c6 di¢n tich bang 10.
f) Cat duong tron tim O, ban kinh R =+/5 theo mot day cung c6 d6 dai bang /2 .
g) Ciat duong thing y=3x—4tai diém K (x;y) sao cho biéu thic S =x>+)* —4x+9dat gid tri
nho nhat. 7
3. Tim tat ca cac gia tri cua tham s6 m dé parabol (P) va duong thang d cat nhau tai hai diém phan bi¢t
MvaNv6i M(x;,),N(x,;y,)sa0 cho
a) x,—x,=10.
b) x —x,=8.
c) ! + L _ 6

x,-4 x,—-4
d) Jx +x, =6,
1 1

e) + =3.
X +x,+2 xx,

f) M va N nam cung phia d6i véi truc tung.
g) X +2x,-m+3=m".
h) (x7 +2x,—m+3)(x3 +2x, ~m+3)=m-3.

i) M va N cung nam trong goc phan tu thir nhat, khong ké bién.
j) M va N nam khéc phia doi voi duong thang x =3.

K 4y =2(x-x) +7xx,.
D 3y, +2)(3y, +2)=4xx, -5.
4. Xéthai diém A4(x,;y,),B(x,;¥,)thudc nhanh phdi cta parabol (P). Chimg minh rdng khi biéu thirc
S =x,x, (v, +y,)dat gia tri 16n nhét thi 4 va B tring nhau.
5. Xét hai diém H(a;b),K (c;d)ndm trén parabol (P) sao cho ac =1. Chimg minh b+d >a+c.
5-2x
q ’ C2x-1
7. Tim diém K (x,;,) trén parabol (P) khi x, la so thuc 16n nhat trong cac s0 x thoa méan h¢ thuc

6. Tim tat ca cac diém L (x;y) trén parabol (P) sao cho /10—4y =

X+y+z+t=5,
Xy 2+ =7,
8. Xét diém G (x;y) thudc nhanh phai cta parabol (P). Tim x va y sao cho biéu thirc S = y—3x+idat
X

gia tri nho nhét.
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Bai toan 56. Chuyén thé, mé rong va phat trién cau I ; Dé thi tuyén sinh 16p 10 THPT ; Mén Toan (Danh
cho tat ca céc thi sinh du thi); Dé thi chinh thic; Truong THPT Chuyén Bac Ninh; Thanh phé Bic Ninh;
Tinh Bic Ninh; Nam hoc 2014 — 2015.
Trong mit phing véi hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P):y=x"va dudng thang chtra tham s6
codang: d:y=-2mx+2m+6; m thuc.
1. V& parabol (P) va duong thang d trén cung mot h¢ truc toa do khi m=1.
2. Xétdiém X (I;m)va Y (2;n). Timm van dé X thudce (P) va Y thudc d.
3. Tim gia tri cua tham s m va n sao cho duong thang d thoa man
a) Di qua diém Z nam trén (P), Z c¢6 hoanh d6 bang 2.
b) Cit duong phan giac goc phan tur thir IV tai diém c6 tung do 16n hon 4.
¢) Cit truc hoanh tai mot diém nam giita hai diém (3;0) va (5;0).
d) Song song véi dudng thing y = (3m—1)x+7n.

e) Vudng goc v6i duong thang y = —% +4n-9.
f) Khoéng cach tir gbc toa do O dén dudng thang d 1a dai nht.
g) Tao véi hai truc toa do mot tam giac co6 dién tich bang 16.
4. Chung minh rang parabol (P) va duong thang d luon c6 hai di€ém chung phan biét vdi moi gia tri
cua tham so m.
5. Khi parabol (P) va duong thing d cét nhau tai hai diém phan biét M va N v6i M (x;3,), N (x,3,)-
Tim gié tri cua m sao cho
a) x,—x,=2m-2.

b) x, —4x,=4.

C) i_{_i:ﬂ_l_s_
x x, x+x, 4

d —— 1 4
3, -7 3x,-7

e) M va N nam vé hai phia cta truc tung.
f) x'—2mx, —211’1—6=%m4
g) M va N nam cung phia v6i duong thang x=5.
h) (xl2 —2mx, —2m —6)()622 —2mx, —2m—6) >1.
i) x?+x?dat gia tri nho nhat,
j) Biéuthirc B=|x —x,|dat gid tri nho nhat.
k) (»+2)(», +2):x12 (3—x22)+x12 (3—4x22).
1) Biéu thirc T =(y, —2mx, )(y, —2mx, ) dat gia tri nho nhat.
3y+3x+2
3x+1
Tim diém L (x;y) trén parabol (P) sao cho biéu thirc S =2x+2— y +4/2—x’y dat gia tri 1on nhat.
Tirp toa d6 hai diém 4, B nim trén (P) 520 cho 4 va B ddi xung nhau qua diém C (7;85).
Viét phuong trinh duong thang di qua diem (3;9) va tiep xtc voi nhanh phai cia parabol (P).
Tim diém K (x,;y,) trén parabol (P) khi x, 1a s6 thuc 16n nhat trong c4c s6 x thda man h¢ thirc

6. Tim toa d6 diém K (x;y) trén parabol (P) sao cho /y+x+2 =

NS e

Xx+y+z=5x"+y +z"=11.
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Bai toan 57. Chuyén thé, mé rong va phat trién cau 2.1 ; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé
thi chinh thtrc; S6 Gido duc va Pao tao Tinh Pong Nai; Nam hoc 2008 — 2009.
Trong mit phang v6i hé toa dd Oxy, O 1a gbe toa do, cho parabol (P):y=x"va dudng thang chtra tham s6

d:y=3x—m.
1. V& parabol (P) va duong thang d trén cing mot hé truc toa do khi m =2 . Tim toa do hai do thi bang
phép tinh.

2. Tim gia tri cua tham sO m sao cho duong thang d thoa man
a) Diqua diém X nam trén (P), X c6 hoanh d6 bang 3.
b) Song song v6i duong thing y =4m’x—2m+4.

(m=5)x+7
3

¢) Vudng goc v6i duong thang y =

d) Ciat duong phan giac goc phan tu thir 111 tai diém ¢6 hoanh d6 16n hon 10.
e) Tao véi hai truc toa do mot tam giac co6 dién tich bang 10.
3. Khi parabol (P) va dudng thing d cit nhau tai hai diém phan biét M va N véi M (x,;33,), N (x,5,).
a) Timgiatrimde x’—x,=7.
b) Tim m sao cho /x,+2 =x +1.
¢) Tim m dé hai giao diém déu c6 hoanh d6 dwong.
d) Tim gia tri ciia m sao cho x +3x, +m=m".
e) Tim m dé hoanh d6 diém nay gp 3 lan hoanh do diém kia.
f) Tim gia tri cia m sao cho ! + ! :z.
x+3 x,+3 5
g) Tim m dé tung d6 diém nay gip 4 1an tung do diém kia.
h) Tinh gia trj cia biéu thitc P =x’x, —x,.x theo m.

1) Tim m sao cho y, +y, =10y,y, +4x, +4x,.
i) Tim gid tri chamdé L+L =y +5.
X X
k) Tim m thoa man x; +3x, =6(y, +y,)+19m—2017.
1) Tim tat c4 cdc gia tri m sao cho (2y, +7)(2y, +7)+(3x, +1)(3x, +1) =5x.x, .
4. Xac dinh m dé (P) cit dudng thang d tai hai diém c6 hoanh d6 x,,x,sao cho x,,x,1a d6 dai hai canh

AB, AC cua tam giac ABC vo6i do dai chiéu cao AH (H thuoc canh BC) bﬁng %

5. Tim tt ca cac gia tri cua tham sb m dé duong thang d cit duong thing y=2x-4tai diém K (x;y)
sao cho biéu thitc S =5x>+4y* dat gia tri bé nhat.

6. Tim toa d6 giao diém cua parabol (P) va d6 thi ham s6 y=7v3x—2—4x-2.

7. Tim toa do diém Y (x;p) trén parabol (P) théa man ding thirc /2y +x+1+/y—x+1=3x.

8. Viét phuong trinh duong thang di qua diém K (2;5) va cit parabol (P) theo mot ddy cung nhan diém
K'1am trung diém. 7 ) 7

9. Chung minh rang duong thang A:y=4x-3cat parabol (P) tai hai diém phan biét P, Q. Tinh di¢n
tich tam giac OPQ.

10. Tim toa d6 diém Z (x;y) trén parabol (P) sao cho biéu thirc 7 =24/x +<‘/3—\/; dat gia tri 16n nhat.
Tim gia tri 16n nhat do.
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Bai toan 58. Chuyén thé, mé rong va phat trién bai III ; Dé thi tuyén sinh 16p 10 THPT; Mén Toén; Dé thi
chinh thurc; S& Giao duc va Pao tao Thanh phd Ha N6i; Nam hoc 2009 — 2010.
Trong mit phang véi hé toa do Oxy, O 1a gdc toa dd, cho parabol (P):y=x" va duong thang d chira tham

s6 nhu sau: y =2(m+1)x—m’—2; mla tham s6 thuc.

l.

Tim gia tri cta tham sé m dé dudng thang d thoa man
a) Pi qua diém X thudc dudng phan gidc goc phan tu thir nhat, X c6 hoanh dé bang 1.
b) Song song v4i dudng thang di qua hai diém (6;2) va (7;1).
¢) Vudng goc v6i dudng thang 3x—2y+55=0.
d) Tao véi hai truc toa do mot tam gidc vuong co ty I¢ hai canh gbc vudng 1a 1:4.
e) Tao vditia Oy mot goec o =60°.

2. Tim toa d¢ diém K (x;p) trén parabol (P) sao cho d¢ dai doan thing OK bing 2J5.

(%)

9.

Tim toa d6 diém H (x;) trén parabol (P) sao cho biéu thirc S = y* +8v/2x +30dat gia tri nho nhét.
Puong thang y = 4x+ 5cat parabol (P) tai hai diém phan biét P, Q. Tim toa do diém R thudc cung
parabol nho @sao cho tam giac POR c6 dién tich 16n nhat.
Tim toa do diém L (x;y) nam trén nhanh phai parabol (P) théa man dang thirc
(x+6)Vx+3=8x*+12y+3x-9.

Tim toa do diém J (x;y) nam trén nhanh phai parabol (P) thoa man bat dang thirc

{/4(x3 +y3) +\/2(x2 +y2) < 2(x+y).
Tim toa do hai diém E, F trén parabol (P) sao cho E va F ddi xing nhau qua diém (4;10).
x+y+z=4,

Gia st x, la sb thuc 1on nhat trong cac sb x thoa man hé thirc
xXy+yz+xz=5.

Xét diém Z(x,;y,) < (P). Tinh d6 dai doan thang OZ.
Xét ba diém thudc parabol (P) ¢6 hoanh d thudc doan [ 1;3], tong cac hoanh d¢ bing 5. Tim gia
tri 16n nhat doi véi tong binh phuong hoanh dg ba diém do.

10.Giasae CvaD cg') hoé}nh d6 1an luot 1a ¢, d thoa mén déng thoi
» (CvaD lahaidiém nam trén parabol (P).

>

c24;c+d =6.
Tim gia tri nhé nhat cua biéu thirc y. +y,.

11.Tim gi4 tri m dé phuong trinh da cho c6 hai nghiém x,,x, thda man Tim tat ca cac gid tri ciia tham

s6 m d¢ parabol (P) va duong thang d cit nhau tai hai diém M va N véi M (x,;3,), N (x,;,)sao cho
a) Mot trong hai diém c6 hoanh d6 bang 2.
b) x'+x;=10.
¢) A va B déu c6 hoanh do duong.
d) x+2(m+1)x,+m*+2=m".

e) x —2x,=3.
f) Nghiém nay bang 5 1an nghiém kia.
g) |x1 —x2| =3.

h) x,,x,tuong ung la d6 dai cac hinh chiéu BH, CH cua tam giac ABC (H thudc canh BC), trong
do do dai duong cao AH bépg 3. w

1) Tung d6 diém nay gap 16 lan tung do diém kia.

1) 2()’1 +y2) =9x,x, +6(x1 +x2)_5'
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Bai toan 59. Chuyén thé, md rong va phat trién bai 1; D& thi tuyén sinh 16p 10 THPT; Mon Toan (Danh
cho tat ca thi sinh du thi); B¢ thi chinh thirc; Truong THPT Chuyén Lé Quy Pon; Thanh phd Nha Trang;
Tinh Khanh Hoa; Nam hoc 2005 — 2006; Khoa ngay 21.06.2005.
Trong mit phing véi hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P):y=x" va dudng thang chtra tham s6
d:y=2(m—-1)x—m+5; mla tham s6 thuc.

1. V& parabol (P) va duong thang d trén cting mot hé truc toa do khi m=2.

2. Xetcac diém U (3;m) va V (n; 4). Timm va n dé U thudc (P) va V thudc d.

3. Tim tét ca cac gia tri cua tham sd m sao cho duong thang d thoa min
a) Di qua diém 7T thudc (P), T c6 hoanh do bang 3.

b) Song song v4i duong thang y = 2(m3 —1)x+ Tm.

¢) Vuédng goc v6i dudng thang 2x— NG y+ J3=0.
d) Cat duong phén gidc goc phan tu thir II tai diém c6 tung do bang 6.
e) Cat doan thang OZ véi Z (2;10).
f) DPong quy véi hai duong thang 2x—y+3=0;3x-7y+2=0.
g) Tao véi hai tryuc toa do mot tam giac co6 di¢n tich nho hon 0,1. 7
h) Cat duong phan giac géc phan tu tha 11 tai di€ém 7' (x;)) sao cho biéu thirc sau dat gia tri nho
nhat: P=\/y2 —4x+5 +\/x2 -2y+2.
4. Tim toa d6 giao diém cua (P) va d khi m théa man m’ —2mn + 2n* —2n+1=0, n la sb thuc.
5. Chtng minh parabol (P) va dudng thang d luén c6 hai diém chung phan biét vdi moi gia tri cia m.
6. Khi parabol (P) va dudng thang d cdt nhau tai hai diém phén biét M va N véi M (x;33,), N (x,5,).
a) Timm dé mot trong hai diém c6 hoanh d6 bang — 1.
b) Tim m d¢€ hai diém nam khac phia véi truc tung.
c) Tim gid tri m sao cho x, —3x, =4.

d) Tim m sao cho x} +2(m-1)x, +m-5=36m".
e) Tim gia tri caa m dé L+i:2.
X XN

f) Tim m dé hoanh d6 hai diém déu thuoc khoang (0;2).
g) Tim m dé \/yl +2(m—1)x, +m—5 =[x, —x,|.

\ [ XX X
h) Timgidtrimdé = +—L=m.
XX

i) Tim gid tri tham s6 m dé [xf +2(m—-1)x, +m—5][x22 +2(m-1)x, +m—5] >38.

j) Vi gia tri ndo ciia m thi biéu thirc 4 = x? + x2 dat gia tri nhé nhat. Tim gia tri nhoé nhat do6.
k) Tim m dé biéu thirc (4y, +1)(4y, +1)—4xx, dat gid tri nho nhat.

1) Tim m sao cho (y,+5)(y,+5)=10y,y, —1.

7. Tim toa do diém P (x;y) trén parabol (P) sao cho \/3y +3x + \/x —y =2x+1.
8. Tim toa do céc giao diém clia parabol (P) v6i dudng cong (C):y=x’ +2x* +7x-9.
9. Viét phuong trinh dudng thang di qua diém O (1;— 7) va tiép xtic voi nhanh phai ciia parabol (P).
10. Tim toa d¢ giao diém (‘:ﬁa parabol (P) va duong tron tam O, ban kjnh R=25.
11.Gia su 4, B, C la ba di€ém thudc nhanh phai cua (P), khong tinh goc toa d§. Chiing minh
Ya— Ve +yB_yA +yc_y3 >0.
XB+XC )CC+)CA )CA+XB
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Bai toan 60. Chuyén thé, mo rong va phat trién bai 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tit ca cac thi sinh du thi vao trudng chuyén); D& thi chinh thirc; Truong THPT Chuyén Qudc hoc;
Thanh phé Hué; Tinh Thira Thién Hué; Nam hoc 1998 — 1999.
Trong mit phing véi hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P): y=2x"va dudng thang chira tham s6
codang d:y=6x—m, mlatham sb thuc.
1. Vg€ parabol (P).
2. Tinh goc tao boi duong thang d v&i chiéu duong truc Ox.
3. Tim gia tri cua tham s6 m va n dé duong thang d thoa man
a) Di qua diém (4;1).
b) Song song v6i duong thing y=(6-n)x+8m.
¢) Vudng goc v6i dudng thang y=—nx++/3.
d) Cit tia Oy.
e) Cit doan thang LH véi L (2;2), H (0;8).
f) Tao vdi hai truc toa dd mot tam gidc co6 dién tich nho hon 6.

g) Tao véi hai truc toa d9 mét tam gidc c6 ban kinh dudng tron ngoai tidp bing R = —“;7 .

h) Di qua diém K thudc (P), K c6 hoanh do 16n hon 4.
4. Tim toa d cac giao diém P, Q cua (P) va d khi m =4 . Tinh dién tich tam giac OPQ.
5. Tim tat ca cac gia tri cua tham s6 m dé parabol (P) va duong thang d cat nhau tai hai diém phan bi¢t
MvaN Vi M (x;),N(x,;y,)théa man diéu kién
a) x —x,=7.
b) x +3x,—x,=2.
c) x +3x, +%= 2m’.
d) M va N nim vé hai phia cua truc tung.

e) hihog,

X8
f) M va N déu c6 hoanh d6 nhé hon 2.

1

g) x> >,
h) M va N dbi xtimg v6i nhau qua diém (%SJ
i) x €[0;5],x, €[0;5].
1) x—x,>3.
k) yl+y2+(5y1+2)(5y2+2)>6x1x2.
D (35 +2)(3y,+2)=x (3-x)+x (3-5x).

6. Tim toa do diém E (x;y) trén parabol (P) thoa man diéu kién 2 (2x+7 )3 =y+18x+14.
7. Tim toa do diém F (x;y) trén parabol (P) sao cho biéu thic S =+2x—1+,[2 —% dat gia tri 16n nhat.

8. Viét phurong trinh dudng thang (1) di qua diém (%;5j , cat (P) tai hai diém C, D sao cho G(l;%] la

trong tam cua tam giac OCD.
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Bai todn 61. Chuyén thé, mé rong va phat trién bai 4; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thirc; S& Gido duc va Pao tao Thanh phé Hb Chi Minh; Nam hoc 2014 — 2015.
Trong mit phing véi hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P):y=x* va duong thang d:y=mx+1.
1. V& parabol (P) va dudng thang d trén cing mot hé truc toa do khi m=-3.
2. Tim gia tri cua m dé duong thang d thoéa méin
a) Song song v6i dudng thang y=m’x+4m—5.
b) Vudng goc v6i dudng thing 3x—2+/2y+1=0.
¢) Tao véitia Oy mot goc a =30°.
d) Cit doan thang PO véi P (1;7) va O (- 1;- 5).
e) Tao vdi hai truc toa do mdt tam giac c6 dién tich béng 13.

Y S TR A L1 1
f) Tiép xtc vo1 duong tron tdm O, ban kinh R =—

N

peq A A cr a1 . \ . X 1
g) Tao véi hai truc toa do mdt tam giac c6 ban kinh duodng tron ngoai ti€p r = g
3. Chimg minh rang, véi moi gia tri ctia tham sb m, parabol (P) ludn cat dudng thang d tai hai diém
phan biét nam khéc phia do6i véi truc tung.
4. Gia st (P) va d ludn cat nhau tai hai diém phan biét M va N véi M (x;»,),N(x,;¥,).
a) Tim m dé tong binh phuong hai hoanh d6 dat gia tri nho nhat.

2
p T .2 , x +x, —1 2+ -1
b) Tinh gid trj ctia biéu thiee : p=—— 1 HTH71

X, X,
¢) Timm dé x’x, =-1.
d) Chimg minh rang it nhit mot trong hai diém c6 hoanh do x,théa man |xo| <I.
e) Timm dé x*+mx,—1=9m> —8m.
f) Tim tit ca cac gia tri m dé x, +x> =2.
g) Tim m dé M va N déu nam vé mot phia ciia duong thang x =3.
h) Timm d& P=(x} +2)(x; +4)dat gi4 trj nho nhat.
i) Tim gia tri cta m sao cho S =(y,+3)(», +3)+7(x +x,)dat gid tri nhé nhat.
1 1 2
y1+4+y2+4 :g,

j) Tim gia tri cua m dé

k) Tim gia tri ciia m dé y, —y, = 4mx,x, .
1) Tim m dé do dai doan thing MN bang /130.
m) Vi gia tri nao cia m thi do dai doan thang MN ngan nhat ?

4x 3x

+ =1.

4y—-8x+7 4y—-10x+7
6. Diém (x1) dugc goi la diém nguyén khi x va y déu 1a cac sb nguyén. Véi z 1a s6 nguyén duong, ton

tai hay khong di€ém nguyén Z (x;y) trén nhanh phai cta parabol (P) théa man dang thic

L
z x y

7. Tén tai hay khong diém L (x;y) thudc parabol (P) thoa man x° = y* +xy+y+x+2 ?
8. Biét rang parabol (P) cat duong thang y =2x+15tai hai diém phan biét C va D. Tim toa do diém E

5. Tim toa do diém K (x;y) trén parabol (P) sao cho

trén cung parabol nhd CDsao cho tam gidc CDE c6 dién tich 16n nhat.
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Bai toan 62. Chuyén thé, mo rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho céc thi sinh dy thi mon chuyén Khoa hoc Ty nhién); B¢ thi chinh thirc; Truong THPT Chuyén Lé Quy

Dbon; Thanh phé Nha Trang; Tinh Khanh Hoa; Nam hoc 2000 — 2001.

Trong mit phang véi hé toa do Oxy, cho parabol (P):y=x"va dudng thang d: y=2(m-2)x-m—1véi m

14 tham sb thuc, O 1a géc toa do.
1. Vg€ parabol (P).
2. Tim toa d6 giao diém cua (P) va d khi m=—1.
3. Xac dinh gia tri ciia tham s6 m dé dudng thang d thoa man

a)
b)
c)
d)
e)
f)
g)

Cit dudng phan giac goc phan tu tht IV tai diém c6 tung do bang 3.

Song song vo1 duong thang di qua hai diém (4;7) va (- 4;9).

DPong quy voi hai dudng thing 2x—3y+1=0;6x—y+4=0.

Vuédng goc v6i dudng trung tuyén ké tir O ciia tam gidc OPQ véi P (8:0), O (0;6).
Tao vo6i hai tryc toa do0 mdt tam giac cd ty 1€ cac canh 1a 2:3: J13.

Tao vé&i hai truc toa do mdt tam giac c6 di¢n tich béng 8.

Cit doan thang UV v6i U (3:4), V (— 1;- 6).

4. Tim diéu kién cua tham sb m dé parabol (P) va dudng thiang d c¢6 diém chung.
5. Khi (P) va d cit nhau tai hai diém phan biét M va N véi M (x;3,), N (x5, ).

o A

10. Tim toa do diém L (x;y) sao cho khoang cach tir diém L dén duong thang A:x—y—7=0nhan gié tri

11. Xét cac diém X (9;0), Y (9:2). Tim toa do diém Z (x;y) thudc parabol (P) sao cho tam gidc XYZ la

a)
b)
c)
d)

e)

f)

g)
h)
i)
j)
k)
1)

Tim m d& M va N nam khéc phia d6i voi truc tung.
. +
Tim m sao cho xl_zxzz 2(x12 +x22).
Tim m d& M va N nam cung phia ddi v6i duong thing x=5.

N 2 X T X
Tim m de +—2

>S5xx, +7.

T a1 11
2x, -1 2x,-1 2

Tim m théa man |x1 —x2| <3.

Tim m sao cho x; +2(m—2)x, +m+1=9m’.

Tim céc gid tr clia m dé x, (1-2x,)+x, (1-2x,) = m?.

Tim gia tri 16n nhat, gi4 tri nho nhét ctia biéu thirc S = 3(x12 +x; ) — XX, -
Tim gia tri cia m sao cho x,(5-3x,)+x,(5-2x ) =25m~25.

Tim m dé (2y, +1)(2y, +1) =33.

Xac dinh gia tri m sao cho y, +y, = %(x1 +x, )+ 6x,x, .

Viét phuong trinh tiép tuyén ctia parabol (P) tai diém 7 (2;4).
Tim toa d6 giao diém cua parabol (P) v&i dudng cong y = 6x> +6x>2x—1+2x—1.

Tim toa d6 diém K (x;y) trén parabol (P) sao cho biéu thirc S = y* —40+/10x + 50 dat gia tri nho nhét.
Xét cac diém C (—\/E;O),D(\/g; O). Tim toa d6 diém E (x;y) trén parabol (P) sao cho tam giac CDE

vuong tai E.

nho nhat. Tim gi tri nho nhat do.

tam gidc can tai Z.
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Bai toan 63. Chuyén thé, mé rong va phat trién bai 2 ; D& thi tét nghiép Trung hoc co so ; Mon Toan; Dé
thi chinh thirc; S& Gido duc va Pao tao Tinh Khanh Hoa; Nam hoc 2000 — 2001; Khéa ngay 29.05.2001.
Trong mit phang voi hé toa dd Oxy, cho parabol (P):y=x"va duong thang d: y=10x+m—20, v6i m 1a

tham s6 thuc, O 1a géc toa do.

1.

V¢ parabol (P).

2. Tim gié tri ctia m va n dé dudng thang d thoéa méin

a)
b)
c)
d)
€)
f)
g)

Di qua diém (5;1). q

Vuodng gbc véi duong thang y =—nx+9m—6.

Song song véi duong thing y = (3n—7)x+ V2.

Cit doan thang PQ vdi P (2:8), O (0;12).

Te_}o vo1 hai truc toa do m(f)‘g tam giac bang 10.

bong quy véi ba duong thing 2x-3y+1=0; 3x—-4y+1=0; 4x—-7y+3=0.
Tiép xtic voi duong tron tim O, ban kinh R =101 .

3. Chimg minh rang néu (P) va d cit nhau tai hai diém phan biét thi luén c6 mot diém nam bén phai
cua truc tung.
4. Tim gia tri ciia m dé parabol (P) va d cat nhau tai hai diém M va N v6i M (x;;y,),N(x,;y,)sao cho

© 0 N o

a) x —x,=4.
b) x =x,.
¢) x —x,=-8.
d L1 3
-4 x,-4

e) x +10x,=m’ +m—-20.
f) (2x +1)" +(2x, +1)" =7m +8.
g) (4x,+7)(4x,+7)=6xx,—13.
h) \/x12+10x2—m+20:m3+m.
1) \/_ \/_ XX, =
j) Biéuthiic =[x + \/Z +Jxx, dat gia tri 16n nhét.
k) Biéu thitc T =|x|+|x,|+ |x.x,|dat gid tri nho nhat.
D (53 -4)(5r,=4)+4y,(1-3,) +4»,(3- ) =9104.
m) i+L:4— 3 .

N M XXy

Tim gia tri ciia m dé duong thang d da cho cit duong phan giac ctia goc phan tu thir nhat tai diém
(x;y) sao cho biéu thire R = 2x* —6x’ —9x” +10 dat gia tri nho nhat.

Viét phuong trinh tiép tuyén cta parabol (P) biét tiép tuyen di qua diém (1;-8).

Tim toa dd hai diém C, D thudc (P)saocho CvaD ddi xtng nhau qua diém E (4;17).

Tim diém G (x,y) thudc parabol (P) sao cho biéu thitc X =+/2x+3 —~/2x—5 dat gid tri 16n nhat.

Xét hai diém 6n tai hay khong J (x;y) trén parabol (P) sao cho tam giac LJK can tai J ?

10 Tim toa do diém L (x;y) thudc parabol (P) sao cho biéu thitc Y =2x+./—y—8x—11dat gia tri 16n
nhat. Tim gia tri 16n nhat do.

11. Tim toa d6 diém H (x;y) trén parabol (P) sao cho \/y+4x+13 —\/y+2x+5 =2.
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Bai toan 64. Chuyén thé, md rong va phat trién bai 4; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thtrc; S& Gido duc va PBao tao Thanh phd Pa Nang; Nam hoc 2014 — 2015.
Trong mit phing vé&i hé toa do Oxy, cho parabol (P):y=xva dudng thing d:y=m*-2(m-2)xvéi O la
géc toa do, m 1a tham sd. 7 q

1. Tim gia tri cua m d€ duong thang d thoa man

a) Di qua diém (1;—m2).

b) Cit duong thiang y = x+2 tai diém c6 tung do bang 3.

¢) Song song voi duong théng 3x—~/5y+4=4/2.

d) Vuong goc v6i duong thang di qua hai diém (3 1) va (9;4).

e) Cat duong thang y =5x—2tai mot diém R, R nam trén duong thang y =9x—6.

f) Tao vé6i hai truc toa dd mot tam giac vudng c6 ty 1 cac canh 1a 3:7:+/58.
Tim toa do giao diém cia parabol (P) v6i duong thang d trong truong hop m = 0.
Tén tai hay khong gia tri m dé (P) cat d tai diém c6 hoanh do bang 1?
Chtng minh rang parabol (P) ludn cit duong thang d tai hai diém phan biét véi moi gia tri ctia m.
Xét truong hop parabol (P) va dudng thing d cit nhau tai hai diém M va N véi M (x31), N (x350,),

kW

trong d6 x, <x,.
a) Tim m sao cho x,+x, =9xx, +11.
b) Véi gid tri ndo ctia m thi 4(x, +x,)=(x, —x,)" +x7 +x2—6?
¢) Tim gié tri nho nhat cta biéu thirc S =|x, —x,|.
d) Timm dé x, <2<x,.
e) Tim gid tri m sao cho x, —x, =2m+6.
f) Tim m dé M va N déu ndm cing phia d6i voi dudng thing x=3.
g) Tim tat ca cac gid tri ctia m sao cho |x,|~|x,|=6
h) Tim m sao cho x} -2(m—-2)x,—-m* =9.
1) Vai gia tri nao cua m thi L+i: 7mj6 ?
XX, m
j) Tim biéu thirc lién hé gitta hai hoanh d6 khong phy thudc vao tham s m.
k) Xéc dinh gia tri m sao cho y, +y, =4x,x,+10.

1) Tim gid tri nhé nhét ctia biéu thitc 7 = y,y, + x,x, + X, +x, +15.

Tim toa d6 cac giao diém cua (P) v6i duong cong y = x> —5x+1.

Viét phuwong trinh tiép tuyén cua parabol (P) tai diém G thudc (P), G c6 tung d6 bang 9.

Tim toa do diém F (x;y) trén parabol (P) sao cho 4x—1+.4y-1=1.

Tim toa d diém E (x;y) thudc parabol (P) sao cho khoang cach tir E dén duong thang y =2x—3 dat

gi4 tri 16n nhat.

10. Tim diém P (x;y) thudc parabol (P) va diém Q trén duong tron (C) tim J (0;— 4), ban kinh R =2 sao
cho d6 dai doan thang PQ ngéan nhat. 7

11. Tim toa d6 diém H (x;y) thudc parabol (P) va diém K trén dudng tron (C) tim J (4;— 4), ban kinh
r =+/5 sao cho d6 dai doan thiang HK ngin nhat.

12.Xét hai diém U, ¥ phéan biét nam trén parabol (P) c6 hoanh d6 1an luot 14 a,2va—1. Ky hiéuc va d
twong Ung la khoang cach tir U va V dén tryc hoanh. Hay so sanh cvad.

13. Xét diém X thudc (P), X c6 hoanh d6 x, =sin«a . Tim gia tri 16n nhat cho biéu thirc Y =x, +y, .

N SN
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Bai toan 65. Chuyén thé, mé rong va phat trién bai 2.2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thirc; S& Gido duc va PBao tao Tinh Quang Ngai; Nam hoc 2014 — 2015.
Trong hé toa do Oxy, cho parabol (P): y = x* va dudng thing d:y= (3m+1)x—2m*> —m+1v6i O la gbc toa
do, m 1a tham sb thuc.
1. Tim toa d¢ giao diém cua parabol (P) va duong thang d v6i m=—1.
2. Tim gié tri cua tham s6 m dé dudng thang d thoa man diéu kién
a) Cit tryc tung tai diém c6 tung do bang — 20.
b) Di qua diém (~1;0) nhung khong di qua diém (1;2).
¢) Song song v&i du:(mg phan giac goc phan tur thur I11.
d) Vuong goc Vi tiép tuyén cua (P), tlep tuyén nay di qua gdc toa do.
e) Tiép xuc véi parabol y =2x"tai diém c6 tung do bang 2.

f) Tao véi hai truc toa do mot tam giac co ty I¢ cac canh la V2:3:45.

g) Cit duong thang y =3x—1tai diém Z (x;y) sao cho x* + y* —14x+15dat gia tri nho nhat.
3. Tim m dé parabol (P) cit dudong théng d tai m@tqdiém ¢ hoanh do bang 2. Tim giao diém con lai.
4. Ching minh rang parabol (P) ludn cat duong thang d tai hai diém phan bi¢t voi moi gia tri cua m.
5. Xét trudng hop parabol (P) va dudng thang d cdt nhau tai hai diém M va N véi M (x;,),N(x,:0,),

a) Tim m sao cho x, +x, =2xx,+17.

b) Tim gia trj ctia m dé (x,—x, )2 <5xx,—2.

¢) Tim h¢ thuc lién hé gitra hai hoanh do doc lap voi m.

d) Tim m saocho x,—x, =m.

+1:2?

x-3 x,-3

e) Voi gia tri nao cua m thi
f) Tim gia tri m dé x, (x,+2)+x,(x, +2)=8xx, +13.

g) Tim m sao cho biéu thirc |x, — x,|nhén gié tri nho nhat.
h) Tim m dé ton tai h¢ thire x7 +x7 = 4xx, +2(x, +x,)+5.

i) Tim m d biéu thirc B = x + x2 —3x,x, dat gia tri 16n nhat.
j) Tim m dé \/xl +(3m+1)x+2m* +m—-1=2m-3.

k) Tim m thoa man y, +y, >4xx, +8m+7.

6. Tim tit ca cac diém L (x;y) thudc parabol (P) sao cho L cach déu hai truc toa do.

7. Xét diém B thudc parabol (P), B c6 hoanh d6 béng — 2. Tim toa do diém C thudc (P) sao cho tam
giac BOC vuong tai O.

8. Viét phuong trinh duong thang Adi qua diém F (0;3) va cit parabol (P) tai hai diém phan biét D, E
sao cho DE =4DF .

9. Tim toa do diém A (x;y) trén parabol (P) théa man ding thirc

(\/y+x+1+\/4y+x+1)(\/5y+1—\/2y+1):3x2.

2 2

10. Tim toa d6 giao diém ctia parabol (P) va duong elipsse (E) c6 phuong trinh %+y? =1.
11.Gia sir X va Y 1a cac diém thudc nhanh phai cta (P) c6 hoanh d6 1an luot x va y sao cho
X 3y
— =22 o,
I+x 1+y

Tim gi4 tri 16n nhat cta biéu thirc J = x°.
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Bai toan 66. Chuyén thé, mo rong va phat trién cau 7; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thurc; S¢ Giao duc va Pao tao Tinh Tay Ninh; Nam hoc 2014 — 2015.
Trong mit phing v6i hé toa dd Oxy, cho parabol (P):y=x’va duong thang d:y = 2(m+1)x—m+4voi O

1a gbc toa do, m 1a tham sb thuc.
1. V& parabol (P) va duong thang d trén cing mot hé tryc toa do khi m=3.
2. Tim toa d¢ giao diém cua du’O'ng thang y =4x-3vaparabol (P).

3. Tim gia tri cua tham sb m dé dudng thing d thoa man diéu kién

a)
b)
c)
d)
e)
f)
g)

h)

Khéng di qua gc toa do.

Cit hai truc toa do tai hai diém phan biét.

Di qua diém K thudc dudng phéan giac goc phan tu thi nhét, K ¢6 tung do bang 4.
Song song v6i duong thang di qua hai diém (4;1) va (— 6;3).

Vuédng goc v6i dudng thang 3x—8v2y+1=0

Khoang cach tir géc toa do O dén d dat gia tri 1on nhat.

Tao véi tia Oy mot goc a =60°.

317

Tao voi hai tryc toa d0 mdt tam giac cé ban kinh duong tron ngoai tiép la R= 5

4. Chung minh parabol (P) luén cit dudng thiang d tai hai diém phan biét vi moi gia tri ctia m.
5. Tim gia tri cua m dé parabol (P) va d cat nhau tai hai diém M va N véi M (x33),N(x,5,)sao cho

a)
b)
9)
d)
e)
f)
g)

h)
y
7
k)
D

X +2x,=3.

4x, —x, =2m+3.

Céac hoanh d6 déu 16n hon 1 hodc déu nho hon 1.
x(1=x)+x,(1-x,)>4m-9.

Biéu thirc 4 =|x, —x,[ dat gia tri nho nhat.

Hoanh d6 diém nay gap ba lan hoanh d¢ diém kia.
x; +2(m+1)x2 +tm—-4=m’,

x12+2(m+1)x2+m—4 >|3m—2|.
1 1

+ =
x+2 x,+2

Jx +x, =Bm-1.

Nty =4xx,+6yy,—68.

Wy, +xx, =3|m—4|\/m+1 .

m) 3y, +5)(3y,+5) -y, =(x x2)2+375

6. Viét phuong trinh duong thang di qua diém (1;— 15) va tlep xuc voi parabol (P).

7. Goi A va B 1a cac giao diém cua parabol (P) va dudng thing y=x+6. Tim toa d6 diém C nim trén
parabol (P) sao cho tam giac ABC can tai C.

8. Xét hai diém D (-3;0) va E (0;3). Tim toa do diém F thudc parabol (P) sao cho tam giac DEF
vudng tai F.

9. Xét ba diém P, O, R thudc parabol (P) c6 hoanh d6 thuc doan [0;2] sao cho tong cac hoanh do
bang 3. Ching minh rang 3< y, +y, +y. <5.

10. Tim toa d6 diém G (x;y) nam trén parabol (P) théa man dang thirc Vx+3 =

xy+3y+9x
3y+x+3
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Bai toan 67. Chuyén thé, mé rong va phat trién cau 3; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thirc; S& Giao duc va Pao tao Tinh Phu Tho; Nam hoc 2014 —2015.
Trong mit phang voi hé toa dd Oxy, cho parabol (P):y=x"va duong thing d:y=Cm+Dx—m’véi O 1a
géc toa do, m 1a tham sd thuc.
1. V& parabol (P).
2. Tim gia tri cta tham s6 m dé dudng thang d théa man
a) Di qua diém (2;5).
b) Cit tryc tung tai diém c6 tung d6 nhé hon — 9.
¢) Song song véi dudng thing y = (10m—5)x+6.
d) Vuéng goc v6i duong thang 3x— NG y+7=0.
e) Tao voi dudng thang y =3m—1mdt goc a =60°.

f) Cit dudng thang y =3x -2 tai diém (x;y) ma biéu thic y* +(x—6)" +6 dat gi4 tri nho nhat.

98]

Tim toa do giao diém cua parabol (P) va dudng thang d khi m =1. 7

4. Giad st P va Q 1a hai di€ém nam trén parabol (P) c6 hoanh d6 lan lugt 1a —2 va 5. Tim toa d¢ di€ém R
thugc truc hoanh sao cho P, O, R thang hang. ’ ,

5. Vi gia tri nao cua m thi parabol (P) ti€p xtc vdi parabol (P) ? Tim toa do tiép diem.

6. Khi parabol (P) cat duong thang d tai hai diém c6 hoanh d§ x,,x,, hdy tim h¢ thirc lién h¢ gitra
x,,x, doc 1ap voi m.

7. Tim gia tri cua m dé parabol (P) va d cit nhau tai hai diém M va N véi M (x331),N(x,;¥,)sa0 cho

a) x +x, =6xx,+7(x +x,)=-6.

1 1

b) + =1.

x -2 x,-2
c) x —x,=2m-1.
d) |x—x|=9.

e) Biéu thitc P =xx, +x, +x,dat gia tri nho nhat.
f) x>3>x,.

g) x,>x,>2.

h) x'+Q2m+x, +m* =9.

1) \/xf +(2m+1)x, +m* =[3m-2.

i) 3y 43y, -2=5xx, +(x, —xz)z.
o Ll T
W YV, m
8. Viét phwong trinh tiép tuyén cua (P) biét tiép tuyén di qua diém (1;— 24).
9. Tim toa do diém H (x;y) trén parabol (P) sao cho v/5x—6+v10-3x =2y—x—-2.
10.Gia sir a va b 1a hoanh d6 cac giao diém ciia parabol (P) va dudng thang y=2x+4. Tinh tong cac
Ity thtra bac 7 cua a va b.
11. X¢ét hai diém D (3;2), E (4;3). Tim toa do diém F trén parabol (P) sao cho tam giac DEF can tai F.
12. Tim toa d6 giao diém cta parabol (P) va duong tron (C) cd tim (0;— 4), ban kinh R=5.
13.Xét diém L (u;v) nam trén parabol (P) thoéa man dang thirc v+v> +u* =1. Tim gia tri 10n nhat va gia
tri 1én nhat cua biéu thic S=v—uv+2u’.
14. Tim toa d6 hai diém A va B trén parabol (P) sao cho AC =3CB trong d6 C (4;19).
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Bai toan 68. Chuyén thé, mé rong va phat trién cau 2; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thurc; S¢ Giao duc va Pao tao Tinh Hung Yén; Nam hoc 2014 — 2015.
Trong mit phing véi hé toa d9 Oxy, cho parabol (P):y = x?va dudng thang d:y =2x—m-3, véi O 1a gbc
toa d0, m 1a tham sb thuc.
1. V& parabol (P) va duong thang d khi m=2.
2. Tim gié tri cta tham s6 m va n dé duong thang d thoa man diéu kién
a) Di qua trung diém cua doan thang OX v&i X (4;2).
b) Vuong goc voi duong thang y =mx+2n.
¢) Song song v6i dudng thing y = —mx+4n—9.
d) Tao véi hai truc toa do mdt tam giac c6 dién tich 16n hon 8.
e) Tao véi hai tryuc toa do mot tam giac c6 ban kinh dudng tron ngoai tiép R=+/5.
xy—x—y+2011

2

y

f) Cat duong phan gidc goc phan tu thir nhat tai diém K (x;y) sao cho S = dat

gia tri nho nht.
3. Tim gia tri cua m dé parabol (P) va d cit nhau tai hai diém M va N véi M (x33), N (x,5,)sao cho

a) x —x,=13.
b) M va N niam khac phia ddi véi truc Oy.
¢) x -x,=0.
d) x' +x3+8x,=9+x,.
e) x +x;=8.
f) M, N va diém (2017;2018) tao thanh ba diém thang hang.

1 1 8
g —+—=—xx,.

x x, 9
h) 1 + 2

X x,+2

=3.

i) M va N nam cung phia d6i véi duong thang x =3.
1) x12+2x2+m+3=gm2.
k) (x22+2x1+m+3)(x12+2x2+m+3)>m2.

D (3 +4) (v, +4)=(x —x, +1)(x, —x, +5)+167.

n) 5(x22+2x1+m+3)(x12+2x2+m+3):m2.

4. Viét phuong trinh dudng thang d di qua diém (1;0,75) va tiép xtic voi parabol (P).

5. Tim toa do diem H (x;y) thudc parabol (P) sao cho [2x—1|+[2x+1|=|y-1/+1.

6. Xét diém L (x;y) nam trén parabol (P) thoa man dang thire y+y? —xy =1. Tim gia tri Ion nhét va gia
tri nho nhét cua bicu thae M = y* +y* —°.

7. Xét hai diém U (0;1) va V' (2b;— 1), v6i b 1a tham s6 thuc. Ching minh rang dudng trung tryc cua
doan thang UV tiép xtic voi parabol (P).

8. Xét hai diém D(3+\/— ; 0), ( ~J17; 0) Tim toa d6 diém F thudc parabol (P) sao cho tam giac
DEF vudng tai F.
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Bai toan 69. Chuyén thé, mé rong va phat trién cau II; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thtrc; S& Gido duc va PBao tao Tinh Quang Ninh; Nam hoc 2012 — 2013; Khoa ngay 28.06.2012.
Trong mit phing véi hé toa d6 Oxy, cho parabol (P):y=x"vadudng thang d:y=ax+2, voi O 1a gbe toa

dd, a 1a tham sd thye.

1.

Tim toa do giao diém cua parabol (P) va duong thang d v6i a=1.

2. Tim gié tri cua tham s6 a sao cho duong thang d thoa min

W

nho nhét cua biéu thicc T =

a) Di qua diém G nam trén (P), G c6 tung d6 bang 9.

b) Song song v&i duong thang di qua hai diém (0;0) va (5;6).

¢) Vuong goéc voi trung tuyeén AD cua tam gidc ABC voi A (1;2), B (3;4), C (5;1).
d) Tao véi hai truc toa do mdt tam giac c6 ty 1¢ cac canh 1a 3:8: J73 .

e) Tao vdi hai truc toa do mdt tam giac c6 dién tich béng 6.

f) Pong quy voi hai duong thang y =7x-2;y =8x—5.

g) Tao v6i hai truc toa d6 mot tam gidc ¢ ban kinh dudng tron ngoai tiép bang /2 .

a) 2x,—x,=5.

b) x'+ax,—2=9a".

¢) x'+x;=8.

d) M va N déu c6 hoanh do nho hon 2.
e) x —x,=5a.

oy 1

x, -3 x2—3_ 4
g2) (x12+ax2—2)(x§+ax]—2)£2a4—1.

h) Biéu thitc N =x7 +(x, +2)(x, +2)+x] c6 gié tri nhd nhat.

i) Biéu thirc P= (xf + 4)(x22 + 9) dat gia tri nho nhat.

1) (3yl—1)(3y2—1)=x1x2+(x1—x2)2+15.

k) i+L>a.
N i

1) Tung d¢ diém nay gap 16 lan tung do diém kia.
1 1 a’+36-2

m) —+—=———-
N 4

Tim toa d6 giao diém cua (P) véi duong cong y = x* +x* —12x+16.
Xét hai diém E va F ¢6 hoanh d6 1an lugt 13 u va v déu thudc doan [1;2]. Tim gia tri 16n nhét, gia tri

u+v
Y —uv+ye

Tim a dé parabol (P) cit duong thing d tai mot diém ¢ hoanh do bang 4.

Chung minh parabol (P) va duong thang d luon co6 hai giao di€ém phan bi¢t nam ve hai phia cua truc
tung v&i1 moi gia tri cia a.
Chirng minh rang parabol (P) va duong thang d ludén c6 giao diém vé1 hoanh do x,nao d6 thoa man
bét dang thitc |x,[> V2 .

Tim gi4 trj ctia a dé parabol (P) va d cét nhau tai hai diém M va N v6i M (x;3,),N(x,;,)sao cho

Tim toa d6 cac diém H, K 1an luot thudc parabol (P) va duong thfmg y=x-9sao cho dj dai doan
thang HK 13 ngan nhat.
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Bai toan 70. Chuyén thé, mé rong va phat trién cau 11; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thirc; S& Gido duc va PBao tao Tinh Lam Pong; Nam hoc 2012 — 2013; Khoa ngay 26.06.2012.
Trong mit phing véi hé toa do Oxy, cho parabol (P): y = x* va dudng thang d:y =2(m—2)x+3m* -2, v&i
Ola géc toa do, m 1a tham sd thuc.
1. V& parabol (P) va QUGng thang d trén cung m(f)} hé truc toa do khi m=1.
2. Tim toa d giao diém cua parabol va duong thang khi m=2.
3. Tim gia tri cua tham s6 m d€ duong thang d thoa man
a) biquadiém (1;-1). .
b) Song song voi du:(‘mg phan giac g(’)c phan tu tha I'V.
¢) Tao véi duong thang di qua hai diém (4;2), (7;3) mot goc a =90°.
d) Cit truc tung tai diém co tung d6 16n hon 1.
e) Cit tryc tung tai diém K, K nam trén doan thang OH v&i H (0;10).
f) Tao véi duong thang x = 6+/2 mot goc a =45
g) Tao véi dudng thang y =73 mot goc S =60".
h) Cat dudng thang y = x+26 tai diém J (x;y) sao cho biéu thirc O = (x+ y)2 —224x+4xy +1dat
gid tri nho nhat. q
4. Chung minh rang parabol (P) va duong thang d luén c6 hai diém chung phan biét vai moi gia tri m.
5. Tim gia tri caa m dé parabol (P) va d cat nhau tai hai diém M va N véi M (x33,),N(x,;¥,)sa0 cho
a) x, +x,=5xx,-10.
b) x,—x,=2m+1.
¢) x —x =5(m-2).
d) M va N nam trén nhanh phai cua (P).
e) 1 + L 2.
XX
1 1
—+ =
x+3 x,+3

f)
g) M va N nam bén phai dudng thang x=1.

h) x(2-x,)+x,(2-x)=-2.

i) Biéu thitc S =x+x? —3x,x,dat gia tri nho nhat.

X +2(m—2)x2—3m2+2:4(m—2)4.

k) \Jx;+2(m=2)x,-3m* +2 =3m-7].
1) y+y,=5xx,—6x —6x,+8.
m) Biéu thitc 7 =.[y, +y, —8(x, +x,)+10m? +40 dat gia tri nhd nhat.
6. Tim toa d6 diém 4 (x;) trén parabol (P) thoa man V2x—1+ y—3x+1=0.
7. Chimg minh parabol (P) va dudng cong y =x" —x° +7x—6chi c6 duy nhat mot diém chung.

7 _ y+2x—1

8. Tim toa do diém B (x;p) trén parabol (P) sao cho biéu thirc dat gia tri lon nhat, gia tri

y—2x+3
nho nhat (néu co).
9. Xét hai diém C (4;0), D (6;4), im toa d6 diém E trén parabol (P) sao cho tam giac CDE can tai E.
10. Xét diém U (6;3), tim toa do diém ¥ thudc parabol (P) sao cho d6 dai doan thang UV nhan gi4 tri
nho nhat. Tim gié tri nho nhat do.
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Bai toan 71. Chuyén thé, mo rdng va phat trién cau 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thtrc; S& Gido duc va Pao tao Tinh Kién Giang; Nam hoc 2014 — 2015.
Trong mit phing véi hé toa d6 Oxy, cho parabol (P):y=x"vadudng thang d:y =4x—4m-3, trong d6 O
la géc toa d9, m 1a tham sb thuc.
1. Tim gié tri cua tham s6 m sao cho duong thing d thoa man
a) Cit truc hoanh tai diém c6 hoanh dd 1én hon 2.
b) Cit truc tung tai diém c6 tung do thudc khoang (2;5).
¢) Song song v&i dudong thang y=4x—2m—5.

d) Vuéng goc v6i duong thang y = —ix +7.
m

Lo A ey aem 3 9
e) Tao véi hai tryuc toa do mot tam giac co6 dién tich bang 6

f) Cat duong thang y =3x+5tai mot diém nam trén duong phan gidc goc phan tu thir IV.
g) Tao vdi hai truc toa do mdt tam giac cé ban kinh duong tron ngoai tiép R= %

h) Cit dudng thang y = x +3tai diém R (x;) sao cho biéu thirc S = x> +2)* +3xy+4x+5y +6dat

gia tri nho nhat. ) 9 , i w
2. Tim m d¢€ parabol (P) cat dudong thang d tai di€ém c6 hoanh do bang 2. Tim toa dd giao diém thur hai.
3. Gia su (P) cat duong thang d tai diém X c6 hoanh d¢ bang 3 va cat truc hoanh tai di€ém Y. Tim dg
dai doan thang X7Y.

4. Tim gi4 tri cta m dé parabol (P) va d cit nhau tai hai diém M va N v6i M (x,;y,), N(x,;,)sao cho

a) xl2 +x§ — XX, :4(xl +x2).

b) x,—x,=6.

o 11 2
XX, 3

o 1 1.2
3x,+5 3x,+5 7

e) x —x,=-2.

f) x +x +4x =2x,.

g) X/ +4x, +4dm+3=9m>.

h) Biéu thirc x? +x?c6 gid tri 12 9.

) y+y+yy,=9xnx,—5(x +x,)+12.

. 1 1 2m -5

e e

YooY, (4m+3)

k) (6y,—1)(6y,—1)=4y,y, +5x, +5x,.
5. Tim toa do diém H (x;y) trén parabol (P) thoa man ding thirc 4y—2x+1= 3xy/2x—1.
6. Tim toa do hai diém D, E thudc parabol (P) sao cho D va E dbi xtmg v6i nhau qua diém F (4;17).
7. Tim toa do diém K (x;y) thudc parabol (P) sao cho biéu thirc T = (x2 —2x+ 3)( Y =2y + 6)dat gia tri

nhoé nht.
8. Tim toa d6 diém K (x;) nam trén parabol (P) sao cho biéu thirc S = y —6+/6x +23dat gia tri nho
nhét.

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN NGQC HOI; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC HAI PON GIAN (PARABOLA THCS) 67

Bai toan 72. Chuyén thé, mé rong va phat trién cau 3; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thtrc; S& Gido duc va PBao tao Tinh Ngh¢ An; Nam hoc 2012 — 2013; Khoa ngay 24.06.2012.
Trong mit phang véi h¢ toa dd Oxy, cho parabol (P):y = x*va dudng thing d:y =2(m~1)x—m’ +6, trong
d6 O 1a gdc toa do, m 1a tham sd thuc.
1. V& parabol (P) va duong thang d trén cting mot hé truc toa do véi m =3.
2. Tim gié tri cta tham s6 m va n dé dudng thang d thoa man
a) Dl’ qua diém ( 1;4). , .
b) Cat duong thing y = x+4 tai diém co6 tung do bang 6.
¢) Song song v6i dudng thang y =3mx—n.
d) Vudng goc v4i duong phan gidc goc phan tu thir IV.
e) Tao véi dudng thing y =2 ++/3 mot goc o =45".
f) Cit truc tung tai diém 4,4 nim trong doan thang OB vo1 B (0:5).
3. Chung minh parabol (P) luon cat duong thang d tai hai di€ém phan biét vdi moi gia tri cua m.
4. Tim gia tri cia m d€ parabol (P) va d cit nhau tai hai diém M va N véi M (x;,),N(x,;»,)sao cho
a) Mot trong hai diém c6 hoanh d6 bang 3.
b) x'+x;=16.
¢) Mot trong hai diém c6 hoanh do bang 2m.
d 1 6
2x, -3 2x,-3 11
e) M va N déu nam trén nhanh phai cua (P).
) x—x,=2m+6.
g) x, >x,>4.
h) x}+2(m-1)x,+m* =15.
i) Biéu thitc K = x” + x> nhan gia tri nho nhat.
j) \/xf +2(m=1)x,+m* =3m-1].
k) [x)+2(m=1)x+m’-6](m-1)<24.

) »+y,=4xx,+x+x,.

m) x,y, +x,y, +10(m—-1)=0.

2 2

5. Tim toa do giao diém cuia parabol (P) va dudng elippse (E): %+% =1.
6. Diém (x;y) duoc goi 1a diém nguyén khi x va y déu la cac sb nguyén. Tim tat ca cac gia tri nguyén
ctia tham sb dé cac giao diém ciia parabol (P) va duong thang d déu 1a diém nguyén.

7. Tim toa d6 diém P (x;y) trén parabol (P) thoa man dang thitc x° + y+5x+1= 2(x+3)v2x-1.

y—(x—4y)

8. Tim toa do diém O (x;y) trén parabol (P) sao cho biéu thirc f (x;9)=
y(1+4 y)

dat gia tri nhé

nhat, gla tri 16n nhat (néu co).
9. Tim tat ca cac gia tri ciia tham s n dé parabol (P) cit duong thang y = x+2ntai diém T (x;y) sao
oyt 4x\/2 +3
I+y
10. Tim toa do diém R thudc parabol (P) va diém S thudc duong thrfmg A:y=3x-10sao cho do dai
doan thang RS ngan nhat.

cho biéu thirc nhan gia tri 16n nhat, gia tri nho nhat (néu co).
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Bai todn 73. Chuyén thé, mé rong va phat trién bai 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thtrc; S& Gido duc va PBao tao Tinh Pht Tho; Nam hoc 2012 — 2013; Khoéa ngay 26.06.2012.
Trong mit phing v&i hé toa dd Oxy, cho parabol (P):y=x"va duong thang d:y= 2(m—3)x+1, trong d6

O 1a gdc toa do, m 1a tham sd thuc.

1.

2.

hd

V& parabol (P) va duong thang d trén cing mot hé tryc toa do voi m=1.
Tim gia tri cta tham sd m va n dé duong thang d thoa min
a) Di qua diém (-4;2).
b) Cit tia Ox.
¢) Cit dudng phan gidc goc phan tu thir I1I tai diém co6 tung do bang 4.
d) Song song v&i dudng thang di qua hai diém (3;1) va (- 5;7).
e) Vuodng goc v6i duong thing 2x—5y+4=0.

f) Tao vdi hai truc toa do mot tam gidc c6 ty 1€ cac canh 1a 2:3: J13.

A ay A (s 1
g) Tiép xtc voi duong tron tdm O, ban kinh R = ﬁ :
Tim gia trj ctia tham sé m dé duong thang d cat duong phan giac goc phan tu thir nhat tai diém K
(x;y) sao cho bicu thirc S = x" +(2y ~3)" +4xy dat gi4 tri nho nhat.
Chung minh parabol (P) luon ce“'}t duong théng d tai hai diégm phén biét voi moi gia tri cua m.
Chung minh parabol (P) luén cat duong thang d tai hai di€ém phan bi¢t, trong d6 mot diém c6 hoanh

1
do x,nao do6 thoa man |x,|>—.
0 | 0| \/5

Tim gia trj clia m d¢ parabol (P) va d cét nhau tai hai diém M va N véi M (x;;3,), N (x,;, )sao cho

a) 5(x +x,)>4xx,+6.

b) x/+x;=6.

¢) x +2(m-3)x,-1=9m".

d) 1 +L =5.

XX
e) Do dai doan thang MN ngén nhat.
1 1 12
f)

+ >,
x, -4 x,—-4 31

g) x,—2x,=3.

h) xy, +x, > \/5

i) (2y,+7)(2y,+7)=4xx,-5.

j) Biéu thitc 4= x> —xx, +x’dat gia trj nho nhat. Tinh gia trj nho nhat do.

k) Biéu thitc B =x,y, +x,y, + 4(y,+y,)-»y,nhan gi tri nhd nhit.

D) Jxi+2(m=3)x,~1=7jm=3-11.

7. Tim toa do diém D (x;y) thudc parabol (P) sao cho biéu thitc S =16y —8x+7 dat gia tri nho nhat.
8. Tim toa d¢ diém E (x;p) trén parabol (P) théa man dang thirc xy +(5x - 6)\/4x =0.
9. Piém (x,y) duoc goi 1a diém nguyén khi x va y déu 1a cac sb nguyen Tim tat ca cac gia tri nguyén

ctia tham sb dé cac giao diém cua parabol (P) va duong thing d déu 1a diém nguyén.
2 2

Y

10. Tim toa d6 giao diém ctia parabol (P) va dudng elippse: (E) :x? +—=1.

36
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Bai toan 74. Chuyén thé, mé rong va phat trién bai 5.a; Dé thi chon hoc sinh giéi 1ép 9 THCS; Mén Toan;
D¢ thi chinh thirc; S& Gido duc va Bao tao Thanh phoé H6 Chi Minh; Nam hoc 2003 — 2004.
Trong mit phing véi h¢ toa dd Oxy, cho parabol (P):y=2x?va dudng thang d:y=-2mx—m*+2, trong

doOla géc toa do, m 1a tham sd thuc.

V& parabol (P) va duong thang d trén ciing mot mit phang khi m =1.
2. Tim toa d6 giao diém cua parabol (P) va duong thang d khi m =0.

3. Tim gia tri cua m va n dé dudng thing d thda man

1.

a)
b)
c)
d)
e)
f)
g)

Pi qua diém (1;- 1).

Song song voi duong thang 2x—3y ++/5=0.

Vuong gb6c voi duong phan giac goc phan tu thi I11.

Cit tryc tung tai diém c6 tung d6 nho hon 1.

Tao véi hai truc toa do0 mdt tam giac c6 ty 1¢ cac canh 1a 2:9: V85 .

Tao voi duong thing y =+/2017 +~/2016 mot goc a =60°.

Cit dudng thing y = x +4 tai diém F (x;y) sao cho biéu thirc x* +2y* + xy dat gia tri nho nhat.

4. Trong trudng hop parabol (P) va d cit nhau tai hai diém M va N véi M (x;33,), N (x,57,).

9.

a)
b)

©)
d)

e)

f)
g)
h)
)
J)
k)
)

Tim m d& mot trong hai diém c6 hoanh d6 bang 2.
Tim m d¢€ it nhat mot trong hai giao diém nam trén nhanh phai (P).
Tim h¢ thtrc lién h¢ gitra hai hoanh d6 ddc lap véi m.
Vi gid tri ndo cta m thi hai giao diém déu c6 hoanh do 16n hon 4.
X 1 1
Tim m sao cho —+—=3.
X X
Tim gia tri m sao cho x, +x, —4x,x, =1.
Tim m sao cho x? +x2 +(x, —x,) =5.

Tim gia tri chia m sao cho 2x7 —2mx, +m* -2 =m".

Vi gié tri ndo cua m thi \/fo —2mx, +m* =2 =[3m—1|.
Tim gié tri 16n nhét cta biéu thirc 4 =|2xx, +x, +x,—4|.
Tim m dé y, + y, +(x, —x2)2 =2xx,-10.

Tim gia tri 16n nhat va gia tri nho nhat ctia biéu thic B = x} +x; —6x,x, .

Viét phuong trinh dudng thang di qua gdc toa d6 O va cat parabol theo mot ddy cung c6 do dai
bang /5.

Diém (x;y) dugc goi 1a diém nguyén khi x va y déu 1a cac s6 nguyén. Tim tit ca cac gia tri nguyén
cua tham so0 dé cac giao diém cua parabol (P) va duong thang d déu la diém nguyén.

Tim toa d6 diém K (x;) trén parabol (P) thoa min diéu kién 9x +% y+20<243x+10 .

Viét phuong trinh dudng thang di qua diém G (2;10) va cit parabol (P) theo day cung DE sao cho
doan thang DE nhan G lam trung diém.

Tim toa d6 diém H (x;y) trén parabol (P) thoa man diéu kién | /% y+12+5=3x+/x" +5.

10. Tinh khoang cach ngén nhét giira parabol (P) va dudng thing y=-x-5.
11.Xét hai diém 4 (4;0), B (10;2). Tim toa do diém C trén parabol (P) sao cho tam gidc ABC can tai C.

12. Tim diém T (x;y) trén nhanh phai parabol (P) sao cho biéu thirc § =x+, /5+ dat gi4 tri nho nhat.
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Bai todn 75. Chuyén thé, mé rong va phat trién bai 3; D& thi chon hoc sinh giéi 16p 9 THCS; Mén Toan;
beé thi chinh thire; Phong Gido duc va Pao tao Thi xa Ha Pong; Tinh Ha Tay; 2003 — 2004.
Trong mit phing véi hé toa d6 Oxy, cho parabol (P):y=x"vadudng thing d: y = 2(m—=1)x-2m" +3m-1,
trong do O la géc toa do, m 1a tham sd thue.

1. V& parabol (P).

2. Trong truong hgp m :% :

a) Tinh goc tao bai duong thang d v6i chiéu duong tryc tung.
b) Tim toa d6 cac giao diém 4, B cua duong thing d véi parabol (P).
¢) Tim toa d6 diém C trén dudng thang y =3x—8sao cho ba diém 4, B, C thang hang.
3. Tim gia tri cua m va n dé dudng thing d thoa man diéu kién
a) Piqua diém (1;- 1).
b) Song song v&i duong thang y=3x-2.
¢) Song song v6i dudng thang 2x—3y+n=4.
d) Vuéng goc v6i duong phan giac goc phan tu thir 1L
e) Cit truc tung tai diém c6 tung d6 16n hon — 1.
f) Vuoéng goc v6i duong thang di qua hai diém (1;4) va (2;7).
g) Cit truc hoanh tai diém c6 hoanh d6 nho hon 3.
h) Tao v6i hai truc toa d0 mot tam giac co ty 1€ cac canh la 1:3: J10.
4. Chirng minh rang parabol (P) va duong thang d c6 diém chung khi 0<m<1.
5. Trong truong hop parabol (P) va d cét nhau tai hai diém M va N v6i M (x;3,),N(x,;0,).
a) Tim m dé mot trong hai diém c6 hoanh d6 bang 2.
b) Tim m dé M va N nam khac phia déi véi truc tung.
c¢) Ching minh [x, +x, +x.x,| s% :

d) Tim m dé M va N déu nam trén nhéanh trai cua (P).
e) Tim gia tri cia m sao cho x, +x, +3xx, =5.
f) Timm dé x +2(m=1)x,+2m* =3m+1=m".
g) Timm déi+i :ﬁ.
X x, 2m -3m+1
h) Tim gia tri 16n nhat va gi4 tri nho nhat ctia biéu thire P = x> + x> —x,x, .
i)  Tim gia tri cia m dé y, +y, +19=9xx, +x, (3-x,)+x,(3—-x).
6. Tim toa d6 diém P(xy:%,) nam trén parabol (P), trong d6 x,1a s6 nho nhét trong cac s6 x théa min
xb+bc+cx=1
{xz +b*+c* =2
7. Tim tat ca cac diém Q (x;p) trén parabol (P) sao cho (x+ 4)2 —64Jxy+3x=13.
8. Tim toa dg hai diém‘ U, V nam trén parabol (P) sao cho U va I{déi xtng v6i nhau qua diém R (1;5).
9. Xét hai diém D, E nam trén parabol (P), D va E c6 hoanh d¢ lan luot 1a — 2 va 4. Tim toa d0 diem F
thudc truc hoanh sao cho tam giac DEF can tai F.
10. Tim toa do diém G (x;p) trén parabol (P) sao cho bicu thitc T'=2./y+1+./8y —36x+49 dat gié tri
nho nhat.
11.Tim toa do diém S (x;y) trén parabol (P) thoa méin dang thirc y* +12 =8x+/2.
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Bai toan 76. Chuyén thé, mo rong va phat trién bai 4 ; D& thi tuyén sinh 16p 10 THPT ; Mon Toan; Dé thi
chinh thtrc; S& Gido duc va PBao tao Tinh Khanh Hoa; Nam hoc 2003 — 2004; Khoa ngay 09.07.2004.
Trong mit phang véi toa do Oxy, cho parabol (P): y=2x*va dudng thang d:y=-2(m+1)x—m? —4m-3,

trong do O la géc toa do, m 1a tham sd thuc véi m 1a tham sb thuec.
1. V& parabol (P).
2. Tim toa d6 giao diém cia parabol (P) va dudng thang dkhi m=
3. Tim tit ca cac gia tri cua tham s6 m sao cho duong thang d thoa man

bi qua diém (1;- 12).

Cat tryc tung tai di€m co6 tung d¢ duong.

Song song véi duong thang 4y =6x-10.

Vudng goc v6i duong thang 4x+y-2=0.

Tao v6i duong thing y = 2+/3 +3v2 modt goc a = 60" .

Tao véi hai truc toa do mdt tam giac cé ty I¢ cac canh goc vuong la 2:5: J29.

Cit duong thang y = x—18tai diém Z (x;y) sao cho biéu thirc H =+/3—x +~/x—1 dat gié tri 16n
nhit.

4. Tim m dé parabol (P) va duong thing d cit nhau tai diém c6 hoanh d6 bang 2.
5. Khi parabol (P) cdt dudng thing d tai hai diém M va N v6i M (x;;3,),N(x,;,):

a)
b)
c)
d)
e)
f)

g)
h)
i)
J)
k)
1)

Tim m dé x, +x, = 4x,x, 1.
Tim m dé hai giao diém déu c6 hoanh d6 duong.
Tim m d& 2x} =2(m+1)x, +4m+3=3m’.

Vi gid tri ndo clia m thi \2x7 —2(m+1)x, +m* +4m+3 =|l—m| ?
Timm dé x, >2>x,.

Tim m sao cho i+L:—g.
X X, 3

Tim tat ca cc gid tri m sao cho x7 +x2 =5x,x, +6(x, +x,)—4.

Tinh gia tri 10n nhét va gia tri nho nhét ciia biéu thie K = 3(x, +x,)+10.

Tim gia trj 16n nhét va gia tri nho nhat ctia biéu thire 4=x +x2 +7(x, +x,)—10x,x, .
Tinh gié tri 16n nhét va gia tri nhé nhat ciia bieu thire T =|x, +x, +5m|.

Tim gia trj tham s6 m sao cho y, +y, =3xx, +4(x +x,)-5.

Xéc dinh tham s6 m dé x,y, +x,3, =7(m+1)’.

6. Tim toa do diém Y (x;y) trén parabol (P) c6 hoanh d6 x = i/20+14\/§ +3/20—14\/§ :

12. Tim toa d0 tat ca cac diém G (x;y) trén parabol (P) sao cho biéu thiuc T =

X —6x+y+14

dat gia tri
y+5

nho nhat, gia tri 16n nhat (néu co).

7. Xét diém X (x;y) thudc parabol (P) c6 hoanh d6 x=1+——

Chtng minh rang

TR T

tung d y ctia X nam trong khoang (648;722).

8. Tim tat ca cac diém 4 (x;y) thudc parabol (P) thda man bat ding thiuc 4x—1+ \/2 y—1<1.

9. Xét hai diém U, ¥ nam ‘Erén parabol ,(P) c6 hoanh d¢ tuong tng 1a — 3 va 5. Tim toa do diém T trén
duong phan giac goc phan tu thtr nhat sao cho tam gidc UVT can tai 7.
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Bai todn 77. M6 rng va phat trién cau 2; D& thi tuyén sinh 16p 10 THPT; Mon Toéan (Danh cho tat ca céc
thi sinh du thi); B¢ thi qhinh thirc; Truong Trung hoc thuc hanh; Pai hoc Su pham Thanh pho H6 Chi
Minh; Quan 5; Thanh pho H6 Chi Minh; Nam hoc 2015 —2016.

Trong mit phang véi toa 4o Oxy, cho parabol (P):y= ixz va duong thang D: y =%x+m2, trong do O 1a

géc toa do, m 1a tham sd thuc v6i m 1a tham sé thuc.
1. Vg€ parabol (P).
2. Cho M (1;m) va N (2;n). Tim m va n d& M thudc (P) va N thudc (D).
3. Cho m=+/2. V& (P) va (D) trén cung mdt hé truc toa do va tim toa do giao diém cua chung béng
phép toan.
4. Véi gia tri ndo cua m thi dudng thang (D) thoa mén
a) Song song v6i dudng thang y = %x -3m.

b) Cit tryc tung tai diém c6 tung d6 16n hon 100. .
c) Tao vo1 hai truc toa do mot tam gidc c6 dién tich bang 32.
d) Cat doan thang OP v6i P (0;4). ) 9 )
5. Ching minh rang v6i moi gia tri cua tham s6 m, parabol (P) va duong thang (D) ludn cat nhau tai
hqi diém phan biét. i i
6. DO thi parabol (P) bao gom nhéanh trai va nhanh phai. Goi hai giao diém phan biét cua parabol (P)
voi dudng thang (D) 1a A(x;3,),B(x,30,).
a) Chung minh 4 va B thudc hai nhanh khéac nhau cua (P). ’
b) Gia st B thudc nhanh phai cua (P), so sanh cac khoang cach tir 4 va B dén truc tung.
7. Tim m dé (P) va (D) cét nhau tai hai diém phan biét 4(x,;,),B(x,;,)sao cho
a) Mot trong hai diém 4, B c6 hoanh d6 bang 3.
b) x +x,—5xx, =(x —x,) +1.
R N 3
x+4 x,+4 15
d) x' +3x -x,=39.
e) x'+x;=82.
oL, L 14
x+2 3x,+4 13
g) \/xl - X, +\/x2 +2=3.
h) x7+2x,—4m’ =4m*.

) y-y=2.

. 3
Doy ta o =9.
k) Biéu thirc S =y, + y, +4x,x, —mdat gid tri nh6 nhét.
I) Biéu thitc T =[x, —x,|(m” +3)dat gi4 tri nh6 nhat.
8. Tim toa do diém M (x;») thude parabol (P) sao cho diém M cach déu hai truc toa do.
9. Xét hai diém C, D thudc parabol (P) CQ hoanh d¢ tuwong ung la — a va b, a va b 1a cac so thuc
duong. Tim h¢ thirc lién h¢ gitra g va b dé tam giac COD vudng tai O. w
10. X¢ét hai diém H, K thudc parabol (P) c6 hoanh dd lan luot 1a — 2 va 8. Tim toa dd diém 7 thudc truc
tung sao cho HTKO la tu giac ndi tiep.
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Bai toan 78. Trong mit phang véi hé toa do Oxy, O 1a gbc toa do cho parabol (P): y=x*va dudng thing

d:y=
1.

b

(2m—1)x—m’ +m+6, trong d6 m 1a tham s6 thuc.
V¢ parabol (P).
Tim toa do giao diém cua parabol (P) va dudng thang d khi m=2.
Véi gia tri nao cuia m thi (P) cat d tai gbc toa d6 ? Tim giao diém thir hai.
Tim gia tri cua tham sd m va n dé duong thang d thoa min
a) Di qua diém (1;7).
b) Song song v&i duong phan gidc ctia goc phan tu thi IV.
¢) Vudng goc v6i duong thang 3x—4y+n—-9=0.
d) Vuéng goc v6i dudng thang di qua hai diém (3;1) va (4;9).
e) Tao voi hai tryc toa d mot tam giac vudng c6 mét goc nhon o =30".
Chu:ng minh rang parabol (P) luon cit duong thang d tai hai diém phan biét V01 moi gia tri m. Tim
moi lién hé gira hai hoanh d6 giao diém, mdi quan hé nay doc 1ap v6i tham s m.

Gia str (P) va (d) cat nhau tai hai diém A(x:,),B(x,;,), chimg minh biéu thic 7 = |x, —x,|co gia
tri khong doi.
Xéc dinh gié tri cia m dé (P) va (d) cat nhau tai hai diém phéan biét 4(x;,),B(x,;»,)sao cho
a) x, +2x,=5m+6.
b) (2x,-1)(2x,-3)=9.
¢) Hoanh d6 diém nay gip rudi hoanh do diém kia.
d) ‘xf —x§‘=35.
e) A va B déu co hoanh d6 nho hon 3.
f) x'-3x) =9x, —2x,x, +10x, +1.
g) —5<x<x,<5.
h) 2<x <x,-3<5-2m.
1) \/xf +(2m=1)x,+m* —m—6 =|4m-3|.
D »n=3=Tx.
o L2 N

+ > .
X x, m -m-—6

1) Biéu thitc §=2(y +y,)+4xx, —%xl dat gia tri nho nhat.

m) Bicu thire K = |} —x;| dat gid tri nho nhit.

C6 bao nhiéu diém O (x;y) ndm trén parabol (P) théa man dang thirc sau
x(3y+1):(9x—5) 3x-2 7

Tim toa d§ tat ca cac c:Iiém M (x;y) (M khac gbc toa do) nam trén parabol (P) sao cho khoang cach
tor M dén truc hoanh gap do6i khoang céach tir M dén truc tung.
Tim tt ca cac diém N (x;p) trén parabol (P) sao cho biéu thitc Z =y —10x+74 — [y +2x+2 dat gia
tri 16n nhét.
Xét hai diém C, D ndm trén (P); C va D ¢6 hoanh d¢ twong (mg 1a —a va b, a va b 1a céc s thuc
duong. Tim h¢ thire lién hé gitra a va b dé tam giac COD vudng tai O. ) 7
Xét hai diém H, K nam trén (P) c¢6 hoanh d¢ tuong 1’g:ng la—4va0,25. Tim toa d0 tat ca cac diém T’
trén truc tung sao cho tu giac OHTK la tur giac ndi tiep.
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Bai todn 79. Trong mit phang véi hé toa dd Oxy, O la goc toa do cho parabol (P):y = x’va dudng thing

d:y=2(m—-1)x+m+3, voi m 1a tham s6 thuc.

V¢ parabol (P).

Khi m =-3, tim toa d¢ hai giao diém cua parabol (P) vo1i duong thang d. Tinh khoang cach gitra hai
diem do.

Tim gia tri cua tham s6 m dé duong thang d thoa man

l.
2.

a)
b)
9)
d)
€)
f)
g)

Di qua diém X, X thudc (P) va c¢6 hoanh d6 bang 3.

Vuédng goc voi duong thang di qua hai diém (4;2) va (- 5;1).

Song song v&i truc hoanh.

Cit dudng phan gidc goc phan tu th 111 tai diém co tung d6 bang 4.

Cit doan thang OY véi Y (0;7).

Tao véi hai truc toa d6 mdt tam giac vuong c6 goc a =30°.

Cit dudng thing y =3x-2tai Z (x;y) thoa mén biéu thirc K = 6xy+ x+ y dat gia tri nho nhét.

Chtng minh rang parabol (P) ludn cit duong thang d tai hai diém phan biét voi moi gia tri m.
Xac dinh gia tri cua m dé (P) va (d) cat nhau tai hai diém phan biét 4(x;y,),B(x,;y,)sao cho

a)
b)

c)
d)

e)
f)

g)
h)
i)
J)
k)
1)

Mot trong hai diém c6 hoanh d6 bang 3.
X, +x,=5xx, +10m-3.

Hai nghiém cung am.

5(x12 +x22)—2x1x2 =6.

2x,+3x,=9.

Hai diém déu c6 hoanh do nhé hon 3.

1 1

x +4 ’ x,+4

X7 +x; >10.

m—1

x12+2(m—1)x2—m—3= 5

X)X +xx, =—4.
Tung d6 diém nay gap 9 lan tung do diém kia.
Biéu thuc S =6(y, +y,)—5xx, +x +x,dat gia tri nho nhat.

m) (3y,+1)(3y, +1)=x (1-2x7 )+ x5 (1-3x7).

n)

Biéu thic T = \/xf +2(m—1)x, —m -3 +[2m—9| dat gia tri nhé nhat.

6. Co bao nhiéu diém O (x;y) nam trén parabol (P) thdéa man déng thic x(6+y)=(2x+5)v2x-1.

a)
b)

c)

Tim toa do tat ca cac dlem M (x;y) (M khac gdc toa d0) nam trén parabol (P) sao cho khoang cach
tir M dén tryc hoanh gap 5 1an khoang cach tir M dén truc tung.
Xét hai diém H, K nam trén (P) c6 hoanh do twong g 1a — 8 va 0,125.

Chung minh tam giac /KO vudng.
Tim tam duorng tron ngoal tlep tam giac HKO.
Tim toa do tat ca cac diém 7 trén truc tung sao cho tir gidc OHTK 1a tir giac ndi tiép.

9. Tim tat ca cac diém P (x;y) trén parabol (P) thoa man 2— y=+/2—x.
10.Piém C (x;y) duoc goi 1a diém nguyén néu x va y déu 1a cic sd nguyén. Tim tt ca cac diém nguyén

(x;y) trén parabol (P) thoa mén bat dang thirc yol=2vmy <1.

1-x
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Bai toan 80. Trong mit phang véi hé toa do Oxy, O 1a gbc toa do cho parabol (P): y=x*va dudng thing

d:y=2(m+1)x—4m v&im 1a tham sd thyc.
1. V& parabol (P).
2. Tim gié tri cua tham s6 m sao cho dudng thing d thda man
a) Di qua diém Z thudc (P), Z c6 hoanh d6 bing 5.
b) Vuong goc véi duong phan giac goc phan tu thir IL
¢) Song song voi doan thang XY v&i X (1;3), ¥ (- 5;2).
d) Cit truc tung tai diém c6 tung d6 thudc doan [2;9].

e) Tao vdi hai truc toa do mdt tam giac c6 dién tich ba'mg %

f) Cat duong thing y =4x—3tai diém T (x;y) sao cho ba diém T, U (4;2), V' (7;3) tao thanh ba

diém thiang hang.
g) Tao vdi hai truc toa do mdt tam giac cé ty I¢ cac canh 1a 2:5: J29 .
3. Tim toa do giao diém cta (P) va d khi m=-3.
4. Bién luan theo tham s m giao diém ctia parabol (P) va dudng thang d.

5. Xac dinh gia tri cua tham s m d€ (P) va (d) cit nhau tai hai diém A4(x,;,),B(x,;,)sao cho

a) Mot trong hai diém c6 hoanh d6 bang m—1.

b) x +x; +(x +x,)xx, =4.

¢) Hai giao diém nam khac phia d6i véi truc tung.
d) (x —2x,)(x,—2x)<6.

e) A va B déu co hoanh d6 16n hon 1.

f) x<5<x,.

g) 4()(12 +)€22)—3(x1 +x,)+(x, —x2)2 =66.

h) ‘xf +x§‘=16.

i) Jx +x =242,

j) Tung d6 diém nay gap 25 1an tung do diém kia.
k) Liog =2
X

1) \/le—xz +\/x2—3 =1.

m) Biéu thitc S = y, +2y, +3x, +4x, + 5 dat gia tri nho nhat.

n) (2y,+1)(3y, +1)=4xx, +5x,y,.
0) Biéu thitc Q=10+ x,x, —2x> —3x>dat gi4 tri 16n nhat,

p) Biéu thirc T=i+i—(i+ij+5dat gié trj nho nhit.
Yoo 2 XX

6. Tim gié tri nguyén cia m dé parabol (P) cdt duong thang d tai hai diém 4(x;,),B(x,;,)sao cho

biéu thirc P = 1 + inhém gia tri nguyén.
X

7. Tim hai diém M, N nam trén parabol (P) sao cho M va N d6i xtng véi nhau qua diém O (-1;10).
8. Tim toa do cac diém D (x;) trén parabol (P) thda man bat dang thic V1—x ++/1+x + \/1 -y >3,
9. Tim toa d¢ tat ca cac diém E (x;) trén parabol (P) sao cho (x+2)y/y+1+(x=2)x+y+l=x
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Bai toan 81. Trong mit phang véi hé toa do Oxy, O 1a gbc toa do cho parabol (P): y=x*va dudng thing
d:y=-2(m+2)x+4m+12v6i m 1a tham sd thyc.
1. V& parabol (P) va dudng thang d trén cung mot hé truc toa 6 khi m=0.
2. Tim toa d¢ giao diém cua (P) va duong thang dkhi m=5.
3. Tim gia tri cua tham sd m sao cho duong thang d thoa man
a) Di qua diém X, X thudc (P), X c6 hoanh d6 bang — 3.
b) Vuong goc vdi duong thang 3x—-4y+5=0.
¢) Song song v6i dudng thang di qua O va diém Y (4;2).
d) Khoang cach tir gbc toa do O dén duong thing d bang % .
e) Cit doan thang UV vé6i U (1;1), V (3;5).
f) Tao vé&i hai truc toa do mdt tam giac c6 ty I¢ cac canh 1a 3:5: V34 .
4. Tim toa d6 diém Z c6 dinh ma duong thang d lu6n ludn di qua voi moi gia tri cua m, tir do tim m d¢
khoang cach tur gbc toa dd O dén duodng thang d dat gia tri 16n nhat.
5. Chung minh rang véi moi gia trj ciia tham sé m, duong thang d va parabol (P) ludn c6 diém chung.
6. Tim gi4 tri clia m d€ parabol (P) cdt dudng thing d tai hai diém M va N véi M (x;;,), N(x,;»,)thoa
man diéu kién
a) x/+x, +(x —x2)2 =104.

b) |x —x,|=8
c) x,=xi.

d) ‘xf—xg‘:w.
e) 2x =x,+14.

f) M va N nam khac phia doi voi dudng thang x=>5.
g) Tung do diém nay gap 4 lan tung do diém kia.
h) -3<x <x,<4.
i) M va N nam trong khoang giira truc Oy va dudng thing x=4.
j) Biéu thic F =x?+2x’dat gia tri bé nhat.
k) \/)cl2 —-2(m+2)x,—4m—12 = x, +2x,.
1) M va N nam trong khoang giira truc hoanh va duong thang y=9.
m) y,+y, =6y, —x, +156.
n) Biéu thiic S =yy, +xx, +x +y,dat gié tri nho nhat.
7. Tim toa do tat ca cac diém O (x;) (O khac goc toa d6) nam trén parabol (P) sao cho khoang cach tir
M &én truc hoanh bang khoang cach tir Q dén dudng thang x=2.

8. Tim toa do diém C thudc (P) sao cho C cach déu hai diém 4 (4;0), B(—% %j .

9. Tim toa do diém D (x;) thudc parabol (P) thoa min dang thirc xy—4y +5x=2Jx—1.
10. Viét phuong trinh duong thang di qua diém (l;%j va tiép xtic voi parabol (P). Tim toa do tiép diém.

11. Xét hai diém E (1;1), F (3;9). Tim toa d6 diém G thudc (P) sao cho tam giac EFG vudng tai E.
12. Xét ba diém K, I, J trong d6 K (1;1), I va J nam trén (P); I va J c6 hoanh do twong tmg la —a va b, a
va b 1a cac s6 thuc duong. Tim hé thirc lién hé gitta @ va b dé tam giac IJK vudng tai K.
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Bai toan 82. Trong mit phang véi hé toa do Oxy, O 1a gbc toa do cho parabol (P): y=x*va dudng thing
d:y=2(m+1)x—m+4v&i m1a tham sb thyc.
1. V& parabol (P) va dudng thang d trén cting mot hé truc toa do khi m =0.
2. Tim gia tri cua m de parabol (P) va duong thang d cing di qua diém X (1;n), n 14 hing sé thyc.
3. Tim gia tri tham s6 m $ao cho duong thang d thdéa man
a) Di qua diém c6 dinh clia duong thang y=(n-2)x+3n-9%neR.
b) Vuoéng goc véi duong thang 2x—3y+6=0.
¢) Song song v6i dudng thang 10x—y+16=0.
d) Ce“:lt truc tung tai diérr} c6 tung d6 bang 13.
e) Cat truc hoanh tai di€ém c6 hoanh d¢ nhé hon 3.
f) Tao vé&i hai truc toa do mdt tam giac c6 dién tich béng i .

4. Chumg minh parabol (P) ludn cit dudng thing d véi moi gid tri cta m.

Xéc dinh m dé phuong trinh c6 hai nghiém phan biét déu duong.

6. Tim tat ca cac gia tri ctia tham s6 m dé parabol (P) cit dudng thing d tai hai giao diém M va N véi
toa dd M (x,;y,),N(x,;,)théa min diéu kién

hd

a) Mot trong hai giao diém c6 hoanh d6 bang 2.
by Lel-T
x x, 8
¢) M va N déu nam trong goc phan tu thir nhat.
d) x}+x; +4xx, +3(x +x,)<2.
e) Biéu thitc O =3x7 —(x,—x,)’ +3x?nhan gi4 tri nho nhat.
) |x —x2|é2\/ﬁ.
g) It nhat mot trong hai giao diém nam bén phai tryc tung.
h) x,>3>x,.
i) Biu thirc §=|x, —x,|dat gi tri nhd nhat.
j) M va N nam trong khoang hai duong thang x=3;x=5.
k) -y, =4(m*-1).
)y +»,+82<5yy, +x(3-x,)+x,(3-x).
m) (3y,+2)(3y,+2)=6xx,-10.

X, +x;
x(I-x,)+x,(1-x)
7. Viét phuong trinh duong thang di qua diém D (1;9) va cat parabol (P) theo ddy cung EF sao cho do

dai doan thang DF’ gap d61 d¢ dai doan thang DE.
8. Tim toa do tat ca cac diém H (x;y) thudc parabol (P) thoa min dang thic Jx—y +/y—x =x+1.
9. Tim gi tri nguyén ctia tham s6 m dé parabol (P) cit duong thing d tai hai diém c6 hoanh d6 x,, x,

n) Biéu thuc R = dat gia tri nho nhat.

” ~ 2 , X, X
théa man biéu thuc § =—-2
Xl + X2

10. Chirmg minh ring c6 ding hai diém K (x;y) thudc parabol (P) sao cho biéu thirc sau dat gia tri nhod
nhit 7 =/2)> —6x+5y+11+,Jx* +3)> +6x° +2x+4.

nhan gia tri nguyén.
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Bai toan 83. Trong mit phang véi hé toa do Oxy, O la gbc toa do cho parabol (P): y=x*va dudng thing

d:y

W

7.
8.

9.

= 2mx+6m+9véi m 1a tham s thuc.

1.
2.

Tim toa do cua parabol (P) va duong thing d khi m=4.

Tim gia tri cta tham sd m va n dé duong thang d thoa min
a) (P)vad cung di qua diém X ndo d6 c6 hoanh d6 bang 2.
b) Song song v6i duong thing 3x—5y+n=0;neR.
¢) Cit truc tung tai diém co tung do 16n hon 5Sm.

d) Vuéng goc v6i duong thang y = %x +4n-1LneR.

e) Tao véi hai truc toa do rp(f)t tam giac qé dién tich Igéng 56,25.
Tim khoang cach 16n nhat tir goc toa d6 O dén duong thang d.
Xét hai diém 4 (0;4), B (—1; ;0). Tim gia tri cua m dé duong thang d cat truc hoanh tai diém C sao
cho dién tich tam giac OAC gap bdn 1an dién tich tam giac OAB.
Chtng minh rang parabol (P) va duong thing d ludn c6 diém chung véi moi gia tri cta m.
Xéc dinh m dé parabol (P) cit dudng thing d tai hai diém M (x331),N(x,;»,)thoa man

a) x\+x;=13.

b) 4(x +x,)-3xx,=5.

¢) M va N déu c6 tung d6 16n hon 4.

d) ! + ! > 2 .

2x,-3 2x,-3 3

e) 4x,—3x,=3.

f) M va N cing nam trong goc phan tu thir IL.

g) |x1 —x2|+3x1 -x,<4.

h) —4<x <l<x,<5.
) — L i3k 4x =6
X —x,+1
j) Biéuthic K =(x,—x,)" +3xx, dat gia tri nh6 nhét.
k) Do dai doan thang MN bang 8/5 .
1) Biéu thitc F =x?+2x?+3y, +4y, dat gia tri nho nhat.
m) |x,—2|+x, =y +,.
n) x +2mx,—6m-9=y,.
X , I 2 1 2 Y
0) Biéuthuc §=—+—-4| —+— |+5dat gia tri nho nhat.
N N XX

Viét phuong trinh dudng thang di qua diém (1;— 3) va tiép xuc véi parabol (P).
Xét diém E (2;%) , tim toa d6 diém D (x;y) sao cho do¢ dai doan théng DE nhan gia tri nho nhéat.

Tim toa d6 diém F (x;y) thudc parabol (P) thda méan dang thire x(y+1)=(3x+1)v/3x-1.

10. Tim toa d diém G (x;) thudc parabol (P) sao cho biéu thirc 7 =/y—6x+10 +/y—4x+13 nhan gia

tri nho nhét.

11.Gia sir dudng thang y =—4x+5 cit parabol (P) tai hai diém H, K. Tim toa d6 trong tdm J clia tam

giac HKO.
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Bai todn 84. Trong mit phiang véi hé toa dd Oxy cho parabol (P):y=x?va dudng thang A:y =nx—m*+9.
1. Vg€ parabol (P).
2. Tim toa do cac giao diém cua (P) va Atrong truong hop n=2;m=1.
3. Tim gia tri cua m va n dé dudng thang Athéa man diéu kién
a) Song song v&i dudng phan gidc goc phan tu thir nhat.
b) Vudng goc v6i duong thang 3y =2x-7.
c) Cit truc tung tai diém c6 tung do nhé hon — 5.
d) Tao véi hai truc toa o mot tam giac co ty I¢ cac canh 1a 3:8: J73 .
4. Tim h¢ thtc lién h¢ gitra m va n dé duong théng da cho chin trén hai truc toa d6 hai doan théng co
d6 dai bang nhau.
5. Tim diéu kién ctia m va n & Acit tryc tung tai diém c6 tung d6 bang 1 va cit parabol (P) tai diém
¢6 hoanh d6 bang 6.
6. Viét phuong trinh dudng thang song song voi dudng thang y = x+6dong thoi tiép xuc parabol (P).
Tim toa do tiép diém.
7. Trong trudng hop n=2; xac dinh cac gia tri cia m dé (P) va dudng thang A cét nhau tai hai diém
A(x;;,),B(x,;y,)sa0 cho
a) A va B nam vé hai phia cua tryc tung.
b) It nhat mot trong hai diém c6 hoanh d¢ duong.
¢) A va B déu co hoanh d6 16n hon 0,5.
d) x +x,=6xx,+19.
e) x/+x;+5(x +x,)=6xx,+19.
f) x' =x,+8.
1 1
+
x—-4 x,-4
h) y,+y,>10.
8. Xét hai diém P (2;0), O (0;—4). Tim gia tri ciia m dé duong thfmg d da cho cit truc tung tai diém R
sao cho dién tich tam gidc OAR gap 4 lan dién tich tam giac OAQ.
9. Tim toa d6 diém L (x;y) thudc parabol (P) sao cho biéu thirc S = x* —8/2x+10dat gia tri nho nhat.
10. Tim toa d6 diém J (x;y) thudc parabol (P) théa man ding thirc y—4x+6=5x—6.
11. Tim toa d6 cac diém K (x;y) trén parabol (P) c¢6 hoanh do gip hai 1an tung do.
12. Tim toa d¢ cac diém T (x;y) trén parabol (P) sao cho khoang cach tir T dén truc hoanh gip 4 lan
khoang cach tir 7 dén truc tung.
13. Tim gia tri cua k dé parabol (P) cat duong thfmg y =x+ktai hai diém M, N va cit truc hoanh tai
diém T thoa man dong thoi cac diéu kién
e M c6 hoanh d6 nho hon.
e Tam gidc MOT c6 dién tich bang k.
Bai toan 85. Trong mit phang voi hé toa do Oxy cho parabol (P):y = x* va dudng thing A:y = mx +n.
1. V& parbol (P).
2. Tim toa d6 giao diém cua (P) véi Atrong truong hop m=4;n=-3.
3. Tim diéu kién ctia m va n sao cho duong thing A théa min diéu kién
a) Co hé sb goc 16n hon 10.

=-2.

g)

b) Song song v&i dudng thang y = %x +4m-9.
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¢) Di qua hai diém (4;2) va (- 5;1).
d) Vuong goc v6i dudng phan giac goc phan tu thir IV.
e) Cit tryc tung tai diém c6 tung d6 nhé hon 31> —2.
f) Tao voi chidu duong truc tung mot goc a = 60" .
4. Trong truong hop n=0
a) Tim m dé (P) va A cit nhau tai diém c6 tung d6 bang 9.
b) Tim m dé (P) va A cit nhau tai hai diém c6 hoanh d6 nho hon 3.
¢) Tim m dé (P) va A cét nhau tai hai diém ma khoang cach giira hai diém nay bang /6 .
Vi n=1-m. Tim m dé (P)va Acit nhau tai hai diém C, D sao cho CD=4/3.
V&i m+n=2. Hiy tim khoang cach 16n nhat tir diém M (6;1) dén duong thang A.
Tim toa do diém 4 (x;y) thudc parabol (P) sao cho /5y —6x—4 =2x-2.
Tim toa do diém B (x;y) thudc parabol (P) sao cho khoang cach tir B dén truc tung gip 5 lan khoang
cach tir B dén truc hoanh.

®© =W

3x+3 <. x+1

\/_ - \/ y=x+1 '

10. Xét hai diém E (3;1), F (1;0). Tim toa d6 diém G thudc parabol (P) sao cho tam giac EFG 13 tam
giac vudng tai G.q ) 7 q

11.Gia st duong thang y =6x—5cat parabol (P) tai hai diem U, V. Tim toa do diém E sao cho E la
chan duong phan giac OT cua tam giac OUYV.

9. Tim toa do diém L (x;y) thudc parabol (P) sao cho biéu thirc

12.Xét diém K (3 17) Tim toa do diém H (x;y) thudc (P) sao cho do dai doan thang HK dat gia tri nho

nhat. Tim gia tri nho nhat do.
13. Tim tat ca cac diém J (x;) thude (P) théa man dang thirc y* +3(3x—2)" =4(3y —2x)3x-2.
Bai toan 86. Trong mit phing voi hé truc toa dd Oxy, O 13 gdc toa dd, cho parabol (P):y=—-4x’va duong
thang d : y =—2mx+m—1; m 1a tham s thuc.
1. Tim gié tri cua tham sb m dé duong thang d thoa min

a) Cungvoi (P) di qua diém c6 hoanh d6 bang 1.
b) Cit duong thang /:2x—y+1=0tai mot diém thudc truc tung.
¢) Song song v6i dudng thang 2x—7y+2m—1=0.
d) Vuong goc voi duong phén giac goc phan tu tht I1.
e) Cat truc tung tai diém c6 tung do 16n hon 4m — 5.
f) Tao véi hai truc toa o mot tam giac vuodng can.
2
g) Cit duong phan giac goc phan tu thir IV tai diém O (x;y) sao cho T = (x- 2)2 + ( y —%] dat
gia tri nho nhat. 7 .
2. Tim m d¢ (P) va d cung di qua diém M c6 hoanh d6 bang —1.
3. Trong truong hop (P) va d cit nhau tai hai diém phan biét 4(x;,), B(x,;,)-
a) Tim gia tri m dé l+L:§.
x x, 6
b) Timm d¢ |x|-|x,|=5
¢) Timmdé 2<x <x, <1.
d) Tim gid tri m sao cho x, +3x, =9.
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e) Tim m sao cho x, >x, +8.
f) Tim m dé |xl—y2|:2

+1:5.

g) Tim gié tri tham s m sao cho
x-3 x,-3
h) Chitmg minh rang y, +y, <7(x +x,).
i) Tim m sao cho x, =‘x22 —1‘+5.
j) Voi gia tri nao cua m thi \/2_x1+ 3x,=27
k) Xac dinh m dé hai diém 4, B cach déu dudng thang y =x+0,25.
1) Véi gia tri nao cia m thi x? +x? +2(x, —x,)’ dat gia tri nho nhat ?
m) Xac dinh m dé 4 va B déu nam trén nhanh phai cua (P).
n) Biéu thic S =(4y, +1)(4y, +1)—8(x, +x,)dat gia tri nho nhat.
0) Tim m sao cho 4 va B cach déu gbc toa do. ‘ )
Viét phuong trinh duong thang song song vdi duong phan gidc géc phan tu thu III va ti€p xtc voi
parabol (P). 7
Tim toa d9 giao diém cua parabol (P) véi duong cong (C):y =x"—x"-7x* +5x-2.
Tinh d¢ dai day cung tao bdi parabol (P) va duong thang y=-5x+1.

Bai to4n 87. Trong mit phang véi hé toa dd Oxy, O 14 goc toa d, cho parabol (P):y=x*va cac diém 4
(1:4), B (1;1), C (2:0). Goi d 1a dudng thang di qua diém 4 va co hé sb goc k, k 1a tham sé thuc.

l.

o

Tim toa d6 cua diém D (x:y) trén (P) théa man diéu kién
a) D c6hoanh d6 x=+2.
b) D c6 tung do bang 25.
¢) D c6 tung d6 va hoanh do bang nhau.

Lap phuong trinh dudng thang d theo tham sb k.

Tim gia tri cta k dé duong thang d thoa man diéu kién
a) Di qua diém (4;6).
b) Song song v6i duong thang y=(8k—1)x+8.

¢) Vudng goc v6i dudng thing 2x—3y++/2=0.
d) Tao véi hai truc toa do mot tam giac vudng can.

1 A A cr oy deal 3 1 qen L,
e) Tao véi hai truc toa do mot tam giac co6 dién tich bang 3 (don vi dién tich).

f) Hop voi chiéu duong truc tung mét goc « sao cho cotar =10.
Trong truong hop duong thang d cat tia Ox va Oy tai hai diém phan biét B, C, hdy tim gia tri nho
nhit cta biéu thirc OB+0C . 7 7
Khi k=2, tinh khoang cach gitra duong thang d va duong thang y =2x+10.
Chting minh parabol (P) va dudng thang d ludn cé hai diém chung phan biét.
Tim k d¢ (P) cit duong thang d tai hai diém M (x,;3,), N (x,;,) théa man
a) Mva N cach déu hai truc toa do.
b) 3(y +y,)—-6xx, =5(x +x,)=48.
1 1 k-4
c) —+—=—.
x x, 9k
d) Biéu thtc |x, - x,| dat gid tri nhé nhat.
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e) Tong cac tung do cua M va N dat gia tri nho nhat.
f) ‘ZA; =2 (trong d6 M c6 hoanh d§ am; N c6 hoanh d§ duong).
8. Tim gi tri cua m dé duong thang y =mx+1 cat (P) tai hai diém E va F phan biét sao cho tam giac
OEF ¢6 dién tich bang 3. 7 o
9. Goi /la duong thang di qua C va song song v6i duong thang OB. Chirng minh rang / cat (P) tai hai
diém phan biét P, Q. Tinh dién tich tam gidc BPQ.
10. Tim toa d6 diém G (x;y) trén parabol (P) sao cho G cach déu hai diém H (- 2;0) va K (0;4).
11.Goi Y va Z 1a céc giao diém cta (P) va duong thang A:y=2—x(trong d6 ¥ c6 hoanh do duong).
Tim toa do diém X thudc (P) sao cho tam giac XYchan tai X.
12. V61 gia tri nao cua m thi parabol (P) cat duong thang d : y = mx—m+1theo mot day cung c6 dg dai
bang /3 ?
13.Tim toa d6 hai diém U, ¥ nam trén parabol (P) thoa mén U va V dbi xtmg véi nhau qua dudng
11

1
thing A:y=——x+—.
gAY=L T

Bai toan 88. Mo rdng va phat trién cau 3; Dé thi tuyén sinh 16p 10 THPT; Mon Toan (Danh cho tit ca cac
thi sinh du thi ban Khoa hoc Ty nhién); B¢ thi chinh thic; Truong THPT Chuyén Ha Noi — Amsterdam va
THPT Chu Vin An; Thanh phd Ha N6i; Nam hoc 2005 — 2006.
Trong mit phing véi hé toa d6 Oxy, O 1a gdc toa do, cho parabol (P):y=ax’va duong thang chia tham sb
c6 dang d:y=2x—a*(v6i a 1a tham sb thuc duong).
1. Tim a dé duong thiang d thoa man diéu kién
a) Song song v6i dudng thang y =2x+5a.
b) Vudng goc v6i duong thang y =3ax—9.
¢) Cit truc tung tai diém c6 tung d6 16n hon — 9. .
d) Tao véi hai truc toa do mot tam giac co di¢n tich bang 4.
2. GoiAla duong thing di qua diém S (7;5)va song song v6i Oy. Tinh tan cuia goc tao boi Ava d.
3. Tim a d¢ parabol (P) di qua diém M (1;4). Tim toa d6 giao diém clia (P) va d véi a vira tim dugc.
4. Tim diéu kién ctia a dé parabol cat dudng thing d tai hai diém A va B khac nhau. Ching minh rang
khi d6 4 va B nim vé phia bén phai truc tung.
5. Goi hai giao diém cta (P) voi d 1a A(x;;»,), B(x,5,) -
a) Tim gia tri nh6 nhit cia biéu thitc T = x, +x, + x,x, +6a .
2 3
+ :
x+x, 1+xx,
+ ! :
X +Xx, XX,

b) Tim gia tri nho nhat cia cac biéu thirc R =

¢) Tim gia tri nho nhit cta biéu thirc § =

6. Xét truong hop a=1. Tim m dé parabol (P) cat dudong thang y = (m—2)x—Itai hai diém phan biét
¢6 hoanh d x,,x,sao cho B= (2 - xf)(S —xj)dat gia tri 10n nhét.
7. Xét truong hop a=0,5.
a) Tim gi4 tri ciia m dé parabol (P) cat duong thang mx— y +1=0tai hai diém phan biét P, O sao
cho tam giac OPQ c6 dién tich bﬁng‘ 1,5. 7
b) Xét hai diém M va N c¢6 hoanh d¢ lan luot la —2va 1. Lap phuong trinh duong thang d song
song voi (MN) va cat (P) tai mot di€ém duy nhat.
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Bai toan 89. Trong mit phing véi hé toa dd Oxy, O 1a gbc toa dd, cho parabol (P):y= %xz va hai diém 7

(0;2), M (m;0), m 1a tham s6 thuc khac 0.
1. Tim toa d6 diém D (x;y) nam trén parabol (P) sao cho
a) D co6 tung do bang 8.
b) D cach déu hai truc toa do.
¢) Khoang cach tir D dén truc hoanh gap 3 1an khoang cach tir D dén truc tung.
2. Viét phuong trinh duong thing d di qua hai diém M va I theo tham s m.
3. Chimg minh ring dudng thang d ludn cit (P) tai hai diém phan biét 4 va B nam vé hai phia ddi véi
truc hoanh vd1 moi m khac 0.
4. Trong trudng hop (P) va d cit nhau tai hai diém phan biét 4(x,;y,),B(x,;,).

a) Tim m sao cho x, +x, +4(x, —x,) =132,

b) Vi gia tri nao cua m thi x; = —4x, ?

2
¢) Timmdé 7=+ L2 T3] 4t 014 tri nho nhat.
X X, m
.2 , 1 1 I
d) Biéu thuc K = H +ﬂ dat gia tri nhé nhat.
X%

e) Tim m sao cho x; —ix2 +(x+x,-1)' =4,
m

f) Chimg minh rang ton tai mot giao diém c6 hoanh d¢ |x,| > V3.
g) Tim gia tri 10n nhat cta biéu thirc O = (xl2 —9)(x22 —16) :
h) Timm dé S =|x, +x, +m|dat gia tri nho nhat.
i) Chtng minh bat dang thic 4B >4 .
5. Goi H va K theo thtr tu 1a hinh chiéu vuéng goc cuia 4 va B trén truc hoanh Ox. Chirng minh /HK la
tam giac vuong.

6. Gia st duong thing y = x +%c§t parabol (P) tai hai diém U, V.

a) Tim toa do diém R trong cung parabol nho (/]_17 sao cho tam giac UVR c6 dién tich 1on nhat.
b) Tim toa d§ di€m 7 thudc truc hoanh sao cho tong do dai 7U + TV dat gia tri nho nhat.
7. Tim toa do diém C (x;y) thudc parabol (P) sao cho x =1+63/2y +14x+49 —123/x+7.
8. V& parabol (P) va do thi ham s6 y =—|x|trén cung mot hé truc toa do. Tim toa d§ giao diém hai do
thi bang phép toan. 7 7
9. Tim gié tri cua m d¢ dudng thang y = x+3m—1cat tryc hoanh tai di€m N sao cho hai tam giac IMO
va INO théa man diéu kién
a) Co di¢n tich bang nhau.
_b) Dong dang theo ty s6 k =3theo thir tw /MO — INO.
10. Ton tai hay khong hai di€ém X va Y thudc parabol (P) sao cho tam gidc OXY la tam giac vuong can
tai O ?
Bai toan 90. Trong mat phéng voi hé toa do Oxy, O 1a géc toa do, cho parabol (P) :y=x"va cac diém 4
(1;4), B (=1;1). q , . 7
1. Xét duong thang d di qua B va c6 hé so goc bang 1. Tim toa d6 giao diém thw hai cua d va (P).
Chung minh tam gidc OAB 1a tam gidc vudng can va tinh di¢n tich tam gidc nay.
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2.

(8]

NS

8.

Xét duong thang A di qua 4 va co hé sb goc k. Tim gia trj ciia tham sb k sao cho A cit truc tung tai
diém c6 tung do 16n hon 5.

a) Avudng goc v6i dudng phan gidc goc phan tu thir 1L

b) A cit (P) tai diém c6 tung d0 bang 1.

¢) A cit (P) tai hai diém C va D ma d6 dai CD ngan nhat.
Tim toa dd diém E thudc truc hoanh sao cho téng do dai EA + EB dat gia tri nho nhat.
Xét duong thang d : y = 2mx—6. Trong trudng hop parabol (P) cat duong thang d tai hai diém phan
bi€t c6 hoanh d§ x,,x,.

a) Timm dé: x?+2mx, =17.
b) Hay tim gia tri nho nhat cta biéu thirc S = (xf +%j(x22 +%] :

Tim diém M (x;y) thudc parabol (P) c6 toa do théa man 2x+y =3,/xy .

Tinh d6 dai doan thing AB.

Tim toa do trong tdm G cua tam giac ABO va tinh dién tich tam giac 4ABO.

Tim toa do diém C thudc truc hoanh sao cho tam giac AOC c6 di¢n tich bang 10.

Bai toan 91. Trong mat phing véi hé toa d6 Oxy, O 1a gdc toa dd, cho parabol (P):y=2x"va dudng thang

d:y=
1.

Rl

3mx—3m+2; m 13 tham s thuc.
V¢ parabol (P).
Xét hai diem A(m—n;n),B(l;2—n) .Timmvandé Ae (P),B ed.
Tim diém c6 dinh C ma dudng thang d ludn ludn di qua voi moi gia tri cla m.
Tim gia tr1 cua tham s6 m dé duong thang d théa man diéu kién
a) Cat tryuc tung tai mot diém nam veé phia trén truc hoanh.
b) Tao voi hai truc toa do Ox, Oy mdt tam gidc vuong co ty 1¢ gitra do dai canh goc vudng nao
d6 véi d6 dai canh huyén 1a 3:5.
¢) Cat tryc tung tai diém c6 tung do thudc doan [4;7].
d) Ciat duong phan gidc goc phan tu thir hai ctia mit phing toa do tai diém X (x;y) sao cho biéu
thuc S =4x> +xy+ y* +6x+1dat gia tri nhé nhat.
Chtng minh rang parabol (P) ludn cit dudng thang d tai hai diém phan biét vi moi gia tri ctia tham
sO m.
Tim tat ca gia tri cia m dé (P) cat duong thang d tai hai diém M (x;;,), N (x,;y, ) thoa man
a) x +x,=6xx,-7.
b) L + i = i — 5 A
S SR
C) x{+x;=4.
d) M va N nam vé hai phia cua truc tung.
e) x,—3x,=4m.
f) MN=217.
g) Biéu thic K =|x —x,|dat gid tri nh6 nhat.
h) y +y,+4yy, <6xx,+8.
1) M va N déu c6 hoanh d6 16n hon 3.
j) OMN la tam giac deu.
k) OMN <90.
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7.

8.
9.

Gia st y =2x" = f(x). Khong tinh gi4 trj biéu thirc, ching minh ring
f(f(«/2017 —\/2016)) < f(f(«/2016 —\/2015)).
Tim trén parabol (P) cac diém c6 hoanh do gip hai 1an tung do.

Viét phuong trinh duong thang song song vai duong phén giac goc phan tu thtr 11 va cit parabol (P)
tai diém c6 hoanh d6 bang — 1. Tim toa d6 giao diém con lai.

10. Viét phwong trinh duong thang song song voi duong phan giac goc phan tu thir I va tiép xuc vai

parabol (P). Tim toa do tiép diém.

11. Goi E 1a diém thudc parabol (P) ¢6 hoanh d6 bang —2; F va G theo thir tu 13 giao diém cta dudng

thang y = 4x+6va (P). Biét F c6 hoanh d¢ 4m, G c6 hoanh d¢ dwong. V& hinh binh hanh EFGH.
a) Xéc dinh toa do diém H.
b) Diém H c6 thude parabol (P) hay khong ? Vi sao ?

Bai todn 92. Trong mit phang vé&i hé toa do Oxy cho parabol (P):y=x?va hai diém 4(0;1),B(1;3), d 1a

duong thang di qua B va c6 hé sb goc k, k 1a tham sb thuc.

1.
2. Tinh dién tich ctia tam giac tao boi duong thang AB véi hai truc toa do.

3.

4. Chimg minh rang qua diém A c6 duy nhat mot dudng thang cat (P) tai hai diém phan biét ma

8.
9.

Lap phuong trinh duong thang AB.
Thiét 1ap phuong trinh duong thang d vudng goc voi dudng thang AB va tiép xtic voi (P).

khoang céach giita hai diém d6 bang 2.
Lap phuong trinh dudng thang d va ching minh (P) cét d tai hai diém phan biét voi moi gia tri cua
tham s0 £.
Tim gié tri cua k dé duong thang d cat doan thang OZ véi Z (4;0).
Tim tat ca céc gid trj clia k dé (P) cit duong thing d tai hai diém M (x,;,),N(x,;,)théa man
a) M va N nam khac phia dbi véi truc tung.
b) x, +x,-5xx,=10.
¢) Tung dd diém nay gap 16 1an tung d6 diém kia.
d) 1 + L + 7 8.

X Xy XX

e) Biéuthic P=|x x| dat gia tri nho nhét.

f) 2x,—3x,=4.

g) M va N déu c6 hoanh do 16n hon 2.

h) Biéu thitrc S =(3y, +2)(3y, +2)-5xx, dat gié tri nho nhat.

1) x <4<x,.

i) D0 dai doan thing MN bing 3410 . ,
Tim toa do dicf:m P thudc truc hoanh sao tong do dai PA + PB dat gia tri nho nhat.
Tim toa d6 diém G (x;y) thude parabol (P) d¢ tam giac ABG can tai G.

10. Tim toa d6 diém J (x;y) thudc parabol (P) sao cho d6 dai doan thing 4J ngin nhat.
11. Xét duong tron (@)dudng kinh 4B, duong thing Ala tiep tuyén di qua O clia dudng tron (@). Tim

toa do tiép diém cua (o) va A.

12.Gia du C va D 13 hai diém nam trén (P) c6 hoanh d6 1an luot 1a —1va 3. Goi F 1a diém nam trén CD

va ¢6 hoanh d6 bang 1. Tim diém E trén parabol sao cho EF 1a dudng phan giac cua goc CED.

13. Tim toa d6 diém K (x;) ndm trén parabol (P) thoa min dang thirc

Jy+dx+3+x+y =By +dx+l.
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Bai toan 93. Trong mit phang voi h¢ toa do Oxy, O la goc toa dd, cho parabol (P): y = xva dudng thing

d:y=ax—a;alatham s6 thuc.
1. Vé parabol (P) va duong théng dqtrén cung mot hé‘truc toaddo khi a=2.
2. Tim a d€ (P) va d cung di qua diém c6 hoanh d¢ bang 3.
3. Tim gia tri cia a dé duong thang d thoa man dicu kién
a) Song song v6i dudong thang A: y = (a2 —3a)x+ 2a.

b) Vudng goc v6i duong phan giac goc phan tu thir hai.

¢) Tao véi hai truc toa do mot tam giac vudng can.

d) Cit truc tung tai diém c6 tung d6 nho hon 7a — 3.

e) Dong quy voi hai dudng thing 3x—2y+1=0;x-5y+6=0.

f) Cat duong thang y =3x—1tai diém C (x;y) thoa man x* —xy + 6y dat gia tri nho nhat.

g) Tiép xiic véi duong tron tam O, ban kinh R = ——.

Jio

h) Cat duong tron tAm O, ban kinh R = 2 t4i hai diém phan biét.

17

4. Tim tat ca cac gia tri cta a d¢ d cat (P) tai hai diém M (x,;),), N (x,;¥,) théa man diéu kién
a) x,+x,+8=8xx,+a’.
b) L+i+x1 +x,>2a’.
XX
c) x,—3x,=5.
d) Tung d6 diém nay gip 4 lan diém kia.
e) |x—x|> V5.
f) M va N déu c6 hoanh d6 nhé hon 2.
g) (Bx+1)(3x,+1)=x] +x; +xx,+7.
h) M va N nam khac phia d6i v6i duong thang x=4.
. 1 1
1) —+—=1.
o ||

D (23, +3)(2y,+3)=7(x, +x,)+33.

k) X} +ax+a=[3a-3|.

1) Biéu thic S = \/xl2 +ax+a +\/x22 +ax+a +2|10—q|dat gi4 tri nho nhat.

5. Tinh dién tich tam gidc OAB véi 4, B 14 giao diém ctia parabol (P) v6i duong thang y =—x+6.

N

Viét phuong trinh dudng thang di qua diém (0;—6) va tiép xtic v6i parabol (P).

7. Tim toa d6 diém L (x;y) trén parabol (P) sao cho khoang cach tir L dén truc hoanh gip hai lan

khoang cach tir L dén truc tung.

8. Viét phuong trinh dudng thang song song v4i duong thang y = —x+2va cét parabol (P) tai diém c6

hoanh d6 bang —1.

9. Tim m dé parabol (P) cat dudng thang A: y =4mx—4m+1tai hai diém H, K sao cho OH.OK =2 ?

10. Xét hinh vudng (V) tam O, d6 dai canh béng V2 , hai duong chéo nam trén hai truc toa do. Tim toa

d6 giao diém cua parabol (P) v6i hinh vudng (V).

11. Xé4c dinh cac diém P va Q thudc parabol (P) sao cho OPQ la tam giac déu nhan truc Oy 1am truc dbi

xung.
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Bai toin 94. Cho hai ham s yzmx+m2+% (Dva y=f(x)=(1+4m’)x’ (2); v6im la tham s0 thyc.

1.
. Chimg minh rang d6 thi ham s6 (2) ludn nam phia trén truc hoanh.

hd

Xéc dinh khoang dong bién va khoang nghich bién ctia ham s6 (2).

Tim gia tri ciia m thi dd thi hai ham sd di cho cung di qua diém S (=1;2) ? Vé1i gia tri m tim duoc,
hay xé4c dinh toa d giao diém thir hai ctia hai d6 thi do.
Ching minh rang v&i moi gia tri cua m, do thi ham sé (2) ludn 1a mot parabol (P), dong thoi do thi
ham s6 (1) khong thé di qua dinh cua (P).
Tim gia tri cua m dé ham s6 (1) dong blen
Tim gi4 tri cta tham sd m dé dd thi ham sé (1) thoa man

a) Song song v6i dudng thang y =3x-10.

b) Vudng goc véi duong thing y = —%x +4.

¢) Tao véi hai truc toa do mdt tam giac vuong can.
d) Cat truc tung tai di€ém co6 tung do 16n hon 1,75.
. L o~ x ... lab+bcHca=2013abc,
Trong truong hgp m =0, xét cac s a,b,c thdéa man diéu kién
2013(a+b+c) =1.

Tinh f(azon 4 p2013 +02013)
Trong truong hop m =0, tim toa do diém D (x;y) trén d6 thi ham s (2) thoa man bat phuong trinh
2y —2x+5+\2y—4x+4 <13,

Bai todn 95. Chuyén thé, mé rong va phat trién cau 3; Dé thi tuyén sinh 16p 10 THPT; Mon Toén; Dé thi
chinh thuc; Truong THPT Chuyén Ngoai ngir; Pai hoc Ngoai ngir; Pai hoc Quéc gia Ha No6i; Nam hoc
2014 —2015.

Trong mit phang véi hé toa o Oxy, O 1a gbc toa dd, cho parabol (P):y = x*va duong thang chira tham s6

codang d:y=3(m+1)x—-2m’-5m—2;m la tham s6 thuc.

l.
2.

Tinh d¢ dai doan thdng OX biét X nam (P), X ¢6 hoanh do bang 5.
Gia st P, Q la cac giao diém cua parabol (P) voi duong thang y =5x—6. Tim do dai duong cao ha
tr O cua tam giac OPQ. 7 7 .
Xac dinh gia tri tham s6 m dé duong thang d thoa mén diéu kién

a) Diqua diém Y nam trén (P), Y c6 hoanh d¢ bang 1.

b) Vudng goc voi duong thang y =6x+5.

¢) Song song v6i dudng thang di qua hai diém (1;-3) va (-2:1).

d) Tao v6i chiéu duong tryc tung mot goc a = 60" .

e) Tao véi hai truc toa do mot tam giac vuong co ty I¢ cac canh 1a 4:7: J65.

f) Cat tryc hoanh tai diém hoanh d6 nho hon 1,5.
Chiing minh rang parabol (P) va duong thang d 1udn c6 giao diém chung v&i moi gia tri ctia m.
Tim gid tri m dé parabol (P) cat duong thang d tai hai nghiém phéan biét c6 hoanh do x,,x, théa min
diéu kién x4 x,|=2x, - x,|.
Tim tat ca c4c gid tri clia m dé d cit (P) tai hai diém M (x;;,),N(x,;»,) thoa man diéu kién

a) Mot trong cac giao diém c6 hoanh do bang 3.

b) 1 + 1. 2.

X X

¢) [t nhat mot trong hai giao diém nam bén tréi tryc tung.
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d) x +4x,=5m.
e) M va N déu nam trong goc phan tu thir nhat.
f) 2x1—x2:|mq|. ‘ 7
g) Tung do diém nay bang binh phuong tung do diém kia.
h) |x1 - x2| =5
) y+y=xx+3.
1) ‘xlz —xi‘ <3.
k) x <x,-5.
1) Biéu thitc T =2y, +3y, +4x, dat gia tri nh6 nhat.
m) 3x,—2x,|=x,
1 3
X, +2 B x, +4°

n)

0) Biéu thitc P =2x>+3x% +4y, +5y,dat gia tri nho nhét.
p) x +3(m+1)x, +5m+2=34m".

7. Viét phuong trinh duong thang di qua diém (1;-15) va tiép xtic voi parabol (P).

8. Tim toa d¢ diém H trén parabol (P) va diém K trén duong thang y=2x-7sao cho khodng cach
giita H va K ngan nhat.

9. Tim gi4 tri ciia m d€ parabol (P) va dudng thang d cit nhau tai hai diém M (x;;,),N(x,;,), trong
d6 hoanh do ctia mot trong hai giao diém gap d6i hoanh do mét trong cac giao diém cua parabol (P)
v6i duong thing A:y=x+4m> —6m+2.

10. Tim toa d6 diém D (x;y) trén parabol (P) thoa méin dang thirc \/Zy +3x+1++/1-3x = 2\/y +1.

11.Tim toa d@qhai diém 4, B thudc (P) sao cho 4 d(A)j xung voi B qua diém C (2;13). ,

12.Xét hai diém E (1:4) va F (3;8), I 1a trung diém cua doan thang EF. Tim toa do diém G thudc
parabol (P) sao cho G/ 1a phén giac cua goc EGF .

Bai toan 96. Chuyén thé, mo rong va phat trién cau 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thtrc; S¢ Gido duc va PBao tao Tinh Khanh Hoa; Nam hoc 2011 —2012; Khoa ngay 29.06.2011.

Trong mit phang véi hé toa do Oxy, O 1a gbc toa dd, cho parabol (P):y = x’va duong thang chira tham s6

codang d:y=(m+1)x-3(m—-2); m la tham s6 thuc.

1. V& parabol (P) va duong thang d trén ciing mot hé truc toa do khi m=2.

2. Tim toa d¢ giao diém cta parabol (P) va dudng phan giac gbc phan tu thir IL.

3. Tim toa do giao diém cua parabol (P) va duong thang d khim =3

4. Xac dinh gia tri ctia m sao cho dudng thiang d thoa mén diéu kién
a) Di qua trung diém cua doan thang OX véi X (2:4).
b) Song song v6i dudng thang y=—5x+3.
¢) Vuong goc v6i dudong thang 2x—7y+2=0.
d) Cit duong phan giac goc phan tu thir 111 tai diém co6 tung do bang 2.
e) Tao vdi hai truc toa dd mdt tam gidc cé ty I¢ gitra do dai canh nho nhat va do dai canh 16n

nhit1a 1:4/5.

f) Cit truc tung tai diém c6 tung d6 nho hon — 10m.
g) Tao véi hai truc toa do mot tam giac co6 dién tich nho hon 2,25 (don vi dién tich).
h) Cit duong thing 2x—3y+1=0tai diém Y (x;y) thoa man diéu kién OM =+/2.
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5. Tim diém cb dinh ma duong thang d ludn ludn di qua v6i moi gia tri cia m, tir d6 tim gia tri m dé
duong thang d cach goc toa do O mot khoang 16n nhat. )
6. Ching minh rang parabol (P) luon cat duong thang d vo1 moi gia tri m, trong d6 c6 it nhat mot giao
diém c6 hoanh d¢ duong.
7. Tim tat ca céc gid tri cia m dé d cit (P) tai hai diém M (x;;),),N(x,;y,) thoa man diéu kién
a) 3(x +x,)=4xx,-5.
b) M va N déu nam trong goc phan tu thir nhat.
C) X\ +x;=xx,+Tm+19.
d) Lalo2
x o ox, 2
e) M va N déu c6 hoanh do trong khoang (1;5).
f) |x —x|=3.
g) |x2 _2)’2| =3.
h) X3 +(m+1)x, +3(m—2)=4x’.
D —
X x,+2
j) Tung d6 diém nay hon tung d6 diém kia 7 don vi 4o dai.
k) [3x, —4x,|=5.

) y+2y,=4x —x,.

=3.

m) x, +x, >35.
n) Biéu thirc §=3x, —2x> —x’dat gia tri 1on nhat.
0) \/x22 +(m+1)x,+3(m-2) = (m+l)3 .
8. Khi parabol (P) cit dudng thang d tai hai diém phan biét M (x;;»,),N(x,;»,). Ching minh bat dang
thire

32+ (m1)x +3(m=2) +Jx} +(m+1)x, +3(m—2) >m-+/2017 .
9. Tim toa d6 diém D (x;y) thudc parabol (P) sao cho tiép tuyén cua parabol tai D vudng goc voi
\ 2 1

duong thang y = —§x+4 .

10. Viét phuong trinh duong thang song song v&i dudng phan giac goc phan tu thir II va cét parabol (P)
tai diém c6 tung do bang 4.

11. Tim toa d6 diém Z (x;y) thudc parabol (P) thoa man dang thirc 4xy+4y—5x+9=4416x+8.

12.DBuong théng y=2x+8 cat parabol (P) tai hai diém phan biét 4, B. Tim toa do diém C thudc cung
parabol nhé 4B sao cho tam gidc ABC c6 dién tich bang 27 (don vi dién tich).

13. Tim toa do diém O (x;y) ndm trén parabol (P) sao cho biéu thirc 7 =13vx—1+9Vx+1 —16\/; dat gia
tri nho nhat. Tim gia tri nho nhét do.

14. Xét diém K (%,%j Tim toa d6 diém H (x;y) trén parabol (P) sao cho do dai doan thang HK 1a ngan
nhét.

15.Xét diém E thudc duong thang y = —i, chtng t6 rang hai tiép tuyén cua parabol (P) duoc tir E

vudng goc voi nhau.
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Bai toan 97. Chuyén thé, mé rong va phat trién bai 2.2; Dé thi tuyén sinh 16p 10 THPT; Mén Toén; Dé thi
chinh thtrc; S& Gido duc va PBao tao Tinh Quang Nam; Nam hoc 2011 —2012; Khoa ngay 30.06.2011.
Trong mit phang v6i hé toa dd Oxy, O 1a gbe toa do, cho parabol (P):y=x’va duong thang chira tham so6

codang d:y=mx—m+1; mlatham s6 thuc.

1. Tim toa d6 diém D (x;y) nam trén parabol (P) thoa man

a)
b)
©)
d)

2. Xéc dinh gié tri cua m va n dé dudng thing d théa man diéu kién

a)
b)

Céch déu hai géc toa do.

Tung do gip 3 1an hoanh do.

Nam trén dudng thing y=3x-2.

Nam trén duong cong y = x> + x> —3x+2.

Song song voi duong thang y =4x+92-10.
Vuédng goc v6i dudng thang 2y —v2x+4=0.

¢) Di qua diém K thudc dudng cong y =x* -2, K c6 hoanh do bang 2.

d)
¢)

Cbén trén hgi truc toa d hai doan thfmg béng nhau.
Cat doan thang OH véi H (0;10).

f) Cat duong thang 2x—3y+2=0tai diém L (x;y) thoa man T = x— y—xy dat gia tri 10n nhat.
3. Tim toa d6 diém cb dinh ma duong théng d ludn ludn di qua voi moi gid tri cua m, tr d6 tim khoang
cach 16n nhat tir gbc toa do dén dudng thang d.
4. Viét phuong trinh duong thaing A di qua diém O (2;8) va cit parabol (P) theo mot day cung EF ¢
d6 dai bang 252 .
5. Chimg minh rang dudng thang d va parabol (P) ludn c6 diém chung véi moi gia tri cua m, trong dé
c6 it nhat mot giao diém co hoanh do duong.
6. Tim m dé parabol (P) cit dudng thang d tai hai diém phan biét M (x;,),N(x,;», )sao cho

a)
b)

c)
d)

€)
f)
g)
h)
i)
j)
k)
)

1
X, +x, =6x.x, 5

1 + L =5.

XX

Tung d6 diém nay hon tung d6 diém kia 10 don vi.
I 1 x+x

x, x, 2011 °

\/x12+mx2+m—l =3m-1.

—l<x <x,<6.

M va N nam giita tryc hoanh va duong thang y=4.
1 2

+ =
x-2 x,-3

X, >5x,<2.
Biéu thirc 4 =4x? +3x? +5x, dat gid tri nhé nhét.
(2y, Jr3)(2y2 Jr3)+5xlx2 =4(x, +x2).

Biéu thitc P =(x, +m)(x, +2m)+3y, dat gia tri nho nhét.

m) (xl2 + mx, +m—l)(x22 +mx, +m—1) =2017m’.

n)

Biéu thirc M = (xf - 2)(x§ - 3) dat gia tri nho nhat.
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Bai toan 98. Chuyén thé, mé rong va phat trién bai 2; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thtrc; S& Gido duc va PBao tao Tinh Bac Giang; Nam hoc 2001 — 2002; Ngay thi 03.07.2001.
Trong mit phang v6i hé toa dd Oxy, O 1a gbe toa do, cho parabol (P):y=x"va dudng thang chtra tham s6

codang d:y=2(a—1)x—2a+5; voia la tham s6 thuc.

1. V& parabol (P) va duong thang d trén cung mot hé truc toa d6 khi a=2. Tim toa do giao diém hai
do thi bang phép tinh.
2. Tim tat ca cac gla tri ctia @ va b dé duong thang d thoa man diéu kién

(98]

a)
b)
c)
d)
e)
f)

g)
h)

Di qua diém Y nam trén duong cong y=x’+x+4, ¥ c6 tung do bang 6.
Song song véi duong thing y =6x+5b-10.

Vuéng goc véi dudng thing x+y++/2 =0.

Ce“:lt truc tung tai diém c6 tung do 16n hon 11.

bong quy véi hai duong thang x+ y =6;2x+3y=10.

Cit hai truc Ox, Oy lan luot tai 4, B sao cho 04 =40B.

Cit hai truc Ox, Oy 14

+
OB’
Cat duong thang y =2x—1tai diém X (x;y) ndm trén duong tron tam O, ban kinh R=1.

Chting minh rang parabol (P) va dudng thang d ludn ¢6 diém chung v61i moi gia tri a.

Tim a dé parabol (P) cét duong thang d tai hai giao diém nam cung phia ddi véi truc tung. Khi d6
hai giao diém nam trong goc phan tu nao ?

Tim a dé parabol (P) cit dudng thing d tai hai diém phan biét M (x53,),N(x,;,)sao cho

a)
b)
c)

d)

e)
f)

g)
h)
i)
j)
k)
)

X +x,=2xx,+5.
M va N nam khac phia d61 vd1 duong thang x=1.
X +x+1xx, +7=a.

I 1
—+—=-a.
XX
Tung d diém nay bang binh phuong tung d6 diém kia.
1 1 a

-1 2e -1 7

Biéu thirc 4 = x>+ x?dat gi tri nho nht.
x2+2(a-1)x, +2a-5=4(a-1)".

x +2(a-1)x,+2a-5>0.

Bicu thitc B =|x, —x,|dat gid tri nho nhat.
yi+ 1, +(03y-1)(3y, —1)=5xx,.

v, =3y, >1.

m) [xlz +2(a—1)x, +2a—5][x22 +2(a-1)x, +2a—5]<16.

n)

X =2x,2>1.

Gia st D va E 1a hai giao diém ctia dudng thang y = 4x+12v6i parabol (P), D ¢6 hoanh d6 nho hon.
Xét tam gidc ODE voi cac duong cao OF, DG, EH. Tim toa d§ tam / cua dudng tron noi tiép tam
giac FGH.

Xét diém K [%,%), tim toa d6 diém 7 trén parabol (P) sao cho do dai doan théng KT bﬁng o

J5
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Bai toan 99. Chuyén thé, mo rong va phat trién cau cu 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé
thi chinh thie; Pot 1; S& Gido duc va Pao tao Tinh Bic Giang; Nam hoc 2004 — 2005; Ngay thi
01.07.2004.
Trong mit phang v&i hé toa dd Oxy, O 1a gbc toa do, cho parabol (P):y=x"va dudng thang chtra tham s6
c6 dang d:y =2mx—m* +m—1v6i m 1a tham s thyec.
1. Tim gié tri cua tham sb m dé dudng thing d théa man
a) Song song véi duong thang y=(7m—2)x—-1.

b) Vudng goc v6i duong thang y = —§x+%.

¢) Di qua diém P (3;5).
d) Cat truc hoanh tai di€ém Q c6 hoanh d¢ duong.
2. Tim toa dg giao diém cua parabol (P) va dudong thang d khi m =1.
3. Vi gia tri nao cua m thi parabol (P) va duong thang d tiép xic voi nhau ? Tim toa do tiep diem voi
m vua tim dugc. ) 7 7 .
4. Chtng minh rang néu parabol (P) cat duong thang d thi giao di€ém dé luén nam bén phai truc tung.
5. Trong truong hop parabol (P) cit dudng thang tai hai diem M (x,;3,), N (x,57,).
a) Tim m théa man x, +x, =5x,x, —11.
b) Tim m sao cho x; +x; —x,x, =15.
¢) Timm dé& x’x, +x’x, =2m* +m—1.
d) Tim gia tri m sao cho i+L <2.
X X
e) Véi gia tri nao cta m thi (xl2 +2mx, +m’ —m+l)(x22 +2mx, +m’ —m +1) =m’ ?
f) Tim m dé tung d6 diém nay gip 16 lan tung do diém kia.
g) Timm dé (2x,+1)(2x, +1)=10m 1.
h) Tim gia tri m sao cho \/x_1+ x, =4.
1) Tim hé thuc lién hé gitta hai hoanh do doc 1ap voi tham sb m.
j) Tim m sao cho x; +2mx, +m* —m+1=9m .
K) Timm dé y, +y, =x +x, +xx,-3.
1) Tim m dé hoanh d6 diém nay bang 4 1an hoanh d6 diém kia.
m) Tim m dé biéu thirc T =x, + x, +4x,x, dat gia tri nho nhat.
n) Tim m dé bicu thitc 4 =x? +x2 —6(x, +x,)+5nhan gia tri nho nhat.
6. Tim toa do diém J (x;y) thudc parabol (P) sao cho J cach déu hai truc toa do.
7. Xét diém A thudc parabol (P), 4 ¢6 hoanh d bang —4. Tim toa do dlem B thudc parabol (P) sao cho
tam giac AOB nhén trung diém 7 ctia AB 1am tam dudng tron ngoai tiép.

8. Xét dlgm C (-14;1), tim toa do Q1em D trén parabol (P) sao cho d dai doan thang CD ngan nhat.
9. Xétdiem E (10;4), tim toa do diém F trén parabol (P) sao cho tam giac OEF can tai F.

10. Tim toa d6 diém G (x;y) nam trén parabol (P) thoa méan dang thic \/ 2x 3 + \/ﬁ_ 2x = 1+?
X X
ll.Xe:t hai diém H va K thudc paralgol (1?), H va K ¢6 hoanh do 1an luot 13 — 8 va 0,125. Tim toa dd
diém T thudc tryc tung sao cho bon diem H, K, T, O cung thuoc mdt duong tron.
12. Tim toa d6 diém L (x;y) thudc parabol (P) sao cho biéu thirc S =2x* - y? —24/6x+10dat gid tri nhod
nhat. Tim gia tri nho nhat do.
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Bai toan 100. Chuyén thé, mé rong va phat trién cu cau 3; D¢ thi tuyén sinh 16p 10 THPT; Mon Toén;
bé thi chinh thuc; Pot 2; S& Gido duc va Pao tao Tinh Bac Giang; Nam hoc 2004 — 2005; Ngay thi

02.07.2004.

Trong mit phang v&i hé toa dd Oxy, O 1a gbc toa do, cho parabol (P):y=x"va dudng thang chtra tham s6

codang d:y=(k+1)x—kvéi k 1a tham sb thuc.

1.
2.
3.

hd

Tim toa do giao diém cua parabol (P) vo1 dudng thang d v6i k =5.
Tim k d¢ parabol (P) cat duong thang d tai diém co6 hoanh d6 bang 5.
Tim gié tri cua tham so & dé duong thang d théa man

a)
b)
c)
d)
e)
f)

Cit truc hoanh tai diém c6 hoanh dd 1én hon 2.

Song song v6i dudng thang y = (5k—2)x+4k".

Cit hai truc toa do Ox, Oy lan luot tai U, ¥ sao cho OU = 30V.
Tao vé&i hai truc toa do mdt tam giac cé dién tich bang 1,6.
Cach goc toa do O mdt khoang 16n nhat.

Cit duong thang y=3x—1tai diém L (x;y) sao cho bicu thirc D =x*—7x* +x+y+30dat gia

tri nho nhét.

Tim toa do diém J (x;y) thudc parabol (P) co tung do gap hal 14n hoanh do.

Viét phuong trinh duong thang di qua diém S (3;25) va cit parabol (P) theo diy cung PO sao cho S

1a trung diém cua day cung PQ.

Xét diém A thudc parabol (P) c6 hoanh do bang —/13. Tim toa do diém B thudc parabol (P) sao

cho tam giac 4OB vudng tai B.

Xét diém C thudc parabol (P) c6 hoanh do bang — 4. Tim toa d6 diém D thudc parabol (P) sao cho

tam giac COD vudng tai O.
Xét diém H thudc nhanh trai ctia parabol (P), H c6 tung do bang 36.

a)
b)

Tim toa do trung dlem I ctia doan thang OH.

Tim toa do diém K nam trén parabol (P) sao cho tam giac OHK nhan K7 1a phan giac trong

cua goc OKH .

9. Chirng minh rang parabol (P) va duong thang d véi moi gia tri cua tham s .
10. Trong trudng hop dudng thang d cit parabol (P) tai hai diem M (x,;33,), N (x,57,).

a)
b)

c)
d)
e)
f)

g)
h)
i)
J)
k)

Tim k dé M va N déu nam trong goc phan tu thir nhat.

Tim k thoa man dang thirc x, +x, +1=
XXy

Tim k dé tung d6 diém nay hon tung d6 diém kia 1 don vi.
Tim £ sao cho l+i: J3.

X X
Hay tinh k dé 4 = x,x? + x,x* + 2005 dat gia tri nho nhat. Tim gia tri nho nhat dé.
Tim kdé 2+ =4,
X X

Tim gié tri ciia k dé y, = |2x, -1].
Timkdé T =y, + y, +4y,y, + x, + x, dat gia tri nho nhat.
Tim k sao cho x} +(k+1)x, +k=x;.

Tim gia tri ctia k dé biéu thirc S = x? +2x2 +3x, + 4x,dat gid tri nho nhét.

Tén tai hay khong gia tri cia k dé hai hoanh do déu ndm ngoai khoang (3;%— 3) ?
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Bai toan 101. Chuyén thé, mé rong va phat trién cdu cau 3; D¢ thi tuyén sinh 16p 10 THPT; Mon Toén;
be thi du bi; Dot 1; S6 Gido duc va Pao tao Tinh Bac Giang; Nam hoc 2004 — 2005; Ngay thi 01.07.2004.
Trong mit phang v6i hé toa dd Oxy, O 1a gbe toa do, cho parabol (P):y=x"va dudng thang chtra tham s6

cb dang d:y=2mx—m*+m—3; vi m 1a tham sb thyc.

1.

S kW

Tim gia tri cua tham sd m dé dudng thang d thoa man diéu kién
a) Diqua di€m 4 thu¢c (P), 4 c6 hoanh d¢ bang 3.
b) Song song vdi dudong phan gidc gdc phan tu thlr nhat.
¢) Vuédng goc v6i dudng thang y = 4x —%.

d) Te,}o vO1 hai truc toa do mdt tam giac vuong can.
e) Cat truc tung tai di€ém co tung do 16n hon — 3.
f) Cat duong thang y=5x—6tai diém B (x;y) sao cho biéu thic §=x*+7x—y+10dat gia tri
nho nhat. Tim gia tri nho nhat do. 9 w
Duong thang y =4x+5cat parabol (P) tai hai diém phan biét P, Q0. Tim toa d¢ diém R thudc cung
parabol nho @sao cho tam giac POR c6 dién tich 16n nhat.
Tim dudng thang di qua diém (1;-8) va tiép xtic véi parabol (P). Tim toa d6 tiép diém.
Tim toa do hai di€m E, F trén parabol (P) sao cho E va F' do6i xting nhau qua di€ém (4;10).
Tim toa do diém P (x;y) trén parabol (P) sao cho /3y +3x +/x—y =2x+1.
Xét diém C thudc parabol (P) co hoanh do bang —2+/5 . Tim toa d6 diém D thudc parabol (P) sao
cho tam giac COD vuong tai D.

7. Tim toa dd cic giao diém ciia parabol (P) véi dudng cong (C):y=x"+2x* +7x -9,
8. Xét hai diém H va K thudc parabol (P), H va K c6 hoanh dg lan luot 13— 10 va 0,1. Tim toa do diém

T thudc tryc tung sao cho bon diém H, K, T, O cung thuéc mot duong tron.

Trong truong hop duong thing d cit parabol (P) tai hai diém M (x,;,),N(x,;,).
a) Timm dé M va N trung nhau. .
b) Ching minh rang hai diém M va N ludén nam trén cung mét nhanh cua (P).
c¢) Tim gia tri m sao cho 3(x, +x,)=xx, +3m.

d) Tim m dé mot trong hai hoanh do giao diém bang 1.

e) Tim m sao cho L+i§g.
x x, 3
1 6

f) Tim m dé

+ =—.
x+2 x,+2 11

g) Tim m thoa man x; +2mx, +m* —m+3=4m’.

h) Khi nio thi M va N nam khéc phia ddi v6i duong thang x=2.
1) Tim m sao cho x, >x,>2.

j) Tim tat ca gi tri m dé hi¢u hai hoanh d6 bang 2m.

k) Timm dé x +/x, =2.

1) Biéu thitc S =x?+x?—10m+1dat gia tri nho nhat.

m) Tim gié tri m dé y, +y, =4xx, +3(x +x,).

n) Tim m sao cho bicu thirc 4=(2x, —1)x, +(2x, —1)x,dat gi4 trj nho nhat.

0) Véi gié tri nao ctia m thi \|x? +2mx, +m* —m+3 =|m—9| ?
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+———————
=

Khéng giam tinh tong quat, xét (P) nam phia trén tryc hoanh.
Puong thang di qua M (a;b),b >0 song song vdi Ox cat truc Oy tai N (0;b), cdt parabol (P) tai A(J_r\/z ;b) .

Néu M nam trong long parabol (P) thi MN < AN =|d| < ‘\/Z ‘ = a4’ <b. Diéu nguoc lai 1a dung.
Néu M nam phia ngoai parabol (P) thi MN > AN = |a| > ‘\/3 ‘ = a* > b. Diéu nguoc lai 13 ding.

Két luan : x*> < y <M nam trong long (P) va x* > y < M nam phia ngoai (P).
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III. MOT SO TAI LIEU THAM KHAO

1.

2.

3.

10.

11.

12.

13.

14.

15.

16.

17.

18.

19.

20.

21.

22.

Bai tdp ning cao va mét sé chuyén dé todn 8.
Bui Van Tuyén; NXB Gido dyc Viét Nam; 2004.
Bii tdp ning cao va mot sé chuyén dé todn 9.
Bui Van Tuyén; NXB Gido duc Viét Nam; 2005.
Ning cao va phdt trién todn 8, tip 1 — tip 2.
Vi Hiru Binh; NXB Giao duc Viét Nam; 2004.
Ning cao va phdt trién todn 9, tip 1 — tip 2.
Vi Hiru Binh; NXB Giao duc Viét Nam; 2005.
Todn ning cao Pai so 10.
Nguyén Huy Poan; NXB Gi4o duc Viét Nam; 1999.

. Bai tdp nang cao va mét so chuyén deé Dai so 10.

Nguyén Huy Poan; Pang Hung Thing; NXB Gido duc Viét Nam; 2006.
Tai liéu chuyén todn: Pai sé 10 — Bai tdp Dai so 10.
Poan Quynh — Dodn Minh Cudng — Tran Nam Diing
— Piang Hung Thing; NXB Gido dyc Viét Nam; 2010.
Mt 56 chuyén dé Pai sé boi dwing hoc sinh giéi THPT.
Nguyén Vin Méu — Nguyén Vin Tién va
mot sb tac gia; NXB Gido duc Viét Nam; 2009.
T uyén tdp cdc bai toan hay va kho Dai 6 9.
Nguyén Puc Tan — Pang Dtic Trong — Nguyén Cao Huynh
— Vi Minh Nghia — Bui Ruy Tan — Luong Anh Van; NXB Giao duc Vi¢t Nam; 2002.
Mt so phwong phap chon loc gidi cdc bai todn so cdp, tip 1 - tap 3.
Phan Dtrc Chinh — Pham Vian Diéu — B4 Vin Ha — Pham Vin Hap
— Pham Vin Hung — Pham Ding Long — Nguyén Vin Mau
—Pd Thanh Son — Lé Dinh Thinh; NXB Pai hoc Quéc gia Ha No6i; 1997.
Bi gidng chuyén sau Todn THPT: Gidii todn Pgi sé 10.
Lé Hong Pic — Nhém Cy Mon; NXB Ha Nbi; 2011.
Phwong phdp gidi phwong trinh va bit phwong trinh.
Nguyén Van Mau; NXB Giao duc Viét Nam; 1994,
Todn boi dwiéng hoc sinh pho thong trung hoc — quyén 1; Pai sé.
Han Lién Hai — Phan Huy Khai — Pao Ngoc Nam — Nguyén Pao Phuong
— Lé Tét Ton — Pang Quan Vién; NXB Ha Noi; 1991.
Phuwong trinh va hé phwong trinh khong mau muc.
Nguyén Dtrc Tan — Phan Ngoc Thao; NXB Gido duc Viét Nam; 1996.
Chuyén dé boi dwong Todn cip ba; Dai so.
Nguyén Sinh Nguyén; NXB Da Ning; 1997.
Gidi todn Pai s6 so cdp (Diing cho hoc sinh 12 chuyén, luyén thi dai hoc).
Tran Thanh Minh — Vii Thién Can — V& Anh Diing; NXB Gido duc Vi¢t Nam; 1995.
Nhitng dang todn dién hinh trong cdc ky thi tuyén sinh Pai hoc va Cao ding; Tap 1;2;3;4.
Bui Quang Truong; NXB Ha Ngi; 2002.
On luyén thi mén Todn THPT theo chii dé; Tap mot: Dai so va lwong gidc.
Cung Thé Anh; NXB Gido duc Viét Nam; 2011.
Phwong phap gidi toan trong tam.
Phan Huy Khai; NXB Dai hoc Su pham; 2011.
Cac bai giang luyén thi mén Todan; Tap 2.
Ptic Chinh — Vit Duong Thuy — Pao Tam — Lé Thong Nhat; NXB Gido duc Viét Nam; 1993.
500 Bai todn chon loc Pai sé - Hinh hoc 10.
Lé Hoanh Pho; NXB Pai hoc Qudc gia Ha No6i; 2012.
Tam thirc bdc hai va wng dung.
Leé Si Déng — Lé Minh Tam; NXB Giao duc Viét Nam; 2003.
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23.

24.

25.

26.

27.

28.

29.

30.

31.

32.

33.

34.

35.

36.

37.

38.

39.

40.

41.

42.

43.
44.
45.
46.
47.

Chuyén dé Bit ding thivc va irng dung trong dai sé.
Nguyén Pirc Tan; NXB Gido duc Viét nam; 2003.
23 Chuyén dé giai 1001 bai todn so cdp ; Quyén 1.
Nguyén Vian Vinh — Nguyén Dtrc Dong
va mot sb déng nghiép (NKTH); NXB Gido duc Viét Nam; 2002.
Phuwong phdp gidi todn bt ding thirc va cuec tri.
Nguyén Vin Diing — V& Qudc Ba Can — Tran Quéc Anh; NXB PHQG Ha Noi; 2011.
Cic bai gidng vé bit dc;ng thirc Cauchy.
Nguyén Vil Luong — Pham Vian Hung — Nguyen Ngoc Thing; NXB PHQG Ha Nbi; 2008.
Cim nang luyén thi Pai hoc Ung dung ham soé Gidi todn Pai sé va Gidi tich.
Huynh Nguyén Luan Luu — Nguyén Thi Duy An; NXB DPHQG Ha Néi ;2014.
Tw duy logic tim toi loi giai Hé phwong trinh.
Mai Xuan Vinh — Pham Kim Chung — Pham Chi Tuéan
—bao Van Chung — Duong Van Son ; NXB BPHQG Ha Noi; 2015.
Boi dwing hoc sinh gidi todn Trung hoc co 56, Pai sé.
Nguyén Thi Thanh Thay — Pham Minh Phuong
— Tran Vian Tan; NXB Gido duc Viét Nam; 2014.
9 Chuyén dé Pai 56 T rung hoc co’ so.
Vi Hitu Binh; NXB Gido duc Viét Nam; 2014.
Todn ning cao Pai sé va Gidi tich 12.
Nguyén Xuan Liém — Hoang Chinh Bao ; NXB Gio duc Viét Nam ; 1999.
15 chii dé thuwong gap trong cdc ky thi THCS va tuyén sinh lop 10 ; Mon Todn.
Nguyén Dtrc Hoang — Nguyén Son Ha ; NXB Dai hoc Su pham ; 2009.
H¢ phwong trinh va phwong trinh chira can thirc.
Nguyén Vii Lwong — Pham Vin Hing — Nguyén Ngoc Thiang; NXB DPHQG Ha Nbi; 2006.
Tam thirc bdc hai va wng dung.
Leé Si Déng — Lé Minh Tam; NXB Giao duc Viét Nam; 2003.
Khai thdc va phdt trién mot sé bai todn T rung hoc co'so'; Tap 1, 2.
Nguyén Tam Son — Pham Thi Lé Hﬁng ; NXB Giao duc Viét Nam ; 2012.
Chuyén dé Bit ding thivc va itng dung trong Pai sé.
Nguyén Btrc Tan; NXB Gido duc Viét Nam; 2003.
Dé thi tuyén sinh vio I6p 10 Mén Todn.
Ha Nghia Anh — Nguyén Thay Mui — Huynh Ky Tranh;
NXB Pai hoc Qubc gia Ha Noi ; 2006
On thi vao I6p 10 THPT Chuyén; Mén Todn.
Doan Minh Cuong — Trinh Hoai Duong
— Tran Van Khai — D3 Thanh Son; NXB Gido duc Viét Nam; 2013.
Tai liéu hwong dén én thi vao l1ép 10 Mén Todn.
Pham Van Thao (chu bién) ; NXB Dai hoc Quéc gia Ha No6i; 2013.
On tip thi vao lop 10 ; Mén Todn.
Phan Doan Thoai — Trinh Thuy Héng — Lai Thi Thanh Huong
— Mai Cong Man — Hoang Xuan Vinh; NXB Gido duc Viét Nam ; 2008.
On thi vao I6p 10; Mén Todn (Danh cho hoc sinh tinh Thdi Binh).
Duong Van Thanh; NXB Dai hoc Quéc gia Ha No6i; 2012.
Tai liéu chuyén toan THCS; Todan 9; Tdp 1: Dai $6.
Vi Hitu Binh — Pham Thi Bach Ngoc — BPam Van Nhi; NXB Gido duc Viét Nam; 2012.
Dé thi tuyén sinh vao I6p 10 hé THPT Chuyén truc thujc dai hoc va THPT Chuyén cdc tinh thanh.
Dé thi tuyén sinh vao lop 10 h¢ THPT hé dai tra cdac dia phwong trén toan quéc.
Dé thi hoc sinh giéi mén todn khéi 8 dén khoi 12 cdc cip.
Dé thi tuyén sinh Dai hoc — Cao ding mén Todn (chinh thirc — dw bi) qua cdc thoi ky.
Dé thi Olympic 30 thang 4 Todn hoc khéi 10, khéi 11 cdc tinh mién Trung va Nam bé (1995 — 2013).
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48. Cdc tap chi todn hoc: Tap chi Toan hoc va tudi tré; Tap chi Toan tudi tho 2 THCS; Tap chi Kvant...

49. Cdc dién dan todn hgc: Boxmath.vn; Math.net.vn; Mathscope.org; Onluyentoan.vn; Diendantoanhoc.net;
Math.net.vn; K2pi.net; Mathlink.ro;...

50. Mt so trang mang hoc tip thong qua facebook; twiter;...

=

——————————

Khéng giam tinh tong quat, xét (P) nam phia trén tryc hoanh.
Puong thang di qua M (a;b),b >0 song song vdi Ox cat truc Oy tai N (0;b), cdt parabol (P) tai A(J_r\/z ;b) .

Néu M nam trong long parabol (P) thi MN < AN =|d| < ‘\/Z ‘ = a4’ <b. Piéu nguoc lai 1a dung.
Néu M nam phia ngoai parabol (P) thi MN > AN = |a| > ‘\/3 ‘ = a* > b. Biéu nguoc lai 13 ding.

Két luan : x* < y <M nam trong long (P) va x* > y < M nam phia ngoai (P).
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THAN THE TAI NGUC TRUNG
TINH THAN TAI NGUC NGOAI
DUC THANH PAI SU NGHIEP
TINH THAN CANH YEU PAI
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